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a Z American Civil Engineers’ Handbook 

PREFACE TO FIFTH EDITION 
Tuts edition closely follows the plan and the scope of the first four editions 

of which the late Mansfield Merriman was Editor-in-Chief. The present 
edition has been thoroughly revised and brought up to date. Much new 
matter has been added, many new cuts have been included and the entire 
work has been reset. Compared with the Fourth Edition the number of 
pages has been increased from 1995 to 2263. The large size of the book has 
suggested offering this edition both under one cover and under two. In 
two volumes it will-serve the conveniefice of engineers who travel and those 
engaged in field work. The order of the sections has been changed to provide 
a more logical arrangement; the first eleven sections present general principles 
and materials, the second eleven sections treat of principles, design and appli- 
cations in the several fields comprised under civil engineering. This order 
facilitates the use of the two-volume set. The complete index is included in 
each of the two separate parts. 

Thos. H. Wiggin as Associate Editor-in-Chief has supervised the bringing 
out of this edition. His generalship during three years of continuous effort 
is reflected in the completed work. The editorial staff has been changed by 
the withdrawal of Ira O. Baker (deceased), Louis Fischer (deceased), 
Arthur H. Blanchard and Frederick E. Turneaure, whose places have been 

: filled by Walter J. Douglas, Wilmer Souder, John S. Crandell and Arthur G. 
Hayden, respectively, and by the addition of Harrison P. Eddy and Charles J. 
McCarthy. George A. Goodenough died in 1929, after his section had been 
completed by him. The index has been prepared by Arthur R. Holbrook, a 
designing and constructing engineer of long experience on large engineering 
works. The Publisher and the Printer have spared no effort toward keeping 
the book up to its former high quality. 

The Fifth Edition is believed to contain the latest accepted thought in the 
field of civil engineering theory and practice and to be, as heretofore, an 
authoritative work of reference. THADDEUS MERRIMAN 

New York, March, 1930. 

PREFACE TO FIRST EDITION 
In November of 1908 the undersigned laid out a rough plan for the contents 

of a new Civil Engineers’ Pocket Book and invited several highly qualified 
men to act as Associate Editors. In January of 1909 preliminary outlines of 

each of the sections were arranged by correspondence. In April of 1909 these 
outlines were perfected, and a preliminary table of contents of the entire book 
was sent to each editor together with instructions relating to the plan of treat- 
ment, the details of arrangement and typography, and the preparation of 

- manuscript and drawings. In September of 1909 the first copy was sent to 
the engraver and printer. Now, after more than two years of arduous work 
in corresponding, compiling, writing, editing, proof reading, and indexing, the 
plates are about to be put on the press. 

The Editor-in-Chief is responsible for the division of the book into sections 
and, in most cases, for the arrangement of chapters and articles. To every 
sheet of manuscript, every drawing, every galley proof and every page of type 
and plate proof he has given careful attention. He and the printer are respon- 
sible for the typography of the volume. 

Each Associate Editor is responsible for the subject-matter of his section 

and has read and corrected the page proofs of it. Thanks are due to each 
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and all for hearty cooperation and cheerful compliance with the instructions 
and wishes of the Editor-in-Chief. 

From the instructions issued to Associate Editors in April of 1909 the fol- 
lowing sentences are cited as explanatory of the plan of this volume: 

Pocket books are consulted by engineers because facts, formulas, tables, and 
methods can be found more quickly than by referring to textbooks or treatises. 
A pocket book must be prepared from this point of view. It should cover the 
ground with great conciseness and clearness, and be thoroughly up to date. 

The work is to be on a higher plane than former American Pocket Books. While 
Taschenbuch Hiitte may generally be taken as a model regarding the presentation 
of mathematical matter, it is certain that this mew Pocket Book should be very 
much better in respect to practical subjects. The reader is supposed to have a 
good knowledge of elementary mathematics, so that it is unnecessary to express 

formulas in words. 
Demonstrations are not required, but methods which cannot be expressed by 

formulas should be clearly explained and usually be illustrated by numerical exam- 
ples. Logical order is not so important as in textbooks, and there should be no 
hesitation in deviating from it when deemed desirable. This is a reference book 
only. . 

The fundamental principles to be kept in mind in preparing the copy are these: 
(1) Select those topics to which civil engineers desire to refer. (2) Condense the 
matter so that the greatest amount may be put in the assigned space and at the 
same time be clearly presented. (3) This Civil Engineers’ Pocket Book must be 
better and fuller than any heretofore published in the English language. 

The thirteen sections of the book contain 75 chapters, 620 articles, 495 
tables, and 944 numbered figures which are equivalent to about 1200 ordinary 
cuts, since in many cases several similar figures are grouped together. The 
number of tables is so large that it is impracticable to mention them in the 
table of contents, for the mere list of their titles would occupy over eight pages 
of fine type, but references to all will be found in the index. Sections 2 to 
11 inclusive deal with civil engineering proper, while Section 1 gives tables 
for approximate mathematical computations and Sections 12 and 13 treat of 
mathematics, mechanics, physics, meteorology, and weights and measures. 
These thirteen sections fill 1314 pages, and they are followed by a detailed 
alphabetic index which occupies 66 pages. 

Regarding typography it has been the aim to render this Pocket Book more 
legible and artistic than any heretofore published. The page is longer and 
wider than usual, all type is leaded, there are no tables reading lengthwise 
of the page, and there are no short pages except at the beginning and end of a 
section. The effort has been made to economize space at every step where 
this did not conflict with the rules of good typography. 

It is not claimed that this first edition is perfect. There are some duplica- 
tions in minor topics and a few have been overlooked, while full unity of 
treatment has not been secured. Completeness, unity, and perfect accuracy 
are difficult of attainment in a first edition, and it can only here be affirmed 
that earnest efforts have been made to secure these desirable qualities. It is 
believed, moreover, that all whose names appear on the title-page have a pride 
in their connection with the volume and feel that it is a contribution to engi- 
neering literature which will promote sound engineering practise. 

In conclusion it seems advisable to call the attention of readers of this book 
to the words of caution written by John B. Henck in 1854: “It may be 
remarked that it was no part of the purpose of this volume to furnish a collec- 
tion of mere rules, professing to require only an ability to read for their suc- 
cessful application. Rules can seldom be safely applied without a clear 
understanding of the principles on which they rest.” 

New York, December, 1910. MANSFIELD MERRIMAN 
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Explanation on p. 37 

Logarithmic Tables Sect. 1 

1. Common Logarithms 

0 1 2 3 4 5 6 7 8 9 
gO Se eee 

00000] 00432 02119} 02531] 02938] 03342) 03743 

04139) 04532 06070| 06446] 06819) 07188] 07555 

07918] 08279 09691} 10037] 10380] 10721] 11059 

11394] 11727 13033] 13354| 13672| 13988] 14301 

14613] 14922 16137| 16435] 16732| 17026) 17319 

as 17898 19033] 19312) 19590| 19866] 20140 
20412} 20683 21748} 22011} 22272) 22531] 22789 
23045) 23300 24304) 24551] 24797] 25042] 25285 
25527| 25768 26717| 26951| 27184| 27416] 27646 
27875] 28103 29003}. 29226| 29447| 29667| 29885 

30103} 30320 31175 32015 
32222] 32428 33244 34044 
34242| 34439 35218 35984 
36173] 36361 37107 37840 
38021} 38202 38917 39620 

39794| 39967 40654) 41330 
41497) 41664 42325 42975 
43136] 43297 43933 44560 
44716] 44871 45484 46090 
46240) 46389 46982 47567 

47712! 47857 48430 48996 
49136| 49276 49831 50379 
50515] 50651 51188 51720 
51851] 51983 52504 53020 
53148] 53275 53782 54283 

54407| 54531) 55023 55509 
55630| 55751 56229 56703 
56820] 56937 57403 57864 
57978] 58092 58546 58995 
59106] 59218 59660 60097 

60206] 60314 60746 61172 
61278] 61384 61805 62221 
62325] 62428 62839 63246 
63347] 63448 63849 64246 
64345] 64444 64836 65225 

65321] 65418 65801 66181 
66276| 66370 66745 67117 
67210] 67302 67669 68034 
68124] 68215 68574 68931 
69020} 69108 69461) 69810 

69897| 69984] ° 70329 70672 
70757| 70842 71181 71517 
71600] 71684 72016 72346 
72428) 72509 72835 73159 | 
73239) 73320 73640 73957, 



Art. 1 Common Logarithms 

of Numbers from 000 to 999 
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2. Logarithms of Trigonometric Functions 

é Log Arc|/Log Sin/Log Tan/Log Sec|Log Csc/Log Cot/Log Cos 

° 

NNT NS] NI DSI DL NST NS] dS] by} mee Ce eet eae! 

° 

woaona uP WN 

essss ssess 
EREE RRVss 

RRL RL! RRL RL lel oo ooo oooco 

Le) ele) el Belle ooocoo 22.2.2.2 ococo°o x I aaIas 8 

RL ele lel el RL RL RL Rell ooose eeseo 

essss sseo9 Lo Nae eee Hat ae | Lon Neo (een Dae om | oooco oooco 

le sE 
ay I 
i T 
ie i 
Ts T oooco°o 

RL Lele el om leo Nea eet Rea | oososo s9ss9 ooocoeo 

ooo9 Ss9999 
(oon ae aoe aoe ee | (on Rom hom Den Doe} oooco 

esos -1582| 0.0152 
0.1505] 0.0000 te) el) RRL Reel oosoo 

Log Cos|Log Cot|Log Csc|Log Sec|Log Tan|Log Sin Log Arc} Angle 

Explanation on p. 37, 



Art. 3 Trigonometric Functions 13 

3. Natural Trigonometric Functions 

Angle} Arc Sin Tan Sec | Cosec Cot Cos 

1° | 0.0175} 0.0175} 0.0175] 1.0002] 57.299] 57.290] 0.9998] 1.5533] 39 
2 | 0.0349) 0.0349] 0.0349] 1.0006] 28.654] 28.636] 0.9994] 1.5359] 88 
3 | 0.0524) 0.0523) 0.0524] 1.0014] 19.107] 19.081] 0.9986] 1.5184] 37 
4 | 0.0698) 0.0698) 0.0699] 1.0024] 14.336] 14.301] 0.9976] 1.5010] 86 
5 0.0873) 0.0872; 0.0875} 1.0038} 11.474] 11.430] 0.9962} 1.4835] 85° 

6° | 0.1047! 0.1045) 0.1051] 1.0055] 9.5668] 9.5144] 0.9945 1.4661} 84 

7 | 0.1222] 0.1219} 0.1228] 1.0075| 8.2055] 8.1443] 0.9925] 1.4486] 83 
0.1396] 0.1392] 0.1405] 1.0098] 7.1853] 7.1154] 0.9903] 1.4312] 82 

9 | 0.1571] 0.1564] 0.1584] 1.0125] 6.3925] 6.3138] 0.9877] 1.4137] 81 
10 | 0.1745| 0.1736| 0.1763} 1.0154] 5.7588] 5.6713] 0.9848] 1.3963] 80° 

11° | 0.1920) 0.1908] 0.1944] 1.0187] 5.2408] 5.1446] 0.9816] 1.3788] 79 
12 | 0.2094] 0.2079] 0.2126] 1.0223| 4.8097] 4.7046] 0.9781] 1.3614] 78 
13 | 0 2269| 0.2250! 0.2309] 1.0263] 4.4454] 4.3315] 0.9744] 1.3439] 77 
14 | 0.2443) 0.2419] 0.2493] 1.0306] 4.1336] 4.0108] 0.9703] 1.3265] 76 
15 | 0.2618] 0.2588) 0.2679] 1.0353] 3.8637| 3.7321] 0.9659] 1.3090] 75° 

16° | 0.2793) 0.2756] 0.2867] 1.0403] 3.6280] 3.4874] 0.9613] 1.2915] 74 
17 | 0.2967] 0.2924) 0.3057] 1.0457] 3.4203] 3.2709] 0.9563] 1.2741] 73 
18 | 0.3142] 0.3090] 0.3249] 1.0515] 3.2361] 3.0777] 0.9511] 1.2566] 72 
19 | 0.3316] 0.3256] 0.3443] 1.0576] 3.0716] 2.9042] 0.9455] 1.2392] 71 
20 0.3491) 0.3420} 0.3640] 1.0642] 2.9238] 2.7475) 0.9397] 1.2217] 70° 

21° | 0.3665] 0.3584] 0.3839] 1.0711] 2.7904] 2.6051] 0.9336] 1.2043] 69 
22 | 0.3840) 0.3746] 0.4040] 1.0785] 2.6695] 2.4751] 0.9272] 1.1868] 68 
23 | 0.4014) 0.3907] 0.4245] 1.0864] 2.5593] 2.3559] 0.9205] 1.1694] 67 
24 | 0.4189] 0.4067] 0.4452] 1.0946] 2.4586] 2.2460] 0.9135] 1.1519] 66 
25 | 0.4363) 0.4226] 0.4663} 1.1034] 2.3662] 2.1445] 0.9063] 1.1345] 65° 

26° | 0.4538] 0.4384) 0.4877] 1.1126] 2.2812] 2.0503] 0.8988] 1.1170] 64 
27 | 0.4712] 0.4540| 0.5095] 1.1223] 2.2027] 1.9626] 0.8910] 1.0996] 63 
28 | 0.4887) 0.4695] 0.5317] 1.1326] 2.1301] 1.8807] 0.8829] 1.0821] 62 
29 | 0.5061] 0.4848] 0.5543] 1.1434] 2.0627] 1.8040] 0.8746] 1.0647] 61 
30 0.5236) 0.5000) 0.5774| 1.1547} 2.0000] 1.7321] 0.8660) 1.0472} 60° 

31° | 0.5411] 0.5150] 0.6009] 1.1666] 1.9416] 1.6643] 0.8572] 1.0297] 59 
32 | 0.5585] 0.5299] 0.6249] 1.1792] 1.8871] 1.6003) 0.8480] 1.0123] 58 
33 | 0.5760] 0.5446] 0.6494] 1.1924] 1.8361] 1.5399] 0.8387| 0.9948] 57 
34 | 0.5934} 0.5592] 0.6745| 1.2062] 1.7883] 1.4826] 0.8290] 0.9774] 56 
35 | 0.6109] 0.5736) 0.7002] 1.2208] 1.7434] 1.4281] 0.8192] 0.9599] 55° 

36° | 0.6283] 0.5878] 0.7265| 1.2361] 1.7013] 1.3764] 0.8090] 0.9425] 54 
37. | 0.6458] 0.6018| 0.7536| 1.2521] 1.6616] 1.3270] 0.7986] 0.9250] 53 
38 | 0.6632| 0.6157| 0.7813] 1.2690] 1.6243| 1.2799] 0.7880] 0.9076] 52 
39 | 0.6807| 0.6293] 0.8098] 1.2868) 1.5890] 1.2349] 0.7771] 0.8901] 51 
40 | 0.6981] 0.6428] 0.8391], 1.3054] 1.5557] 1.1918] 0.7660] 0.8727} 50° 

41° | 0.7156] 0.6561] 0.8693} 1.3250} 1.5243] 1.1504) 0.7547] 0.8552) 49 
42 | 0.7330] 0.6691] 0.9004] 1.3456] 1.4945] 1.1106] 0.7431] 0.8378] 48 
43 | 0.7505| 0.6820] 0.9325] 1.3673] 1.4663] 1.0724] 0.7314] 0.8203] 47 
44. | 0.7679] 0.6947] 0.9657] 1.3902] 1.4396] 1.0355] 0.7193] 0.8029] 46 
45 0.7854| 0.7071} 1.0000] 1.4142] 1.4142] 1.0000} 0.7071] 0.7854) 45° 

Explanation on p. 38 
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4. Reciprocals 
Explanation on p. 38 

0 10 /|10.000) 9.901) 9.804] 9.709] 9.615; 9.524) 9.434) 9.346] 9.259) 9.174 
0.11 9.091) 9.009] 8.929] 8.850) 8.772) 8.696] 8.621} 8.547) 8.475) 8.403 
0.12 8.333} 8.264) 8.197] 8.130) 8.065) 8.000) 7.937] 7.874] 7.813) 7.752 
0.13 7.692} 7.634] 7.576] 7.519) 7.463) 7.407] 7.353) 7.299] 7.246) 7.194 
0.14 7.143) 7.092] 7.042] 6.993) 6.944] 6.897} 6.849) 6.803] 6.757) 6.711 

0.15 6.667] 6.623) 6.579] 6.536) 6.494) 6.452) 6.410) 6.369] 6.329) 6.289 
0.16 6.250) 6.211] 6.173) 6.135) 6.098) 6.061] 6.024) 5.988) 5.952) 5.917 
0.17 5.882} 5.848) 5.814) 5.780) 5.747) 5.714) 5.682) 5.650} 5.618) 5.587 
0.18 5.556] 5.525] 5.495] 5.464] 5.435) 5.405] 5.376] 5.348 5.319 5.291 
0.19 5.263} 5,236) 5.208} 5.181} 5.155) 5.128] 5.102] 5.076) 5.051) 5.025 

0.20 5.000; 4.975) 4.950} 4.926) 4.902] 4.878) 4.854) 4.831] 4.808) 4.785 
0.21 4.762} 4.739) 4.717) 4.695) 4.673) 4.651] 4.630] 4.608] 4 587, 4.566 
0.22 4.545) 4.525) 4.505) 4.484) 4.464) 4.444) 4.425) 4.405] 4.386 4.367 
0.23 4.348) 4.329) 4.310) 4.292) 4.274] 4.255] 4.237] 4.219] 4.202) 4.184 
0.24 4.167) 4,149) 4.132] 4.115) 4.098) 4.082] 4.065) 4.049] 4.032) 4.016 

0.25 4.000} 3.984) 3.968) 3.953) 3.937} 3.922] 3.906) 3.891] 3.876) 3.861 
0.26 3.846) 3.831) 3.817] 3.802) 3.788) 3.774] 3.759] 3.745] 3.731] 3.717 
0.27 3.704) 3.690) 3.676! 3.663) 3.650) 3.636) 3.623) 3.610] 3.597) 3.584 
0.28 3.571) 3.559) 3.546] 3.534) 3.521] 3.509] 3.497] 3.484] 3.472! 3.460 
0.29 3.448) 3.436) 3.425) 3.413) 3.401} 3.390) 3.378) 3.367] 3.356) 3.344 

0.30 3.333) 3,322} 3.311) 3.300) 3.289} 3.279] 3.268] 3.257] 3.247) 3.236 
0.31 3.226] 3,215) 3.205} 3.195] 3.185} 3.175] 3.165] 3.155] 3 145) 3.135 
0.32 3.125} 3.115) 3.106] 3.096) 3.086) 3.077} 3.067) 3.058] 3.049) 3.040 
0.33 3.030} 3.021) 3.012] 3.003) 2.994) 2.985} 2.976) 2.967] 2.959) 2.950 
0.34 2.941] 2.933) 2.924) 2.915) 2.907] 2.899] 2.890] 2.882] 2.874) 2.865 

0.35 2.857) 2.849) 2.841] 2.833] 2.825] 2.817] 2.809] 2.801] 2-793) 2.786 
0.36 2.778) 2.770) 2.762) 2.755] 2.747] 2.740] 2.732) 2.725] 2.717] 2.710 
0.37 2.703) 2.695) 2.688} 2.681] 2.674] 2.667] 2.660] 2.653] 2.646] 2.639 
0.38 2.632) 2.625} 2.618] 2.611] 2.604) 2.597] 2.591] 2.584] 2.577) 2.571 
0.39 2.564) 2.558) 2,551) 2.545) 2.538] 2.532] 2.525] 2.519] 2.513] 2.506 

0.40 2.500) 2.494) 2.488] 2.481) 2.475] 2.469] 2.463] 2.457] 2.451! 2.445 
0.41 2.439) 2.433) 2.427] 2.421] 2.415) 2.410] 2.404] 2.398] 2.392] 2.387 
0.42 2.381)-2.375| 2.370] 2.364] 2.358] 2.353] 2.347] 2.342] 2.336] 2.331 
0.43 2.326] 2.320) 2.315] 2.309) 2.304! 2.299] 2.294] 2.288] 2.283) 2.278 
0.44 2.273),2.268) 2.262) 2.257] 2.252] 2.247) 2.242] 2.237] 2.232] 2.227 

0.45 2.222) 2.217) 2.212] 2.208] 2.203] 2.198] 2.193] 2.188] 2.183] 2.179 
0.46 2.174) 2.169] 2.165] 2.160) 2.155} 2.151] 2.146] 2.141] 2.137] 2.132 
0.47 2.128) 2.123) 2.119] 2.114) 2.110] 2.105] 2.101] 2.096] 2.092] 2.088 
0.48 2.083} 2.079) 2.075] 2.070} 2.066) 2.062] 2.058] 2.053] 2.049! 2.045 
0.49 2.041) 2.037) 2.033] 2.028] 2.024] 2.020] 2.016] 2.012] 2.008] 2.004 

0.50 2.000} 1.996) 1,992) 1.988] 1.984) 1.980] 1.976] 1.972] 1.969] 1.965 
0.51 1,961) 1.957} 1.953] 1.949] 1.946) 1.942] 1.938] 1.934] 1,931] 1.927 
0.52 1.923} 1.919) 1.916] 1.912] 1.908} 1.905] 1.901] 1.898] 1.804) 1 890 
0.53 1,887) 1.883] 1.880] 1.876] 1.873] 1.869] 1.866] 1.862] 1.8590 1 855. 
0.54 1.852) 1.848) 1.845] 1.842) 1.838] 1.835! 1.832] 1.828] 1.825 1.821 

i=] o _ nN w ns ou a x oo © 
flee 



Art. 4 Reciprocals 1d. 

of Numbers 

6 o - N w >» un a a1 a © 

. 795) 1.792) 1.789 
- 764) 1.761) 1.757 

1,727 
- 704] 1.701) 1.698 
-675) 1.672) 1.669 od 
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~ on e ~ rs oo 

mee 

~ as al _ ~ rs i) Lal ~ w Ko) — ~ w n 

ee es 

~ w w —_ ~ w oS 

-647| 1.645) 1.642 
-621) 1.618) 1.616 

} 1.590 
- 570}. 1.567) 1.565 
- 546} 1,543) 1.541 a 

n _ w 

RRR ee 

n = S i an So oO 

A A A 

loa] So n 

a QP Eh Oe \ 

an Oo wo i 8 i wn oO — 

a 

On ‘oO on _ on oO i) 

+522) 1.520) 1.517 
-499) 1.497) 1.495 
: 1.473 
-456) 1.453) 1.451 
-435| 1.433) 1.431 os 

i io} w 

meee 

ie ve] i=} » ‘ oo oo 

meee 

> Qo n 

PRR Ree 

is Go rs » cS co is _ > ~ Ke} 

ed 

— ~ ~s » > nx mn 

. 

SHIaAa FINAS SRQAR RBKRAS SHASS 

-414] 1.412} 1.410 
. 395) 1.393) 1.391 
. 1.372 
-357| 1.355) 1.353 
- 339} 1.337) 1.335 Pee ee 

w Qo ve} 

ee eee 

w co ~ w Go On 

meee 

w co w 

= et 

w oo rs m w x v=} ~ w x ~ 

a 

w a n i w x es 

.321] 1.319) 1.318 
. 304} 1.302) 1.300 
: 1,284 
.271| 1.269) 1.267 
. 255) 1.253) 1.252 BRR Re 

N oO ve} 

Be Ree 

N © ~— - [S) ‘© mn 

ae eRe 

dS © > 

RRR Re 

i) A) i) ~ iS} ve} So _ bdo co =) 

es 

nN foe} x me N co mn 

. 239) 1.238) 1.236 
. 224) 1.222) 1.221 
é 1.206 
.195) 1.193) 1.192 
.181) 1.179) 1.178 eRe eee 

NS i) i=) 

i 

me — ies] - Re _ ~ 

RRR ee 

R&S i" On 

RB RR Re 

BS i > a nN - Dd » Re a _ 

RmPRR Re 

i] So Ke) - i} f=) co 

.167| 1.166) 1.164 
+153) 1.152) 1.151 
; 1.138 
2127) 1.126) 1.125 
~115} 1.114) 1.112 

| eel ell cell cell ol 

L al is ‘o 

a 

m > co m ~ ~s 

PRR Re 

» > on 

PRR Re 

— cS cs — > Ww _ cs So 

eR Ree 

3 > S » _ w Ke} 

.103} 1.101) 1.100 
-091} 1.089) 1.088 

1.076 
.067| 1,066} 1.065 
.056| 1.055} 1.054 

| etl cee cool eel eed 

oO oo ~ 

ee 

So oe n _ i=) oo On 

eee 

i=] oo w 

PRR ee 

Oo co nN i . S co is a Oo co So 

RRR Re 

o 2 So — o x co 

1 1 1 1.045] 1.044) 1.043 

1 1. 1% 1.034] 1.033) 1.032 

1.031} 1.030] 1.029} 1.028) 1.027] 1.026] 1.025} 1.024] 1.022) 1.021 

1 1 1 1.013} 1.012) 1.011 

1 1 1 1.003) 1.002) 1.001 

0. 
oO. 
oO. 
oO. 
0. 

0. 
0. 
oO. 
oO. 
0. 

0. 
0. 
0. 
oO. 
0 

0. 
0. 
0. 
Oo. 
0. 

0. 
0. 
0. 
0. 
0. 

oO. 
0. 
0. 
0. 
0. 

0. 
0. 
0. 
oO. 
0. 

oO. 
0. 
0. 
0. 
0. 

0. 
0. 
0. 
0. 
Oo. SSLSR RESES SHLER REKKS 



16 Powers and Roots Sect, 1. 

5. Squares of Num- 
Explanation on p. 38 

B ° 

Spies 

NEO OMNIAN PwWNHO 

. 

Ree ee 

epee et ee ee AF aici Ege 

NNN 

2.3 
2.4 

2.15 
2.6 
2.7 
2.8 
2.9 

3.0 
3.1 
3.2 
3.3 
3.4 

3.5 
3.6 
3.7 
3.8 
3.9 

4.0 
4.1 
4.2 
4.3 
4.4 

4.5 
4.6 
4.7 
4.8 
4.9 

5.0 
5.1 
5.2 
5.3 
5.4 

B 



Arty5 

bers from 1.00 to 9.99 

Squares 

i=] °o i nN w 

AANA NATH 

HO CHONANH PWNHHO OHWNAUN 

we oO fot oO w oO oo iy w Ve} oO <4 > S 

2 BAPRP FRNA Sesee 

OS MMMMM MHHM 

OMDIAN PwWNHO omMnNaun hwWNeH OC omoNIAnN wm WH 

~ i) No on ~ i) ~ i) ~ i} On © ~ i} 

weeeo wove 

i=} So _ iS) w 



18 Powers and Roots Sect. 1 

6. Square Roots of 
Explanation on p. 38 

n 0 1 2 3 4 5 6 vi 8 9 

1.0 1.000} 1.005) 1.010) 1.015) 1.020) 1.025) 1.030] 1.034) 1.039 1.044 
1.1 1.049} 1.054} 1.058) 1.063} 1.068} 1.072) 1.077} 1.082] 1.086, 1.091 
1.2 1.095} 1.100} 1.105} 1.109} 1.114) 1.118) 1.122) 1.127) 1.131) 1.136 
1.3 1.140) 1.145} 1.149] 1.153) 1.158) 1.162) 1.166) 1.170] 1.175) 1.179 
1.4 1.183} 1.187} 1.192} 1.196) 1.200) 1.204) 1.208] 1.212] 1.217) 1.221 

| 

1.5 1.225} 1.229) 1.233) 1.237} 1.241) 1.245) 1.249] 1.253) 1.257)/1.261| 
1.6 1.265) 1.269) 1.273} 1.277) 1.281) 1.285) 1.288) 1.292] 1.296) 1.300! 
ie7, 1.304) 1.308) 1.311} 1.315} 1.319) 1.323) 1.327) 1.330) 1.334) 1.338) 
1.8 1.342| 1.345) 1.349} 1.353] 1.355) 1.360) 1.364) 1.367) 1.371) 1.375) 
1.9 1.378] 1.382] 1.386} 1.389) 1.393) 1.396) 1.400) 1.404| 1.407) 1.411 

2.0 1.414) 1.418) 1.421) 1.425) 1.428) 1.432) 1.435] 1.439) 1.442) 1.446 
2.1 1.449) 1.453) 1.456} 1.459) 1.463) 1.466) 1.470) 1.473) 1.476) 1.480 
2.2 1,483) 1.487) 1.490) 1.493) 1.497! 1.500) 1.503) 1.507} 1.510) 1.513 
2.3 1,517} 1.520) 1.523) 1.526} 1.530] 1.533] 1.536] 1.539] 1.543] 1.546 
2.4 1.549) 1.552) 1.556) 1.559} 1.562) 1.565) 1.568) 1.572] 1.575) 1.578 

2.5 1.581) 1.584) 1.587} 1.591) 1.594) 1.597) 1.600] 1.603) 1.606) 1.609 
2.6 1.612) 1.616) 1.619} 1.622] 1.625) 1.628) 1.631] 1.634] 1.637) 1.640 
2.7 1.643) 1.646) 1.649) 1.652) 1.655) 1.658] 1.661] 1.664] 1.667|-1.670 
2.8 1.673) 1.676) 1.679] 1.682) 1.685] 1.688] 1.691] 1.694] 1.697) 1.700) 
2.9 1.703) 1.706) 1.709) 1.712) 1.715} 1.718} 1.720) 1.723]-1.726) 1.729 

3.0 1.732} 1.735} 1.738] 1.741] 1.744) 1.746] 1.749) 1.752] 1.755] 1.758 
3.1 1.761) 1.764) 1.766) 1.769) 1.772] 1.775] 1.778] 1.780} 1.783) 1.786 
3.2 1.789] 1.792] 1.794] 1.797] 1.800} 1.803] 1.806) 1.808] 1.811] 1.814! 
3.3 1.817) 1.819) 1.822) 1.825) 1.828) 1.830) 1.833] 1.836] 1.838) 1.841 
3.4 1.844) 1.847) 1.849) 1.852) 1.855} 1.857| 1.860] 1.863] 1.865) 1.868 

3.5 1.871) 1.873] 1.876} 1.879) 1.881) 1.884] 1.887] 1.889] 1.892) 1.895] 
3.6 1.897) 1.900) 1.903) 1.905) 1.908} 1.910} 1.913] 1.916] 1.918) 1.921 
3.7 1,924) 1.926) 1.929} 1.931] 1.934) 1.936] 1.939] 1.942] 1.944) 1.947 
3.8 1.949) 1.952} 1.954) 1.957) 1.960) 1.962] 1.965] 1.967] 1.970) 1.972 
3.9 1.975) 1.977] 1.980) 1.982) 1.985) 1.987} 1.990] 1.992] 1.995) 12997 

4.0 
4.1 
4.2 
4.3 
4.4 

4.5 
4.6 
4.7 

- 4.8 
° 49 

5.0 
5.1 
5:2 
5.3 
5.4 

B 



Art. 6 Square Roots 

Numbers from 1.00 to 99.9 

a 

3. 
Ss. 
5. 
5. 
5 

6 
6 
6 
6 
6 

6 
6 
6 
6 
6 

fe 
if 
7. 
if 
7. 

if 
7 
7 
7 
7 

8 
8 

5 
6 
7 
8 
9 

-0 
pa! 
<2 
«3 
4 

5 
-6 
at 
8 
9 

0 
1 
2 
3 
4 

5 
6 
7 
8 
9 

0 
1 
2 
3 
4 

5 

8. 
8. 
8. 

8. 
8.6 
8.7 
8.8 
8.9 

9.0 
9.1 
9.2 
9.3 
9.4 

9.5 
9.6 
9.7 
9.8 
9 9 

0 1 2 3 4 5 6 if 8 9 Tce Saee T Gaey Tene ce es a Se 

2.345) 2.347) 2.349) 2.352) 2.354] 2.356] 2.358] 2.360 2.362) 2.364 
2.366} 2.369) 2.371] 2.373) 2.375] 2.377] 22379] 2.381 2.383) 2.385 
2.387) 2.390) 2.392) 2.394] 2.396] 2.398] 2.400] 2.402 2.404 2.406 
2.408) 2.410) 2.412) 2.415] 2.417] 2.419] 2.421] 2-423 2.425) 2.427 
2.429) 2.431 2.433) 2.435 2.437 2.439) 2.441) 2.443) 2.445) 2.447 

2.449) 2.452) 2.454) 2.456) 2.458] 2.460] 2.462] 2.464 2.466 2.468 
2.470} 2.472) 2.474) 2.476] 2.478] 2.480] 2.482] 2.484 2.486 2.488 
2.490) 2.492} 2.494) 2.496) 2.498) 2.500] 2.502] 2.504 2.506} 2.508 
2.510) 2.512) 2.514) 2.516] 2.518] 2.520] 2.522] 2,524] 2526 5.528 
2.530) 2.532) 2.534) 2.536) 2.538] 2.540] °2)542] 2544] 2.546 2.548): 

2.550) 2.551) 2.553) 2.555) 2:557] 2:559] 2/561] '2:563] 2.565 2.567 
2.569} 2.571) 2.573) 2.575} 2.577] 2.579] 2.581] 2.583] 2.585 2.587 
2.588) 2.590) 2.592) 2.594] 2.596] 2.598] 2.600] 2.602] 2.604 2.606 
2.608} 2.610) 2.612) 2.613} 2.615] 2.617] 2.619] 2.621] 2.623 2,625 
2.627) 2.629) 2.631) 2.632| 2.634) 2.636] 2.638] 2.640] 2.642 2.644 

2.646) 2.648) 2.650) 2.651} 2.653) 2.655] 2.657] 2.659] 2.661 2.663 
2.665| 2.666) 2.668} 2.670) 2.672] 2.674] 2.676] 2.678] 2.680| 2.681 
2.683) 2.685) 2.687) 2.689) 2.691) 2.693] 2.694] 2.696] 2.698) 2.700 
2.702); 2.704| 2.706) 2:707|.2:709| 2.711] 2.713] 2.715] 22717 2.718 
2.720) 2.722) 2.724) 2.726) 2.728|-2.729| 2.731) 2:733] 2.735] 2 737 

2.739) 2.740) 2.742] 2.744| 2.746] 2.748] 2.750) 2.751] 2.753| 2.755 
2.757) 2.759) 2.760) 2.762) 2.764] 2.766] 2.768] 2.769] 2.771 2.773 
2.775) 2.777) 2.778) 2.780) 2.782) 2.784) 2.786) 2.787| 2.789] 2.791 
2.793) 2.795| 2.796) 2.798] 2.800] 2.802] 2.804] 2.805] 2.807) 2.809 
2.811) 2.812) 2.814) 2.816) 2.818) 2.820) 2.821] 2.823] 2.825] 2.827 

2.828) 2.830] 2.832) 2.834) 2.835] 2:837| 2.839] 2.841] 2,843] 2.844 
2.846) 2.848) 2.850) 2.851) 2.853) 2.855] 2.857] 2.858] 2.860) 2.862 
2.864) 2.865) 2.867| 2.869] 2.871] 2.872] 2.874] 2.876] 2.877) 2.879 
2.881! 2.883) 2.884) 2.886] 2.888] 2.890] 2.891] 2.893] 2.895| 2.897 
2.898) 2.900} 2.902) 2.903) 2.905} 2.907] 2.909] 2.910] 2.912] 2.014 

2.915) 2.917| 2.919} 2.921] 2.922] 2.924) 2.926] 2.927] 2,929] 2/931 
2.933) 2.934) 2.936) 2.938) 2.939] 2.941] 2.943] 2.944] 2.946 2.948 
2.950) 2.951) 2.953) 2.955) 2.956] 2.958] 2.960] 2.961] 2.963) 2.965 
2.966} 2.968) 2.970) 2.972| 2.973] 2.975] 2.977] 2.978] 2.980] 2.982 
2.983] 2.985| 2.987) 2.988) 2.990] 2.992| 2.993) 2.995] 2.997] 2.998 

3.000} 3.002} 3.003) 3.005) 3.007] 3.008] 3.010] 3.012] 3.013) 3.015 
3.017} 3.018) 3.020) 3.022) 3.023) 3.025] 3.027] 3.028] 3.030) 3.032 
3.033} 3.035] 3.036] 3.038] 3.040} 3.041] 3.043] 3.045] 3.046 3.048 
3.050} 3.051] 3.053} 3.055} 3.056] 3.058) 3.059] 3.061] 3.063) 3.064 
3,066) 3.068) 3.069) 3.071) 3.072] 3.074) 3.076] 3.077] 3.079] 3.081 

3.082!) 3.084] 3.085) 3.087] 3.089} 3.090} 3.092] 3.094] 3.095] 3.097 
3.098) 3.100] 3.102} 3.103) 3.105) 3.106) 3.108) 3.110] 3.111] 3.113 
3.114) 3,116) 3.118) 3.119) 3.121) 3.122) 3.124) 3.126] 3.127] 3.129 
3.130) 3.132] 3.134) 3.135) 3.137) 3.138) 3.140] 3.142] 3.143) 3.145 
3.146] 3,148) 3.150) 3.151] 3.153) 3.154] 3.156) 3.158] 3.159) 3.161 

$$ 



20 

Continued from p. 19 

Powers and Roots 

n 

10 
ll 
12 
13 
14 

15 
16 
124 
18 
19 

20 
21 
22 5 3 
23 5 . 4. 
24 6 cord 4.990 

25 5.000 5.060 5.079 5.089) 
26 5,099 5.158 5.177) 5.282) 
27 5.196 5.254 i) 273 5.282 

28 §.292 5.348 5.367 5.376 
20 5,385 5.441 5.459 5.468 

30 5.477 ada 5.559 
31 5.568) 5.639 5.648 
32 5.657 5.727 5.736 
33 5.745 5.814 5.822 
34 5.831 =] 5.908 

35 5.94 5.983 5.992 
36 6.000 6.066 6.075 
37 6.0 6.148) 6.156 
38 6.1 6.229, 6.237 
39 6.2 ~ hd 6.317 

40 6.325 6.3 6.387, 6.395) 
41 6.403 6.4 6.465, 6.473) 
42 6.4 6.4 6.542, 6.550 
43 6.35 6.5 6.618 6.626 
44 6.6 6.6 6 * 6.701 

45 6. 6.728 753 6.768 6.775) 
46 | 6, 6.797 .826 6.841) —) 
47 6. 6.87 . 899 6.914 6.921 
48 6. 6.043 2971 6.986, 6.993. 
a9 of 2% 7.01 .043 7.057) 7.064 

50 7.085 7.127| 9.434 
51 7.155 7.197 7.204 
52 \ 7.225 7.266 72273 
53 7.204 7.335) 4.342 
54 ‘ 7.362 7.403) 3.409 

n 0 1 2 sb 5 6 7 8 9 

— 



Art. 6 Square Roots 

Numbers from 1.00 to 99.9 

n 0 1 2 3 4 > .6 a7) 8 -9 

55 7 7. 7.450) 7.457] 71463) 7.470) 7.477 

56 7. 7. 7.517) 7.523) 7.530) 7:537] 7.543 

57 73 7 7.583) 7.589) 7.596] 7:603| 7.609 

58 7 Ts 7.649) 7.655} 7.662] 7.668] 7.675 

59 7% 7. 7.744) -7.720) 7.727) 7.733] 7.740 

69 ri 7. 7.778) 7.785} 7.791] 7.797} 7.804 
61 7. 7 7.842) 7.849) 7/855] 7.861) 7.868 

62 7. TS 7.906} 7.912} 7.918] 7:925] 7.931 

63 7. 7. 7.969) 7.975) 7.981] 7.987] 7.994 
64 ‘ 8. 8. 8.031} 8.037) 8.044] 8.050} 8.056 

65 8. 8. 8.093} 8.099) 8.106) 8.112} 8.118 

66 8. 8. } 8.155) 8.161) 8.167) 8.173} 8.179 

67 8. 8. 8.216} 8.222) 8.228) 8.234) 8.240 

68 8. 8. 8.276) 8.283} 8.289) 8.295) 8.301 

69 8. 8. 8.337) 8.343) 8.349] 8.355] 8.361 

70 8. 8. 8.396) 8.402} 8.408) 8.414) 8.420 

71 8. 8. 8.456} 8.462! 8.468) 8.473) 8.479 

72 8. 8. 8.515} 8.521] 8.526) 8/532] 8.538 

73 8. 8. 8.573) 8.579) 8.585) 8.591] 8.597 

74 8. 8. 8.631) 8.637) 8.643) 8.649) 8.654 

75 8. 8. 8.689) 8.695] 8.701] 8.706] 8.712 

76 8. 8. 8.746) 8.752| 8.758) 8.764) 8.769 

77 8. 8. 8.803) 8.809} 8.815] 8.820) 8.826 

73 8. 8. 8.860) 8.866) 8.871) 8.877| 8.883 

79 8. 8. 8.916 8.922 8.927} 8.933) 8.939 

80 8.944) 8 8.972] 8.978] 8.983} 8.989} 8.994 

81 9.000) 9 9.028) 9.033} 9.039} 9.044) 9.050 

82 9.055) 9 9.083} 9.088) 9.094} 9.099) 9.105 

83 9.110) 9 9.138) 9.143) 9.149] 9.154) 9.160 

84 9.165) 9 9.192) 9.198} 9.203) 9.209) 9.214 

85 9.220) 9 9.247) 9.252) 9.257) 9.263) 9.268 

* 86 9.274| 9 9.301) 9.306) 9.311} '9.317| 9.322 

87 9.327) 9 9.354) 9.359) 9.365) 9.370) 9.375 

88 9.381|-9 9.407| 9.413) 9.418) 9.423) 9.429 

89 9.434! 9 9.460) 9.466) 9.471) 9.476) 9.482 

90 9.487) 9 9.513} 9.518} 9.524) 9.529) 9.534 

91 9,539) 9 9.566} 9.571} 9.576] 9.581] 9.586 

92 9.592} .9 9.618) 9.623} 9.628) 9.633) 9.638 
~ 93 9.644) .9. 9.670} .9.675| 9.680) 9.685) 9.690 
94 9.695} 9. 9.721) 9.726] 9.731) 9.737] 9.742 

95° | 9.7471 9. 9.793 
96 | 9.798) 9. 9.844 
97 | 9.849] 9. 9.894 
98 | 9.899] 9. 9.945 
99 | 9.950).9. 9.995 



22 Powers and Roots Sect: 1 

-% Cubes of Num- 
Explanation on p. 38 

n 0 1 2 3 4 55 + 6 7 8 9 
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Si 
Art. 7 Cubes 23 

bers from 1.00 to 9.99 

n 0 1 2 3 4 5 6 7 sg) 9 

5.5 | 166.4) 167.3} 168.2} 169.1] 170.0] 171.0] 171.9] 172.8/'173.7| 174.7 5.6 | 175.6) 176.6] 177.5] 178.5] 179.4} 180.4] 181.3] 18213] 183.3 184.2 5:7 | 185.2|.186.2) 187.1] 188.1] 189.1} 190.1] 191.1] 192.1] 193.1] 194.4 5.8 | 195.1) 196.1) 197.1] 198.2] 199.2] 200.2] 201.2] 202.3] 203.3 204.3 
5.9 | 205.4] 206.4] 207.5 i 210.6] 211.7] 212.8| 213.8 214.9 

° 

6.0 | 216.0) 217.1} 218.2] 219.3] 220.3] 221.4] 222.5] 223.6] 224.81 225.9 
6.1 | 227.0) 228.1} 229.2} 230.3] 231.5} 232.6] 233.7] 234.9] 236.0 237.2 

| 6.2 | 238.3] 239.5] 240.6] 241.8] 243.0] 244.1] 245.3] 246.5] 247.7| 248.9 
6.3 | 250.0) 251.2} 252.4] 253.6] 254.8] 256.0] 257.3] 258.5] 259.7 260.9 
6.4 | 262.1] 263.4] 264.6] 265.8] 267.1] 268.3] 269.6| 270.8] 272.1] 273.4 

| 

| 6.5 | 274.6] 275.9) 277.2] 278.4] 279.7) 281.0] 282.3] 283.6] 284.9] 286.2 
| 6.6 | 287.5] 288.8] 290.1] 291.4] 292.8] 294.1] 295.4] 296.7|°298.1| 209.4 
| 6.7 | 300.8) 302.1) 303.5] 304.8] 306.2] 307.5] 308.9] 310.3] 311.7] 313.0 
| 6.8 | 314.4) 315.8) 317.2} 318.6] 320.0] 321.4] 322.8) 324.2| 325.7] 327.1 
| 6.9 | 328.5] 329.9 331.4) 332.8] 334.3] 335.7] 337.2] 338.6] 340.1) 341.5 

| ©7:0 | 343.0) 344.5]: 345.9] 347.4] 348.9] 350.4] 351.9] 353.41°354.9| 356.4 
| 7.1 | 357.9]. 359.4] 360.9] 362.5] 364.0] 365.5] 367.1] 368.6] 370.1) 371.7 
| 7.2. | 373.2). 374.8] 376.4] 377.9] 379.5] 381.1] 382.7] 384.2) 385.8 387.4 
| -°7.3>.| 389.0). 390.6] 392.2] 393.8] 395.4] 397.1] 398.7] 400.3] 401.9] 403.6 
| 7.4 ° | 405.2] 406.9|-408.5] 410.2] 41178] 413.5] 415.2] 416.8] 418.5] 420.2 

| 07.5 | 424.9].423.6| 425.3] 427.0] 428.7|/ 430.4] 432.1] 433.8) 435.51 437.2| 
| 17.6 64 439.0] 440.7} 442.5] 444.2] 445.9] 447.7] 449.5] 451.2] 453.0 454.8 
| 7.7-+| 456.5} 458.3) 460.1] 461.9) 463.7| 465.5] 467.3] 469.1] 470.9| 472.7] 
| 17.8 | 474.6] 476.4|° 478.2] 480.0] 481.9] 483.7] 485.6) 487.4] 489.3] 491.2 
| 7.9. | 493.0] 494.9] 496.8] 498.7] 500.6] 502.5] 504.4] 506.3] 508.21 510.1 

8.0 | 512.0] 513.9] 515.8] 517.8) 519.7]'521.7| 523.61 52516) 527.51 529.5 
8.1 | 531.4). 533.4)535.4| 537.4] 539.4] 541.3] 543.3] 545.31 547.3| 540.4 
8.2. | 551.4] 553.4] 555.4] 557.4] 559.5] 561.5] 563.6| 565.6] 567.71 569.7 
8.3 | 571.8) 573.9] 575.9] 578.0] 580.1| 582.2| 584.3] 586.4) 588.5| 500.6 
8.4 | 592.7|.594.8| 596.9] 599.1] 601.2] 603.4] 605.5] 607.6] 609.8 612.0 

| 8.5 | 614.1]. 616.3] 618.5] 620.7] 622.8]'625.0] 627:2] 629.4] 631.6 633.8 
8.6 | 636.1] 638.3] 640:5| 642.7] 645.0] 647.2| 649.5] 651.7] 654.01 656.2 
8.7 | 658.5] 660.8] 663.1] 665.3] 667.6| 669.9| 672.2] 674.5] 676.8 679.2 
8.8 | 681.5] 683.8] 686.1] 688.5] 690.8] 693.2] 695.5] 697.9] 700.2) 702.6 
8.9. | 705.0]. 707.3] 709.7] 712.1] 714.5] 716.9] 719.3] 721.7] 724.2] 726.6 

9.0 .| 729-0). 731.4] 733.9] 736.3] 738.8|°741.2| 743.7] 746.1] 748.6 754.1 
9.1>: | 753.6|.756.1] 758.6] 761.0] 763.6| 766.1] 768.6) 771.1] 773.61 776.2 

| 9.2. | 778.7} 781.2]! 783.8] 786.3] 788.9|°791.5| 794.0] 796.6] 799.2] 801.8] 
| 9.3. | 804.4] 807.0] 809.6] 812.2] 814.8] 817.4] 820.0] 822.7] 825.3] 827.9 

9:4 | 830.6]. 833.2] 835.9] 838.6] 841.2] 843.9] 846.6] 849.3/.852.0) 854.7| 

9.5 | 857.4] 860.1] 862.8] 865.5] 868.3] 871.0] 873.7| 876.5] 879.2] 882.0 
9.6 | 884.7) 887.5] 890.3] 893.1] 895.8] 898.6] 901.4] 904.2] 907.0] 909.9 
9.7. | 912.7] 915.5] 918.3] 921.2] 924.0] 926.9] 929.7] 932-6] 935.4] 938.3 
0:8 | 941.2] 944.1] 947.0] 949.9] 952.8] 955.7] 958.6] 961.5] 964.4] 967.4 
9.9 | 970.3] 973.2]-976.2] 979.1] 982.1] 985.1] 988.0] 991.0] 994.0] 997.0 

n 0 1 2 3 4 5 6 7 8 9 
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21 

GOULS BRASH £EBES SESSR KERES BSEISH ROW 

S. Cube Roots of Numbers 

wa | V/100 x10 n 

4.6416 
4.7914 
4.9324 
5.0658 
5.1925 

$. 3133 
5.4288 
5.5397 
5. 6462 
5. 7489 

5.8480 
5.9439 
6.0368 
6.1269 
6.2145 

6. 2996 
6.3825 
6.4633 
6.5421 
6.6191 

6.6943 
6.7679 
6. 8399 
6.9104 
6.9795 

7.0473 
7.1138 
7.1791 
7.2432 
7.3061 

7.3681 
7.4290 
7.4889 
7.5478 
7.6059 

Powers and Roots 

i=] 

55 
56 
57 
58 
59 

60 
61 
62 
63 
64 

65 
66 
67 
68 
69 

70 
71 
72 
73 
74 

75 
76 
77 
78 
79 

80 
81 
82 
83 
&4 

8 
86 
87 
88 
89 

90 

3.8030 
3.8259 
3.8485 
3.8709 
3.8930 

3.9149 
3.9365 
3.9579 
3.9791 
4.0000 

4.0207 
4.0412 
4.0615 
4.0817 
4.1016 

4.1213 
4.1408 
4.1602 
4.1793 
4.1983 

4.2172 
4.2358 
4.2543 
4.2727 
4.2908 

4.3089 
4.3267 
4.3445 
4.3621 
4.3795 

4.3968 
4.4140 
4.4310 
4.4480 
4, 4647 

4.4814 
4.4979 
4.5144 
4.5307 
4.5468 

4.5629 
4.5789 
4.5947 
4.6104 

~ 4.6261 

Explanation on p. 38 

8.1932! 
8.2426 
8.2913 
8.3396 
8.3872 

8.4343 
8.4809 
8.5270 
8.5726 
8.6177 

8.6624 
8.7066 
8.7503 
8.7937 

| 8.8366 

8.8790 
8.9211 
8.9628 
9.0041 
9.0450 

9.0856 
9.1258 
9.1657 
9.2052 
9.2443 

9.2832 
9.3217 
9.3599 
9.3978 
9.4354 

9.4727 © 
9.5097 
9.5464 
9.5828 
9.6190 

9.6549 
9.6905 
9.7259 
9.7610 
9.7959 

9.8305 
9.8648 
9.8990. 
9.9329 
9.9666 

Sect. 1 

/ 100 n 

| 17.652 
17.758 
17. 863 
17.967 
18.070 

18)171 
18.272 
18.371 
18.469 
18.566 

18.663 
18.758 
18.852 
18.945 
19.038 

19.129 
19.220 
19.310 
19.399 
19.487 

19.574 
19.661 
19.747 
19.832 
19.916 

20.000 
20.083 
20.165 
20.247 
20.328 

20.408 
20.488 
20.567 
20.646 
20.724 

20.801 
20.878 
20.954 
217029 
212105 

21.179 
210253 
212327 
21.400 
217472 
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9. Three-Halves Powers of Numbers 

0.0 0.001; 0.003) 0.005) 0.008) 0 0.019) 0.023) 0.027 
0.1 0,036, 0.042) 0.047) 0.052] 0 0.070) 0.076; 0,083 
0.2 0.096) 0.103) 0.110) 0.118] 0. 0.140) 0.148) 0.156 
0.3 0,173) 0.181) 0.190] 0.198) 0 0.225) 0.234) 0.244 
0.4 0.263) 0,272) 0.282) 0.292) 0 0.322) 0.333) 0,343 

0.5 0.364) 0.375) 0.386) 0.397] 0 0.430) 0.442 0.453 
0.6 0.476) 0.488) 0.500] 0.512] 0 0.548) 0.561) 0.573 
0.7 0.598) 0.611} 0.624) 0.637] 0. 0.676) 0.689 0,7C2 
0.8 0.729) 0.743) 0.756) 0.770) 0 0.811) 0.826 0.840 
0.9 0,868) 0.882) 0.897! 0.911) 0 0.955) 0.970) 0.985 

1.0 1.015) 1.030) 1.045) 1.061) 1 1.107} 1.122) 1.138 
Lal 1.170} 1.185) 1.201) 1.217) 1 1.266} 1.282) 1,298 
1,2 1.331| 1.348) 1.364) 1.381] 1 1,431] 1.448) 1.465 
1,3 1,499) 1.517} 1.534) 1.551] 1 1.604) 1.621) 1.639 

| Oped 1.674) 1.692) 1.710) 1.728) 1 1.782] 1.800 1.819 

1.5 1.856) 1.874} 1.893) 1.911] 1 1.967] 1.986 2.005 
1.6 2,043) 2.062) 2.081] 2.100] 2 2.158) 2.178 2,197 
1.7 2,236) 2.256) 2.275) 2.295} 2 2.355) 2.375) 2.395 
1.8 2,435) 2.455) 2.476) 2.496] 2 2.557) 2.578) 2.598 
1.9 2,640) 2.660) 2.681) 2.702) 2 2.765) 2.786 2,807 

2.0 2.850) 2.871) 2.892) 2.914) 2 2.978) 3.000 3.021 
2,1 3.065) 3.087) 3.109) 3.131] 3 3.197) 3.219) 3.241 
2.2 3,285) 3,308) 3.330) 3.353) 3 3.420) 3.443) 3,465 
2,3 3.511) 3.534] 3.557] 3.580) 3 3.649| 3.672) 3.695 
2.4 3,741) 3.765) 3.788) 3.811) 3 3.882) 3.906 3,929 

2.5 3.977) 4,000) 4.024| 4.048] 4 4.120) 4.144) 4.168 
2.6 4.217) 4.241) 4.265) 4.289] 4 4.363) 4.387 4,412 
2.7 4.461) 4.486) 4.511) 4.536] 4 4.610) 4.635 4.660 
2.8 4.710) 4.736) 4.761) 4.786) 4 4.862} 4,888) 4.913 
2.9 4,964) 4.990) 5.015) 5.041] 5 5.118) 5.144) 5,170 

3.0 5.222) 5.248) $.274| 5.300] 5 5.379) 5.405) 5,432 
3,1 5.485) 5.511) 5.538) 5.564] 5 5.644) 5.671) 5.698 
3,2 5,751) 5.778) 5.805) 5.832] 5 5.913) 5.940 5,968 
3,3 6.022) 6.049) 6.077) 6.104] 6 6.186) 6.214) 6.242 
3,4 6.297) 6.325) 6.352) 6.380] 6 6.464) 6.492) 6,520 

3.5 6,576| 6.604] 6.632] 6.660} 6. 6.745) 6.774) 6.802 
3.6 6,859) 6,888) 6.916) 6.945] 6. 7,031] 7.059) 7,088 
3.7 7.146) 7,175) 7.204) 7.233) 7. 7.320) 7.349) 7,378 
3.8 7,437) 7.466| 7.495) 7.525] 7. 7.613) 7.643) 7,672 
3.9 7.732| 7.764] 7.791] 7.821) 7. 7.910) 7.940) 7,970 

4.0 8.030) 8.060) 8.090) 8.120) 8 8.211] 8.241) 8,272 
4.1 8.332| 8.363) 8.393) 8.424) 8 8.515} 8.546, 8.577 
4.2 8.638) 8.669) 8.700) 8.731) 8 8.824| 8.855) 8.886 
4.3 8.948} 8.979) 9.010) 9.041] 9 9.135) 9.167) 9.198 
4.4 9,261| 9.293) 9.324) 9.356) 9 9.451) 9.482) 9,514 

| 

n 0 1 2 3 4 5 6 7 8 9 

Explanation on p. 38 
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Fifth Powers and Roots; Five-Halves Powers 

and Roots 

0.1 | 0.0000! 0.6310) 0.0032} 0.3981||} 4.6 | 2059.6) 1 3569) 45.383) 1.8412 
0.2 | 0.0003]°0.7248} 0.0179} 0.5253)] 4.7 | 2293.5) 1.3628) 47.890) 1.8571 
0.3 | 0.0024} 0.7860} 0.0493} -0.6178)| 4.8 | 2548.0) 1.3685) 50. 478, 1.8728) 
0.4 | 0.0102) 0.8326} 0.1012} 0.6931|| 4.9 | 2824.8 aw 53. 148 1.8883 | 

0.5 | 0.0312] 0.8706] 0.1768) 0.7579]| 5.0 | 3125.0) 1.3797, 55.902) 1.9037) 
0.6 | 0.0778} 0.9029] 0.2789) 0.8152)| 5.1 | 3450.3) 1.3852, 58.739) 1.9188) 
0.7 | 0.1681] 0.9311) 0.4100] 0.8670) 5.2 | 3802.0) 1.3906 61.661) 1.9338) 
0.8 | 0.3277] 0.9564) 0.5724! 0.9146)} 5.3 | 4182.0) 1.3959 64.668) 1.9485) 
0.9 | 0.5905] 0.9791) 0.7684) 0.9587|| 5.4 | 4591.7) 1.4011 67.762) 1.9632) 

: 

1.0 | 1.0000} 1.0000} 1.0000) 1.0000}; 5.5 | 5032.8 1.4063 70.943) 1.9776 
1.1 | 1.6105] 1.0192} 1.2691] 1.0389}| 5.6 | 5507.3) 1.4114 74.211) 1.9919 
1.2 | 2.4883] 1.0371) 1.5774) 1.0757|| 5.7 | 6016.9} 1.4164) 77.569) 2.0061 
1.3 | 3.7129] 1.0539) 1.9269) 1.1107|| 5.8 | 6563.6) 1.4213 81.016) 2.0201 
1.4 | 5.3782] 1.0696) 2.3191) 1.1441]) 5.9 | 7149.2 1.4262, 84.553) 2.0340 

1.5 | 7.5938) 1.0845) 2.7557) -1.1761|| 6.0 -| 7776.0) 1.4310) 88.182) 2.0477 
1.6 | 10.486] 1.0986) 3.2382] 1.2068]| 6.1 | 8446.0) 1.4357)°91.902) 2 0613 
1.7 | 14.199) 1.1120] 3.7681] 1.2365|} 6.2 | 9161.3) 1.4404) 95.715) 2.0747 
1.8 | 18.896) 1.1247) 4.3469) 1.2651)} 6.3 | 9924.4) 1.4450) 99.621) 2.0880 
1.9 | 24.761] 1.1370) 4.9760) 1.2927|| 6.4 | 10737.| 1.4496) 103.62) 2.1012 

2.0 | 32.000] 1.1487] 5.6569) 1.3195)} 6.5 | 11603.) 1.4541) 107.72) 2.1143 
2.1 | 40.841) 1.1600) 6.3907} 1.3455}} 6.6 | 12523.| 1.4585) 111.91) 2.1272 
2.2 | 51.536) 1.1708] 7.1789] 1.3708)| 6.7 | 13501.) 1.4629) 116.19) 2.1401 
2.3 | 64:363) 1.1813) 8.0227] 1.3954)} 6.8 | 14539.) 1.4672) 120.58) 2.1528 
2.4 | 79.626) 1.1914) 8.9234) 1.4193}) 6.9 | 15640.) 1.4715) 125.06) 2.1654 

2.5 | 97.656) 1.2011) 9.8821) 1.4427}| 7.0 | 16807.) 1.4758 129.64) 2.1779 
2.6 | 118.81] 1.2106) 10.900) 1.4655]) 7.1 | 18042.) 1.4800) 134.32) 2.1903 
2.7 | 143.49) 1.2198) 11.979) 1.4878]| 7.2 | 19349.) 1.4841) 139.10) 2.2026 
2.8 | 172.10} 1.2287) 13.119] 1.5096]] 7.3 | 20731.) 1 4882) 143.98 2.2148 
2.9 | 205.11] 1.2373) 14.322) 1.5309|| 7.4 | 22190.) 1.4923) 148.96) 2.2269 

3.0 | 243.00) 1.2457) 15.588) 1.5518]| 7.5 | 23730.| 1.4963) 154.05) 2.2388 
3.1 | 286.29] 1.2539) 16.920) 1.5723}) 7.6 +} 25355.| 1.5002} 159.23) 2.2507 
3.2 | 335.54/°1.2619) 18.318) 1.5924/| 7.7 | 27068.) 1.5042) 164.52) 2.2625 
3.3 | 391.35) 1.2697] 19.783) 1.6122]| 7.8 | 28872.) 1.5081) 169.92) 2.2742 
3.4 | 454.35] 1.2773] 21.316] 1.6315|| 7.9 | 30771.] 1.5119) 175.42) 2.2859 

3.5 | 525.22] 1.2847] 22.918) 1.6505|| 8.0 | 32768.] 1 5157) 181.02) 2.2974 
3.6 | 604.66) 1.2920) 24.590) 1.6692|| 8.2 | 37074.) 1.5232) 192.55) 2.3202 
3.7 | 693.44) 1.2991) 26.333) 1.6876|}| 8.4 | 41821.1. 1 5306 204.50) 2.3427 
3.8 | 792.35) 1.3060) 28.149) 1.7057|| 8.6 | 47043.) 1.5738) 216.89) 2.3648 
3.9 | 902.24) 1.3128} 30.037|-1.7236|| 8.8-| 52773.| 1.5449) 229.72) 2.3867 

4.0 | 1024.0} 1.3195) 32.000) 1.7411|}] 9.0 | 59049.| 1.5518) 243.00) 2.4082 
4.1 | 1158.6) 1.3260)° 34.038] 1.7584]} 9.2 | 65908. 1.5587, 256.73) 2.4295 
4.2 | 1306.9) 1.3324) 36.151] 1.7754|| 9.4 | 73390 1.5654 270.91, 2.4505 
4.3 | 1470.1) 1.3387] 38.342] 1.7922]| 9.6 | 81537.] 1.5720) 285.55) 2.4712 
4.4 | 1649.2) 1.3449) 40.610] 1.8088]| 9.8 | 90392.| 1.5785) 300.65) 2.4917 

4.5 - 5849) 316.23) 

Explanation on p. 39 
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11. Circumferences of Circles 

Diameters in Units and Tenths j 

2 3 4 5 6 BF formes 8) 9 

0.628) 0.942/°1.257)' 1.571] 1. 885| 2. 199) 2.513) 2.827) 
3.770) 4.084) 4.398) 4.712} 5.027] 5.341) 5.655) 5.969 
6.912) 7.226| 7.540) 7.854} 8.168] 8.482) 8.796) 9.111 

10.37) 10.68} 11.00) 11.31] 11.62) 11.94) 12.25 
Maey | to 14.14] 14.45] 14.77) 15.08] 15.39 

CMNIaun RWNHO @ 

= nN nm ~ 

, 

| 15o74 16.65) 16.96) 17.28) 17.59) 17.91) 18.22) 18.54 
) 18.85 19.79) 20.11}-20.42) 20.73] 21.05] 21’. 36) 21.68 
| 21.99 22.93) 23.25} 23.56| 23.88) 24.19) 24.50) 24.82 
| 25.13 26.08) 26.39} 26.70] 27.02) 27.33) 27.65) 27.96 

28.27 29.22) 29.53) 29.85) 30.16) 30.47) 30.79) 31.10 

10 | 31.42 32.36] 32.67} 32.99 33.30! 33.62 33.93) 34.24 
11 34.56 35.50) 35.81) 36.13) 36.44] 36.76) 37.07) 37.38 
12 37.70 38.64) 38.96) 39.27| 39.58) 39.90) 40.21] 40.53 
13 40.84 41.78) 42.10) 42.41) 42.73] 43.04) 43.35) 43.67 
14 43.98 44.92) 45.24) 45.55) 45.87) 46.18) 46.50) 46.81 

| 
1S | 47.12 48.07) 48.38) 48.69) 49.01) 49.32) 49.64 49.95 
16 ) 50.27 51.21) 51.52) 51.84) 52.15) 52.46) 52.78) 53.09 
i 53.41 54.35| 54.66) 54.98) 55.29) 55.61) 55.92) 56.23 
18 56.55 57.49) 57.81) 58.12) 58.43) 58.75) 59.06) 59.38 
19 59.69 60.63) 60.95) 61.26) 61.58] 61.89) 62.20) 62.52 

Explanation on p. 39 

Circumferences of Circles 
Diameters in Units and Eighths 

0 1/4 3/8 1/2 5/8 3/4 7/8 
7. 3 | ca 

0.0000 | 0.3927 | 0.7854 | 1.1781 | 1.5708 | 1.9635 | 2.3562 | 2.7489 
3.1416 | 3.5343 | 3.9270 | 4.3197 | 4.7124 | 5.1051 | 5.4978 | 5.8905 
6.2832 | 6.6759 | 7.0686 | 7.4613 | 7.8540 | 8.2467 | 8.6394 | 9.0321 
9.4248 | 9,8175 | 10.210 | 10.603 | 10.996 | 11.388 | 11.781 | 12.174 
12,566 | 12.959 | 13.352 | 13.744 | 14.137 | 14.530 | 14.923 | 15.315 

15.708 | 16.101 | 16.493 | 16.886 | 17.279 | 17.671 | 18.064 | 18.457 
18.850 | 19.242 | 19.635 |-20.028 | 20.420 | 20.813 | 21.206 | 21.598 
21.991 | 22.384 | 22.777 |.23.169 | 23,562 | 23.955 | 24.347 | 24.740 
25.133 | 25.525 | 25.918 |.26,311 | 26.704 | 27.096 | 27,489 | 27.882 
28.274 | 28.667 | 29.060 | 29.452 | 29.845 | 30.238 | 30.631 | 31.023 CaONAW PWNHKO 

10 31.416} 31.809 | 32.201 | 32.594.| 32.987 | 33.379 | 33.772 | 34.165 
11 34.558 | 34.950 | 35.343 | 35.736 | 36.128 | 36.521 | 36.914 | 37.306 
12 37.699 | 38.092 | 38.485 | 38.877 | 39.270 | 39.663 | 40.055 | 40.448 
13 40.841 | 41.233 | 41.626 | 42.019 | 42.412 | 42,804 | 43.197 | 43.590 
14 43.982 | 44.375 | 44.768 | 45.160 | 45.553 | 45.946 | 46.338 | 46.731 

15 47.124 | 47.517 | 47.909 | 48.302 | 48.695 | 49,087 | 49.480 | 49.873 
16 50.265 | 50.658 | 51.051 | 51.444 | 51,836 | 52.229 | 52.622 | 53.014 
17 53.407 | 53.800 | 54.192 | 54.585 | 54.978 | 55.371 | 55.763 | 56.156 
18 56.549 | 56.941 | 57.334 | 57.727 | 58.119 | 58.512 | 58.905 | 59.298 
19 59.690 | 60.083 | 60.476 | 60,868 | 61.261 | 61.654 | 62.046 | 62.439 

Explanation on p. 39 
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Explanation on p. 39 

Central | Length 

Circles Sect..1 

13. Circular 

Area 
of 

segment 
angle, of 
degtees| chord 

i 0.0175 

2 0.0349 
3 0.0524 

4 0.0698 

5 0.0872 

6 0.1047 

7 0.1221 

8 0.1395 

9 0.1569 

10 0.1743 
11 0.1917 

12 0.2091 

13 0.2264 

14 0.2437 

15 0.2611 
16 0.2783 

17 0; 2956 

18 0.3129 

19 0.3301 

20 0.3473 
21 0.3645 

22 0.3816 

23 0.3987 
24 0.4158 

25 0.4329 
26 0.4499 

27 0.4669 
28 0.4838 

29 0.5008 

30 0.5176 
3t 0.5345 

32 0.5512 

33 0.5680 
34 0.5847 

35 0.6014 
36 0.6180 

37 0.6346 
38 0.6511 

39 0.6676 

40 0.6840 
41 0.7004 
42 0.7167 
43 0.7330 
44 0.7492 

45 0.7654 id 

a 

oosos 

oooo0.°o 

o 

oooss sosse 

ooooco 

ooos 

oeoso 

ooo 

Soo55 99999 Sse55 SsSopS SeSsSS sSSSSS 

ooooo 

o cooc°O 

0.04176 
0.04448 
0.04731 
0.05025 

0.05331 
0.05649 
0.05978 
0.06319 
0.06673 

0.07039 
0.07417 
0.07808 
0.08212 
0.08629 

0.09059 
0.09502 
0.09958 
0.10428 
0.10911 

0.11408 
0.11919 
0.12443 
0.12982 
0.13535 

0.14102 
0.14683 . 
0.15279 
0.15889 
0.16514 

0.17154 
0.17808 
0.18477 
0.19160 
0.19859 

0.20573 
0.21301 
0.22045 
0.22804 
0.23578 

0.24367 
0.25171 
0.25990 
0.26825 
0.27675 

0.28540 
re] 



Art. 18 

Segments 

'Central| Length 
angle, of 
degrees} chord 

91 1.4265 
92 1.4387 
93 1.4507 
94 1.4627 

95 1.4746 
96 1.4863 
97 1.4979 
98 1.5094 
99 1.5208 

100 1.5321 
101 1.5432 
102 1.5543 
103 1.5652 
104 1.5760 

105 1.5867 
106 1.5973 
107 1.6077 
108 1.6180 
109 1.6282 

110 1.6383 
111 1.6483 
112 1.6581 
113 1.6678 
114 1.6773 

115 1.6868 
116 1.6961 
117 1.7053 
118 1.7143 
119 1.7233 

120 1.7321 
121 1.7407 
122 1.7492 
123 1.7576 
124 1.7659 

125 1.7740 
126 1.7820 
127 1.7899 
128 1.7976 
129 1.8052 

130 1.8126 
131 1.8199 
132 1.8271 
133 1.8341 
134 1.8410 eocess soso 

i=) 

ececs se999 seses esse 

coooo$°o 

esoss eesce 

f=) 

esses sssss 

essss sssss sssss ssses seess 

coococo 

Circular Segments 

Central | Length 
angle, 

degrees 

136 
137 
138 
139 

140 
141 
142 
143 

of 
chord 

1.8544 
1.8608 
1.8672 
1.8733 

1.8794 
1.8853 
1.8910 
1.8966 
1,9021 

1.9074 
1.9126 
1.9176 
1.9225 
1.9273 

1.9319 
1.9363 
0.9406 
1.9447 
1.9487 

1.9526 
1.9563 
1.9598 | 
1.9633 
1.9665 

1.9696 
1.9726 
1.9754 
1.9780 
1.9805 

1,9829 
1,9851 
1,9871 
1.9890 
1.9908 

1.9924 
1,9938 
1,9951 
1,9963 
1.9973 

1.9981 
1.9988 
1.9993 
1.9997 
1.9999 

2.0000 

Se 

oooscs 

ooooco 

— 

eoooco 

6254 
6335 
6416 
6498 

- 6580 
- 6662 
6744 
6827 

- 6910 

6993 
7076 
7160 
7244 
7328 

7412 
. 7496 
7581 
. 7666 
. 7750 

. 7836 
1921 
8006 
8092 
8178 

8264 
8350 
- 8436 
8522 
- 8608 

8695 
8781 
8868 
8955 
9042 

.9128 

.9215 
9302 
9390 
9477 

9564 
9651 
.9738 
9825 
9913 

. 0000 

Area 
of 

segment 
ee 

0, 83949 
0.85455 
0.86971 
‘0. 88497 

0.90034 
0.91580 
0.93135 
0, 94700 
0.96274 

0.97858 
0.99449 
1.01050 
1.02658 
1.04275 

1.05900 
1.07532 
1.09171 
1.10818 
1.12472 

1, 14132 
1, 15799 
1.17472 
1.1951 
1, 20835 

1.22525 
1.24221 
1.25921 
1.27626 
1.29335 

1,31049 
1.32766 
1.34487 
1.36212 
1.37940 

1.39671 
1.41404 
1.43140 
1.44878 
1.46617 

1.48359 
1.50101 
1.51845, 
1.53589 
1.55334 

1.57080 



30 ~ Circles Sect. 1 

14. Areas of Circles for Diam- 
Explanation on p. 39 
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eters in Units and Hundredths 
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Tal 

OoanNtaun PWN O 

Circles 

15. Areas of Circles 

Diameters in Units and Eighths 

‘1/8 1/4 3/8 1/2 5/8 3/4 7/8 

0.0123 | 0.04911 0.1104 | 0.1963 | 0.3068 | 0.4418 | 0.6013 
0.9940 | 1.2272 | 1.4849 | 1.7671 | 2.0739.| 2.4053 | 2.7612 
3.5466 | 3.9761 | 4.4301 | 4.9087 | 5.4119 | 5.9396 | 6.4918 
7.6699 | 8.2958 | 8.9462 | 9.6211 | 10.321 | 11.045 | 11.793 
13.364 | 14.186 | 15.033 | 15.904 | 16.800 | 17.721 | 18.665 

19.635 | 20.629 | 21.648 | 22.691 | 23.758 | 24.850 | 25.967 | 27,109 
28.274 |-29.465 | 30.680 | 31,919 | 33.183 | 34.472 | 35.785 | 37.122 
38.485 | 39.871 | 41.282 | 42.718 | 44.179 | 45.664 | 47.173 | 48.707 
50.265 | 51.849 | 53.456 | 55.088 | 56.745 | 58.426 | 60.132 | 61.862 
63.617 | 65.397 | 67.201 | 69.029 | 70.882 | 72.760 | 74.662 | 76,589 

78.540 | 80.516 | 82.516 | 84.541 | 86.590 | 88.664 | 90.763 | 92.886 
95.033 | 97.205 | 99,402 | 101.62 | 103.87 | 106.14 | 108.43 | 110.75 
113.10 | 115.47 | 117.86 | 120.28 | 122.72 | 125.19 | 127.68 | 130.19 
132.73 | 135.30 | 137.89 | 140.50 | 143.14 | 145.80 | 148.49 | 151.20 
153.94 | 156.70 | 159,48 | 162.30 | 165.13 | 167.99 | 170.87 | 173.78 

176.71 | 179.67 | 182.65 | 185.66 | 188.69 | 191.75 | 194.83 | 197.93 
201.06 | 204.22 | 207.39 | 210.60 | 213.82 | 217.08 | 220.35 | 223.65 
226.98'| 230.33 | 233.71 | 237.10 | 240.53 | 243.98 | 247.45 | 250.95 
254.47 | 258.02 | 261.59 | 265.18 | 268.80 | 272.45 | 276.12 | 279.81 
283,53 | 287.27 | 291.04 | 294.83 | 298.65 | 302.49 | 306.35 | 310.24 

314,16 330.06 | 334.10 | 338.16 | 342.25 
346.36 363.05 | 367.28 | 371.54 | 375.83 
380.13 397.61 | 402.04 | 406.49 | 410.97 
415,48 433.74 | 438.36 | 443.01 | 447.69 
452.39 471,44 | 476.26 | 481.11 | 485.98 

490.87 510.71 | 515.72 | 520.77 | 525.84 
530.93 551.55] 556,76 | 562.00 | 567.27 
572.56 593.96,| 599.37 | 604.81 | 610.27 
615.75 637.94 .| 643.55 | 649.18 | 654.84 
660.52 683.49 | 689.30 | 695.13 | 700.98 

706.86 730.62 | 736.62 | 742.64 | 748.69 
754.77 779.31 | 785.51 | 791.73 | 797.98 
804,25 829.58 | 835.97 } 842.39 | 848.83 
855.30 881.41 | 888.00 | 894.62 | 901.26 
907.92 934,82 | 941.61 | 948.42 | 955.25 

962,11 989,80 | 996.78 | 1003.8 | 1010 
1017.9 1046.3 | 1053.5 | 1060.7 | 1068 
1075.2 1104.5 | 1111.8 }, 1119.2 | 1126 
1134.1 1164.2 | 1171.7 | 1179.3 | 1186 
1194.6 1225.4 | 1233.2 | 1241.0 | 1248 

1256.6 1288.2 | 1296.2 | 1304.2 | 1312 
1320.3 }) 1352.7 | 1360.8 | 1369.0 | 1377 
1385.4 | 1418.6 | 1427.0 | 1435.4 | 1443 
14522 1486.2 | 1494.7 | 1503.3 | 1511 
1520,5 | 1555.3 | 1564.0 | 1572.8 | 1581 

1/2 o 

Explanation on p. 39 _ 



Art. 17 Spheres 33 

16. Volumes of Spheres 

Diameters in Units and Tenths 

3 4 

0.014) 0.034 
1.150} 1.437 

7.238 

WU KN RATO 

Explanation on p. 39 

17. Volumes of Spheres 

Diameters in Units and Eighths 

OVWNAUNU PWNHKO A 

1515.1 

1857.0 
2246.8 
2687.6 
3182.6 
3735.0 

Explanation on p. 39 
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18. Natural Hyperbolic Functions 

u Tanh u u Tanh u 

0.00 0. 2:25 0.9780 

0.05 0. 2.30 0.9801 
0.10 0. 2:35 0.9820 
0.15 0. 2.40 0.9837 

0.20 0. 2.45 0.9853 

0.25 0. 2.50 0.9866 
0.30 0. 2.55 0.9879 
0.35 0. 2.60 0.9890 

0.40 0. 2.65 0.9900 

0.45 0. 2.70 0.9910 

0.50 0 249 0.9918 
0.55 0 2.80 0.9926 

0.60 0 2.85 0.9933 

0.65 0 2.9 0.9940 

0.70 0 2.95 0.9945 

0.75 0. 3.00 0.9950 

0.80 0. 3.05 0.9955 
0.85 0. _ 0.9959 

0.90 0. a: 0.9963 

0.95 0. 3. 0.9967 

1.00 0. a 0.9970 
1.05 0. 3. 0.9973 

1.10 0. 3. 0.9976 
ti 0. K 0.9978 
1 0. <i 0.9980 

1 0. 3. 0.9982 
1 0. 3 0.9984 
1 0. 3: 0.9985 
1 0. 3. 0.9987 

1 0. 3. 0.9988 

1 0. 3.75 0.9989 
1 0. 3.80 0.9990 

1 0. 3.85 0.9991 
1 0. 3.90 0.9992 
1 0. 3.95 0.9993 

1 0. 4.0 0.9993 
1 0. 4.1 0.9995 
1 0. 4.2 0.9996 
uf 0. 4.3 0.9996 

1 0. 4.4 0.9997 

2 0. 4.5 0.9998 
2 0. 4.6 0.9998 
2 0. 4.7 0.9999 
2 0. 4.8 0.9999 
2 0. 4.9 0.9999 

Explanation on p. 39 



Art. 21 

19. 

Circular Arcs 35 

Napierian Logarithms of Numbers from 1 to 119 

i!) -« an 0.6931)1 
1 2.3026/2.3979)|2.4849)2 
2 2.9957|3.0445/3.0910/3 
3 3.4012/3.4340)3.4657)3. 

4 3. 6889/3. 7136/3. 7377/3 
5 3.9120)3. 9318/3.9512)3. 
6 4.0943/4.1109/4.1271\4 
7 4.2485)/4.2627|4.2767|4 

8 4.3820)4. 3944/4. 4067\4 
9 4.4998)4.5109)4.5218/4 

10 4.6052)4. 6151/4. 6250/4 
11 4.7005|4.7095/4.7185)4 

- 0986 
- S649 
- 1355 

. 7612 

- 1431 
«2905 

- 4188 
- 5326 
. 6347 
- 7274 

4. 

1.3863 
2.6391 
3.1781 

4965|3.5264 

3.7842 
9890 

.1589 
3041 

9703 

He He 

4308 
- 5433 
- 6444 
- 7362 oe 

Explanation on p. 

20. Multipliers for Transferring Logarithms 

Common 

. 302585093 
- 605170186 
- 907755279 fo a) 

. 210340372 
- 512925465 
- 815510558 

9 
11 
13 

. 118095651 
- 420680744 
. 723265837 

16 
18 
20 oO oN OD Ur whe 

21. 

Degrees 

to Napierian 

Example. 1 |0,434294482 
: 2 |0. 868583964 

Find Nap log of 105 311. 302883446 

Comlog105=2.02119 || 4 1737177928 

= 4.605170) 5 |2. 171472410 
-02 46052)! 6 |2. 605766891 

1 2303 
1 230)! 7 |3 040061373 
9 207)| g 13. 474355855 

Nap log 105 =4.65396 || 9|3.908650337 

Minutes 

- 017453293 
. 034906585 
. 052359878 wor | 

. 069813170 

. 087266463 
- 104719755 aU 

. 122173048 
. 139626340 
. 157079633 

| oon 

. 000290888 

. 000581776 
. 000872665 

. 001163553 

.001454441 

. 001745329 

. 002036217 

. 002327106 

. 002617994 

Seconds 

. 000004848 

. 000009696 

. 000014544 

Napierian to Common 

Example. 

Find number correspond- 
ing to Nap log 1.6078 

-6 0.26058 

07 304 

8 35 

_. +0.26397 
1 —0.43429 

Com log = 1.8297 
Number =0. 6756 

Example. 
Find length of arc for a central 

angle of 48° 45’ in circle of 
12 ft. radius. 

. 000019393 

. 000024241 

. 000029089 

. 000033937 

. 000038785 

. 000043633 

0.698132 
- 139626 
. 011636 
.001454 

0.85085 
12 

Length =10. 210 ft. 



36 Constants and Fractions Sect. 1 

22. Mathematical Constants 

Number Logarithm “Number | Logarithm 

. 1415927 0.4971499 
- 2831853 0.7981799 
-4247780 0.9742711 
- 5663706 1.0992099 
. 7079633 1. 1961200 
- 8495559 1.2753011 
- 9911486 1. 3422479 
. 1327412 0.4002399 
- 2743339 1.4513924 

. 1887902 0. 6220886 
- 5707963 0.1961199 
. 7853982 1.8950899 
. 5235988 1.7189986 
. 1047198 1.0200286 
- 0174533 2,2418774 

- 3183099 1.5028501 
- 6366198 1. 8038801 
. 2957795 1.7581226 

3437. 74677 3.5362739 
206264. 806 5.3144251 

9. 8696044 0.9942997 
0. 1013212 T.0057003 

31.0062767 1.4914496 
0.0322516 2.5085504 

- 1724539 0.2485749 

5641896 1.7514251 

- 4428829 0..6476649 

- 5066282 0. 3990899 

- 2533141 0.0980599 

- 7978844 T.9019401 

. 7182818 0.4342945 
- 3890568 - 8685890 
- 3678794 5657055 
- 1353353 - 1314110 

4342945 6377843 
- 3025851 . 3622157 

0174524 2418553 
0002909 4637261 
0000048 6855749 

- 3010300 

- 1505150 

- 8494850 

0.4771213 

- 7320508 0. 2385606 

+5773503 1.7614394 

4142136 

- 7071068 

COorFWwWorwn ooo nodoornornekh or 

roo OAINI OMT BIEIS 

Explanation on p. 39 

23. Decimal Equivalents of Common Fractions 

ze B® 

«33995 

- 44909 
-53624 
- 60879 
- 67094 

- 72530] 
- 77360 
-81707 
- 85658 

-89279 
-92621 
-95725 
- 98621 

Sele ete ey el ele lel 

Fon Nes Ng me, oe Be Se he a ee eis een oosss9 sesso SSoSS my RL hel ll 



“Art. 24 Explanation and Use of Tables 37 

24. Explanation and Use of the Mathematical Tables 

Arguments and Functions are the two kinds of numbers that appear in a 
table, the former being the numbers for which the values of the functions 
have been computed; thus, in sin 6, values of @ are arguments and those of 
sin @ are functions. In this book arguments are generally in bold-face type 
and functions in common type. An argument is placed at the side of the table 
and sometimes part of it is placed at the side and part at the top or foot; 

thus, when the reciprocal of 0.192 is sought, 0.19 is found at left-hand side 
and .002 at top, then 5.208 is found at’the intersection of the horizontal row 
and the vertical column. Interpolation is the process of finding the function 
for an argument that falls between two tabular arguments. This is generally 
done by regarding the function as varying uniformly between the two adjacent 
tabular values. Hence if the given argument a is half-way between two 
tabular arguments a; and ae, the required function f is the mean of the two 

corresponding tabular functions f; and fz. In general when a2 > a and 
fa > fi, the value of f for an argument @ which lies between a and az is 

@ayg—a aaj 
foot =f5— 

ao — a1 (fs fi) BB fk : @2 — a, 
f=fi+ (f2 — fi) 

the first formula being preferable when a < 1/2 (a; + ae), although both are 
applicable for any a. Thus by Table 14 the area of a circle for diameter 2.533 
is found to be 5.039. When the functions decrease as the arguments increase, 
fo — fi is negative; thus log cot 42° 17’ is found from Table 2 to be 0.0413. 

When a function is given and it is required to find the argument, the same process 
applies if a), a, a2 are regarded as the functions and fj, f, fo as the arguments. For 
example, when a cotangent is given as 1.8501 and the angle is required, the function 
is seen from Table 3 to fall between 1,8807 and 1.8040 which correspond to the argu- 
ments 28° and 29°; here the difference of the tabular functions is .0767 for a difference 
of 60’ in the arguments, while the difference 1.8807 — 1.8501 is 0.0306; then 306/767 
= 4and .4 X 60 = 24, whence the required angle is 28° 24’, closely. 
An error of one or two units usually occurs in the last figure of a function obtained 

by interpolation, since the tabular values do not really vary in the manner supposed. 
An interpolated argument is liable to a similar error, hence care should be taken not 
to extend the figures too far; in the last numerical example, however, it happens that 
the last figures should be 231. 

Logarithms of Numbers (Tables 1 and 26). The word logarithm and its 
abbreviation log, when used without qualification, refer to a common loga- 

rithm which is defined by the equation 10!08& =n. Table 1. gives the 
decimal part, or mantissa of a logarithm, while the integral part or character- 

istic is to be supplied according to the following rules. When the number is 
greater that.1, the characteristic of its log is positive and is one less than the 
number of figures preceding the decimal point; thus, 

log 6.54 = 0.81558 log 65.4 = 1.81558 log 654 = 2.81558 log 6540 = 3.81558 

When the number is Jess than 1, the characteristic of its log is negative and is 
numerically one greater than the number of ciphers immediately following 
the decimal point, thus the four-place log of 6 is 0.7782, and 

jog 0.6=1.7782 log 0.06=2.7782 log 0.006 =3.7782 log 0.0006 = 4.7782 

Here the mantissa is positive, so that 2.7782 is the same as — 2 + 0.7782. 
When the given number is an integral power of 10, the mantissa is zero, so 

that log 1000 = 3, log 100 = 2, log 10 = 1, log 1 = 0, log 0.1 =—1, log 0.01 

=— 2, log 0.001 = — 3, or in general log 10” = m. 



38 eo Mathematical Tables Sect. 1 

Multiplication and Division of numbers may be performed by the help of logarithms 
and the use of the following rules: 

To multiply-a by 8, log a + log b = logab 
To divide a by 5, log a — log b = loga/b 

Here log a and Jog } are obtained from Table 1 or 26 and the above rules for the 
characteristic; then the numbers corresponding to log e6 and log @/6 are found from 
the Table. For example, to multiply 68.31 by 0.2754, the sum of the logs is 1.27444 
and its corresponding number is 18.812, the last decimal being one unit in error. 

Powers and Roots of numbers are most conveniently computed by logarithms and 
the use of the following rules: 

To raise a to the mth power, n log a = log a® 

To extract the mth root of a, = log a = logai™ 

For example to raise 0.6831 to the 1.53 power: 1.53 X I.83448 =— 1.53 + 1.27675 = 
2.47 + 1.27675 = 1.74675 which is log of 0.53815. To find the fifth root of 0.6831: 
one-fifth of 1.83448 is 1/5 (— 5 + 4.83448) = 1.96690 which is log of 0.9262; or it is 

perhaps better to multiply by 0.2 instead of dividing by 5, thus 0.2 (1.83448) = 
0.2 (— 1 +.0.83448) = — 0.2 + 0.16690 =— 1 + 0.8 + 0.16690 = 1.96690. 

Table 2 contains logarithms of trigonometric functions to four decimal places at 
intervals of 1°, the characteristics being given. When the angle is less than 45° look for 
it on the left side and for the name of the function at the top; when greater than 45° 
look for it on the right side and for the function at the foot. In many books these 
functions are called logarithmic sines, logarithmic tangents, etc., while the character- 
istics are written 8 and 9 instead of 2 and I, thus requiring some multiple of 10 to be 
subtracted later. Here the final logarithm of a computation is correct without such 
subtraction; thus to compute (cos 18°)§ write log (cos 18°)§ = 3 log cas 18° = 1.9346, 
which is log of 0.8601. If any one wishes to use the old but illogical method, he can, in 
taking a log from a table, write 9. instead of I. and 8. instead of 2. as in Table 27. 

Table 2 gives four-place logs of trigonometric functions. The columns for log are 
tefer to the angles expressed in radians or to the arc of the circle expressed in terms of 
radius unity. Thus for 10°, the arc is 0.1745 and log arc to 10° is 1.2419; the arc of 
57°:3 is 1.0000 and log arc 57°.3 is 0.0000. The above remarks regarding character- 
istics should be noted. 

Natural Trigonometric Functions (Arts. 3 and 28-29). Table 3 gives four- 
place functions for every degree and Tables 28—29 give five-place for functions 
for intervals of 1’ in angle. For explanation of the term arc, see preceding 
paragraph. For rules regarding the signs of functions greater than 90° see 
Sect. 2. The secant of an angle is the reciprocal of its cosine and cosecant is 
the reciprocal of sine. The logarithms of the functions in Table 3 are given 

in Table 2, and those of the functions in Tables 28 and 29 are in Table 27. 
Log sec = — log cos and log cosec = — log sin. 

Reciprocals, Powers, and Roots (Arts. 4-10, pp. 14-26). The arrange 
ment of most of these is like that-of a logarithmic table, the last figure of the 
argument being given at the top and foot. By properly moving the decimal 
point in both argument and function, Tables 4-8 may be used for other num- 
bers than those given. For example, reciprocals of 0.0504, 0.504, 5.04, 50.4 
are 19.84, 1.984, 0.1984, 0.01984 to four significant figures; square roots of 
3.04 and 304 are 1.744 and 17.44, while those of 30.4 and 3040 are 5.514 and 
55.14. When the decimal point is moved one place in a number it is moved 
two places in the square and three places in the cube. 

The Three-halves Powers in Table 9 have been taken from Horton’s Weir Experi- 
ments, Coefficients and Formulas (Water Supply and Irrigation Paper 200 of U.S. 
Geological Survey, 1907) and are here given to four decimal places only. All those 
which end in 5 in Horton’s table have been recomputed. 

r | 
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Table 10 has been computed for this Handbook, the work being done in duplicate. 
To find (10 2)5, (10 )'/5, (10 )5/?, and (10 »)?/5 multiply the tabular values by 
100000, 1.5849, 316.23, and 2.5119. To find (0.1 n)5, (0.1 ”)!/5, (0.1 n)5/2 and 

(0.1 2)?/5 multiply the tabular values by 0.00001, 0.63096, 0.0031623, and 0.39811. 

Circles and Spheres (Arts. 11-17, pp. 27-33). Tables 11, 14, 16 give cir- 
cumferences of circles, areas of circles, and volumes of spheres for diameters 
in units and tenths. When the decimal point is moved one place in a diameter, 
it is to be moved one place in a circumference, two places in an area, and 
three places in a volume. Thus, for diameters 1.53 and 15.3 ft., the areas of 
the circles are 1.839 and 183.9 sq. ft.7 and the volumes of the spheres are 
1.875 and 1875 cu. ft. When the diameters are given in units and ecighths, 
Tables 12, 15, 17 are to be used. 

Table 13, which gives properties of circular segments, has been taken from Taschen- 
buch Verein Hiitte, 1905. Lengths of the arc of the segment are given in Table 3 up 
to 90° and for larger angles may be found from Table 21. Example: for central 
angles of 35° and 105° and a radius 7, the arcs are 0.6109 r and 1.83267, the chords 
are 0.6014 r and 1.5867 r,the rises are 0.0463 = and 0.3912 7, and the areas are 0.01864 r2 
and 0.4 3333 r. 

Areas of Spheres may be found by multiplying the circular areas in Tables 14 and 
15 by 4, since the area of a sphere is equa] to that of four great circles. Thus, area of 
a sphere for diameter 1.53 is 7.356, the last figure being one unit in error. 

Miscellaneous Tables (Arts. 18-23, pp. 34-36). Table 18 gives hyperbolic 
sines, cosines and tangents for arguments up to 4.9. The hyperbolic cotan- 
gent, coth u, may be found by taking the reciprocal of tanh uw. Powers of 
the Napierian base, € = 2.71828, may be obtained by taking the sum of 
cosh w and sinh u when w is positive and their difference when u is negative; 
thus, e7°5 = 12.1825 and «75 = 0.0821. 

Napierian Logarithms, often called hyperbolic logs or natural logs, are 
given in Table 19 for numbers from 1 to 119. The abbreviation Nap log 
designates these, and they are defined by the equation «Nap log” = y, where 
€ is the Napierian base 2.71828. Extended tables of Napierian logs are un- 
necessary since they may be easily computed from common logs as shown by 
the example in Table 20. 

Table 21 gives multiples for computing lengths of circular arcs for any given central 
angle. In Table 22, the symbol =z represents the ratio of the circumference of a circle 
to its diameter, e the base of the Napierian system of logarithms, and w the modulus 
of the common system of logarithms; 1/y is the Nap log of 10. ! 

Circumferences and areas of circles may be computed with accuracy to six or seven 
significant figures by the help oi the multiples of x given in Table 22 using circumfer- 
ence = xd and area = rr? where d is the diameter and 7 the radius. 

25. Precision of Results Computed from Tables 

Numbers in Tables are not generally precise in the last figure, and hence 
a lack of precision occurs in the final result of a computation. It is impor- 
tant that a computor should use the tables so as to obtain the most precise 
result and also that he should not attribute to the result a precision that does 
not exist. In general no more than four reliable significant figures can be 
obtained from a four-place table; indeed the fourth significant figure is liable 

to an error of one-quarter of one unit. Hence the Tables 28-29 cannot 
be used for cases where six or more significant figures are required to be 

accurately determined, but their use is limited to cases where only four or 

five are needed. The greater part of the computations in engineering require 
only three or four significant figures to be determined with accuracy. 
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The values given in tables may have a maximum error of one-half a unit in the last 
figure. Thus in Table 3 the value of sin 18° is given as 0.3090, this meaning that the 
true value lies between 0.30895 and 0.30905; in Table 28 it is given as 0.30902, this 
meaning that the true value lies between 0.309015 and 0.309025. When a quantity, 
like 576.48 sin 18° is to be computed by the four-place natural sine, the multiplication 
gives 178.13232, but the last four figures have no precision, since all that can be con- 
cluded by the use of the number 0.3090 is that the result, lies between 178.103498 and 
178.161142. Hence the result of this multiplication should be written 178.1, and it 

should be recognized that the last figure may have an error of one-half a unit. When 
a five-place sine is used the numerical value of a sin @ is liable to an error of half a 
unit in the fifth significant figure when sin@ is taken from Table 28 without 
interpolation. 

An interpolated value may have double the error of a tabular value, since it is 
obtained by using the difference of two tabular values one of which may have a positive 
error while the other may have a negative error. Thus sin 8° 18’.5 is found from 
Table 28 to be 0.14450, this meaning that the true value lies between 0.14449 and 
0.14451. Hence the quantity a sin 6 when obtained by the multiplication of a by asine 
interpolated from a five-place table may have an error of one unit in the fifth significant 
figure. All figures beyond the fifth have no precision whatever and are entirely 
misleading. 

The Probable Error of a number taken from a table is that error which is 
as likely as not to be exceeded. When the number is directly taken from 

the table its probable error is one-fourth of a unit in the last figure; when it is. 
obtained by interpolation its probable error is one-half of a unit in the last 
place. An interpolated value has really a probable error slightly greater 
than that just stated, since the function does not vary uniformly between 
two tabular values as the method of interpolation implies. 

When the product of two quantities f; and fe is to be obtained by using tabular 
values, the product /jf2 may have a maximum error (f; + /9) r and its probable error 

is 1/2 (f, +2) r where r is half a unit in the last place when the numbers are directly 
taken from the table and one unit when interpolation is made. Thus, the four-place 
product of 4.122 and 7.432, when obtained by multiplying the four-place squares. 
given in Table 5, is 936.7, the probable error of which is 0.18; the last figure is here 
really three units in error but an error so large wi!l occur only about one time in a 
hundred. For cases of this kind logarithms give more precise results; thus by four- 
place logs the product of 4.122 and 7.432 is 937.2 where the last figure is only one unit 
in error. 

The quotient fi/f2 also has the probable error 1/2 (fj +/f2) 7. When several quan- 
tities taken from tables are combined either by direct multiplication or division, the 
probable error of the result is 1/2 (1 +/fe +/f3 +...)7 and its maximum error may 
be twice as great. When logarithms are used, the probable and maximum errors are 
much smaller. " 

Inexperienced computors sometimes, in making interpolations, use all the figures 
obtained in the multiplication of differences, and thus carry the work several places. 

further than the tabular values warrant. This procedure not only entails additional 
work and gives extra figures which are wholly inaccurate, but it leads the computor to. 
suppose that his results have a far higher degree of precision than is actually the case, 
hence vitiating his judgment and perhaps leading to the deceit of others as well as of 
himself. The above indicates that no more significant figures should appear in inter- 
mediate work or final results than are given in the tables which are used. 

In this discussion the data of the computation are regarded as free from error. When 
the data are obtained by measurement, these are affected by the errors and uncer- 
tainties of the measurements and hence the probable errors of the computed results 
are greater than those noted above. See Sect. 2, Art. 14. 
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ELEMENTARY MATHEMATICS 

1. Algebra 

Notation. Known or constant quantities are usually represented by the 
first letters of the English alphabet and unknown or variable quantities by the 
last letters. The Greek letter # is universally used for 3.14159 ... In 
this book ¢ is used for 2.71828 . . ., and other Greek letters are rarely used 
except for angles. Names of Greek letters are 

a Alpha 7 Eta »y Nu vr Tau 
B Beta 6 Theta = Xi v Upsilon 
y Gamma « Tota oe Omicron @ Phi 

A, 5 Delta «x Kappa x Pi x Chi 
e Epsilon \ Lambda p Rho wv Psi 
¢ Zeta a Mu =, ¢ Sigma w Omega 

In this volume the sign / is often used to indicate division; thus, 3/8 is the same as $$ 
and a/d is the same as @ + 6. For the product of the first # natural numbers #! is used. 

Powers and Roots. The notation a” denotes the #th power of @, even when 
n is negative or fractional. Rules for powers are: (+ 4)" = + a", (— @)* 
= + a” if » is an even integer and — a" if » is odd; also (e™)" = g™*, 
a@™ = i/a", a®° =1. For multiplication and division of powers, e” X ea” 
= a™*R and a™/a® = g™—*, 

n 
The notation a!/* or 4/a denotes the nth root of &. Replacing m and # in the last 

paragraph by 1/m and 1/m, the rules there given for powers apply also to roots. An even 
root of a positive number is positive or negative and an odd root is positive; an odd 
root of a negative number is negative and an even root is impossible or imaginary. 

The symbol ¢ denotes is 1, which is the simplest imaginary quantity. If @ is 

positive and m even, then (— a)" =aU"i, Powersof fare ® =— 1,8 =— VW —1, 
if = +1. A complex quantity is one partly real and partly imaginary, as ¢ + 5:. 
The complex numbers —1/2 (1 + 32%) and — 1/2 (1 — 31/2%) are two of the cube 
roots of unity. 

Factors of some algebraic expressions are 

a@—-P =(¢—d(e+d e&+ = (a — bi)(e + bi) 
@&+8 =(@+d)(@—ad+8) a& —8 = (@ — 5)? + 06+ 8) 
a® — 5% = (a — })(a®-? 4 a®-%H 4 aP3HE4 | BY) 
a® — §® = (a + d)(a®—) — a® 2) + a®3B2 — |. . — >) if wis even 
a” + b" = (a + 8)(a"®—} — a®% + a® 3B? — | | | + 8") if wis odd 

When @ and 6 are small compared to i, then approximately, 

(tai+%)=1+4+6 (i + a)" + 8)" = 1 + ma + ed 

1/id+a)=1i-e ii —a)=it+e V ab = 1/2(a + d) 

Logarithms. When y = & and 6 isa fixed number, vis the logarithm of y 
to the base 6, or logy y = x. When } = 10 the logarithms are in the common 
system; thus since 100 = 10°, and 0.1 = 107!, the common logs of 100 and 
0.1 are + 2 and — 1. When x = 0, y = 1, and hence for all systems the log 
of 1 is 0. Numbers greater than 1 have positive logs and those less than 1 
negative logs. When 5 = 2.71828 . . . the logs are in the Napierian system. 

Proportion. ll rules are included in this, where m, =, 9, and g¢ have any values: 

it Sie = ride eS 
sore datg peted 

A Permutation is any arrangement that can be made of several things; thus, 
for three letters there are six arrangements: abc, acd, bac, dca, cab, cha. The 
number of permutations of » things taken r at a time is » (» — 1) Nas 
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(n —r-+ 1). For example the number of permutations of seven things taken 
three at a time is 7 X 6 X 5 = 210: A combination is a group made by 

- taking things without reference to their order; thus for three letters there is 
only one combination abc. The number of combinations of » things taken in 
groups of r is [m (m — 1)... (am —r-+1)J]/r!. For example, when seven lines 
radiate from a point the number of combinations of these taken two at a time 
is 7 X 6/2 = 21, and hence there are 42 angles that can be measured. 

The Binomial Theorem or formula is a means for writing out the power of 
a binomial ina series. It is 

= a + nap 4 2M —D nope , He — Nm — 2) (a +b) a® +na™ 1b + a5 2 + nae 

When 7 is a positive integer it holds in all cases; when is afractionor negative 
it holds only if ais greater than 6. In the first case the expansion (right-hand 
member) has m + 1 terms; in the second the number of terms is infinite. The 
coefficients of the powers of a and 6 in the expansion are called binomial ca- 
efficients; the general formula for the 7th coefficient is Cr = [n (n — 1)(n — 2) 
---(n—r+1)+{t X2X3X...7]). Thus whenn =5, the coefficients 
are-1, 5,,40,,:10;.5, 1. 

If x stands for b/a, then (a + 6)® = a*(1+4 2x)", and the expansion of a 
binomial of the type (2+ 5) can be expressed by that of a binomial of the 
type (1+ <x). When isa positive integer the following hold in all cases, but 
when 1 is a fraction or negative they hold only if « is between 0 and 1. 

n(n —1) , , n(n — 1)(n — 2) 

"wee eas pamper ig 

am—sps + 

Qa" =1line+ 

: =A 42)72 =1 Fae t¢ PF + tre st... 
1+ 

1 1-1 1-1-3 
View = (14%)? =14-24-—v + Pode br werpe- 

When =x is small compared to 1, the first two or three terms in the four preceding 
expansions give generally a sufficient approximation in ordinary computations. 

A Series is a succession of numbers which proceed according to some fixed 
law. A converging series is one whose sum, as the number of its terms is 
indefinitely increased, approaches some finite value as a limit; a diverging 
series is one whose sum, so taken, increases indefinitely. An arithmetic 
series, or arithmetic progression, is one in which the differences between 
successive terms are equal, as in a,a+d,a+2d,a+3d,...; the mth 
term is a + (m — 1)d, and the sum of the m terms is 1/2 » [2 a + (m — 1) dj. 
A geometric series, or geometric progression, is one in which the ratios of 
successive terms are equal, as in a, ar, ar’, ar’, .... 3 the mth term is ar®7}, 
and the sum of the » terms is a (r® — 1)/(r — 1). 

Some special series (see also preceding paragraph for Binomial series): 

+243 +4 4...4+(—-1) +" =1/2n (n+ 1) 
£648 +...+(2n—2) +2" =n (w+ 1) 
+547+...4+(2n-3)+(Qn-1) =2# 

24324474 0, , 4 (4 — 1)? +2? = 1/6 (n+ 1)(20 +1) 
G4 334484... +4 (n — 1/3 +73 = 1/4 (mn + 1)? 

2 x3 
at = 14 Flog. + Floste + Flog fat... (1) 
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Soe, tie Epbmege . where € = 2.71828... (2) 

1 E psf obical5: Seep ate 1/elogess = 5 + 18 Cas 48 Gap bees 
spp oh es Ceecrenls Seen eal ae (3) 

1 : x U2loge taste tere, (4) 
In right-hand 4 mets of the Poe xis i angles In radians: 

ae ae Bon ey oe 
sing = *%— at a Gia (5) CT aT a el 

gee D 55 17 x7 
tan ebb set regs (7) 

Approximations when xis Small. In series (1) the first two terms, or at most:three, 
are generally sufficient when « is small compared to a, and in (2), (3), (4) when x is 
small.compared to 1. In (5), (6), (7), two terms, or even one, may be sufficient when 

z is less than the arc of 10°; thus, for 8° the value of x is (8/180)r = 0.13963, and 
sin x = x — 1/6 x? = 0.13918, which is one unit in error in the fifth decimal place. 
When the angle is less than 5°, the values of x and sin x do not differ more than one 
unit in the fourth decimal place. (See Sect. 1, Art. 5.) 

2. Solution of Equations 

Algebraic Equations, rational and integral, and of the first, second, third, 
or fourth degrees have been solved algebraically; that is, formulas have been 
found for the values of the unknown, the roots of the equation. 

A Linear Equation, one of the first degree, as ax + 6 = 0, has only one 
root, namely « = — b/a, 

A Quadratic Equation, one of the second degree, as x? + 2 ax +5=0 has 
two roots, namely — a + (a? — d)1/2, If a =0, the roots are equal and 
opposite in sign; if b > a? both roots are imaginary. 

A Cubic Equation, or one of the third degree, can be written in the form 
x + 3 ax? +3 bx -+2c¢=0; it has three roots, here called x, xo, anf is. 
To determine these compute B and C from B = — a*?+ 6 and C = a— 

3/2 ab +c, and. s; and sg from sj = ln C+-VB+C gq)” and sp = 

(-c- VB +0) 48 
then 41 = —a + (sy +52) 

v2 = —a@ — 1/2 (s1 +52) $ 1/2 -V — 3 (st — 52) 
= —a— 1/2 (sy +52) — 1/2V— 3.651 — 52) 

When B* + C? is negative the numerical solution leads to irreducible imagi- 
nary forms although the three roots are real. 

Equations of Degree Higher than the Second can generally be solved best 
by factoring, by trial, or graphically. . In the following f (x) is used to rai 
any expression containing x, and is read “‘ a function of x,” and so f (x) = 
may denote any equation containing «; the value of f (x) when x =a is 
denoted by f (a). 

(1) Factoring Method: Factor f (#) and equate each factor to zero; solve each of 
these new equations for%; these roots are also roots of f (x) = 0. Thus, to find the 
roots of x — 19 * — 30 = 0, note that «3 — 19x — 30 = (w@ +3) (x2 —3x% — 10); 
from x +3 =0,x% = =,3, and, from ja? > 3.4 = 10 >, x= +5 and —2; hence 
— 3, +5, and — 2 are the roots sought. 
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(2) Trial Method: Make guesses at the roots until a value is found which nearly 
satisfies the equation; such a value is an approximate root. In finding it, note that 
if f (x) = 0 designates the equation, and if x; and x, are numbers such that f (x,) and 
J (x2) are of opposite sign, then there is an odd number of roots of f (x) = 0 between 
x; and xg. Thus, to find a root of f @) =a3 +422 —5% —15 =0: trying x =1 
and x = 3 one gets f (1) = — 15 and f (3) = +33; 1 and 3 are not close values of 
the root but there is a root between them; trying 2 one gets f (2) = =, a closer 
value. Trying 2.1, one gets f (2.1) = + 1.4; the root is between 2 and 2.1. 

(3) Plotting Method: The equation to be solved being f (x) = 0, plot the graph of 
¥ =f (x) (see Art. 3); the abscissas of the intersections of the graph with the x axis 
are roots of f (x) = 0. Or, break up " 
Jf (x) into the difference of two func- 
tions of x as f;(x) and f9(x) and plot 
the graphs of y = fi(x) andy = fo(x); 
then the abscissas of the intersections 
of the two graphs are roots of f (x) = 0. 
Thus, to solve x3 +422 —5x—15=0: 
the graph of y = 9° +422 —5x —15 
is shown by the solid curve of Fig. 1, 
and the abscissas of its intersections 
with the x axis are about 2.1, — 1.6, 
and — 4.3, which are also the roots 
sought. Or, again, x3 +422 —5% — 
15 can be broken up into (x? + 4 2?) 
— (5x +15); the dashed curve is the 
graph of y = x3 + 4 x2 and the straight Fig. 1, 
line is the graph of y = 5x + 15; the 
abscissas of the intersections of these two graphs are about 2.1, — 1.6 and — 4.3, 
and they are the roots sought. 

Transcendental Equations are those involving trigonometry or logarithms; 
such equations with one unknown can be solved by one of the foregoing 
methods. For example, to find the roots of tanx —2« =0 (x being in 
radians): plot the graphs of y= tan x and y = 2 x, and determine the abscis- 
sas Of the intersections of the graphs; the abscissas are the roots, one being 
x = 1.16. 

To find the horizontal tension ¢in a catenary cable whose length is 22 ft., span 20 ft., 
and weight 10 Ib. per lin. ft. The equation to be solved is ¢19/¢— e-10/t_ 22 = 0. By 
trial fis found to lie between 12 and 14; trying ¢ = 13, the equation reduces to + 0.0298 
= 0; trying ¢ = 13.1 it reduces to — 0.0012 = 0, hence the root is a little less than 
= 13.1, . 

An equation which arises in the theory of a column round at one end and fixed at 
the other is x — tan x = 0, where x is to be in radians. This equation has many 
roots, the smallest one being x = 4.49341. 

3. Graphic Representations 

Rectangular Coordinates. XX’ and YY’ (Fig. 2) are two rectangular 
coordinate axes or x and y axes; and XOY, YOX’, X’O’Y, and Y’OX are 
the first, second, third, and fourth quadrants respectively; O is the origin of 
coordinates. The position of any point in the drawing, as P, relative to the 
axes may be specified by two coordinates, the « coordinate, or abscissa of P, 
and the y coordinate, or ordinate of P. The abscissa, denoted by x, is the 
distance of P from the y axis, and the ordinate, denoted by y, is the distance 
of P from the x axis; the coordinates have signs as follows: 

x is positive when P is to the right of the y axis, 
x is negative when P is to the left of the y axis, 
y is positive when P is above the x axis, 
y is negative when P is below the # axis. 
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When P is actually plotted by means of its coordinates, the coordinates are 
also said to have been plotted. If the coordinates of P are x and y, say, P is 

Fig. 2 

referred to as the point (x, y). 

Graphs. An equation between. any two 
variables as x and y is sometimes written 

y =f (x), for brevity; it is read “y equals 
a function of x.” The graph of any equation 
as y =f (x) is a graphical representation of 
the relation between y and x; to determine 
the graph compute values of » corresponding 
to assumed values of x, plot points whose 
coordinates are the corresponding values of 
x and y computed, and then draw a smooth 
curve through the points. 

Logarithmic Plotting. The equation y = f (x) may be represented by a 
_graph obtained by plotting corresponding values of log « and logy, instead 
of x and y, values of y having 

been obtained from y = f (x) for 
assumed values of x; sucha graph 
is a logarithmic graph. If values 
of x and log y, or y and log x are 
plotted, the graphs are semi-loga- 
tithmic. These graphs are more 
advantageous than the ordinary 
one in some cases, and can be got 
as readily by using logarithmic or 
semi-logarithmic rulings, as in 

Figs. 4 and 6 in which the unequal 
divisions are like those on an or- 
dinary slide rule, based on the 
logarithms of numbers, and the 
figures on the rulings are not loga- 
rithms but the corresponding 
numbers, also as on a slide rule. 
If y =f (x) is graphed on such 

Fig. 4 

tuling by plotting corresponding 
values of x and y, the graphs are 
logarithmic or semi-logarithmic, ex- 
actly like those first described. 

The intercept.of a graph on the 
x (or y) axis is the x (or y) coordi- 
nate of the intersection of the graph 
with x (or y) axis. The slope angle 
of a straight line is the angle be- 
tween the line and the positive x 
axis; the slope angles of all lines 
may be expressed by angles be- 

tween 0 and 180°, or — 90° and + 
90° (see Fig. 2). The slope, or 
gradient, of a graph at any point 
is the tangent of the slope angle of 
its tangent line at that point, 

The graph of y = mx +c, into the form of which any equation between two variables 
of the first degree can be put, is straight; m = the slope of the graph and ¢ = its 
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intercept on the y axis. Thus y = — 2x +3 has a graph sloping upwards to the 
left at an angle of 63-1/2° and cutting the y axis 3 units above the origin. 

The graph of y — 6 = m (x — a)” +c is curved, its shape depending upon the 
numerical values of m and m; a, b, and ¢ affect only the position of the graph with 
Tespect to the coordinate axes. Fig. 3 represents graphs of y = x” for the different 
values of m noted. The corresponding iY 
graphs of y = mx” are enlargements in 
the y direction if m > 1 and reductions 
if 1 >m >0 of those shown; if m is 
negative, the effect is enlargement or 
reduction as explained and a rotation 
of the graphs through 180° about the 
x axis. The logarithmic graph of y 
= x" is straight; Fig. 4 shows these 
graphs corresponding to those of Fig. 
3. The logarithmic graphs of y = mx” 
are also straight, but they do not pass 
through the point (1, 1). 

The graph of (y — a) = me"™Z-0 +-¢, 
a “‘ logarithmic or compound interest’ 
equation, is curved; its shape depends 
on the numerical values of m and n; 
a, b, and ¢ affect only the position of 
the curve relative to the coordinate 1.0 - 0.5 0 0.5 1.0 
axes. Fig. 5 represents graphs of y = Fig. 5 

"2 for the several values of m noted. é 
In y = me"Z, m affects the graphs shown as explained in the preceding paragraph. 
The semi-logarithmic graph of y = ¢”# is straight; Fig. 6 shows these graphs corre- 
sponding to those of Fig. 5. The semi-logarithmic graph of y = me"® is also straight, 
but it does not pass through the point (0, 1). 

To Find an Equation for a Given Graph. If the graph, plotted on axes x 
and y, is straight, the equation is of the first degree; let (x1, y1) and (x2, y2) be 

the coordinates of any two points 
of the graph; the equation is (y — 

M1) (x2 — %1) = (x = x1) (y2 = 91). 
If the intersection of the graph 
with either axis is available, that in- 
tersection may well be taken as one 
of the points; if it passes through 

the origin, that may be advanta- 
geously chosen. If the graph is 

curved, there may be no corre- 

sponding equation but an equation 
can usually be found which will 
approximately fit at least a limited 
portion of the graph. ; 

(1) If the graph resembles a portion 
of one of the family represented in Fig. 
3, plot its logarithmic graph; if this is 
practically straight,:the original: graph 
can be closely represented by y= mx”, 
To determine m and n: m = y when 
x = 1, and this value of y can be got 
from either graph, probably more ac- 

Fig. 6 curately from the logarithmic; then in 
log (y/m) = n log x substitute the co- 

ordinates x and y of any point and solve for n. 
(2) If the graph resembles a portion of one of the family represented in Fig. 5, plot 

semi-logarithmically (Fig. 6); if the resulting graph is practically straight, then the 
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original graph can be closely represented by y = me®2. To determine m and n, the 
value of mis found from m = y when x = 0, and this value of y can be got from either 
graph, probably most accurately from the semi-logarithmic graph; then in loge y = 
loge m + nx substitute the x and y coordinates of any point on either graph and 

solve for n. 

4. Trigonometry 

Functions of Acute Angles. If from a point in either line bounding an 
angle (Fig. 7) a perpendicular is drawn to the other line, then in the right 
triangle thus formed the leg adjacent to @ is the base, and the leg opposite, 
the perpendicular; they are denoted by 6 and respectively, and the hypot- 
enuse by kh. The sine, cosine, tangent, cotangent, secant, and cosecant of the 
angle are defined (and abbreviated) thus: 

sina = p/h cosa = d/h tana = p/b 
csca = h/p seca = h/b cota = b/p 

The versed sine, abbreviated vers, is unity minus the cosine; thus vers @ 
=1-—cosa@. The exsecant, abbreviated exsec, is secant minus unity, thus 
exsec@ = seca — 1. From the foregoing it follows that 

sina/cosa = tana cos a/sina = cota 
sina csca@ = cosa seca = tana cota =.1 
sin?a@ + cos?a@ = se®a — tanta = cs’ a — cota=i1 

Ifa + B = 90°, sina = cos 8, tana = cot8, seca =cscB. Ifthe arc A’ B’ 
(Fig. 7) be struck from O with a radius unity, then in the triangle OA’ B’ his 
unity and in the triangle OA’’B” bis unity. Then also 

sina = A’B’ cosa = OA’ tana = A’ B” 
seca = OB” _ versa@ = A’A” exseca = B’B”’ 

BY 
. al man 

- i\t 

et) 

acon P < pou Mh 
oO 4A) Al pe 

Fig. 7 Fig. 8 

Functions of any Angle. Leta = XOP (Fig. 8), x and y = the coordinates 
of P, and = OP. Then whether a is in the first, second, third, or fourth 
quadrant, the functions of @ are defined as follows: 

sina = y/h cosa = x/h tana = y/x 
csca = h/y seca = h/x cota = x/y 

Since x and y may be positive or negative, the functions may also be; the 
sign of a function depends on the quadrant of a, thus: 

quad sin cos tan_ cot sec esc 

1 Hh + ae ae + Ee ar 
2 as a = = = ae 
3 = = te +) - - 
4 i Sate mm ies 13 = 3 
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The values of the functions for the four cardinal angles are: 

Functions of angles greater than 90° are not given in trigonometric tables generally. 
These can be obtained from the functions of acute angles by means of the following in 
which do, a3, and a4 denote angles in the second, third, and fourth quadrants 
respectively. 

270° —az 

— cos 

+ sin 
— cos 
— sin 
+ cot 

Negative Angles. Angles in the preceding figures and those referred to in 
the foregoing were regarded as measured from OX in the counterclockwise 
direction and considered positive; an angle regarded as measured clockwise 
is considered negative. OP (Fig. 8) may be specified by a positive or a 
negative angle, the arithmetic sum of the two being 360°. Ifa denotes merely 
the numerical value of any angle, then 

— sing cos (— @) = cos@ tan (— @) — tana 
— csca@ sec (— a) = seca 

-360 —270 —180 90 0 +90 +180 “+ 270 +360 

Fig. 9. Graphs of Trigonometric Functions 

Graphs of sine, cosine, tangent, cotangent, secant, cosecant are given in Fig. 9 for 
values of angle from — 360° to + 360°. The graphs of the last four functions have 
infinite branches, asymptotic to the solid vertical lines adjacent at the upper and 
lower margins. The figure shows the sign and periodicity of any function of any angle 

between the limits named and roughly the relative values of the functions of any 

particular angle. 
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Inverse, or Anti-Functions. The symbol sin~1x means the angle whose 
sine is x, and is read inverse sine of x and anti-sine of x (also arc sine x). 

Similarly cos~! x, tan~! x, cot~! x, sec7! x, csc~! x, vers”! x, the last meaning 
an angle a such that (1 — cosa) = x. While the direct functions (sine, etc.) 
are single valued, the indirect are many valued; thus sin30° = 0.5, but 

Bins) 0.5 =.30° or 150245 . 

Trigonometric Relations. For functions of an angle expressed in terms of 
each of the others, the following abbreviations are used: 

A=4vVi—sina B=svVi-—cs’'a@ C=+iV1+tan’a 

F=+Vcca — 1 E=4Vsea—1 D=4V1+ cota 

sina = B =tana/C = 1/D = E/seca = 1/csca 

cosa = A= 1/C = cota/D = 1/seca = F/csca 

tane = sina/A = B/cosa = i/cota = E =1/F 

cota = A/sina = cosa/B = i/tanea = 1/E=F 

seca = 1/A = 1/cosa = C = D/cota = csca/F 

csca = i/sine = 1/B =Ctana = D = seca/E 

Functions of the sum and difference of two angles: 

sin (a+ B) = sine cosB+cose@sin§8 

cos (a+ B) = cosa cos8 #sina sing 

tan (a+ 8) = (tana + tan #)/(1 Ftane tan 8) 

cot (a+ B) = (cot 8 cota ¥1)/(cot 8+ cota). 

If x is small, say 3 or 4°, then the following are close approximations, in which the 
coefficients x must be expressed in radians (1° = 0.01745 radian). 

sin (a tx) = sina +2cosa, cos (a +x) = cosa ¥ xsina 

Functions of half and double angles: 

sin 1/2a@ = VY 1/2 (1 —cosa) = 1/2 V1 + sina — 1/2YW1—sina 

cos 1/2a@ = / 1/2 (1 + cosa) = 1/2 V/1 + sina + 1/2YV1—sine 

tan1/2a = V/ (i—cosa)/(1+cosa) =(1—cosa)/sina =sina/(1+cosa) 

cot 1/2a@ = VY (1+cosa@)/(1—cosa) =(1+cosa@)/sina =sina/(1— cosa) 

sin2a@ = 2sinacosa, - cos2a =2 co?'a —1=1—2sin’a, 

tan2a@ =2tana/(i—tan?a)  cot2a = (cot?a@ — 1)/2 cota). 

Sums and products of functions: 

sina cos6 = 1/2 sin (a + 8) + 1/2 sin (2 — 6) 

cosa sinB = 1/2 sin (a + 8) — 1/2 sin (@ — B) 

sina sin B = 1/2 cos (a — B) — 1/2 cos (a + B) 

cosa cosB = 1/2 cos (a — 8B) + 1/2 cos (a +8) 

sin (@ + 8) sin (a — 8) = sin?’a — sin? B = cos? B — costa 

sina + sin@ = 2 sin 1/2 (a + 8) cos 1/2 (a — B) 

sina — sinB = 2 cos 1/2 (@ + 8) sin 1/2 (a — B) 

cosa + cos8 = 2 cos 1/2 (@ + B) cos 1/2 (@ — B) 

cosa — cos 8 =— 2 sin 1/2 (@ + B) sin 1/2 (@ — B) 
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5. Plane and Spherical Triangles 

Plane Triangles. The three angles are denoted by a, 8, and y, and the 
respective opposite sides by a, b, and c; also s denotes 1/2 (@ + b + c))r radius 
of inscribed circle, R radius of circumscribed circle, and A area of the triangle. 
Then,a +8 +7 = 180° 

a/sina = b/sin 8 = c/sin y (“ law of sines’”) 

2 =a? + b? — 2 abcosy, r WV/(s — ays — b)(s — c/s 
A =sr = 1/2 absiny, »R =1/2acsca. 

Solution of Right Triangles. If an acute angle and one side or if two sides 
of a right triangle are given the other elements can be determined. Let 
h = hypotenuse, a and § acute angles, and a and b the legs opposite them, 

respectively. The acute angles are complementary, that is, a +6 = 96°; 
the area is 1/2 ab always. Five cases may be distinguished: 

Given kh and a; a@=hsina, 6b =hcosa 
Given a anda; b=acota, h=acsca 
Given 6 and a; a@=btana, h=bseca 

Given a and hk; a = sin! a/h,b = a/ (h + a)(h — a) 

Givenaganddb; a=tanla/hh=vVerte? 

Solution of Oblique Triangles. If any three of the six elements (three 
angles and three sides) of a triangle are known, the remaining three can be 
determined provided one of the given three is a side. Any problem will fall 
under one of four cases. 

Case 1. Given one side and two angles. Then the third angle equals 
180° minus the sum of the two given. If the given side is a, then 

ll 

b=asin8/sina and c=dasiny/sina. 

Case 2. Given two sides and the included angle (a, b and vy). Then 

1/2(a + B) = 90°— 1/2y, 1/2(@ — 8) = tan! [tan 1/2(a@ + B) -(a—b)/(a + b)} 
a= 1/2(@+ 8) + 1/2 (a — B) B = 1/2 (a + B) — 1/2 (@ — B) 

c =asiny/sina. 

Case 3. Given two sides a and b and the angle @ opposite one of them. 
Then sin 8 = (b/c) sina, giving two values of 8, one acute and one obtuse 
unless sin 8 > 1, in which case the data are impossible. Calling these two 
angles 8; and B2 respectively, then 

corresponding tofi, 1 180 — (a+ 61) and a =asin 71 /sin a 
corresponding tof2, y2 = 180 —(@+f2) and ce = asiny2/sina 

That is, there are two solutions unless y2 < 0, when only the first holds. (The 
meanings of these exceptions, sin B > 1 and 72 < 0, will become evident if a 
geometrical construction of the triangle is attempted.) 

Case 4. Given the three sides. Let s denote 1/2(a+6-+c). Then 

cos 1/2a =V/ s(s — a)/be cosi/2B8 =aVs(s — b)/ca cos1/2v =V/s(s —c)/ab 

Spherical Triangles. The intersection of the surface of a sphere with a 
plane through its center is a great circle of the sphere; an arc of the circle is 

measured by the angle between the radiuses of the sphere drawn to the ends 
of the arc. A spherical angle is the angle between two intersecting arcs of 
great circles; it is measured by the angle between their tangents at the inter- 

section. A spherical triangle is a portion of the surface of a sphere bounded 

oul 
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by arcs of three great circles. Spherical triangles are classified in the same 
way as plane triangles: isosceles, equilateral, right etc. The spherical 

excess of a triangle is the excess of the sum of its angles over 180°. Any 

spherical triangle can be solved if any three of its six elements (three sides 
and three angles) are given; from the following formulas a solution may be 
made in any given case. The notation is as follows: a, 8, and y represent 
the three angles, while a, 5, and c designate the opposite sides respectively, 
and e = the spherical excess. 

sin a/sina = sin b/sin 8 = sinc/siny 

cosc = cosacosb +sinasinb cosy 

cosy = — cosacos$ + sina sin B cose 

cot 1/2 e = (cot 1/2 a cot 1/2 Bb + cos y)/sin y 

A spherical right triangle can be solved if any two of its elements, not including the 
right angle, are given. In the following 4 is the hypotenuse, a and 6 the other two 
sides, and @ and § the angles opposite a and 4 respectively. 

sin a = sin ksina = tand cot B cosa = cosasin B = cothtanb 

cos k = cosacosb = cotacot B 

6. Geometry and Mensuration 

Angles. The common unit of angle is the degree (one-ninetieth of a right 
angle); the degree is divided into 60 minutes and the minute into 60 seconds. 
Another unit is the radian, called also the unit in circular measure of angles; 
it is an angle equal to that between two radiuses of a circle which embrace 
an arc equal to the radius. Then 

1 radian = 180 + m degrees = 57.296°, 1 degree = 0.0175 radian 

If an angle a subtends a circular arc whose length and radius are s and r 
respectively, then @ = s/r or s = ra provided that s and r are expressed in 
the same unit and @ in radians. 

Triangles. Let a, 6, and c = lengths of sides; a, 8, and y the opposite 
angles, # the altitude to the side 6, s denote 1/2 (@ +6+c), and A = area. 

A =1/2bh =1/2basiny = 1/2b%siny sine/sinB =~W/s(s — a)(s —- DG —o 
Quadrilaterals. Let D; and Dz = lengths of the two diagonals and a the angle 

between them, then A = 1/2D,Dosina. Parallelogram: let a = one side, b = base, 
a = angle between a and 6, k = altitude; then A = bh = absina. Trapezoid: let 
6 and B = parallel sides, and # = altitude; then A = 1/2 (6 + B)h. 

Polygons. The area A equals the sum of the areas of the constituent 
triangles. For a regular polygon (equal sides and equal angles) let R = 

radius of circumscribed circle, ry = radius of inscribed circle, ¢ = length of a 
side, » = number of sides, 2a@ = central angle subtended by one side; then 

A = 1/4ne* cota = 1/2”R*sin2e =n’ tane @=2Rsina =2rtane 

Circle (Fig. 11). Circumference L = 2ar = wd. Area A = rr? = 1/4md?. 
Chord C = 2rsin1/26. Rise of arc h = 7 (1 — cos 1/2 6). Arc subtended 
by @ a = 7d X (@ in degrees)/360 = 7 (9 in radians); when # is small com- 
pared to C, a = 1/3(8c — C); this is approximate, but even when #) = +, the 
error is less than 1-1/4 %. Sector OMPN: area = area of circle (@ in 
degrees)/360. Segment MPNM: area = area sector — 1/27? sin 0; when 
h is small compared to C, area = 2/3 Ch, also h (8c + 6C)/15, both approx- 
imate; when h = 1/47, the first errs about 3-1/2 % and the second less 
than 1%. 
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To Find the Center of a Given Circle, draw a chord and then a perpendicular to 
the chord at its middle point; this line extended in both directions to the circumference 
isa diameter. To draw a circle through three points: join one of the points with the 
others, thus getting two chords; at the middle points of the chords erect perpendiculars; 
the intersection of these is the center of the circle. If, in the preceding problem, the 
center is inaccessible or the radius is too long for drawing instruments, proceed as fol- 
lows, the three points being A, O, A’, Fig. 10: draw arcs Aa’ and A’a with centers at 
A’ and A respectively; extend AO to determine a and A’O to determine a’; divide 
aA’ into equal parts ab, be, etc.; lay off a’b’, b’c’, etc., equal to ab; join A with any 
point as 6 and A’ with the corresponding point b’; the intersection P of these joining 
lines is a point in the circle. “If in the préceding problem it is desired to determine 
points in the circle by ordinates as WP, let r = radius of the circle, # = rise or center 
ordinate OQ, C = chord AA’, y = any ordinate as NP, and x = QW (distance of 
that ordinate from the center one), then r = (4 #2 + C2)/8h, and 

y= VA—#@-¢-h =VP—-#@-VP_-CH 

Fig. 10 Fig. 11 

Ellipse (see also Art. 11), The circumference of an ellipse whose semi- 
axes are a and 6 is r(a + b)k where & is an abbreviation for (1 + ¢?/4 + 
c4/64 + c§/256 +...) andc = (a —b)/(a +b). The following table gives 
k for several values of c: 

1.0158 };0.45 
1.0215 -50 
1.0311 .55 
1.0404 60 

The area of an ellipse is given by 7ab; the area of any part as A BOP (Fig. 12) 
is xy + ab sin~! x/a, in which x and y are the distances of P or Q from the axes. 

Hyperbola (see also Art. 11). The area of any symmetrical segment like 
PAOQP (Fig. 13) is xy—ab 
log. (x/a + y/b), where 2 a 
and 2 b are the lengths of 
the axes of the hyperbola 
and x and y the distances 

of P or Q from the axes. 

Parabola (see also Art. 
11). The length of any 
arc beginning at the vertex 

as AP (Fig. 14) is (67/4 a) [W/c1 +c) + loge (/o+vV/1 +c)], in which ¢ 

is an abbreviation for 4.a2/b?, a and b being distances as marked. The area of 

a symmetrical segment like PAQP is two-thirds that of the rectangle PE DQ. 

Irregular Figure (Fig. 15). To find the area divide the figure into an even 

number of strips of equal width; the more numerous these strips the more 
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accurate is the result given by the following formulas. The first of the ordinates 
bounding the strips is called yo, the 

ayet second 4, etc., m the number of 
ufula Un Gu, strips, w their common width and A 

4 Y= the area. The following formulas 
Fig. 15 give A approximately: 

A =w(1/2yo toi ty2+. . . +yn-1 + 1/2 yn), Trapezoidal. 

A =1/3 wo t491 +292 +493 4+... +2 9n-2+ 49n-1+ Yn), Simpson’s. 
A=w(04y0 + 1.191 +92 +93 +... + ¥n—2t 1-1 yn1+ 0.4 yn), Durand’s. 
Simpson’s rule applies only when m is odd; when is even the area of n — 3 

strips may be computed and then the area of the remaining 3 strips may be 
found by 

A = 3/8 w (vo +391 +3 3 + yj), Cotes’s. 

Prism. Let V = volume, /# = altitude, A = base area; V = Ah. Trun- 

cated prism: V = the product of the length of line joining the centers of gravity 
of the bases and the area of section perpendicular to the line. Truncated 
triangular prism: V = product of one-third the sum of the parallel edges and 
the area of section perpendicular to edges. 

Cylinder. Let V = volume, A = base area, h = altitude; V = Ah. Right 
circular cylinder: Let 7 = base radius, S = area cylindrical surface; V = 
arh, S =2arh, A =7r*. Frustum right circular cyl- 
inder: H = greatest height, # = least height; V =r? 
(H + h)/2,S,= mr(H +h). Wedge of right circular 
cylinder (Fig. 16); Let 2 C = straight edge of base, 
p = altitude of the base (segment of circle), 2¢ = cen- 

tral angle of the arc of base in degrees, r = radius of 
base; V = [C 37? — C?) +37? (pb — r) $ 1/180] h/3 2, 

= [C + (p — r)p7/180] 2 rh/p. Hollow right circular 
cylinder: R = outer radius of base, r = inner radius, 
t = thickness = R —7; Ve7r(R?-PYA=Hr7(2R 
—H)th=r(2r+ th. 

Pyramid. Let V = volume, A = area base, h = alti- 
tude; V = Ah/3.  Frustum of a pyramid: let A and 

= areas of bases; V = (A +a+-¥ Aa) h/3. 

Cone. Let V = volume, A = area of base, h = alti- 
tude; then V = Ah/3. Circular Cone: let r = radius 
of base; V =7r’h/3. Right circular cone: area of conical surface, S = 

arVr? +h. Frustum of right circular cone: let R = radius larger andr = 

Fig. 16 

radius smaller base; V = (R? + Rr+ r2)h/3; S=a(R+n)V/(R-1P +P. 

Sphere. Let V = volume, A = area,r = radius, and d = diameter. Then 
h 1. tee V=4/3 mr = 1/6 2d?; A = 4 ar? = rd*. Zone: let k= alti- 

ae ae tude, a = radius larger base, 6 = radius smaller base; V = 
= 1/2 wh (a? + b? + h?/3); convex A =2arh; 7? =a? + 

[(a? — b? — h?)/2 hJ®. Segment (zone with one base): make 
b = 0in formulas for zone. Sector with one conical surface 
(Fig. 17): V = 2/3 mr°h, total A = rr (2h + a). 

Ellipsoid. Every section is a circle or an ellipse. Let 
a, b, and c = the semi-axes; then the volume = 4/3 zabc. 

Paraboloid of Revolution generated by revolving a parabola about its 
own axis (Fig. 18). Let 7 = radius of base and a = altitude of paraboloid; 

Fig. 17 
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then volume = 1/2 ar*a. Volume of a frustum, R and r being radii of bases 
and # = height (see Fig. 18) is 1/2 r(R? + r°)h (approx.). 

Surface and Solid of Revolution. The first may be generated by revolving 
a plane curve about a line in its plane, or else by a straight line about an inter- 
secting line; and the second by revolving a plane area about a 
line in its plane. The axis of the surface or solid is the line 
about which the revolution takes place. The area and volume 
can be determined by the principles of Pappus and Guldinus 
which are: . ie 

(a3) For area A: let / = length of generating curve (must 
not cut the axis of revolution) and x; = distance of its center 
of gravity from the axis; then A = 2 rx/. 

(b) For volume V: let a = area of the generating figure (must not be 
intersected by the axis) and x2 = distance of 
its center of gravity from the axis; then V= 
2 wxod. 

The revolution of a circle about a line in its plane 
but not cutting the circle generates a ‘‘tore,’’ or 

\ “torus” or anchor ring (Fig. 19). The preceding 
Fig. 19 formulas give its area and volume thus: A = 

271/2(R+9r)xd=72(R+pr)d, and V= 
2m” 1/2(R +1) 1/42 d? = 1/422 (R +1r)a2. 

A Prismoid is a solid with plane faces two being parallel (and called ends) 
and each of the others containing a part of the perimeter of one end and at 
least a point in that of the other end.. Let V = volume of the prismoid, A1 
and A» = areas of the ends, Am = area of the cross-section of the prismoid 
midway between the ends and / = length of prismoid (distance between 
ends); then V = 1/6 (A; + 42 +4 Am)I/. 

7. Interest and Sinking Fund 
Interest. The notation in the formulas is: » = principal, the sum loaned; 

|i = rate of interest, expressed 0.06 or 6/100 for 6%; n = time, term, or 
period of the loan in years; @ = amount due after m years, that is, the sum of 
the principal and interest. When interest is paid only on the principal and 
not also on interest which may be due, the interest is simple; then 

a@=p(iitim) i=(a—p)/pn p=allitim) n=(a— p/pi 
The adjoining table gives the simple interest on $100 at various rates for one 
year, one month (1/12 year), and one day (1/30 month, bank practice). 

4% 5% 

$4.00 $5.00 
0.33-1/3 0.41-2/3 

When interest is not paid periodically but regarded as additions to the prin- 

cipal, also to draw interest during the remainder of the time, then the interest 
is compound. If additions of interest to principal are made annually, then 

a=p(14i)" i=V (ap) —1, p=0/(1 +i)", n= (log a—log p)/log (1+i) 
For semiannual compound interest, a = p(1 + 7/2)?”. The adjoining table 
gives the amount of one dollar at interest compounded annually at various 

rates for various periods. Thus, $2000 at 3% in 20 years amounts to 2000 
$1.80611. = $3612.22; the interest earning is $3612.22 — $2000, or $1612.22. 
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Amount (Principal plus Interest) of $1 at Compound Interest 

Rates o? compound interest 

2-1/2% 4-1/2% 5% 

1 1.02000 | 1.02500 | 1.03000 | 1.03500 | 1.04000 | 1.04500 | 1.05000 
7} 1.04040 | 1.05062 | 1.06091 | 1.07122 | 1.08160 | 1.09202 | 1.10250 
3 1.06121 | 1.07689 | 1.09273 | 1.01872 | 1.12486 | 1.14117 | 1.15762 
4 1.08243 | 1.10381 -} 1.12551 | 1.14752 | 1.16986 | 1.19252 | 1.21551 
5 1.10408 | 1.13141 | 1.15927 | 1.18769 | 1.21665 | 1.24618 | 1.27628 

10 1.21899 | 1.28008 | 1.34392 | 1.41060 | 1.48024 | 1.55297 | 1.62889 
15 1.34587 | 1.44830 | 1.55797 | 1.67535 | 1.80094 | 1.93528 | 2.07893 
20 1.48595 | 1.63862 | 1.80611 | 1.98979 | 2.19112 | 2.41171 | 2.65330 
25 1.64061 | 1.85394 | 2.09378 | 2.36324 | 2.66584 | 3.00543 | 3.38635 
30 1.81136 | 2.09757 | 2.42726 | 2.80679 | 3.24340 | 3.74532 | 4.32194 
35 1.99989 | 2.37321 | 2.81386 | 3.33359 | 3.94609 | 4.66735 | 5.51602 
40 2.20804 | 2.68506 | 3.26204 | 3.95926 | 4.80102 | 5.81636 | 7.03999 
45 2.43785 | 3.03790 | 3.78160 | 4.70236 | 5.84118 | 7.24825 | 8.98501 
50 2.69159 | 3.43711 | 4.38391 | 5.58493 | 7.10668 | 9.03264 |11.46740 

An Annuity is a succession of equal sums paid regularly, generally annually; 
each payment is also called annuity, but more properly, installment. The 
amount of an annuity for a term of years is the sum of the installments plus 
their interest earnings, interest being generally considered as compound. 
Let A = amount; i = interest rate expressed decimally (as 0.05 for5%); » = 
number of years in the period of the annuity; and J = (annual) installment, 
one at the end of each year. Then A = J [(1 +7)" — 1]/t. The following 
table gives the amount of an annual annuity of $1 for various periods and 
various rates of interest. Thus, $200 invested at the end of each year of a 
20-year period at 4% amounts to 200 X $29.77808, or $5955.62, at the end 
of that period; the interest earned is $5955.62 — (20 X $200) = $1955.62. 

Amount (Installments plus Interest Earned) of an Annual Annuity 
of $1 

No. of Rates of compound interest 

Years 2% 1 2-1/2%} 3% 3-1/2% 5% 

1 1.00000) 1 1.00000 

2 2.02000 2.03000} 2.03500 2.05000 

3 3.06040 3.09090} 3.10622 3.15250 

4 4.12161 4.18363} 4.21494 4.31012 

5 5.20404 5.30914] 5.36247 5.52563 

10 10.94972 . 46388 12.57789 

15 17.29342 21.57856 

20 2429737 33 ..06595 
25 32 .03030 47.72710 

30 40. 56808 66 .43885 
35 49 99448 E 90.32031 

40 60.40198 -03032|120.79977 
45 71.89271 5 .78167}121.02939 |138 . 849961159. 70016 

-48435)]112 .79687|130.99791|152.66708|178 .50303|209. 34800 

A Sinking or Amortization Fund is one created to provide a definite sum 
(for canceling a debt, for example) at a certain time; it is usually created by 
equal and regular contributions or installments and their interest earnings, 
compounded, that is, by an annuity and its interest earnings. Let S = the 
amount of a sinking fund; ~ = number of years for its creation; 7 = interest 
tate expressed decimally (as 0.05 when the rate is 5%); and ZJ = annual 
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installment required, paid at the end of each year of the period. Then J = 
Si/[((1 + 4)" — 1]. The following table gives annual installments required 
to create a fund of one dollar (equal to Z/S) in various periods at various 
interest rates. Thus the annual installment necessary to accumulate $22 000 
in 25 years, at 4%, is 22 000 X $0.02401, or $528.22; the énterest earning is 
22 000 — (25 X 528.22), or $8794.50. 

Annual Annuity Required to Accumulate $1 (Installments 
plus Interest Earnings) 

Rates of compound interest 

2% 2-1/2 

.00000 | 1.00000 

.49505 | 0.49382 
32675 | 0.32514 
.24262 | 0.24082 
.19218 | 0.19025 
.09133 | 0.08926 
05782 | 0.05577 
.04116 | 0.03915 
.03122 | 0.02928 
.02465 | 0.02278 

01821 
01484 
.01226 
.01026 

o = i \o ve} 

1 
0 
0 
0 
0 
0 
0 
0 
0 
0 

02000 | 0 
0 
0 
0 

-01655 
.01391 

1 
0 
0. 
0 
0 
0 
0 
0 
0 
0 
0. 
0 
0 oooocooooocoocoom 

ocoooooocoococsoor ooooocococeqocor eoecooooooooscoocor oooooooooocoocor oO oO i a @o i) o a n Ww 

The Present Worth of a given sum due at a future time is such a sum which 
if now placed at interest, would amount to the given sum at that time. Let 
p = present worth, a = given sum due in years from now, and 7 = interest 
rate; then on simple interest basis = a/(1 + im), and on annual compound 
p =a/(1 +72)". The following table gives present worths, computed at vari- 
ous rates of compound interest, of $1 due in various periods. For example, an 
addition to plant necessary 5 years hence will then entail a cost of $8000; how 
much can one afford to pay for such addition now, it being without use or ex- 
pense for 5 years? As much as the present worth of $8000 due in 5 years at the 
current rate of interest, that is, if the rate is 5%, 8000 X $0.78353, or $6268.24. 

Present Worth of $1 Due at a Future Date 

Rates of compound interest 

2% 4% | 4°1/2% | 8% 

.95694 | 0.95238 

.91573 | 0.90703 
87630 | 0.86304 
83856 | 0,82270 
.80245 | 0.78352 
.64393 | 0.61391 
.51672 | 0.48102 
.41464 | 0.37689 
.33273 | 0.29530 
.26700 | 0.23138 
21425 | 0.18129 
.17193 | 0.14205 
13796 | 0.11130 
11071 | 0.08720 

96154 
92456 
.88900 
85480 
$2193 
67556 
55526 
45639 
37512 
30832 
25342 
.20829 
.17120 
14071 

0.98039 
0.96117 
0.94232 
0.92385 
0.90573 
0.82035 
0.74301 
0.67297 
0.60953 
0.55207 
0. 50003 
0.45289 

| 0.41020 
0.37153 ooooooococoooo ooooooocooocoooosd 
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The present Worth of an Annuity is the sum which now placed at compound 
interest will reach the same amount as will be reached by the annuity. Let V= 

Mi-a+)) The follow- 
t 

ing table gives values of an annuity of $1 for various periods and various rates. 
Thus, the present worth of an annuity of $1 for 20 years at 4% is $13.59. 

Present Value of an Annuity of $1 

Rates of compound interest 

the present value of an annuity J; then V = 

No. of 
Years 2% 3% 3-1/2% 4% 

1 0.98039 .97087| 0.96618} 0.96154 

2 1.94156 -91347| 1.89969 1.88609 
3 2.88388 .82861| 2.80164] 2.77509 

4 3.80773 -71710} 3.67308} 3.62989 

5 4.71346 -57971| 4.51505] 4.45182 

10 8.98258 .53020} 8.31660} 8.11090 

15 12.84926 .93793) 11.51741] 11.11839 

20 16.35143 .87747| 14.21240] 13.59033 
25 19 .52346 -41315} 16.48151] 15.62208 

30 22.39646 .60044]} 18.39204| 17.29203 

35 24.29862 -48722| 20.00066| 18.66461 

40 27.35548 .11477} 21.35507| 19.79277 

45 29.49016 24.51871| 22.49545] 20.72004 

50 31.42361 .72976| 23.45562| 21.48218 

Annual Depreciation of a property is the necessary annual installment of 
the annuity which will amount to the first cost of that property at the expira- 
tion of its useful life; annual depreciation is also expressed in percentage of 
first cost. Thus, if the first cost of a part of a plant is $10 000 and its life is 
estimated at 40 years, then if money is worth 3%, the annual depreciation is. 
10.000 X $0.01326, or $132.60, and the rate of depreciation is 1.326% 
Capitalization of a plant is the sum of the first cost C and the capital necessary 
to earn annually (a) the annual cost of operation O and (b) the annual depre- 
ciation D; that is, ifzis the interest rate, capitalization equals C + (O + D)/i. 
Thus, if in the preceding illustration O = $500, the capitalization equals 
$10 000 + ($500 + ($132.06)/0.03 = $31 068. 

Annual Annuity for Various Periods which $1 will Purchase 

2% | 2-1/2% | 3% | 3-1/2% | 4% | 41/2% 1—-5% 

-02000 | 1.02500 | 1.03000 |} 1.03500 1.04000 1.04500 | 1.05000 

.51505 | 0.51883 | 0.52261 | 0.52640 | 0.53020 | 0.53400 | 0.53780 

.34675 | 0.35014 | 0.35353 | 0.35693 | 0.36035 0.36377 | 0.36721 

.26262 | 0.26582 | 0.26903 | 0.27225 | 0.27549 | 0.27874 | 0.28201 

.21216 | 0.21525 | 0.21835 | 0.22148 | 0.22463 | 0.22779 | 0.23097 

.11133 | 0.11426 | 0.11723 | 0.12024 | 0.12329 | 0.12638 | 0.12950 

.07783 | 0.08077 | 0.08377 | 0.03683 | 0.08994 | 0.09311 | 0.09634 

.06116 | 0.06415 } 0.06722 | 0.07036 | 0.07358 | 0.07688 | 0.08024 

.05122 | 0.05428 | 0.05743 | 0.06067 | 0.06401 | 0.06744 | 0.07005 

.04465 | 0.04778 | 0.05102 | 0.05437 | 0.05783 | 0.06139 | 0.06505 

.04000 | 0.04324 | 0.04654 | 0.05000 | 0.05358 | 0.05727 | 0.06107 

.03656 | 0.03984 | 0.04326 | 0.04683 | 0.05052 | 0.05434 | 0.05828 

.03391 | 0.03727 | 0.04079 | 0.04445 | 0.04826 | 0.05220 | 0.05626 

.03182 | 0.03526 | 0.03887 | 0.04263 | 0.04655 | 0.05060 | 0.05478 

Rates of compound interest 
SEES SS ee a a ee 

The formula for this table is i/[1 — (1 + i)-”]. 
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ADVANCED MATHEMATICS 

8. Differential Calculus 

Definitions and Symbols. In a discussion of quantities, a constant is one 
regarded as having the same value throughout, and a variable is one supposed 
to take different values. When several variables are related, their values being 
interdependent, each is a function of the others; thus the area and the base 
of a triangle of constant altitude being definitely related, these quantities are 
functions of each other. “Also any expression containing the symbol of a 
quantity is a function of that quantity; thus ax” + bx — cis function of x, 
and ay? + bx is a function of x and y. The following abbreviations are used: 
f (x), F (x), @ (x), etc., for functions of x; f (x,y) F(x, y), @ (xy) etc., for func- 
tions of x and y, etc. The letters /, F, ¢, etc., are functional symbols; and 
f (x) and f (y), or F (x) and F (y), denote the same functions of x and of y; 

thus if f (x) denotes x? + 6x — 7, then f (y) denotes y? + 6y = — 7. When 
y =f (x) as y =x +42, the equation being solved for y, then y is an 
explicit function of x; but in F (x, y) = 0, as xy + 4x”? — y? = 0, the equa- 

tion not being solved for y, then y is an implicit function of x. If y =f (x), 
and for each value of x there is only one value of y, then y is a single-valued 
function of x; if for each value of x there is more than one value of y, then y 
is a multiple-valued function. 

If two variables x and y are related and x is regarded as taking on any values and 
then y its corresponding values, x is the independent and y the dependent variable. 
When any variable x changes from a value x; to a value x9, the difference x2 — x, is an 
increment of x; any increment of x is denoted by Ax, also 6x. An increment of x may 
be positive or negative; when negative, the numerical value of the increment is called 
decrement. A variable regarded as taking on equal increments is an equicrescent vari- 
able. If in y = f (x) all equal changes in x produce equal changes in y, then y is a uni- 
form variable with respect to x, and the graph of y = f (x) is straight. The rate of y 
with respect to x, or the x-rate of y, is the change in y per unit changeinz. If«, — x, 
or Ax (Fig. 20), is any change in x, and yg — y, or Ay, is the corresponding change in y, 
then the x-rate of y is (ye — 91)/(4e — 21) =Ay/Ax. Ifiny =f (x) all equal changes 
in x do not produce equal changes in y, then y varies non-uniformly with respect to x, 
or at a variable rate; the graph of y =f (x) is a curve. The average rate of y with 
respect to x, or average x-rate 

of y, for any change in x, is 
that constant rate which would 
give the actual change in ydue y 
to the change in x. For the 
change x2 — xj in x (Fig. 21) 

this constant rate is (yo — 
41) /(*1 — x1), or Ay/Ax, and is 
represented by the slope of the ~ 
chord AB. The actual x-rate Fig. 20 Fig. 21 
of + when x = %1, say, is the J 

value which the average rate Ay/(xo — 41) approaches as x2 is taken closer and closer to 

x1; this limiting average rate, or actual rate, is represented by the slope of the tangent 

at A. As y =f (a), the x-rate of y is also the x-rate of f (x). 

The Derivative, the differential coefficient, and the derived function of y 

or f (x), y being equal to f (x), with respect to x are expressions which denote 

the x-rate of y or of f (x); the first is the most common. There are several 

standard notations for this quantity: thus, Dzy or Dzf (x), yx’ or fa’ (x) (the 

subscript is generally omitted), and dy/dx or d/dx f (x). The last two are the 

most common symbols and have the advantage of suggesting how the rate is 

obtained in the first instance. If the curve in Fig. 21 is the graph of y = if (x), 

dy/dx = tana (when x = %1), a being the slope angle at A. The derivative 
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dy/dx is essentially one quantity, but may be regarded as a fraction provided 

that dy and dx is regarded so that their ratio equals tana; thus if dw is 

regarded as a finite increment of x, equal to Ax, then dy must be taken as 
CD, not equal to Ay. So taken, dy is the differential of :y with respect to «; 
it is an hypothetical increment of y, equal to the increment which occurs in 
y for a change in x from 2; to x; + dx on the supposition that the x-rate of y 
remains constant during the change in x and is equal to its actual value when 
x = 2x. Thus, dy/dx = $(x) may also be written dy = ¢(x) - dx. 

The fluxion of a variable function is its time rate. This term was used by Newton 
but is now uncommon; a fluxion of a variable as y was denoted by him thus, y. 

Differentiation is the process of finding the differential or derivative of a 

function. The following formulas give differentials (and derivatives by 
division) of some simple functions. Differentials of many other functions 
can be obtained by combining formulas; thus according to the formula for 
d‘(uv), d (sin x-cos x) = sinx-d (cosx) + cosx-d(sinx), and as given 
d (cos x) = — sinxdx and d (sin x) = cos x dx; hence d (sin x-cosx) = — sin? 
dx + cos? x dx. In the formulas, a and are constants, ¢ is the base of the 
Napierian system of logarithms, and in each case the differential of the func- 
tion is given with respect to x. 

d(a+x) =dx d(ax) =adx dx® = nx“! dx 

de®. = ede da* = a* logeadx dlogex = dx/x 

dsin x = cos x dx descx = -—cscxcotxdx 

d cos x = —sinx dx dsec x = sec x tan x dx 

dtanx =sec?xdx dcotx =—cs?adx 

dversx =sinadx d coversx = — cosx dx 

dsin~!x = dx/V/1 — 2 = —dcos-!x 

dtan-tx =dx/i +x?) = —dcot x 

dsectx = dx/x Vie = pe 2a 

dvers-1% = dx/\/2x — x? = —d covers"! x 

dsinhx = coshxdx dcschx = —cschxcothx dx 

dcoshx = sinh x dx dsechw = —sechxtanhxdx 

dtanhx = sech? x dx dcothx = —csch?x dx 

dsinh =! x = dx|r/ x2 +1 dcsch iy = — dx/x0/1 + 2 

d cosh"! x = dx/V/ x? — 1 dsech tx = — dx/xrw/1 — a2 

dtanh71x* = dx/(1 — x?) d coth tx = — dx/(x? — 1) 

In the four following, u, v, w, etc., are functions of x and all differentials are 
with respect to x: 

dutotw+...)=dutd+dw+. d (uv) =udv+vdu 
d(ww...) = [du/u + dovu+dwiw+...]Juw... 
d (u/v) = (vdu — udv)/v? 

Partial Derivatives and Differentials. The partial derivative of a function of two 
or more independent variables with respect to one of them is the derivation of the 
function obtained on the supposition that the others are for the time being constants; 
the partial x-derivation of a function w is written du/d«, also (du/dx); for example, of 
ifm = y8+ 4 xy + 22+ 2, du/dx =4y4+2x and du/dy =3y2 +44. If a (or 3) isa 
function of two independent variables, the partial derivatives have geometrical signifi- 
camice. The equation z =f (x, y) represents a surface; suppose that APa, Fig. 22, is 
its intersection with a plane parallel to ZOX, and BPD its intersection with a plane 
parallel to ZOY; on these curves, y and # respectively are constant. PT’ and PT” are 
tangents to the curves at P as shown, and the slopes of these tangents represent 02/0% 
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and dz/dy respectively. The partial differential of a function of two or more in- 
dependent variables with respect to any one of them is the differential of the function 
obtained on the supposition that the other 
variables are, for the time being, constants. 
Thus ifz = 98 +4 2y + 22+ 2, the x-partial 
differential of z is 4 ydx +2 xdx and the y- 
partial differential is 3 y2dy + 4ady. If 
is a function of only two independent vari- 
ables the partial differentials have geometri- 
cal significance. If Pm and Pn are taken 
to represent the differentials dx and dy respec- 
tively, then mT’ and nT” represents the x- 
and the y-partial differentials of z. Also 
these partial differentials are equal to 
[0z/dx] dx and [dz/d¥] dy. 

Total Derivatives and Differentials. The 
total differential of a function of two or 
More variables is the differential obtained 
on the supposition that all change. It Fig. 22 
equals the sum of the partial differentials of 
the function with respect to the several variables; thus if « = / (xyz), 

ou ou Ou 
du = — dx + —dy+ —dz 
a Ox re a J az 

If u is a function of only two variables, du has a geometrical significance. Thus ifz = 
(x, y) and Pmand Pn (Fig. 22) are taken as dx and dy respectively, then CQ represents 
dz. The differential dz then is a hypothetical and not the actual increment, Cc in z due 
to changes dx and dy in x and y. The total derivative of a function of two or more 
variables all dependent on a single variable is the rate at which the function changes per 
unit change of that variable; thus if u = f (x, y, z) and x, y, and z are all functions of ¢, 

du _dudzx , dudy , dudz 

dt dx dt Oy dt az dt 

and similarly for any number of variables. If the independent variable is x say, then 

du = 4+ dudy , du dz 

dx Oydx d2dx 

Successive Differentiation is the process of finding derivatives or differen- 
tials of derivatives or differentials. The successive derivatives and differentials 
are called first, second, third, etc., derivatives and differentials, and of the 
first, second, third, etc., order; those of the second, third, etc., order are 
“higher derivatives ’’ and higher differentials. For the successive «-deriv- 
atives of y = f (x) the following symbols are used: 

first, Dy, ’, f(x), and dy/dx 

second, D (Dy) or Dy, vy’, f’(“), and d/dx dy/dx or d*y/dax? 

third, D*y,y'", f(a), and  d¥y/dx3 
The first x-differential of y is dy, the second d’y, the third d*y, etc. 

For the successive partial derivatives of u =f (xy) the following symbols are used: 

first partial x-derivative 0u/dx, first partial y-derivative du/dy 
second partial x-derivative 02u/dx2, second partial y-derivative 02u/dy* 

The first partial x-derivative may be taken with respect to x and the second with 
respect to y; this second is written 02u/dyd«. Similarly 02u/dxdy means the x-partial 
derivative of the y-partial derivative of u. But the order of differentiation is immaterial, 
that is, 02u/dydx = 82u/axdy, and this independence is true for any number of suc- 
cessive differentiations with respect to any number of variables. 

Maxima and Minima. A maximum value of a function is one which is 
algebraically greater than, and a minimum value is one algebraically less than 
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its adjacent values. Thus, if the curve in Fig. 23 is the graph of y mah (x), 

yi; ¥2, and y3 are maximum values of y or f (x) and +4, Ys, and yg are minimum 

values; again, imagine u =f (x, y) graphed, x and y independent variables 

plotted on horizontal axes and u vertically, thus defining in general an undu- 

lating surface; then the values of 
u corresponding to high and low 

points of the surface are maximum 

or minimum values of w or f (x, y). 

Maximum and minimum values 
are also known as turning values; 

Fig. 23 the values of the independent vari- 
able or variables corresponding to 

turning values are critical values. The following formulas refer to maxima 

and minima, like y; and ys, where the tangent line is horizontal and not to 
those like y3 and ys (rare), where the tangent line is not horizontal. At 
maxima and minima of the first kind the gradient dy/dx changes sign gradu- 
ally, and at the peaks the change of sign is sudden. From this property peak 
values of a function can be obtained “ by trial ” with dy/dx. 

(1) Turning value of y =f (x): Solve f’(x)=0; any root obtained, as 2, is a 
critical value if the lowest x-derivative of y which does not vanish for x = x; is of an 

even order; the turning value, f (x), is a maximum or minimum according as that 
lowest x-derivative is negative or positive for x = 2). 

(2) Turning value of y in f (x, y) = 0: Solve of (x, y)/ax =0 and f (x, y) =0 
simultaneously for x and y; the values obtained, x; and y,, are critical and turning 
values respectively if of (x, y)/@y does not vanish for x = a, and y = 91; y is maxi- 

mum or minimum according as [— 02/ (x, y)/dx2] + [df (x, y)/dy] is negative or 
positive for x = x, and y = 1. 

(3) Turning values of u =f (x,y): Solve df (x, y)/ax = 0 and of (x, y)/ay =0 
simultaneously for x and y; the values obtained, x, and 4, are critical values if 
[02f (x, y)/dx2] [82f (x, y)/ay2] — [32 f (x, y)/Axdy]? is positive for x = 2, and y = 5 

u is a maximum | if 02 f (x, y) ot a2 f (x, y) are"ebeh negative 

“is a minimum x2 ay? positive 

Indeterminate Forms. In general a function of a variable has a definite 
value for any particular value of the variable; yet the values of some func- 
tions for special values of the variable lead to expressions like 0/0, 0-% and 
the like, which are so-called indeterminate forms. For example, the function 
(1—cos x)/x for x = 0 becomes 0/0 and (1/2 r—x) tan x for x = 7/2isO X @. 

~ (1) The quotient f (x) + F (x) becomes 0/0 for a particular value of x as a: the 

indeterminate form equals the value of f’(x) + F’(x) when x = a; if this ratio is also 
an indeterminate form, the original one equals f(x) + F’’(x) when x = a. 

(2) The quotient f (x) + F (x) becomes ~/% when x = a: the true value may be 
obtained as in case (1). 

(3) The product f (#7) X F («) becomes 0.© when x = a: the product equals f (x) + 
[1/F (x)] which takes the form 0/0 when x = a and may be evaluated as in (1). 

(4) The difference f (x) — F (~) becomes © — © whenx = a: the difference equals 

 («) + W (x), case (1), where (x) = [1/F («)] — [1/f (w)] and w (x) = 1/[f (x) F (x)]. 
(5) The function [F (x)]/( becomes 1%, 0°, or ©9 when x = a: the function equals 

ef(~)logF() (the logarithm being Napierian), and the value of this form can be got if 
f (x) log F (x) can be evaluated; but f (x) log F (x) falls under case (3). 

Maclaurin’s Theorem expresses the law for the expansion of a function of 
a variable in a series of ascending powers of the variable, thus, 

2 3 

f(x) =f + + #0) + 7”) 44 imo) =, ley 

wherein f (0) means the value of f (x) when x = 0 and f’(0) is the value of 
f’(«) when x = 0, etc. 

UU,U, a 
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as illustration, cos x is here expanded by Maclaurin’s theorem: f (x) = cos x; f'(%) 
=— sin z, f"(x) =— cosz, f’’(x) = sin x, f(x) = cos x, etc.; f (0) = 1, f’(0) = 0, 
f"() =— 1, 7'"(0) = 0, #0) = 1. Hence cosx = 1 — x2/2! + x4/41-+ 2... 

Taylor’s Theorem expresses the law for the expansion of a function of a 
variable plus an increment in a series of ascending powers of the increment; 
thus 4, denoting an increment of x, 

h Ie hs FEEM=L@) +E TPOASPO+SI@+H... 
To expand cos (x +) by Taylor’s theorem: f (x) = cos x, f(x) =—sin x, f’’(zx) 

=—cos-x, f(x) = sin x, f(x) = cos x, efc., and cos (x +k) = cos x (1 — #2/2! + 
h4/41 —...) —sinz (kh —F3/3! + 75/5! —...). 

9. Integral Calculus 

Definitions and Notation. Integration is the process of determining a 
function from its derivative or differential; it is the inverse of differentiation. 
The function is called the integral of the derivative or differential; also anti- 

derivative and anti-differential. The symbol of integration is }. Thus the 

x-derivative of f (x) béing written /’(x), f t’(«) =f (x), but integration of 

the differential instead is generally indicated, as i f’ (x) dx =f (%); dx indi- 

cates the “ variable of integration,” f/’(x) is called integrand, and the result 
of the integration, that is, the function determined f (x), is the integral of the 

derivative or differential from whichitisfound. Strictly } f’(x) or } f’(x)dx 

=f (x) +C, C being a constant, called constant of integration; f (x) is 
called the indefinite integral and f (x) + C the general integral. In a general 
integral the constant of integration is an arbitrary constant, but in a par- 

ticular problem of integration it has a special value determinable from data of 

theproblem. Thus, suppose in a givencaseit is known that when x =a, } f’(x) 

=A then A =f (a2) +CorC =A —f (a); andf («)§+ A —f (a) isa par- 

ticular integral. 

Integral Forms. In the following formulas K is the constant of integra- 
tion; a, b,c, A, B, m, and are constants; logarithms indicated are Napierian, 
and ‘e is the base of that system (Art. 2); YV is an abbreviation for a + bx, 
Z for a + bx + cx?; and uw and v are any functions of x. 

f cau =a)du fw + v) dx = f udx +f ws 

yn+1 nr 

= —_— Th, pees K ez uv vdu fy dx G@aebot 

de 1 [eee a Y =75 le V+ 7 =p ll alog Y)+K 

ade 1 a 
We = Z(oev +S) +R 

: 

fP# =hanv—rev tater +x 

gede- 1 a 
f rp =L(v -2e0er-S) +x 
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fsinzds =— cos +K isin (ox + b)dx =—+ cos (ox +0) +K 

sin? ede =—1/2cosxsing +1/2x+K 

- 2-1 cos x sin™~* x EN = oe 
fsiot ¢dx-=— ———— + 2a? f sinm 2 «dx 

n n 

feoseds = sins + K focos (ox +) dx =*sin(ox +) +K 

frcos! x dx =1/2sinxcosx +1/2x+K 

. 1 sinxcos™~zx = 2—1 = 
foost sas = + f cos*—? x dx 

n n 

sin x cosxdx = 1/2sin?x+K 
ant 

A = fycos (a+b)x cos(a—b)x 
sin ax cos bx dx = Tae) IGzD +K 

Ee. Ll ee SS 

2 (a — bd) 2(a@+ b) SS 
sin ax sin bx dx = 

sin(a—b)x . sin(a+d)x 
cos ax cos bx dx = ——————- + ————_ + K 

feos : 26-3) 2 
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ftan-txae =«tan-tx—1/2log(i1+22)+K 

feo xdx =xcot tx + 1/2log (1+ 22) +K 
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Definite integrals result from integration between “limits”; thus a I(x) dx 

=([f (x)I5 =f (b) —f (a); o and D are “lower” and “upper limits”’ respect- 

ively and (b — a) is the “ range”’ of integration. Interchanging the limits 
in a definite integral changes the sign of the result, and a definite integral can 
be expressed as the sum of several other integrals; thus 

b a b 

Sef (x) dx = Sof f(a) dx and for (x) dx = fof (x) dx +f (x) dx 

Approximate Integration. An approximate value of } f (x) dx between 

any limits as x) and x, can be obtained as follows: divide the range x, — xo 
into an even number (z) of equal parts (w) and compute the values of f (x) 
when « =%0, x9 + w, xo + 2w,..., %n, and call these values yo, V1, V2, .. +) Yn- 

Then substitute in an approximate formula for the area of an irregular figure 
(Art. 6), as Simpson’s for example; the value obtained for A is an approxi- 

mate value of the integral. If the values of x and y are plotted and a smooth 
curve is drawn through the points obtained, then the area between the curve, 
the x axis and the end ordinates yo and yy represents the integral; and the 
area according to the proper scale in a given case equals the integral. If the 
area is cut by the x axis, the parts above and below should be regarded as 

positive and negative respectively. 
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10. Plane Analytic Geometry 

Plane Coordinate Systems. For rectangular coordinate systems, see 
Art. 3. An oblique coordinate system is like the rectangular except that the 

coordinate axes are not at right angles, and in the oblique the x and y coordi- 

nates of a point are measured parallel to the x and y axes respectively. Rect- 
angular and oblique systems are called Cartesian. The 
polar coordinates of a point P (Fig. 24) are its distance 
from some point or pole O and the angle between a 
reference line as OX and the line joining P and O; the 

line OP is the radius vector of P. Change or trans- 
formation of coordinates from one system to another 

Fig. 24 can be made from x = rcos¢, y = rsing, or sing = 

yl/r, cosh = x/r, r = Vx? + y?; the reference line and 
pole of the polar system and the axes of the rectangular system must be 
related as shown in the figure. For example, the equation of the circle (Fig. 

25) with respect to axes OX and OY is x? + y* = 2 ay, a being the radius; 
its polar equation with OX as reference line and O as pole is r? cos?¢ + 
r? sin? d = 2 arsing, or r = 2asin¢. 

Transformation from a set of rectangular axes to a parallel set: XOY (Fig. 26) is 
the original set, UQV the new, and (zx), y,) the coordinates of the new origin Q with 
respect to the original set; then P being any point whose coordinates with respect to 
the two sets of axes are (x, y) and (u, v) respectively, x = u +x, andy =0+ 4,, 

Fig. 25 Fig. 26 Fig. 27 

For example, the equation of the circle (Fig. 25) with respect to the axes XOY being 
x? + y? = 2 ay, its equation with respect to UQV is 

(wu +02 +(@+4)2 =2a(0+a), or 2@+2=a@ 
Transformation from a set of rectangular axes to another set, having the same origin 

but different directions: XOY (Fig. 27) is the original set, UOV the new, and a 
denotes the angle through which OX must be turned to bring it into OU, @ being posi- 
tive for counter-clockwise turning; then P being any point whose coordinates are as 
shown, x= u cosa —vsina and y=usina+vcosa. For example, the equation of 
the circle (Fig. 25) with respect to XOY being x? + y? = 2 ay its equation with 
respect to UOV is (w cos 45° — v sin 45°)? + (wsin 45° + v cos 45°)2= 2 a (wsin 45° 

+ cos 45°), or w+ 02 =a V/2(u +). 

Straight Line. When a straight line lies in a coordinate plane (Fig. 28), 
the slope-angle is the angle through which XM must be turned to bring it 
into the line, the angle being regarded as positive or negative according as 

the turning is counter-clockwise or not, and by the slope or gradient of the 
line is meant the tangent of its slope-angle. OM and ON are the “ intercepts ” 
cut off by the line on the coordinate axes, and the intercepts are regarded as 
positive or negative according as they lie on the positive or negative parts 
of the coordinate axes. The equation of a straight line is of the first degree, 
its general form being Ax + By + C = 0; written in the form y = mx + 8, 
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m is the slope or gradient of the line, and } the intercept on the y axis; written 
in the form x/¢ + y/b = 1, a and 0 are the intercepts on the « and y axes 
respectively. The equation of a line whose slope is m and containing the 
point (*1, 91) is y — 41 = m(x — x); the equation of a line containing the 

points (x1, 1) and (xg, y2) isy — y= (x — x1) (v2 — y1)/(x2 — a1); the equation 
of a line whose angle with the x axis isa and distance from the origin is 4, is 
ycos@a—xsina =p (Seealso Art. 3.) 

Fig. 28 Fig. 29 

Equation of a Curve. The equation of a curve referred to any coordinate 
reference frame is an equation between the coordinates of any and all points 
on the curve. When rectangular or oblique coordinates x and y are used, 
it is an equation between x and y; when polar coordinates 7 and ¢ are used, it 
is an equation between r and ¢ and is called the polar equation of the curve. 

Tangents, Normals, Asymptotes. The tangent to a curve at P is the 

limiting position of a secant PP’ (Fig. 29) as P’ is taken nearer.and nearer 
to P. The normal at P is a perpendicular to the tangent there, and in the 
plane of the curve. Generally these are understood to be lines-of indefinite 
length, but when they are referred to as of definite lengths, the parts between 
the points of tangency and the x axis are meant, PT and PN. The sub- 
tangent and the subnormal are the projections of the definite tangent and nor- 
mal on the x axis, AT and AW respectively. If a curve extends to a point 
of which one (or both) of the coordinates is infinitely great, then the tangent 
at that point is an asymptote of the curve. The equation of the tangent to 
a curve at a point P at (1, y1) isy — yi = (dy/dx)(x — x), and the equation 
of the normal at that point is y — y; = — (dx/dy)(x — x1). The definite 

tangent PT = y;ds/dy; the definite normal PN = yids/dx; the subtangent 
AT = y,dx/dy; and the subnormal AN = y;dy/dx. 

Curvature. The total curvature of an arc PP’ (Fig. 29) is the angle between 
the tangents to the curve at the points P and P’. The average curvature 
of the arc is the ratio of the curvature to the length of the arc, or Aa/As, if 
Aa is the total curvature and As the length of arc. The curvature at a point 

P of the curve is the limiting value of'the average curvature as P’ approaches 
P, that is, da/ds; also curvature at a point is given by 

da d’y dy ae 

ds dx? [ 1 (2) 

When for any arc the tangent lines are only slightly inclined to the x axis, 
then dy/dx is nearly zero for all points on the curve and the curvature is 
approximately equal to d*y/dx? 

PC and P’C are normals to the curve at P and P’; as P’ is taken nearer 
and nearer to P, the intersection of the normals moves along the normal 
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at =, approaching a definite point on that normal. This definite point is the 

center of curvature of the curve for the point P; the line joining the center 

and P is the radius of curvature of the curve at P, and a circle with that center 
and radius is the circle of curvature of the curve at P. If R denotes the radius 

of curvature, then ds dy\ 2] 3/2 © d2y 
R=—=]1+ td Bits 

dx dx 

and if x; and y; denote the coordinates of the center of curvature correspond- 

ing to any point (x, y) on a curve, then 

%. =x—Rdy/ds and yi =y-+ Rdx/ds 

and for R, dy/ds and dx/ds must be substituted, their values corresponding 

to the point (x, y). 

Evolute and Involute. The line determined by the centers of curvature of 
a curve is the evolute of the curve, and the curve is an involute of the evolute. 

Thus Cj, Co, and C3 (Fig. 30) being centers of curvature 
for points on P; P2P3, they lie on the evolute of P; P2P3. 

The radii of curvature P;}Ci, PeCo, and P3C3 are tangent 

to the evolute; and the free end of a thread fastened at 
C3, wound around the evolute and stretched into the posi- 
tion C3C1 Pi, would, when unwound, describe P;P2P3, an 

involute of CiC2eC3. The free end of a shorter cord, as 
C3C,Qi, would, if unwound, describe Q:0203, another in- 
volute of CijC2C3. All points of the straight part of the 
thread describe parallel curves all of which are involutes 
of CiC2C3, and C1C2C3 is the evolute of all the parallel 
curves. The equation of the evolute of a given curve, 
f (x,y) =0, can be obtained by eliminating x and y 
from f (x, y) = 0 and the equations for the coordinates 
of the center of curvature; then the final equation (freed 
from x’s and y’s) is the equation sought, x; and yy, 
being regarded as the variables in it. 

Gradient, Convexity and Concavity. The slope-angle of a curve at any 
point of the curve is the angle which the tangent line to the curve makes with 
the positive x axis; the gradient or slope of 

the curve there is the tangent of the slope- \ Second derivative 
angle; it is given by the value of dy/dx for s ac cs = 
that point of the curve. This derivative is 
positive or negative according as the curve 
extends upward and to right or left (see 
Fig. 31 for all possible cases). The second 
derivative d”y/dx? relates to the bending of 
the curve. It is positive or negative accord- 
ing as the curve is concave or convex up- 
ward (see Fig. 31 for all possible cases). 

+ 
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Envelope. An equation of a curve con- | | 

tains one or more constants, called param- ‘ 
eters; thus in y = 4 x + 2, the equation of Fig. 31 
a straight line, 4 and 2 are parameters. 
The equation y = mx + 2 represents an infinitude of straight lines, one 
for each possible numerical value of m; a literal parameter, as m, regarded 
as capable of taking on different values is a variable parameter. The 
diagram representing an equation with a variable parameter is called a family 
of curves, and the parameter is the parameter of the family. In general the 
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members of the family intersect; the successive intersections of members lie 
on some line, and the line containing the successive intersections of all mem- 
bers of a family is the envelope of the family. In general, the envelope of a 
family touches each member. If f (x, y, a) = 0 is the equation of a family 
of curves, the equation of the envelope may be obtained by eliminating @ 

. between f (x, y, a) = 0 and Of (x, y, a)/aa = 0. 

Singular Points. An inflection point of a curve is one where the curve 
crosses the tangent line at the point and bends away from the tangent in 
opposite directions on opposite sides of the point (Fig. 32). (The tangent 
is an inflectional tangent.) At an inflection point d?y/dx? = 0, and to locate 

an inflection point on a curve (having one) whose equation is y =f (x), get 

Fig. 32 Fig. 33 Fig. 34 Fig. 35 

Jf’ (x), that is, dy?/dx*; equate to zero and solve for x; from that value of x 
and the equation of the curve get y; in general (x, y) is an inflection point. 
To make sure that it is, determine whether f” (x) changes sign at the point; 
if so, it is an inflection point. Whentwoor more branches of a curve inter- 
sect, or cross one another (Fig. 33), the point of intersection is a multiple 
point; if two branches cross, the intersection is a node. At a multiple point, 
dy/dx has two or more real unequal values and y at least two equal values. 
A cusp is a point of a curve where two branches have a common tangent; 
if the two branches stop at the point the cusp is single (Fig. 34); if not it is 
double (Fig. 35). 

11. Conic Sections 

A Conic is a curve traced by a point moving ina plane so that the distance 
of the point from a fixed point is in a constant ratio to its distance from a fixed 
line, the point and line lying in the plane. The fixed point is the focus, the 

. fixed line the directrix, and the constant ratio the eccentricity of the conic. 
If the directrix is taken as a y axis, a line perpendicular to it and passing 
through the focus as the x axis, d to denote the distance between focus and 
directrix, and e the eccentricity, then the equation of the conicis (4 — d)? +? 
Ste 

e > 1, the equation represents a hyperbola 
e = 1, the equation represents a parabola 

e < 1, the equation represents an ellipse 
e = 0, the equation represents a circle 

Hence the circle is a special case of the ellipse, 
and the parabola is a limiting case for both hyper- 2C C, 

bola and ellipse. Fig. 36 
The general second-degree equation between 

two coordinates « and y, Ax? + 2 Hay + By? +2Gx+2 Fy + C =0, repre- 
sents a conic. It is an ellipse (or circle), parabola, or hyperbola according as 
AB — H? is positive, zero or negative; butif ABC + 2 FGH — AF? — BG? 
— CH? = 0, the conic is a “ degenerate,” being a point, two intersecting 
straight lines, or two parallel straight lines in the three cases respectively. 

A conic may be defined with reference to a double right cone with a circular base, 

whence the name conic. Let AA (Fig. 36) be the axis of such a cone, CyC; and C2C2 

elements of the surface in the plane of the paper, and let HH, PP, EE, and CC repre- 
sent planes perpendicular to the paper; then HH, which cuts the elements on opposite 

sides of the vertex O, cuts a hyperbola from the surface; PP, which is parallel to an 
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element cuts off a parabola; EE which cuts the elements on the same side of O and 
is not perpendicular to the axis, cuts off an ellipse: and CC, perpendicular to the axis, 
cuts off a circle. 

For mensuration of the conic sections, see Art. 6. 

Circle. The equation of a circle of radius 7 is, if the center is at the origin 
of rectangular coordinates, x? + y’ =r*; if the center is at a point (a, 6) the 
equation is (x — a)? + (y — b)? = 7%. Any equation of the form Aa” + Ay? + 
2Gx +2 Fy + C =0,A not being zero, is the equation of a circle. 

An Ellipse is a curve such that the sum of the distances of any and every 
point on it from two fixed points is always the same (Fig. 37). The two fixed 
points are foci of the ellipse, and the distances of a point on the curve to the 
foci are focal distances, or focal radii, of the point. An ellipse has two lines of 
symmetry, called the axes of the ellipse; the longer is the major axis and the 

shorter the minor axis. The equation of an ellipse with respect to x and y 
axes coincident with the major and minor axes respectively, is x?/a” + y?/b? = 
1, a and } denoting semi-major and semi-minor axis respectively. Any line 
through the center, terminating in the ellipse, is a diameter. Two diameters 
are conjugate to each other when either is parallel to tangents to the ellipse at 
the extremities of the other. The acute angles @ and 8 which two conjugate 
diameters make with the major axis are related thus: tan a tanB = 6?/a?, 
and if A and B are semi-conjugate diameters, 42 + B? = a? + 87. : 

The definition of ellipse here given is in accordance with the one given in the present 
article under conic, but the focus and directrix there named are in case of the ellipse 
double; that is, there are two of each. As there, let e = eccentricity of the ellipse, d = 
distance from either focus to corresponding directrix, also c = distance from center to 

either focus; then a = de/(1 — e2), b = de/~/1 — &, c = de2/(1 — e2), e = 1 — b2/a2, 
c = ge, c? = a* — b?, The latus rectum is the length of the focal chord perpendicular 
to the major axis; denoting it by p, then » = 2de = 2.4 (1 — e2) = 2 b2/a. The polar 

equation of the ellipse with F as pole and FA as polar axis (Fig. 37) isr = p/2 (1 +e 
cos ¢) = a (1 — e?)/(1 + cos ¢). 

Geometric Constructions of Ellipse. (1) To determine the foci of any ellipse, its 
axes given: from either end of the minor axis draw an arc whose radius equals the semi- 

major axis; the intersections of the 
arc and major axis are the foci. 
(2) To draw a tangent and a nor- 
mal to the ellipse at any point of 
it: from the point draw focal radii; 

Fig. 37 Fig. 38 

the bisector of one of the angles between them is the tangent and that of the other angle 
isthe normal. (3) To draw a tangent from a point P without the ellipse: join the point 
with either focus; on the joining line as diameter construct a circle; on the major axis 
as diameter construct a circle; the lines connecting the intersections of the two circles 
with P are tangents. (4) To find the center and the radius of curvature for any point of 
and ellipse: let Q (Fig. 37) be the point; at Q draw the normal and at its intersection 
with the major axis erect a perpendicular to the normal; at intersection ot this perpen- 
dicular with either focal radius from Q erect a perpendicular to that radius; the inter- 
section C of the last line with the normal is the center of curvature and QC is the radius 
of curvature. This construction fails for a point at either end of the major axis: For 
such points determine G, and through G draw a perpendicular to A’B’; the intersection 
J is the center of curvature for A’ and K for the point B’. (5) To determine the axes 
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of an ellipse from a pair of semi-diameters: from one end B (Fig. 38) of the shorter 
diameter draw a perpendicular to the longer and make BM and BN = OA; then the 
bisectors of the angles between the lines OM and OWN are the directions of the axes; their 
lengths are OV + OM and ON — OM. (6) Construction of an ellipse on its axes: draw 
auxiliary circles on the axes as diameters (Fig. 40); draw any diameter of these 
circles; through its intersections 6 with the small circle draw lines parallel to the major 
axis; through the intersections a with the other draw lines parallel to the minor axis; 
the intersections c of these lines are points on the ellipse. (7) Construction of an ellipse 
on a pair of coordinate diameters: construct a parallelogram on the diameters as me- 
dians (Fig. 39); divide OA and CA into proportional parts, beginning at O and at.C, 
readily done by parallels to OC;‘join any pot of division C’ on AC with B and de- 
termine the intersection of BC’ with the line joining B’ and the corresponding 
division point O’ on OA; this intersetion P is on the ellipse. 

Mechanical Constructions of an ellipse from its axes: (a) First locate the foci; then 
take an inelastic string and fasten it at the foci so that the length of the loop between 
the fast points equals that of the major axis; then if the string is pulled out taut into 
any position, as FPF’ (Fig. 40), P is a point on the ellipse, and a moving pencil, or other 
scribe, pressing against the string at P will describe the ellipse. (b) Ona strip of stiff 
paper or other suitable material, from a point Q (Fig. 40) lay off QM = the semi-major 
axis and QN = thesemi-minor; a pencil, or other scribe, at Q will trace the ellipse 

when the strip is moved so that M moves along the minor axis and W along the major. 

Bis Cc 

| U alge uae « 

~<------ 

Fig. 40 Fig. 41 Fig. 42 

Approximate Ellipse, consisting of arcs of circles; it is supposed that the axes of the 
ellipse are given. (1) Semi-ellipse with three centers: OA and OB (Fig. 41) are the 
given semi-axes; join A and B and bisect the angles CA B and CBA, thus determining 
D; through D draw a perpendicular to AB, thus determining F and E; from F with 
radius FA and from E with radius EB draw arcs; they meet tangentially at D. (2) 
Semi-ellipse with five centers: OA and OB (Fig. 42) are the given semi-axes; join A 
and B, and through C draw a perpendicular to AB, determining F and £, two of the 
centers; from E with EB as radius draw an arc BD as long as thought suitable, and 
join D with E; make DG = AF; join F and G; at the center of FG draw a perpen- 
dicular to FG and note its intersection H (the third center) with DE; from H with 
radius HD draw an arc to HF extended, and © - 
from F with FA as radius complete the curve. 

The Hyperbola is a curve such that the 
difference between the distances of any and 
every point on the curve from two fixed points 
isalwaysthesame. The two fixed points are 
foci, the distances are focal distances, focal 
radiuses, or radius vectors. A hyperbola has 
two axesof symmetry (Fig. 43), one cut by the 
curve; thelength A A’ cut off by the curve is 
the transverse or real axis of the hyperbola, Fig. 43 
and the length BB’ on the other line equal to i 

“/ (FF’)? — (A A’)? is the conjugate or imaginary axis. The intersection of 

the axes is the center of the hyperbola, and any line through the center ter- 

minating on the hyperbola is a diameter. The equation of the hyperbola 

referred to the transverse and conjugate axes as x and y coordinate axes is 
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x2/a? — y?/b® = 1, a and denoting semi-transverse and conjugate axes respec- 
tively. Two diameters are conjugate when each bisects all chords parallel to the 
other; either of two such diameters is parallel to the tangents at the extremities 
of the other. The acute angles a@ and 8 which two such diameters make with 

the transverse axis are related thus; tana tan = b?/a®; if A and B denote 
semi-conjugate diameters, 4? — B? = a? — b*. The two hyperbolas x*/a? — 
y?/b®? = 1 and — x?/a? + y?/b? = 1 are conjugate hyperbolas; the latter is 
shown by dotted lines in Fig. 43. They have the same asymptotes. 

The definition of hyperbola given above is in agreement. with the.one.given earlier in 
this article. As there, let e = eccentricity and a = distance between either focus and 

corresponding directrix; also let c = distance from center to either focus; then 

a = de/(e2 — 1) b =de[V/e2 —1 c = de®{(e2 — 1) 
e = 1 + 62/a? G = ae e=2+2 

The latus rectum of a hyperbola is the length of either focal chord perpendicular to the 
transverse axis; denoting it by p, then = 2 de = 2a (e2? —1) = 282/a. The polar 
equation of the hyperbola with F as pole and FA as polar axis is 

r = ~/2 (1 tecos¢) =a (ce? — 1)/(1 +e cos d) 
A hyperbola whose axes are equal is an equilateral or rectangular hyperbola; the 

asymptotes are at right angles. The equation of such a hyperbola referred to the axes 
is x2 — y2 = a2, or — x2 + y? = a?; referred to the asymptotes, the equation is xy = 

1/2 a2. The eccentricity is 1/2. 

Geometric Constructions of Hyperbola. (1) To determine the foci when the axes 
are given: make OF and OF’ (Fig. 43) equal to AB; then F and F’ are the foci. (2) 
To draw a tangent and a normal at any point of a hyperbola: from the point draw the 
focal radii; the bisector of one of the angles between the radii is the tangent and that 
of the other is the normal. (3) To construct the asymptotes to a hyperbola, the axes 
being given: construct a rectangle on the axes as medians; diagonals of the rectangle 
extended are the asymptotes. (4) Construction of a hyperbola, its axes AA’ and BB’ 
(Fig. 43) being given: (a) Locate the foci F and F’, mark any point Jfon the transverse 
axis extended but not between the foci; with MA and MA’ as radii, strike arcs from 
F and F’ respectively; their intersections are points on the hyperbola. Repeat for other 
points like M. (b) Draw the asymptotes; through A’ draw any oblique line and note 
its intersections VY and R with the nearer and remoter asymptote; lay off from R 

toward A’ a length RQ = A’N; then Q is on the 
hyperbola. Repeat with other oblique lines through 
A’, A, or through any other known point of the curve, 
as Q. 

Mechanical construction of a hyperbola from its 
axes AA’ and BB’: Determine the foci F and F’ (Fig. 

Fig. 44 44); pivot one end of 
5 a strip of stiff paper 

or suitable material at F’; fasten an inextensible 
string HPF at H and F and so that the length HPF 
is less than HF’ by AA’; place a pencil or other scrib- 
ing point under the string and through the slot; keep 
the string taut with the pencil and then rotate the 
strip about F’; the pencil describes an arc of a hyper- 
bola. 

Parabola.. This is.a curve such that any and 
every point of it is equidistant from a fixed point 
and a fixed line. The point is the focus, the line 
the directrix of the parabola, and the distance z 
of any point of the curve to the focus is a Fig. 45 
focal radius, or focal distance. A parabola has a line of symmetry called the 
axis of the parabola (Fig. 45); it contains the focus F and is perpendicular to 
the directrix. The vertex is the intersection of theaxis with the curve; the 
latus rectum is the length of the focal chord perpendicular to the axis. 
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The equations of the parabola referred to the axis as x axis and the vertex 
tangent as a y axis is y? = px where p = latus rectum; the polar equation 
referred to F as pole and FA as plar axis is r = p/2 (1 + cos¢). 

Geometric Properties and Constructions. The vertex is midway between the focus 
and the directrix. The Iength of the latus rectum equals four times the distance between 
focus and vertex. Any line parallel to the axis of a parabola bisects a system of parallel 
chords and is therefore a diameter of the parabola; the chords are parallel to the tangent 
at the end of the diameter terminating in the parab- 
ola. The extension of a diameterat P to the direc- 
trix equals the focal radius at P (PB = PF}, and 
the distances from the focus to the ends of a defi- 
nite tangent are equal (FT=FP). The tangent and 
the normal at any point bisect the angles between 
the focal radius and the diameter at that point; a 
subtangentis bisected by the vertex (AC=AT),and 
allsubnormalsequal one-half thelatus rectum (CV = 
1/2 GH). The projection of the radius of curvature 
R at any point on the axis of the parabola equals . ° 
twice the focal distance of the point, and the exten- Fig. 46 Fig..47 
sion of R to the directrix also equals twice the focal distance; R at the vertex equals 
the latus rectum. To construct a parabola: (a) Given the vertex (Fig. 46), the axis AX, 

and a point P. Join A and P, and through P draw a line parallel to the axis; draw 
any line as AQ; then perpendicular to the axis a line QR to AP; then parallel to the 
axis a line RS to AQ; S is a point on the parabola. Repeat for other points Q. Or, 
divide A B into equal parts and BP iato the same number of equal parts; number the 
points of division, beginning at A on AB and at Bon BP; draw lines as shown and 
note intersections of corresponding lines; they are on the parabola. (b) The vertex 
A and focus F (Fig. 47) are given. Join A and F and draw a perpendicular to AF at 
A; draw any line as FB and then BC perpendicular to FB; BC is a tangent to the 
parabola. Repeat with other lines like FB and BC and thus determine the parobola 
by means of tangents. 

- 12. Higher Curves 

A Cycloid is the curve generated or traced by any point on the circumference 
of a circle which rolls on a straight line. Fig. 48 shows one half of one branch 
of a cycloid OA generated by the point P on the circle PQ rolled on OX; the 
other half of the branch is symmetrical with respect to AX. Let 6 be the 

angle described by any line of the circle while 
it rolls from its original position OaY to any 
other as the one shown, 7 the radius of the 

cirde, and x and y the coordinates of P rela- 
tive to the axis shown; then x =r (0— sin 6), 
=r(1—cos@), and the equation of the 

cycloid is~=r cos! (1—y/r) V2 r—y)y. 
J A cycloid may be constructed as follows: 

Fig, 48 Draw the circle OaY of the chosen radius 7, 

and make OX = mr; divide the arc OaY and OX into the same number 
of equal parts; at two corresponding points of division, as a and b, draw 
a horizontal and a vertical respectively to their intersection c and make 
cd = ae; then dis a point on the cycloid. Repeat for other points of divi- 
sion. To find the position of the generating circle corresponding to any 
point of the cycloid as P: make Pf = gh, and from f drop a perpendicular 
to OX; its foot Q is the lowest point of the circle desired. The normal at any 

= te of the cycloid, as P, passes through the lowest point of the « corresponding 

position of the generating circle; PQ = 27 sin1/26 = V/2ry. The radius 
of curvature is twice PQ; at the highest point it equals 4 7 and at the lowest 0. 
The length of any arc as OP beginning at the lowest point is 4 r (1 — cos 1/2 6) 
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=4r—2°*/27r(27r —y), y being the ordinate of P; the length of one com- 
plete cycloid or 2OPA is 8r. The area of any part as OPSO is r°(3/2 0 — 

2sin@ + 1/4 sin2 6) = 3/2 rx — 1/2 yV/ (2r — y)y, x and y being the coordi- 
nates of P; the entire area between one cycloid and the track, that is2 OAXO 
is 3 rr’. 
When a circle rolls upon the outside of a fixed circle, each point of the circumference 

of the rolling circle describes or traces an epicycloid; and when it rolls upon the inside 
the curve described is a hypocycloid. A point without or within the rolling circle and 
fixed to it describes a trochoid, and epitrochoid, or a hypotrochoid according as the 
circle rolls on a straight line, on the outside of a fixed circle, or on the inside of a fixed 
circle. 

The Spiral of Archimedes is a curve generated by a point moving at a con- 
stant speed in a given straight line which rotates at constant speed about a 
fixed point of the line. Fig. 49 shows such a spiral; O is the fixed point and 
OA the position of the line when the moving point is at the fixed point. The 
polar equation of the spiral is r = (r’/ 2 +)¢, in which r is the distance of the 
moving point P from O, ¢ the corresponding angle described by the moving 
line expressed in radians, and 7’ is the distance traveled by the moving point 

along the line while the line turns through 360°. To construct the spiral 

having selected r’: draw lines OA, OB, OC, etc., so that the successive angles 
between them is 360/n, m being a convenient number; make OB = r//n; OC 
=27r/n; OD =3r'|n, etc.; B,C, D, etc., are on the spiral. To draw a 
normal and a tangent at any point P: draw a circle with center at O, and 

radius r’/27; join P and O, and draw a perpendicular to OP at O, and note 
the intersection V as shown; then PJ is the normal and PT (perpendicular 

to PN) the tangent. The length of any arc OP is (’/47) [6V1+¢? + 
sinh! ¢]; for many turns it equals approximately 77/4 7. 

The Hyperbolic Spiral may be constructed as follows: draw a number of 
concentric circles and then a radius of the largest circle; from this radius 
measure off on the circles equal arcs all on the same side of the radius; the 
other ends of the arcs lie on the spiral (Fig. 50). The polar equation of the 
spiral is 7@ = a, a being the constant length of arc referred to, 7 the distance 
of any point of the curve as P from O and ¢ the angle between the radius OA 
and OP. The curve has an asymptote BC distant a from the reference radius. 
To draw a tangent and a normal at any point P: draw a circle with center 
at O and radius a, and join P and O; to OP at.O draw a perpendicular, and 
note its intersection T with the circle on the side shown; then TP is the 
tangent and PN (perpendicular to PT) is the normal. 

The Logarithmic or Equiangular Spiral is a curve such that the ingle 
between its tangents and the corresponding radii drawn to the center of the 
curve are equal. Its polar equation is r = ae; a is the value of r when 
¢ = 0 and m = cota, @ being the constant angle referred to (Fig. 51). To 
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construct a curve for given values of 2 and a: compute m and then m@ for 
a number of values of @ in radians, as 20° = 0.349 radian, 40° = 0.698, 
60° = 1.047, etc.; from a table of Napierian logarithms (page 35) find the 
values of &"¢ (these are the numbers corresponding to the logarithms m¢); 
compute values of ae"¢ or 7; then lay off these values of r from a fixed point 
on radii making the different angles ¢ (20°, 40°, 
60°, etc.) with a reference line through the fixed 
point. The length of any arcas PO = 7/cosa. 

The Catenary is the curve assumed bya chain 
suspended from two points. Its equation is 
y= 1/2h (e/* + eth) = hcoshx/, hk or x = 

hloge (yfh 4V (y/h)? — 1) = h cosh! y/h; his 
the distance from the lowest point of the curve 
to the origin (Fig. 52). The gradient at any 
point P whose coordinates are x and y is given 
by tana = sinh «/h or cosa = h/y, from whieh 
the direction of the tangent line at any point can 
becomputed. The radius of curvature R at any 
point PisR = y?/h = h/cos?a; it also equals the length cut off by the x axis 
from the normal through P. The length of any arc, as CP, is given by s = 

hksinh «/h = htana = ~/y? — FP’, and the abscissa of P is 

x = hloge [shh + /1 + (s/h) = hsinh™ s/h 
To locate the origin of coordinates for a chain of length 27, supported from 
two points whose horizontal distance is 2 a and vertical distance is 2 b: Let 
A and B denote the distances from the middle of the line joining the points 
of suspension to the y and x axis respectively; A = ~h and B =/ cot @, in 
which # = a/f and y = tanh“! d/l, ¢ to be obtained by trial from a sinh ¢ = 

¢ VP — 3B. The catenary is the evolute of the other curve shown in Fig. 52; 
its tangents are all equal to #. .It is also called ‘‘anti-friction ’”’ curve, being 
the axial section of the surface of a vertical pivot of'uniform wear. 

13. Hyperbolic Functions 

The Hyperbolic Functions are related to an equilateral or rectangular 
hyperbola much as the circular functions are related to a circle. Let P 

Ir (Fig. 53) be a point on, the hyperbola 
x2 — y? =a; | = arc AP, positive or 
negative according as P is above or 
below OX; l/r = the mean of the recip- 
rocals of all radii from O to AP; and 
u=t1 (l/r). Then 

hyperbolic sine of w, or sinh uw = y/a 
hyperbolic cosine of 4, or cosh u = x/a 

\ hyperbolic tangent of , or tanh u 
sinh uw + coshu = y/x 

1/tanh uw = x/y 

Fig. 52 

” Fig. 53 
hyperbolic cotangent of “, or coth w = 
hyperbolic secant of #, or sech u 
hyperbolic cosecant of u, or csch 

1/cosh u = a/x 
1/sinh u = a/y. 

of t. el} 

hyperbolic 

Junctions 
If ais made 1, then the numerical values of double the '_! 

area of the hyperbolic sector OP AO equals //r or u; also 
sinh 4 = XP, coshu = OX; tanhu = AB. See Sect. 

Fig. 54 

1., Art. 22, for tables of hyperbolic functions. Fig. 54, plotted to scale, shows 

the relations between the functions for values of w from — 2 to + 2; it also 
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indicates the sign of any function of u as dependent on the sign of w. Inverse 

hyperbolic sine of 7 means the //r or « whose hyperbolic sign equals 1; it is 

written sinh~!; similarly, inverse hyperbolic cosine, tangent, etc. 

The hyperbolic functions of are closely related to the exponential func- 

tion «4 and € %, € being the Napierian base, thus 
sinh u = 1/2 (# — e&™%), coshu = 1/2 (e% + e*) 
tanh uw = (e4 — e%)/(e* + €%) 
sinh wu + coshu = &, coshu — sinhy = «4% 

Inverse hyperbolic functions as functions of Napierian logarithms: 

sinh-14% = log, (u++V/u? +1), cosh u = log, (u + Ve — 1) 

tanh—! w = 1/2 log. [(1 + «)/(1 — u)] 

The hyperbolic functions are related to circular functions, thus (¢ = — 1): 

tsinh w= sin.iwu sinu = —isinhiu 
cosh u = cosiu, cos“ = cosh iv 

itanhu =taniu, tanu = —itanhiu 

The following are some of the relations between hyperbolic functions: 

cosh? xu — sinh? u = 1 1 — tanh? u = sech® 
coth? x —1 = csch? x 
sinh (uv + v) = sinh «coshv + cosh sinh v 
cosh (% + v) = cosh u cosh v9 + sinh wu sinh 9 

tanh (wu +v) = (tanh w + tanh v)/(1 + tanh uw tanh 2) 
sinh 24 = 2 sinh xz coshu 
cosh2 u =1-+2 sinh? x = 2 cosh?u —1 
tanh 2 u = 2 tanh u/(1 + tanh? x) 

sinh 1/24 = V/1/2 (cosh u — 1) 

cosh 1/24 = / 1/2 (cosh u + 1) 

tanh 1/2 4 = sinh u/(1 + cosh w) = (cosh w — 1)/sinh # 

14. Probability of Errors 
The Probability of an event is the ratio of the number of favorable chances of its 

occurrence to the total number of chances, favorable and unfavorable. Thus, if there 
are a white and 6 black balls in a jar, the probability of drawing a white ball at a single 
trial is a/(a +d). If the probabilities of two independent events are ; and fo, the 
probability of their concurrence in any single instance is p)p2. Thus, suppose that there 
are two jars, J; and J2, Jj containing a; white and 6; black balls, and Jz containing ag 
white and bg black balls; the probability of drawing a white ball from Jj is a;/(a, + 0), 
the probability of drawing a white one from Jo is a9/(az + 62), and that of drawing a 
pair of white balls, one from each jar, in a single trial is ayaq/(aj + b,) (a2 + bg). 

AnFError of an Observation is the true value of a quantity minus the observed 
value. Errors are accidental or systematic; accidental errors are those which 

in the long run are as often negative as positive, and they affect the mean 

result but little; systematic errors due to the same cause affect the mean in 
the same sense, and do not tend to balance each other in the mean. Only 
accidental errors are referred to in the following. From the theory of proba- 
bilities, it has been shown that in a series comprising a great number of 
observations the relative frequency (proportionate number) of the errors 

whose values lie between « and x + Ax is approximately (alr) e122 Ax 
and the relative frequency of the errors whose values lie between a and b 

D 
is (n/m) f «22 dy: here € is the Napierian base (Art. 1) and 4 a constant 

a 

for any particular series of observations. The graph of y = (hin) e  h2x2 
(Fig. 55) is a probability or “error curve”; the shaded area represents the 
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relative frequency of the errors between a and 6, and the whole area between 
the curve and the x axis is unity, according to the scale used, and represents 
the frequency of the whole number of ‘ 
errors that is 1 or 100 %. The dotted 
curve is also an error curve but the con- 
stant A for that curve is greater than for 
the first; also in the second the relative 
frequency of small errors is greater and 
that of large errors is smaller than in 
the first. Thus the constants / serve as” 
a means for comparing the accuracies of . 
several series of observations, and the 
value ot # for any given series is called ; 
the measure of precision for that series. Bigs 
Another index of accuracy is the so-called probable error of the series, 
an error of such value that the number of errors in the series less and 
greater than it are equal, the signs of the errors being disregarded in the count. 
Ti is the error r (Fig. 55) corresponding to the symmetrical ordinates which 
include one-half the whole area below the error curve. This middle error is 
more often called the probable error of a single observation to convey the idea 
that the error of any subsequent observation in such a series is just as apt to 
be less as greater than the middle error. The probable error and the measure 
of precision are always related thus, rk = 0.4769. The expression for relative 
frequency of the errors falling between — a and + ais 

h +a S 2 0.4769 a/r ‘i 

e 22 dy = Al e 122d (hx a Vx Jo it’ 
The table below gives the values of the expressions for the various values of 
the arguments a/r given therein. Thus, in a large series of observations, the 
relative frequency of the errors falling between a = — rand @ = +,ris .500, 

or 50 %; between a =— 27 and a = +27, 0.823, or 82.3 %;_ the relative 
frequency of the errors arithmetically greater than 4,7 is 0.007, or 0.7 %} ete. 

Values of the Probability Integral 

a/r | frqncy || a/r | frqney|| a/r | frqncy 

: .0 | 0.500 2.0 | 0.823 .0 | 0.957 4.0 | 0.993 
0.1 Le bis 0% 2.1 | 0.843 SpAwinO i 4.1 | 0.994 

0.2 152, uO; 2.2 | 0.862 || 3.2] 0. 4.2 | 0.995 
0.3 Te a) Oe 27a | C2819 3.8 | 0. 4.3 | 0.996 
0.4 1.4] 0. 2.4 | 0.895 o.4 ATs 4.4 | 0.997 
0.5 155 11M, 2,5 | 0.908 |j 3.5 |] 0. 4.5 | 0.998 
0.6 1.6 | 0. 2.6 | 0.921 3.6 | 0. 4.6 | 0.998 
0.7 ee a a UR PEAR EES Cal tah ter ol LUE 4.7 | 0.998 
0.8 £531 '02 2.8 | 0.941 || 3.8] °0. 4.8 | 0.999 
0.9 19 G. 2.9 | 0.950 3.9 1 0. 4.9 | 0.999 
1.0 2.0] 0. 3.0 4.0] 0. 5.0 | 0.999 

The probable error 7 for 7 observations of equal precision on the same quan- 

tity is computed as follows: (1) find the arithmetic mean by adding the obser- 
vations and dividing by 7, (2) subtract each observation from that mean thus 

obtaining 7 residuals v1, v2, v3, etc., (3) square each residual and find their 

sum 2v?. Then ETD 2 

; = 0.6745 * a. d ae r= Uv. per an FOL /n 
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the first formula giving the probable error of a single observation, while the 

second gives the probable error of the arithmetic mean. For a numerical 

example, see below. 

1414. Method of Least Squares 

An Observation is the result of a measurement, thus when 635.74 ft. is stated 
as the measured length of a line, the quantity 635.74 ft. is called an observa- 
tion, it being understood that all constant errors have been removed there- 

from; this quantity, however, is still affected by the result of accidental errors, 
The true value of a quantity cannot be found by measurement, but the best 
that can be done is to deduce from the observations the most probable value 
of the quantity. The Method of Least Squares teaches how to obtain the 
most probable values of observed quantities. 

Direct Observations are those which result from measurements made 
directly upon a single quantity. When only one observation is at hand, it is 
the most probable value of the quantity. When two or more observations are 
made with equal precision on the same quantity, their arithmetic mean is the 
most probable value, and the probable error of this arithmetic mean can be 
computed by the formulas at the end of Art. 14. 

Example: Let a line be measured eight times with equal care by a tape graduated in 
centimeters and the following results be found, M indicating an observation, 2a residual 
found by subtracting M from the arithmetic mean, and vo? the square of a residual: 

M 789.7 788.1 789.1 789.9 788.3 788.0 788.1 788,8 
v 0.95 0.65 0.35 1:25, 0.45 0.75 0.65 0.05 

vo 0.902 0.423 0.122 1.323 0.203 0.562 0.423 0.002 

Here, the arithmetic mean, found by adding the observations and dividing by 8, is 
788.75, which is the most probable length of the line in centimeters. The eight residuals 
are some positive, some negative, their sum being zero. The sum of the squares of the 
residuals is v2 = 3.96. Then by the formula at foot of last page r = 0.51 cm., which is 
the probable error of a single observation; also ro = 0.18 cm., which is the probable 
error of the arithmetic mean. The final result of this series of observations may ‘then 
be written 788.75 + 0.18; that is, the true length of the line is just as likely to be 
between 788.57 cm. and 788.93 cm. as it is to be outside of those limits. 

Weighted Observations. Weights of Observations are numbers propor- 
tional to their degrees of precision, so that one observation of weight # is worth 
as much as # observations of weight unity. When there are x weighted obser- 
vations, M, with weight ~1, M2 with weight 2, and so on, these being made 
directly upon the same quantity, then the most probable value of the quantity 
is the weighted mean 3, or 

ae 21M, + p2Mo+....+fnMu _ 22M 

DE Os oo 2p 

To find the probable errors, let each observation be subtracted from this mean 
2, the difference being a residual v, square each residual, multiply each square 
by its weight, and find the sum Dv", then 

Lp? r 
r = 0.6745 4! and QQ ——— 

pares V/ 2p 
the first being the probable error of an observation of the weight unity and 
the second being the probable error of the weighted mean Z. 

Example: Let six observations on the same quantity be made, with weights as in the 
first line, the sum of these weights being 21. Multiplying each observation M by its 
weight , gives the quantities in the third line the sum-of which is 3741.36. Then the 
most probable value of the observed quantity isz = 3741.36/21 = 178.16. Subtracting 
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each M from this gives the residuals in the fourth line. The weighted. squares of the 
residuals are in the last line, their sum being =v? = 62.95. Then the preceding formulas 
give the probable error of an observation of the weight unity as r = 2.39 and the prob- 
able error of the weighted mean as rp = 0.52. The final result then iss = 178.16 + 0.52. 

5) 5 4 1 4 3 4 

M $178.26 176.30 181.06 177.95 176.20 180.85 
PM 891.30 705.20 181.06 711.80 528.60 723.40 
2 0.10 1.86 2.90 0.21 1.96 2.69 
o 0.010 3.460 8.410 0.441 3.842 7.236 
po 0.05 13.84 8.41 0.18 11.53 28.94 

~ 

Observation Equations arise when measurements are made to find the 
values of several quantities. For example, let O be a given bench and Zi, Z2, 
Z3 three points whose elevations above O are to be determined. Let 21, 22, 23 

be the most probable elevations of Z;,Z2,Z3; let five lines of levels be run giving 

Z, above O = 10 ft. or 21 — 19 
Z, above Z3 = 2 ft. or 2 —23 = 2 
ZzaboveO = 18 ft. or 22 = 18 
Zzabove Z3 = 9ft. or 22 —%2= 9 
Z, above Z3 = 2it. or —2y +22 = 7 

The problem is to determine the most probable values of 21, 22, 23. 

Normal Equations are derived from observation equations, when these are 
of equal weight, by the following rule: To find a normal equation for 21, mul- 

tiply each observation equation by the coefficient of 2 in that equation and 
add the results; similarly a normal equation for each of the other unknown 
quantities is found; thus, for the above level observations the normal equa- 

tion for z; is found by multiplying the first equation by + 1, the second by 
+ 1, the third by 0, the fourth by 0, and the fifth by — 1; the addition of 
these gives 3 z1 — z2 — 23 = 5 as the normal equation for 2}. Similarly the 
normal equation for z2 is — 21 + 322 — 23 = 34, and that for 23 is — 21 — 22 
+223 = —11. These three normal equations contain three unknown quan- 
tities, and their solution gives z; = 10-3/8, z2 = 17-5/8, z3 = 8-1/2, which are 
the most probable elevations of the points Z;, Zz, Zz above the bench mark O. 

General Method. Let the m observation equations be: 

Qathztazat.... M, with weight 1 

Q2%1 + bez2t+cotzzt+.... Mz with weight po 
SP ea Fee ee er Pr ee a ere 

Qnzi +bnzetenzz+....= Mn with weight py 

in which M;, M2... My are the observed quantities, z1, 22, 3 are quantities 
required to be found, and a, b, c, are known coefficients. For each unknown 
quantity form a normal equation by multiplying each observation equation by 
the coefficient of that unknown quantity in that equation and also by its 
weight, and adding the results. If the number of unknown quantities is ¢ 
the number of normal equations will also be g, thus: 

Dpa?.z, + Lpab.ze + Vpac.zg +... = ZpaM 
LY pab.z1 + Lhbo.ze + Zpbezz+...= 

in which Epa? = pyar? + poe? +... . pna?n and similarly Zpab = prayby + 
p2d2bo +... pnanbn. The solution of these normal equations gives the 
most probable values of the unknown quantities 21, 22, 23. . . 2q- 

After these probable values are found, let them be inserted in the observa- 
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tion equations and the second members be subtracted from the first, thus 

giving small residuals 1, v2... vz. Then 

Zp 
r = 0.6745 ja and ad Deas 

Vi 
the first being the probable error of an observation of weight unity, while the 
second is the probable error of an observation of weight #’. 

For an example in which the weights are unequal, see the adjustment of angles at a 
station in Art. 50 of Sect. 6. When the weights are equal # is to be taken as unity. 

Probable Error of a Line. When a line is measured the probable error of 
an observation increases as the square root of the length of the line. Thus 

R= rV. 1, where r is the probable error of a line one unit long, and R is the 
* probable error of.a line /*units long. 

The same rule holds good for discrepancies or apparent errors which are found in 
duplicate measurements of a line. The discrepancy r for a line one unit long may be 
found as follows: Let a line of length /; be measured twice, Ry; being the difference of 
the observed lenghts; let a second length, Jz, be measured twice, Re being the 

difference of the observed lengths.. Then r = (Ry — Ro)/( Wh — Vie). 
The same rule holds for duplicate lines of levels. Thus, if r is the difference in the 

Tesults for a line one unit long, then the difference R for a line of length / ought to be 

R=r-v/l. The practical rules stated at top of page 460 are derived from this principle. 

STATICS 

15. Forces and Moments 

Force. An action of one body upon another which changes or tends to 
change the state of rest or motion of the body acted upon, is called force. A 

force has magnitude, direction, and place of application. When the extent of 
the place of application is negligible, and the force is regarded as applied or 
concentrated at a point, this is the point of application; and a line through the 
point parallel to the direction of the force is the line of action. The word 
“ sense ” as applied to forces refers to one of the two directions along the line 
of action of the force. The unit of force commonly used in America is the 
*< pound,” which isa force equal to the earth’s attraction on the standard of 

weight, also called pound; this unit of force varies slightly from place to place 
on the earth, but the variation is negligible in most engineering calculations. 
Any number of forces considered collectively is a system of forces; a system 
is concurrent, or nonconcurrent, according as the lines of action of the forces 
do or do not intersect in a point, and it is coplanar, or noncoplanar, according 
as they do or do not lie in a plane. The resultant of a system of forces is the 

single force which is equivalent to that system, but if a system has no single 
force equivalent, then the simplest equiv- 

alent system may be called the resultant; ae ie # 4 
a resultant never includes more than two 
forces. The process of determining the 
resultant is called composition (Art. 16). 

Parallelogram Law. If magnitudes, s 
lines of action, and. senses of two con- Fig. 56 

current forces acting on a rigid body are represented by OA and OB (Fig. 56), 
then the magnitude, line of action, and sense of their resultant is represented 
by the diagonal OC of the parallelograni OABC. The points of application 
of the forces may. be anywhere on the body in-the lines OA, OB, and OC, or 

. their extensions. The arrowheads on the lines on AO, OB, and OC all point 
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toward or all away from the point of concurrence O. Triangle Law: If the 
magnitudes and directions of two concurrent forces are represented by AB 
and BC (Fig. 57 or 58), then the magnitude and direction of the resultant is 
represented by the side AC of the triangle ABC. The arrowheads on the 

o} 

Fig. 57 Fig. 58 

sides AB and BC are confluent (point the same way around), but the arrow- 
head on AC is not confluent with the others. The two forces and their 
resultant being concurrent, the line of action of the resultant is ac, parallel 
to AC. 

The resultant of two concurrent forces may be determined algebraically, 
thus: let P and Q be the forces and @ that angle between their lines of action 
in which the resultant lies, R the resultant and 6 the angle between R and P; 
then R = (P? + Q? + 2 PQ cosa)!” and tan = (Qsina)/(P + Q cosa). If 

the angle between the given forces is 90°, then R= / P? + Q? and tan 0=Q/P. 

Parallelopiped Law. If the magnitudes and lines of action of three noncoplanar con- 
current forces are represented by OA, OB, and OC, then the 
magnitude and the line of action of the resultant is represented 
by the diagonal OD of the parallelopiped OA BC — D (Fig. 59). ok wf 
This is not a practical device to get numerical results; for a better, 
see Art. 16. When the three forces are mutually at right angles 
then the parallelopiped is right-angled, and the resultant can be 
conveniently determined algebraically, thus: let P, Q, and S A 
denote the three forces, R the resultant and a, B’and y the angles 
between R!/2 and the three forces respectively; then R = (P2 + Fig. 59 
Q2 + S?)1/2, cosa = P/R, cos 8 = Q/R and cos y = S/R. fi 

Resolution of a Force. Two or more forces which together are equivalent. 
to a given force are components of the force. The process of determining 
components of a force is called resolution; resolution of a force into two com- 
ponents at right angles to each is the common case; such components are 
“ rectangular ” and each is a “ resolved part ” of the given force. (1) Resolu- 
tion into concurrent components. A force may be resolved into two con- 
current components by applying the parallelogram law inversely; thus to 
resolve the 10 lb. (Fig. 60) into two components: lay off AB by scale to 
represent 10 1b.; corstruct a parallelogram on AB as diagonal; then AC and 

< —-~—-b---* 

tata 
O F P.@ 

Fig. 61 

AD represent components of the given force. Or, by means of the triangle 
law, thus: lay off MN by scale to represent the magnitude and direction of 
the given force; construct a triangle on MN as one side; then MO and ON 
represent magnitudes and directions of two components of the given force, 
the action lines being concurrent with that of the 10-lb. force. Two rect- 

angular components of a force can readily be found algebraically; each equals 
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the product of the force and the cosine of the acute angle between the force 

and that component. Three rectangular components of a force can be readily 

computed if the angles between the force and the desired components are 

known; each component equals the product of the force and the cosine of the 

acute angle between the force and that component. (2) Resolution into 

two components parallel to the force, their lines of action being specified: 

Let F (Fig. 61) be the force to be resolved into two components P and Q 

(values and senses unknown), a and d the distances from F to P and Q respec- 

tively, and c the distance between P and Q; the principle that the moment 
of F about a point on either force equals the moment of the other about the 
same point determines the senses of the components as shown, also their 

values, P.= Fb/c and Q = Fa/c. Or, graphically, suppose F (Fig. 62) to be 

py - 
LyGal We 5 z 
Ria é o 

the force and P and Q the components; resolve AB (representing magnitude 
and direction of F) into any two concurrent components AO and OB, action 
lines in ao and 0b; at 1 resolve AO along P and the line 12, and at 2 resolve 

OB along Q and the line 12; the two components along 12 balance, and those 
along P and Q represented by AC and CB in value and direction are the 

desired components. (3) To resolve a force 
Pp A into three nonconcurrent nonparallel forces 

coplanar with theforce: Let P (Fig. 63) be 
B. C the force, the components to act in F\, Fo, 

K, Ey F; D and F3; join the intersection of P and Fy 
Fig. 63 with that of F2 and F3; draw AB to repre- 

; sent P and then resolve P into two compo- 
nents along F) and the line 12 (represented by AC and CB); then resolve CB 
into two components along #2 and F; (represented by CD and DB); then AC, 
CD, and DB are the magnitudes and directions of the desired components. 

The Moment of a Force with Respect to a Point is the product of the 
magnitude of the force and the perpendicular distance between the force 
and the point; this distance is the “arm” of the force with respect to the 
point, and the point is the origin or center of moments. Moments are com- 
monly given signs, those corresponding to forces which tend to turn the body 
acted upon in one direction (clockwise) being given the same sign and all 
others the opposite. The moment of a force with respect to a point may also 
be computed by taking the algebraic sum of the moments of its two rectangular 
components with respect to that point; and it will often be convenient to 

resolve the force so that one of the components will act through the origin of 
moments, so that that component will have no moment. 

The Moment of-a Force with Respect to a Line is the product of its rectangular 
component perpendicular to the line (the other being parallel) and the distance between 
the line and the perpendicular component (or the force); the line is the “axis” of 
moments. If a force is parallel to the axis of moments or if it cuts the axis, then its mo-. 
ment with respect to that axis is zero. Moments of forces about the same axis are com- 
monly given signs; those corresponding to the forces which tend to turn the body acted 
upon about the axis (regarded as a shaft) in the same direction (clockwise) being given 
the same sign and others the opposite. The moment of a force with respect to an axis 
may also be computed by resolving the force into threé rectangular components, one 

being parallel to the axis, the other two perpendicular to it; then the moment of the 
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given force equals the algebraic sum of the moments of the two perpendicular com- 
ponents. If the resolution is made so that one of the perpendicular components cuts 
the axis, then the moment of the given force equals the moment of the other per- 
pendicular component. 

The moment of the resultant of any coplanar forces about a point in their 
plane (or of any noncoplanar forces about a line) equals the algebraic sum 
of the moments of those forces about the point (or line). This is called the 
principle of moments for forces. The word torque is frequently used as 
synonymous with moment of a force, especially when the force is distributed 
around a circumference. ‘ > 

Couples. Two equal, parallel, and opposite forces are called a couple; 
the perpendicular distance between the forces is the ‘arm ”’ of the couple. 
The moment or torque of a couple with respect to any point or origin in their 

plane is the algebraic sum of the moments of the two forces with respect to 
that point; this sum or moment, the same for all origins in the plane, always 
equals the product of one of the forces and the arm of the couple. Moments 
of couples whose planes are parallel are sometimes given signs; those corre- 

sponding to couples which tend to turn the body in the same direction are 
given the same sign, and the others the opposite sign. A couple may be 
represented sufficiently for statical purposes by means of a single vector; 

the vector is drawn perpendicular to the plane of the couple, and the arrow- 
head is so placed that it points toward the place from which the rotation 
appears, say counter-clockwise. Two couples whose vectors are equal—the 

same in length and direction—have equal moments (sign included) and their 
planes coincide or are parallel. Such are equivalent couples; that is, either 

may be substituted for the other without change of effect on the body acted 
upon if rigid. The resultant of a number of couples is a couple. If the 
planes of the given couples are parallel or coincident, the resultant couple 

is one whose plane is parallel to the others and whose moment (with sign) 
equals the algebraic sum of the moments of the given couples. If the planes 
of the given couples are not parallel or coincident, then the resultant can be 
determined from the vectors representing the different couples; thus, add 
the vectors, that is, find their resultant; this resultant vector represents the 
resultant couple. A couple can be resolved into component couples thus: 
resolve the vector of the given couple into component vectors (Art. 16) which 
are pendicular to the planes of the desired components; these component 
vectors represent the several component couples. 

16. Composition of Forces 

The Force Polygon for a system of forces is the figure formed by drawing 
consecutively lines representing the magnitudes and directions of the forces 
of a system; the order in which the lines are drawn is immaterial, but the 

arrowheads on the lines (to indicate the senses of the forces) must be confluent, 

that is, pointing’ the 

same way around. A ! ' 

force polygon, unlike a | 

geometrical one, need 
not be a closed figure. Fig. 64 

For a given system, as 
many different force polygons may be drawn as there are orders of taking the 
forces; if the number of forces is m, then the number of possible force poly- 
gons is nf (see Art. 1). In Fig. 64 there are three different force polygons for 
the system acting upon the body shown at the left. Ifa system is not coplanar, 
then its force polygon is not plane, but is called ‘‘ gauche.” 
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Concurrent Systems. (1) Graphic Method: Draw a force polygon for 
the system; the magnitude of the resultant is represented by the length of the 

line joining the ends of the polygon; the sense of the resultant is represented 
by an arrowhead on that line not confluent with the other arrowheads, and 

the resultant is concurrent with the given forces. If the forces are non- 
coplanar, then this method is not practical but it can be used by drawing the 
force polygon in ‘“ plan and elevation.” (2) Algebraic Method: If the forces 
F are coplanar, resolve each into components Fz and Fy along axes x and y 
at right angles to each other; get the algebraic sums of the x and y components, 
ZFz and ZF,; then the resultant being called R, and its angle with the 
x axisa, R? = (2Fz)? + (Fy)? and tana = (ZF y)/(ZFz). The approxi- 
mate direction of the resultant is apparent from the directions of its x and y 
components, which respectively equal 2Fz and Fy. If the forces F are 
noncoplanar, then each force should be resolved into components parallel to 
three rectangular axes, x, y, andz. R? = (2Fz)? + (2Fy)? + (2Fz)?, cosa 
= (ZF z)/R, cosB = (ZF y)/R, cosy = (ZFz)/R, a, B, and vy being the angles 
between R and the x, y, and z axes respectively. 

Nonconcurrent Coplanar Systems. (1) Graphic Method: If the forces 

are not parallel or not nearly parallel, find the resultant R; of any two forces 
(Triangle Law, Art. 15), then the resultant Ry of R; and the third force, etc., 
until all the forces have been compounded. If the forces are parallel or nearly 
so, the method just explained fails because the lines of action of the several 
resultants cannot be determined readily on account of inaccessible intersec- 
tions. In this case, each force may be replaced by two components in a cer- 
tain way, and then the resultant of these components can be found. Thus, to 
find the resultant of the three forces ab, bc, and cd acting on the body in 
Fig. 65: draw a force polygon, as A BCD, for the given forces; resolve AB 
into AO and OB; BC into BO and OC, etc.; O having been taken anywhere, 
all components except the first and last occur in pairs and the forces of each 

pair are equal and opposite, thus OB and BO, OC and CO, etc.; choose the 
action lines of these components so that those of any one pair shall be colinear; 
thus, insert the components of 4 B at pleasure as at oa and ob, the components 
of BC so that the component BO shall act in 0b, and hence the component OC 
is oc, etc.; thus the pairs of components consisting of equal, colinear, and 
opposite forces each balance, leaving only the first and last components AO 
and OD acting in ao and od; and their resultant (which is also the resultant 

of the given, forces) is AD (magnitude and direction) ad (action line). The 
point O (Fig. 65) is called the 
pole, lines OA, OB, OC, etc., 

are rays; oa, ob, oc, etc., are 
strings, and all the strings con- 
stitute the string polygon for 
the forces. This polygon is also 
called “funicular,” “link,” and 

“equilibrium polygon,” the last 
- being especially appropriate 

ig. 65 é : 
when the given forces are in 

equilibrium. The part of the drawing which represents the body and the lines 
of action of the forces is the space diagram; that representing force magni- 
tudes, the vector diagram. If the force polygon closes, then the resultant is in 
general a couple, the forces of the couple acting in the first and last strings of 
the string polygon, the magnitude of the forces being represented by the 
corresponding ray. Ifit happens that the first and last strings coincide, then 
the string polygon is closed and the resultant vanishes. 
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(2) Algebraic Method: When the forces F are parallel, give to the forces 
in the one direction the same sign, and to the others the opposite; then the 
resultant R equals ZF, the sense of R being indicated by the sign of ©F. The 
position or line of action of R may be fixed by means of the arm of R, a, with 
respect to any origin O in the plane of the forces; thus if ©M denotes the 
sum of the moments of the given forces with respect to O, then a = (©M)/R, 
@ being measured in such direction from O that the sign of the moment of R 
will be the same as that of 2M. If >F = 0, then the resultant of the system 
is a couple whose moment equals 2M. When the parallel forces are two in 
number, P and Q (Fig. 66), then if P afid Q act in the same direction, R cuts 
any line A B internally, andif P and Q are opposite, then externally on the side 
of the larger force; and in each case the segments of AB are inversely pro- 
portional to P and Q, that is, AC/BC = Q/P. When the forces are not parallel, 
compute the algebraic sums of the x and y components of the forces ([F yz and 
2Fy,) and the algebraic sum of the moments 

of the forces with respect to any origin O in fei Q 
their plane (2M). Then the resultant R? = 4 — | 
(2Fz)? + (Fy), its angle with the x axis Ryp 8B 
= tan 1 (2Fy)/(2Fz) andits arm with re- 
spect toO isa = 2M/R. The general direc- Fig. 66 
tion of Ris apparent from the directions of 
its components [Fz and YF y; a must be measured in such a direction from O 
that the sign of the moment of R will be the same as that of 2M. If 2Fz= 
ZF, = 0, the resultant is in general a couple whose moment = 2M. 

Nonconcurrent Noncoplanar Systems. The graphic method is generally 

not advantageous; the algebraic is here given. (1) Forces Parallel. Give to 
the forces F acting in the same direction one sign and to the others the oppo- 
site sign; then the resultant R = YF, the sense of R being indicated by the 
sign of Ff. Next compute the sums of the moments of the forces with respect 
to two axes (x and y, say) perpendicular to the forces; call these sums 2M, 
and 2My, and the arms of R with respect to those axes respectively az and 
Gy; then ag = (2Mz)/R and ay = (ZMy)/R. The signs in these ratios may 
be disregarded; az and ay have such positions that the moments of R with 
respect to the x and y axes have the same signs as those of 2Mz and >My 
Tespectively. If 2F = 0, the resultant in general is a couple which can be 
determined by finding the resultant of all the forces but one; the resultant 
and the omitted force constitute the resultant couple. 

(2) Forces Not Parallel. In general, the resultant is not a single force, but 
the system can be reduced to a force R acting through any point of the body 
selected and a couple C; and if desired, R and C can in general be com- 

pounded into two nonparallel nonconcurrent forces. To determine R and C: 
select a set of coordinate axes (x, y, and z) in the body, the origin O being at 
the selected point referred to; determine the sums of the x, y, and z compo- 
nents of the given forces (2Fz, VF y, and ZFz) and the algebraic sums of the 
moments of the forces with respect to the x, y, and z axes (2>Mz, 2My, and 
2Mz); Zz, UFy, and VFz are the x, y, and z components of R, and 2M z, 

My, and XMz are the moments of the components of C perpendicular to 
the x, y, and z axes respectively. 

R? = (2Fz)? + (2Fy)? + (2Fz)? and C? = (2Mz)? + (ZMy)? + (2M;z)?; 
if a, a2, and a3 denote the angles between R and the x, y, and z axes, and 
61, 02, and 63 the angles between the vector representing C (Art. 15) and the 
x, y, and zg axes respectively, then 

cosa, = (2Fz)/R cosa, = (ZF y)/R cos a3 
cos 01 = (2Mz)/C cosd, = (2M,)/C cos 63 

(2F2z)/R 
(2Mz)/C 
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The resultant force R and the resultant couple C can be compounded into two forces 
as follows: take the plane of the couple so that one of the forces of the couple inter- 
sects R; find the resultant of this force and R; this resultant and the other force of C 
are the two forces sought. In general the final two forces are skewed. If the plane of 
C is parallel to R, then C and R may be compounded into a single force as follows: 
take forces of the couple so that they are parallel to R; then find the resultant of 
those forces and R; this is a single force. 

17. Principles of Equilibrium 

Conditions of Equilibrium. A force exerted on a body (definite portion of 
matter) by another body is an external force with reference to the first body. 
A force exerted upon one part of a body by another part of the same body is 
an internal force. All the external forces applied to a body at rest constitute 
a system said to be in equilibrium. When a force system is in equilibrium, 
its resultant is zero; this is the general condition of equilibrium. Detailed 
conditions for the various kinds of force systems follow, the notation being: 
F denotes force, Fz, Fy, and Fz, x, y, and z components of F, M denotes mo- 
ment of F, Mg, Mp and M; moments of F with respect to points a, b, and c, 
Mz, My, and Mz moments of F with respect to x, y, and g axes respectively. 
(1) Colinear System: =F = 0 or 2Mg = 0 (a is not to be taken on the 

forces). (2) Coplanar Concurrent System: =Fz =0 and =Fy =0; or 
DFz = 0 and >Mg = 0 (the x axis must not be perpendicular to the line 
joining @ and the point of concurrence of the forces); or >Mg = 0 and 2M, = 
0 (a, 6, and the point of concurrence must not be colinear). For the case of 
three forces: F, : Fo: F3:: sina: sinag:sina3; F,, Fe, and F3 denote 

the forces, a1, a2, and a3 the acute angles between F2 and F3, F3 and Fi, 
and F, and Fz respectively. (3) Coplanar Parallel System: DF = 0 and 
DM,g = 0; or [Mg = 0 and TMy = 0 (the line joining a and 6 must not be 
parallel to the forces). (4) Coplanar Nonconcurrent Nonparallel System: 
DF, = 0, 2Fy = 0, and 2M =0; or 2Fz = 0, 2Mg = 0, and 2Mpy = 0 
(the x axis must not be perpendicular to the line joining @ and 6); or 2Mg 
= 0, >My = 0, and 2M; = 0 (a, b, and c must not be colinear). (5) Non- 
coplanar Concurrent System: >Fz = 0, 2>Fy = 0, and Fz = 0. (6) Non- 
coplanar Parallel System: 2F = 0, >Mz = 0, and >My =0 (the x and 
y axes are not parallel to the forces or to each other). (7) Noncoplanar 
Nonconcurrent Nonparallel System: 2Fz = 0, 2Fy = 0, UF; = 0, ©Mz=0, 
ZMy = O-and DMz = 0. 

Also, based on graphic methods, these conditions of equilibrium: For concurrent 
systems, the force polygon closes; for coplanar nonconcurrent systems, the force and 

string polygons close. Special Principles, applicable in either algebraic or graphic 
analysis. (1) If three forces are in equilibrium; then they are coplanar, and concurrent 
or parallel. (2) If four coplanar nonconcurrent nonparallel forces are in equilibrium, 
then the resultant of any two is concurrent with the other two: 

Virtual Work. Any imaginary displacement of a body or system of bodies 
is a virtual displacement. The work done by a force during a virtual displace- 
ment of its point of application is called the virtual work of that force. Virtual 
works are computed according to the definitions and rules for computing 
real works (see Art. 28). The quantity here called virtual work is also called 
“virtual moment.” (1) If a rigid body is in equilibrium, then for any infini- 
tesimal virtual displacement the algebraic sum of the virtual works of the 

external forces equals zero. The work of a force for a displacement of its 
application point at right angles to the force is zero; and so in applying the 
principle of virtual work to determine a particular force of a system in 
equilibrium, it is generally advantageous to take a virtual displacement so that 
the displacements of the application points of as many forces (particularly 
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unknowns but excepting the one in question) as possible shall be at right 
angles to the corresponding forces. (2) If any system of particles (constitut- 
ing a rigid body, a deformable body, or a collection of such bodies) is in equilib- 
tium, then for any infinitesimal virtual displacement of the system the 
algebraic sum of the virtual works of all external and internal forces acting 
upon it equals zero. Internal forces occur in pairs, and the forces of any pair 
are equal, colinear, and opposite. Let S denote the magnitude of either force 
of a pair (regarded as positive if they are pulls and negative if pushes), and 
let ds denote the change in the distance between the application points of the 
forces for infinitesimal virtual displacemént of the points (regarded as positive 
or negative according as the distance is increased or decreased); then in such 
a displacement the work of the pairis — Sds. For any infinitesimal displace- 
ment of a rigid body ds is zero for all pairs of internal forces, and the work of 
each pair (and of all pairs) is zero. In applying the principle to a collection 
of rigid bodies which press against one another or are connected as by hinges 
or strings, the equation of virtual work must in general include, besides the 
external forces, those internal forces which the bodies exert upon each other. 
But the virtual works of these forces may be zero; thus, the virtual works of 
the pressures at a frictionless contact is zero for any virtual displacement 
which preserves the contact, and the virtual work of the binding forces of a 

string is zero for any virtual displacement which leaves the string taut and 
unchanged in length. 

Stability. When a body (or collection of bodies) is in equilibrium and the 
state is such that if when displaced slightly in any way the body returns of 

itself to its original position, then the equilibrium is stable; if when displaced 
slightly the body moves farther from its original position, then the equilibrium 
is unstable; and if when displaced slightly it remains in that displaced posi- 
tion, the equilibrium is neutral, or indifferent. The body or collection is 

also said to be stable, unstable, or neutral (or indifferent) respectively. When 
a body or collection is stable, its potential energy is a minimum; when un- 
stable, a maximum; and when neutral, constant (or stationary); the converse 
statements also are true. When the potential energy is gravitational, that is, 
due to weight, then when a body or collection is stable its center of gravity is 
in a lowest position; when unstable, in a highest position; and when neutral, 
at a uniform height, that is, it moves in a horizontal plane if the body or 
collection is slightly displaced. When a body rests on a number of points, 
the smallest polygon including all the points is called the supporting base or, 
simply, base. If the resultant of all forces acting on the body, including its 
own weight but not the supporting forces, cuts the base, the equilibrium is 
stable, and the moment of the resultant about the side of the base nearest 
the resultant is a measure of the 

stability. 

Properties of the Equilibrium or 
String Polygon. (See also Art. 16.) In 
the following the force-systems are 
not assumed to be in equilibrium ex- 
cept where sostated. (1) The line of 
action of the resultant of any number Fig. 67 
of coplanar forces which are repre- d 
sented consecutively in a force polygon passes through the intersection of the 
two strings of the equilibrium polygon which are parallel to the two rays em- 
bracing those forces in the force polygon. Thus the resultant of AB, BC, and 
CD (Fig. 67), acting in ab, bc, and cd, acts through the intersection of ao.and od; 

is ep 
pix 



90 Statics Sect. 2 

the resultant of BC, CD, and DE acts through the intersection of 0b and 0e; 

etc. (2) If a pole is taken at the beginning of a force polygon for a given 

force-system, then each string of a corresponding equilibrium polygon is the 

action line of all the forces from (andincluding) the first up to that string. Thus, 

the string od (Fig. 68) is the line of action of the forces AB, BC, and CD, acting 

b, bc, and cd; and ae is the line of action of AB, BC, in a 
r, - CD,and DE. (3) If two equilibrium polygons are drawn 

D 0A for a given force-system from the same force polygon but 

E 

with different poles, then the intersections of correspond- 
ing strings will lie on a straight line parallel to that joining 
the poles. Thus in Fig. 69 there are represented forces 

Se AB, BC, and CD, acting in ab, bc, and cd, and two equi- 

OS o\% librium polygons are shown corresponding to poles P and 
er Q; corresponding strings intersect in points 1, 2, 3, and 4, 

Fig. 68 all being in a line parallel to PQ. (4) It an equilibrium 
polygon for a system of forces in equilibrium is regarded 

as a series of links, jointed at the intersections of the segments of the polygon, 
by means of which the forces react upon each other, the series would remain 
at rest under the action of the forces; each link would be under tension or 
compression, and the ray corresponding to any 
particular link represents the amount of that ten- 
sion or compression. In Fig. 70 each link is under 

b compression. 
c\b Gh eae os 

seine, An equilibrium polygon 
- ‘ 

1 ete LS for a coplanar force-system 
ai ; Sse furnishes a ready means of 

' _--77 ©~ obtaining themomentofany 
oY RE ao one of the forces, and of the 
agers resultant of any of theforces 

a, : 
e consecutive in the force 
B EH polygon. Thus the moment 

of any force with respect to 
any origin is the product of 
its “intercept ” and “ pole 

Cc D distance’; by intercept of a 
Fig. 69 force is meant the distance 

(by the space scale) inter- Fie. 70 
cepted by the strings corresponding to the force from the S 
line drawn parallel to the force through the origin of moments, and the pole distance of 
a force is the perpendicular distance (by the force scale) from the pole to the line rep- 

’ resenting the force in the force polygon. Thus the moment of AB (Fig. 67) acting in 

ab, about P, is 12 X O05, and the moment of the resultant of BC, CD, and DE about 

P is 34 X 06. Both mo- 
ments are counter-clock- 
wise, determined from the 
lines of action and senses 
of forces as related to the 
origin of moments. 

An equilibrium polygon 
for a coplanar system of 
forces can be drawn so as 
to pass through any three 
points of the plane of the 
forces. Thus, to draw one 
through points 1, 2,and3 for the forces Fy, Fo, F3, F4 (Fig.71): find theresultants Rand Ro 
of the forces whose lines of action are cut by the lines joining 1 and 2, and 2 and 3; the 

first acts in R; and the second in Re (construction for position not shown), and their 
values are represented by AB and BC respectively in the force polygon for the forces. 

Fig. 71 
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Extend lines R; and 32 to their intersection M, f, and lines es Re and 12 to their intersection 

N. From A and B draw lines parallel to Mi and M2 to their intersection m, and 

from B and C draw lines parallel to N2 and N3 to their intersection n. Complete the 
parallelogram VmnO; then O is a pole and the corresponding equilibrium polygon, if 
started through one of the three specified points, will pass through the other two. (It 
is advisable to draw as first string the one through point 2, parallel to OB.) 

18. Typical Problems 
In each of the problems following, some of the forces of the system in equilibrium 

are unknown in sense. In writing an equilibrium equation for the system, senses may 
be assumed when unknown; if the computed value of a force comes out positive, the 
sense was guessed correctly; if negative, then incorrectly. In the figure, incorrectly 
assumed senses are indicated by a short line through the arrowhead. 

A Coplanar Concurrent Force-System is in Equilibrium and the forces are 
all known except two whose action lines only are known; these two are to be 
determined completely. This is a common problem in the determination of 
the stresses of a roof or bridge truss, and the numerical illustration is from a 
truss, but the method of solution is as general as the statement of the problem. 

(1) Algebraic Solution: Three sets of equilibrium equations are available (see Art. 
17). No general rule covering all cases can be laid down as to which set is best. in a par- 
ticular case, but if a resolution equation (2Fz = 0 or ZFy = 0) is taken first, it is 
advantageous to take the resolution axis perpendicular to one of the unknown forces. 
If a moment equation (2M = 0) is taken first, it is advantageous to take the moment 
origin on the action line of one of the unknowns. Fig. 72 represents a joint of a truss 
under the action of a load of 1600 lb., a known pull of a member, 2000 Ib., and two 
unknown forces F; and F2; to find these two: Choosing 2Fz = 0 and 2Fy = 0, with 
the x axis horizontal, >Fy = — 1600 + F sin 30° = 0, or Fy =+ 3200 lb., the posi- 
tive sign indicating that F, acts as assumed in the figure. Next 2Fz =— 2000 + 
3200 cos 30° + Fe = 0, or Fo =— 771 lb., the negative sign indicating that Fe acts 
toward the left. Or, beginning with 2M = 0, the origin being on Fo, 10 ft. to the 
tight of O, say, then 2M =— 1600 X 10 + Fy X 10sin 30° = 0, or Fy = 3200; Fe 
may now be determined as before or from another moment equation with origin any- 
where except on Fg. When there are only three forces in the system, then a special 
condition of equilibrium (Art. 17) may be ae thus: suppose that the three forces 
are 1600 Ib., Fj, and F2 (Fig. 72); 
F,/sin 90° = Fo/sin 60° = 1600/sin gag py 2000. A ArpsD 
30°, which equations furnish values 7 A 
of Fy and Fo. “Zing 5 ld. 

(2) Graphic Solution: The condi- Fig. 72 ao 73 
tion of equilibrium is that the force 
polygon for the force-system must close; constructing the polygon and making it close 
will determine the unknown forces. The order in which the forces are represented in the 
polygon is immaterial, but the knowns must be drawn first of course. To construct a 
force polygon for the forces: draw AB (Fig. 73) to represent the 1600-lb. force, BC to 
represent the 2000-Ib. force; then from A and C lines parallel to the other two forces; 
the intersection of these two lines is D, and CD and DA represent the values and 
directions of the two unknowns. The unlettered polygon in Fig. 73 is another possible 
force polygon, giving the same results as the one explained. 

A Coplanar Parallel Force-System is in Equilibrium and all the forces are 
known except two whose action lines only are known; these two are to be 

determined completely. The determination of the reactions on a beam or 
truss on horizontal supports and under vertical loads is a problem of this sort. 
Such a beam is used as an illustration, but the method of solution is as general 
as the statement of the problem. 

(1) Algebraic Solution: Either one of two sets of equilibrium equations is available 
(Art. 17). It will be well to use the two moment equations with origins on the action 
lines of the two unknown forces. Then after the unknowns have been determined one 
might test, as a check, whether =F is zero. Fig. 74 represents a beam supported at Ry 

’ 
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and Ro, the beam bearing a concentrated load at the left end, a uniform load as shown, 

and its own weight, 1800 lb.; to determine the reactions. With origin at Ro, the moment 

equation is — 10 000 X 18 — 40000 X 6 — 1800 X9 + Ry X 10 = 0, or Ry =43 620 

Ib.; with origin at Rj, it is — 10000 X 8+ 40000 X 4 + 1800 X 1—Rez X 10 = 0, or 

Re = 8180lb. Asalgebraic sum of loads and reactions is zero, the computation checks. 
(2) Graphic Solution. The 

10000 %. RR, $0000 1b. R, a4 1S conditions of equilibrium are 
pS octnoensvanseasy — B 3 that the force andstring poly- 

C gons close; if these are con- 
structed and made to close, 
the problem will have been 
solved. Using the preceding 

£E illustration again, the 40 000- 
D lb. load is regarded as concen- 

trated at its center; andalso 
Fig. 74 the weight of the beam at 

the middle of the beam; first 
ABCD, the polygon for the known forces, is laid off; the right reaction will be 
taken next and called DE and the other EA, but Eis as yet unknown; next a pole O is 
chosen, rays are drawn and then the strings or oa, 06, oc, and od; od should be extended 
to de, and oa to ea. The line oe is the closing string, and a ray parallel to it fixes the 
point E. Then DE and EA represent the magnitudes of the reactions. 

A Coplanar Nonconcurrent Nonparalle! Force-System is in Equilibrium, 
and all the forces are known except two; the action line of one of these and 
a point in that of the other are known; required to determine these unknowns 
completely. This problem occurs in the determination of the reactions on a 
roof truss sustaining wind pressures, the truss being fixed at one end and 

resting on rollers at the other. This case is used in illustrations below, but 
the solutions are as general as the statement of this problem. 

(1) Algebraic Solution: Calling the first described unknown P and the second Q, 
imagine Q replaced by two rectangular components Qz and Qy acting at the given point 
of Q; then the unknowns of the system are the magnitudes and senses of P, Qz, and Qy. 
.Any one of three sets of equilibrium equations may be used (Art. 17); generally it is 
advantageous to begin with a moment equation, the origin being at the known point of 
Q, as such an equation will furnish P directly. Qz and Qy can be determined from the 
other two equations of the 
‘set selected, and then Q it- 
self from its components. 
Fig. 75 represents a roof 
truss whose span is 60 ft., 
tise 12 ft., resting on rollers 
at the left end and pinned 
to the support at the right; 
there are four loads as 
shown; required the reac- 

tions. The reaction at the 
roller end can be vertical 
only; that at the other end 

may have any direction. 

The first is P and the second Q, but Q is represented in the figure by its two unknown 
components Qz and Qy. The moment equation for the system with origin at 1is P X 60 
— 1500 X 55.71 — 3000 X 44.94 — 3000 X 34.17 — 1500 X 23.40 = 0, or P = 5933. 

Then from 2M2 = 0, or ZFy = 0, Qy may be found.to be 2423, and from >Frz = 0, 
or =M3 = 0, Ox may be found to be 3342. 

(2) Graphic Solution: The conditions of equilibrium are that the force and string 
polygons must close; constructing them and making them close will determine the un- 
knowns. In order to make the construction possible, the first string drawn must be one 
‘corresponding to the unknown force Q, one point of which is known, and it must be 
drawn through that point. The following special graphic Solution is simpler in principle; 
First determine the resultant R of the known forces, and imagine the knowns replaced 

Fig. 75 
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by that resultant; then the system consists of three forces, namely that resultant and 
the two unknowns. If Rand the unknown P whose action line is known are not parallel, 
then the three forces R, P, and Q are concurrent and the action line of Q is determined. 
The solution of the three-force system can then be made as explained in the first para- 
graph. If Rand P are parallel, then Q is also parallel to P and R; P and Q can be deter- 
mined most readily algebraically, and graphically by constructing the force and funic: 
ular polygons for the three forces. (When R, P, and Q are parallel, this special graphical 
method is no simpler than the general method first described.) As illustration of the 
general method the reactions on the truss shown in Fig. 75 are determined thus: The 
force polygon for the known forces is ABCDE; calling the reaction at the fixed end 
ef and the other fa, the first string drawn is,oe; then od, oc, 0b, oa, and of the closing 
string. Next the ray parallel to of is drawn and its intersection with AF determines F; 
EF and FA represent the magnitudes and directions of the reaction at the fixed and 
roller ends respectively. 

A coplanar nonconcurrent nonparallel force-system is in equilibrium and all 
the forces are known except three whose action lines only are known. Required 
to determine these three completely. (This problem is indeterminate if the 
three unknowns are concurrent or parallel.) 

(1) Algebraic Solution: Any one of three sets of equilibrium equations may be used 
(Art. 15). In general it is advantageous to use a moment equation first, the origin being 
at the intersection of two of the unknowns; the choice of the other two equations will 
depend on the particular problem under consideration. For example, consider the over- 
hanging truss (Fig. 76) which sustains three loads as shown and is supported at 1 so 
that the reaction there acts along the line marked Ry and at 2 by two forces Re and R3 
which are horizontal and vertical respectively. Required Rj, Ro,and R3. 2M, =— 800 
<20—1500 10+ Re 10= 0. or Ro = 31001b.; D2Mz = 1500 K 10+ 1000 K 20 — 

R3z X 20 = 0, or Rz = 1750 lb.; and DFrz = R, cosa — 3100 = 0, or Ry = 3466 Ib. 
(2) Graphic Solution: The conditions of equilibrium are that the force and equilib- 

rium polygons must close. In order to construct the equilibrium polygon, the first 
string must be drawn through the intersection of two of the unknowns. Using the pre- 
ceding illustration the force polygon for the three known forces is A BCD (Fig. 76). The 
reaction at 1 is called de and the reactions at 2 are called ef and fa. The first string is oa 
andit is drawn through the intersection of fa and ef; then ob, oc, and od are drawn, the 
latter to its intersection with de. The closing string is oe, and a ray parallel to oe deter- 
mines E£, in the line through D parallel to de. Then completing the force polygon by 
line through A and E parallel to Rp and R3 respectively determines F, and FA = Re 
and EF = R3. The senses of Ri, Ro and Rz, apparent in this example are given by 
arrow heads on DE, EF and FA confluent with the senses of AB, BC and CD. 

Ss 

I eee Rae TES ee ee eat 
— 

R, 

Fig. 76 Fig. 77 

The following special method is simpler than the foregoing: Determine the resultant 
R of the known forces, and imagine them replaced by their resultant; then the system 
consists of R and the three unknowns P,Q, and S. Note that R, P, and the resultant 
R’ of Q and S are concurrent, and by a force triangle determine P and R’; finally resolve 
R’ into its components Qand S. For example, in the preceding illustration, the result- 
ant of the known forces is 3300 Ib. as shown in Fig. 77. The resultant R’ of Q and S is 
concurrent with R and P, and acts in the dotted line. The force triangle for R, P, and 
R’ is ABCA, AB representing 3300 lb., BC representing P, andCA representing R’. 
Then resolving CA into Q and S, it is found that CD represents S and DA represents Q. 
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19. Shears and Moments in Beams 

Beams and Trusses are usually subjected to vertical loads and reactions. 
In such cases, the vertical shear at any cross-section of the beam or truss is 

the algebraic sum of all the loads and reactions on either side of the section; 

if the shear is computed from the forces (loads and reactions) to the left of 
the section, then upward forces are given the positive sign, but if from those 
on the right, then the upward forces are taken as negative. The bending 
moment at any cross-section of a beam or truss is the algebraic sum of the 
moments of all the loads and reactions on either side of the section, the origin 

of moments being taken in the section; if the bending moment is computed - 
from the forces to the left of the section, clockwise moments are regarded 
as positive, but if from those to the right, clockwise moments are taken as 

negative. V and M are used to denote shear and moment respectively. 

Fig. 78a represents a cantilever sustaining a concentrated load of 1000 Ib. at the free 
end and uniform load of 2000 lb. on half its length as shown. Fig. 78) is a shear diagram 

for the cantilever as loaded, showing how the external shear 
varies from section to section; at a section just to the right of 
the concentrated load V =— 1000, at the wall V =— 3000 
lb. Fig. 78cis a moment diagram for the cantilever as loaded, 
showing how the bending moment varies from section to sec- 
tion; at the middle M = 5000 and at the wall M = 15 000 ft-lb. 

Fig. 79a represents a beam resting on two supports 4 and B 
and bearing a uniform load of 1000 Ib. per ft. between the 
supports, and a_concentrated load of 2500 ]b. at the right end; 
the reactions at A and B are respectively 4000 and 8500 Ib. 
Fig. 79} is a shear diagram for the beam so loaded; just to the 

Fig. 78 right of A, V =+ 4000 Ib., just tothe left of B, V = — 6000 
lb., and at-any section to the right of B, V = + 2500 lb. 

Fig. 79c is a moment. diagram for the beam as loaded; at B, M =— 10 000 ft-lb. and 
the greatest positive value of M is 8000 ft-lb., at the section 4 ft. from the left end. 

The equilibrium polygon is a moment diagram for the beam as loaded, 
the vertical ordinates in it being proportional to the bending moments at the 
corresponding sections. The bending moment at any particular section is 
the product of the corresponding ordinate in the equilibrium polygon (accord- 
ing to the scale of the drawing of the beam) and the distance from the pole 
to the “load line ” (according to the scale of the force polygon). 

Fig. 80 

For example, in Fig. 80, the beam represented is supported at each end and sustains 
two loads of values 12 and 23; the perimeter of the upper shaded part is an equilibrium 
polygon and constitutes a moment diagram for the beam as loaded. The bending mo- 
ment at any section as S equals the product of the distance represented by the ordinate 
5-6 and the force represented by the perpendicular from:O to the line 1-2-3. The shear 
diagram (Fig. 80c) can be constructed from the force polygon by obvious means. 



a 

Art. 20 Simple Frameworks 95 

For a beam bearing a distributed load an approximate moment diagram may be con- 
structed thus: draw an equilibrium polygon for the beam under an approximately 
equivalent series of concentrated loads obtained by 
imagining the uniform load divided into parts and 
each part replaced by a concentrated load equal to 
that part and applied at its center. See Fig. 81, in 
which the distributed load is divided into three 
parts. The true bending moment line is curved 
below the distributed load, and the curve is tangent 
to the equilibrium polygon at points immediately 
below the lines of division of the load. > 

Properties of Shear and Moment Diagrams. For any part of a beam bear- 
ing no load and weight of beam being disregarded, the shear line is horizontal 
and the moment line is generally inclined; for any part bearing a uniformly 
distributed load, the shear line is inclined downward to the right, and the 
moment line is a parabola, convex upward, with axis vertical. The shears on 
either side of a concentrated load differ by an amount equal to the load, and 
the moment line changes direction there suddenly. At each end of a beam 

the shear and moment are zero. Where the shear changes sign, there the 
moment has a maximum or minimum value. 

20. Simple Frameworks 

A Truss is a framework intended to carry loads, while each member of the 
truss is subjected only to longitudinal stress, either tensile or compressive. 

In this article it is assumed, except as otherwise noted, that (a) the truss 
under consideration is pin-jointed, that is, the members have “‘ eyes ” and are 
pinned together at the joints, (b) each member is continuous between two 
joints only, and (c) the loads and reactions are applied to the truss at the 
joints. When these assumptions are fulfilled the forces acting upon any 
member, consisting of loads, reactions or pin pressures, are applied at its 
ends only; and the resultants, R; and Ro, of the forces at each end act through 
both ends, that is, R; and Re are colinear, and they are equal and opposite. 
When they are pulls, the member is in tension, and any two parts exert pulls 
upon each other (Fig. 82); when they are pushes, the member is in compres- 

sion, and any two parts exert pushes upon 
wie 4a, oo, Rs (@) each other (Fig. 82). These internal pulls 

cays a al and pushes are each equal to the end pulls 

A Compression. R,  » or pushes and colinear with them. By force 
Fig. 82 or stress in a member is meant either of the 

i forces which either of the two parts of the 
member exerts on the other part; the magnitude of a stress is the magnitude 
of one of the two forces referred to. By analysis of a truss for certain loads is 
meant the determination of the stresses in its members due to these, loads. 

The assumptions stated above are not realized in all actual trusses; yet if either (a) 
or (b) is not realized but the joints are properly made, then the methods of analysis 
here explained, or their equivalent, are used and without practical error; if (c) is not 
realized, the methods here given require amplification only. 

To Determine the Stress in any particular member of a truss due to cer- 
tain loads: First, determine the reactions on the truss due to the loads; 

second, imagine the truss separated into two distinct parts (that is, pass a 
section through the truss) so that the member under consideration is one of the 

members cut and so that the system of forces, including stresses, acting on 

either part of the truss is solvable for the desired stress; third, solve the 
system. (For plane trusses, the system will be coplanar and concurrent, or 
nonconcurrent; the first kind can be solved completely if it includes not more 
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than two unknown stresses, and the second if not more than three except 
when these three are concurrent or parallel.) 

To illustrate how to pass the section, suppose the stress in HJ (Fig. 83) is required, 
the truss being supported at its ends and bearing five loads L and one P, and suppose 
the reactions determined. Trying section 1-1, the force system on the left part of the 
truss (Fig. 83b) is a nonconcurrent one of seven forces, and includes four unknown 

stresses, 51, S2, S3, and S4; it is not solvable for the desired stress S;. Trying section 

/ S, 

Fig. 83 

2-2, the force system on the lower part (Fig. 83c) is a concurrent one, and includes four 
unknown stresses, Sj, So, Ss, and Ss; itis not solvable. Trying section 3-3, the force 

system on the left part (Fig. 83d) is nonconcurrent with three unknown stresses, Sj, 
S7, and Ss; it is solvable.. In some instances different sections may be used, each 
leading to a solution. 

An Algebraic Analysis of a Truss is carried out by solving the various 
force-systems resulting from sections passed, as explained in the foregoing, 
by algebraic methods. The problems to be solved are generally like one of 
Art. 18, where methods for their solution are given. In the following the 
unknown stresses will be assumed to be pulls always; then positive com- 

puted stresses will be tension and negative ones will be compression. In a 
truss with horizontal chords, the stress in any diagonal equals the vertical 
shear in the panel in which the member is, multiplied by the secant of the 
angle which the member makes with the vertical. The stress in either chord 
member of any panel equals the bending moment at the point where the 
other chord member and the stressed web member of that panel intersect, 
divided by the height of the truss. 

(1) Roof Truss. In Fig. 83 angles A and G are 45°, AW = HI = IG = 
16 ft.; AB, BC, CD, DE, EF, and FG are equal, also HJ, JD, IK, and 
KD. Loads L = 800 Ib., load P = 1200 lb. The reaction R; is found thus: 
Ri X 48 — 4000 X 24 — 1200 X 32 = 0, or Ri = 2800 1b.; also Re = 2400 lb. 

To determine the stresses: Passing section 4-4, the force-system on the part within 
the section (Fig. 84a) is concurrent with two unknowns S; and Sp. Taking a vertical 
y axis, Fy = S2 sin 45° + 2800 = 0, or Sz = — 3960 Ib., the negative sign indicating 

that S2 is compressive; next with the corrected direction of So, 2Fz = + S; — 3960 
cos 45°. = 0, or Sy = + 2800 lb., the positive sign indicating that S is tensile. In a 
similar manner the stresses in GF and GJ might be determined; they are respectively 
3394 lb. compression and 2400 lb. tension. No other section than 4-4 or 5-5 can be 
passed so that the force-system acting on either part of the truss will be concurrent 
including only two unknown stresses; in fact the only sections leading to solvable 
force-systems are 3-3 and 6-6. On the left of 3-3 (Fig. 84b) the force-system is non- 
concurrent with three unknowns S3, S4, and $5. To determine S3: 2Mp =— 2800 X 
24 + 1200 X 8 + 800 X 8 + 800 X 16 + S3 X 24 = 0, or S3 = + 1600 lb. tension. 

One might now solve the sytem for S4 and S5 or pass a section around joint H or I 
(Fig. 83), each furnishing a solvable concurrent system. But continuing with Fig. 840, 
2M py = — 2800 X 16 + 800 X 8 — SsX BH = 0, or Ss =— 3394 Ib. compression; 
and 2M 4 = 0 gives Sy = + 2530 lb. tension. Next a section may be passed about H 
or J as stated, or about C; section about H gives a concurrent system (Fig. 84c) with 
two unknowns, Ss and S7. Taking an x axis at right angles to S7, 5Fr = — 1200 
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cos 45° — 2800 cos 45° + 1600 cos 45° +- Sg cos (71° 34’ — 45°) - 0, or Sg =+ 
1897 lb. tension; and taking a vertical y axis, 
ZFy =— 1200 + Sz cos 45° + 1897 sin 71° Six "| PES 
34’ =0, or S;7 =— 847 lb. compression. ; (ad) 
Next, passing a section about C, the force- YY. S, CNS 
system is concurrent (Fig. 84d) with two ‘S x $300) set 
unknowns Ss and Sg. Two resolution equa- (a) : 4) x 
tions, the axes being taken along the unknown coy 800 S4 
stresses, are simple; they give Ss = — 556 lb. { § 3 
compression, and Sg = — 3960 Ib. compres- sx. Sif NI B 

sion. Next passing a section about B gives f Lon i (2) 
a concurrent system with one unknown (Fig. “Sax 

84e) Sip. Or, one might pass next a section = eh Ee, 125 TROUT 
about J and get a solvable system (Fig. 84f). 

In similar manner the stresses in the members * x eu 560\, ft 
of theright-half of the truss may be determined. wy oY 
When, in the analysis, a force system is Sto Sio. id 
reached in which there are fewer unknown A Par (f) 
stresses than the number of conditions of 18077 
equilibrium for the system, as in Figs. 83¢ Fig. 84 
and f, then a partial check on the preceding 
computations may be made, thus: determine the unknown stress or stresses and 
then test whether the force-system satisfies the superfluous or extra equation or equa- 
tions of equilibrium. Thus for Fig. 84e with the x axis along the two equal stresses, 
ZFz = Sio X cos 26° 34’ — 800 cos 45° = 0, or Sip = + 633 lb. tension, and ZFy = 
847 — 800 sin 45° — 633 sin 26° 34’ = — 2, ornearly zero, andso thecheck issatisfactory. 

(2) Howe Bridge Truss. The truss represented in Fig. 85 is generally con- 
structed all of wood except the “ verticals.” The “ diagonals” are not con- 

nected to other members at 
{Tv the various joints but simply 

butt up against bearing blocks 
at their ends, and so can be 
subjected only tocompression. 
Two diagonals in any panel 
cannot be stressed at the 
same time; when the loading 
is symmetrical with respect to 
the middle of the truss, those 

diagonals represented are the 
ones stressed and they are the 

main diagonals. The others, 

not shown, may be stressed 
only when thetruss is partially 

loaded, and they are counter 
diagonals, or braces, or simply 
counters. 

In the following example the 
truss is supposed to be loaded 

symmetrically (see Fig. 85) and the counters are not mentioned. The span is 72 ft., 
height of truss 15 ft., each upper load U is 1 ton and each lower load Lis 2 tons; then 
each reaction is 7-5 tons. The stress in any diagonal may be found by passing a vertical 
section through the trussso as to cut the member under consideration and then 
solving the force system acting on either part of the truss. Thus, to determine the 
stress in AB, pass the section 1, and solve the system shown in Fig. 85a for Sj; to 
determine the stress in EC, pass section 2 and solve the system shown in Fig. 856 for 
S3; similarly determine the stress in FD, etc. It will be noticed that the vertical 
component of the stress in any diagonal equals the external shear at the section cutting 
the diagonal; thus (see Fig. 85b) S3 XK cosa = 7.5 —2 — 1 = 4.5. The stress in any 

US here A 
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vertical, except the middle one if there is one, may be found by passing a section so 

as to cut only that member and adjacent chord members and then solving the system 

of forces acting on either part of the truss for the desired stress. Thus, to determine 

the stress in BE, pass section 3, and from the system shown in Fig. 85c get Sg = 7.5 

—1 = 6.5 tons; to determine the stress in CF, pass section 4, and from the system 

shown in Fig. 85d get Sip = 7.5 —2 —1—1= 3.5 tons. The stress in the middle 
vertical equals the load at its lower end, 2 tons. The stress in any chord member may 
be found by passing a section cutting that member and the others in the same panel, 
and then solving the force-system acting on either part of the truss for the desired stress, 
the solution is easily made from a moment equation, the origin being taken at the inter- 
section of the other two members cut. Thus to determine the stress in CD, pass section 
5; the moment equation for the system shown in Fig. 85e with origin at the intersection 

of Ssand Sgis 7.5 X 24 +3 X12 —S7 X 15 =0, or S7 = 9,60 tons, 

21. Stress Diagrams for Trusses 

Graphic Methods for Analyzing Trusses are especially well adapted for 
solving problems iike the preceding. As in the algebraic method, the truss 
is imagined separated into two parts and then the attention is directed to 
the forces acting upon either part. Graphic instead of algebraic conditions 
of equilibrium are then applied to the system of forces to determine the 
unknowns. In making the imaginary separations of the truss, care should be 
taken to cut not more than three members in which the forces are unknown. 
It is advantageous to make the separation so that not more than two such 
members are cut. If that is done, a single force polygon will determine the 

two unknowns, while if three are cut, a force polygon and an equilibrium 
polygon, or the equivalent, are necessary for determining the three unknowns. 
In drawing the force polygon, it will be advantageous to represent the forces 
in the order in which they occur about the joint. A force polygon so drawn 
will be called a polygon for the joint; and for brevity, if the order taken is 
clockwise, the polygon will be called a clockwise polygon, and if counter- 
clockwise, it is called a counter-clockwise polygon. If the polygons for all 
the joints of a truss are drawn separately, then the stress in each member 
will have been represented twice. It is possible to combine the polygons so 
that it will not be necessary to represent the stress in any member more than 
once, thus reducing the number of lines to be drawn. Such a combination 
of force polygons is called a stress diagram. Each triangular space in the 
truss diagram is marked by a small letter, also the space between consecutive 
action lines of the loads and reactions. Then the two letters on opposite 
sides of any line serve to designate that line, and the same large letters are 
used to designate the magnitude of the corresponding force. 

To construct a stress diagram for a truss under given loads: 

(1) Determine the reactions. (2) Letter the truss diagram as directed. (3) 
Construct a force polygon for all the external forces applied to the truss (loads 
and reactions), representing them in the order in which their application 
points occur about the truss, clockwise or counter-clockwise. (4) On the 
sides of that polygon construct the polygons for all the joints. They must 
be clockwise or counter-clockwise according as the polygon for the loads and 
reactions was drawn clockwise or counter-clockwise. (The first polygon 
drawn must be for a joint at which but two members are fastened; the joints 
at the supports are usually such. Next, that joint is considered, and its 
polygon is drawn, at which not more than two stresses are unknown.) 

(1) Roof Truss. Fig. 86 represents a truss sustaining loads of 600, 1000, 1200 and 
1800 lb.; the right reaction is 2100 lb. and the left 2500 lb. ABCDEFA is a polygon 
for the loads and reactions, these being represented in the order in which their points of 
application occur about the truss. The polygon for joint 1is 7A BGF; the force BG acts 
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toward the joint, hence dg is under compression, and GF acts away from the joint, hence 
afis in tension. The polygon for joint 2 is CDEHC; the force EH acts away from the 
joint, hence e# is in tension; and HC acts toward the joint, hence ie is in compression. 
The polygon for joint 3is HEFGH; the force GH acts away from the joint and hence 
ghisin tension. If the work has been correctly done, GH is parallel to gh. (In Fig. 86a 
the polygons are all clockwise, and in Fig. 865 counter-clock wise.) 

Fig. 87 

(2) Howe Truss. Fig. 87 represents a Howe Truss, 72 ft. span and 15 ft. high, 
under five 1-ton loads on the upper chord and five 2-ton loads on the lower. 
ABCDEFGHIJKLA is a force polygon for all the loads and reactions. Polygon for 
joint 1is LAM TL; for joint 2, MA BN; for joint 3, KLMNOK; for joint 4, OVBCPO; 
for joint 5, JKOPQJ; and for joint 6, J/QRI. : 

(3) Derrick. Fig. 88a represents a stiff- ie 
leg derrick, only one stiff leg, da, shown, a 
and the boom and shown stiff legin thesame A é 
vertical plane. For the analysis it is not 
necessary to determine the reactions first. ZZ 
The polygon for joint 1 may be drawn first; 208 SE Oe 
it is ABCA, and BC and CA represent Z 
compression and tension respectively. The 
polygon for joint 2 may be drawn next; it 
is ACDA, and CD and DA represent com- 
pression and tension respectively. The re- 
action at 3 equals the resultant of CB and 
DC, that is DB. 

The foregoing analysis is imperfect be- 
cause it assumes, in part, a single stay along 
ac, whereas such derricks usually have a 
multiple stay and a hoisting cable as shown 
in Fig. 88b. To determine the reaction P; 
at the top of the mast exerted by the stiff 
leg and that Pz at its base: P acts nearly 
along the axis of the stiff leg, and P2 in a , 
direction unknown as yet; these forcesalong | 
with the weights of the mast, boom, and |; 
load, constitute a system inequilibrium,and Fig. 88 
it may be solved for Py and P as explained 
in Art. 18. (If hoisting is accomplished not by a winze mounted on the derrick, 
as assumed, but by an engine, then there must be included in the system described the 
pull of the engine.) To determine the reaction Q; at the base of the boom and the pull 
Qs of the top stay: Q2 acts along the stay and Q; ina direction unknown as yet; these 
forces along with the weight of the boom, a pull of 1/2W in line a, and a pressure at the 
top pulley pin identical with the resultant of the pulls 1/2W in the lines } and c, con- 
stitute a system in equilibrium which may be solved for Q; and Q3. (Art. 18.) 
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GRAVITY AND INERTIA FUNCTIONS 

22. Principles of Center of Gravity 

Definitions. ‘The resultant of the weights, or parallel forces of gravity, 

upon all the particles of a body, always passes through a certain particle or 

point fixed with reference to the body, no matter how the body is turned 
about; this particle or point is the center of gravity of the body. If the body 
can be supported at its center of gravity, then so supported it would remain 
at rest in any position. Center of gravity is also called center of mass and 
center of inertia, especially in discussions relating to the motion of the body. 
The center of gravity of a line (or length), surface (or area), solid (or volume) 
is the center of gravity of the line, surface, or solid imagined materialized, 

that is, conceived as a very slender wire, thin plate, or homogeneous body. 
Centroid is also used in place of center of gravity as applied to lines, surfaces, 

and solids. The center of gravity of a line, surface, solid or homogeneous 
body is a mean point; that is, the distance of the center of gravity from any 
reference plane is the mean of the distances of all the equal elementary parts 
of the line, surface, solid, or body from the plane. If the reference plane 
cuts the line, surface, solid, or body, distances on opposite sides of the plane 
must be regarded as opposite in sign. Symmetry: Two points are sym- 
metrical with respect toa third point if the line adjoining the two is bisected 
by the third. Two points are symmetrical with respect to a line or a plane 
if the line joining them is perpendicular to the given line or plane and is 
bisected by it. A body, line, surface, or volume is symmetrical with respect 
to a point, a line, or a plane if all the points of the body, line, surface, or 
volume can be paired off so that each pair is symmetrical with respect to the 
point, line, or plane. If a line, surface, solid or homogeneous body is sym- 
metrical with respect to a point, line, or plane, then its center of gravity is at 

the point in the line, or plane. The statical moment of a body (or weight), line 
(or length), surface (or area), or solid (or volume) with respect to any plane 

is the product of the weight, length, area, or volume and the distance of the 
center of gravity of the body, line, surface, or solid from the plane. The 

statical moment of a plane line (or length) or plane surface (or area) with 
respect to a straight line in the plane is the product of the length or area and 
the distance of the center of gravity of the line or surface from the reference 
line. A statical moment is regarded as positive or negative according as the 
corresponding center of gravity is on the positive or negative side of the 
reference plane or line. In the foregoing definitions and in the following, the 
words body, line, surface, and solid are used broadly to include what would 
ordinarily be described as a collection of bodies, lines, surfaces, or solids. 

Methods for Locating Center of Gravity. The statical moment of a body, 
line, surface, or solid equals the algebraic sum of the statical moments of all 
the parts into which it is, or is imagined to be, divided. This principle is the 
basis of all formulas for locating centers of gravity. If the sum of the statical 
moments is zero, then the center of gravity is in the reference plane or line 
as the case may be. The position of a center of gravity 1s generally con- 
veniently specified by its rectangular coordinates x, 7, and z. 

(1) The formulas for the coordinates of the center of gravity of a body are: 

we = [2aw Wy = }y dW Wz = {iaw, 

in which W denotes the weight of the body, dW the weight of any elementary 
portion, and «, y, and z the coordinates of the center of gravity of that element; 
the limits of integration must be assigned so that the integration includes all 
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elementary parts of the body. The formulas furnish values of %, y, and 2 in 
any case if the body is mathematically regular and such that the integrations 
can be performed. The following are corresponding formulas for the co- 
ordinates of the center of gravity of lines, surfaces, and solids: 

Lx = fz dL Ly = fy dL Lz = fi: dL 

Ax = fraa Ay =f» dA Az - fs dA 

Vz = fz dv “Wy = fs dV Vz =f dV 

in which LZ, A, and V denote length, area, and volume respectively. 
(2) If a body consists of finite parts whose weights and centers of gravity 

are known, then the coordinates of the center of gravity of the body can be 
computed, without integration, from 

Wx = Win + Woxe4+ --- Wy = Win + Woye + --- 
We = Win + Woe2+--- 

in which W denotes the weight of the body, W1, We, etc., the weights of its 
parts; 71, ¥1, 21, the coordinates of the center of gravity of W1; %o, Vo, 22, 
those of the center of gravity of W2; etc. The following are corresponding 
formulas for lines, surfaces, and solids: 

Iz=Lim+Lxet--- Ly= Liyit Loy2t:-- Lz= 11+ Leet::- 
Ax=AimitAcx2+--- Ay=Aimn+A2y2+--: Az=AimtArzo+--: 
Va =VisitVoret+--- Vy =ViyitVoyot+--- Vz=VizitVo22+--- 

in which the L’s, A’s, and V’s denote lengths, areas, and volumes. 

The center of gravity of two bodies, lines, surfaces, or solids is on the straight line 
joining the centers of gravity of the two, and the center of gravity of the two divides 
the joining line into segments inversely proportional to their weights, lengths, areas, or 
volumes. The center of gravity of three bodies, lines, surfaces, or solids is in the 
plane of the centers of gravity of the three. 

If a center of gravity of the parts of a body, line, (a 
surface, or solid lies in a plane, the center of gravity 
of the whole may be found graphically. (1) Let a, 
b, c, etc., be the centers of gravity of the parts and 
A, B,C, etc., their weights, lengths, areas or volumes; 
then imagine parallel forces of values A, B,C, etc,to gq 4% SNL ‘ 
act through a, }, c, etc., and find the line of action of > 
their resultant; repeat the operation for the parallel Fig. 89 

forces at an angle (as 90°) with their first positions. 
The intersection of the resultants is the center of 

b b gravity sought. (2) Choose any point O (Fig. 89) in 
: the plane of the centers of gravity as origin; measure 

Oa, Ob, Oc, etc., and form the products AQa, BOb, 

COc, etc. Imagine forces whose values equal the 
products respectively, to act from O in the lines Oa, 
Ob, Oc, etc., and find their resultant R (Art. 16). 
The center of gravity sought, 7, lies in the line of 
action of R at a distance from O equal to R +(A + 

B+C+-:-). 
The center of gravity of an irregular plane figure 

may be found by cutting out the figure from stiff 
paper and then determining the center of gravity of 

Fig. 90 the paper experimentally by balancing (see below); 
this center of gravity gives that of the figure. Or, 

proceed as follows (Fig. 90): Take a point O and a line bb on opposite sides of the 

figure at any convenient distance m apart; project any width of the figure parallel 

to bb as aa on bb, connect the projections 66 with O and note the intersections cc; 

Pca 
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determine other points cc and draw a smooth curve through them as shown } measure 

the area A’ within the curve cc; then A’m is the statical moment of the given figure 

with respect to OX; if A is the area of the given figure and y the distance of its center 

of gravity from OX, y = A’m/A. In a similar way the distance of the center of 

gravity from a line perpendicular to OX can be determined. 

Experimental Determination of center of gravity must be resorted to when 

the body is so irregular that the appropriate formulas given above cannot be 

applied. (1) Method of Suspension: The body is suspended from one point 

of it, and the direction of the suspending cord is then marked in some way on 

the body; the operation is repeated for another point of suspension. The 

: center of gravity is at the intersection of the 
two lines or directions so fixed in the body. 
(2) Method of Balancing: The body is bal- 
anced on a straight-edge, and the vertical 
plane containing the edge is marked on the 
body; the operation is repeated for two more 

balancing positions of the body. The center of gravity is at the common point 
of the three planes so fixed in the body. This method is readily applied to 
a body in the form of a thin plane plate; practically only two balancings are 
necessary. (3) Method of Weighing: The weight W of the body is deter- 
mined, and then it is supported on a knife-edge (Fig. 91) and on a point 
support which rests upon a platform scale; the reaction R of the point sup- 
port is weighed, the horizontal distance a of the point from the knife-edge is 
measured; then the distance from center of gravity to knife-edge x is Ra/W. 

23. Centers of Gravity of Some Lines and Areas 

Circular Arc (Fig. 92): the center of gravity is on the axis of symmetry; 
its distance from the center is x = rc/s = r sina/a, the last a being expressed 
in radians (1 degree = 0.0175 radian). For a semicircle 

% = 2r/m + 0.6366 r; for a quadrant x = 27 /2/x = 
0.9003 r, and the distance of the center of gravity from 
the radius drawn to either end of the arc is 2 7/7 =0.6366 r. 
For flat arcs, small, the distance from its center of gravity 

to the chord c is closely equal to 2/3 4; the error is less 
than 1/2% when a=30°, and less than 1.1% whena=45°. 

Triangle: The center of gravity is at the intersections 
of the medians; its distance (perpendicular) from any 
side equals one-third the altitude of the triangle measured 
from that side. When x1, x9, x3 are parallel distances from the vertexes to any 

plane, then the distance of the center of gravity is 1/3(x1 + x2 + x3). 

Trapezoid: Let a and z be the parallel bases and / the altitude. For the 
left-hand diagram in Fig. 92-1/2, where 

m is the overhang of the right side, the 
horizontal distance of the center of grav- 
ity from the left corner is x = 2/3b + 
1/3 m — 1/3 a(a — m)/(a + 6). For the 
right diagram the same formula applies 

: if m is taken as negative. For all cases 
Fic. 92-1 [2 the distance of the center of gravity above 

the base 6 is y = 1/34(6 + 2.)/(a +8). 
When a equals b, then x = 1/2(b +m) and y = 1/2 hk. Geometric determi- 
nations of center of gravity: (1) Extend AB (Fig. 93) so that BE = CD, and 

in the opposite direction extend CD so that DF = AB; the intersection of 

FE and the median GH is the center of gravity. (2) Divide the trapezoid (Fig. 

Fig. 91 
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93) into triangles by a diagonal as AC; find the centers of gravity G, andG» 
of the triangles (construction indicated in the figure); the intersection of GyG2 

with the median EF is the center of gravity 
sought. 

Quadrilateral: (a) Divide the quadrilateral 
A 

D 

Sees 
Bb 

Cc 
Fig. 93 Fig. 94 

into triangles by a diagonal AC (Fig. 94) and find their centers of gravity Gi 
and G2; divide it into triangles by the other diagonal and find their centers of 
gravity G3 and G,; the intersections of the lines GiG2 and G3G, is the center of 
gravity sought. (b) Divide the sides into thirds (Fig. 96) and draw lines 

through the third points as shown; these lines form a parallelogram whose 
diagonals intersect at the center of gravity of the quadrilateral. 

Circular Sector (Fig. 95a). The center of gravity is on the axis of sym- 
metry at a distance from the center equal to x = 2/3 rc/s = 2/3 r sina/a, the 

last a@ being expressed in radians (1 
A degree = 0.0175 radian). For a semi- 

« circle ¥ = 47/3m7 = 0.42447. Fora 

A quadrant % = 4 +/27r/3 r = 0.6002 r, 
Nee and distance of the center of gravity 

from each bounding radius is 47/3 7 = 
0.4244 r. 

ABs Circular Segment (Fig. 95). The 
Fig. 954 Fig. 956 center of gravity is on the axis of sym- 

metry at a distance from the center 

equal to x = ¢3/12 A = (2 r’ sin’ a)/3.4, in which A is the area of the seg- 
ment, or 1/2 77(2a@ — sin 2 a), the first a being expressed in radians (1 degree 
= 0.0175 radian). 

Fig. 97 

Sector of a Circular Ring (Fig. 97). The center of gravity is on the axis 
of symmetry at a distance from the center of the circle which is given by 
x = 2/3 (R® — 7°) sina/(R? — 7*)a, the last a being in radians. 

The Surface (Fig. 97) bounded by a circular quadrant and the tangents 
at its éxtremities. The center of gravity is on the axis of symmetry at a 
distance from each tangent equal to 0.223 r. 
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Parabolic Segment (Fig. 98): Gi and Gz are the centers of gravity of 

OXCO and OYCO respectively: x2 = 3/5 a, 91 = 3/86, 11 = 3/104, y2 = 3/4 b. 

Fig. 99 

Symmetric Flliptic Segment (Fig. 99). The center of gravity of YBBY 
coincides with that of the circular segment YdbY, and the center of gravity 
of XA AX coincides with that of the circular segment XaaX. 

24. Centers of Gravity of Certain Volumes 

Right Circular Cylinder (Fig. 100). The base XOA is normal to the axiS 
of the cylinder, and the top makes an angle a with the base; the radius of the 

base is 7 and the mean height is #; then 

x = (r? tane)/4h, y = 1/2h + (7? tan? a)/8'h. 

If the oblique top cuts the base in a. diameter, 
x = 3/16 mr, and y = 3/32 ma. 

Cone and Pyramid. The center of gravity 
of the surface (not including base) is on a line 
joining the apex with the center of gravity of the 
perimeter of the base at a distance two-thirds the 
length of that line from the apex. The center 
of gravity of the solid cone or pyramid is on the 
line joining the apex with center of gravity of the 
base three-fourths the length from the apex. 

Frustum of a Circular Cone. Let R = radius 
of larger base, 7 = radius of smaller, @ = altitude; then distance of center 
of gravity of the conical surface from larger base is 1/3 a (R+27)/(R +7), 
from smaller base 1/3 a(2 R+r)/(R+7), from a plane midway between bases 
1/6 a (R—r)/(R+r). The distance from the center of at 
gravity of the solid frustum to the larger base is 7s 
1/4a(R2 +2 Rr +37°)/(R+Rr+P). Zi tthe 

Frustum of a Pyramid. If the pyramid has regular 
bases, let R and 7 be the lengths of sides of the larger 
and smaller bases, and / the altitude; then the distance 
from the center of gravity of the surface (not including ‘B 

bases) from the larger base is 1/3 k(R+27r)/(R+7). Tf 7 
A and a are the areas of the large and small bases of the iE SIOE 
frustum of any pyramidandh the altitude, the distance from the center of gravity 

of the solid from the larger base is 1/44(A +2 / Aa +3a)/(A + / Aa +a). 

Obelisk and Wedge (Fig. 101). The distances from the center of gravity 
to the base A Bis 1/2h(AB + Ab +eaB+3b)/(2 AB + Ab+0B +42 ab) 

Fig. 100 
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If 6 = 0, the solid is a wedge, and the distance from the center of gravity to 
the base is 1/2 k(A + @)/(2 A +). 

Sphere Parts. The center of gravity of any zone (surface) (Fig. 102) of a 
sphere is midway between the bases. Segment (solid): height # (Fig. 103), 

crams 
Fig. 102 

y = 1/4h(4r — h)/(3r —hk); when h =r (hemisphere), y = 3/8r. Sector 
(Fig. 104): » = 3/8 (1 + cosa) r = 3/8 (27 — h). 

Ellipsoid. Let the three axes be taken as x, y, and z coordinate axes, and 
a, b, and c denote the semi-lengths of the corresponding axes of the ellipsoid; 
the center of gravity of one octant of the solid is given by x = 3/8 a, y = 3/8 b, 
andz = 3/8 ec. 

Paraboloid of Revolution formed by revolving a parabola about its axis. 
Let 4 = height of the paraboloid, the distance from its apex to the base; then 
the distance from the center of gravity of the solid to the base is 1/3 h. 

25. Principles of Moment of Inertia 

Definitions. The moment of inertia of a surface (figure or area) with 
Tespect to or about a line is the sum of the products obtained by multiplying 
the area of each element of the surface by the square of its distance from the 

line. Thus, if J denotes moment of inertia, A area, and 7 distance of any 
element dA from the line or axes with respect to which J is taken, then J = 

7? dA; the limits of integration are to be so chosen that the integration will 

include all products like r?dA for the surface. The moment of inertia, 
obviously, of any surface or figure is the sum of the moments of inertia of its 
parts. The moment of inertia of a plane figure with respect to a line in the 
plane is called rectangular and one with respect to a line perpendicular to 
the plane is called polar; these are the only moments of inertia of surfaces 
that are of practical importance. A unit moment of inertia is four “dimen- 

sions’’ in length, and is called quadric inch, foot, etc., according as the inch 
or foot is used as unit length; the corresponding abbreviations are in*, ft*, etc. 
The radius of gyration of a surface (figure or area) with respect to a line is 
the length whose square multiplied by the area of the surface equals the 
moment of inertia of the surface with respect to the same line. Thus if k 
denotes radius of gyration, A area, and J moment of inertia, k?A = J, or 

k=-/I/A. The square of the radius of gyration of a figure with respect 
to a line is the mean of the squares of the distances of all the elementary parts 
of the figure from the line. (See also Art. 27.) 

The Product of Inertia of a plane surface (figure or area) with respect to a pair of 
coordinate axes in the plane is the sum of the products obtained by multiplying the area 
of each element of the surface by its coordinates. Thus if J denotes product of inertia 
with respect to x and y axes, A area, and x and y the coordinates of any element-area 

dA, then J = | xy dA; the limits of integration are to be so chosen that the integra- 

tion will include all products like xy dA for the surface. A unit product of inertia, 

like a unit moment of inertia (see foregoing), is four dimensions in length. Unlike 
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moments of inertia, products of inertia may be zero or negative as well as positive. 

If a figure has an axis of symmetry, then its product of inertia with respect to that 

axis and one perpendicular thereto is zero. 

Graphic Determination of Moment of Inertia. When the outline of a 
surface is so irregular that the integration in the expression for J cannot be 

performed, then the following may be resorted to: Let aaaa (Fig. 105). be 

bi ci ab the outline and XX’ the axis with respect to 
which the moment of inertia is desired; at any 

convenient distance m from XX’ draw two 
parallels (but if XX’ does not cut the figure, 
then only one parallel, the one on the opposite 
side of the figure from XX’); draw any line as 
aa parallel to XX’ and project the points ae 
on the nearer parallel; join the projections 0b 
to any point O in XX’ and note the intersec- 
tions cc on aa; project cc on the same parallel; 
join the projections dd with O and note the 
intersections ce on aa. In a similar manner 
determine points like ee for other widths like 
aa, and connect all points e as shown. Then 

measure the area of the loops OPO and OQO; 
denoting this combined area by A”, J= A’’m?*. 
(There will be only one loop if only one parallel, 
bd, is used.) 

Transformation Formulas. (1) Let J = moment of intertia of a figure 

with respect to any line or axis, J = that with respect to a parallel axis 
passing through the center of gravity of the figure, d = distance between 

the axes, k and k =the radii of gyration with respect to the same axes 
respectively, and 4 = area of the figure; then 

Ir=I1+A@ and P=RP+Ae 

These show that with respect to all parallel axes the moment of inertia and 

the radius of gyration is least for the one passing through the center of gravity 
of the figure. (2) Let Iz, Ty, and Iz = the moments of inertia of a plane 
figure with respect to x, y, and s axes respectively, the axes being at right 
angle to each other and the « and y axes in the plane; and let kz, ky, and 
ks = the corresponding radii of gyration; then 

Ig +T]Iy =T1:z kz? + ky? = ka? 
(3) Let J = the product of inertia of a plane figure with respect to a pair of 

coordinate axes in the plane, and J = that with respect to a parallel pair 
whose origin is at the center of gravity: x, y the 
coordinates of the center of gravity referred to first 

pair, and A the area of the figure; then J= J+ Axy. 
(4) Let XOY and UOV (Fig.106) be two sets of rect- 
angular coordinate axes with a common origin and 
in a given plane figure; Iz, Iy, Iu, Jy = moments 
of inertia of the figure with respect to x, ¥, u, and 
v axes respectively, Jzy and Jy» = its products of 
inertia with respect to the sets of axes respectively; 
a@ = angle through which x axis must be rotated to 
bring it into ~ axis, regarded as positive or negative according as the turning 
is counter-clockwise or clockwise. Then Jy + Jy = Iz + Iy, and 

Ty =I, 00% a+ Ty sina —Jeysin2a 
Juy = 1/2 Tz — Iy) sin2a + Jzy cos2a. 

Fig. 106 
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Principal Axes of Inertia. In general, the moments of inertia of a plane 
figure with respect to different lines through any point of the plane are unlike: 
for one axis the moment is greater and for another less than for any other 
axis through the point. The principal axes for a plane figure at a particular 
point of the plane are the two axes for which the moments of inertia are 
greater and less than for any other axis through the point and in the plane; 
the corresponding moments of inertia are called the principal moments of 
inertia of the figure at the point. The principal axes are always at right 
angles to each other. 

With respect to the principal axes, tHe product of inertia is zero; from this 
principle the principal axes can readily be found in some cases. Thus, at a 
corner of a square the principal axes are the diagonal through that porner and 
a line perpendicular to it, for with respect to those lines the product of inertia 
of the square is zero (see under Product of Inertia). In any case, the principal 
axes of a figure at a point of it can be found from the following formula if 
the moments of inertia and the product of inertia of the figure with respect 
to two rectangular axes through the point and in the plane are known; thus’ 

let the two rectangular axes be OX and OY (Fig. 106), Iz, Iy the correspond- 
ing moments of inertia, Jz, the corresponding product of inertia, and 6 the 
(unknown) angle through which OX must be turned counter-clockwise to 
bring it into either principal axis, O1 or O2; then tan 20 =2Jzy/(Iy — Iz), 
which gives always two values of 6 differeing by 90° unless Jay and Jy — Iw are 
both zero. In thaticase the figure has no principal axis at the point, and the mo- 
ments of inertia with respect to the different lines throughthe point areall equal. 

The Principal Moments of Inertia 7; and 72 can be computed from 
I, = Iz cos? 6; + Ty sin? 6; — Jzy sin 2 61, 

and Iz = Iz cos® 62 + Ty sin? 62 — JSzy sin 2 2 
6; and 62 being the two values of @ given by the formula above for principal 
axes. Or, after J; is determined, Jz = Iz + J, — i. 

The Inertia-Circle and Ellipse. The inertia-circle is a device for determin- 

ing the moment of inertia of a plane figure with respect to any line of the plane 
and the principal axes and principal mo- 
ments of inertia at any point graphically. 
To construct the circle, it is necessary to 
know the moments of inertia and the 
product of inertia with respect to two 
rectangular axes through the point, in 
the plane figure. Thus if Z, and J; and 
IT, at O (Fig. 107) are desired, Iz, Ty, and 
Jzy being known: By any scale, lay off 

OX= TI, OV = Ty, and YA = Jgy, up- Fig. 107 

wards or downwards from XY according 

as Jzy is positive or negative; bisect XY and from the middle point C as 

center describe a circle passing through A; this is the inertia-circle for axes 

xOy. Draw a secant through A parallel to the uw axis, and from its intersec- 

tion B with the circle draw a perpendicular BU to XY; then OU.= Iy, by 

the scale used (and BU — Juv). Lines through O parallel to AP and AQ 

are principal axes at O; and OP and OQ represent the corresponding principal 

moments of inertia respectively by the scale used. 

The inertia-ellipse like the inertia-circle shows the relations between the moments of 

inertia of a plane figure for different axes through a point of the plane; for qualitative 

results the ellipse is preferable, generally, but for quantitative results, the circle. The 

inertia-ellipse for a plane surface at any particular point has its center at the point and 

is so drawn that the distance from any diameter to either parallel tangent equals the 
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radius of gyration of the figure with respect to that diameter. An inertia-ellipse of a 
figure at its center of gravity is the central inertia-ellipse. In general, the ellipse is 
determined most readily thus: determine the principal axes at the point in question 
and the corresponding principal radii of gyration; from the point lay off on each axis 
in each direction distances equal (by some scale) to the radius of gyration with respect 
to the other axis; construct the ellipse on those two lengths as axes (Art. 11). 

26. Moments of Inertia of Certain Plane Figures 
Rectangle. Let } = base and h = altitude; about a line through center 

parallel to b, J = 1/12 bh®; about a line through the center parallel to h, 
I = 1/12 hb?; about side b, I = 1/3 b#?; about side h, J = 1/3 hb®; about a 
diagonal I = 1/6 6*h3/(b? + 7); about a line through the center perpen- 
dicular to the diagonal J = 1/12 (bA® + hb). 

Square. Make } = hk in foregoing. The moment of inertia is 1/12 h4 for 
all axes in the plane of the square and passing through the center. 

Hollow Rectangle. Let B and 6 = outer and inner breadths, and D and 
d = outer and inner depths; about an axis parallel to B and } and PHANG 
through the center J = 1/12 (BD* — bd*). 

Triangle. Let 6 = base and # = altitude; about the base J 
about a line through the center of gravity parallel to the base I 
about a line through the vertex parallel to the base J = 1/4 bh°. 

Regular Polygon. Let A = area, R =radius of circumscribed circle, 
y = radius of inscribed circle, ands = length of aside; about any axis through 
the center and in the plane of the polygon J = 1/24 A (6 R® — s*) 
1/48A (12 r? + s?); about a line perpendicular to the plane of the polygon 
passing through the center J = double the preceding J. 

Trapezoid. Let B = long base, 6 = short base, 4 = altitude; about long 
base J = 1/12 (B +36) A; about short base J = 1/12 (3 B + b)h?; about 
a line through center of gravity and parallel to bases J = 1/36 (B® + 4 Bb + 

b°) h°/(B + 8). 
Circle. Let d = diameter and = radius; about a diameter J = 1/64 rd4= 

1/4 art, and k? = 1/16 d* = 1/477; about a line through the center and per- 
pendicular to the circle J = 1/32 rd4 = 1/2 mrt, and k? = 1/8 d? = 1/2 7. 

Semicircle. Let d = diameter and r = radius; about the bounding diam- 
eter or about the line of symmetry J = 1/128 rd4 = 1/8 ar4; about a line 

tA , through the center of 

" gravity parallel to the 
bounding diameter J = 

1/12 bhi; 
1/ 

>.< ok} ait O (9 rw? — 64) d4/1152 7 = 

H ms 0.00686 d* = 0.110 74. 

Hollow Circle. Let D 
Fig. 109 Fig. 110 and d = outer and inner 

diameters, and R and x 
=outer and imner radii; about a diameter J = 1/647 (D4 — d‘) = 
1/47 (R* — 74), and k* = 1/16 (D? + d?) = 1/4 (R? + 72); about a line 
through the center and normal to circle J = 1/32 7 (D* — d4) = 1/2r(R*— 74), 
and k? = 1/8 (D? + d) = 1/2 (R? +7”). 

Circular Segment (Fig. 108). Let A = area of the segment; 
Iz = 1/4 Ar [1 — 2/3 (sin? a cosa)/(a@ — sina cosa), 
Ty = 1/4 Ar’ [1 + (2 sin? a cosa)/(a@ — sina cosa). 

Circular Sector (Fig. 109). Let A = area of the sector; Iz = 1/4Ar? 
(1 — sina cosa/a), Iy = 1/4 Ar? (1+ sinacosa/a); with respect to a 
line through O perpendicular to the sector, J = 1/2 A7?. 
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Parabolic Segment (Fig. 110). Zx = 4/15 ab?, Iy = 4/7 ba’. 

Ellipse. Let 2 a@ and 25 = lengths of the axes of the ellipse; about the 
2a axis J = 1/4 ab’; about the 2 6 axis J = 1/4 rba®; about a line through 
the center and perpendicular to the ellipse J = 1/4 wad (a? + 0°). 

27. Moments of Inertia of Bodies 

Definitions. The moment of inertia of a body with respect to or about 
a line is the sum of the products obtained by multiplying the mass of each 
elementary part by the square of its distafice from the line. Thus J denoting 
moment of inertia, m mass, and # the distance of any element dm from the 

line of reference, J =f dm. The moment of inertia of a body is, obviously, 

the sum of the moments of inertia of its parts. A unit moment of inertia of 
a body is one dimension in mass and two in length. The center of gyration 
of a body with respect to a line is a point at such a distance from the line 
that if the entire mass of the body were concentrated there, the moment of 
inertia of the mass-point would be the same as that of the body; the distance 
of the center of gyration from the line is the radius of gyration with respect 

to the line. Thus & denoting radius of gyration, k?m = I, or k = VI/m. 
The product of inertia of a body with respect to two co- 
ordinate planes is the sum of the products obtained by 
multiplying the mass of each element of the body by the 

two coordinates of the element with reference to those 
planes. Thus with respect to YOZ and ZOX (Fig. 111), 
ZOX and XOY, and XOY and YOZ planes, the products 

of inertia are respectively f xy am, { y2 dm, and if za dm. 

A unit product of inertia is, like a unit moment of inertia, 

one dimension in mass and two in length. Unlike mo- 
ments, products of inertia may be zero or negative as well as positive. 

Transformation Formulas. (1) If ZJ denotes the moment of inertia of a 

body with respect to any line or axis, J that with respect to a parallel line 
through the center of gravity, d the distance between the axes, and m the 

mass of the body, then & . 

T=I+md; also P= +2 

k and & denoting radii of gyration corresponding to the axes named respec- 
tively. (2) Let Iz, Iy, and Iz denote the moments of inertia of a body with 

respect to rectangular axes x, y, and z respectively; Jzy, Jyz, and Jzz its 
products of inertia with respect to yz and zx planes, zx and xy planes, and xy 
and yz planes respectively; J the moment of inertia of the body with respect 
to a line through the origin of coordinates having direction-angles a, 8, and 7; 

then 

=I, cos?a + Iy cos? 8B + Iz cos*?y — 2 J yz cosB cosy — 2 Jzz cosy cosa 
—2Jzy cosa cos 6 

Principal Axes and Moments of Inertia. The values of moments of inertia 
of a body for all axes through a given point are in general unequal; for one 
axis the moment of inertia is greater and for another it is less than for any 
other axis through the point. These two axes are at right angles, and they 
together with one at right angles to their plane and passing through the point 
are principal axes of the body at the point; the corresponding moments of 

inertia are the principal moments of inertia of the body at the point. If the 

Fig. 111 
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point is the center of gravity of the body, then the axes and moments are 
called central principal axes and central principal moments of inertia. 

If Jey =Jyz = 0, the y axis is a principal axis at the origin, 
lf Jyz =Jzz = 0, the z axis is a principal axis at the origin, 

_ IfJzz = Jay = 0, the x axis is a principal axis at the origin. 

If a body has a plane of symmetry, then any perpendicular to the plane is a 
principal axis of the body at the point where the line pierces the plane. If a 
body has two planes of symmetry at right angles to each other, then their 
intersection is a principal axis at any point of the intersection, the other two 
being in the planes of symmetry. If a body has three planes of symmetry 
their lines of intersection are the central principal axes of the body. 

Special Cases. The bodies are supposed to be homogeneous; m = the mass 
of the body in each instance and 6 = its density, that is, its mass per unit of 
volume. In any system, like the C.G.S. or Engineers’ (see Art. 29), m = W/g 
and 6 = w/g, wherein W denotes the weight of the body, w its weight per vnit 
volume, and g the acceleration of a freely falling body. 

Straight Rod. Let/ = its length; about a line making an angle a with the 
axis of the rod and passing through its center of gravity J = 1/12 mi? sin? a; 
about a line through one end of the rod J = 1/3 m/* sin? a. 

Rod Bent into a Circular Arc (Fig. 112). Jz = 1/2 mr? [1 — sin a cos a)/al; 
Iy = 1/2 mr? (1 + (sin a@ cos @)/a]; about a line perpendicular to the plane 
of the arc and through the center of the circle, J = mr’. 

Fig. 112 Fig. 113 Fig. 114 

Right Prism. Let 4 = its altitude and A = area of base; about any line 
perpendicular to the bases, J = 64 X moment of inertia of a base about the 

same line; about a line through its center of gravity and perpendicular to 
the axis of the prism J = 1/12 6Ah® + 64 X the moment of inertia of the 
central cross-section about the line. 

Right Parallelopiped (Fig. 113). Iy = 1/12 m (a? + 8%) = 1/12 abcd (a? +6); 
the y axis passes through the center of gravity and is parallel to the edge c. 

Right Circular Cylinder (Fig. 114). Iy = 1/2 mr? = 1/2 mrthd; Ig = 1/12 m 
(3° + A?) = 1/12 wr?hd (37? + h?). The y axis is the axis of the cylinder, 
and the « axis is perpendicular to it and passes through the center of gravity. 

Hollow Right Circular Cylinder. Let R and 7 be the outer and inner radii, 
and axes taken as in Fig. 114. Jy = 1/2 m (R* +-7°) = 1/2 hd (R* — 74), 
Ig = 1/4m(R+rP 4+ 1/3) =1/40 (R? — 7) hd (R24 7 + 1/3 2). 

Right Rectangular Pyramid (Fig. 115). Zy = 1/20 m (a? + b?) = 1/60 abhé 
(a +.b?) and Iz = 1/20 m (3/4? + B7) = 1/60 abhé (3/4 k2 + b2); the y is 
the axis of the pyramid and « axis passes through the center of gravity and 
is parallel to side a. 

Right Circular Cone (Fig. 116). Jy = 3/10 mr? = 1/10 mrthd, Iz = 
3/20 m (7? + 1/4 h?) = 1/20 wr?hd (7? + 1/4), Tz = 3/20m (2 + 42%); the 
y is the axis of the cone, the x is parallel to the base and passes through the 
center of gravity, and the z is parallel to the base and passes through the apex. 
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Frustum of a Cone. Let R and x = radii of larger and smaller bases, A 
altitude; about the axis of the frustum J = 3/10 m (R® — r5)/(R? — 73) 
1/10 whé (R® — r*)/(R —1). 

Sphere. Let rv = its radius; about any diameter J = 2/5 mr? = 8/15 mr*6. 
_Hollow Sphere. Let R and y = the outer and inner radii; about any 

diameter I = 2/5 m (R® — r5)/(R® — 73) = 8/15 16 (R® — 7°). 
Ellipsoid. Let 2 a, 2, and 2c = the lengths of the axes; about the axis 

2c, I = 1/5 m (a? + b?) = 4/15 wabcé (a? + 82). 
Paraboloid generated by revolving a parabola about its axis. Let kh = its 

height and r = radius of base; about the axis of revolution J = 1/3 mr? = 
1/6 rhr*6. 

---3-- ==> 
AS patente sak 

Fig. 115 Fig. 116 Fig. 117 

Ring (Fig. 117). Iy = m(R? 4 3/4r*) =1/2 2? Rr (4 R? + 37’) 6, Tz = 
m (1/2. R? + 5/8 7°) = 2? Rr? (R? + 5/47) 6; both axes, x and y, pass through 
the center of gravity as shown. 

DYNAMICS 

28. Dynamical Quantities 

Weight and Mass. In common parlance the word weight is used in at 
least two senses: thus a body is said to be heavy, its weight is 500 lb., etc., 
the reference being to the earth-pull or gravity on the body; also a cask is 
said to contain much sugar, its weight is 500 lb., etc., the reference here 

being to quantity of material, matter or stuff of a certain kind (sugar). 
Doubtless the legal definitions of our standards of weight imply the second 
sense, since they were framed primarily to standardize weight measures of 
commodities made in trade. For the sake of clearness, many writers restrict 
the use of the word weight to one meaning, namely the first, that is, earth-pull; 
and to denote the second, quantity of substance, they employ the term mass. 
This usage is employed in the present chapter. 

Force has been previously defined (Art. 15). Every so-called practical 
unit of force is a force equal to the earth-pull on a standard of mass, and the 
name given to such unit force is the same as the name given to the standard 
or unit of mass. Thus, a force equal to the weight or gravity of a pound 
mass is a unit of force, and that unit is called a pound force; a force equal 
to the weight or gravity of a kilogram mass is a unit of force and is called a 
kilogram force, etc. These units are called gravitational units. 

Some writers seeking to make gravitational units of force absolute specify that the 
pound force, for example, is the weight or gravity of the pound mass at London or at sea 
level 45° latitude. However, the actual pound forces used in different places are the 
earth-pulls on pound masses at those places; hence gravitation units of force as used 
are not absolute; the magnitudes of the units for two places are as the values of g for 
those places. To make the unit force absolute and to simplify certain dynamical equa- 
tions, units of force have been proposed based on the following: In any system of 
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dynamical units the unit force is one which applied to the unit mass of that system 
produces the unit acceleration of that system. Thus in the C.G.S. system the unit of 
force is that force which applied to a gram mass gives it an acceleration of one cm. per 
sec. per sec.; this unit is called dyne. And, in the F.P.(mass)S. system (never widely 
used), the unit is the force which applied to the pound mass gives it an acceleration of 

1 ft. per sec. per sec.; it is called poundal. 

Work. When the point of application of a force moves, so that the force 
has a component along the displacement of its application point, the force 
is said to do work; also the body exerting the force is said to do work. If 

the force is constant in magnitude and in direction and the displacement is 
straight, then the magnitude of the work is the product of the component of 
the force along the displacement and the displacement; if this component is 
in the direction of the displacement the work is regarded as positive; if oppo- 
site, the work is negative. Thus in the displacements of the body C (Fig. 118) 
from A to B, the works of the several forces are respectively + Fis, — Fos, 
+ F3cos@-s, — F,4cos¢-s,and0. If the force varies in magnitude or direc- 
tion, or if the displacement of its application point is curved, the work must 

in general be computed by an integration; the general expression for work in 

Fig. 119 Fig. 120 

this case is fF cos @-ds, in which F denotes the force, ds elementary part 

of the displacement, and @ the angle between F and the direction of the ele- 
mentary displacement (Fig. 119); the limits of integration, must be assigned 
so as to include the entire displacement A to B. F cos @ is the component of 
F along the tangent to the curve of displacement; denoting this component 

by Ft, the work is also given by f Fyds. The work can also be regarded as 

the product of the force and the component of the displacement along the 
action line of the force; this component is called the distance through which 
the force acts, and so work is also said to equal force times distance through 

which it acts. The work done by a force can be represented by a work 
diagram, which is constructed by plotting a line showing how the component 
of the force along the displacement F¢ varies with the displacement (Fig. 120). 
The area included between the curve, the displacement axis, and two ordi- 

nates represents the work done by the force during the corresponding dis- 
placement sz — si. This diagram suggests also that the work done by a force 
equals the product of the average value of the tangential or working com- 
ponent and the displacement. 

The Unit of Work depends on the units used for force and distance; thus, there are 
the foot-pound, the foot-ton, the dyne-centimeter (for which there is a special name, 
erg), etc. The joule is a practical electrical unit of work and equals 10 000 000 ergs; 
also the kilogrammeter, equal to 100 000 ergs. Work is also expressed in horsepower- 
hours, watt-hours, etc.; the horsepower-hour is the amount of work done in one hour 
at the rate of one horsepower, and the watt-hour is the amount of work done in one 
hour at the rate of one watt. 

Power. By power of a force or agent doing work is meant the time-rate 

at which the work is done. Some units of power are: foot-pound per second; 
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dyne-centimeter (or erg) per second; horsepower (abbreviated hp.) = 550 
foot-pounds per second, or 33 000 foot-pounds per minute; watt = one joule 
(10 000 000 ergs) per second; kilowatt = 1000 watts; the metric or French 
horsepower = 75 kilogram-meters per second. 

1 ft-lb. per sec. = 0.13820 kg-m. persec. 1kg-m. per sec. = 7.233 ft-lb. per sec. 
1 Engl. hp. = 746 watts 1 kilowatt = 1.34 Engl. hp. 
1 Engl. hp. = 1.0136 Fr. hp. 1 Fr. hp. = 0.98 3 Engl. hp. 

Energy. When the condition or state of a body, or system, is such that it 
can do work, it is said to possess energy; and by its amount or store of energy 
is meant the amount of work which the body can do in passing to some 
standard state. Thus, a body in motion has energy, and the amount of its 
energy is the amount of work it can do in coming to rest; also a stretched 
spring has energy, and the amount of its energy is the amount of work which 
it can do in assuming its natural unstretched state. Energy is expressed in 
the same units as work, foot-pound, foot-ton, dyne-centimeter (erg), etc. 
Energy which a system has in virtue of its velocity is called kinetic energy. 
The kinetic energy of a particle of mass m moving with velocity » is 1/2 mv?, 
and the kinetic energy of any body is the sum of the kinetic energies of its 
particles. In translation: kinetic energy = 1/2 Mv? = 1/2 (W/g)v?, M denot- 
ing mass of the body, W its weight, vits velocity, and g acceleration of gravity; 
the last form gives energy in foot-pounds if W is expressed in pounds, »v in 
feet per second, and gis taken as 32.2. Inrotation: kinetic energy = 1/2 Iw? 
“= 1/2 Mk?w? = 1/2 (W/z) k?w? = (W/g) k? 2 2°n”, I being the moment of 
inertia of the body with respect to the axis of rotation, k the corresponding 
radius of gyration, w its angular velocity expressed in radians per unit time, 
W its weight, g the acceleration of gravity, and m the number of revolutions 
per unit time; the last form gives energy in foot-pounds if W is expressed in 
pounds, & in feet, m in revolutions per second, and g is taken as 32.2. Poten- 
tial energy is that energy which a system has in virtue of its configuration. 
The earth and a body elevated above the earth’s surface constitute a system 
having potential energy. Because the energy can be withdrawn only from 
the elevated body it is said to possess the energy. The amount of potential 
energy possessed by an elevated body (rigid or not) = Wh, W denoting the 
weight of the body and h the vertical distance through which its center of 
gravity can descend. 

Kinetic energy and potential energy are also called mechanical energy. There are 
other forms of energy which may not be mechanical, as thermal, chemical, and electrical. 
But the thermal energy of a body is generally regarded as due to the motions of the ulti- 
mate particle constituents of the body, thus being kinetic; much of chemical energy is 
regarded as due to the relative positions of ultimate particles, thus potential; the nature 
of electric energy is even less understood than that of chemical and thermal energy. 

The Impulse of a force which remains constant in magnitude and direc- 
tion for any time is the product of the magnitude of the force and the time. 
The unit of impulse depends on the units used to express the force and the 
time; thus there are the pound-second, dyne-second, etc. If the force F 
varies in magnitude but is constant in direction, then its impulse for the 

interval of time fe — ¢ is : °F dt. If the force varies in magnitude and in 
1 

direction, its impulse can be computed from the impulses of its x, y, and z 
components; thus if Fz, Fy, and Fz denote these components of F, then the 

fr at, [Py dt, and { Fe dt, and the impulse of F 

equals the square root of the sum of the squares of the components. The 
angular impulse of a force about any line for an element of time is the product 

component impulses are 



114 Dynamics Sect. 2 

of the moment of the force about the line and the element of time, that is, 
M dt, if M denotes the moment of the force; and the angular impulse for any 

F Ritel pee 
interval of time tg — 4 is M dt. 

1 

The Momentum of a particle is the product of its mass and velocity. The 
unit of momentum depends on the units of mass and velocity used; the 

dimensions of unit momentum are the same as those of unit impulse (see 
preceding). —The momentum of a body is the resultant of the momentums of 
its particles. This resultant is not the scalar but the vector-sum of the 
momentums, that is, the resultant is to be computed as the resultant of a 
number of forces is, the separate momentums being regarded as having the 

directions of the velocities of the several particles and acting at the particles. 
In a translation the momentum is Mv = (W/g)v, M denoting the mass of the 
body, W its weight, v its velocity, and g the acceleration of gravity; the 

second form gives momentum in pound-seconds 
if W is expressed in pounds, vin feet per second, 
and g is taken as 32.2. 

The angular momentum of a particle about a line is 
the moment about that line of its momentum; thus, if 
the particle at P (Fig. 121) has a mass m anda veloc- 
ity v7, its momentum is mv acting in the line v and 
its angular momentum about OX is (mv sina) a. The 

angular momentum of a body about a line is the 
algebraic sum of the angular momentums of its 
constituent particles. A rotating body has angular 

momenturn about the axis of rotation equal to w= Mk2w = (W/g)k2w = (W/g)k? 2xn, 
I denoting the moment of inertia of the body with respect to the axis, & its correspond- 
ing radius of gyration, W its weight, w its angular velocity in radians per unit time 
and in revolutions per unit time, and g the acceleration of gravity. 

Dimensions of Units. All mechanical and nearly all physical units can be defined 
in terms of one or more of three units arbitrarily defined, that is, without reference to 
other units. These three are fundamental units and the others derived units. In 
theorectical mechanics and physics the fundamental units chosen are those of length, 
mass, and time; in applied mechanics, units of length, force, and time are generally 
more convenient. A statement of the way in which a derived unit depends on the 
fundamental ones is a statement of the dimensions of the derived. Thus a unit of 
velocity depends on the units of length and time used, but is independent of the third 
fundamental unit; and the magnitude of a unit of velocity varies directly as the unit 
of length and inversely as the unit of time used. Denoting the first set of fundamental 
units by L, M, and T respectively, and the unit of velocity by V, the dimensional 
statement is written thus, V = L14f97T—1, and is called the dimensional formula for V. 

The dimensional formulas may be used to test the accuracy of equations between 
mechanical quantities. Such an equation, if rationally and correctly deduced, is homo- 
geneous; that is, its terms are of the same kind. To ascertain whether terms are the 
same in kind, substitute for each quantity the dimensional formula for its unit, then 
treating the symbols L, M or F, and T as quantities, reduce each term; if the reduced 
terms are alike, then the equation is correct dimensionally. Thus in the equation 
24 Ely = W (4)8¢ — x4)/l, E denotes modulus of elasticity, J moment of inertia of 
an area, W a load, /, x, and y lengths, and the dimensional form is (dropping abstract 
members) L~2F1L4L1 = F (L3L! — [4)/L1, which reduces to L3F = L3F — L3F, and 
so the original equation is correct dimensionally. 

29. Dynamical Principles 

Laws of Motion. (1) The normal state of the center of mass of a body 
is one of rest or uniform rectilinear motion; a departure from this state is 
due to force applied to the body. (2) When a single force acts upon a body, 
the center of mass sustains an acceleration in the direction of the force and 
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proportional to the force directly and to the mass of the body inversely; if 
several forces act on the body, the acceleration is given by the vector sum of 
the accelerations which would be produced by the forces acting singly. (By 
vector sum is meant the result reached by adding according to the paral- 
lelogram law.) (3) When one body exerts a force upon another the second 
also exerts one upon the other first, and the two forces are equal, colinear, and 
“opposite. If F = force, m = mass, and a = acceleration, then the second 
law can be written a « F/m or a = kF/m, k being a constant whose value 
depends on units used in F, m, anda. It is possible to make k = 1 by proper 
choice of units. Such choice was made in the so-called absolute systems of 
dynamical units; first units of length, mass, and time were selected and then 
as unit of F such a force which produces unit acceleration in unit-mass. For 
examnle, in the C.G.S. system these units are respectively the centimeter, 
gram, second, and dyne, the latter about 1/981 gram weight. The constant 

k& may also be made unity in so-called gravitational systems; units of length, 
force, and time are first taken (that of force as the weight of something), and 
then the unit of m as that mass which sustains unit acceleration when acted 
on by unit force. For example, in the engineers’ system, these units are 
respectively foot, pound force, second, and the unit of m a mass equal to 
about 32.2 pounds. In any system in which F = ma, then also m = W/g, 
m and W being the mass and weight of the body and g the acceleration of 
gravity, all three quantities being expressed in units of that system. 

Laws of Impulse and Momentum. When external forces act upon a body 
or collection of bodies they produce in general a change in the momentum of 
the body or collection. In any interval, the change in the component of the 
linear momentum along any line equals the algebraic sum of the components 
of the impulses of the forces along that line for the same time; and the change 
in any interval in the angular momentum about any line equals the algebraic 
sum of the angular impulses of the forces about that line for the same time. 
When no external forces are acting, the component linear momentum along 
any line and the angular momentum about any line remain constant; these 
are the principles of conservation of linear and angular momentum. 

Principles of Work and Energy. In general, the kinetic energy of a body 
changes value during a change of its position or form, and the external and 
the internal forces acting on the body do work. The increment in the kinetic 
energy equals the sum total of work done by all the external and internal 
forces. In applying this principle, signs must be given to the works of the 
various forces as explained on p. MM; then if the total work is positive, the 
increment is positive and there is a real gain in kinetic energy, and if negative 
then there is aloss. If the body is a rigid one, the internal forces do no work 
in any displacement of the body, and the increment in kinetic energy equals 
the total work done by the external forces acting on the body. If a body or 

system of bodies is isolated so that it neither receives nor gives out energy, 

then its total store of energy, all forms included, remains constant; there may 

be a transfer of energy from one part of the system to another, but the total 

gain or loss in one part is exactly equivalent to the loss or gain in the remainder. 

This is the principle of conservation of energy. 

30. Rectilinear Motion 

Motion of a Point. The velocity of a moving point at any instant is the 

time-rate at which it is describing distance then; the symbol isv. In uniform 

motion (equal distances described in all equal intervals of time) the rate is 

constant and 7 = As/At, As denoting the distance described in the interval At. 
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In non-uniform motion the rate varies, and As/Af is the average velocity for 
the interval At; the actual velocity at any instant is the value of ds/dt for 
that instant. The acceleration of a point at any instant is the rate at which 
its velocity is changing then; the symbol is a. If v changes uniformly the 
rate is constant, and a = Av/At, Av denoting the velocity-change occurring in 
the interval Af.. If v does not change uniformly Av/Af is the average accelera- 
tion for the interval At; the actual acceleration at any instant is the value of 
dv/dt for that instant. The general differential equations of rectilinear motion 
are v = ds/dt, a = dv{dt = d*s/dé#, vdv = ads; their integral forms are 

to te 52 
aaa fi v dt moa =f a dt of ot =f a ds 

rat th S1 

in which sj, 21, and 4 are corresponding or simultaneous values of s, v, and t, 
likewise se, v2, and Zp. 

Space-time,. velocity-time, acceleration-time, velocity-space, acceleration-space 
curves respectively are graphs showing the relations between s and /, » and #, a and #, 
v ands, a ands (Figs. 122-126; they do not correspond to the same motion). (1) In 
the s-t diagram, the slope of the curve at any point represents the corresponding 

§ 
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Fig. 122 Fig. 123 Fig. 124 s. 

velocity. If ABand BC are measured by the s and ¢ scales of the drawing respectively, 
then the slope equals the velocity; thus if AB = 0.2 in. and BC = 0.4 in, » = 
0.4 +4 =0.1 ft. per sec. (2) In the v-¢ diagram, the slopes represent the accelera- 
tions; if 4B and BC are measured by the » and # scales respectively, then the slope 
equals the acceleration; thus if AB =0.3 in. and BC =0.5 in, @=12+5= 

0.24 ft. per sec. per sec. The area included 
& 8 between any two ordinates (as A Eand DF), 
3) als B the curve, and the ¢ axis represents the dis- 
As 4 =8 placement of the moving point in the time 
nt he a 8 A EF. If the area is computed by multiply- 
g Ip 3 ing its average ordinate measured by the 
a C 4 D velocity scale (thus giving the average ve- 

1 in, =10 ft. 1 in.=10 ft. locity) by EF measured by the time scale, 
Fig. 125 Fig. 126 then the product equals the displacement; 

thus if the average ordinate is 0.35 in., and” 
EF is 4 sec., the displacement = 1.4 X 4 = 5.6 ft. (3) In the a-¢ diagram the slope 
represents the rate at which the acceleration is changing. The area included between 
any two ordinates (as AE and DF), the curve, and the ¢ axis represents the velocity 
change in the time EF. Thus if the average ordinate is 0.3 in. and EF is 2 sec., then 
the velocity change = (0.3 X 20) K 2 = 12 ft. per sec. (4) In the v-s diagram, the 
subnormals represent the accelerations. If the length of the subnormal is multiplied 
by the square of the velocity scale number and the product divided by the space scale 
number, the result will equal the acceleration; thus suppose that the subnormal BC = 
1/3 in., then a = (1/3 X 25) + 10 = 0.83 ft. per sec per sec. (5) In the a—s diagram, 
the area included between two ordinates (as AC and BD), the curve, and the s axis 
represents the change in the velocity square. If the area is computed by multiplying 
the mean ordinate measured by the acceleration scale by CD measured by the space 
scale, the product equals the change in the velocity square; thus if the average ordi- 
nate = 0.3 in., and CD = 0.4, then the change = 2.4 X 4 = 9.6. 

Uniformly Accelerated Motion, constant acceleration. Let v; and v» denote 
the velocities at times ¢; and tg, s, and s2 the corresponding values of space, and 
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a = acceleration. Then the velocity change is v2 — 11 = a (tg — 4); the space 
traversed is sp — s; = 1/2 (v, + 02) (f2 — 4) = 01 (fe — th) + 1/2 @ (te — ty)?; 
also v2? — v1? = 2 a (sy — 5). 

b Falling Body. The acceleration due to gravity (denoted by g) is approx- 
imately 32.2 ft. per sec. per sec. It changes slightly with elevation above sea 
level and with latitude; denoting elevation in feet by e and latitude by ¢, 
then in feet per second per second 

g = 32.0894 (1 + 0.0052375 sin ¢) (1 — 0.0000000957 e) 

At the equator sea level g = 32.0894 and at the poles 32.254; the extreme 
values for the United states are roughly 32.19 (in latitude 49° sea level) and 
32.09 (in latitude 25° and 10 000 ft. above sea). 

A body dropped without initial velocity falls in a vacuum according to the 
laws 

; v= gt BA) of v? =2 gh 

wherein » = velocity and h# the descent at the time ¢. A body projected 
downward in a vacuum with initial velocity 7; moves according to 

v=, + gt, h = vt + 1/2 gl, v = v2 + 2 gh. 

These three formulas apply to upward projection if the sign + is changed to —; 
h then denotes ascent in the}time #, after projection. The total ascent (to 
highest position) and the corresponding time are respectively »2/2 g and 2j/g. 

Simple Harmonic Motion. If a point moves in a circle with constant speed, 
then the motion of the projection of the point on any diameter of the circle 
is simply harmonic; other motions resembling this y 
are also called simply harmonic. Simple harmonic 
motion may also be defined as any rectilinear motion Q) Heid tes P 
in which the acceleration is always directed toward 
a fixed point in the path and is proportional to the B 
distance between that and the moving point. Tak- Lote, | 
ing the first definition, let P (Fig. 127) be the point x! 
moving in the circle and regard the motion of its 
projection on the vertical diameter. The period is 
the time of one revolution of P, or one complete 
oscillation of Q; the frequency is the number of re- 
volutions of P, or oscillations of Q, per unit time; the Fig. 127 
amplitude is half the length of the path of Q or the 
radius of the circle; the displacement at any time is the ordinate of Q from the 
center of the path; the phase is the angle at any time from OX to OP (thus 
when Q is at the top of its path the phase is 90°, when at the center going 
down, 180°, when at the lowest point, 270° or — 90°). If, in the description 
of a simple harmonic motion, time is reckoned from the instant when the phase 
angle is not zero, then that motion is said to have a lead or a lag according as 
the initial phase (angle) is between 0 and 180° or 0 and — 180°, and the value 
of the angle is called lead or lag as the case may be. Let e = lead or lag, ¢ 
= time elapsed after starting (motion from Py to P), w = angular velocity 
of OP, T = period, » = frequency, r = amplitude, y = displacement, » = 
velocity of Q and a = itsacceleration. The following are the general relations 
between the quantities involved: 

nw = A/T @-= 20" = 2 7/T y =rsin (wt + €) 

o=urcos(wt te =wVPr—¥ a = — wrsin (wt + 6) = — wy 

If the time is reckoned from the instant when Q is in its mid-position, e=0. The 
three curves (Fig. 130) OA, O’B, OC are the space-time, velocity-time, and accelera- 
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tion-time curves for one complete period of.a simple harmonic motion; e=0; Of 

represents the period; the values of y, », and a marked are for position Q shown. In 

Fig. 128 Fig. 129 Fig. 130 

Fig. 128 the curve is the velocity-space curve, and the inclined line the acceleration- 
space curve. They show how 2 and a vary with the displacement of the moving 
point; thus for the moving point Q 2 and a have values as marked. 

Translation is a motion of a body such that the lines joining all pairs of 
points of the body remain fixed in direction. In any interval of time all points 
describe equal paths; at any instant all points have identical velocities and 
identical accelerations. Translations in which each point of the body 
describes straight lines are the common ones, and translation is defined 
sometimes as any rectilinear motion of a body. The resultant of all forces 
acting on the body passes through the center of gravity of the body; that force 
and the acceleration have at each instant the same direction, and R = ma = 
(W/g) a, wherein R = resultant force, a = acceleration, m and W = mass and 
weight of the body respectively, and g = the acceleration of gravity. Also if 
az = the x component of the acceleration at any instant and 2Fz = the alge- 
braic sum of the x components of all the external forces, then Fz = maz; 

and similarly for y and z axes, the three axes being fixed and rectangular. 

For example, consider the motion of a parallel rod of a locomotive, weighing 275 Ib., 
running at constant velocity of 60 mi. per hr. on a level track, the driver diameter 
being 5.5 ft. and the crank length 1 ft. The forces acting on the rod are its weight 
and the pressures of the crank pins at its ends; the latter each are represented (Fig. 
131) by their horizontal and vertical components. Since the resultant of all these 
forces acts through the center of gravity, Vy = Vo; also 2 Vy — 275 = (W/g) ay = 
8.55 ay and H; — Hz = (W/g) az = 8.55 az. To determine az and ay: The velocity 

of the center of either crank pin rela- 
tive to the locomotive is (88 X 1)/2.75 

= 32 ft. per sec. (60 mi. per hr. = 88 
ft. per sec.), and the relative motion of 
the pin being circular at constant ve- 
locity, the relative acceleration istoward 

Udaaisununiiidiiijli ~—‘the center of the crank-pin circle at all 
Fig. 131 times and equals 322/1 = 1024 ft. per 

sec. per sec. This is also the absolute 
acceleration of the crank pin, since the locomotive is assumed to have no acceleration. 
But the rod has the same acceleration as the crank pin; hence az = 1024 sin@ and 
ay = 1024cos 6. In the lowest position of the rod 6 = 0, az = 0, ay = 1024, H, = 
He, V = 1/2 (8755 + 275) = 4515. Ina mid-position when 6 = 90°, az = 1024, ay 
=0, MH, — He = 8755, and V = 1/2 275 = 137.5. In the highest position, 6 = 180°, 
az = 0, ay =— 1024, Hy = Ho, and V = 1/2 (275 — 8755) = — 4240, the negative 
sign meaning that V acts downward on the rod. 

If the translation is rectilinear and R is constant in value, then 

Rt = mvg — my and —- Rs = 1/2 mvg2 — 1/2 mo;2 

Ye, 
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wherein 2, and 02 are the values of » at ends of any interval of time #, and s the distance 
described in that time. These formulas are the principles of impulse and momentum, 
and of work and energy for this special motion. If the translation is not rectilinear: 

. . . . te 

According to the principle of impulse and momentum, 2 fj = Fed = mov" x — mv'x 
. . . . . 1 

and similar equations for y and z directions; the left-hand member is the algebraic 
sum of the x components-of the impulses of the forces acting on the body for the time 
tz — 4, and v’x and o’’x are the x components of the velocity at the times f and fy. Ac- 

= ent 52 
cording to the principle of work and energy, 2f, Fids = 1/2 mvo2 — 1/2 m2; the 

1 
left-hand member is the algebraic sum of the works done by all the forces acting on 
the body while its velocity changes from 2 to v2, and the displacement is sp — Sy. 

31. Curvilinear Motion 
Curvilinear Motion of a Point. If the motion is uniform (equal distances 

traversed in all equal intervals of time), 1 = As/At, and if non-uniform, » = 
ds/dt, just as in rectilinear motion; the velocity of the moving point is directed 
along the tangent to the path at the point: But acceleration formulas for 

rectilinear motion do not hold for this case; here it is important to note that 
the velocity varies in direction continually, and that acceleration is the rate 
at which the velocity-changes (including magnitude and direction) occur. 
These complete velocity-changes for a given motion are exhibited by the 

Hodograph for the motion. A hodograph is constructed by drawing from 

any point O’ (Fig. 132) vectors which represent the velocities of the moving 
point at a number of its successive positions 
and then joining the free ends of the vectors % 
by a smooth curve. The velocity-change 
occurring in any motion as from A to B is 
represented by the vector A’ B’. If At is the 
time in which this occurred, then the mag- 
nitude of the average acceleration for that 
time is (chord A’ B’)/At, A’ B’ being measured 
by the scale of the hodograph diagram, and 
the direction of that average acceleration is 
that of the vector A’B’. The actual accel- 
eration at A, say, is the limit of this aver- , 
age as B is taken closer and closer to A; Fig. 132 
that is, a at A is the value of ds’/dt at A’ (s’ denoting distance on the hodo- 

graph), and the direction of ais that of the tangent at A’. It will be noticed 
that the acceleration of the moving point is represented by the velocity of its 
corresponding point in the hodograph (A’ is A’s corresponding point). 

Velocities and accelerations may be resolved; let a, 6, and vy’ denote the direction 
angles of » (with respect to x, y, and z axes), vz, vy, and vz the components of » parallel 
to these axes (axial components), x, y, and z the coordinates of the moving point. Then 
vz =vcosa = dx/dt, vy =v cos B = dy/dt, 2 =vcos y = dz/dt. Let az, ay, and az 
denote the axial components of a, and , yw, and ” the direction angles of a; then 
@z =acoshd = doz/dt = @x/d?, ay =acosp = dvy/dt = d*y/d?, az =acosy = 
dvz/dt = d2z/df@. Let at and an denote the components of a along the tangent and 
normal to the path, ¢ the angle between the tangent and a, @ that between normal . 
and a, and the radius of curvature at the moving point; then af = acos = dv/dt = 
d2s/df2, an = acos@ = 2/r. The tangential acceleration corresponds to change in 
value of velocity, and the normal acceleration to change in direction of velocity. When 
@ point moves in a circle with constant speed v, then a = 0 and a = an = 22/7, anda 
is directed along the radius. toward the center of the circle. 

Motion of a Projectile. In the following formulas air resistance is neg- 
lected; 1 = velocity of projection, 6 = angle of projection (Fig. 133), « and 

Hodograph 
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y = coordinates of the projectile at any time ¢ after projection, » = velocity, 

vz and vy = x and y components respectively of v, ry = range on the horizontal 

plane through O, and # = greatest height 

attained. The path of the projectile, or the 
trajectory, is a parabola as represented, and 
its equation is y = x tan @ — gx*/2 u? cos* 8. 
Also . 

Vz =% COSA vy=% SiINO—gt v=V/ H*—2 gy 

x=t cos 6-t y= sin 0-#—1/2 gi? 

Fig. 133 h=sin? 6-09?/2 g r=sin 2 6-2?/g 

If the direction of projection is horizontal, § = 0; the equation of the path is 
y = — gx?/2 wm”, and x = mt and y = — 1/2 gf’. 

Relative Motion. Description of motion requires the use of coordinate 

axes or other equivalent means of reference for the specification of positions 
of the moving point. Motion relative to a body is described by means of 
coordinate axes fixed in or on the body. Thus, suppose that in a given time 
a body A (Fig. 134) moves from A’ to A”, and a point B from B’ to B”’: 
In the first position the coordinates of Bare 0.3 and 0.2 in., and in the second 
0.5 and0.4. Then the x andy components of the relative displacement of 

B with respect to A are 0.5 — 0.3 = 0.2 and 0.4 — 0.2 = 0.2, and the total 

relative displacement is 1/ 0.2? + 0.2 = 0.28 in. Motion relative to a point 
is described by means of coordinate axes having the point as origin and their 
directions remaining constant (relative to the body to which the motion of the 
point itself is referred). Thus suppose that in a certain time a point A moves 
from A’ to A” and another B from B’ to B” (Fig. 135); the x and y com- 
ponent displacements of B relative to A are 0.2 and 0.1 in. respectively and 

the displacement of B relative to A is*/ 0.2? + 0.12. The displacements, ve- 
locities, and accelerations of two points relative to each other at anyinstant are 

equal and opposite. The velocities of three points A, B, and C 
Y relative to each other are related as shown in Fig. 136; Vay means 

velocity of A relative to B and Vpq means velocity of B relative 

to A. Among three points there are six relative velocities, and 

Fig. 134 Fig. 135 Fig. 136 

when any two (except the velocities of two points with respect to each other) 
- are known, the others can be computed by compounding as may be seen from 
the figure. Among three points there are six relative accelerations; their 
relations are similar to those of the velocities, and the figure shows the rela- 
tions, V being now taken to mean acceleration. 

Force and Acceleration. The forces acting on a body and the motion of 

its center of gravity are simply related; the algebraic sum of the components 
of all the external forces acting on the body along any line equals the product of 
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_ the mass of the body and the component of acceleration of its center of 
gravity along that line. In general, the principle leads to 

ZFz = maz, ZF, oe may, ZPFz = maz 

_ wherein m = mass = weight + g; the left-hand members are the sums of the 

components of the forces along three rectangular axes, and dz, dy, and Gz are 
the corresponding components of the acceleration of the center of gravity. 
Or, if the directions of resolution are taken along the tangent to the path 
described by the center of gravity, the principal normal and a line perpen- 
dicular to the principal normal and tangept (the apn then 

LDF; = my ZFn = maz LF; = 

The resultant of the normal components, 2Fy, is called ha centripetal force 
on the body; it is always directed inward toward the center of the curved 
“path just as 2, is. The reaction corresponding to DFy, exerted by the body 

_ on those that exert the centripetal force, is called centrifugal force. 

For example, consider 2 car rounding 2 curve of radius r at a constant speed 0. 
Imagine the rail pressure on each wheel resolved into three components, one parallel 
to the rails, one parallel to the ties, and one perpendic- 

_ ular to the track; call the resultants of these sets of 
components respectively R;, Re, and Rz (Fig. 137). 
Also let P,; and Pz denote the pulls at the front and 
tear ends of the car. The components of the rail pres- 
sures parallel to the rails, P;, and P2, are practically 
parallel to the tangent to the path of the center of 
gravity of the car at that point. The velocity of the 

Normal to Path 

_car is constant, so 4% = 0; also am = /r. Hence 

2Ft = Py — P2- Ri: = Wiha =0 \\ 
ZFn = Recosé + Rzsiné = (W/z) an = (W/z) 2/r s— 

ZF5p = Rzcosé — Rosin’ —W = 0. mE 

The first equation shows that Py — Pz = Rj, and et 
the second and third solved simultaneously give Re = 
(W/z) (/r) cos 6 — W sin Gand Rz = (W/g) (v?/r) sin Fig. 137 
‘$+W cosé. To make Re = 0, (W/z) (07/r) cos 5 = 
W sin or tané = 27/gr. This value of tilt of track will not necessarily make each 

component rail pressure parallel to ties zero, but the resultant of all such components 
will be zero. 

32. Rotation 

’ Rotation of a Body is motion such that one straight line in the body or in its 
extension remains fixed. This line is the axis of the rotation, and all points of 
the body not on the line describe circles whose centers are on the line. All 
lines of the body perpendicular to the axis describe equal angles in equal 
times; angle described by the body means the angle described by any of the 
lines just mentioned. The angular velocity of the body at any instant is 

. the rate at which it is describing angle then; the symbol is w. In uniform 

fotation (equal angles described in all equal intervals of time) the rate is 
- constant and w = Ag/At, A@ denoting the angle described in the interval Af. 
In non-uniform rotation, the rate varies and A@/At is the average angular 
velocity for the interval; the actual value of w at any instant is the value of 
d9/dt for that instant. The angular acceleration of a rotating body is the rate 

- at which its angular velocity is changing; the symbolisa. If the w changes 
| uniformly the rate is constant and a = Aw/At, Aw denoting the velocity- 
' change in the interval Af. If w does not change uniformly, then the rate 
varies, and Aw/At is the average angular acceleration for the interval At; the 

. actual value of @ at any instant is the value of dw/dt at that instant. The 
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general differential equations of rotation are w = d6/dt, a = dw/dt = d6/di?, 

wdw = ad; their integrated forms are 
t 2 

@— = ("wal wr — a =f)" edt at — wt = 2h, ad@ 
ty 4 1 

in which 6;, w1, and ¢; are corresponding or simultaneous values of 0, w, and 

t, likewise 02, we, and fa. If the agnular velocity is constant, the angular dis- 

placement in the interval t2 — 4 is 62 —01 = (t2 —h); if the angular 

acceleration is constant the velocity-change w2 — w: = @ (t2 — t), the change 

in the velocity square, w2” — w;” = 2. a (02 — (1), and 62 — 4; = 1/2 (w1 + we) 
(tg — t;). The relations between 6, w, and ¢ can be represented by curves 

exactly analogous to the curves described on page 118. The corresponding 
variables are 6 and s, w and v7, and @ and a. 

Let the irregular line in Fig. 138 represent a body rotating 
about a line through O perpendicular to the paper, OP a line of 
the body, and OX and OY fixed axes of reference; also @ = 
angle XOP, r = OP, 27 and a velocity and acceleration respec- 
tively of P, at and an the components of a perpendicular and 
parallel to OP, and w and a the angular velocity and accelera- 
tion of the body. If the radian is used in @, w, anda, then 

v=Te, a =ra, dn=703, a=r (a? + w)1/2 

Fig. 138 any units of time and length may be used. Ifin = the angular 
velocity in revolutions per unit time, w = 2m, and this value 

may be substituted for w in the foregoing. If the rotation is uniform a = 0, and a 
= rw = 02/7 = 47 72n?. 

Relation between Forces and Motion. The angular acceleration of a 
rotating body depends only on the moments of all the external forces acting 
on the body about the axis of rotation and on the moment of inertia of the 
body about the same axis. If 2M = the algebraic sum of moments of the 
forces, J the moment of inertia, m the mass of the body, W its weight, and k 
its radius of gyration with respect to the axis of rotation, then 

=M = Ia = mk? a = (W/g) a 

Let a: and we = the angular velocities of a rotating body at time 4; and a 
later time ¢2; then according to the principle of angular impulse and momentum 

t 
=f : M dt = Iw2 — Iw. The left-hand member is the algebraic sum of the 

1 
angular impulses, about the axis of rotation, of all the external forces for the 
time #2 — 4. If the moments of all the forces are constant during the time, 

the left-hand member becomes DM (t2 — hh). According to the principle of 

work and energy in Fyds = 1/2 Iwy?—1/2 Iw)”. The left-hand member 

is the algebraic sum of the works done on the body by all the external forces 
for the interval fy — 4. 

Centrifugal Force. Suppose that P is a particle of a body rotating with 
angular velocity w, and let dm = mass of P; r = radius of the circle described 
by P. The resultant of all the forces acting on P may be resolved into two 

components, one along the radius 7 and one along the tangent to the path of 
P; the radiai or normal component = dmrw? and acts from P toward the axis 
of rotation; the tangential component = dmra. The normal component is 
called the centripetal force on P; it (and the other component also) is exerted 

on P by other things (neighboring particles, usually). P reacts on the other 
things with a force whose radial and tangential components equal the two 
above but in the opposite directions. The normal component, dmrw? out- 
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ward, is called the centrifugal force of P; the resultant of the centrifugal 
forces of all the particles is the centrifugal force of the body; in general the 

resultant of the centrifugal forces of all the particles is not a single force, 
but in certain common cases there is a single force 
resultant. Thus if m = mass of the body (= W/g), 
7 the radius of the circle described by the center of 

gravity G (Fig. 139), » = revolutions per unit time 
(@ = 2 rn), and the body is homogeneous, then (a) 
when the body is symmetrical about a plane per- 
pendicular to the axis of rotation, the centrifugal 
force = mrw* and acts in the line OG; (6) when the 
body is symmetrical about a line parallel to the axis 

in the line OG; (c) when the body is symmetrical 

about a plane containing the axis of rotation, the 
Fig. 139 

centrifugal force = mrw?, acts in the plane of symmetry, is parallel to 

OG at a distance from any XY plane equal to ( dmxz) + mr. If w is in 

radians per second, » in revolutions per minute, 7 in feet, W (weight of body) 
in pounds, 9 (velocity of center of gravity) in feet per second, then centrifugal 
force in pounds is 

Wi ee WIL TE 

g gr g 3600 2937 

When a body is rotating with constant angular velocity, then the resultant of all the 
actual external forces acting on the body (weight, reactions of axle bearings, belt pulls, 

etc.) is equal and opposite to the resultant centrifugal force of 
\¥ the body. For example, in Fig. 140 PC is a rod supported by 

a pivot at P and by a cord ABso that the rod can be rotated 
A about AP. During rotation it is under the action of the pivot 

{ O pressure represented by components P’, P’’, and P’’ (not 
| ‘2 shown), the pull of the cord T, the weight of the rod W, air 

resistance, and the driving force F (not shown). When the 
Q speed is constant, then the resultant of all these is as described 

G, under (c) above. If air resistance and pivot friction are neg- 
ligible, no driving force is required to maintain speed, and 
P’’ =0; T, P’, and P” can be determined as follows (sup- 
posing PC = 6 ft., PB =5 ft., PG = 3 ft., ABP = 90°, APB 
= 30°, W = 100 lb., and m = 60 rev. per min.): Since the 

H resultant of T, P’, P’, and W is horizontal, the sum of their 
' vertical components = 0, or J sin 30 + P” — 100 = 0; the 
z= sum of their horizontal components = mrw*, or T cos 30°+ 
Fig. 140 P’ = (100/32.2)1.5(2 3 60/60)” = 184; the resultant acts at 

a point Q whose distance above PX equals | dmaz + mr = 3.46 ft., and PQ = 4 ft.; 

the moment sum of all the forces about Q = 0, or — T KX 1 — 100 X 1/2 + P’X 3.46 
+P” <2 =0. The three equations solved simultaneously give T = 157.5, P’ = 
47.5, and P” = 22.5 |b. 

= 0.000341 Wrn?. 

y 4 

33. Balancing 

The reacting forces which support a rotating body depend in general not 
merely on the weight of the body and applied forces but also on the speed, 
the mass, and shape of the body; moreover, the components of the supporting 
forces which depend on the speed, mass, and shape change direction con- 
tinually. Thus in the preceding illustration, when the rod is not rotating 
T = 30\1b., P’ = 261b., and P” = 85 lb., values quite different from those for 
motion. Or, consider a body weighing 100 lb. mounted on a shaft supported 
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in bearings equally distant from the body and the center of gravity 2 in. from 
the axis of the shaft. When the system is at rest, the bearing pressures (due 
to the body) = 50 lb. each and act vertically, but when the system rotates 
at constant speed the bearing pressures have additional components each 
equal to 1/2 (100/32.2)(1/6) 4 ?n?, m being the speed in revolutions per 

second. These components are said to 

be due to centrifugal action or centrif- 
ugal force, and will be called centrifugal 
components. If the center of gravity 
of the rotating system is in the axis of 
rotation, the system is said to have 

standing balance; such a system with 
shaft horizontal would not turn of 
itself from any position into which it 
might be placed (see Fig. 141). If the 

Fig. 141 centrifugal force of the rotating system 
is zero, then the system is said to have 

or be in running balance. Standing balance is a necessary condition for 
running balance but not a sufficient one; thus in Fig. 141 there is standing 
but obviously not running balance. In fact the centrifugal forces of the two 
bodies are equal, (100/32.2) (1/6) 4 7°n? and (200/32.2) (1/12) 4 2?n? or 20.4 n?, 
and opposite but not colinear and so they constitute a. couple. The centrifugal 
components of the reactions of the bearings are therefore each 20.4 n? X 4 + 9 

= 9.07 n®, and directed as shown, P andQ. If these bearings were not firmly 
supported, then the rotating system would wobble. 

Balancing a system out of running balance requires the rearrangement of the rotating 
material or the addition or removal of material. Car wheel-pairs are balanced experi- 
mentally by running them in spring-supported bearings and adding material here and 
there to the wheels, by trial, unti] steady running is secured. An unbalanced system 
can always be balanced by the addition of two bodies rotating about any two arbitrarily 
selected points on the axis of rotation; moreover the weights of these bodies and their 
exact positions relative to the rotating system can be computed provided the centrif- 

ugal force of the unbalanced system is known or if the unbalancedsystem can be 
divided up into parts the centrifugal forces of which are known. Thus suppose that it 
is desired to balance the body of weight W (Fig. 142 or 143), out of center a distance r 
(center of gravity to axis of shaft = r) by means of two bodies rotating about A and B. 

Fig. 142 Fig. 143 

In order that there may be running balance: (1) the centers of gravity of the three 
bodies and the axis of the shaft must be in a plane, and (2) the sun of moments of the 
centrifugal forces of the three bodies must.be zero about any point in the plane. Con- 
dition (2) requires that the middle one of the three bodies, counting along the shaft 
shall be alone on one side of the shaft, and further, that : 

W'r' =Wryle. and Wr" = Wreic 
where W’ and W” are the weights of the balancing bodies rotating about A and B 
respectively and r’ and r” are their distances out of center. Any unit of weight and 
of distance may be used in these formulas. 

For example, consider the balancing of the cranks and crank pins on a pair of loco- 
motive drive wheels. In Fig. 144 the cranks are set 90° apart, the planes of rotation 
of their centers of gravity are 62 in. apart, and the planes of rotation of the centers of 
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gravity of the pins are 72 in. apart; for each crank pin W = 25 Jb. and r = 12 in.; 
for the unbalanced part of each crank W = 30 lb. andr = 5 in. 
The counter (or balancing) weights are to rotate about A and B with radii = 

r inches say. To balance P; requires a; and ; (see figure), such that for a, Wr= 
(25. X 12) 66/60 = 330, and for };, Wr = (25 X 12) 6/60 = 30 in-lb.; 

similarly to balance Ps requires ag and by, and for ay, Wr = 30 and 
for b4, Wr = 330 in-lb. To balance Pg requires ap and bg, and so 
that for a2, Wr = (30 X 5) 61/60 = 152.5 v 
in-lb and for be, Wr = (30 X 5) 1/60 = 2.5 epee i 
in-lb.; similarly to balance P3 requires a3 | 
and 63, and for a3, Wr = 2.5 and for b3, ~ 
Wr = 152.5 in-lb. These eight bodies aj, 
by, a2, bg, etc., would balance the cranks 
and pins; it remains to find two substitutes 
for the weight. Now a, and as can be 
combined, giving Wr = 330+-152.5= 482.5; 

@z and a4, giving 2.5 + 30 = 32.5; bj and 
bz, giving 32.5; and b3 and dy, giving 482.5 
in-lb. The centrifugal forces of a’ and a” 
(whose Wr= 482.5 and 32.5) have a simple 
resultant, and a single body whose centrif- V 
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4 ugal force is identical with that resultant 
can be found thus: treat 482.5 and 32.5 as 
though they were forces acting from A toa’ Fig. 144 
and A to a” and find their resultant; it is : 
484 in-lb. directed along Aa, the angle a’Aa being nearly 4°; then any body the radius 
to whose center of gravity lies along Aa and whose Wr = 484 in-Ib. will serve as one 
counterweight. In a similar manner the other counterweight may be determined; its 
Wr = 484 and its radius lies along Bb. (It should be noted that the effects of coup- 
ling and connecting rod are not considered.) 

34. Pendulums 

The Compound or Physical Pendulum is a body suspended on a horizontal 
axis so it can oscillate freely under the influence of gravity. Let G (Fig. 145) 

be the center of gravity of the pendulum, O the center of sus- 
pension, a= OG, and k = the radius of gyration of the pendulum 
with respect to its axis of suspension, and T = the time of one 
oscillation (from one extreme position of the pendulum to the 
opposite extreme position); then if the oscillation is small, T=7 

/ Pag. If a = the maximum angle which OG makes with the 
vertical, that is, if 2a is the complete angle described by the 

pendulum in one oscillation, then more correctly, 

a [#? 2 nn & 4 baw? | 
Fig. 145 4 N= By ar + (1/2) sin 2 + (1/2 3/4) sin 3 + 

If w = 8°, the bracket is only 1.00122 and nearer unity for smaller values of a. T for 
a given pendulum is hence practically independent of a, if ais small; that is, for small 
angles a pendulum is practically isochronous. The point Q in the line OG extended 
and OQ = k2/a is called the center of oscillation corresponding to the center of suspen- 
sion O; it is also called center of percussion (Art. 37). The centers of suspension and 
oscillation are interchangeable, that is, the times of oscillation about axes through O 
and Q are equal. This property is made use of in pendulum determinations of g as 
follows: the pendulum is made so that it can be suspended from two points O at a 
known distance d apart; then the times of oscillation for the two points O are compared 
and by trial are made equal by shifting a weight along the stem of the pendulum; 
either of these points then is the center of oscillation for the other as center of sus- 
pension, and d = k?/a; then g = ¢2d/T?. 

A Simple Pendulum is a very small sphere supported by a cord; its length is the 
distance from the center of the sphere to the point of suspension. A physical and a 
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simple pendulum whose times of oscillation are equal are said to be equivalent. A 

seconds pendulum is one whose time of oscillation is one second. The length of the 

equivalent seconds pendulum at New York is 39.101 in. 

hea Fg ‘ The Conical Pendulum consists of a body suspended from a 
fixed point and so that it can rotate about a vertical axis 
through the point. The height of the pendulum h (Fig. 146) 
depends only on the angular velocity; thus for m revolutions 
per unit time k = g/42n?. If g is taken as 32.2 ft. per sec. per 
sec., then » must be taken in rey. per sec.; A will be in feet. 

If nis less than +/g/i +22, the ball will not fly out or re- 
main in any deflected position. If P = tension in the cord,/ = 
length of pendulum, W = weight, then P = WI 4 x?n2/g. 

3 para 

35. Uniplanar Motion 

Uniplanar Motion is a motion such that each point of the moving body 
remains at a constant distance from a fixed plane. Examples: motion of 
the connecting rod of a steam engine, rolling of a wheel, rotation of a fly 
wheel, etc. All straight lines of the body which are parallel to the plane of 
the motion describe equal angles during any displacement of the body, and 

b eet Mad P 

c 
iP’ 

Fig. 147 Fig. 148 
by angle described by the body is meant the angle described by any of the 
lines mentioned. The angular velocity of the body at any instant is the rate 
at which it is describing angle then. The angular acceleration at any instant 
is the rate at which its angular velocity is changing then. Any displacement 
may be accomplished by a translation of the body which 
will bring one line of it which is perpendicular to the 
plane of the motion into final position followed by a 

rotation of the body about that line into final position. 
Thus the displacement of a body from 4 BC to abe (Fig. 
147) may be accomplished by a translation from ABC 
to ab’c’ followed by a rotation about a into position abc. 
The amount of translation depends on the line of the 
body selected as axis of the rotation; the amount of the 
rotation does not. The actual state of (uniplanar) mo- 
tion of a body at any instant may be regarded as con- 
sisting of two components, a translational and a rota- 

tional. And the velocity v of any point P of the body ; 
(Fig. 148) may be regarded as the resultant of two coh deine 
velocities, one the actual velocity v’ of a second point P’, and the other the 
velocity of P about (relative to) P’, rw, where w = angular velocity of the 
body andr = PP’. Likewise the acceleration a of P may be regarded as the 

resultant of the actual acceleration a’ of P’ and the acceleration of P about 
(relative to) P’. 

For example, when a wheel 8 ft. in diameter rolls uniformly at 2 rev. per sec., or 
w = 12.56 radians per sec., then taking P’ at the center (Fig. 149), v =x8X2 
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= 50.3 ft. per sec., and a’ = 0; the velocity of a point P 3 ft. from-the center relative 
to P’ is 37.7 ft. per sec. directed as shown, and the actual velocity of P is the resultant 
of 50.3 and 37.7; the acceleration of P relative to P’ is 3 w? = 476.27 {t. per sec. per sec. 
(see page 122) directed as shown, and since a’ = 0, the acceleration of P is 476.2. 

Uniplanar Displacement can also be accomplished by a single rotation about 
some line. Thus the displacement from ABC to abc (Fig. 147) can be made 

by a rotation about the intersection of the perpendiculars to Aa and Bb at 
their centers. Any uniplanar motion may be regarded as a continual rotation 
about a line which in general is continually shifting its position in space and 
in the body or its extension. This line is called instantaneous axis (of rota- 
tion), and any point of it the instantaneous center. In uniplanar motion, 

the velocity of any point of the body at any instant equals the product of 
the angular velocity of the body then and the distance of the point from the 
instantaneous center, and the direction of the velocity is perpendicular to the 
line joining the point and the instantaneous center; the velocities of different 
points of the body are as their distances from the instantaneous axis. The 
instantaneous center may be determined when the directions of the velocities 
of any two points of the body (the line joining which is parallel to the plane 
of the motion) are known, provided these directions are not parallel, as 
follows: at each of the two points draw a line parallel to the plane of motion 
and perpendicular to the direction of the velocity of that point, and determine 
their intersection; this is the instantaneous center. 

For example, consider the motion of the connecting rod of an engine. The velocity 
of the crank end of the rod is perpendicular to the crank and the velocity of the other 
end is parallel to the guides; hence for any particular position of the rod the instan- 
taneous center is at the intersection of the crank (radius) extended and a line per- 
pendicular to the guides at the guide end of the rod. 

The relation between the external forces and the motion produced is expressed thus: 
take x and y axes of reference parallel to the plane of motion; then 

DFr = mar ZFy = may =M = Ia = mk’a = (W/2)ha 

wherein 2Fz and Fy denote the sums of the x and y components of all the external 
forces, ar and ay the x and y components of the acceleration of the center of gravity, 
a@ the angular acceleration of the body, mits mass, W its weight, 2M the algebraic sum 
of the moments of external forces about an axis through the center of gravity and per- 
pendicular to the plane of motion, J the moment of inertia, and k the radius of gyration 
of the body with respect to the same axis. For example, consider 
a cylinder of radius r and weight W rolling down an inclined plane. 
The forces acting on the cylinder are its weight W and the reac- 
tion of the plane regarded as replaced by its two components V 
and F (Fig. 150); taking the x axis along the plane and the y nor- F 
mal to it, the three formulas become (W sin ¢ — F) = (W/g)a, N 
— Weoos¢ = 0, and Fr = 1/2(W/g)r?a, 1/2(W/g)r? being the mo- 
ment of inertia of the cylinder with respect to its axis. (It is as- N 
sumed that there is no indentation of the roadway, that is, no p 
rolling resistance.) If there is no slipping, then @ = ra, which 
equation combined with the first and third above gives a = 2/3 g Fig. 150 
sin ¢,a = 2/3 (g/r) sin ¢, and F = 1/3W sin ¢; also N=Weos ¢. ; by 

The Kinetic Energy of translation and rotation combined is 1/2 mv? + 

1/2 Tw?, where m denotes the mass of the body, v the velocity of its center of 

gravity, I its moment of inertia with respect to a line through the center of 

gravity and perpendicular to the plane of motion, and w its angular velocity. 

The first term is sometimes called the translational and the second the rota- 
tional part of the kinetic energy. It is also given by 1/2 Iw”, where I denotes 

the moment of inertia of the body with respect to its instantaneous axis (at 

the instant for which the energy is to be figured) and w is the angular velocity. 

For example, take a cylinder of radius 7 and weight W rolling at ” revolutions per 



128 Dynamics Sect. 2 

unit time: m = W/g, 0 = 2 79m, T = 1/2(W/g)r? (see page 110), and w =27n; 
hence the kinetic energy = 3(W/g) r2n2, one-third of which is rotational. Also J = 

Pee (W/g)r2 = 3/2(W/g)r2; hence according to the second formula the kinetic energy 
is 1/2(3W/2 g) 12 4 x2n? = 3 (W/g) $2r?n? as before. 

36. Three-dimensional Motion 

Any motion of a body may be regarded as consisting of two components: 
one, a translation equal to that of the center of gravity and the other a rota- 
tion about some axis through the center of gravity. These motions may be 
said to be produced independently by the forces acting on the body; thus 
(a) the acceleration of the center of gravity is the same as if the whole mass 
were concentrated at the center of gravity and acted upon by forces equal in 

magnitude to and same in direction as the actual external forces; and (b) the 
angular acceleration is the same as if the center of gravity were fixed and the 
actual external forces applied. The reasonableness of this will be seen from 
the following: imagine each force acting on the body replaced by a force 
acting at the center of gravity G and a couple; the resultant of all the forces 
acting at G is a single force R, and the resultant of all the couples is a single 
couple C; R cannot turn the body but gives it a motion of translation only, 
and C cannot move G but merely turns the body about some line through G. 
In general C does not cause turning about a line perpendicular to the plane 
of C, only so if the plane of C is perpendicular to one of the principal central 
axes of the body (see page 123). To determine the acceleration of the 
center of gravity, take fixed x, y, and z axes outside the body and resolve all 
external forces F}, Fe, etc., into x, y, and s components; then 

=F, = maz DFy = may DFz = maz 

-m denoting the mass of the body. To determine the angular acceleration 
of the body, take moments of all the forces Fy, Fo, etc., about the three central 
principal axes; .calling the sums of the moments about these axes 2Mi, 2M2, 
and M3, the components of the angular acceleration ai, a2, and a3, the 
components of the angular velocity 1, ws, and w3, then 

TMi = Ira, + (U3 — Iz) wows, LDMe2 = I2ae + (Ti — 3) wz wi, 
=M3 = I3a3 + (I2 — lh) a1 we 

wherein J;, Zz, and J3 denote the three central principal moments of inertia 
of the body. In any motion of a body, the kinetic energy may be computed 

in two parts: (1) the kinetic energy of the whole 
body moving with a velocity equal to that of the 
center of gravity, and (2) the sum of the kinetic 

energies of the constituent particles of the bodies 
due to their velocities relative to the center of 
gravity. 

Gyrostat (Fig. 151). The wheel w and axle can 
rotate about AA’, the supporting ring ABA’B’ 
can rotate about BB’ and the supporting frame 
F can rotate about CC’. If the disk or wheel is 
spinning rapidly in the direction indicated by w 
and an upward force U is applied at A, the axle 
AA’ will not rotate about BB’ but about CC’ in 
the direction indicated by the arrowhead u; a 

downward force causes rotation in the opposite direction. -A horizontal force L 
to the left would cause the axle A A’ to rotate not about CC’ but about BB’ in 
the direction indicated by the arrow/; a force to the right would cause rotation 
in the opposite direction. These rotations of the axle of spin are called preces- 
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sional motions, the wheel being said to precess. The precession of the axle of 
spin, A A’, tends to’convert the existing spin of the wheel into a spin about the 
axis of the applied moment and in the direction required by that moment. 

A Mono-rail Car, as its name implies, runs on a single rail; and the Brennan car 
is wholly above the rail. Stability of this car is furnished by two gyrostats mounted in 
the car as shown in plan and elevation (Fig. 152). 
W is one of the gyrostat wheels (W’ the other); it 
is mounted rigidly on the axle A, the bearings of 
which are on the frame or case C. (These cases 
wholly enclose the gyrostat wheels, and a vacuum 
is maintained in the cases to reduce the windage.of 
the wheels; the wheels are driven electrically— 
indeed the wheels are motor armatures—in oppo- 
site directions.) The case C has trunnions T and Y 
T supported in bearings on the double frame F, ore 
which also supports the other gyrostat case C’. 
The double frame F is supported on an axle X 
parallel to the rail, on which the whole gyrostat 
system can turn. To the two upper trunnions T 
and T’ are keyed two spur-toothed segments 
which mesh at G; thus the cases C and C’ can 
rotate on their trunnions only together, in op- 
posite directions, and equal amounts. Rand R’ 
are wheels or rollers which turn on bearings fixed 4 
to the cases C and C’. Rigidly fastened to the \. 
car are four shelves M, M’, N, and N’; as shown Fig. 152... (After Perry) 

in the plan these do not extend beyond the line OO’. When for any reason the axles 
A and A’ are at OP and O’P’ say, or OQ and OQ’, and the car is tipping either way 
relative to the gyrostat system, then one shelf,.and only one, will come up against an 
axle end or roller; for instance when the axles are at OP and O’P’ and the car tips 
clockwise, then the shelf M comes up against the axle A. 

When the car is running straight, erect, and balanced, the axles A and A’ are in 
line, across the car, and this is the normal] position of the gyrostats. Now. suppose a 
disturbance, as a wind pressure on the left side, tips the car clockwise; the shelf M 
comes up against the axle A and causes precession of A away from the reader, which 
continues as long as there is contact at A. The rapidly rotating axle slips on the shelf 
M and is itself subjected to a friction which tends to hurry the precession, the effect of 
which is to increase the pressure on the shelf. This pressure down arrests the tipping 
and pushes the car back against the wind to the neutral position, in which the wind and 
gravity moments are balanced. This neutral position is reached with a certain mo- 
mentum, and the car is carried past it, the shelf M recedes from A with the axles of the 
gyrostats in positions as OP and O’ P’, and eventually the shelf V’ comes up under the 
roller R’. The upward pressure on the roller causes precession of A’ toward the reader, 
which continues as long as there is contact at the shelf V’. The friction of the roller on 
its axle tends to retard this precession, and the correcting pressure of the roller on the 
shelf VV’ is not so great as that of the axle A on M (in similar circumstances), and the 
gyrostats are returned to the normal position with the car still tilted to the left of the 
neutral position. But the gyrostats reach the normal position with velocity and swing 
beyond it; the roller R’ runs off the end of the shelf V’ and the axle A’ comes into con- 
tact with the shelf M@’. The pressure of M’ on A’ causes precession of A’ toward the 
reader, the friction on A’ tends to hurry the precession, and A’ reacts strongly on the 
shelf M’, bringing it to its neutral position and beyond. Eventually M’ recedes from 
A’, the shelf V coming up against the roller R, with the gyrostats in the positions OQ 
and O’P’. The shelf NV, like NV’, brings the gyrostats into normal position and then 
shelf M into play; and so the operations described are repeated. But the oscillations 
of the car and the swings of the gyrostats rapidly decay, and the car settles down into 
its neutral position quickly. Geared together and spinning in opposite directions, the 
two gyrostats work together in the above described actions. A single gyrostat might 
furnish the stability on a straight track, but two gyrostats are essential for running on 
curves. In Oct., 1909, Mr. Brennan operated a mono-rail car 40 ft. long, weighing 
22 tons, and designed to carry a load of 10 to 15 tons; it is furnished with an 80 anda 
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20-hp. petrol-electric set for running the car and the gyrostats; each gyrostat weighs 
about 3/4 ton, is 3 ft. 6 in. in diameter, and is run at 3000 r.p.m.; the vacuum o/ the 
gyrostat cases is equivalent to about 1/2 to 5/8 in. of mercury. The car was run ona 
curve of 105-ft. radius at 7 mi. per hr., and over reverse curves of 35-ft. radius without 

“appreciable disturbance” of the level of the car floor. 

37. Impact 

Direct Central Impact is such that before collision the centers of gravity 
of the bodies move along the same straight line. Central impact is collision 
during which the forces which the bodies exert on each other are directed 
along the line joining the centers of gravity. In any collision, the forces 
which the two bodies exert on each other are equal and opposite at each 
instant; hence the total impulses of these forces during the collision are equal 
and opposite, and according to the principle of impulse and momentum the 
changes in the momentum of the bodies produced by the collision must be 
equal and opposite; or, otherwise stated, the total momentum of the two 

bodies is unchanged by the collision. Or, for direct central impact: 

my + m2d2 = mVi'+ mo2Vo2 

Wherein m, and my = the masses of the bodies, 2; and v2 their velocities 

before and V; and V2 their velocities after the collision; but in numerical 
yubstitution velocities in one direction are given the same sign and those in 
the other direction the opposite sign. 

Experiments on direct central impact of spherical bodies have shown that the relative 
velocities of spheres after impact are always less than before the impact and that these 
télative velocities are opposite in direction. The ratio of the relative velocities after 
impact to that before impact is called coefficient of restitution; it seems to depend only 

on the material of the impinging spheres. For glass the coefficient is 15/16, for steel 
and cork 5/9, ivory 8/9, wood about 1/2, clay and putty 0. If e = the coefficient, then 

(21 — 22) =— e (Vi — Ve) 
This equation and the preceding one solved simultaneously show that 

(1 +e) mo wee fm tie) ams 
aera (v1 — v2) V2 = 02 eae ey 

During impact there is, in general, loss of kinetic energy; the loss is 1/2 (v1; — v2)2 
(1 — e2) mymo/(m, + me). Bodies for which e = 0 are said to be inelastic; and those 
for which ¢ is nearly 1 are said to be nearly perfectly elastic. When a sphere is dropped 
on a horizontal surface of a large body from a height h, and if H = the height of 
rebound, then H = eh. This equation furnishes a means of computing e. 

Force of a Blow. By this is meant the actual pressure between two bodies 
in collision. This pressure or force varies during the collision from zero at 
the beginning up to a maximum value and then down to zero at the end. 
Curves showing how the force varies with respect to the time and with respect 
to the displacement of the point of contact during the collision are quite 
dissimilar. The average values of the force as shown by these two curves 
are unequal. The first is called the time-average and the second the space- 
average force of the blow. Let #7; and Fs denote these averages respectively 
and ¢ and s the total time and displacement; then Ft = the impulse exerted 
on either body, and if the impact is direct and central, Fss = the work done 

on either body by the force of the blow. When any object is struct by a hand- 
hammer for example, the momentum of the hammer is changed; calling the 
change M, then Fyt = M, or Fy = M/t. That is, for a given change in 
momentum the time-average force of a blow varies inversely as the time of 
the impact. The energy of the hammer is also changed; calling this change 
E, if the energy dissipated (in vibration of the hammer) is negligible, Fss = E 
or Fs = E/s. That is. for a given change in energy the space-average force 

Vy = (v2 — 21) 
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of a blow varies inversely as the space through which the force acts. (It is 
assumed in the preceding that no other force than that of the blow affects 
the momentum and the energy changes ) 

A pile-driver hammer of weight W falling a height / to a pile which it drives a dis- 
tance s is given an amount of energy equal to W(k + s) by gravity before the hammer 
is arrested. This energy is delivered to the pile and is wasted against resistance between 
earth and the pile, in vibration of the pile and adjacent earth. Calling the space- 
average resistance R and neglecting the energy lost in vibration, then Rs = W(h +), 
or R= W(1i +h/s). This formula is in use for computing the bearing capacity of a 
pile; 4 being the drop of the hammer and s the penetration of the pile in the last blow 
(or average penetration for last few blows), W weight of hammer, and R ultimate 
bearing capacity, safe capacity being generally taken as 1/5 or 1/6 of R. As 1 is small 
compared to //s, the formula may be written, safe load = 1/5 or 1/6 Wh/s. 

Ballistic Pendulum. This is a device formerly used to measure the velocity 

of a projectile; it is essentially a pendulum with a massive bob into which the 
projectile may be fired and arrested (Fig. 153). Let » = velocity of the pro- 
jectile, m its mass, M the mass of the pendulum (= W/g, W denoting its 
weight and g acceleration of gravity), k its radius of gyration with respect 
to the axis of suspension (for determination of which see below), a the distance 
from the axis to the center of gravity and 7 that to the path of the projectile, 
and @ deflection of pendulum caused by projectile; then 

v = V2 ga (1 — cosO) (m + Mk? /r?) = (mk/r) 

If the weight of the bob is large compared to that of the suspending rod, then 
k/r = 1 nearly. If a pendulum in its vertical position is struck a horizontal 
blow through the center of gravity and perpendicular to the axis of suspension, 
the whole pendulum tends to move in the direction of the blow. But such 
translation is prevented by the support which exerts O 
asudden reaction opposite to the blow. If the pen- 
dulum is struck below the center of gravity the blow 
tends to produce a translation in its direction anda 
rotation about the center of gravity. There would a 
still be a sudden reaction of the support on the pen- 
dulum to overcome the tendency to the motion there 
unless the translation and the rotational velocities of K 
the center of suspension, which the blow tends to Q 

produce, are equal. That point of impact for which Oldy 
the blow produces no sudden reaction at the center : } 
of suspension is called center of percussion; it coin- ae Pee wr ead | 
cides with the center of oscillation (see page 125). Its distance from the cen- 

ter of suspension = k?/a. ; 
The distance #2/a can be determined experimentally thus: let the pendulum oscillate 

and ascertain the time T of one swing, extreme to extreme position; then k2/a = 
gT2/x2; if gis taken in feet per second per second and T in seconds, then k?/a is in feet. 
Let &g be the radius of gyration of the pendulum with respect to a line through its 
center of gravity and parallel to the axis of suspension. When kg is known the center 
of percussion Q (Fig. 154) can be located graphically thus: at G draw GK perpendicular 
to OG and make OG = kg; join O and K and draw a perpendicular to OK at K; Qis 
the intersection of this perpendicular and OG extended. 

The Moment of Inertia I of an irregular or nonhomogeneous body with 
_ respect to a specified line can be determined best experimentally; thus pro- 
ceed as described above to determine &?/a, then I = (W/g)k? = WT?/an?. 
If the specified line passes through the center of gravity of the body then, 
since the body would not oscillate about such line, proceed thus: determine 
T about any parallel line distant a from the center of gravity, then the desired 
moment of inertia = J — (W/g)a?. If it is impossible or inconvenient to sus- 
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pend the body at the specified line, then suspend and oscillate it about any 

line parallel to the specified line, and determine J as explained about such 

parallel line; calling the distances of the parallel and specified lines from 

the center of gravity a and b respectively, then the desired moment of inertia 

= I — (W/g)a® + (W/g)b? =I — (a? — °)W/g. 

FRICTION 

38. Statie Friction 

Static Friction, or Friction of Rest is the friction between two bodies when 
there is a tendency to, but not actual, slipping of one relative to the other. 

Let P (Fig. 155) = a pull applied toa body A which is supported by a body B, 
R = the reaction of Bon A; then the component F of 
R along the surface of contact is the friction, and the 

= Sr +=component N perpendicular to the surface is the normal 
BON R pressure. So long as thereis no slipping F = P, but the 

greatest value of F obtains when slipping impends; this 

3 value of F is called limiting friction. The coefficient 
a 22? of static friction for two bodies is the ratio of their 

limiting friction to the accompanying normal pressure; itis denoted by f. 
The angle between R and N changes as F changes, and its greatest value 
obtains when motion impends; this value is called the angle of friction for 
the two bodies, and it will be denoted by ¢. When a body A is supported on 
an inclined plane B, and no forces act on A except its own weight and the 
supporting force, then that inclination of the plane to the horizontal which 
will just cause slipping of A is called the angle of repose for 
A and B; it also will be denoted by ¢ because the angles of 
repose and friction for two bodies are equal. Also the tan- 
gents of these angles equal the coefficient of friction, 

FSfN f =tang 

Suppose the body A (Fig. 156) is supported by a body B, let Q 
denote the resultant of all the forces acting on A excepting the sup- 
porting force; and suppose that the line of action of Q cuts the sur- Fig. 156 
face of contact at a; then the cone with vertex at a, axis normal 
to the contact surface and apex angle equal to double the angle of friction, is called 
a cone of friction for the bodies A and B. If Q falls within the cone, motion will 
not ensue for any value of Q; but if without, then Q will move A. 

The coefficient of static friction for two bodies A and B may be determined thus: 
(1) Place A on B as in Fig. 155 and determine the pull P which will just start A; 
then f = P divided by the weight of A. Or (2) tilt B and determine the inclination 
at which gravity will start A down; thenf = the tangent angle of that of inclination. 
In either method, several determinations must be made to obtain a fair average 
value of the coefficient. 

Coefficients of Static Friction depend on the nature of the materials, 
character of rubbing surfaces, and kind of lubricant, if any is used. Early 
experimenters reported (Coulomb 1871, Rennie 1828, Morin 1834, and others) 
that the coefficient is independent of the intensity of normal pressure; although 
this announcement was clearly subject to the limitation of the range of the 

experiments performed, yet it was generalized and long accepted as a universal 
law of friction. But the universality of the law has been questioned; Morin 

himself pointed out that length of the time of contact of the two bodies 
influences the coefficient and obviously the coefficient changes when the 
intensities of pressure get so high as to affect the character of the surfaces 
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in contact. Messiter and Hanson report practical constancy of coefficiency 
for yellow pine and spruce (Eng. News, 1895, vol. 33, p. 322), the first for 
a range from 100 to 1500 Ib. per sq. in. and the second for a range from 100 to 
800. They report for planed or sandpapered yellow pine: / = 0.25-0.32; 
average 0.29, for 100 to 1000 1b. persq.in.; for spruce: f = 0.18-0.53; average 
0.42, for 100 to 600 lb. per sq. in. The variation depends on relation of grain 
of wood to direction of slide. 

Coefficients of Static Friction 

Compiled by Rankine from Experiments by Morin and others 

Dry masonry and brick- Masonry on dry clay..... 0.51 
WYORK 6 So tee bree oar oa 0.6 te0.7 Masonry on moist clay... 0.33 

Masonryand Brickwork, Hatth’on ‘earth’... . 2.2: 0.25 to 1.0 
with damp mortar... 0.74 Earth on earth, dry sand, 

Timber on stone. ..... about 0.4 clay, and mixed earth.. 0:38 to0.75 
Tron on stone......... 0.7 to0.3 Earth on earth, damp clay 1.0 
Timber on timber..... 0.5. to,0.2 Earth on earth, wet clay. . 0.31 
Timber on metals..... 0.6 to0.2 Earth on earth, shingle 

Metals on metals...... 0.25 to 0.15 and gravel, ..scsje-se5s 0.81 to1.11 
— 

Coil Friction. When a rope wholly or partially en- 
circles a pulley or drum (Fig. 157) the tensions P; and Z, 
P2 may be quite different on account of the frictionon ~~ 
the rope. The difference is greatest when slipping im- 
pends; ifa = arc of contact in radians, « = Napierian \ 
base = 2.718, the maximum ratio P2/P: = «€/%. Egil F, 

ig. 

Maximum Ratio P./P, (Slipping Impending) 

f =1/2 al2x = 1/4’) f =1/3 | f =1/2 

1°37 ah 3.00 4.33 9.00 
1.87 0.8 3.51 5.34 12.34 
Zoah. 0.9 4,11 6.58 16.90 
3.51 1.0 4,81 8,12 23.14 
4.81 2.0 23.1 66.0 535.5 
6. 3.0 535 1239.0 

Belting. The formula P2/P: = & applies here also, Single (thickness) 
Jeather belt varies from 3/16 to 7/32 in. thick; double leather (two thicknesses 
glued) belt varies from 3/8 to 1/2 in. thick. Cement splices are nearly as 
strong as the belt; lace joints average 70% as strong as the belt; metal fasten- 

ings generally less. Working strengths of 400 lb. per sq. in. for endless (cement 
spliced) belts and 200 to 300 for laced belts are safe, but smaller values are 
advised by F. M. Taylor (Trans. A. S. M. E., 1894, vol. 15, p. 204). These 
figures correspond to 100 lb. per inch of width for cemented single belt, 50 to 
75 for laced single belt, and twice these for double belt. 

The horsepower which a belt transmits is given by (IT — Z)Cv/550, wherein T = 
total tension in tight side of belt in pounds, v = velocity of belt travel in feet per second, 
Z =a quantity depending on centrifugal action (table below), C = a quantity depend- 

ing on coefficient of friction and angle of wrap on the pulley (table below). The formula 
is Nagle’s (Trans. A. S. M. E., 1881, vol. 2, p. 91) but modified by Kimball and Barr. 

For a leather belt which weighs 0.035 lb. per cu. in. when: 

v (ft. per sec.) = 50 60 70 80 90 100 110 120 130 140 150 
2 (lb.) = 42.5 47.0 64.2 83.4 105 130 158 188 220-256 293 
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Values of C in Formula hp. = (T — Z)Cv/550 

39. Sliding Friction 

Kinetic Friction. Friction of Motion, or sliding friction, is the friction 
between two bodies when sliding actually occurs. The coefficient of kinetic 
friction for two bodies is the ratio of the kinetic friction to the corresponding 
normal pressure between them. One of the so-called laws of friction states 
that the kinetic coefficient is less than the static coefficient and implies that 
there is a sudden or abrupt change in the values of the coefficients. Experi- 
ments by Jenkin and Ewing (Phil. Trans. Roy. Soc., 1877, vol. 167, Part 2) on 

the kinetic coefficients at speeds as low as 0.0002 ft. per sec., about 3/4 ft. per 
hour, lead them to conclude that “it is highly probable that the kinetic co- 
efficient gradually increases when the velocity becomes extremely small, so 
as to pass without discontinuity into the static coefficient.”” Experiments by 
Kimball (Am. Jour. Sci., 1877, vol. 13, p. 353) also indicate that there is no 

abrupt change from static to kinetic coefficient. Moreover they show that the 
kinetic coefficient may be greater than the static. For dry surfaces, the kinetic 
coefficient probably decreases progressively from the value of the static 
coefficient, as the velocity increases as indicated by the following table from 
Galton and Westinghouse’s experiments (Proc. Inst. Mech. Engrs., 1879). 

Coefficients of Friction at Various Speeds for Cast-iron 
Brake Shoes and Steel-tired Wheels 

Velocity Coefficients 

Mi. per hr. | Ft. per sec. | Maximum Minimum 

The foregoing given coefficients were obtained from measurements taken very soon 
after application of brakes. 

The rubbing of dry surfaces abrades them and decreases the kinetic coefficient. 
The following table shows how this coefficient changed with lapse of time after: 
tubbing began. 
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Coefficient of Friction as Affected by Time of Rubbing 

Cast-iron brake shows on steel-tired wheels 

5 sec. 10 sec. 

Time after applying brakes 

15 sec. 20 sec. 

0.152 0.133 
- 130 -119 
-096 - 083 
. 080 7 .070 
- 063 -058 

0.11 
-08 

0.69 

6 0.099 
1 .072 

The discrepancies between the two tables are due in part to the fact that the values 
at time 0+ in the second table are averages based on comparatively few experiments. 
In the second table preceding there is a wide variation from the mean value of the 
coefficient for each velocity. The variation was due in part at least to differences in 
intensities of pressure in the various runs of each velocity. In general, the coefficients 
decrease with increase of intensity. 

Coefficients of Friction for Wheels Skidded on Rails 

Galton-Westinghouse Experiments 

Wheels skidded on rails gave 
much smaller coefficients than 
brake shoes, as shown by the 
adjacent table. 

Approximate velocity 

Ft. per sec.| Mi. per hr. Steel rail | Iron rail 

Steel tire on 

0.242 
0.88 
072 
.070 
065 
.057 
- 040 
038 
.027 

Kinetic Coefficients for Brake Shoes 

From Experiments by Ernest Wilson (Eng. News, 1909, vol. 62, p. 736) 

Pressure, 
Vel., Mi. per hr. 

15 

none 

none 

none 

none 

none 

none 

Materials Lb. per sq. in. 7 

Cast iron, 2.5 0.43 
Cast iron.... 36 
Oak eo edeei ai . 60 
Oaikss sonceveta cin 43 

Poplar’. ss 
Poplar ayers 
Cast iron.... .32 

Cast iron. 

water 

Lubrication 

The adjacent table 
furnishes additional 
information on the 
variation of the ki- 
netic coefficient with 
the intensity of pres- 
sure and on the ve- 
locity; also on the 
influence of water lu- 
brication. 
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Coefficients of Kinetic Friction (rough averages) 
Compiled by Rankine from Experiments by Morin and others 

Wood on wood, dry..... 0:25 to 0,50 Leather on oaks ov... 2.250% 0.27 to 0.38 
soapy wee fe Leather on metals, dry...... .56 

Metals on oak, dry..... SOT eEO! sO CS soe .36 
Wet .G<or -24to .26 greasy... .23 

SOaDY. 2 oe Maly cise ay 

Metals on elm, dry..... .2 to .25. Metals on metals, dry...... ~ASip 32 
Hemp on oak, dry..... BE wet.ccc. .3 

wet. ...'s 33: 

Pivots. Let W = load (Ib.), » = coefficient of kinetic friction, » = speed 
(r.p.m.), m = moment of the frictional resistance about the axis of the shaft 
(in-lb.), w = work done against friction per revolution (in-lb.), P = power 

lost through friction (hp.), dimensions as marked in figures (in.). Flat 
Pivot (Fig. 158): m=2/3pWr; w=4/3r7pWr =4187 upWr; P= 
4/3 zuWrn/396 000 = uWrn/94 700. Collar Bearing (Fig. 159): m= 
2/3 pW (R® — )/(R? — 7°); w= 2am; P = 2 wrmn/396 000 = mn/63 000. 

r 

La 
Fig. 158 Fig. 159 Fig. 160 Fig. 161 

Conical Pivot (Fig. 160): m = 2/3 uWr/sina; w = 4/3 7uWr/sina; P = 
4/3 tuWrn/396 000 sina = uWrn/94 700 sina. Frustrated Conical Pivot 
(Fig. 161): m = 2/3 pW (R° — r°)/R? — 7?) sina; w=2am; P =27mn/ 
396.000 = mn/63 000. 

Journal Friction. The coefficient of journal friction is the ratio of the 
frictional resistance at the journal to the pressure between journal and bear- 

ing. The pressure is not uniformly distributed over the surface of contact 

between journal and bearing. By nominal (intensity) of pressure is meant 
the whole pressure divided by product of length and diameter of bearing. 

For example, suppose a fly wheel and shaft weighing 6000 lb. are supported mhidway 
between two bearings, the diameter of the wheel is 8 ft. (or 96 in.), that of the journal 
is 6 in., and that a force of 10 Ib. applied to the rim is necessary to overcome friction 
to maintain a constant speed. Then the frictional resistance is (10 X 48) +3 = 
160 lb., 80 at each journal; the pressure at each journal is 3000 lb., and the coefficient 

of journal friction is 160 + 3000 = 0.053, If the length of bearing is 10 in., the 
nominal (intensity) of pressure is 3000 + (6 X 10) = 50 lb. per sq. in. 

Energy Lost at Journals, Work Done Against Friction. Let W = total load on 
bearing (Ib.), d = diameter of journal (in.), f = coefficient of journal friction, » = 
number of revolutions per minute; then 

work done per revolution (ft-lb.) = f{W2d/12 
work done per minute (ft-Ib.) = fWrdn/12 
power lost (hp.) = fWzdn/396 000 = Wdn/126 000 

Coefficients of Journal Friction depend on (1) the method of. lubrication, 
(2) the lubricant, (3) its temperature, (4) the velocity of rubbing; and (5) the 
intensity of pressure (lb. per sq. in.) on the bearing. 

(1) The relative intensities of friction for different methods of lubrication are as 
follows according to Tower (Proc. Inst. Mech. Engs.) and Goodmann (Mechanics 
Applied to Engineering): 
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Method Tower Goodman 
Bathooe Re ISR OTY 1.00 1.00 
Saturated pad...... BoA 1.32 
Ordinary pad....... 6.48 2.21 
Siphoht. 12. eek bag 7.06 4.20 

Tower found that in bath lubrication the load is completely oil-borne, in other words 
that a continuous film separates journal and bearing. For any given pressure there 
seems to be a minimum velocity below which the oil film will not form. H.F. Moore 
also found (Am. Mach., 1903) that this pressure velocity relation is approximately 

p =7A47 4/2, p being in Ib. per sq. in. and 9 in,ft. per min. Moore used mineral oil at 
90° temperature. The friction then is wholly fluid friction and not solid. (2) In the 
following table the figures are based on mean actual frictional resistances at the surface 
of the journal at speed of 300 r.p.m. with all nominal loads from 100 to 310 lb. per sq.in.; 

_ the temperature was 90°; the journal was steel, 4 in. in diameter and 6 in. long; the 
bearing a gun-metal brass embracing somewhat less than half the circumference of the 

journal. The relative frictional resistances for various lubricants, according to Tower, 
are 1.00 for sperm oil, 1.06 for rape oi], 1.29 for mineral oil, 1.35 for lard oil and olive oil, 
2.17 for mineral grease. Tower states also: ‘The numbers represent the relative 
thickness or body of the various oils, and also in their order, although perhaps not 
exactly in their numerical proportions, their relative weight-carrying power. Thus 

sperm oil, which has the highest lubricating power, has the least weight-carrying power; 
and, though the best oil for light loads, would be inferior to the thicker oils if heavy 
pressures or high temperatures were to be encountered.” (3) The coefficient decreases 

Coefficient of friction 
06 

50 75 100 125 1650 0 

, Degrees Fahrenheit Feet per minute 

Fig. 162 Fig. 163 

015 

(010 

005 
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with increased temperature (see Figs. 162 and 164). But if the temperature gets so 

high as greatly to lower the viscosity, the lubricant gets squeezed out and then the 

coefficient increases. (4) In general the coefficient increases with increase of speed 

(see Figs. 163 and 165 and accompanying explanations). But at the lower speeds 

the coefficient may decrease with increase of speed (see Fig. 163). (5) The coefficient 

decreases with increase of intensity of pressure (see Figs. 163 and 166). But the in- 

tensity may become so great that the lubricant gets squeezed out and then the coeffi- 
cient increases and seizing occurs. 

Figs. 162 and 163 show the relation between coefficient and temperature, and coeffi- 
cient and velocity. Sellers bearing, length 13 in. and diameter 2.75 in.; ring oiler; 
“gas motor oil”; oil temperature 77°; velocity 846 ft. per min. (Stribeck, Zeit. Ver. 
Deutsch. Ing., vol. 46, p. 1341.) Figs. 164, 165, and 166 show respectively relations 
between coefficient and temperature, velocity, and pressure. In 164, » = 92.5 lb. per 
sq. in. and'v = 197 ft. per min.; in 165, p = 92.5 lb. per sq. in. and ¢ = 112°; in 166, 
t = 112°; and » = 197 ft. per min. ‘The heavy line represents an average law for 

forced lubrication on five different journals as described below, and the other curves 
relate to the two journals which departed most widely from the average. (Lasche, 

Zeit. Ver. Deutsch. Ing., vol. 46.) 
Number Journal Bearing Number Journal Bearing 

I steel white metal IV nickel steel bronze 
II nickel steel white metal Vv ingot iron white metal 
III nickel steel mercury alloy 

Coefficients of Journal Friction (Tower’s Experiments) 

Velocity, Nominal Pressure, Pounds per Square Inch 
Lubrication feet per 

minute 100 } 153 205 310 520 

Olive oil by bath... 105 10.0036. 10.0023 10,0018. 1... Acedia cmsde|s noma 
157 .0045 | .003 -0021 |0.0015 |0.0012 |0.0008 

471 0089 | .0057 | .004 0027 .0017 

Lard oil by bath... 105 0035 | .0022 MOO LT ho Soes emtekatel oot cn 

157 .0042 | .0027 | .0020 | .0014 . 0009 

471 .009 -0052 | .0042 | .0029 .0017 
Mineral grease by ; 

baths <: < oeee.. 105 O54 97". 0628 hh. OO269 062! Oh St. ee 

157 .0076 | .0038 | .0034 | .0022 0014 

471 0151 | .0083 | .0066 | .004 .0022 

Sperm oil by bath. . 105 50025--|+-0016:-]~;0013 -4fecescee fee OB 6 Seized 
157 . 003 0019-7... 0056 +0011 1 I0G1S Io ogee. 

471 0064 | .0037 | .0027 | .0019 | .0021 |....... 

Rape oil by bath... 105 OLS OOLS 00 Ti ee ees hs cil soreness 
157 -0036 | .0020 | .0014 

471 .0071 | .0040 | .0024 

Mineral oil by bath. 105 SOOSSI, acite< COOLS Hismacs, oa. ln seriall ieee 
157 ie. are - 0020 

471 IOS) ls ‘overs er . 0035 

Rape oil by siphon. 105 SOLE Tres ONS eos = crest auermae eiseete ees 
157 MLS alae ROIS COOS6F I Oe 

314 SULOS hoon gat ~ OOSZ 1] OOGSAT AT cierreatit alee 

Rape oil by pad.... 105 SONGS Fos OE | ass we eta cic ella s © seen le oeearernes 
157 .0099 | .009 OLOS. | OOS I Scr ocrell crenata 

314 sOES3. | O105 21) 0078. 0099. |e a. ne cteietereis 

* For 258 lb. per sq. in. 

40. Rolling Friction 

Rolling Resistance (or Friction). When a roller or wheel is made to roll, the 
reaction of the roadway has a component opposite to the direction of rolling, 
and this component is the rolling resistance. Thus R (Fig. 167) represents 
the reaction of the roadway, and its horizontal component is the rolling resist- 
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ance. The distance ¢ is called coefficient of rolling resistance. Let W = weight 
of roller or the load on the roadway, and P = driving force; when applied as 
in Fig. 167, thenPr = Wc; when at the top of the roller 
P2r = We. When a roller is interposed between a load 
and roadway so that there is rolling resistance at two 
places, then P2r = W2c. Few determinations of the 
coefficient c have been made; it has been reported as 
independent of W and 7, and also as independent of W 

but varying with v/r. “‘Laws”’ of-rolling resistances 
certainly remain to be established. The following are 
some reported values of the coefficient of rolling resist- 
ance: 

Lignum vite roller on oak track, 0.019 in. 
Elm roller on oak track, .032 
Cast-iron wheel (20 in. diam.) on cast-iron rail, 0.018-0.019. 
Railroad wheels (39.4 in. diam.) 0.020—-0.022. 
Iron or steel wheels on wood track, 0.06-0.10 

Roller Bearings offer less resistance than ordinary bearings. C. H. Ben- 

jamin has made a comparison (Machinery, N. Y., Oct., 1905) between thy 
friction in a flexible roller, a solid roller, and ordinary bearing. The speed was 
560 revolutions per minute and the loads varied from 113 to 456 lb. Under 
470-lb. load the flexible bearing developed end thrust of 13.5 lb. and the solid 
roller bearing one of 11 lb. 

Coefficients of Journal Friction 

Diameter Flexible rollers Solid Rollers 
of 

Journal 

Babbitt bearing 

Min. | Mean} Max. | Min. | Mean 

1-1/16 . ; 0.017 |0.022 |0.074 |0.029 |0.043 
2-3/16 ; O14 idoasn| ss. ius, oswetel 088 | .078 | .082 
2-7/16 015 | .021 | .114 | .083 | .096 
2-15/16 .019 | .027 | .125 | .089 | .107 

Stribeck (Zeit. Ver. Deutsch. Ing., 1902, vol. 46, p. 1463) from experiments of four 
different makes of roller bearings, proposes the following: Let W = load on bearing 
(lb.), » = number of rollers, 7 = length of each (in.), r = radius of convex bearing 
surface for rollers (in.), d = diameter of rollers (in.), D = diameter of circle described 
by centers of rollers (in.), 27 +d = D, c = coefficient of rolling resistance, f = co- 
efficient of friction such that fW = total resistance to turning as though applied 
tangentially at surface of bearing and fWr = moment of resistance to turning; then 
f = 1.2 cD/rd, and c has following values: 

for 5 W/Ind 50 75 100 150 200 lb. per sq. in. 
c = 0.0041 . 0032 . 0028 0022 .0019 in. 

He also states that the resistance of roller bearings is nearly independent of velocity; 
that the value of the highest roller pressure is 5 times the average, that is, 5 W/n; and 
he proposes as formula for safe load in Jb. on the bearing kidn/5, where k may be taken 
from 85 to 155 lb. per’sq. in. for unhardened rollers and bearing surfaces. F. R. Jones 
proposes (Machine Design, Part II) as formula for safe load for a well-made solid roller 
journal bearing of six or more rollers 100 000 d%/m/3 v, where v is the velocity of the 
convex bearing surface in feet per minute; but values of 7 less than 50 should not be 

used in the formula; for such velocity the safe load is practically the same as for » = 50, 

Ball Bearings. Stribeck reports extensive tests (Zeits. Ver. Deutsch. Ing., 
1901, vol. 45, p. 121) from which the following is taken. The ball cases were 
grooves, cross-sections of which were arcs of circles of radius 2/3 d, thus 
aording two points of contact for each ball, d = 7/8 in. D = 4 in. 
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Coefficients of Friction for a Ball Bearing 
Stribeck also states that when the num- 

Load Revolutions per minute ber of balls, m, in a race is between 10 and 
in TT ”—«s(«s—«200, «the greatest pressure on any ball is 

pounds 65 385 780 about 5 W/n, where W is the load per race; 
840 0.0033 0.0035 0.0037 then if P is the safe load fora single ball, 

1 870 0020 0021 0022 the safe load per race is Pn/5. Of course, 
24420 0017 0018 0019 ina good thrust bearing the load is uni- 
3 480 0016 0016 -00165| formly distributed among the balls. He 
4500 0015 0015 0015 | also recommends as safe loads per ball 
6 600 .0015 0013 0013 2100 d2 for two-point bearing balls, and 

HO, B00 pale arate os .. SOE .0011 | from 500 d? to 750d? for three- or four- 
(es AGS Sere hs point beans, 

A Comparison of Some Bearings for Line Shafts 

The table (from Trans. Am. Soc. 
Mech. Engrs., Vol. 35, page 593) 
gives relative amounts of power| Bearings 
consumed in friction of three kinds 

of bearings fora 2-7/16-in. line shaft. 
Grease was used for the ball bear- | ———————— 
ings and a mineral oil for the other | Ball... :.... 
two, applied by rings in the case | Flexible roller 
of babbitt. Temperatures refer to | Babbitt..... 
lubricant and are Fahrenheit. 

41. Efficiency of Machines 

Efficiency. A machine in operation receives and transmits or delivers 
energy. The energy received is called input, that transmitted or delivered 
is called output; the latter is also called the useful work of the machine. 
The output is always less than the input, some of the energy miscarrying 
as it were. The difference between output and input is the lost work, or 
simply loss. The efficiency of a machine is the ratio of output to input. 
The efficiency of a combination or succession of machines, the first receiving 
energy, transmitting to the second, the second to the third, etc., is the con- 
tinued product of their separate efficiencies. 

Efficiency of Some Machine Elements 
(Kimball and Barr, Elements of Machine Design) 

100 ft. per 300 ft. per 

min. 

Common DEATING, SIUCLY . 2 coi. sc eMalcm den aiiee ettac ame een wees 96-98% 
Common bearing, long lines of shafting.................2-008 A 95 
Rollef DEALING . 5. cain cve.s Lo cttles cose cieeines cee Re oe eee ee , 98 

Bal Deaningsr wc vc gems «ot hose Reni as oe ties eee eee 4 99 
Spur gear cast teeth, including bearings. ........ 2.0.00. c cece cece 93 
Spur gear cut teeth, including bearings... ........00.... 0c cee é 96 
Bevel gear cast teeth, including bearings......... Le ey 92 
Bevel gear cut teeth, including bearings............ pe Ane 2 ate 95 
Belting . dh iaesaawsss ca add aoralh © 2k oo paases <a Yes Hansiehect+ dis » 96-98 

Pin-connected chains, as sabe on bicycles..... ob Si aie? alaiewnsd one 95-97 

High-grade transmission chains. .............. eS Ae ES wary ite ae 97-99 

In some simple machines, the energy is supplied by means of a single force called the 
effort; for example in a hoisting tackle, the pull applied is the effort. The force against 
which the useful work is done is called load; in the illustration the weight of the lifted 
body is the load: The mechanical advantage of a machine is the ratio of the load to the 
effort. While the effort works or acts through any particular distance, the load acts 
through a definite distance also; the ratio of the former to the latter distance is called 
the velocity ratio of the machine. Mechanical advantage depends on efficiency of the 
machine; velocity ratio does not. In any case mechanical advantage = velocity 
ratio X efficiency. 



| 
| 
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' P = W sin (6 + a@)/cos (0 — ¢). P is least when 6 = ¢, 
| its value then being Wsin (6 +a). (2) When ais greater 
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Inclined Plane and Wedge. Let W = weight of body, f = coefficient of 
static friction, ¢ = angle of repose = angle of friction and f = tan ?,a= 
inclination of plane and @ inclination of P (Fig. 168), @ being 
positive as shown and negative when the inclination of P to 
the horizontal is less thana. (1) To start the body up, 

than ¢, gravity would overcome friction and the body, if 

not prevented by some pull as P, would slip down. To pre-‘ : 
vent slipping { Fig. 168 

P =W sin (a@ -- ¢)J/cos (9 + ¢) 

P is least when @ = — 4, its value then being W sin (a —¢). Whena is 
less than ¢, there is no danger of slipping. To start the body down 

P =W sin (6 —a)/ cos (6 — ¢) 

this is least when 0 = — g, its value then being W sin (¢ — a). When the 
body is being dragged up, let ¢ = angle of kinetic friction, that is, the angle 
whose tangent equals the kinetic coefficient, and e = efficiency. Then 

é = sinacos (9 — ¢$)/cos @-sin (6 + a) 

eis maximum when P is minimum, that is, when 9 = ¢. 

To start the wedge (Fig. 169) against the resistances R, P =2 Rtan(a+¢),@ 

being the angle of static friction. If the forces R continue to act and P ceases, the 
wedge will be pushed up if a is greater 
than ¢. If a is less than ¢, the pull re- 
quired to start the wedge outis P=2R 
tan(¢—a). The efficiency of the 
wedge is tana/tan (2+ ¢). In Fig. 170 
there are three rubbing surfaces here 
assumed equally rough. To start the 
wedge in, P = Rtan(a+2¢) and 
the efficiency is (tan a)/tan (a + 2 ¢). 

To pull the wedge out, when a is less than 2 ¢, P = W tan (2% — a). 

- Screw. Let = pitch, r = mean radius of screw thread, d = diameter, a = 
angle of pitch (tana = p/md), f = static, and w = kinetic coefficient, and 
ds and dg = the corresponding angles of friction (f = tang¢s and w = 
tan ¢z). The turning moment required to raise or lower a load W is 

Wr (f cosa + sin a)/(cos a ¥ f sina) 
the upper sign for raising and the lower for lowering the load. The efficiencies 
for raising and lowering are (tan @)/tan (a + ¢g) and [tan (@ — ¢¢)J/tan a. 

The following table gives highest and lowest efficiencies of some screws tested 
by Albert Kingsbury (Trans. A.S.M.E., vol. 17, p. 96). Mean diameter of 
thread = 1.352 in., pitch = 1/3 in., depth of nut 1-1/16 in., area of rubbing surface of 
thread about 1 sq. in.; the threads were cut carefully and worn to good condition 
before tested; speed about one-half r.p.m. There were 5 screws and 4 nuts as follows: 
S1 mild steel; S2 wrought iron; S3 cast iron; S4 cast bronze; S5 mild steel, case- 
hardened; Ni mild steel; N2 wrought iron; N3 cast iron; N4 cast bronze. 

Efficiencies of Square Threaded Screws (Kingsbury) 

Fig. 170 

Pressure on 
thread, Lubrication Highest Lowest 

Lb. per sq. in. 

10 000 machinery oil 0.20, S5 N4 | 0.11, S3 N3 
10 000 lard oil 0.25, S4 N4 | 0.09, S3 N3 
10 000 machinery oil and graphite 0.15, S5 N1 | 0.03, S55 N4 

3 000 machinery oil 0.19, S5 N2 | 0.11, $2 N4 
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Tackle. Fig. 171 represents a fixed pulley, Fig. 172 a movable pulley 
lifting and Fig. 173 a movable pulley Jowering the load. Let P = pull in 

lead line or off side, Q = that in fol- 

Q Yi, \owing or on side; then k = P/Q, 

where & is a coefficient always 
greater than unity. Its value de- 
pends on the stiffness or rigidity of 
the rope and the pin friction; this 
has been proposed: 

P Q Load k=1+Cd/a + 2fr/a 

7 F so 47 where d = diameter of rope, a = 
SE Ts Mz Hae £03 distance center of pin to center of 

rope, r = pin radius, f = coefficient of axle or pin friction, Can experimental 
coefficient. C = 0.46 has been recommended for hemp rope; with that value, 
and @ = 4d, r = d/2, and f = 0.08, 

for d = 1/2 3/4 1 1-1/2 in. 

k= 1.08 UP 25g 1.19 

Some experiments by the American Bridge Co. (Trans. Am. Soc. C. E., vol. 
51, p. 161) indicate that C itself depends on rope diameter. The following 
table gives values of C adopted and & computed from the formula preceding 
with f = 0.08; values of d, a, and 7 are in inches. 

Y 

Hemp rope Wire rope 

d 1-1/4 1-1/2 1-3/4 4 3/4 

a 3-7/8 4-9/16 5-3/8 6-/12 7-3/8 

r 7/8 1 1-1/8 1-3/8 2-1/2 

tS 0.46 | 0.40 0.38 0.34 1.8 
k 1.20 4021 1.23 4223: i245 

It may be noted that the pin friction contributes little to the value of &; in the cases 
above, 0.02 for the hemp and about 0.01 for the wire rope. The efficiencies for a single 
pulley are: if fixed 1/k, movable lifting (1 + k)/2 k, movable lowering 2/(1 +). The 
following table gives the ratios of load to pull for tackles of manila rope, as determined 
by experiments of American Bridge Co. (see Engr. Record, vol. 48, p. 307). 

Ratios of Load to Lead-line Pull for Manila Rope 
en el 

Diameter of rope, inches 
No; of | Se a ee eee ee 

Parts | 3/4 | 7/8 1 | 1-1/4] 1-1/2 | 1-3/4) 2° |2-1/4 

9°) £293) 19271 afo37tt 42 92 S44 on 144 Ort apoMils top 
3) | 2.73 Paes" oU7e (9). 68°)" 2067202264 | 21 o5¢ |! 2163 
4 | 3°48"! 3037-13. 50° 3.37 113.36 (937301! 3 32ah 3!98 
5 | 4.12 | 3.95 | 4.16] 3.95 | 3.93 | 3.84 | 3.87 | 3.80 
6 | 4.71 | 4.48 | 4.77 | 4.48 | 4.45 | 4.33 | 4.37 | 4.28 
7 | 5.23 | 4.92 | 5.30 | 4.92] 4.89 | 4.72 | 4.78 |. 4.65 
BL)5.71.| 75.32" ]7S. 80"). 5,32" | 5. 28°15, 08. [9514-15200 
9 || 6.12 | 5.66] 6.23 | 5.65.| 5.61 |.5.37 | 5.45 125.27 

10 | 6.50] 5.96 | 6.63 | 5.96 | 5.91.| 5.64 | 5.72 | 5.52 
11 | 6.83 | 6.22 | 6.98 | 6.21 | 6.15 | 5.85 | 5.94 | 5.72 
12 | 7.14 | 6.45 | 7.30 | 6.44 | 6.38 | 6.04 | 6.15 | 5.90 
13 | 7.40 | 6.64 | 7.58 | 6.63 | 6.56 | 6.20 | 6.31 | 6.04 
14 | 7.64 | 6.82 | 7.85 | 6.81 | 6.73 | 6.34 | 6.46 | 6.17 

Number of parts means number of runs of rope to movable block. Efficiency in per 
cent for any case = ratio divided by number of parts. Example: The fixed and 
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movable blocks of a tackle are each double (two sheaves in each), and the rope is fast- 
ened to the fixed block; rope diameter is one inch. Then the number of parts is 4.and 
the load is 3.50 times the pull; the efficiency is 3.50/4 = 87.5%. 

42. Muscular Exertion or Labor 

Power and Work of Men and Animals. The power or rate of working of 
any agent (man or beast) depends on several factors, the principal ones being 
the duration and form of the exertion. For example, in raising his own 
weight (climbing a stairs) man has worked (against gravity) at the average 
rate of 1-1/2 hp. for 6 seconds; but only dt the average rate of about 1/8 hp. 
for a day of 10 hours, and in this case the (necessary) descents were made 
without effort on his part. In one day a man can do about three times as: 
much work pulling horizontally as in lifting weights. 

Daily total work or performance depends on resistance overcome, velocity 
at which it is overcome, and length of the working day. The possible daily 
performance of any agent in any given form of exertion depends on proper 

choice or adjustment of these three factors. This is well illustrated by a cele- 
brated example developed by Dr. J. F. Taylor: At a certain steel works the 
regular performance of men loading pig iron onto cars from piles on the ground 

was 12-1/2 tons per day; the men best adapted to such labor were induced to 
work according to a suitable program of working and resting, whereby their 
output reached 47-1/2 tons per day. It may be noted that this performance 
was not all work in the mechanical sense, but partly transport; see following 
paragraphs. 

In trials, horses have overcome resistance equal to one-half their own weight 
through 100 ft. of distance. A draft or resistance of one-fourth the weight of 
the horse is regarded as heavy. For steady work during a day of 10 hours, a 
draft equal to 1/10 to 1/8 of the weight of the horse exerted at 2.5 miles per 
hour, is regarded as full demand on the animal. Under these circumstances 
a 1000-lb. horse works at 0.67 to 0.83 hp. 

The two tables on next page in the main are from Rankine on the 
authority principally of Coulomb, Navier and Poncelet. 

Explanation of Table. R = resistance overcome in pounds; » = effective velocity 
in feet per second, or distance through which R is overcome divided by total time 
occupied, including time of moving unloaded if any; Rv = effective power, foot- 
pounds per second; T = hours per working day; Rvt = daily work, in foot-pounds. 
In item 6, 132 is the weight of earth in the barrow, and .075 is the vertical velocity 
of the laborer when pushing the loaded barrow. Therefore Rv and Rvt (for this item) 
do not include all the mechanical work done by the laborer. 

Transport by Men and Draft Animals. When a man stands and supports 
a load on his back he is subject to more or less fatigue and ordinarily he regards 
himself as working. But he is doing no work in the technical or mechanical 
sense, ‘‘ overcoming resistance through distance.”” When he is walking under 
this load, he does some mechanical work, for he lifts the load slightly at each 
step, but even this is a small part of his exertion. In order to express amount 
of exertion involved in transporting loads horizontally, where the main effort 
is to support the load, Rankine uses product of load and distance transported, 
and he calls the product transport. Thus like work transport is product of 
force and distance but in the latter case the force and distance are at right 
angles to each other, whereas in the former they are directed along the same 
line. Transport then may be expressed in foot-pounds. Railroad traffic engi- 

neers use a similar concept, freight (hauled) or traffic, and measure it in 

ton-miles. 
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Work by Man and Horse 

Kind of Exertion 

Man 
1. Raising own weight up stair or 

Radides 2241 IY. JI Pe 143 0.5 72.5 8 2 088 000 
2. Hoisting weight with rope and 

pulleyiss. Ar Sshjuc6%9- 303: 40 0.75 30. 6 648 000 
3. Lifting weights by hand....... 44 0.55 24.2 6 522 720 

4. Carrying weights upstairs, - re- 
turning unloaded. .......... 143 0.13 18.5 6 399 600 

5. Shoveling up earth to height 
SP ee Mec eee eee 6 25 7.8} 10 280 800 

6. Wheeling earth in barrow up / 
slope 1: 12,returning unloaded} 132 0.075 9.9 10 356 400 

7. Pushing or pulling horizontally 
(capstan or oar}............ 26.5) 2.0 53 8 1 326 400 

iz.o peu 62.5 pe 

8. Turning a crank or winch ..... { 18 sls 45 8 1 296 000 
20 14.4 288 2 min. 

9. Working a pump............. 1S; 2025 33 10 1188 000 
10. Hammering..........-.... Rich. 15 ? ? 8? 480 000 

Horse 

11. Cantering and trotting, drawing ste 14-2/3| 447-2/3' 4 644 
light railway carriage....... Be -2/ -2/; 4000 

12. Walking, drawing cart or boat..} 120 3.6 432 8 12 441 000 
13. Walking, driving a gin or mill..| 100 3.0 300 8 8 640 000 
14. Trotting, driving a gin or mill.. 66 6.5 429 4-1/2 | 6 950 000 

Transport by Man and Horse 

Kind of Exertion Lyt 

Walking unloaded, ard 
Sen Weight.) ot eee | 25 200 000 

. Carrying burden, returning un- 
if egpathe ged sae Eye tcs 5032 800 

. Traveling with burden... ..... | 5 670 0CO 
! 

Carrying burden, 30 seconds only | 

Wheeling load Z in 2-wheeled 
barrow, returning unloaded. . 13 428 000 

Wheeling load Z in 1-wheel bar- 

row, returning unloaded..... | 7920 000 

Horse 
7. Carrying burden, walking. ..... : 34 992 000. 
8. Carrying burden, trotting. ..... E 32 659 200 

Explanation of Table. Lis the weight or load transported in pounds; vis “ effective 
~elocity * as in preceding table; Lv = rate of transport in foot-pounds per second; 
T = hours per working day; and Lvt = transport in foot-pounds per day. 
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26. Six-Place Logarithms of Numbers 

The small table on page 173 gives logarithms of the natural numbers from 
1 to 100 with their characteristics. 

The extended table on pages 147 to 173 gives the logarithms of the natural 
numbers from 100 to 10000 without their characteristics which are to be 
supplied by the rules of Art. 24, Sect. 1. For example 

log 112 = 2.049218 log 1126 = 3.051538 

Logarithms of numbers with more than four figures are to be found by help 
of the last column giving differences and the proportional parts at the foot of 
each page. For example when the number 17 456 is given first find log 1745 
= 241795 and the difference 249. Then the proportional part corresponding 
to 6 in the last place is 149 and log 17456 = 241795 + 149 = 241944 to which 
the characteristic is to be prefixed; hence log 17456 = 4.241944. Similarly 
log 174567 = 5.241795 + 149 + 17 = 5.242061. 

When a logarithm is given to find the corresponding number: If log is 
2.932220 the number is 855.5. When the logarithm is not found exactly in 
the table take the next smaller one and find the difference between it and the 
given logarithms; then divide that difference by the number in the column 
Diff. and add the quotient to the smaller logarithms. For example, given 
2.932260, the next smaller logarithm is 2.932220 corresponding to the number 
855.5; the logarithm of this is 40 units less than the given one and the Diff. 
is 51 then 40/51 = 8 so that the number corresponding to the logarithm 
2.932260 is 855.58. The table of proportional parts at the foot of the page 
shows 8 immediately as the figure to be added. 
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26. Logarithms of Numbers 

No. 100 L. 000.] 

an mpeer pia ae) f) ee | ee } 8 to lie: 

ee — yo pe 1801 | 1734 a 2598 | 8029 | 3461 | 8891 | 432 
3% 75 5609 | 6038 6894 | 7321 | 7748 | 817: 

2] 8600 | 9026 | 9451 | 9876 |__| tes? 
—_—— | 0300 || 0724 | 1147 | 157 1993 | 2415 | 424 

3 | 012837 | 3259 | 3680 | 4100 | 4521 || 4940 | 5360 | 5779 | 6197 | 6616 
a 7033 | 7451 | 7868 | 8284 | 8700 || 9116 | 9532 | 9947 —— 

} == ——_ 0361 | 077 416 
5 | 021189 | 1603 | 2016 | 2428 | 2841 || 8252 | 3664 | 4075 | 4486 | 4896 | 412 
6 5306 | 5715 | 6125 | 6533 | 6942 || 7350 | 7757 | 8164 | 8571 | 8978 | 408 
ve 9384 | 9789 | —S ee oe ey 

| 0195 | 0600 | 1004 ||} 1408 | 1812 | 2216 | 2619 | 3021 404 
8 | 033424 | 3826 | 4227 | 4628 | 5029 || 5430 | 5830 | 6230 | 6629 | 7028} 400 
9 7426 | 7825 | 8223 | 8620 | 9017 || 9414 | 9811 __—_—_|—__|__ 

04 | 0207 | 0602 | 0998 | 3897 

PROPORTIONAL Parts, 

| Diff. 1 2 3 4 5 6 am, 8 9 

434 | 43.4) 86.8 | 130.2! 173.6] 217.0 | 260.4| 303.8} 347.2 | 390.6 
433 | 43.3) 86.6 | 129.9] 173.2] 216.5 | 259.8] 303.1 | 346.4 | 389.7 
432 | 43.2| 86.4 | 129.6 | 172.8| 216.0] 259.2 | 302.4 | 345.6 | 388.8 
431 43.1 86.2 129.3 172.4! 215.5.| 258.6) 301.7 | 3844.8 | 387.9 
430 | 43.0} 86.0 129.0] 172.0} 215.0 | 258.0] 301.0] 344.0 | 387.0 
429 | 42.9) 88 128.7 | 171.6} 214.5 | 257.4] 300.3] 848.2 | 386.1 
428 | 42.8) 85.6 128.4 171.2 | 214.0 | 256.8} 299.6 | 342.4 | 385.2 
a7 | 42.7) 85.4 128.1 170.8 | 218.5 | 256.2] 298.9] 341.6 | 384.3 
426 | 42.6] 85.2 127.8 170.4 | 213.0 | 255.6} 298.2| 340.8 | 383.4 
425 | 42.5 | 85.0 127.5 170.0 | 212.5 | 255.0] 297.5 | 840.0 | 382.5 

424 | 42.4] 84.8 127.2 | 169.6 | 212.0] 254.4] 296.8) 839.2 | 381.6 
423 | 42.3| 84.6 126.9 169.2 | 211.5 | 253.8] 296.1 338.4 | 880.7 
422 | 42.2| 8.4 126.6 168.8} 211.0] 253.2] 295.4] 337.6 | 379.8 
421 42.1 84.2 126 3 168.4 | 210.5 | 252.6] 294.7] 3386.8 | 378.9 
420 | 42.0; &.0 126.0 168.0 | 210.0 | 252.0] 294.0] 336.0 | 378.0 
419 | 41.9] 83.8 125.7 167.6 | 209.5 | 251.4] 293.38) 3885.2 | 3877.1 
418 | 41.8 | 83.6 125.4 167.2 | 209.0} 250.8] 292.6] 3834.4 | 376.2 
417 | 41.7] 83.4 125.1 166.8 | 208.5 | 250.2] 291.9] 333.6 | 375.3 
416 | 41.6 83.2 124.8 166.4 | 208.0] 249.6 | 291.2] 3882.8 | 374.4 
415 | 41.5 | 83.0 124.5 166.0 | 207.5 | 249.0 | 290.5 | 832.0 | 873.5 

414 | 41.4] 82.8 124.2} 165.6] 207.0| 248.4] 289.8] 831.2 | 372.6 
413 | 41.3] 82.6 123.9 165.2} 206.5 | 247.8 | 289.1 830.4 | 371.7 
412 | 41.2} 82.4 123.6 164.8 | 206.0] 247.2 | 288.4) 329.6 | 370.8 
411 41.1 82.2 123.3} 164.4] 205.5 | 2466] 287.7] 328.8 | 369.9 
410 | 410} 820 123.0 164.0 | 205.0 | 246.0] 287.0 | 328.0 | 369.0 
409 | 40.9; 81.8 122.7 163.6} 204.5 | 245.4] 286.3] 827.2 | 368.1 
408 40.8} 81.6 122.4 163.2 | 204.0 | 2448] 285.6 | 326.4 | 367.2 
407 | 40.7) 81.4 122.1 162.8 | 2035] 244.2] 284.9] 3825.6 | 366.3 
406 40.6) 81.2 121 8 162.4 |} 203.0| 2436] 284.2] 324.8 | 365.4 
405 | 40.5 | 81.0 121.5 | 162.0} 202.5 | 24830] 288.5 | 324.0 | 364.5 

404 | 40.4} 808 1212] 161.6 | 202.0} 242.4 aa $28.2 | 363.6 
403 | 40.3] 80.6 120.9 161.2 | 201.5 | 241.8 2.1 822.4 | 362.7 
402. | 40.2} 80.4 1206 | 160.8} 201.0] 2412] 281.4 | 321.6 | 361.8 
401 | 40.1] 80.2 120.3 | 160.4] 2005] 2406) 280.7 | 320.8 | 360.9 
400 | 40.0] 800 120.0 | 160.0} 200.0] 240.0} 280.0 | 320.0 | 360.0 
399 39.9 79.8 119.7 | 159.6 199.5 | 239.4] 279.3 | 319.2 | 359.1 
398 | 39.8} 79.6 119.4] 159.2} 199.0] 238.8] 278.6] 318.4 | 358.2 
397 | 89.7} 79.4 119.1} 158.8) 198.5] 238.2] 277.9 | 317.6 | 357.3 
396 39.6 | 79.2 118 8 158.4 198.0 | 287.6] 277.2 | 316.8 | 356.4 
805 | 39.5 | 79.0 118.5 | 158.0] 197.51 287.01 276.5! 316.0! 355.5 



148 Common Logarithms 

26. Logarithms of Numbers 

No, 110 L, 041.) [No. 119 L. 078, 

N. 0 1 2 8 9 | Diff. 

110 | 041393 | 1787 | 2182 4932 | 393 
5323 | 5714 | 6105 8830 | 390 

OO IPT Pwo we 

— | — | q— | —q—]\| qe 9 qy | ue —_ | i“ | — 

39.5 | 79.0 | 118.5 | 158.0| 197.5] 237.0 | 276.5] 3816.0 | 355.5 
894] 39.4] 78.8 | 118.2| 157.6] 197.0] 236.4] 275.8| 315.2 | 354.6 
393 | 39:3] 78.6 | 117.9] 157.2] 196.5] 235.8 | 275.1] 814.4 | 358.7 
302 | 39.2] 78.4 | 117.6 | 156.8] 196.0] 235.2] 274.4 | 313.6 | 352.8 
391 | 39.1] 78.2 | 117-3] 156.4] 195.5] 234.6 | 273.7| 9128 | 351.9 
390 | 39.0] 78.0 | 117.0] 156.0| 195.0] 234.0] 273.0] 312.0 | 351.0 
389 | 38.9] 77.8 | 116.7 | 155.6 | 194.5| 233.4| 272:3| 3811.2 | 350.1 
388 | 38.8| 77.6 | 116.4] 155.2] 194.0] 232.8] 271.6 | 310.4 | 349.2 

7 | 387] 4 | 116.1] 154.8] 193.5] 232.2] 270.9] 309.6 | 348.8 
386 | 38.6 | 77.2 | 115.8 | 154.4] 193.0] 231.6 | 270.2 | 808.8 | 347.4 
885 | 98.5] 77.0 | 115.5 | 154.0] 192.5] 231.0 | 269.5 | 808.0 | 346.5 
884 | 38.4 | 76.8 | 115.2] 158.6] 192.0] 230.4 | 268.8 | 307.2 | 345.6 
388 | 38.3) 76.6 | 114.9] 158.2] 191.5] 220.8] 268.1 | 306.4 | 344.7 
882 | 38.2] 76.4 | 114.6] 152.8] 191.0] 229.2] 267.4 | 3805.6 | 343.8 
881 | 38.1] 76.2 | 114.3] 152.4] 190.5] 2286] 266.7 | 304.8 | 342.9 
380 | 38.0] 76.0 | 114.0 | 152.0] 190.0] 2288.0} 266.0 | 304.0 | 342.0 
379 | 87.9| 75.8 | 113-7 | 151-6] 180.5 | 227.4] 265.3] 803-2) 341.1 
378 | 87.8| 75.6 | 113.4] 151.2] 189.0] 226.8] 264.6 | 302.4 | 340.2 
877 | 37.7 | 7.4 | 118.1] 150.8] 1885] 2262] 268.9 | 801-6 | 339.8 
376 | 37.6} 75.2 | 112.8] 150.4] 188.0| 225.6] 263.2 | 300.8} 338.4 
875 | 37.5 | 75.0 | 112.5 | 150.0] 187.5] 225.0] 262.5 | 300.0 | 337.5 
374 | 37.4| 74.8 | 112.2] 1496] 187.0] 224.4] 261.8| 299.2 | 336.6 
373 | 37.3] 74.6 | 111.9] 149.2] 186.5] 228.8] 261.1 | 298.4 | 335.7 

B72 | 87.2] 44 | 111-6] 1488] 186.0] 223.2] 260.4] 207.6 | 334.8 
B71 | 87.1] 74.2 | 111.3] 148.4] 185.5] 222.6 | 259.7 | 296.8 | 333.9 
870 | 37.0] 74.0 | 111-0} 148.0] 185.0] 222.0] 250.0 | 296.0 | 333.0 
869 | 36.9] 73.8 | 110.7] 147.6 | 184.5 | 221.4] 258.3 | 295.2 | 332.1 

36.8] 73.6 | 110.4] 147.2] 1840 | 220.8] 257.6} 204.4 | 331.2 
36.7] 73.4 | 110.1] 146.8] 183.5 | 220.2] 256.9 | 293.6 | 330.3 
86.6] 73.2 | 109.8] 146.4] 1830] 219.6| 256.2 | 292.8 | 320.4 
36.5 | 73.0 ‘5 | 146.0] 182.5| 219.0] 255.7 | 292-0 | 328.5 
36.4] 72.8 145.6 | 182.0| 218.4] 254.8 | 201.2 | 327.6 
36.3] 72.6 145.2 | 181.5] 217.8] 254.1 | 200.4 | 326.7 
36.2 | 72.4 144.8 | 1810] 217.2] 253.4 | 280.6 | 325.8 
36.1] 72.2 144.4 | 180.5 | 216.6 | 252.7 | 288.8 | 824.9 
36.0 | 72.0 144.0 | 180.0 | 216.0 | 252.0 | 288-0 | 324.0 
35.9 | 71.8 143.6 | 179.5} 215.4 | 251.3 | 287.2 | 328.1 
35.8 | 71.6 143.2 | 179.0-| 214.8 | 250.6 | 286.4 | 322.2 
35.7 | 71.4 142.8 | 178.5 | 214.2 | 249.9 | 285.6 | 321.8 
35.6 | 71.2 142.4 | 178.0 | 213.6 | 249.2 | 284.8 | 320.4 
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26. Logarithms of Numbers 

No. 120 L. 079.] [No. 134 L. 180. 

8 | 9 | Dif, 

079181 | 9543 | 9904 |_—— 
———- | | eno | 2067 

a gs | | | 2s | Se | i, a 3 9905 | 9198 | 9552 

} | 0258 | 0611 | 0963 | 1z 2721 
4 | 3772 | 4122 71 20 |! 6215 
5 7257 | 7604 7951 | 8 | 86 Be 9681 

6 | 1403 |. 3119 
7 4828 6531 
8 | 8227 79 | 9916 

9 3275 

30 6608 
1 9915 

2 3198 
3 6456 
4 9690 

Diff.| 1 i 4 5 6 7 8 9 

855 | 355} 71.0 | 1065) 142.0] 177.5 | 213.0| 248.5} 284.0 | 319.5 
854 | 35.4] 70.8 | 1062] 1416] 177.0| 212.4] 278] 23.2 !| 318.6 

| 353 | 353] 706 105.9} 141-2] 1765] 211.8) 247.1] 282.4} 317.7 
852 | 352) 70.4 1056 | 1408) 176.0/ 211.2} 246.4] 281.6 | 316.8 

} 81 | 35.1} 702 | 1033); 1404] 175.5) 2106) 245.7] 280.8 | 315.9 
350 | 350! 700 | 1050| 140.0] 175.0) 2100] 245.0] 280.0! 315.0 
349 | 34.9/ 69.8 104.7 | 139.6 | 1745 | 209.4 | 244.5 79.2 | 314.1 
848 | 34.8! 696 1044 / 139.2] 1740] 2088] 2436) 2784] 313.2 
347 | 34.7| 694 104.1}; 138 8/ 173.5 | 2082) 242.9] 277.6 | 312.3 
346 | 34.6) 69.2 103.8 | 138.4} 173.0 | 207.6 | 242.2 76.8 | 311.4 

345 | 345) 690 103.5 | 1380] 1725} 207.0] 2415] 2760} 310.5 
344 | 34.4] 688 103 2} 1376] 1720/ 206.4) 240.8] 275.2} 3096 

|} 843 | 34.3) 686 102 9| 1372] 1715} 2058] 240.1] 274.4 | 308.7 
342 | 34.2] 684 102.6 | 136.8 | 171.0 | 205.2] 2394] 273.6 307.8 
341 | 341) 682 102.3} 1364] 1705 | 2046) 288.7] 272.8 | 3069 

' 840 | 34.0] 680 102.0} 1369; 1700) 204.0] 238.0] 272.0 | 306.0 
| 339 | 33.9] 678 1017 | 1356] 1695 | 203.4 37.3} 2712} 305.1 

338 | 33.8| 67 6 101.4 | 1852] 169.0) 202.8 | 236.6] 270.4 | 304.2 
887 | 33.7 | 674 1011| 134.8) 1685 | 2022] 285.9 | 2696 303.3 
336 | 33.6 7 2 1008 | 134.4} 168.0 | 201.6 | 235.2| 268.8 | 302.4 

1 335 | 33.5] 670 | 1005| 134.0| 167.5| 2010) 234.5| 2680) 301.5 
334 | 33.4 | 66.8 100.2 | 133.6} 167.0) 2004] 2338) 267.2 | 300.6 
333 | 33.3 | 666 99.9} 133.2] 166.5 | 199.8 | 2383.1 | 266.4 | 299.7 
332 | 332/| 66.4 99.6 | 132.8] 166.0} 199.2 | 232.4] 265.6 | 298.8 

| 831 | 33.1] 66.2 99.3 | 132.4] 1655) 198.6 | 231.7 | 264.8 | 297.9 
} 830 | 33.0} 66.0 99.0; 182.0; 165.0; 198.0; 231.0, 264.0 | 297.0 
|} 829 | 32.9] 65.8 98.7 | 131.6 | 164.5} 197.4] 2303] 2632] 206.1 
828 | 32.8) 65.6 98.4 | 131.2] 164.0| 196.8 | 2296] 262.4 | 295.2 

| 827 | 82.7 | 65.4 98.1] 130.8] 168.5 | 196.2] 228.9 | 261.6 | 294.3 
| 826 | 322.6)| 65.2 97.8} 130.4] 163.0} 195.6] 228.2| 260.8) 298.4 

825 | 82.5] 65.0 97.5 | 130.0] 162.5 | 195.0] 227.5 | 2600 | 292.5 
| 824 | 82.4] 64.8 97.2 | 129.6 | 1620} 194.4] 2268 | 2592 291.6 
823 | 32.3] 64.6 96.9} 129.2 | 161.5 | 193.8 | 226.1 | 258.4 | 290.7 

} 822 | 32.2 | 64.4 96.6 | 128.8 | 161.0] 193.2 | 225.4 | 257.6 | 289.8 
| EE EEEREIEnSEEEEInSmeesemeaed 



150 Common Logarithms 

26. Logarithms of Numbers 

No. 1385 L. 130.] [No. 149 L. 175, 

| 7985 

1063 
8815 | 4120 
6852 | 7154 
9868 | 
—| 0168 
2863 3161 
5838 | 6134 
8792 | 9086 

0555 | 0848 1726 | 2019 
3478 | 3769 | 4060 | 4351 |) 4641 | 4992 

PROPORTIONAL PaRTS, 

| - 

ieee 

AM IAWOOrH 

82 
382 
3 
8 
3 
3 
31 

BOEREE 
co co sea oe 

C) & 

co rs ci] 

co CO rw 
~ 

PRBNLS REBBERERES ESEseees: 

TR wWMHOWO DABAUARWMWROO HRHSNISS BES 

RBSSES EE SSS ess. MOWMWHOD WIRD 

3 {AIISH SRSSSBSSSe SSssaaeees geeeesasee WPAHDWOW MADOCWHRAWDOCW RAWDOCWRADOW RPADOWRADOW FLLVAY ARABPSVSES SSLLCLLKS SSRELGKRSE DWH PWIOW MONWTIDHPVIOW BOWTDOHRIOCW DONnWowmr R100 PUSHES ERESSSEBES ERERERESES SSASEEEESS| o DWOAPWOD ALNWCHOAMAPHLNWOW AAWODWAHLNWOD ARWOCODHWOW DAUDOOM WWRUMAWWDOCOKM WWRUAIDOSO SSEeae Rao ses: WORAWON PHO ® 2 
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26. Logarithms of Numbers 

No. 150 L. 176.] (No. 169 L. 230, 

N. 0 | 1 2 | 8 4 6 6 7 8 9 | Diff. 

150 | 176091 | 6381 | 6670 | 6959 | 7248 || 7536 | 7825 | 8113 | 8401 | 8689 | 289 
1| 8977 | 9264 | 9552 | 9839 | eee are 

Renee —— 0126 || 0413 | 0699 | 0986 | 1272 | 1558 | 287 
2 | 181844 | 2129 | 2415 | 2700 | 2985 | 3270 | 8555 | 3889 | 4123 | 4407 | 285 
3 | 4691 | 4975 | 5259 | 5542-| 5825 || 6108 | 6391 | 6674 | 6956 | 7239 | 283 
4| 7521 | 7803 | 8084 | 8366 | 8647 || 8928 | 9209 | 9490 | 9771 
aes } dt — 0051 | 281 

5 | 190332 | 0612 | 0892 | 1171 | 1451 || 1730 | 2010 | 2289 | a567 | 2846 | 279 
6| 3125 | 3403 | 3681 { 3959 | 4237 || 4514 | 4792 | 5069 | 5346 | 5623 | 278 
7 | 5900 6176 | 6453 | 6729 | 7005 |) 7281 | 7556 | 7832 | 8107 | 8382 | 276 
8| 8657 | 8932 | 9206 | 9481 | 9755 aan 

pee 2 — || 0029 | 0303 | 0577 | 0850 | 1124 | 274 
9 | 201397 | 1670 | 1943 | 2216 | 2488 || 2761 | 3033 | 3305 | 3577 | 3848 | 272 

160 | 4120 | 4391 | 4663 | 4934 | 5204 || 5475 | 5746 | 6016 | 6286 | 6556 | 271 
1| 6826 | 7096 | 7365 | 7634 | 7904 || 8173-| 8441 | 8710 | 8979 | 9247 | 269 
2| 9515 | 9783 | aces, ees 

| 0051 | 0319 | 0586 || 0853 | 1121 | 1388 | 1654 | 1921 | 267 
8 | 212188 | 2454 | 2720 | 2986 | 3252 || 3518 | 3783 | 4049 | 4314 | 4579 | 266 
4} 4844 | 5109 | 5373 | 5638 | 5902 || 6166 | 6430 | 6694 | 6957 | 7221 | 264 
5| 7484 | 7747 | 8010 | 8273 | 8536 || 8798 | 9060 | 9323 | 9585 | 9846 | 262 

6 | 220108 | 0370 | 0631 | 0892 | 1153 || 1414 | 1675 | 1936 | 2196 | 2456 | 261 
7| 2716 | 2976 | 3236 | 3496 | 3755 || 4015 | 4274 | 4533 | 4792 | 5051 | 259 
8| 5309 | 5568 | 5826 | 6084 | 6342 || 6600 | 6858 | 7115 | 7372 | 7630 | 258 
9| 7887 | 8144 | 8400 | 8657 | 8913 || 9170 | 9426 | 9682 | 9938 |——— 

23 | 01938 | 256 

PROPORTIONAL PARTS. 

Dit,|) 1 2 3 4 5 6 ai 8 9 

285 | 28.5| 57.0 | 85.5 | 114.0] 142.5 199.5 | 228.0 | 256.5 
28.4] 56.8 | 85.2 | 113.6 ‘ : .2 | 255.6 
28.3] 56.6 | 84.9 | 113.2 254.7 
98.2] 56.4 | 84.6 | 112.8 253.8 
98.1| 56.2 | 84.8 | 1124 252.9 
28.0} 56.0 | 84.0 | 112.0 252.0 
27.9| 55.8 | 83.7 | 111.6 251.1 
27.8| 55.6 | 83.4 | 111.2 250.2 
27.7 | 55.4 | 88.1 | 110.8 249.3 
27.6 | 55.2 | 82.8 | 110.4 248.4 
27.5] 55.0 | 82.5 | 110.0 247.5 
27.4] 54.8 | 82.2 | 109.6 246.6 
27.3) 54.6 | 81.9 | 109.2 245.7 
27.2 | 54.4 | 81.6 | 108.8 244.8 
27.1 | 54.2 81.3 108.4 243.9 
27.0} 54.0 | 81.0 | 108.0 243.0 

| 26.9 | 53.8 80.7 107.6 242.1 
26.8 | 53.6 | 80.4 | 107.2 241.2 

: 26.7 | 53.4 | 80.1 106.8 240.3 
26.6 | 53.2 | 79.8 106.4 239.4 

26.5] 53.0 | 79.5 | 106.0 208.5 
: 26.4] 52.8 | 79.2 | 105.6 237.6 
Be 26.3] 52.6 | 78.9 | 105.2 236.7 

26.2) 52.4 | 78.6 (04. 235.8 
26.1) 52.2 | 78.3 234.9 
26.0] 52.0 | 78.0 234.0 
25.9) 51.8 | 27.7 233.1 
25.8 | 51.6 | 77.4 232.2 
25.7 | 51.4 | 7.1 231.3 
25.6 | 51.2 | 76.8 230.4 
25.5 | 51.0 | 76.5 229.5 



152 Common Logarithms 

26. Logarithms of Numbers 
——— 

No. 170 L, 230.] (No. 189 L. 278, 

N.| 0 St SPAS eae 6 | 6] 2! 8s | ® | pir, 

7 04 | 0960 | 1215 | 1470 || 1724 | 197 2488 | 2742 | 255 
170 | Po996 | 8250 | 504 | 3757 | 4011 || 4264 | 4517 | 4770 | 5028 | 5276 | 258 

2| 5528 | Bret | 033 | 6285 | 6537 || 6780 | TOA | Teee | Todd | 7795 | 52 
8548 | 8799 | 904 9550 | 9800 |——— 3| 8046 | com) a0 

0799 | 1048 | 1297 | 1546 || 1795 | 2044 | 2293 | 2541 | 27: 
6 | tebe | sone | 3534 | 3782 | 4030 || 4277 | 4505 | ar7e | soi9 | 5206 | 248 
6 | 5513 | 5759 | 6006 | 6252 | G19 || 6745 | 6901 | 7287 | Tse | Ties | BAG 

73 | 8219 | 8464 | 8709 | 8954 7 | 7973 | 8219 7 | ee 

250420 | 0664 | 0908 | 1151 | 1395 || 1638 | 1881 | 2125 | 2368 | 2610 
| *2e3 | 3096 | 8338 | 3580 | sae || does | 4306 | 4548 | 4700 | 5031 | 242 

180 | 5273 | 5514 | 5755 | 5996 | 6237 || 6477 | e718 | 6958 | 7198 | 7439 | 241 
1| 7679 | 7918 | 8158 | 8398 | 8637 || 8877 | 9116 | 9355 | 9594 | 9833 | 239 

2 | 260071 | 0310 | 0548 | 0787 | 1025 || 1263 | 1501 | 1739 | 1976 | 2214 | 238 
3 | ~ 2451 | 2688 | 2925 | 3162 | 3399 || 3636 | 3873 | 4109 | 4346 | 4582 | 237 
4| 4818 | 5054 | 5290 | 5525 | 5761 || 5996 | 6232 | 6467 | 6702 | 6937 | 235 
5| 7172 | 7406 | 7641 | 7875 | 8110 || $344 | 8578 | 8812 | 9046 | 9279 | 234 
6| 9513 | 9746 | 9980 Based Betis 
eee ——| 0213 | 0446 | 0679 | 0912 | 1144 | 1377 | 1609 | 233 

7 | 271842 | 2074 | 2306 | 2538 | 2770 || 3001 | 3233 | 3464 | 3696 | 3027 | 232 
8 | “4158 | 4389 | 4620 | 4850 | 5081 | 5311 | 5542 | 5772 | 6002 | 6232 | 230 
9 | 6462 | 6692 | 6921 | 7151 | 7380 | 7609 | 7838 | 8067 | 8296 | 8525 | 229 

PROPORTIONAL Parts, 

Diff 1 2 3 4 5 6 <f 8 9 

255 | 25.5} 51.0 76.5 102.0 | 127.5 53.0} 178.5 | 204.0 | 229.5 
254 | 2.4] 50.8 76.2 101.6 | 127.0] 152.4) 177.8 | 203.2 | 228.6 
253 | 25.3 | 50.6 75.9 101.2 | 126.5 | 151.8 | 177.1 | 202.4 | 227.7 
252 | 25.2] 50.4 75.6 100.8 | 126.0] 151.2] 176.4] 201.6 | 226.8 

25.1] 50.2 75.3 100.4 | 125.5 | 150.6} 175.7 | 200.8 | 225.9 
25.0} 50.0 75.0 100.0 | 125.0} 150.0] 175.0 | 200.0 | 225.0 
24.9} 49.8 74.7 99.6 | 124.5 | 149.4] 174.8! 199.2 | 224.1 
24.8] 49.6 74.4 99.2 | 124.0] 1488] 178.6] 198.4 | 228.2 
24.7} 494 74.1 98.8 | 123.5 | 1482] 172.9] 197.6 | 222.3 
24.6] 492 73.8 98.4 | 128.0} 147.6] 172.2 | 196.8 | 221.4 
24.5] 49.0 73.5 98.0 | 122.5 | 147.0 | 171.5 | 196.0 | 220.5 

244] 488 73.2 97.6 | 122.0] 146.4] 170.8 | 195.2 | 219.6 
24.3] 48.6 72.9 Q7.2 | 121.5 | 145.8] 170.1 | 194.4 | 218.7 
2.2) 48.4 72.6 96.8 | 121.0} 145.2] 169.4) 198.6 | 217.8 
2.1] 482 72.3 96.4 | 120.5] 144.6] 168.7] 1928 | 216.9 
24.0] 48.0 72.0 96.0 | 1200] 144.0] 168.0] 192.0 | 216.0 
23.9 | 47.8 cele 95.6) 1195] 148.4] 167.38] 191.2 | 215.1 
23.8} 47.6 71.4 95.2 | 119.0] 142.8] 166.6 | 190.4 | 214.2 
23.7 | 47.4 71.1 94.8} 118.5 | 142.2] 165.9] 189.6 | 213.3 
23.6} 47.2 70.8 94.4) 118.0} 141.6] 165.2] 188.8 | 212.4 
23.5 | 47.0 70.5 94.0 | 117.5 | 141.0] 164.5 |} 188.0 | 211.5 

23.4] 46.8 70.2 93.6 | 117.0] 140.4] 163.8] 187.2 | 210.6 
23.3] 46.6 69.9 93.2 | 1165] 139.8) 1638.1] 186.4 | 209.7 
23.2 | 46.4 69.6 92.8 | 116.0] 139.2] 162.4] 185.6 | 208 8 
23.1] 46.2 69.3 92.4) 115.5 | 1388.6] 161.7 | 184.8 | 207.9 
23.0 | 46.0 69.0 92.0 | 115.0] 138.0 | 161.0] 184.0 | 207.0 
22.9} 45.8 68 7 91.6 | 114.51 187.4] 160.3] 188.2 | 206.1 
22.8] 45.6 68 4 91.2 | 114.0 | 136.8] 1596 | 182.4 | 205.2 
22.7 | 45.4 68.1 90.8 | 118.5 | 186.2] 158.9] 181.6 | 204.3 
22.6 | 45.2 67.8 | 90.4] 113.0] 185.6] 158.2] 180.8 | 208.4 
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26. Logarithms of Numbers 

[No. 214 L. 382. 

COMI WCOROR 

s 

3665 | 3871 
5721 | 5926 
a, 67 | 7972 

1 
2 
3 
4 

5 
6 
v4 
8 

9 

210 
1 
2 
3 

4 
— } 0008 

0819 | 1022 | 1: 1630 | 1832 | 2034 

PROPORTIONAL ParTs. 

4 

QD foryor) ow 

BRR R22 aso 

wo 

forkor} oror ma 

Zz MWOOH DWAR or 

AWOW DH PAW CHOMOMErD-E | 

Re NERNENYE 
Meet Rie RP VIF QRA RAR 
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2 i = 

38 oo 

SECRETS WW POD 
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154 Common Logarithms 

26. Logarithms of Numbers 

No. 215 L. 332.] [No. 239 L, 380, 

N. 0 1 2 8 4 6 6 7 8 9 | Die. 

332438 | 2640 | 2842 | 3044 | 3246 || 3447 | 3649 | 3850 | 4051 | 4253 | 202 
4454 | 4655 | 4856 | 5057 | 5257 |) 5458 | 5658 | 5859 | 6059 | 6260 | 201 

56 8058 | 8257 | 200 

Oo OID 

: Oo gs S i=) a g 2 © © z 

8 

CONDO PWMWHO wWONSHTOLR Wnokeo 

8 

40.4 60.6 80.8 101.0 | 121.2] 141.4 | 161.6 | 181.8 
40.2 60.3 80.4 100.5 | 120.6 | 140.7] 160.8 | 180.9 
40.0 60.0 80.0 100.0 | 120.0] 140.0] 160.0 | 180.0 
39.8 59.7 79.6 99.5] 119.4] 139.3] 159.2] 179.1 
39.6 59.4 79.2 99.0} 118.8 | 188.6 | 158.4 | 178.2 
39.4 59.1 78.8 98.5 | 118.2 | 187.9) 157.6 | 177.8 
39.2 58.8 78.4 98.0 | 117.6} 187.2 | 156.8 | 176.4 
89.0 58.5 78.0 97.5 | 117.0 | 186.5 | 156.0 | 175.5 
38.8 58.2 (7.6 97.0 | 116.4 | 185.8 | 155.2 | 174.6 

38.6 57.9 77.2 96.5 | 115.8} 185.1 | 154.4 | 173.7 
388.4 57.6 76.8 96.0) 115.2] 1384.4 | 153.6 | 172.8 
38.2 57.3 76.4 95.5] 114.6 | 133.7] 152.8 | 171.9 
38.0 57.0 76.0 95.0} 114.0 | 133.0 | 152.0 | 171.0 
37.8 56.7 75.6 94.5 | 118.4 | 182.8) 151.2 | 170.1 
387.6 56.4 75.2 94.0| 112.8; 181.6 | 150.4 | 169.2 
87 4 56.1 74.8 93.5] 112.2] 180.9 | 149.6 | 168.3 
387.2 55.8 74.4 93.0} 111.6} 180.2 | 148.8 | 167.4 

387.0 55.5 74.0 92.5] 111.0] 129.5} 148.0 | 166.5 
36.8 55.2 73.6 92.0] 110.4 | 128.8} 147.2 | 165.6 
36.6 54.9 73.2 91.5) 109.8 | 128.1] 146.4 | 164.7 
36.4 54.6 72.8 91.0] 109.2] 127.4] 145.6 | 163.8 
36.2 54.3 72.4 90.5 | 108.6] 126.7 | 144.8 | 162.9 
36.0 54.0 72.0 90.0 | 108.0] 126.0] 144.0 | 162.0 
35.8 53.7 71.6 89.5 | 107.4] 125.38] 143.2 | 161.1 



Common Logarithms 155 

26. Logarithms of Numbers 

(No. 269 1. 431, | 2 : hs E 
x] oo | 4 2|s| 4 6} 6 |} 7 | 8 |. .oP lini: 

380211 | 0392 | 0573 | 0754 | 0934 || 1115 | 1296 | 1476 | 1656 | 18387] 181 
2017 | 2197 | 2377 | 2557 | 2737 || 2917 | 8097 | 3277 | 3456 | 3636 | 180 

7940 | 8114 | 8287 | 8461 | 8634 |! 8808 | 8981 | 9154 | 9328 | 9501 | 173 
9674 | 9847 | 

0883 
401401 | 1573 | 1745 | 1917 | 2089 || 2261 | 2433 | 2605 | 2777 | 2049 | 172 

4834 | 5005 | 5176 | 5346 | 5517 || 5688 | 5858 | 6029 | 6199 | 6370 | 171 
6540 | 6710 | 6881 | 7051 | 7221 || 7291 | 7561 | 7731 | 7901 | 8070 | 170 
8240 | 8410 | 8579 | 8749 | 8918 | 9087 | 9257 | 9426 | 9595 | 9764] 169 

———| 0102 | 0271 | 0440 | 0609 | 0777 | 0946 | 1114 | 1283 | 1451 | 169 
411620 | 1788 | 1956 | 2124 | 2293 || 2461 | 2629 | 2796 | 2964 | 3132 | 168 

0075 | 0236 | 0398 | 0559 | 0720 | 0881 | 1042 | 1203 | 161 

PROPORTIONAL PARTS, 

{ 
Diff 1 2 3 4 5 6 vg 8 9 

178 | 17.8 | 35.6 53.4 71.2 89.0 106.8 | 124.6 | 142.4 | 160.2 
177 =| 17.7 |. 35.4 53.1 70.8 88.5 106.2 | 128.9] 141.6 | 159.3 
176 | 17.6 | 35.2 52.8 70.4 88.0 105.6 | 123.2] 140.8 | 158.4 
17%5 | 17.5] 35.0 52.5 70.0 87.5 105.0} 122.5 | 140.0 | 157.5 
174 | 17.4] 34.8 52.2 69.6 87.0 104.4} 121.8 | 1389.2 | 156.6 
173 | 17.3{ 34.6 51.9 69.2 86.5 103.8 | 121.1 | 138.4 | 155.7 
172 | 17.2) 34.4 51.6 68.8 86.0 103.2} 120.4] 137.6 | 154.8 
171 pitt |) 34.2 51.3 68.4 85.5 102.6 | 119.7 | 186.8) 153.9 
170 | 17.0] 34.0 51.0 68.0 85.0 102.0 | 119.0 | 136.0} 153.0 

169 | 16.9] 33.8 50.7 67.6 84.5 101.4 | 118.3) 185.2) 152.1 
168 | 16.8} 33.6 50.4 67.2 84.0 100.8] 117.6 | 134.4 | 151.2 
167 | 16.7 | 33.4 50.1 66.8 83.5 100.2] 116.9 | 133.6} 150.3 
166 | 16.6] 383.2 49.8 66.4 83.0 99.6] 116.2 | 132.8 | 149.4 
165 | 16.5] 33.0 49.5 66.0 82.5 99.0] 115.5] 132.0 | 148.5 

1164 | 16.4] 382.8 49.2 65.6 82.0 98.4} 114.8] 131.2 | 147.6 
/ 163 | 16.3] 32.6 48.9 65.2 81.5 97.8 | 114.1] 130.4 | 146.7 
162 | 16.2} 32.4 48.5 64.8 81.0 97.2 | 113.4 | 129.6 | 145.8 
161 | 16.1] 32.2 48.3 64.4 80.5 96.6 | 112.7} 128.8 | 144.9 



156 Common Logarithms 

26. Logarithms of Numbers 

No. 270 L, 431.] [No. 299 L. 476, 

N. 0 1 8 9 | Diff. 

270 | 481864 | 1525 2649 | 2809 | 161 
1 2969 | 3130 4249 | 4409 | 160 
2 4569 | 4729 5844 | 6004 159 
3 6163 | 6322 7433 ) 7592 159 
4 [751 | 7909 9017 | 9175 | 158 
5 9333 | 9491 

> 0594 | 0752 | 158 
6 | 440909 | 1066 2166 | 2823 | 157 
v6 2480 | 2637 3732 | 3889 157 
8 4045 | 4201 5293 | 5449 156 
9 5604 | 57 6848 | 7003 | 155 

280 7158 | 7318 8397 | 8552 | 155 
a 87 8861 oe py ee 
| —| 0095 154 

2 | 450249 | 0403 147 1633 154 
3 1786 | 1940 3012 | 3165 153 
4 3318 | 3471 4540 | 4692 | 153 
5 4845 | 4997 6062 | 6214 152 
6 6366 | 6518 7579 | 7731 | 152 
i 7882 | 8033 9091 | 9242 151 
8 9392 | 9543 ae 
a eee 0597 | 0748 151 

9 | 460898 | 1048 150 

290 2898 | 2548 3594 | 8744 | 150 
1 3893 | 4042 5085 | 5234 149 
2 5883 | 5532 6571 719 149 
3 6868 | 7016 8052 | 8200 | 148 
4 8347 | 8495 9527 | 967: 148 
5 9822 | 9969 ee 

—— 0998 | 1145 | 147 
6 | 471292 | 1438 2464 | 2610 146 
% 2756 | 2903 8925 | 407 146 
8 4216 | 4362 | 4508 | 46 5381 | 5526 | 146 
9 5671 | 5816 | 5962 | 6107 | 6252 | 6397 | 6542 | 6687 | 6832 | 6976 | 145 

| | H . 

PROPORTIONAL Parts. 

Diff 1 2 3 4 5 6 q 8 9 

SESERTSS 
YaJ~I~I~I 

HSAIVSSSSSES 

SUOMOMNOMNOMS MOMSUSOMUSOMNdOA 
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4 
2 
0 
8 
6 
4 
2 

0 
8 
6 
4 
2 
0 
8 
6 
.4 
2 
0 SWRADWODHRIO WROWNDHRIOW 

RORAR 

sssqqgagaas sezceeeeeee SCRONAORDNAS PHN RORDWROR SSSSSESERES GHRSSSASASS 
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82 
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31. 
31. 
31. 
31 
380 
30 
30. 
30 

30. 
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29. 
29. 
29. 
29 
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28 
28 
28 
28 SSsaeesseea 



Common Logarithms 157 

26. Logarithms of Numbers 

No. 300 L. 477.) (No. 339 L. 531, 

N.| 0 1 | 2 3 4 5 6 7 8 9 | Diff. 

800 | 477121 | 7266 7555 | 7700 || 7844 | 7989 | 8138 | 8278 | 8422 | 145 
x 8566 | 8711 8999 | 9143 || 9287 | 9431 | 9575 | 9719 | 9863 | 144. 

2 | 480007 | 0151 0438 | 0582 || 0725 | 0869 | 1012 | 1156 | 1299 | 144 
Z 3 1443 | 1586 1872 | 2016 || 2159 | 2302 | 2445 | 2588 | 2731 | 143 

4) 2874 | 3016 3302 | 3445 | 3587 | 3730 | 3872 | 4015 | 4157 | 143 
5 | 4800 | 4442 4727 | 4869 || 5011 | 5153 | 5295 | 54387 | 5579 | 142 
6| 5721 | 5863 6147 | 6289 || 6430 | 6572 | 6714 | 6855 | 6997 | 142 
7 7138 | 7280 7563 | 7704 || 7845 | 7986 | 8127 | 8269 | 8410 | 141 

= : — | 8692 8974 | 9114-|| 9255 | 9396 | 9537 | 9677 | 9818 | 141 

0099 0380 | 0520 || 0661 | 0801 | 0941 | 1081 | 1222 | 140 

810 | 491362 | 1502 1782 | 1922 || 2062 | 2201 | 2341 | 2481 | 2621 | 140 
? 2 2760 | 2900 3179 | 3319 8597 | 3737 76 | 4015 | 139 

; 2 4155 | 4294 4572 | 4711 || 4850 | 4989 | 5128 | 5267 | 5406 | 139 
5 3 | 5544 | 5683 5960 | 6099 || 6238 | 6376 | 6515 | 6653 | 6791 | 189 

4 7068 7344 | 7483 || 7621 | 7759 | 7897 | 8085 | 8173 | 188 
5 8311 | 8448 8724 | 8862 || 8999 | 9137 | 9275 | 9412 | 9550 | 188 
6 9687 | 9824 [AS | ME a Sea eee See ya dee 

— 0099 | 0236 || 0374 | 0511 | 0648 | 0785 | 0922 | 137 
7 501059 | 1196 1470 | 1607 || 1744 | 1880 | 2017 | 2154 | 2291 | 187 
8| 2427 | 2564 2837 | 297 3109 | 3246 3518 | 8655 | 136 
9 8791 | 3927 4199 | 4335 || 4471 | 4607 | 4743 | 4878 | 5014 | 136 

320 5150 | 5286 5557 | 5693 || 5828 | 5964 | 6099 | 6284 | 637 186 
1 6505 | 6640 6911 | 7046 || 7181 | 7316 | 7451 | 7586 | 7721 | 185 
2 7856 | 7991 8260 | 8395 5 8664 | 8799 | 8934 | 9068 | 185 
3 9203 | 9337 9606 | 9740 |, 9874 | | — 

— pete 0009 | 0148 | 0277 | 0411 | 184 
4 | 510545 | 0679 0947 | 1081 || 1215 | 1349 | 1482 | 1616 | 1750 | 184 
5 1883 | 2017 2284 | 2418 || 2551 | 2684 | 2818 | 2951 | 8084 | 133 
6 | 8218 | 3351 3617 | 3750 || 3883 | 4016 | 4149 | 4282 | 4415 | 188 
7 4548 | 4681 4946 | 5079 || 5211 | 5344 | 5476 | 5609 | 5741 | 138 
8 5874 | 6006 6271 | 6403 || 6535 | 6668 | 6800 | 6982 | 7064 | 182 

| 9 7196 | 7328 7592 | 7724 || 7855 | 7987 | 8119 | $251 | 8282 | 182 

330 8514 | 8646 8909 | 9040 || 9171 | 9808 | 9484 | 9566 | 9697 | 181 
‘eee 9828 | 9959 ——— _—— | _——__- —|—— 
aS aa 0221 | 0353 | 0484 | 0615 | 0745 | 0876 | 1007 | 181 

2 521138 | 1269 1530 | 1661 792 | 1922 | 2053 | 2188 | 2314 | 181 
3 2 2575 2835 | 2966 |, 3096 | 3226 | 3356 | 3486 | 3616 | 130 
4 2746 | 387 4136 | 4266 || 4396 | 4526 | 4656 | 4785 | 4915 | 180 
5 5045 | 5174 5434 | 5563 || 5693 | 5822 | 5951 | 6081 | 6210 | 129 
6| 6339 | 6469 6727 56 || 6985 | 7114 | 7248 | 73872 | 7501 | 129 
if 7630 | 7759 8016 | 8145 || 8274 | 8402 | 8531 | 8660 | 8788 | 129 
8 8917 | 9045 9302 | 9430 || 9559 | 9687 | 9815 | 9943 sane | bike 

fe Wl PR a SRC ara | ash aa 
9 | 530200 | 0328 0584 | 0712 || 0840 | 0968 | 1096 | 1228 | 1851 | 128 

PROPORTIONAL PARTS. 

Diff 1 2 3 4 5 6 7 8 9 

139 | 18.9| 27.8 | 41.7 55.6 69.5 83.4 97.8 | 111.2 | 125.1 
138 | 13.8] 27.6 41.4 55.2 69.0 82.8 96.6 110.4 | 124.2 
NS fee lacy a etet 41.1 54.8 68.5 82.2 95.9 109.6 | 128.3 
136 | 13.6] 27.2 40.8 54.4 68.0 81.6 95.2 108.8 | 122.4 
135 | 13.5] 27.0 40.5 54.0 67.5 81.0 94.5 108.0 | 121.5 
134 | 13.4] 26.8 40.2 53.6 67.0 80.4 93.8 10" .2 | 120.6 
133 | 18.3] 26.6 39.9 53.2 66.5 79.8 93.1 106.4 | 119.7 
132 | 13.2] 26.4 39.6 52.8 66.0 79.2 92.4 105.6 | 118.8 
131 | 13.1] 26.2 | 89.8 52.4 65.5 78.6 91.7 104.8 | 117.9 

26.0 39.0 52.0 65.0 78.0 91.0 ; 117.0 
25.8 38.7 51.6 64.5 77.4 90.3 116.1 
25.6 38.4 51.2 64.0 76.8 89.6 115.2 
25.4 38.1 50.8 63.5 76.2 88.9 114.3 



158 Common Logarithms 

26. Logarithms of Numbers 

No, 340 L, 531.] [No. 379 L, 579. 

N. 0 i 2 3 4 5 6 | 7 8 9 | Diff. 

340 | 581479 | 1607 | 1734 | 1862 | 1990 || 2117 | 2245 | 2372 | 2500 | 2627 | 128 

“eal 754 | 2882 | 3009 | 3136 | 3264 || 3391 | 3518 | 3645 | 8772 | 3899 | 127 
2 4026 | 4153 | 4280 | 4407 | 4534 || 4661 | 4787 | 4914 | 5041 | 5167 127 
3 5294 | 5421 | 5547 | 5674 | 5800 5927 53 | 6180 | 6206 | 6432 | 126 
4 58 | 6685 | 6811 | 6937-| 7063 || 7189 | 7315 | 7441 | 7567 | 7693 | 126 
5 7819 | 7945 | 8071 | 8197 | 83822 | 8574 | 8699 | 8825 | 8951 | 126 
6 9076 | 9202 | 9327 52 | 9578 || 9703 | 9829 | 9954 |——— 

—— oe 0079 | 0204 | 125 
7 | 540329 | 0455 | 0580 | 0705 | 0830 || 0955 | 1080 | 1205 | 1330 | 1454 | 125 
8 1579 | 1704 | 1829 | 1953 | 2078 || 2203 | 2327 | 2452 | 2576 | 2701 | 125 
9 2950 | 3074 | 8199 | 8323 |) 3447 | 3571 | S696 | 3820 | 8944] 124 

350 4068 | 4192 | 4816 | 4440 | 4u64 4812 | 4936 | 5060 | 5183 | 124 
1 5307 | 5431 | 5555 | 5678 | 5802 || 5925 | 6049 | 6172 | 6296 | 6419 | 124 
2 6666 | 6789 | 6913 | 7036 || 7159 | 7282 | 7405 | 7529 | 7652 | 123 
3 7775 | 7898 | 8021 | 8144 | 8267 || 8389 | 8512 | 8635 | 8758 | 888i | 123 
4 9008 |} 9126 | 9249 | 9371 | 9494 || 9616 | 9739 | 9861 | 9984 a 

ae ——|——} 0106 | 1 
5 | 550228 | 0351 | 0473 | 0595 | 0717 || 0840 | 0962 | 1084 | 1206 | 1328 | 122 
6 1450 | 1572 | 1694 | 1816 | 1 2060 | 2181 | 2303 | 2425 | 2547 | 122 
7 | 2668 | 2790 | 2911 3155 || 3276 | 3398 | 3519 | 3640 | 3762 | 121 
g| 3883 | 4004 | 4126 | 4247 | 4368 || 4489 | 4610 | 4731 | 4852 | 4973 | 121 
9 | 5094 | 5215 | 5336 | 5457 | 5578 || 56¥9 5940 | 6061 | 6182 | 121 

360 6303 | 6423 | 6544 | 6664 | 6785 7026 | 7146 | 7267 | 7387 | 120 
1| 7507 | 7627 | 7748 | 7868 | 7988 || 8108 | 8228 | 8349 | 8469 | 8589 ] 120 
2 Se 8829 | 8948 | 9068 | 9188 || 9308 | 9428 | 9548 | 9667 | 9787 | 120 
3 — == / ease 

0026 | 0146 | 0265 | 0385 |) 0504 | 0624 | 0743 | 0868 | o982| 119 
4 | 561101 | 1221 | 1340 | 1459 | 1578 |) 1698 | 1817 | 1936 | 2055 | e174 | 119 
5 2412 | 2531 | 2650 | 2769 || 2887 3125 | 8244 | 3362 | 119 
6| 3481 | 3600 | 8718 | 3837 | 3955 |) 4074 | 4192 | 4311 4548 | 119 
7| 4666 | 4784 | 4903 | 5021 | 5139 || 5257 | 5376 | 5494 | 5612 | 5730 | 118 
8 5848 | 5966 | 6084 | 6202 | 6320 || 6437 | 6555 | 6673 | 6791 | 6909 | 118 
9 7026 | 7144 | 7262 | 7879 | 7497 || 7614 | 77 7849 | 7967 | 8084 | 118 

870 | 8202 | 8319 } 8436 | 8554 | 8671 || 8788 | 8905 | 9023 | 9140 | 9257 | 117 
1 9374 | 9491 | 9608 | 9725 | 9842 || 9959 )——— er e df 

Seeenlncsee | Gasecl Goa 0076 | 0193 | 0309 | 0426 | 117 
2 | 570543 | 0660 | 0776 | 0893 | 1010 || 1126 | 1243 | 1359 | 1476 | 1592] 117 
3 1709 | 1825 | 1942 | 2058 | 2174 || 2291 | 2407 | 2523 | 2639 | 2755 | 116 
4 2872 | 2988 | 3104 | 3220 | 3336 || 3452 | 38568 | 3684 | 3800 | 3915 | 116 
5 4031 | 4147 | 4263 | 4379 | 4494 || 4610 | 4726 | 4841 | 4957 | 5072] 116 
6 5188 | 5303 | 5419 | 5534 | 5650 |) 5765 | 5880 | 5996 | 6111 | 6226] 115 
7 | 6341 | 6457 | 6572 | 6687 | 6802 || 6917 | 7032 | 7147 | 7262 | w377 | 115 
8 7492 | 7607 | 77 7836 | 7951 || 8066 | 8181 | 8295 | 8410 | 8525 | 1145 
9 8639 | 87 8868 | 8983 | 9097 || 9212 | 93826 | 9441 | 9555 | 9669 | 114 

i Ii ee se ale 

SS ie ee ey eS ee 
Dir.| 1 2 3 4 5 6 v 8 9 

25.6 | 88.4 | 51.2 | 64.0 | 7.8 | 99.6 | 409. 
25.4 | 88.1 | 50.8 | 63.5 | 76.2 | 889 i016 ee 25.2 | 87.8 | 50.4 | 68.0 | 75.6 | 88.2 | 100/8 | 713'4 25.0 | 37.5 | 50.0 | 62.5 | 75.0 | 87:5 | 100.0 | 1105 24.8 | 37.2 | 49.6 | 62.0 | 74.4 | 86.8 | 99.2 | 111.6 24.6 | 36.9 | 492 | 61.5 | 73.8 | 86.1 | 98.4 | 110-7 24.4 | 86.6 | 488 | 61.0 | 73.2 | 85.4 7.6 | 109.8 24.2 | 36.3 | 48.4 | 60.5 | 72.6 | 84.7 | 96.8 | i099 24.0 | 36.0 | 48.0 | 60.0 | 7.0 | 84.0 | 96.0 | 108/0 23.8 | 35.7 | 47.6 | 59.5 | 71.4 | 83:8 | 95:2 | tor | 
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Commor. Logarithms 

26. Logarithms of Numbers 

159 

(No. 414 L. 617, 

PROPORTIONAL Parts. 

for) 

ERODE RSE eee Coes WDE BRNIOW MOwTrDH A SBBRSHRE BASSES DORWDWAOAKA MWNWAROARDW SRSLELIN Sesrgas SAOMOMSE SMoOMoUS SESLERSS ANSSssZ ROARWVBROR WHR OAWH eeeesrke seeesar DWOMSRNWSO OANODOMR 



160 Common Logarithms 

26. Logarithms of Numbers 

No, 415 L, 618,] {[No. 459 L. 662. 

N. 0 1 2 3 | 4 6 | 6 7 8 9 | Diff. 

| 

415 | 618048 | 8153) 8257 | 8362 | 8466 || 8571 | 8676 | 8780 | 8884 | 8989 | 105 
6 | 9093 | 9198 | 9302 | 9406 | 9511 | 9615 | 9719 | 9824 | 9928 |—_— 

620136 | 0240 | 0344 | 0448 | 0552 / 0656 | 0760 | 0864 0968 | 107: 104 
1176 | 1280 | 1884 | 1488 | 1592 || 1695 | 1799 | 1908 | 2007 | 2110 
2214 | 2318 | 2421 | 2525 | 2628 || 2782 | 2835 | 2939 | 3042 | 3146 

3249 | 3353 | 3456 | 3559 | 3663 || 3766 | 3869 | 8973 | 4076 | 4179 
4282 | 4885. | 4488 | 4591 | 4695 || 4798 | 4901 | 5004 5107 | 5210 | 103 
5312 | 5415 | 5518 | 5621 | 57% 5827 | 5929 | 6032 | 6185 | 6238 | 
6340 | 6443 | 6546 | 6648 | 6751 || 6853 | 6956 | 7058 7161 | 7263 
7366 | 7468 | 7571 ) 7673 | T7775 || 7878 | 7980 | 8082 | 8185 | 8287 
8389 | 8491 | 8593 | 8695 | 8797 || 8900 | 9002 | 9104 | 9206 | 9308 | 102 
9410 | 9512 | 9613 | 9715 | 9817 || 9919 ——— 

cS = : % & 

3468 | 3569 | 367 3771 | 8872 || 8978 | 4074 | 4175 | 4276 | 487 101 E = a * a 5 Z ~ % z Ei & or & g 
| 

7490 | 7590 | 7690 | 7790 | 7890 || 7990 8090 8190 8290 8389} 499 
| 

—| 0011 | 0106 | 0201 | 0296 || 0391 | 0486 | 0581 | 0676 | 0771 95 
660865 | 0960 | 1055 | 1150 | 1245 || 13839 | 1434 | 1529 | 1623 | 1718 

1813 | 1907 | 2002 | 2096 1 2191 || 2286 | 2380 | 2475 | 2569 | 2663 

PROPORTIONAL Parts, 

5 a cs) ie) > Oo fez) 2 oo ive} 

a & a Ss 5] 21.0 | 31.5 } 42.0 63.0 i 
104 | 10.4] 20:8 | 31.2 | 41.6 | 52:0 | 62/4 ee S33 93:6 103 | 10.3) 20.6 | 80.9 | 41-2 | 51:5 | 61.8 | 72:1 | 82.4 | 997 102 | 10.2} 20.4 | 30.6 | 40.8 | 51.0 | 61:2 | 7114 | 816 | 91's 101 | 10.1] 20.2 | 30.3 | 40.4 | 50.5 | 60.6 | 707 | 80:8 | 90'9 100 | 10.0} 20.0 | 30.0 | 40.0 | 50.0 | 60.0 | 700 | 80.0 | 90:0 99 | 9.9] 19.8 | 29.7 | 39.6 | 49.5 | 59.4 | 69.3 | 79:2 | 877 



Common Logarithms 

26. Logarithms of Numbers 

161 

[No. 499 L. 698, 

Vit 

4677 | 4769 92 

9246 | 9337 91 

8242 | 8331 89 

ow | 

QW GOL €O «OOO OOO MAIWDWO OH CIP Ot ~2VOO RBRSSNSSRVVVS DWH IOWMOMWorOOH A EEKRSSSRAS SSS WOWRORDWROR WI SBRROSSESASES CNSOMOMNOMOMoOUNS sgpargarscags RWBRORWHDRORWH 

96 | 9883 | 87 

@ 

| 

aH AF AF AD AF AJ ~~ ~~~ 
<2 ASSLESSERSAE 
POOH ODO OVS OR dD BSSAVLYSRASIRS DBSIPWODBRBANWOCHA®RA 2 va 



162 Common Logarithms 

26. Logarithms of Numbers 

No. 500 L, 698.] [No. 544 L. 736, 

N.| 0 1 2 3 4 6 Pg way (a 9 | Diff. 

500 | 698970 | 9057 | 9144 | 9281 | 9317 || 9404 | 9491 | 9578 | 9664 | 9751 
1. |) 99880} 09p4h =a een i [ee eee ae 
———— |__|} 0011 | 0098 | 0184 || 0271 | 0358 | 0444 | 0531 | 0617 

2 | 700704 | 0790 | 0877 1050 | 1136 | 1222 | 1309 | 1395 | 1482 
3} 1568 | 1654 | 1741 | 1827 | 1913 || 1999 | 2086 | 2172 | 2258 | 2344 
4| 2431 | 2517 | 2603 | 2689 | 2775 || 2861 | 2947 | 3033 | 3119 | 3205 
5 | 3291 | 3377 | 3463 | 3549 | 3635 || 3721 | 3807 | 3898 | 3979 | 4065 | 86 
6| 4151 | 4236-| 4322 | 4408 | 4494 || 4579 | 4665 | 4751 | 4837 | 4992 
@ | 5008 | 5094 | 5179 | 5265 | 5350 || 5436 | 5522 | 5607 | 5693 | 5778 
8 | 5864 | 5949 | 6035 | 6120 | 6206 || 6291 | 6876 | 6462 | 6547 | 6632 
9 | 6718 | 6803 | 6888 }-6974 | 7059 || 7144 | 7229 | 7315 | 7400 | 7 

510 | 7570 | 7655 | 740 | 7826 | 7911 || 7996 | 8081 | 8166 | 8251 | 8336 | ge 
1, 8421 | 8506 | 8591 | 8676 | 8761 || 8846 | 8931 | 9015 | 9100 | 9185 
2| 9270 | 9355 | 9440 | 9524 | 9609 || 9694 | 9779 | 9863 | 9948 rs 

8 | 710117 | 0202 7 | 0371 | 0456 || 0540 | 0625 | 0710 | 0794 | 0879 
4 0963 | 1048 | 11382 | 1217 | 1301 || 13885 | 147 1554 | 1639 723 
5 | 1807 | 1892 1976 | 2060 | 2144 | 2229 | 2313 | 2397 | 2481 | 2566 
6 | 2650 | 2734 | 2818 | 2902 | 2986 | 3070 | 8154 | 3238 | 3328 | 3407 | gy 
7 | 8491 | 3575 | 3659.| 3742 | 3826 | 3910 | 3994 | 4078 | 4162 | 4246 
8| 4330 | 4414 | 4497 | 4581 | 4665 || 4749 | 4833 | 4916 5084 
9| 5167 | 5251 | 5385 | 5418 | 5502 || 5586 | 5669 | 5753 | 5836 | 5920 

520 6008 | 6087 | 6170 | 6254 | 6337 || 6421 | 6504 | 6588 | 6671 | 6754 
1) 6838 | 6921 | 7 7088 | 7171 || 7254 | 7338 | 7421 | 7504 | 7587 
2 | 7671 | 7754 | 787 | 7920 | 8003 || 8086 | 8169 | 8253 | 8336 | 8419 | 49 
8 | 8502 | 8585 | 8668 | 8751 | 8834 || 8917 9083 | 9165 | 9248 
4/ 9381 | 9414 | 9497 | 9580 | 9663 || 9745 | 9828 | 9911 | 9994 : 

‘ 

5 | 720159 | 0242 0325 | 0407 | 0490 |] 0573 | 0655 | 0738 | 0821 | 0903 
6 | 0986 | 1068 | 1151 | 1233 | 1316 |] 1398 | 1481 | 1563 | 1646 | 1728 
% | 1811 | 1893 | 1975 | 2058 | 2140 || 2222 | 2305 | 2387 | 2469 | 2552 
8| 2634 | 2716 | 2798 | 2881 | 2963 || 3045 | 3127 | 3209 | 3291 | 337. 
9 | 3456 | 8588 | 8620 | 3702 | 3784 || 3866 | 3948 | 4030 | 4112 | 4194 | 82 

580 | 4276 | 4358 | 4440 | 4522 | 4604 || 4685 | 4767 | 4849 | 4931 | 5013 
1| 5095 | 5176 | 5258 | 5340 | 5422 || 5503 | 5585 | 5667 | 5748 | 5830 
2} 5912 | 5993 | 6075 | 6156 | 6238 || 6320 | 6401 | 6483 | 6564 | 6646 
3| 6727 | 6809 | 6890 | 6972 | 7053 || 7134 | 7216 | 7297 | 7379 | 7460 
4| 541 | 7623 | 7704 | 7785 | 7866 || 7948 | 8029 | 8110 | S191 | S273 
5 | 8354 | 8435 | 8516 | 8597 | 8678 || 8759 | S841 | 8922 | 9003 | 9084 
6 9165 9246 | 9327 | 9408 | 9489 | 9570 | 9651 | 9732 | 9813 | 9893 | SL 

~ aH 
| 0055 | 0136 | 0217 | 0298 || 0378 | 0459 | 0540 | 0621 | o702 

8 730782 | 0863 | 0944 | 1024 | 1105 || 1186 | 1266 | 1347 | 1428 | 1508 
9 1589 | 1669 | 1750 | 1830 | 1911 || 1991 | 2072 | 2152 | 2033 | 2313 

540 | 2394 | 2474 | 2555 | 2635 | 2715 || e796 | e876 | 2956 | 3087 | 3117 
1| 8197 | 3278 | 3858 | 3438 | 3518 || 3598 | 3679 | 3759 | 3839 | go19 
2 | 3999 | 4079 | 4160 | 4240 | 4320 || 4400 | 4480 | 4560 | 4640 | 4720 | go 
3} 4800 | 4880 | 4960 | 5040 | 5120 || 5290 | 5279 | 5359 | 5439 | 5519 
4| 8599 | 5679 | 5759 | 5838 | 5918 || 5998 | 6078 | 6157 | 6237 | 6317 
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26. Logarithms of Numbers 

No. 545 L. 736.] LNo. 584 L. 767. 

n.| 0 | 1 / 2 Sole Sie. 2) sl onl ne 
Cet | a | ——— 

545 | 736397 | 6476 6556 | 6635 | 6715 || 6795 6874 | 6954 | 7034 | 7113 
6 7193 | 7272 | 7352 | 7431 | 7511 7590 | 767 7749 | 7829 | 7908 
7 7987 | 8067 ) 8146 | 8225 | 8305 || 8384 | 8463 | 8543 | 8622 | 8701 
8 8781 | 8860 | 8939 | 9018 | 9097 || 9177 | 9256 | 9335 9414 9493 
9 9572 | 9651 | O7EL 4, S810) S88941 9968)|———— | ——— |e 
: ———_ |-—_ —— |__| -+___| (047 | 0126 | 0205 | 0284 ve) 

550 | 740363 | 0442 | 0521 | 0600 | 0678 || 0757 | 0836 | 0915 | 0994 | 1073 
i 1152 | 1230 | 1309 | 1388 | 1467 || 1546 | 1624 | 1703 | 1782 | 1860 
2 1939 | 2018 | 2096 | 2175 | 2254 || 2332 | 2411 | 2489 | 2568 2647 
3 2725 | 2804 2882 | 2961 | 3039 || 3118 | 3196 | 3275 | 3353 | 3431 
4 3510 | 3588 | 3667 | 3745 | 3823 || 3902 | 3980 | 4058 | 4136 | 4215 
5 4293 | 4371 | 4449 | 4528 | 4606 || 4684 | 4762 | 4840 | 4919 | 4997 
6 5075 | 5153 5231 | 5309 | 5887 || 5465 | 5543-1 5621 | 5699 | 5777 %8 
“4 5855 | 5933 | 6011 | 6089 | 6167 || 6245 | 6323 | 6401 | 6479 | 6556 
8 6634 712 | 67 6868 | 6945 |} 7023 | 7101 | 7179 | 7256 | 7334 
9 7412 | 7489 | T567 | 7645 | 7722 7 7878 | 7955 | 8033 | 8110 

560 | 8188 | 8266 | 8343 | 8421 | 8498 || 8576 8653 | 8731 | 8808 
1 8963 | 9040 | 9118 | 9195 | 9272 9350 9427 | 9504 | 9582 | 9659 
2| 9736 | 9814 | 9891 | 9968 ——_ —_ —___|_____ 

——_ 0045 |} 0123 | 0200 | 0277 | 0354 | 0481 
3 | 750508 | 0586 0663 | 0740 | 0817 || 0894 | 0971 | 1048 | 1125 | 1202 
4 1279 | 13856 | 1433 | 1510 | 1587 1664 | 1741 | 1818 | 1895 | 1972 WY 
5 2125 | 2202 | 2279 | 2356 2433 | 2509 2663 | 2740 
6 2816 | 2893 2970 | 3047 | 3123 || 3200 3277 3430 | 3506 
7 3583 | 3660 3736 | 3813 | 3889 || 3966 4042 | 4119 | 4195 | 4272 
8 4348 | 4425 | 4501 | 4578 | 4654 || 4730 4807 | 4883 | 4960 | 5036 
9 5112 | 5189 | 5265 | 5841 | 5417 || 5494 5570 | 5646 | 5722 | 5799 

570 | 5875 | 5951 | 6027 | 6103 | 6180 |! 6256 | 6332 6484 | 6560 
1 6636 | 6712 | 6788 | 6864 | 6940 || 7016 | 7 7168 | 7244 | 7320 6 
2 7896 | 7472 | 7548 | 7624 | 7700 || 7775 | 7851 | 7927 | 8003 | 8079 
3 8155 | 8230 | 8806 | 8882 | 8458 || 8533 | 8685 | 8761 | 8836 
4 8912 | 8988 | 9063 | 9139 | 9214 9290 | 9866 | 9441 | 9517 | 9592 
5 9743 | 9819 | 9894 | 9970 = | aeons aaa Mie 

—_ —— 0045 | 0121 | 0196 | 0272 | 0347 
6 | 760422 | 0498 0573 | 0649 | 0724 || 0799 | 0875 | 0950 | 1025 | 1101 
i 1176 | 1251 | 1826 | 1402 | 1477 || 1552 | 1627 | 1702 | 1778 | 1853 
8 1928 | 2003 | 2078 | 2153 2378 | 2453 | 2529 | 2604 v4 
9 2679 | 2754 | 2829 2904 | 2978 || 3053 | 3128 | 3208 | 3278 | 3353 

580 | 3498 | 3503 | 3578 | 3653 | 3727 3877 | 3952 | 4027 | 4101 
il 4176 | 4251 | 4826 | 4400 | 4475 || 4550 | 4624 | 4699 | 4774 | 4848 
2 4923 | 4998 | 5072 | 5147 | 5221 5296 | 5370 | 5445 | 5520 | 5594 
3 5669 | 5743 | 5818 | 5892 | 5966 || 6041 | 6115 | 6190 | 6264 6338 
4| 6413 | 6487 | 6562 | 6636 | 6710 || 67% | 6859 | 6933 | 7007 | 7082 

Diff. 1 2 3 4 5 6 % 8 9 

3} 16.6 24.9 33.2 41.5 49.8 58.1 66.4 74.9 
ee Be 16.4 24.6 82.8 41.0 49.2 5v.4 65.6 73.8 
81 8.1] 16.2 24.3 82.4 40.5 48.6 56.7 64.8 72.9 
80 8.0} 16.0 24.0 82.0 40.0 48.0 56.0 64.0 72.0 

7.9) 15.8 23.7 31.6 89.5 47.4 55.8 63.2 71.1 
7.8 3 23.4 31.2 39.0 46.8 54.6 62.4 70.2 
ak 23.1 30.8 38.5 46.2 53.9 61.6 69.3 
7.6 22.8 30.4 38.0 45.6 53.2 60.8 68.4 
7.5 22.5 30.0 87.5 45.0 52.5 60.0 67-5 
7.4 22.2 29.6 37.0 44.4 51.8 59.2 66 6 
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26. Logarithms of Numbers 

{No. 629 L. 799. 

0042 
0705 | 0778 

1440 | 1514 
2175 | 

| 2908 
| 3640 | 

wm (eum dees © Sine 

38 
4 
5 
6 
7 
8 
9 

610 
1 
2 
3 
4 
5 
6 

eunakuewue onm-1 

Sanwd2g Add ASSESS EB rounowu NBURBES ERRSEIS HOMOMS MH SSSSAAT WOBAANWOS VESRFSS 
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26. Logarithms of Numbers 

- |'No. 630 L. 799.] [No. 674 L. 829, 

+ fs 0 1 2 3 4 6 6 q 8 9 | Diff. 

630 | 799341 | 9409 | 9478 | 9547 | 9616 || 9685 | 9754 | 9828 | 9892 | 9961 
lee 

1 | 800029 | 0098 | 0167 | 0236 | 0305 || 0373 | 0442 | 0511 | 0580 | 0648 
2| O717 | 0786 | 0854 | 0923 | 0992 || 1061 | 1129 | 1198 | 1266 | 1335 
3 1404 | 1472 | 1541 | 1609 | 1678 || 1747 | 1815 | 1884 | 1952 | 2091 
4 2089 | 2158.) 2226 | 2295 | 2363 |f 2432 | 2500 | 2568 | 2637 | 2705 
5 2774 | 2842 | 2910 | 2979 | 3047 || 3116 | 3184 | 3252 | 3321 | 33890 
6 3457 | 3525 | 3594 | 3662 | 3730 || 3798 | 3867 | 3935 | 4003 | 4071 
q 4139 | 4208 | 4276 | 4344 | 4412 | 4548 | 4616 | 4685 | 4758 
8 | 4821 | 4889 | 4957 | 5025 | 5093 || 5161 | 5229 | 5297 | 5365 | 545: 68 
9} 5501 | 5569 | 5637 | 5705 | 5773 || 5841 | 5908 | 5976 | 6044 | 6112 

640 | 806180 | 6248 | 6316 | 6384 | 6451 || 6519 | 6587 | 6655 | 6723 | 6790 
1 | 6858 | 6926 | 6994 | 7061 | 7129 || 7197 | 7264 | 7332 | 7400 | 7467 
2 7535 | 7603 | 7670 | 7738 | 7806 || 7873 | 7941 | 8008 | 8076 | 8143 
3 8211 | 8279 | 8346 | 8414 | 8481 || 8549 | 8616 | 8684 | 8751 | 8818 
4 8886 | 8953 | 9021 | 9088 | 9156 || 9223 | 9290 | 9858 | 9425 | 9492 
5 9560 | 9627 | 9694 | 9762 | 9829 | 9896 | 9964 sows 

a ———| 0031 | 0098 | 0165 
6 | 810233 | 0300 | 0367 | 0434 | 0501 || 0569 | 0636 | 0703 | 0770 | 0837 
y 0904 | 0971 | 1039 | 1106 | 1173 || 1240 | 1307 | 1374 | 1441 | 1508 67 
8 1575 | 1642 | 1709 | 1776 | 1843 |) 1910 | 1977 | 2044 | 2111 | 2178 
9 2245 | 2812 | 2379 | 2445 | 2512 || 2579 | 2646 | 2713 | 2780 | 2847 

650 2913 | 2980 | 3047 | 3114 | 3181 || 3247 | 3814 | 3881 | 3448 | 3514 
1 8581 | 3648 | 3714 | 8781 | 3848 || 3914 | 3981 | 4048 | 4114 | 4181 
2 4248 | 4314 | 4381 | 4447 | 4514 || 4581 | 4647 | 4714 | 4780 | 4847 
3 4913 | 4980 | 5046 | 5113 | 5179 || 5246 | 5312 | 5378 | 5445 | 5511 
4 5578 | 5644 | 5711 | 5777 | 5843 || 5910 | 5976 | 6042 | 6109 | 6175 
5 6241 | 6308 | 637: 6506 || 6573 | 6639 | 6705 | 6771 | 6838 
6 6904 | 6970 | 7036 | 7102 | 7169 || 7285 | 7301 | 7367 | 7433 | 7499 
vi 7565 | 7631 | 7698 | 7764 | 7830 || 7896 | 7962 | 8028 | 8094 | 8160 
8 8226 | 8292 | 8358 | 8424 | 8490 || 8556 | 8622 | 8688 | 8754 | 8820 66 
9 8885 | 8951 | 9017 | 9083 | 9149 || 9215 | 9281 | 9346 | 9412 | 9478 

660 9544 | 9610 | 9676 | 9741 | 9807 || 9873 | 9939 Ri 
SSR ae —— ——— 0004 | 0070 | 0136 

1 | 820201 | 0267 | 0333 | 0309 | 0464 || 0530 | 0595 | 0661 | 0727 | 0792 
2 0858 | 0924 | 0989 | 1055 | 1120 || 1186 | 1251 | 1817 | 1882 | 1448 
3 1514 | 1579 | 1645 | 1710 | 1775 || 1841 | 1906 | 1972 | 2037 | 2108 
4 2168 | 2283 | 2299 | 2364 | 2430 || 2495 | 2560 | 2626 | 2691 | 2756 
5 2822 | 2887 | 2952 | 3018 | 3083. || 3148 | 3213 | 3279 | 3344 | 3409 
6 3474 | 3539 | 3605 | 3670 | 3735 || 3800 | 3865 | 3930 | 8996 | 4061 
7 | 4126 | 4191 | 4256 | 4321 | 4386 || 4451 | 4516 | 4581 | 4646 | 4711 65 
8 4776 | 4841 | 4906 | 4971 | 5036 || 5101 | 5166 | 5231 | 5296 | 5361 
9 5426 | 5491 | 5556 | 5621 | 5686 || 5751 | 5815 | 5880 | 5945 | 6010 

670 6075 | 6140 | 6204 | 6269 | 6334 || 6399 | 6464 | 6528 | 6593 | 6658 
1! 6723 | 6787 | 6852 | 6917 | 6981 || 7046 | 7111 | 7175 | 7240 | 7305 
2 7369 | 7434 | 7499 | 7563 | 7628 || 7692 | 7757 | 7821 | 7886 | 7951 
3 8015 | 8080 | 8144 | 8209 | 8273 || 8338 | 8402 | 8467 | 8531 | 8595 
4 8660 | 8724 | 8789 | 8853 | 8918 | 8982 | 9046 | 9111 | 9175 | 92389 

PROPORTIONAL PARTS, 

Diff 1 2 8 4 5 6 q 8 9 

68 6.8] 13.6 20.4 27.2 34.0 40.8 47.6 54.4 | 61.2 
67 6.7 | 13:4 20.1- | 26.8 33.5 40,2 46.9 53.6 60.3 
66 6.6 | 13.2 19.8 26.4 33.0 39.6 46.2 52.8 | 59.4 
65 | 6.5 | 13.0 19.5 26.0 32.5 39.0 45.5 52.0 58.5 
64-| 6.4] 128 19.2 25.6 82.0 38.4 44.8 | 61.2 57.6 | 



166 Common Logarithms 

26. Logarithms of Numbers 

No. 675 L. 829.] No. 719 L. 857. 

0 1 2 3 4 5 6 

er 9368 | 9432 | 9497 | 9561 || 9625 | 9690 

8 9 | Diff. 

O011 | 0075 | 0139 | 0204 || 0268 | 0332 
0909 

of | 2 

1742 | 1806 | 64 

co) ie] 

WOOVMMOPWMrHS cOc~T 

i S) i % i oO ns co 5 _ = ~ 3 or ia 3 Vo) 2 

for} oO oO oe leo) rg ive) oO ie} I no 3 oO © Q w co ive) I oOo ry oO 2 ive) 8 ~ 2 8 ci) n= i= Oo 

a rai 

OCONMOPWIRMO C0O JoonwnmeS OCOIMMPWI 
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ie 

} 26. Logarithms of Numbers 
ie 

[No. 764 L. 883. 

N. 0 t 2 3 + 5 6 7 8 9 Diff. 

720 | 857332 | 7393 | 7453 | 7513 | 7574 || 7634 | 7694 | 7755 | 7815 | 7875 
1 7935 | 7995 | 8056 | 8116 | 8176 || 8236 | 8297 | 8357 | 8417 | 8477 

ce 2 8537 | 8597 | 8657 | 8718 | 8778 || 8838 | 8898 | 8958 | 9018 | 9078 
ca 3 9133 | 9198 | 9258 | 9318 | 9379 || 9439 | 9499 | 9559 | 9619 | 9679 | 60 

4 9739 | 9799 } 9859 | 9918 | 9978 ||——_|__—_ —_|——— 
= 0038 | 0098 | 0158 | 0218 | 0278 

5 | 860338 | 0393 | 0458 | 0518 | 0578 || 0637 | 0697 | 0757 | 0817 | 0877 
6 0937 | 0996 | 1056 | 1116 | 1176 || 1236 | 1295 | 1355 | 1415 | 1475 

= 3 1534 | 1594 | 1654 | 1714 | 1773 || 1833 | 1893 | 1952 | 2012 | 2072 
5 8 2131 | 2191 | 2251 | 2310 | 2370 ||. 2430 | 2489 | 2549 | 2608 | 2668 

9 2728 | 2787 | 2847 | 2906 3025 | 3085 | 3144 | 3204 | 3263 

730 3323 | 3382 | 3442 | 3501 | 3561 || 3620 | 3680 | 3739 | 3799 | 3858 
; 1 3917 | 3977 | 4036 | 4096 | 4155 || 4214 | 4274 | 4333 | 4392 | 4452 

| 2 4511 | 4570 | 4630 | 4689 | 4748 || 4808 | 4867 | 4926 | 4985 | 5045 
a 3 5104 | 5163 | 5222 | 5282 | 5341 || 5400 | 5459 | 5519 | 5578 | 5637 

4 5696 | 5755 | 5814 | 5874 | 5933 |} 5992 | 6051 | 6110 | 6169 | 6228 
5 6287 | 6346 | 6495 | 6465 | 6524 || 6583 | 6642 | 6701 | 6760 | 6819 59 
6 6878 | 6937 | 6996 | 7055 | 7114 || 7173 | 7232 | 7291 | 7350 | 7409 
7 7467 | 7526 | 7585 | 7644 | 7703 || 7762 | 7821 | 7880 | 7939 | 7998 
8 8056 | 8115 | 8174 | 8233 | 8292 || 8350 | 8409 | 8468 | 8527 | 8586 
9 8644 | 8703 | 8762 | 8821 | 8879 || 8938 | 8997 | 9056 | 9114 | 9173 

3 740 9232 | 9290 | 9349 | 9408 | 9466 || 9525 | 9584 | 9642 | 9701 | 9760 
1 9818 | 9877 | 9935 | 9994 — 

0053 |}. 0111 | 0170 | 0228 | 0287 | 0345 
2 | 870404 | 0462 | 0521 | 0579 | 0638 || 0696 | 0755 | 0813 | 0872 | 0930 
3 0989 | 1047 | 1106 | 1164 | 1223 || 1281 | 1339 | 1398 | 1456 | 1515 
4 1573 | 1631 | 1690 | 1748 | 1806 || 1865 | 1923 | 1981 | 2040 | 2098 
5 2156 | 2215 | 2273 | 2331 | 2389 || 2448 | 2506 | 2564 | 2622 | 2681 
6 2739 | 2797 | 2855 | 2913 | 2972 || 3030 | 3088 | 3146 | 3204 | 3262 
7 3321 | 3379 | 3437 | 3495 | 3553 || 3611 | 3669 | 3727 | 3785 | 3844 
8 3902 | 3960 | 4018 | 4076 | 4134 || 4192 | 4250 | 4308 | 4366 | 4424 | 58 

-- 4482 | 4540 | 4598 | 4656 | 4714 || 4772 | 4830 | 4888 | 4945 | 5003 

Z 750 5061 | 5119 | 5177 | 5235 | 5293 || 5351 | 5409 | 5466 | 5524 | 5582 

a for} 

RWNRrO O DNR wWHre 



168 Common Logarithms 

26. Logarithms of Numbers 

No, 765 L, 883.] [No. 809 L. 908. a pg ree eee nee i ee 
N. Diff. 

765 
6 
7 
8 
9 

770 
1 
2 
3 
4 
é 56 

7 
8 
9 

780 
1 
2 
3 
4 
5 
6 
7 
8 
9 

790 55 1 
2 

ie 
4 

5 
6 
7 
8 
9 

800 
1 
2 
3 
5 

54 

6 
7 
8 
9 

Te 17st) | 22g! tes’ 5a ears 11.2 | 16.8 | 22.4 | 28:0 | 33/6 30.3 ae ae 
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26. Logarithms of Numbers 

No. 810 L. 908.] 

Resse 

9120 | 9183 

| 0228 
| 0749 | 

5 
6 
‘j 
8 
9 

0 
1 

2) 

3 
4 
5} 

6 
at 

8 
9 

Ginsewee 

@ or 

WWM HO oO 

Ororgoror 
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26. Logarithms of Numbers 

No. 855 L, 931.] [No. 899 L. 954. 
: 

| o | al ed Sad ws! 6] whe | shoe 
Bova = ae eS Se 
855 | 931966 | 2017 | 2068 | 2118 | 2169 | 2220 | 2271 | 2302 | 2372 | 2493 

6 2474 | 2524 | 2575 | 2626 | 2677 || 2727 | 2778 2829 | 2879 | 2930 
7| 2981 | 3031 | 3082 | 3133 | 3183 || 3234 | 3285 | 3335 | 3386 | 3437 
8 | 3487 | 3538 | 3589 | 3639 | 3600 | 3740 | S791 | 3841 | Bex2 | 3048 
9| 3993 | 4044 | 4094 | 4145 | 4195 | 4246 | 4296 | 4347 | 4307 | 4448 

geo | 4498 | 4549 | 4599 | 4650 | 4700 | 4751 | 4801 | 4852 | 4902 | 4953 
al 5003 | 5054 | 5104 | 5154 | 5205 |! 5255 | 5306 | 5356 | 5406 | 5457 
2| 5507 | 5558 | 5608 | 5658 | 5709 || 5759 | 5809 | 5860 | 5910 | 5960 
3 6011 | 6061 | 6111 | 6162 | 6212 || 6262 | 6313 | 6363 | 6413 | 6463 
4| 6514 | 6564 | 6614] 6665 | 6715 || 6765 | 6815 | 6865 | 6916 | 6966 
5. 7016 | 7066 | 7116 | 7167 | 7217 || 7267 | 7317 | 7367 | 7418 | 7468 
6 | 7518 | 7568 | 7618 | 7668 | 7718 |) 7769 | 7819 | 7869 | 7919 | 7969| Kn 
7 | 8019 | 8069 | 8119 | 8169 | 8219 || 8269 | 8320 | 8370 8470 
8| 8520 | 8570 | 8620 | 8670 | 8720 || 8770 | 8820 | 8870 | sa20 | so70 
9 9020 | 9070 | 9120 | 9170 | 9220 |) 9270 | 9320 9369 | 9419 | 9469 

870 | 9519 | 9569 | 9619 | 9669 | 9719 |! 9769 | 9819 | gsc9 | 9918 | 9968 

1 | 940018 | 0068 | 0118 | 0168 | 0218 || G267 | 0317 | O367 | 0417 | 0467 
2| 0516 | 0566 | 0616 | 0666 | 0716 || 765 | 0815 | O865 | O915 | 0964 
3 1014 | 1064 | 1114 | 1163 | 1213 || 1263 | 1313 | 1362 | 1412 | 1462 
4 1511 | 1561 | 1611 | 1660 | 1710 1760 | 1809 | 1859 | 1909 | 1958 
5 | 2008 | 2058 | 2107 | 2157 | 2207 || 2056 | 2306 | 2355 | O45 | 2455 
6| 2504 | 2054 | 2603 | 2653 | 2702 || 2752 | 2801 | 2851 | S901 | 2950 
7 | 3000 | 3049 | 3099 | 3148 | 3198 || 3947 | S997 | 3346 | 3396 | 3145 
8 | 3495 | 3544 | 3503 | 3643 | 3692 || 3742 | 3791 | 3841 | 3800 | 3039 
9| 3989 | 4038 | 4oss | 4137 | 4186 || 4936 | 4285 | 4335 | 4384 | 4438 

880} 4483 | 4532 | 4581 | 4631 | 4680 || 4729 | 4779 | 4908 | agr7 | ager 1| 4976 | 5025 | 5074 | 5124 | 5173 || 5200 | 5272 | 5301 | sa70 | 5419 2| 5469 | 5518 | 5567 | 5616 | 5665 || S715 | 5764 | 5813 | seee | S91> 
3 5961 | 6010 | 6059 | 6108 | 6157 6207 | 6256 | 6305 | 6354 4| 6452 | 6501 | 6551 | 6600 | 6649 || 6698 | 6747 | 6796 | 6845 | E894 5 | 6943 | 6992 | 7041 | 7090 | 7140 || 7189 | 7238 | rosy | 7336 | 7a85 6 | 7434 | 7483 | 7532 | 7581 | 7630 || 7679 | 7728 | 7777 | 7826 | 7875 | 49 7| 7924 | 7973 | 8022 | 8070 | 8119 || s168 | 8217 | 8266 | 8ai5-| S864 8 | 8413 | 8462 | 8511 | 8560 7 | 8706 | 8755 | sso4 | 8853 9} 8902 | 8951 | 8999 | 9048 | 9097 || 9146 | 9195 | 9244 | 9299 | 9311 

890 | 9390 | 9489 | 9488 | 9536 | 9585 || 9634 | 9683 | 9731 | 9c80 | og29 1] 9878 |-9926 | 9975 |——_|—— [a bie Baal -——|——| 0024 } 0073 || o121 | 0170 | 0219 | 0267 | 0316 2 | 950365 | 0414 | 0462 | 0511 | 0560 || 0608 | 0657 | 0706 | 0754 | 0803 
3 0851 | 0900 | 0949 | 0997 | 1046 1095 | 1143 | 1192 | 1240 | 1289 4| 1338 | 1386 | 1435 | 1488 | 1532 || 1580 | 1629 | 1677 | 1796 | 1775 5| 1823 | 1872 | 1920 | 1969 | 2017 || 2066 | 2114 | 2163 | 2011 | o960 6 | 2308 | 2356 | 2405 | 2453 | 2502 || 2550 | 2599 | 2647 | S806 | or44 7| 2792 | 2841 | 2889 | 2038 | 2986 || 3034 | 3083 | 3131 | 3180 | 3598 8| 3276 | 3325 | 3373 | 3421 | 3470 || 3518 | 3566 | 3615 | 3668 | 3711 9| 3760 | 3808 | 3856 | 3905 | 3953 |! 4001 | 4049 | 4098 | aa46 | 4194 
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26. Logarithms of Numbers 

[No. 944 L. 976, | 

2 3 4 6 6 7 8 9 Diff. 

900 4839 | 4387 | 4435 || 4484 | 4532 | 4580 | 4628 | 4677 
1 4821 | 4869 | 4918 || 4966 | 5014 | 5062 | 5110 | 5158 
2 7 | 5255 | 5303 5399 || 5447 | 5495 | 5543 | 5592 | 5640 
3 5688 | 5736 | 57! 5832 | 5880 || 5928 | 5976 | 6024 | 6072 | 6120 
a 6168 | 6216 | 6265 | 6313 | 6361 || 6409 | 6457 | 6505 | 6553 | 6601 48 
5 6649 | 6697 | 6745 | 6793 , 4888 | 6936 | 6984 | 7032 | 7080 
6 7128 | 7176 | 7224 | 7272 | 7320 || 7368 | 7416 | 7464 | 7512 | 7559 
7 7607 | 7655 | 77 7751 | 7799 || 7847 | 7894 | 7942 | 7990 | 8038 
8 8086 | 8134 | 8181 | 8229 | 8277 || 8325 | 8873 | 8421 | 8468 | 8516 
9 8564 | 8612 | 8659 | 87 8755 || 8803 | 8850 | 8898 | 8946 | 8994 

910 9041 | 9089 | 9137 | 9185 | 9232 || 9280 | 9328 | 9375 | 9423 | 9471 
4 9518 | 9566 | 9614 | 9661 | 9709 || 9757 | 9804 | 9852 | 9900 | 9947 

9995, |_———— | ——§_ }—_—_ |__| —_ |__| ——_ —_— 
0042 | 0090 | 0138 | 0185 || 0233 | 0280 | 0328 | 0376 | 0428 

8 | 960471 | 0518 | 0566 | 0613 | 0661 || 0709 | 0756 | 0804 | 0851 | 0899 
4 0946 | 0994 | 1041 | 1089 | 1136 || 1184 | 1231 | 1279 | 1826 | 1874 
5 1421 | 1469 | 1516 | 1563 | 1611 || 1658 | 1706 | 1753 | 1801 | 1848 
6 1895 | 1943 | 1990 | 2038 | 2085 || 2132 | 2180 | 2227 | 2275 | 2322 
7 2369 | 2417 | 2464 | 2511 | 2559 || 2606 | 2653 | 2701 | 2748 | 2795 
8 2843 | 2890 | 2937 | 2985 | 3032 || 3079 | 3126 | 3174 | 3221 | 3 
9 3316 | 3363 | 3410 | 3457 | 3504 || 3552 | 3599 3693 | 3741 

RS £0 00 =3 OD OT ews SRR ROE RIN « 
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26. Logarithms of Numbers 

No, 945 L. 975.] (No. 989 L. 995. 

wf oe | eye e|4|[s| 6] 7] 8| © | vim 

g45 | 975482 | 5478 | 5524 | 5570 5616 || 5662 | 5707 | 5753 | 5799 5845 
6 | 5891 | 5937 | 5983 | 6029 675 || 6121 6167 | 6212 | 6258 | 6304 
7 | 6350 | 6396 | 6442 | 6488 | 6533 || 6579 | 6625 | 6671 | 6717 | 6763 
8 | 6808 | 6854 |-6900 | 6946 | 6992 || 7037 | 7083 | 7129 | 7175 | 7220 | 
9| 7266 | 7312 | 7358 | 7403 | 7449 Bical 7541 | 7586 | 7632 | 7678 

950 | 7724 | 7769 | 7815 | 7861 | 7906 || 7952 | 7998 | 8043 | 8089 | 8135 
1 8181 | 8226 | 8272 | 8317 | 8363 || 8409 | 8454 | 8500 | 8546 | 8591 
2| 8637 | 8683-) S728 | 8774 | 8819 || 8865 | 8911 | 8956 | 9002 | 9047 
3 | 9138 | 9184 | 9230 | 9275 || 9321 | 9366 | 9412 | 9457 | 9503 
4| 9548 | 9594 | 9639! 9685 | 97 9776 | 9821 | 9867 | 9912 | 9958 
ee) ee ee -———S- | ———§ ———— 

5 | 980003 | 0049 | 0094 | 0140 | 0185 |) 0231 | 0276 | 0322 | 0367 0412 
6 | —0458 | 0503 | 0549 | 0594 | 0685 | 0730 | 0776 | 0821 | 0867 
7 | 0912 | 0957 | 1003 | 1048 | 1093 || 1139 | 1184 | 1229 | 1275 | 1320 
8 1366 | 1411 | 1456 | 1501 | 1547 || 1592 | 1637 | 1683 | 1728 | 1773 
9} 1819 Fe es: Daa Bead 2045 | 2090 | 2135 | 2181 

960 | 2271 | 2316 | 2362 | 2407 | 2452 || 2497 | 2548 | 2588 | 2633 | 2678 
1| 2723 | 2769 | 2814 | 2859 | 2904 || 2949 | 2994 | 3040 | 3085 | 3130 
2| 38175 | 3220 | 3265 | 3310 | 3356 || 3401 | 3446 | 3491 | 3536 | 3581 
3 | 3626 | 3671 | 3716 | 3762 | 3807 || 3852 | 3897 | 3942 | 3987 | 4032 
4| 4077 | 4122 | 4167 | 4212 | 4257 |} 4302 7 | 4392 | 4437 | 4482 
5 | 4527 | 4572 | 4617 | 4662 | 4707 || 4752 | 4797 | 4842 | 4887 | 4932 | 45 
6| 4977 | 5022 | 5067 | 5712 | 5157 || 5202 | 5247 | 5292 | 5337 | 5382 
7 | 5426 | 5471 | 5516 | 5561 | 5606 || 5651_| 5696 | 5741 | 5786 | 5830 
8| 5875 | 5920 | 5965 | c010 | 6055 || 6100 | 6144 | 6189 6279 
9| 6324 | 6369 | 6413 | 6458 | 6503 || 6548 | 6593 | 6637 | 6682 | 6727 

970 | 6772 | 6817 | 6861 | 6906 | 6951 || 6996 | 7040 | 7085 | 7130 | 7175 
1 | 7219 | 7264 | 7809 | 7353 | 7398 || 7 7488 | 7 WIT | 7 
2! 666! 711 | 7756 | 7800 | 7845 |} 7890 | 7934 | 7979 8068 
8 | 8113 | 8157 | 8202 7 | 8291 || 8836 | 8381 | 8425 | 8470 | 8514 
4 9 | 8604 | 8648 | 8693 | 8737 || 8782 | 8826 | 8871 | 8916 | 8960 
5 | 9005 | 9049 | 9094 | 9138 | 9183 || 9227 | 9272 | 9316 | 9361 | 9405 
6 | 9450 | 9494 | 9539 | 9583 | 9628 || 9672 | 9717 | 9761 | 9806 | 9850 
Volfee bhai’ ipo ie es S| eS ares 

—_— | 0028 | 0072 || 0117 | 0161 | 0206 | 0250 } 0294 
8 | 990389 0383 | 0428 | O472 | 0516 | 0561 | 0605 | 0650 | 0694 | 0738 
9 | 0783 0827 | O8T1 | 0916 | 0960 || 1004 | 1049 | 1093 | 1137 | 1182 

980 | 1226 | 1270 | 1815 | 1359 | 1403 || 1448 | 1492 | 1536 | 1580 | 1625 
1 | 1669 | 1718 | 1758 | 1802 | 1846 || 1890 | 1935 | 1979 | 2023.) 2067 
2] 2111 | 2156 | 2200 | 2244 | 2288 || 2833 | 2377 | 2421 | 2465 | 2509 
8 | 2554 | 2598 | 2642 | 2686 | 2730 || 2774 | 2819 | 2863 | 2907 | 2951 
4} 2995 | 3039 | 3083 | 3127 | 3172 || 3216 | 3260 | 3304 | 3348 | 3392 
5 | 3486 | 3480 | 3594 | 3R68 | 3613 || 3657 | 3701 | 3745 | 3789 | 3833 
6 | 8877 | 3921 | 3965 | 4009 | 4053 || 4097 | 4141 | 4185 | 4229 | 4273 
7 | 4817 | 4361 | 4405 | 4449 | 4493 || 4537 | 4581 | 4625 | 4669 | 47138} 44 
8| 4757 | 4801 | 4845 | 4889 | 4933 || 4977 | 5021 | 5065 | 5108 | 5152 
9} 5196 | 5240 | 5284 | 5328 | 5372 || 5416 | 5460 | 5504 | 5547 | 5591 
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Log, 

0.000000 || 
0.301030 
0.477121 | 
0.602060 
0.698970 

0.778151 
0.845098 | 
0.903090 
0.954243 | 
1.000000 

1.041393 

Sign 
Value Value 

in Ist |at 90°, 

R signifies equal to rad; signifies infinite; O signifies evanescent. 
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Common Logarithms 

26. Logarithms of Numbers 

LoGarRITHMS OF NUMBERS FROM 1 To 100. 

Log. 

1.342423 
1.361728 
1.380211 
1.397940 

1.414973 
1.431364 

1.462398 
1.477121 

1.491362 

1.322219 

| 

1.447158 | 

| 

| 
| 
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Value} Si, 
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~ 
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Ne Log. 

64 | 1.806180 
65 | 1.812918 

869232 
875061 

880814 
886491 
892095 
-897627 
903090 
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174 Logarithmic Functions 

27. Six-Place Logarithmic Sines, Cosines, Tangents and Cotangents 

In the following pages, 175 to 219, characteristics of logarithms are increased by 
10 in order to avoid negative ones. Thus log sin 1° 10’ = 8.308794 or 2.308794, log cot 
2 10’ = 11.691116 or 1.691116, log tan 0° 30’ = 7.940858 or 3.940858. 

Pages 175 to 219 give values of these functions to six decimal places for every minute 
of the first and second quadrants. The degrees are at the top and bottom of the pages 
and the minutes at the sides below or above the degrees. For example, on page 185 
the angles 10° 26’ and 169° 34’ have log sin = 9.257898, while 79° 20’ and 100° 40’ 
have log cot = 9.274964. 

The columns headed D. 1” enable interpolation to be made for seconds; thus for 
10° 26’ 15” the D. 1” is 11.42 for log sin, whence-11.42 X 15 = 171 and log sin for this 
angle is 9.257898 + 171 = 9.258069. Also for 163° 38’ 15” the log tan is 
9.467880 — 117 = 9.467763. The computed difference is to be added or subtracted 

according as the tabular values of the function increase or decrease with an increase 
in the angle. 

The columns of D. 1” are omitted on pages 175 and 176, except for log cos; while 
other columns are added which enable intermediate values of the other functions to 
be found for small angles more accurately than can be done by interpolation. Thus 
to find log sin A and log tan A, when A contains seconds, the equations 

logsin A = § + log A”, log tan A = T + log A”, 

are to be used, A” signifying the number of seconds in the angle A. For example, let 
the angle A be 1° 6’ 33’ or 3993’’; for 1° 6’ the value of S is taken from the fourth 
column on page 176 and log 3993 from Table 26. Then 

For 1° 6’ S = 4.685548 
log 3993 = 3.601299 

log sin 1° 6’ 33/7 = 8.286847 

Similarly for 0° 54’ 12” or 3252” the log tan is found as follows: 

For 0° 54’ T = 4.685611 
log 3252 = 3.512151 

log tan 0° 54’ 12’ = 8.197762 

To find log cot for a small angle the equation log cot A = C — log A” is to be used 
where C is taken from the eighth column. For example, for 1° 0’ 16” or 3616” the 
value of C is 15.314381 and that of log 3616 is 3.558228, whence log cot 1° 0’ 16” = 
11.756153. 

To find the angle from a given logarithmic function, the eye must run along the table 
until the tabular value nearest to itis found. Thus, when log tan is given as 9.516910 

this is found on page 193 and the angle is either 18° 12’ or 161° 48’. Again, when 
log tan is given as 9.526004, this is found to lie between 9.525778 and 9.526197; to 
the first value corresponds the angle 18° 33’ and the D. 1” is 6.98; the difference 
9.526004 — 9.525778 is 226 and 226/6.98 = 32.4’, so that the required angle is 
18° 33’ 327.4. 

When the given function falls on page 175 or 176, the number of seconds is found 
by the equations 

log A” =logsin A —S, log A’ =logtan A — T, log A” =C —logcot A. 

For example, given log tan A as 8.465371 for which T is 4.685700, then log A” = 
8.465371 — 4.685700 = 3.779671 from which by Table 26 there is found A” = 6021” 
and hence A = 1° 40’ 21”. 



] Logarithmic Functions 175 
| z 27. Logarithmic Sines, etc. 
e 

| : | ' =0° Sine. g—l Tang. Cotang. | q+ ||D1’| Cosine. 179° 

| ger 4.685 15.314 , Q|] 0} Inf. neg.) 575 || 575! Inf. neg.|| Inf. pos.| 425 ten 60 60 | 1 | 6.463726 | 575 || 575) 6.463726 || 13.536274| 495 ten | 59 120/ 2} .764756 1575 ||575| .764756 235244 | 495 ten | 58 180 | 3 | 6.940847 | 575 | 575) 6.940847 || 13.059153| 495 ten | 57 240 | 4 | 7.065786. | 575 || 575| 7.065786 || 12.934214| 495 ten | 56 300| 5| 21 575 ||575| 162696 - 837304 | 425- ten | 55 860] 6 | .241877 |575|/575| 241878 -758122 | 425 || 02 | 9 999999 | 54 = | 40| 7|: 5%5 | 575| .308825 | 691175 | 425 || -90| “999999 | 53 | 480| 8| .366816.1574|/576| “366817 .633183 | 494 — +999999 | 52 | 540] 9] .417968.]574] 576| “41797 582030 | 424 || 20] “gg9999 | 54 | 600 | 10| .463726 |574|/576| (4637: 536273.| 424 || 92] “g9q998 | 50 
660 | 11 | 7.505118 | 574 |/ 576 | 7.505120 || 12.494880 | 424 00 | 9.999998 | 49 é 720 | 12 | 1542906 |574|/577| 542909 457091 | 423 || 0% |“ “ogg997 | 48 780 | 13 | 1577668 |574||577| “s77672 422828 | 423 || 00] ‘990007 | 47 840 | 14 574||577| 1609857 -390143 | 423 || -02| “999996 | 46 900 | 15 | .639816 |573|/578| "639820 -360180 | 422 |) -00] “990996 | 45 960 | 16 7845 |573| 578| 667849 -832151 | 422 || 0? | ‘999905 | 44 1020 | 17} 1694173 |573| 578| “694179 805821 | 422 || -00/ ‘99995 | 43 1080 | 18 | :718997 |573/ 579| 719003 -280997 | 421 || 02) ‘99994 | 42 1140 | 19 | (742478 |573]'579| “742484 257516 | 421 || -02) ‘999993 | 41 1200 | 20| 1764754 | 572|/580| [764761 -235239 | 420 || - 999993 | 40 

1260 | 21 | 7.785943 | 572| 580 7.785951 || 12.214049 | 420 a 9.999992 | 39 1320 | 22 | '806146 |572//581| |s06155 193845 | 419 | -02| ‘999991 | 38 1380 | 23 | 1825451 |572| 581| 825460 174540 | 419 | -02) ‘999990 | 37 1440 | 24} (842934 |571| 582] ‘843044 156056.) 418 | -07| ‘999989 | 36 1500 | 25 | 1861662 |571|/ 583! ‘861674 -138326 | 417 || -00) ‘999989 | 35 1560 | 26 | '878695 |571|/583| ‘8787 21292 | 417 || “02 ) ‘999088 | 34 1620 | 27 | 1895085 |570| 584 -104901 ( 416 | -23| ‘999987 | 33 1680 | 28 | °910879 |570| 584| {910894 -089106 | 416 | -03| ‘99986 | 32 1740 | 29 | °926119 |570| 585| 926134 078866 | 415 || 02) 999985 | 31 1800 | 30 | 940842 | 569 586 1059142 | 414 || - '999983 | 30 
1860 | 31 | 7.955082 | 569| 587] 7.955100 || 12.044900 | 413 figs 9.999982 | 29 1920 | 32 | 968870 | 569| 587| 1968889 081111 | 413 || -02 | ‘999981 | 28 1980 | 33 | .982233 | 568|/588| ‘989053 17747 | 412 || +23 | ‘999980 | 27 2040 | 34 | 7.995198 | 589 | 7.995219 || 12.004781 | 411 || -O2| ‘999979 | 26 2100 | 85 | 8.007787 | 567 | 590) 8.007809 || 1.992191 | 410 || -°8 | ‘oo9977 | 25 2160 | 36 | .020021 | 567|/591| 020044 97 409 | -03 | 1999976 | 24 2220 | 37 | :031919 | 566 | 592) ‘031945 968055 | 408 || “02 | “s99075 | 23 2280 | 38 | 1043501 | 566) 593| 043507 956473 | 407 || -03| “999078 | 22 2340 | 39 | (054781 | 566) 593| 054809 945191 | 407 || 251 og9972 | 21 
2400 | 40 5776 |565| 594! 1065806 934194 | 406 || « "999971 | 20 
2460 | 41 | 8.076500 | 565 || 595| 8.076581 || 11.923469 | 405 Ke 9.999969 | 19 2520 | 42 | 1086965 | 564! 596) 086997 913003 | 404 | -02 | ‘999968 | 18 2580 | 43.| 1097183 |564| 598] “o97217 902783 | 402 || -03 | '999966 | 17 2640 | 44.| :107167 | 563 |/599| “107208 18927 401 || 72 | .999964 | 16 2700 | 45 | .116926 | 562 |) 600] 116963 883037 | 400 || -03 | 1999963 .| 15 
2760 | 46] 1126471 |562|| 601] [126510 873490, 399 || 03! 999961 | 14 
2820 | 47 | .135810 | 561 || 602] 1135851 864149 | 398 || -03| <999959 | 13 
2880 | 48 | 144953 | 561 || 603] 2144996 855004 | 397 || 02) °999958 | 12 
2940 | 49 | °153907 | 560|| 604} 7153952 846048 | 396 || -23| °999956 | 11 
3000 | 50] 162681 | 560 || 605| 162727 837273 | 395 ise "999954 | 10 
3060 | 51 | 8.171280 | 559 || 607} 8.171328 || 11.828672 | 393 | -93] 9 999952 | 9 
3120 | 52] 179713 | 558 || 608] _ .179763 820237 | 392 || -08| “999950 | 8 
3180 | 53] .187985 | 558 || 609] |188036 811964 | 391 |/ -93) -990948 | 7 
8240 | 54} .196102 | 557 || 611] 1196156 803844 | 389 || -93| 999946 | 6 
3300 | 55 | .204070 | 556 || 612} 1204126 795874 | 888 |] 93 | 999044 | 5 
3360 | 56 | 211895 | 556 || 613| 1211953 788047 | 387 || 93) ‘999942 | 4 
8420 | 57 | 1219581 | 555 || 615] 1219641 780359 | 385 || -03} ‘999940 | 3 
3480 | 58 | .227134 | 554|) 616] 227195 772805 | 384 ||-03! 999938 | 2 

3600 | 60 | @i24iebs | be3 |/619| s 241991 || 1.758079 | Sai ||-03| glosaeee | 00 | 60 | 8.2 . 
cca es 4.685 15.314 ’ 

Cosine. Cotang. Tang. ‘D1’, Sine. - 89° 
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27. Logarithmic Sines, 

| 
1° Sine. q-l Tang. Cotang. | g-+U ||D1’’| Cosine. 178° 

” | 4.685 15.314 , 
3600 | 0 | 8.241855 | 553 | 619 | 8.241021 || 11.758079 | 381 || 49) 9.999934 | 60 
| 3660 | 1 | 249033 | 552 | 620 | 249102 || 750898 | 380 || -03) “999032 | 59 
3720 | 2 | 1256004 | bal | 622 | :256165 || .743835 | 378 || -°5/ ‘999920 | 58 
3780 | 3| :263042 | 551 | 628 | :263115 || -736885 | 377 || -93) ‘o999e7 | 57 
3840 | 4 | .269881 | 550 | 625 | |269956 730044 | 375 || -03) ‘og9995 | 56 
3900 | 5 | .276614 | 549 | 627 | .276691 723309 | 373 || -3| ‘og99g2 | 55 
3960 | 6 | .283243 | 548 | 628 | .2833 716677 | 372 || -03 ‘999990 | 54 
4020 | 7| .289773 | 547 | 630 | .289856 710144 | 370 || 03} ‘999018 | 53 
4080 | 8| 1296207 | 546 | 632 | | 296292 703708 | 368 |! -03) ‘999915 | 52 
4140 | 9 | .302546 | 546 | 633 | 302634 || 697368 | 367 || -03| ‘ogg913 | 51 
4200 | 10 | :308794 | 545 | 635 | 1308884 || - 691116 -05/ ‘999910 | 50 
4260 | 11 | 8.314954 | 544 | 637 | 8.315046 || 11.684954 | 363 || -°! 9.999907 | 49 
4320 | 12 | .321027 | 543 | 638 | .321122 || "678878 | 362 || -%3! ‘999005 | 48 
4380 | 13 | 327016 | 542 | 640 | 327114 672886 | 360 || -05| ‘999902 | 47 
4440 | 14. | 339924 | 541 | 642 | 333025 666975 | 358 || -03) ‘999899 | 46 
4500 | 15 | 1338753 | 540 | 644 661144 | 356 || 03) ‘999807 | 45 
4560 | 16 | .341504 | 539 | 646 | 344610 || 655390 | 354 || -95 ‘oogs04 | 44 
4620 | 17 | 1350181 | 539 | 64g | 1350289 649711 | 352 || -(2| ‘999801 | 43 
4680 | 18 | 1355783 | 538 | 649 | .355895 644105 | 351 || “0 888 | 42 
4740 | 19 | 1361315 | 537 | 651 | +361430 || .638570 | 349 || -03) ‘999885 | 41 
4800 | 20 | .366777 | 536 | 653 | :366895 || :633105 | 347 || -°| ‘ga9gg2 | 40 
4860 | 21 | 8.372171 | 535 | 655 | 8.372292 || 11.627708 | 345 || -95) 9.999879 | 39 
4920 | 22 | .377499 | 534 | e57 | .377622 || 622378 | 343 || -95| “999876 | 38 
4980 | 23 | .382762 | 633 | 659 | 382889 || “617111 | 341 || -93) ‘999873 | 37 
5040 | 24 | .387962 | 532 | 661 | 388092 || 611908 | 339 || -%5| ‘999870 | 36 
5100 | 25 | .393101 | 531 | 663 | .393234 || 606766 | 337 || - 999867 | 35 
5160 | 26 | .398179 | 530 | 666 | 1398315 || 1601685 | 334 || -95| ‘g99ge4 | 34 
5220 | 27 | :403199 | 529 | 668 | 1403338 || 1596862 | 332 || -95| ‘g99ge1 | 33 
5280 | 28 | .408161 | 527 | 670 | :408304 |) :591696 | 330 || -05) Sog9858 | 32 
5340 | 29 | .413068 | 526 | 672 | 413213 || {586787 | 398 || <7! “g99854 | 31 
5400 | 80 | .417919 | 525 | 674 | 1418068 |) 581932 | 326 | -) ‘999851 | 30 
5460 | 31 | 8.422717 | 524 | 676 | 8.422869 || 11.577131 | 324 || 9) 9. g99848 
5520 | 32 | .497462 | 593 | 679 | 427618 || 1572382 | 301 || -97| *“goonae | Bp 
5580 | 33 | .432156 | 522 | 681 | .432315 |/ 567685 | 319 || -05| ‘o9084i | 27 
5640 | 34 | 436800 | 521 | 683 | :436962 |/ 563038 | 317 || -05) ‘oggsae | 26 
5700 | 35 | .441394 | 520 | 685 | .441560 || 558440 | 315 || -97| ‘999934 | 95 
5760 | 36 | .445941 | 518 | 688 | :446110 | 553890 | 312 || -05) ‘o9g8a1 | 24 
6820 | 87 | 450440 | 517 | 690 | 450613 |) -549387 | 310 || -92| ‘g99827 
5880 | 38} 454893 | 516 | 693 | :455070 || 1544980 | 307 || -9) “gg9ge4 | 90 
5940 | 39 | .459301 | 55 | 695 | .459481 || 540519 | 305 || -97) ‘og9g00 | 57 
6000 | 40 | :463665 | 514 | 697 | :463849 || 1536151 | 303 || -97| “og9816 | 90 
6060 | 41 | 8.467985 | 512 | 700 | 8.468172 || 11.531828 | 300 || -9) 9. 999813 6120 | 42 | .472263 | 511 | 702 | 472454 || "527546 | 298 || -97) ° “oogso9 18 
6180 | 43 | 1476498 | 510 | 705 | |476693 523307 | 295 || -07) ‘o9qg05 | 17 
6240 | 44 | :480693 | 509 | 707 | | 480892 519108 | 293 || -97 “999801 | 16 
6300 | 45 | 484848 | 507 | 710 | -485050 || 1514950 | 290 || -27/ “ogg797 | 15 
6360 | 46 | .488963 | 506 | 713 | .499170 510830 | 287 || -°3| ‘999794 | 14 
6420 | 47 | 1493040 | 505 | 715 | :493250 506750 | 285 || -7/ ‘999790 | 13 
6480 | 48 | .497078 | 503 | 718 | 497293 || E02707 | 282 || -O7/ “oo9786 | 1 
6540 | 49 | :501080 | 502 | 720 | ‘501298 || [498702 | 280 || -97) “ggq7g0 | 37 
6600 | 50 | 505045 | 501 | 723 | :505267 ||’ 1494733 | 277 || -97| “o99778 | 10 
6860 | 51 | 8.508974 | 499 | 726 | 8.509200 || 1.490800 | 274 || 02! 9. g90774 | 9! 
6720 | 52 | .512867 | 498 | 729 | .513098 |! :4geg02 | 271 || -28) ~“g907¢9 | 31 
6780 | 53 | 516726 | 497 | 731 | [516961 483039 | 269 || -07! ‘990765 | 7. 
6840 | 54} 520551 | 495 | 734 | [520790 479210 | 266 || -7! ‘ogorei | 68 6900 | 55 | .524343 | 494 | 737 | [524586 475414 | 263 || -7| ‘ooo757 | 5 6960 | 56 | .528102 | 492 | 740 | ‘529349 471651 -07) “oo9753 | 4 7020 | 57 | :531828 | 491 | 743 | 532080 467920 | 257 || -°8| ‘oo97aa| 3 7080 | 58 | 1535523 | 490 | 745 | :535779 || 1484921 | 255 || -O71 “gooraa | 3 7140 | 59 | _-539186 | 488 | 748 | -539447 ||. 460558 | 252 || -O%) “og9740 | 1 7200 | 60 | 8.542819 | 487 | 751 | 8.543084 |) 1.456916 | 249 || -8| 9’ 999735 | 9 

5 A 

Cotang. Tang. DI”! Sine. gge 



agen 

0’| 8 542819 
1| .546422 
2] .549995 
3] 553539 
4] 155705 
5 | .560540 
6 | .563999 
7 | (567431 
8 | .570836 
9 | 574214 

10 | .57756 
| 11 | 8.580892 

12| .584193 
13 | 1587469 
14 | 590721 
15 | 593948 
16 | .59Tioz 
17 | .600332 
18 | 603489 
19 | 606623 
20 60972 
21 | 8.612823 
22 | 615891 
23 | .618937 
24 621962 
25) 624965 
26 | .627948 
27 | 630911 
28 | 633954 | 
29 | .63677 
80 | .639680 
31 | 8.642563 
32 | 645428 
33 | .648274 
34.) .651102 
35 | .653911 
36 | 656702 
37 | 659475 
38 | .662230 
39 664968 
40 | .667689 
41 | 8.670393 
42 | .673080 
43| 675751 | 
44 | 678405 | 
45 | .681043 
46 | .683665 
7 | .686272 

48 | .688863 _ 
49 | .691438 
50 | .693998 | 
51 | 8.696543 
52| .699073 
53 | 701589 
54| .704090 
55 | .706577 
56 | .709049 
57. | .711507 
58 | .713952 
59 | .716383 
60’| 8.718800 

929 Cosive. IDE Ars 

Logarithmic Functions 

Cosines, Tangents, and Cotangents, 

? 

on 

65 
20 
75 
30 
87 
43 

02 
60 
20 
78 
40 
00 
62 
23 

51.85 
48 

13 
V7 
42 
05 
72 
38 
05 
70 
40 
05 

75 
43 

2°| Sine, | p. 1. Tang. 

8.543084 
546691 
-550268 
.553817 
557336 
560828 
564291 
567727 
(571137 
“574520 
577877 

8.581208 
“584514 

616262 

8.670870 
673563 
676239 
-679900 
-681544 
68417 
686784 
-689381 
-691963 
-694529 

8.697081 
699617 

“716972 
8.719396 

Cotang. 

M77 

Dire Cotang. hr | 

11.456916 | 60’ 
60-12 | 1458300 | 59 
bois | -449732 | 58 
pean | -446188 | 57 
P33 | _ «442664 | 56 
ae "439172 | 55 
page | 485709 | 54 
Bogs | -482273 | 53 
Pe Se | .428863 | 52 
B05 | 425480 | 51 
55.52 inane 3 50 

418792 | 49 
2o-10 | 1415486 | 48 
PAGO | 1412205 | 47 
Paes | 408949 | 46 
pee | 1405717 | 45 
73 dg | 402508 | 44 
oie “399323 | 43 
Peso | 1896161 | 42 
pees | 1393022 | 41 

a Renae | : 
51.22 | 1888738 | 38 
5-85 | 880687 | 37 
Pye || 377657 | 38 
oo ap | -874648 | 85 
49-80 | 871660 | 34 
40-47 | 368602 | 33 
4o.13 | 365744 | 32 
4Bag | 362816 | 81 

es aga 2 
oe "354147 | 28 
a | .g512068-| 27 | 
aioe | 348463 | 26 

| a4 . 345648 | 25 
46.62 | “g4on51 | 24 
46.82 | '340072 | 23 
4-02 | .sa7B11 ) 22 
#72 | 884567 | 21 

wee ips | i 
vrs 326437 | 18 
44-80 | “aea7et | 17 
44-25 | 821100 | 16 
44-07 | 818456 | 18 
43.80 | 315828 | 14 
43.53 | (313216 | 13 
43-23 | 310619 | 12 
43.03 | 308087 | 11 

oe Rapier - 
pe "300383 | 8 
ao “297861 | 7 
q78 | ‘posand | 6 

"292860 | 5 41:30 | “Sooapo | 4 
41.08 “5a0q17 . ‘987917 | 3 40.85 "285466 | 2 40.63 40 | 253028 | 

-40 | 41.280604 | 0 

1B fae Tang. (87° 



Logarithmic Functions 

a 27. Logarithmic Sines, 

Cosine. | D. 1’. Tang. | Dears Cotang. 176° 
; oly 

ae 

3° Sine. D 

11.280604 | 60” 8.719396 | 49 47 .278194 | 59 

— 
9.999404 | 49 -721806 | 39/97 -275796 | 58 

0’| 8.718800 | 49 gy -999398 | “49 -724204 | 3953 273412 | 57 

1 | .721204 | 99 °g5 999391 | "49 .726588 | 39'50 -271041 | 56 

2 | .723595 | 39’ g5 
.10 -728953 | 39°39 268683 | 55 

8} «725972 | 39°49 999378 | “49 -731317 | 39°49 "266337 | 54 

4 lie aes 999371 er -733683 | 39°28 “264004 = 

730688 | 3° 
md . 735996 .68 1683 

8 | e308 88.78 || ‘oo0g57 | 12 ‘vassiz |. 38-68 ‘Bosra | bt 

7 | .735854 | 3e"n5 999350 nip -740626 | 39°57 -257078 | 50 

| arene 88.37 |) 999843 | -18 T4222 | 38°08 11.254793 | 49 
treet ae “Hie | Sg | ae | 8 

3 d TATA 7. 

11 | 8.744536 | 97 nn -999822 | “49 749740 | 35°48 “asotl 46 

ee IR a Cer Te || (751989 | sr'55 245773 | 45 

18 | .749055 | 32°35 -999308 12 -T54227 | 97°49 1243547 | 44 

14 | .751297 | 37°58 .999301 12 -756453 | 36° go "241332 | 43 

15 | .753528 | 3698 999294 112 -758668 | 36°73 (239128 | 42 

16 | 755747 | 36°85 999287 13 -760872 | 3655 "236935 | 41 

Be | Spee eenoaa iar) comes 12 1} on 36.35) "934754 | 40 

18 | 760151 | 36°43 -999272 .12 -T65246 | 3648 : 39 

19 | .762337 | 36°53 -999265 | *33 ere 11..232583 38 

a) ercs| ae] ame] a | ama | ge ama z 
% 

= 7 ‘ 
. 

21 | 8.700075 35.88 || “909950 | 12 “rarer | 88-82 "906134 36 

22 |. 768828 Bc -999242 | “19 TW 35.48 | “994005 

23 | .770970 | 35°55 -999235 | “33 -775995 -82 | “201886 | 34 

33 | vtreoas | 8°57 || “Goooer | 18 “qaiia | 25-2 S978 | 38 

SS peeeeese 1 Ode tle cers “13 || “7g0R22 34.97 | "917680 | 32 

26 | .777838 ied 999212 8 — 34.80 215592 | 31 

27 | .779434 : 2 a . 7844 34.63 213514 | 30 

28] .781524 | 34° ¢8 999197 | -43 786486 | 34'47 
783605 | 34°59 99189 ; ; 1.211446 | 29 

30 856% Se Mpa sa est og gece 7 

ae | reaver | 8438 || °Soorna | 12 “on6e2 | 34-15 308099 | 36 

82] .789787 | 34 09 -999166 | "33 “794701 | 93°93 203269 | 25 

Bt | cyosese | 83-85 || “goose 18 1 Sxperei| 3-68 201248 | 24 

34 | .793859 | 93°79 999150 18 -T9BT52 | 39°55 199237 | 23 

35 | .795881 | 3955 999142 | “43 -800763 | 93°35 197235 | 22 
87 | .7 z: : Al -804758 | 38°97 193258 | 20 

88 | .801892 | 35°07 999118 13 806742 | 35 99 
9 

89 | 803876 | 39°93 999110 | “43 “808717 11.191283 i: 

40 | .805852 | 39/78 Gasatoe 13 || 8.8087 82.77 | "489817 | 1 

- 
i -810683 | 35°63 359 | 17 

oF | Seer eeRrmny | eens ie a pleut Ieee ee ASoit | 16 

42 | 809777 32.48 999086 15 -814589 | 35 33 :188471 | 15 

43 Sane? ae a - ele 82.20] “481539 - 

PRN 
32.2 

: 8184 05 : 1 

2) Seen ie met | ta “820384 | 390 ivmeoe | te 
46 | .81% . 99905 Bt .8222 oy '175795 | 11 

47 | .819436 | 31°28 -999044 13 -824205 alas “Tyaeo 10 

48 | .821343 | 31°69 . 999036 15 -826103 | 31°48 

Fo | eres eRiete It Seca 13 a “gy | 11.172008 | 9 

50 | .825180 | 31'35 9.999019 18 oe 31.37 170128 S 
; : ‘ : 

bi ere, oe oe ie once 31.08 eee 6 

52 | .8288 : 
ol -833613 | 30‘ 97 1164529 | 5 

53 | -830749 | 39'97 998993 15 835471 | 3 83 “162679 | 4 

Bh | ea eno sai ees ae. || :Sa7aal (epee 160837 | 3 

55 | .834456 | 306g 998976 | 45 839163 30.58 :159002 | 2 

56 | .836297 | 305 998967 15 “840998 ; is 1 

57 | .838130 | 39 '43 . 998958 13 842825 eS fae 0’ 

BS | SEDO Toei 15 |) 8.844644 | 90-82 | 44° ce Se 

59 | 841774 | 3948 9.998941 ea ee ars : Tang. 

60’| 8.843585 
D. 1". |} Cotang. | D. 1’. 

93° Cosine, | D. 1 



Logarithmic Functions 179 

Cosines, Tangents, and Cotangents 

4°] Sine. | D.1°. i . | Cosine. | D. 1”. || Tang. | D.1". | Cotang. 175° 

0’| 8.843585 et 
Se | ae eee | tax |) S-SEE | a a5 | UAE Oe 

84538 “998932 5 || ” 194645: 29.93 1 5 - 15354: 
2) .847183 . 998923 +15 30.08 5 | 59 

29.80 .848260 15 

3| .848971 998914 15 29.95 1740 

4| ‘ssovs1 | 29-87 || ° 15 -850057 | 99° 149943 | 57 
4) -85071 | 99°57 -998905 | “42 "851846 see “y48154 | 56 

5 | ceaor | 29-43 |) “Gomer | 15. | “Beawos 20.08 | 40372 | 55 
7 | “856049 | 29/30 ||“ goge7 Bio (|| of 99.47 | -144597 | 54 

&| ‘eorsor | 22-20 || “goaco | 25 || “eonose | 29-85 | i4toee | be 
9 |. 1959546 | 29-08 || “oggeco | «15 Seacay | 20-88 | ocaguee | bi 

10 | ‘861283 | 28-95 || ‘goaa51 | -15 9.18 | tee | Bp 
11 | 8.869014 | 9g 73 || 9.908841 | "ys || 8.864173 | og gg | 11.295627 | 49 
B Zz 28 62 “99883 15 ech 28.77 .1384094 | 48 

18 | 860455 | 355 || 298823} <7 || -807682 | oe gs | 182868 | 47 
14 | 868165 | 58/38 || -2 “15 || -$89951 | Sa'55 | 13009 | 48 
5 | -goases | 35°55 || -20880 | 15 || -871004 | op-43 | 128086 | 45 
37| ‘873955 28-17 poled "47 aie 28 32 .127230 | 44 

18| ‘s7agag | 28-05 || ‘gopreg | -15 Il ‘ee one |) pace aS 
19 | ‘e7ee15 | 27-% || ‘ones | -12 Serie | 2-12 | “ie a 
20} ‘e7ee85 | 24-83 || ‘ooezz | -15 || ‘evasea | 33-88 ‘faont | 40 
21 | 8.879949 : 9.998747 | ~ ; 97.68 || 9: 8.881202 11.1187 
2 | 881607 | 57Sp || 298088 15 || “esepeo | 37-78 dint | 38 

883258 | 57°45 || 9987 eA "115470 | 37 
24 | 1884903 || 1998718 Beei8s | 22-58 
95 | ‘g86542| 27-22 || “ooe7 17 - ||: e747 | 118815.) 06 
26 gagi74 | 27-20 | 7 15 -887833 | 57°38 112167 | 35 

26 | -sesrid | O77 || 206698 | 7 “080476 | 37-38 | ‘110524 | 34 
a7 | “e961 | Foo || 298688 | Ir sortie | 32-27 | 1108888 | 38 
28) -8 27-00 || ‘998679 | -17 goe7a2 | 27-17 | “s07a58 | 32 
20 | 898085 | 96°89 gosse9 | “Tt 694366 | 37-07 | 1105634 | 81 
eyes | ie 998659 | “30 95084 | 38-87 | 104016 | 30 

a1 amas | on oo | see | ay | sm | ang 1004 | 
33 | songz | 28-50 || ‘oose2o| 37 || - 26.67 | -dootor | 2f 

4) soir | fo 3| Mee | car |) go ae | tee | 
36 | .90s169 | 26-22 || ‘oasoo | -1% || “o0570 | 33-58 “094430 | 24 
37 | 1905736 | 28-12 || ‘goasso | 27 || ‘oov147 | 38-38 | 09285 
38 | 907297 OH coer! 3f 98719 | 26.20 ‘ootast | 22 

998568 | * 910285 | 5p" 0897 
” eae 3-83 || 998558 a 911846 | 30-08 | ‘088154 | 20 

911 9.998548 8.913401 : 
2 18488 25.65 || “998537 ao 914051 | 32-83 11 ede | 18 

44 | -916550 | 32°28 e086 to 318084 2. 85 e986 | 16 
45 | .918073 : 998506 | * 919568 ; 080432 
46| [919501 | 29-30 || ‘g9g495 | -38 921096 | 2°47 | ‘078904 id 
47 | 1921103 | 23-20|| ‘g9g485 | -22 go2619 | 2-28] ‘ovrae 3 
4s | 1922610 | 22-12 || ‘oog474 | -18 924136 | 22-28 Psee4 | 42 
49 | .9e4112 | 25-93 || ‘oogse4| 22 gos649 | 22-22 | 1074851 ii 
50 | :925609 | 31-22 | 998458 ae 927156 | 32:42 |  -072844 | 10 

51 | 8.927100 9.998442 | 8.928658 “oe | 11.071842 
Bz GRASS 24.78 || 1998431 te 930155 | 24-95 | ‘oe9845 3 

Ba) Bums | 24-00 || Seca | 28 || sania | 2428 “ooseos | 6 
55 | 993015 |' 24-52 || - ‘998399 | -18 16 | 24:79 |. [06 4 
B5 | 93015 | 24.48 || -Goeses | 28 |] “asenos | 24-82]  ‘oeagor 4 
Bi | 935042 ne 98377 ts 937565 | 24-83 | [062485 | 8 

59 | 1938850 | 54-9 298355 St oioiod | 24-87 059506 | 1 
60’| 8.940296 | *4:29 | 9'998344 | g.g4i952 | 4-29 | 11:058048 | 0” 

94°| Cosine. | D.1°. || Sine. | D.1". || Cotang.| D.1".| Tang. 85° 
re ee a ence en ee ee ee ne NESE aN ae 
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6°| Sine. 

| 

0’| 8.940296 
1 | .941738 
: -943174 

4 | .946034 
5 | .947456 
6 | .94887: 
7 | .950287 
8 | .951696 
9 | .953100 

10 | .954499 

11 | 8.955894 
12 |. .957284 
13 | .958670 
14 | .960052 
15 | .961429 
16 | .962801 
17 | .964170 
18 | .965534 
19 | .966893 
20 | .968249 

21 | 8.969600 
22) .970947 

972289 
- 973628 
. 974962 
976293 
-977619 
978941 
- 980259 
981573 

8. 

95°| Cosine. 

o fe 

RENERERERE BURNERERES RLEERELSSEE 
3% SBRSSERENE VSRACLRSSH HSHARSSAES 

20.53 

DS] wwrewrswisis 

SUBRSNBS 

i 
a 

Logarithmic Functions 

27. Logarithmic Sines, 

9.997984 
997972 
997959 
997947 
997935 
997922 

997745 

9.997732 
997719 
997706 
997693 
997680 
997667 
997654 
997641 
997628 

9.997614 

Sine. D 

Suekkkee Reebeekess SRBBERBERE BBRBRBERES BZEE 

18 

Tang. 

| 8.941952 
943404 
-944852 

8.957674 
- 959075 

-020403 
9.021620 

Cotang. 

5 he 

UUNUNEREN PURNUNELUE RELLLNRNERE SS HRESETIAR VASSSSONSR GLSIVVSRRGS 

20.73 

| porwrorwwre 

RRBASISS 

i 
= 

013783 

\ 
Cotang. 174° 

SENERRELRS S 

o El Gavakeowas 



6°| Sine. 

0’| 9.019235 
| 1} 2020435 

2| 021632 
3| 022825 
4| 024016 
5 | 025203 
6 | .026386 
7 | 027567 
8 | 028744 
9} .029918 

10 | 031089 
11 | 9.032957 
12) 1033421 
3 | .034582 

14| 1035741 
15 | .036896 
16 | 1038648 
17 | .039197 
as 
19 | .041485 
20 | 042625 
21 | 9.043762 
22 | .044895 
23 | 1046026 
24| .047154 
25 | 648279 
26 | 049400 
27 | 050519 
28 | 051635 
29 | .052749 
30 | .05385 
31 | 9.054966 
32 | 1056071 
33] .057172 
34) 058271 
35 | 059367 
36 | 060460 
37 | 061551 
38 | 062639 
39 | .063724 
40 | 064806 
41 | 9.065885 
42 | 066962 
Be 
44 | 069107 
45 | .070176 
46 | 071242 
47 
48 | 073366 
49| .074424 
50 | .075480 
51 | 9.076533 
52] .077583 
53 | .078631 
54| .079676 
55 | .080719 
56 | .081759 
57 | .082797 
58]. 
59] . 
60’| 9.085894 

96° Cosine. 

Logarithmic Functions 

Cosines, Tangents, and Cotangents 

Ue Gs 

§ x 

Cosine. 

-997601 
-997588 
-997574 
-997561 
- 997547 
- 997534 
- 997520 
-997507 
- 997493 
- 997480 

9.997614 

D. 1". 

RRRPNLENY RRRRRRRRVK BAORRVREKBY BARBHPBRVBY VVVESOSVVS PRLBSYSePwy 

Tang. 

035969 

9.089144 

Cotang. 

! 

D.1°. | Cotang. 173° 

20.23 | 10.978880 “977166 20.1 17166 ‘ "975956 20.1 : 2 | ‘9ra749 ‘OF 7 
20/00 . 973545 
20.00 | “972345 
19.95 a 971148 19. 969954 19.85 954 
19.90 | -268768 
19.7 . 967575 

a 966391 
10.965209 

18.02 ROS0E 18-02 | loaree 
17.93 | 2ea0ed 17-98 | 1998568 

i. "922495 
"921424 

1777 | 10.920856 
919290 

17 | Saige 
| ae 
17.60 | 915058 

Ss 914000 17.50 912950 17.42 | eee 
17.43 10..910856 
D. 1". | Tang. 

isl 

60’ 

59 
58 
57 
56 
55 
54 
53 
52 
51 
50 

49 
48 
47 
46 
45 
4 
43 
42 
41 
40 

39 
38 
37 
36 
35 
34 
33 
32 
31 
30 

29 
28 
27 
26 
25 
24 
23 
22 
21 
20 

19 
18 
17 
16 
15 
14 
13 
12 
ifs! 
10 

9 

7 
6 
5 
4 
3 
2 
1 
0’ 

83° 
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Zée Logarithmic Sines, 

J 
Cotang. 172° 

10.910856 
-909813 | 

10.879596 
878623 

20 

21 
22 
23 
24 
25 
26 
27 
28 
29 
80 

31 
82 
33 
34 
85 
36 
387 
388 
39 
40 

41 
42 
43 
44 
45 
46 
47 
48 
49 
50 

10.860524 
-859591 
858660 

146885 . "858115 
9.147803 : 10.852197 

Cosine. be ee Sine, . 1°, || Cotang. ae 



oO 

Logarithmic Functions : 

Cosines, Tangents, and Cotangents 

183 

| 
Cotang. 171° ge| sine. | D.1". || Cosine. | D.1% || Tang. | D. 1°. 

wz! | joe 2 | aes 
0" | 9.143555 || 9.995753 9.147803 10.852197 | 60" 
1| 1144453 | 14-97 || “:oo57a5 | <3) || 148718 15.25 | "951282 20 
2| :145349 | 79:83 || -osTiT | “3p |] -1496B2 | 75°59 | — - 850868 | 58 
3| 1146243 | 34-90 || ‘oa5699 | +3) || .150544 | 2-47] -849456 | bz 
4| ‘147136 | 34-88 |) 995681 | “bg |) -151454 | 35°75 |  -848546 | 56 
5 | .148026 | 44°99 . 995664 "30 . 152363 1510 847637 | 55 

6| 114soi5 | 1482 || ‘995646 | “Sy || -108269 | f2-Qg | 846731 | 54 
7 | 149802 14.73 -995628 “30 154174 15.05 845826 | 53 

S| .150686 | 34°>: .995610 "39 155077 | 45"p9 |  - 844928 | 52 
9 | 151569 | 74°59 || 995591 "30 -155978 | 34"98 844022 | 51 
2 Sons 14.65. * 80 || -156877 | i497 | -848123 | 50 

153330 || 9.995555 9.1577 10.842285 | 49 
12 | 154208 | 14-68 || “‘oo5537 | -2) || 158611 mee | Bel890- [48 
13 | :155083 | 24-38 || -995519 | “39 150565 | 44-30) 1840485 | 47 
14| .155957 | y4755, || -995501 "39 160457 | 44°93 839543 | 46 
15 | 1156880 | 14-55 || ‘oo54s2 | “35 || -161847 | 14'go | 888658 | 45 
16 | 1157700 | 14-38 | -995464 | 35 162236 | 14-5 7764 | 44 
17 | .158569 | 344743 || -995446 "39 || - 16312: 14.7 836877 | 43 
18 | 1159435 | 14-43 || 995427 | “35 161008 | 44 835992 42 
19 | .160301 | 443g | -995409 "Bo 164892 | 34% 835108 | 41 

.f = - 3 mrp . 246 

as | gazes | oso | ose | || 9 995372 166654 10.933346 | 39 
22 | 162885 | 14-33 || “995353 82 || 167582 14-63 | 1882468 | 38 
23 | (163743 | 14-30 || ‘995334 | -35 || 168409 | y4°5g | -831501 | 37 
24 | .164600| 1428) ‘995316 | 29 || 169284) 14 '55 716 | 36 
25 | (165404 | 14-35 || .995207 | “3 170157 | 14-23 | 829843 | 85 
26 | .166307 | 14-35 |) ‘995278 | “5p 171029 | 14-33 | “e2sg71 | 34 
a7 | (167159 | 14-20 || .995260| “3 vzis99 | 14-47 | “eestot | 33 
28 | '168008| 14-13 |) ‘995241 | “3p rizie7 | 14-42 | “ea7eas | 32 
29 | .168856 | 34°79 || -995222 | “3p 173634 | 44°49 826366 | 31 
30 | 169702 | 37°d8 mts = |, — 138 | moe 30 

31 | 9.170547 || 9.9951 175362 8 29 
ge | rissa | 14-93 || “looses | “35 ||. 176224 14-37 | 1928776 | 28 
33 | ‘17230 | 14-02 || ‘opsias | -35 || -177084 | 34°39 | -822018 | 27, 
34 | (173070 | 14-09 || ‘oo51e7) “a> || -177 14-30) 922058 | 2 
35 | (173908 | 13-97 || ‘995108 | “35 || -178799 | y4'o7 | -821201 | 25 
36 | 174744 | 13-83 || ‘oosogo| 35 || -179655 | 14 09 | -B20845 | 24 
a7 | 1175578 | 18-89 || ‘995010 | 35 || -180508 | 34'9 | -819402 | 23 
ge | ‘176411 | 13-88 || ‘905051 | 35 || -181360 | 34743 818040 | 22 
go | 1772 | 13-82 || 995082 | “3 iseet1 | 14-18] 817789 | 21 
40 ‘ajo 13.8% || -995018 | “33 p said Hen pies , 
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27. Logarithmic Sines, 
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27. Logarithmic Sines, 
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osines, Tangents, and Cotangents 
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2'7. Logarithmic Sines, 
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Cosi 
sines, Tangents, and Cotangents 
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3) carro | 8:65 soe 

36 | .401520 8.08 98577! BS | 414738 8.65 55208 c 

37 | 1402005 | 8-98 
“osrds | > | “415257 | 8°63 “B81i83 | 3 

33 | 140248) | 8-97 
‘ossviz | 22 AIST ee “384225 Pt 

39 | “402072 | 8-0 "98567 55 || “Alea 2 a 3 

49 | 1403455 | ©-9° “985646 | “55 ‘te | £0 a 
ore | 8 |) seis 55 || 1417326 8.60 | “faogrd St 2 a) b ‘s 417826 | 869 "582674 24 

4 408088 8.03 9.9855 ns || 9-418358 8.60 "582158 20 

- 985547 x | 

ee ee ae 
45 | 405862 | 8-00 wee) | cs | an ou 
| ees | 3 985480 es “419901 BT “Be0009 17 

46 | 4064 | 75 "965414 | -P2 42009 | 885 Ss | 

g| ge ie | eel 2 n/a) ad 
= 508 ; a; . ey a | 

: 7-05 |) (985280 57 || “Soocd Bae sn 

51 | 9.408731 2 59 A204 | 8:50 sri |i 
ale oon age 577026 | 10 

3 5 9.423484 
3) ie 18 985213 “35 423998 oo oOeOT 9 

u hs rm ee 7 424508 B47 “55497 8 

: 08 | ‘980113 5B “gees 8.47 574989 b 

41106 : 7 L “4261 on 8.47 574481 
e ile 7.88 eae BY .426027 8 573973 5 

ps | 412082 | fens | ot lL aroat 4 ae 

60" giuneeos bey Se li 3 saam0dl | 843 58) | 3 

60"| 9.412096 |” 9.984944 | “> 9426082 5.8 srs | 8 

104° Cosine. | pia Sine D i | c : o ‘ pals ota y 75° ng.| D.1*.| Tang. |75° 
a 
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OMIHO MB CWMO 

~ = w 

12| .418615 
13 | .41907' 
14} .419544 
15 | .420007 
16 .420470 
17 | .420933 
18 .421395 
19 | .421857 
20 | .422318 

21 | 9.422778 
22 | .423238 
23 | .423697 

124 | .424156 
25 | 424615 
26 | .425073 
a7]. 
28 425987 
29) . 
80 | .426899 

31 | 9.427354 
832 | 427 
33 | .428263 
34 | 428717 
85 | .429170 
36 | .429623 
87 (  .43007 
88 430527 
i) ) 3S = 

9.431879 
432329 

SSSISTLSSA SSSRSSESSA B 

& 5 

“1 9.412996 

RANNS RANNANNNIN NSAAAAAAAA NANNAAVAAwA 

RESSESSSS SSSKRGSSES SoSBaaAAIs Beeeeeeeea SBSIVUVIIA ASASVSSLRRR NNINARASAN ANQAANANAN wT 

105° Cosine. o bs 

Logarithmic Functions 

27. Logarithmic Sines, 

1456542 
"457019 

9.457496 

Cotang. 

D.1° 

10.571948 
Her "571442 
8.40 py 
8.40 .570484 

8.38 -569980 
8.37 poner 
8.37 -5689: 
8.37 eee 
8.35 nec oan "567420 
aes "566920 

2 | 10.566420 
Bes "565920 
nae “565421 
eae "564922 
8.28 beh 
8.28 . pet cee 8.27 . see "562437 
oer 1561941 

10.561446 
Bee | 1560952 
Ps "560457 
a "559964 
se "559471 
en "558978 
shee 1558486 
8.18 pe Le 
8.18 ete eas 557012 

10.556521 
siz | 3500s 
SiS. |) epee 
8.13 . 
8.13 ar 
8.13 55407 

8.10 . oa "552616 
ee "552130 

10.551644 
aie “551159 
ies 55067 
ties 550190 
8.05 5497 

Neogene 
8.05 .548740 

oS 1547775 
8102 {peas 

10.546813 
8.08 | 1846382 
pee "545852 

798 .544893 

Gone 1544414 
7.97 .543936 

oe 7.95 10. 

DEG Tang. ‘i 

| 
Cotang. 164° 

a a@ 
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Cosines, Tangents, and Cotangents 

a 
° 

CO DAIDOTMA CORO | 
10 | .444720 

“461782 
9.462199 
462616 

AISI SESSSRPSSA SSRLSRKLSSS VBYYRRRLBYN SSo 

SIBIS 
_ x E 

pe PRBRRSBSRSB 

maQeFaJIQWRIWHY YIIAINAINIVIANIA 

Ss BREREEESRARR BESSRRRS 
AAA AAALSAAAAN SAV 

KTRKQSRRLS 

22 AQAA 

PRESessse® RSSBSSSSSS SLE 

106° Cosine. D.1 a 
. 

-463186 

467880 

9.476683 
477142 
477601 
478059 
478517 
478975 
479482 
479889 
480845 
480801 

9.481257 
481712 

Cotang. 

AAAIIVT IINAAAYNIAT NVAIGAVAIT Te peewee: 
BRBIYY FFRARAISSS SSVSRAKSAA ERSSSESS 

NANANANNANAA AANNANARAN AAR 
or on or Or OO DOAOBMOARRADM® AIA 
ARAMRMAKRAARN SRASSSESSRE SAIS 

v 

1537758 
10.537285 

533 
533055 

10.532587 
532120 
531653 
-531186 
530720 
530254 
529789 
529324 
528859 
-5 28395 

10.527931 
527468 

10.523317 
522858 
522399 
521941 
521483 
521025 
520568 
520111 
519655 
519199 

10.518748 
518288 
517833 
517379 
516925 
516471 
.516018 
515565 
515113 

10.514661 

Tang. P| | cuwocmaawme SHRBERSISS SRRBRRELBB S 
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17°} Sine. 

0’| 9.465935 
1| .466348 
2 .466761 
3 .467173 
4 467585 
5 .467996 
6 -468407 
7 -468817 
8 -469227 
9 -469637 

10 .470046 

11 | 9.470455 
12 | ~.470863 
13 47127 
14 471679 
nes} 472086 
16 472492 
Le 472898 
18 473304 
19 .473710 
20 -474115 

21 | 9.474519 
22 -474923 
23 .475327 
24 .475730 
25 -476133 
26 .476536 
27 -476938 
28} .477340 
29 477741 
30 .478142 

31 | 9.478542 
32 -478942 
33 479342 
34 479741 
35 | .480140 
36 -480539 
37 | .480937 
88 | 4818384 
39 481731 
40 | .482128 

41 | 9.482525 
42 .482921 
43 .483316 
44 483712 
45 .484107 
46) .484501 
47 484895 
48 485289 
49 ~485682 
50 | .486075 

51 | 9.486467 
52 . 486860 
53 487251 
54 487643 
55 | .4880384 
56 | .488424 
57 | .488814 
58 | .489204 
59 - 489593 
60’| 9.489982 

107° Cosine, 

i) ms 

PRAAAADAA PRAAPAAAHAAR PRSPAGSAAHRR BRRAAAAAAH BRRABARARRH BAAWARHHAGRS SSSSSSSSA SAAAAAFSHS SYESSSRAARSS SSSSSVUTVSS SRARAAISSSS SBSRSRRAASS 

~] " 

Logarithmic Functions 

27. 

“979816 
9.979776 
‘979737 

Logarithmic Sines, 

Tang. Dist: 

9.485339 | 
ags7a1 | 2-38 
"486242 | f- 
"486693 | fe 
487143 | 7-30 
487593 | 2-50 
"488043 | 2: 
"488492 ie 
-4geoai | 1-48 fi | 18 as | 
490733 | 7-48 
491180 | {- 5 
491627 7" 3 
.492073 7.43 

492519 | 7-48 
492065 | 7-48 
493410 | 7-42 
493854 | 7-40 

pole 9.4947 
1495186 Es 
1495680 | 7: 
“496073 | 7-88 
aoesis | 2-3 
496957 | 7-37 
497399 | 2-37 
497841 935 
498282 | 7-35 

bi oe 
-499603 | 7-33 
"500042 | 7: 
500481 | 7-82 
"500920 | %- 
501859 | ¢-B8 
501797 7% 

“502672 | 2: 7.28 503109 | 2-38 
9.508546 |» on 
503082 | 7-27 
“504418 | 7-22 
“504854 | 7-37 
“505289 | 4-33 
“505724 | ©: 7.25 =p0GiO |" 2-28 
-506593 | 7-23 
poroe7 | 128 

Leones: = 
"508326 | 7-22 3 7.22 
.508759 7.20 wooigt |. 2-20 
509622 | 7-18 
510054 | 4°20 
510485 | 7-18 
510916 | 7-18 
511346 | 2-27 

9.511776 | * 

Cotang. | D. 1’. 

| 

Cotang, 162° 

10.514661 
-514209 | 
513758 
-513307 
512857 
-512407 
-511957 
-511508 
-511059 
-510610 
-510162 

10.509714 

a a 

i gx ges BES 

rs g 
Geo 

'497328 
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Cosines, Tangents, and Cotangents 

Tang. Cotang. 161° 

0’| 9.489982 9.978206 9.511776 10.488224 | 60 
1| :490371 | 8-48 || ‘978165 Se {| prereos. |) ae 487794 | 59 
2| 490759 | &-47 || ‘ovsiza| -88 512635 | 1-18 487365 | 58 
3 | 401147 | 6-37 || ‘ovsoss|  -68 513064 | 7-28 486926 | 57 
4| ‘491585 | 6-42 || ‘oveose | -88 513493 | 4-18 486507 | 56 
5 | caoigz | 6-45 || covsoor| -88 |) ‘otaoe1 | 7-13 486079 | 55 
6 | 492308 | 6-43, || ‘errs | -22 4] ‘514a49 | 7-33 485651 | 54 

8 .493081 ¢ 97787 24 : : fi 
9 | ‘49ad66 | 8-42 || ‘orvess| 79 || ‘bi56a1 | 7-13 |  -48ss69 | 51 

10 | .9s851 | 6-43 || ‘o7vros| 05 516057 | 7-10 > 4 
11 | 9.494236 9.977752 9.516484 10. 

3 | 1495005 | °- ‘O77 : ; : 2 
ta | 7495988 oe ‘orzers | 88 || “sr7ze1 | 7-20 | — L48e230 | 46 
15 | .495772| 6-29 |, ‘ores | -f ‘518186 | Foy | 481814 | 45 

16 | 400154 | 6.98 || -Suieo3| -88 || “bi90a4 | 7-0% |  <4s0068 | 43 
17 | -49e019 | &-37 || “orrast | 7 || “b19458 7.07 | 1480542 | 42 
19 | 1497301 | 6-37 || ‘977419 | -f || -519882 | 705 "480118 | 41 
20 | .49ves2 | 8-35 || ‘ova77| -f “520805 | 4:08 | ‘479695 | 40 

.498064 | 9.977335 é 9.520728 10.479272 | 39 
3 | °-4geaea | 8-33 97293 ao serio1 | 7-08 | \47eed9 | 38 
23 | ‘498825 | 8-35 gi | -a 521573 | 4-03 478427 | 37 
94 | ‘499204 | 6-32 || ‘orra09| -70 || ‘521995 | f-93 | 478005 | 36 
25 | .499584 | 8-33 g77zie7 | “20 |) 322417 | 4°99 477583 | 95 

eB Sos 6.82 97083 ae Lie 16741 33 
23 | ‘500721 | 6-35 g77o4i | -40 || 528680 | 4 °o9 416820 | 32 
29 | 1501099 | $-39 || ‘ovs909 | -79 || | -524100 | 799 475000 | 31 

Me Noeaat 2 oma! ©" | wane» | 9.501854 9. ‘ : Ys 
Bt | 9 Feat 6. || -ses72 | 40 525859 pape £4641 | 28 

"502607 | 8 976830 | ° "505778 | 8 
3 23084 pees 976787 “2 || 1526197 pe 473808 | 26 

oe | coosrss | © 2 || ‘orera| <2 ‘Boroaa | 6-22 42967 24 
-504110 | 8°55 97 ; "527451 | 8 gs 47 

35 Bosses 6.25 976617 2 || [527868 ree “472132 | 22 
39 | 1504860 | 9-23 || ‘o7e574 | <4 || -528285 | g’g5 | -471715 | 21 
40 | 1505284 | §-23 || 197 0 || ‘aero | Gigs | -471298 | 20 

505608 | - 9.976489 | 9.529119 10.470881 | 19 
43 | -Posost | 8-22 97644 72 || 1520585 Bre “470465 | 18 
43 | 150034 | $22 || ‘o7es04| -7 || -520951 | Go |  -470089 | 17 

fe an | 8-20 penis | peorei | 6-22 469219 | 15 
43 | scorn | 8-20 || ‘grees | <2 || ‘ssit96| G93 | 468804 | 14 
47 | 1507843 | 8-20 976232 | “h “SBI611 | 6.90 408860 | 18 

#5 | tosses | 848 || “oroiss ee ‘Baeda9 | 8-20 | ‘467561 | 11 
50 | 508056 | 618 || ‘gv6103 | 75 || -582853 | 9g aon ) 
51 | 9.509826 | 6 17 || 9.976060| ‘no || 9.583266 | ¢ gg | 1.460734 | 8 
52 | .509696 | 6-12 oreo | <7 || 383679 | ges ) <8 |B 

Bf Proiss | 8-5 grea0 | -23 534504 | 8-87 465496 | 6 

B) pm) 38 || s| Bl) Saom | oe | cele) 
56 6.13 3 mag | 8- 1464261 | 8 57 | 1511540 | 6:15 975800 | “43 pasia | G95 | -464261 | 8 
58 | 1511907 | 6715 g75757 | “he 536150 | Gas |  -403850| 8 

: ‘ovs7ia | 536561 
80" giseie | 8-12 || g'o75670| -73 || o'sa6072 | 8-8 | 10.468028 | 0” 

108° Cosine. | D. 1" Cotang. 71° 
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27. Logarithmic Sines, 

l 
” °o 

19" Sine. D. 1". || Cosine. | D. 1°. | Tang. D. 1". | Cotang. 160' 

val albinos th oases rf 10.463028 | 60” 
Or bee | 8.22 || “oreeer | 72 || °-Earaae 6.83 | “1462618 | 59 
2| cae | G10 || Sees] ce || Seems | oss | “tein |S .5137. de 5 6.8% _ 

ol -Bior | 810 || “preaoe 2 || cssse1 | 6-8 "461389 | 56 
B| i5idd2 | Gog |) -90452| 73 || -589020 | Gg | -do0980 | Bs 
#) Sie | Ge | eae |e || Bee] ce | «ae |e 
8| ‘sisses | 8-07 || ‘over | -2 540245 | &-8) 459755 | 52 
9| ‘515930 | 6-07 75877 | “78 “540658 Hes 459847 | 51 

eee ie “3 |g saracs| ° | 0.458580 | 49 
12 | °“bivo20 6.05 || “97145 | 3 || sae7 | 8-78 458125 | 48 
Hues) oo | go) BR | eee) ba | eee 4 .5177. x ‘ ‘ . . 

i5| ‘oisior | 6-93 || ‘gros | -8 || “otaoos | 8-77 450908 | 45 
16 | ‘518468 | 6-02 || ‘974969 | -f8 || -543400 | 6-78 |  \45650 “4 
17 | ‘518820 | 8-08 || ‘ova905 |  -% 7543005 | 8-7 -456005 | 48 
35 | Stee? | cet ooeee at). cee | pe | emcee 9 | 1519551 | °- 97 : © : 
20 | “eig0it oe re weramea | <2 || ceaprio | 6-8 454881 | 40 

2027 ‘ 9.974748 | “pe || 9.545524 10.454476 | 89 
3 ores | 8:00 || *-oraras “0 “5a5928 | 6.8 "454072 | 38 
23 | ‘520990 | 3-98 || ‘o74659 os “546881 | °F 459660 | 37 
24| 521349 | 3-98 || ‘ovagia | «7 546735 | 61 453265 | 36 
25 | ‘soz | 5-82 || lozasz0 ci |e a 1455 
26 | .seaes | 5-88 || ‘ozasas| -f8 || ‘oavs4o | 8-2 452460 34 
a7 | ‘sees, | 5-97 gst | os || bo | BF 452007 38 

30 “Bosse | 5-95 or4301 x 548747 | 8.70 451253 | 31 
80 | 2523495 | 8:02 974347 : 549149 | 6-78 450851 | 30 
81 | 9.523852 |. 9.974302 s 9.549550 10.450450 | 29 
32 | 524208 | 5-98 974257 oe 549051 | 8 . 28 
33 | ‘se45e4 | 5-93 || ‘ovanie| “7 “550852 | 6.68 "449648 | 27 
84 | ‘52420 | 8:98 || ‘orsie7| <1 <po7s2 | 8-67 "449248 | 26 
35 | ‘525275 | 5- g74i22 | -2 -e51158 | 6-68 "448847 | 25 

| 36) “525680 | 8-82 || ‘ovaor7 | -f5 || “opisse | 6-65 | ‘aapass 24 
~ Tak 4 ~ af 5 37 | csengs4 | 5-90 isos | 7B |) Bona | Bs “448048 | 23 

526 : fi Y yy 9527 x 

be 527046 | B55 || -9vseov | <8 || ‘oosigg | 6-65 |  laaeeb1 | 20 
5274 : 9.973852 i 9.553548 10.446452 | 19 

42 | octets | 5:88 973807 | 2 || 1553046 oe "446054 | 18 
43 | :528105 | 9:8" gi3ve1 | © 2 ies 1445656 | 17 
44| ‘oesass | 5-88 g7s716 | <8 || cebavai | 8.62 440209 16 

S) S| ee | fee) ce | eee ae | een le 
47 | ‘se0513 | 8-8" 973580 | -78 || 1555933 aes 444067 | 13 
48 | ‘520864 | 5-85 gissa5 | = 556329 | 8.60 '443671 | 12 
49 | ‘sa0215 | 5-8 g73489 | +7 556725 | 8.60 "443275 | 11 
50 | .530565 | 2°83 giada | «45 spziai | 6-60 "442879 | 10 
51 | 9.580915 | 9.973398 9.557517 10.442483 | 9 
b2 | 531265 | 5:83 || ‘organe | 72 I “eovo13 6.60 | :442087 | 8 
b3 | 531614 | 3-85 || 973307 | = || ‘558308 | 8-58 441692 | 7 
b4 | ‘581968 | 2-85 || -978261 | -4 || <p5e703 | 6-58 441297 | 6 
B5 | .5aea12 | B85 || .973215 | <7 |] ‘sso007 | 8-52 440903 | 5 
B6 | 532661 | BG) || 978100 | 78 550491 | 6°57 440500 | 4 

533 Bao || -973124| -fe || 1s59885 | 6-57 “440115 | 3 
B8 | “ba3357 | Brg || -973078| -7 || ‘s6e79 | 6-57 : 59 | 5337 280 || 9 278082 | <4 || '560673 | 8-57 "439827 | 1 
60’| 9.534052 | > 9.972986 | 9.561066 | ° 10.438934 | 0” 

109° Cosine. | D. 1. || Sine. | D.1*, || Cotang.|D.1°. | Tang. ioe 
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’ +4 > g Cosines Tan ents. and Cotan ents 

2 D. 1" Tang. |) DESC es | F otang. 159° 

0”) 9.534082 | 5 og 9.972986 eos | 3 9 my | 9.561066 ve 

3| ‘535092 | 5-28 “g72so4 | oe “561409 | 653 PASH | 88 
Ac - trae a | ie 6.55 | “1438541 | 59 

5 | (535783 | 2-22 g72s02 |e ee 6.58 set | 8 

6| “5aei29 | 5-72 gris | “fe Son | 8:5 ae 

6 | .586122 | 575 || -grones | See) 68 | au | 

8| issesig | 5-23 972663 | ae “posi? | 653 sot | 3 

9| 537163) > || -972617 | “ypu 6.3 Poe 

10| iss7507| > 972510 | “fp | 83 ie 

11 | 9.53785 5.73 972524 BAN el eal 
| he : He fis 564983 6.50 .4385407 | 51 

"538194 | 5-22 |] At ea ‘oa 
|. sa | °.gee “7g. || 9-565873 z|* eae | 8a 650 | 10.434627 | 49 

15 aes B72 || -272a88 “f ‘ose | 8 ne 
16 | 1539565 | 5-7 oreo | ‘ons | 8 le 
47| 1539907 | 5-7 sores | 18 ‘pian | $2 oe 
1g | ‘540249 | 5-68 972198 | “fp ‘ro | $3 ee 
19 | 1540590 | 5-68 gaint | “t ‘os | 8 ae 
20| 540931 | >-88 972105 | “fg Boss sl oe | cata 

a1 | 9.54 5.68 972088 | “fg toes | 2 ee 
: a 88 | 645 431514 | 41 

"541613 | 5-68 ori06s 0 sr 
a8 | 72011 | ng 9.569261 1 6 

94 | “b42093 | 5-87 gngi7| 28 £00048 | 6.45 "a2 | 8 

95 | 1542632 | 5-65 97187 i Bide £48 aa 
96 | ‘542071 | 5-6 971823 | “fg Bt ae a 

97 | ‘543310 | 2-69 oni | 8 oy 6.48 ort | 8 
geal ie yas | ce Br0800 | 6°43 "429191 | 35 

99 | 543987 | 5-83 971682 | “fg sir | $3 aye 
30 | 1544325 | 5-63 971635 | “hg rs | 88 fee 

31 | 9.544663 5.63 971588 | “$9 B88 04s ee 
Se a % Brae | 43 427648 | 31 
ze ‘8 ; a 427262 | 30 
8 | gr1540 |g 573123 10 

34 | 1545674 | 5-60 o714468 |“ Biase te eae 
35 | (546011 | 5-8 971298 | “fy Bidar 4 ae 

36 | 1546347 | 2-60 971351 | “fp er | $4 aul 
S| sau fo moa | 514600 6.40 425724 | 26 

| te be rio | 3 e 6.40 425340 | 25 

30 | 1547354 | 5-58 971208 | “tp ret | 8:3 a | 

40 | ‘547689 | 5->8 o71161 | “fp ras | $38 oe 

41 5.58 gts | 82 "376193 | 2-28 
eapT | Bi 

: 80 || 1376576 6.38 Pres 
ai 802A | 5 5 9.971066 oS laa : || 8 971068 | gp 9.576959 10 ‘ 

44| 1549027 | 3-32 970970 | “8 ors | 8a oe 

45 | 1549360 | ©-52 gros? | 8p ca | $8 ei 

26 | 1549693 | 2-52 970874 | “tg sale | oat A 

a7 | 1550026 | 2-22 970827 | “ay srt | 238 Bisa 

48.| 550359 | ©-52 o70779 | “ep Trans | 838 aa i 

49| 1550692 | 5-58 970781 | “fp rs | 88 a 
50 | ip51024 | 5-58 970688 | “89 ‘os | 238 ie 
j) e : | 6.85 | 420871 | 12 

on | £0000 | 6 a3 "419991 | 11 
eae sos 50380 | 6-33 |  :4i9611 | 10 

53 | 1552018 | 2-22 woes | “ep “ns “4 
ae rss | ea ee: |e 19231 | 9 

qed tone | “2 Petes |. 082 418651 | 8 

| es be gro4se By "581907 6.32 18472 | 7% 

a| es | ee root | a 6.82 eh 6 

| ce ae sins 82 ae 6.32 1714 5 

59 | 7554000} 5-50 g7o249 | 82 : 6.30 aa | § 

60’ | 9.554329 5.48 -970200 “80 ‘Bs8800 o oc 

arom | 9.970152 | -® Sour? 6.285 ican | 

10° Cosine. | D. 1". Sine Dey ty = a ; 1’. || Cotang. | D. 1” T 69° Ae ‘ang. |69° 
nl 
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27. Logarithmic Sines, 

t 
| Cosine. | D. 1’. Tang. | D.1". | Cotang. 158° 

' 9.970152 : 10.415823 | 
| 584555 415445 

415068 | 
414691 
414314 | 
413938 
-413561 
413185 
.412810 
412434 
.412059 

10.411684 
-411309 
-410934 
-410560 
-410186 

i 

PRAHA HAA AAAAA AAA AH HRA AHH AHHH 
anne SeoS8S8 SYYVBRBSKK RHSHNRSERRS 

9.567587 
567904 

RERRRBARR SReRwawene Reweeeeses BeeReeeese eeweeeeeee eeeeeeseeee 

5.48 
5.48 
5.47 
5.47 
5.47 
5.47 
5.45 
5.45 
5.45 
5.43 
5.43 

5.43 
5.42 
5.43 
5.42 
5.40 
5.42 
5.40 
5.40 
5.40 
5.38 

5.38 
5.38 
5.37 
5.37 
5.37 
5.37 
5.35 
5.37 
5.33 
5.35 

5.33 
5.33 
5.33 
5.33 
5.32 
5.32 
5.30 
5.32 
5.30 
5.80 

5.28 
5.30 
5.28 
5.28 
5.27 
5.27 
5.27 
5.27 
5.25 
5.27 

5.25 
5.23 
5.25 
5.23 
5.23 
5.22 
5.23 
5.22 
5.20 “393954 
Ge 10.393590 

111° Cosine. | D. 1". |! Sine. | D. 1". iI -' D1. | Tang. | 

CHNHWROANO 
9.573575 

3 
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Cosines, Tangents, and Cotangents 

i} 

22° Die | D1" Tang. | D. 1’ Cotang. 157° 

. 
) | caneciaeey aot 

0’| 9.573575 9.967166 9.606410 10.893590 | 60" 
1) praess | 5-22 || ““o¢rii5 = lepers | foo "393227 | 59 
2| “57 Bee i] smemes |) 22 |. eoris7 | -34F "392863 | 58 
B| :574512 | 3:29 || ‘osz013 | -85 || 607500 | BGe | 392500 | 57 
4| “57 5-20 || ‘g66061 | -8% || ‘eovees | 6-08 | ca92i87 | 56 
5| 1575136 | 5-22 || ‘oegoi0 | -8 || eogze5 | 8-03 | “aai775 | 55 
6 | isreddT | Sig || -96889 | “B57 ] 008588 | Gog | -B91412 | DA 
%| .575758 “a «|| + .966808 ; ‘ : : 
8| 1576069 3-18 || 196675 “8 || ‘eogsi2 | 6-03 "390688 | 52 
9| i576a79 | 2-17 |) ‘osevos | -8 || ‘eosers | 6-03 |  -300826 | 51 

10 | “576689 | 5-17 || ‘oeees3 | -8 || “610036 | §-03 |  “ao964 | 50 
BT ‘ 9.966602 | 9.610397 10.889603 | 49 

io | 507300 BIT || 966550 SF || 1610759 rae “389241 | 48 

| Geos | 513 |) “ie ) S| aH) Gm | sae 
} LT ae 5.15 : 5 | i 3 

5 | Burs | 5.15 || <Seeae | £5 || ‘eso: | 8-20 | “sarr00 | 44 
| “Breese pae-}) jseeeee | cee 612561 | 6-00 | 1387439 | 48 
18| ‘sro1e2| 3-13 || ‘osszs0| 8 e121 | G09 | -B8r0T9 | 2 
19| 157947 ‘| 7966188 613281 | 6-00 |  ‘aseri9 
20 | ‘srorv7 | 5-12 || ‘oecis6 | -8% 613641 | 8-09 | 1386859 | 40 

Bl! 5.12 || ‘o¢so81 | 8% || ‘614718 | 5-98 | ‘385282 | 37 
B| Batts | 5:10 |] -ceseeo | 82 || “ersorr | 5-98 | “sedans | 86 
(B| Beis | 512 || cgesero | “88 || “ersass | 8-27 | “Beaes | as 
| 3 | ceereia | 5-10 || copes | -87~"| “e157 | 5-97 "384207 | 34 
or | ‘peigea | 2-10 |! “ogre | -82 || ‘e1ei51 | 8-97 |  ‘aeseso | 38 

5.08 || “965700 | -87 || “616509 | 2-27 | 1383491 | 32 
50 | “oeesas | 5-20 |] ‘ossees | -8 || “ersser | 29% | lasaiaa | 31 
30 | ‘52840 | 2-08 || ‘965615 | -€8 || -er7eee | Boy | -882776 | 80 

3 ‘ 965563 | 9.617582 10.382418 | 29 
Bt) 9.56815 | 5.07 || %-Gerr | -87 || “:erzoap | 5-25 |“ ‘389061 | 28 

| ‘593754 | 2-98 || “oe5458|  -88 618295 | 9-98 "381705 | 27. 
gi | “pegs | 2-27 || ‘goa06 | 8% || “enaese | 5-95 |  ‘a6is48 | 26 
gs ‘besser | 2-9 || ‘oesasg |  -88 619008 | >-93 | ‘3go992 | 25 
$6 | pei66s | 2-07 || ‘cg ‘87 || "619364 | 5-93 |  °380686 | 24 a6 | 584665 | 2-02 || “co5801 | 85 |) 619364 | 593 | -880088 | 24 
a7 | 584968 | 2-0p || ‘90528 | G3 |) 619720 | 593 | 880280 | 28 
as | ‘ssc272 | 3-07 || ‘oestos | -88 || 620076 | 593 Bim0es 
39 | 158557 3 || 1965143 "620482 | 2-03 7 
40 | “ssse77 | 2-05 || ° 88 || c620787 | 2g | -879213 | 20 

S o. . - 

7 9.621142 10.378858 | 19 
fe | beoase ce 56984 ae 621907 pars 378003 | 18 
43 | ‘5e67e3 | 2-02 || ‘o¢so31 | -88 || -621852 | Bg 7 

a “9 | 7 | 3 793 | 16 
4) BES | 5:02 || -Soieos | “88 |) ceaosor | 5-99 | “arzaso | Is 
ee ee ee ee 
4h | 280388 | 5:00 || -ez668 90 || ‘ex3623 | 3-82 | aveaz7 | 12 

Beep) 38 | Se8) 8 | S88) be | tan) 2 : 5.00 || ° : : ; 
624683 10.375317 | 9 

52 | BRO489 aoe ° Sold | ° 95036 rae 34964 | 8 
53 | 1589789 | 2: -964400 | “gg || .625388 | 5 gg ee 

Bf) aes | 4 || eB | cero | BS | ear 
se | get | aor | ea | cm | ctaror| St | “gta| 8 
ss cage | ier |) Bae) S| ergo | BE | gee | 3 
39,| og belers | 4-97 || g'g64026 | -90 || o’earese | 585 | 10:372148 | 0’ 

112° Cosine. Dp. 1". || Sine. | D. 1°. || Cotang. | D. 1° Tang. 67° 
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27. Logarithmic Sines, 

28°) Sine. | D.1’. || Cosine, | D.1". || Tang. | D. 1%. 

1 | 502176 be 0897 os | Goeeo Ses 
2| .592478 | foe -963919 | “65 || .628554 | 3-BP 
3] 59277 hae . 963865 ° .628905 | 2" 93 
4| ‘598067 | 4:23 |) ‘oeagit | -22 || ‘ezgans | 5-88 
5 | 593362 | 4: “968757 | * “629606 | 2°85 
6| 593659 | 4-98 963704 | -88 || “629956 | 5- 
7| :593055 | 7-83 || ‘968650 ) -29 || ‘630306 | 5-88 
8 | .594251 | 4°93 963596 "99 ||  -630656 5 82 
9| 504547 | 799 || -968542] 99 || -631005 | 2-82 

10 | -594842 | 4-33 963488 | -9) | 681305 oo 

12 | “-papase | 4-92 || peaara | -22 |, °-Bsanas | 5-82 
18 | 595727 | 4°99 || -968823| -2 682402 | 3°55 
14 | .596021 ; || .968271 : | 632750 : 
15| ‘596315 | foo || geaetz| -90 | 1683099 eo 
16 | 1596609 | 479) 968163 | -22 633447 | 3-80 
17 | 7596903 | 4° "963108 | - 1633795 | > 
18 | ‘597196 | 4:58 || °96305 oy |) -epeias |. Ee 
19 | .597490 | 4°33 962999 | -95 634490 | 2-8 
20 | :597783 | 4"Bp 9 ne 634838 | 2-50 
21 | 9.598075 | 9.962890 9.635185 2 
a2 | is9e3es | 4-88 962836 | -89 |) 635532 See 
2s | 598060 | 4-8? 962781 | -95 || -esse7a | 8-7 
24| 508952 | 4:87 962727 | 99 || -630226 | 5-78 
25 | 590244 | 4:80 962672 | -99 || -e36572 | 3-44 
26 | 1599536 | 4-8! 962617 | -33 636919 | 2-48 
a7 | csogeer | 7-8 962562 | “9° 7205 | Bee 
28) .600118 | 4° 962508 | -30 (eg fae 
29 | 1600409 | 7:83 962453 | “82 637956 | 3-48 
30 .600700 4.83 962398 : 92 638302 57 

81 | 9.600090 | 4 95 |] 9.962343] “o5 | 9.638047 | 
82 | .601280 | 4°83 962288 = 638992 | 2-72 
83 | 601570 | 4°93 962233 "92 -639337 | 5's 
81 | .601860 | 4-83 962178 | 98 -639682 | p75 
85 | .602150 | 4"g5 962123 “93 640027 Bt 
86 | .602430 | 4°83 962067 | +23 640371 | 2°73 
7 | 602728 | 4°99 962012 “99 640716 By 

88 | .603017 | 4°85 961957 | +28 641060 | 2-23 
89 | 603305 | 4"g9 961902 | +22 641404 | 3-78 

aloe viewen) sees 41 | 9.603882 9617 : 
42| ceo1ivo | 4:89 || ‘961735 | 93 || 640434 ue 
43.6057] 7:8 961680 | -93 ea2777 | 8-2 
44) 604745 | Gong 961624 "92 643120 | 2x 
45 | .605032 478 961569 “93 643463 | P5 
46 | 605319 | 4p 961513 “99 643806 | 2x 
47 | 605606 | 4'ng 961458 “93 644148 | 2°, 
48 | .605892 | {ng 961402 “93 644490 | E45 
49 | .606179 | give || .961346 | “93 644832 | E45 

Red Pipe i oredr erp 1 | 9.60672 F i 
52| 607036 | 4:5 || ‘961179| -23 |! “ga5usz | 5-68 
53 | ‘eo7a2 | 4-77 || ‘961123 - 646199 | 8-70 
54} .607607 | 4°45 "961067 os 646540 | 3-68 
b5 | 1607892 | f're || -961011 . 646881 | 2-68 
56 | 608177 | frn9 || 960955 ea7eze | 3-68 
57 | .608461 *960899 647562 
58} ceos745 | 4-73 || -96083 | -33 || ‘exra03 | 5-68 
59 | (609029 | fas 960786 | *83 648243 | 2-64 
60’| 9.609313 | 4 9.960730 | 9.648583 | 5- 

118° Cosine, | D. 1". || Sine. | D. 1". || Cotang.| D. 1. 

| 
Cotang. 156° 

10.372148 | 60’ 
-871797 | 59 
.871446 | 58 
«3871095 | 57 
-870745 | 56 
-870394 | 55 
-870044 | 54 
-369694 | 53 
-869344 | 52 
-368995 | 51 
-868645 | 50 

10.368296 | 49 
-367947 | 48 
-367598 | 47 
-867250 | 46 
-366901 | 45 
.866553 | 44 
-366205 | 43 
-365857 | 42 
-365510 | 41 
-3865162 | 40 

10.364815 | 39 
- 364468 | 38 
-364121 | 37 
-363774 | 36 
-863428 | 35 
-363081 | 34 
-362735 | 33 
-862389 | 32 
-362044 | 31 
-361698 | 80 

10.361353 | 29 
-361008 | 28 
-360663 | 27 
-360318 | 26 
-859973 | 25 
-359629 | 24 
-359284 | 23 
-358940 | 22 
-358596 | 21 
858253 | 20 

10.357909 | 19 
357566 | 18 
-357223 | 17 
-356880 | 16 
-356537 | 15 
-356194 | 14 
-355852 | 13 
-355510 | 12 
-355168 | 11 
854826 | 10 

10.354484 | 9 
-354143 | 8 
-353801 | 7 
853460 | 6 
-353119 | 5 
85277! 4 
352438 | 3 | 
352097 | 2 | 
.851757 | 1 | 

10.351417 | 07 | 

Tang. |66° 
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Cosines, Tangents, and Cotangents 

| { 

a Sine. | D.1". |! Cosine. | D. 1’. Tang. | D. 1’. | Cotang. 155° 

0’| 9.609313 | 9.960730 9.649583 10.351417 | 60” 
1| 609507 | 4°73 || “960674 | -§3 |) 648923 5.67 | 851077 | 59 
2| ‘eoossd | 42 | ‘ogosis| 93 || .619263 | Ege | 850087 | 58 
3| leioies| 473 | ‘o6ose1| -g3 || -G49602 | B'G7 | 850808 | 57 
4) ce1our.| 47 || -900805 | “os || wesoose | B55 | 850008 | 58 

1610729 | 4:4 || .960448 | 650281 | 2° "349719 | 55 
6| c610i2| 4-4 960392 | “22 “| “650620 | B-G2 |  -349880 | 54 
7| ‘611204 | 4-4 5| -93 || ce5o050 | B65 | -s49041 | 58 
8| le1is76| 4:79 || ‘o6oz79 | -33 || 651297 | B'g5 |  -348708 | 52 

we 4.68 || * a |) OR 563 ; 
11 | 9.612421 | gg || 9.960100 | “gs || 9.052812 | 5 gg | 10.847688 | 49 

| “cigs | £68 |“ tee | | eae | 8 | ea |g 
14| “ets | 4-68 || “950038 | -33 || -658826 | g'g> | -346874 | 46 

5 : =) ji ‘ A 

17 | ceisi05 | 48% || ‘osoves | -33 || | -654887 5-62 | 1345663 | 43 
4a| -e1ase5 | 4-0% || ‘osorii| -g8 || -654674| 5'g9 | -245826 | 2 
19| 614665 | 4-8% || ‘959654 | <7 || -6550I1 | 57¢9 | -344989 | 44 
20 | “614944 | 4-65 || <950596| 95 || «6 5.62 | 1344652 | 40 

21 | 9.615223 | 4 gs || 9-959539 | “gs || 9.655684] 5 gq | 10.344316 | 39 
be | 615502 | 4-68 || :959482| 95 || 656020) 5°60 |  -349980 | 38 

B) coem | $8 || mie] B |) wee] oo | seg : “ Z ates 
25 | 1616338 | 4-8 959310 | “9¢ 657028 | 2-80 | “349972 | 35 
2¢| 616616 | 4°63 959253 | “> 657364 | 3-80 | 1342636 | 34 
27 | 1616894 | 4° 959195 | * 657699 | >- "342301 | 83 
on | ceizi72| 4-68 || ‘959138 | -g7 || 658084 5-58 | 1341966 | 32 
20 | 1617450 | 4-68 || ‘959080 | -3£ || 658869) 575g | -B41631 | ot 
30 | ceire7 | 4:82 || ‘909023 | G7 || 658704) 5753 | -841206 | 30 

ai | 9.61 162 || 9-958965 | “gg, || 9-659089 | 5 57 | 10-840961 | 28 

‘61 5 397 
31 | leis | 4:09 || ‘ooerg2 | -97 || -6o0082 5.57 | 339958 | 26 
a5 | 619110 | 4:69 || ‘osead| og |) 060876 | 557 339624 | 25 

s| ies] fe | ee) ce | Gen) oe | me 37 | .61 : : 
38 | 619938 | 4°63 || 958561 ‘7 || 1661877 | BBs 338623 | 22 
39 | 620213 | 4°38 || -958503| “97 || -801710| 5°55 338290 | 21 
40 | .e20ds | 4°28 |) ‘oseu5 | “97 || 602043 | 555 337957 | 20 

41 | 9.620763} 4s || 9-958887 | ‘gy || 9.062876 | 5 55 | 10.887624 | 19 

ieee eae de ea 
43 | 1621313 | 4° é ; : 
4a | ceziser | 45% || ‘oogexa | -gg || -008375 5.55 | 1330625 | 16 

| Sig | ¢e | Set) or || mew) be | Seat 
46 | -622185 | 4i57 || - = Jae | ie 5.53 : 
47 | 1622409 | 4° 958088 | ° "64371 | 2° "335620 | 13 
45 | cexeee | 425 || cosroro | 2? |] :001703) B53 | -S35207 | 12 

EO SP 4.55 :98 opt 
si | 9.629502 | 4 xq || 9.25780} oy || 9-685608 | 5.59 10.394802 | 9 
52 | .623774 | 4° ; “666029 | 5: "38397 
53 | 1624047 | 4:23 || .957687 98 || ‘ee6360 | B35 | -338640) 7 
54 | 1624319 | 4° 957628 | “666691 | 2° "333309 | 6 
55 | 624501 | 4°33 957570 | “94 || .667021 se 332979 | 5 

56 | .624863 | 4° 957511 | * “ee7a52 | 332648 | 4 
56 | 624063 | 4:58 |) “onrase | -28 || 667682 | bbe 332318 | 3 
58 | 625406 | 4:23 || 957393 ‘98 || ‘668013 | Bb 331987 | 2 
59 | 1625677 | 4° "957335 | * "68343 | 5° 331657 | 1 

4.52 98 5.50 
60’| 9.625948 | *° 9.957276 | * 9'668673 | > | 10.881327 | 0” 

jua°Gosine, | D. 1. || Sine. | D.1°. || Cotang.| D.1°. | Tang. 166° 
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27. Logarithmic Sines, 

25° 
Gi 

D. 1”. || Cosine. 
| D. 1’ 

aa 

1 Ta 

< 
an 

| ng Dein 
Cotang 

154° 

0'| 9.625948 
) 

he eal 
. 

2 pees re | Oe? 
93 || 9-6686 

— 

. 6264 
: - 9572 

. oA 7. 

| 

3 “626760 4.50 || -907158 -98 “669002 | 5-48 10.331327 | 60’ 

4| 627030 | 4:20 
‘957099 | -28 |) “669332 | 3-50 

-330998 | 59 

5 . 627300 
4.50 - 9571 

98 || .669661 | 5.48 
330668 58 

6| 627570 | 4:50
 956981 98 || 669991 | 5.50 “330339 | 57 

7| 627840 | 4-50 
“956921 | 1-00

 || "670320 | 5-48 -330009 56 

8| ‘628109 | 4°48 
aces ee Il) eager 5.48 "329680 55 

9| 629878 | 4:48
 .956803 “9g || 870977 | 5.47 829351 | 54 

10 | ‘e2se47 
| 4-48 .956744 “9g || - 671306 

5.48 "309023 53 

11 
4.48 956684 1.00 671635 | 5-

48 . 828694 | 52 

12 eos 
4.48 9.956623 

98 || 671963 | oe 
828365 51 

Fal Seaae | ea: 
eee 9g | 9-672291 

sic -828037 | 50 

14) 629721 | 4:47 
“956506 | 1-90

 || ‘672619 | 5-47 10.327709 | 49 

15 | ‘629989 |
 4:47 "956447 | .-28 “672947 | 2-47 

1327381 | 48 

Tel Comey. Petal ¢ ceoees 1.00 1673274 | 5-45 
-327053 | 47 

17 | ‘e30524 
| 4-45 “956327 | 1-0

0 “673602 | 2-4
7 .826726 | 46 

18| ‘630792 | 4:47 
“956268 | _-98 “e73929 | 5-45 ‘ 5 

19 | 631059 |
 4-45 “9562083 | 1-00 

674257 | 5-47 
“396071 | 44 

20 | ‘631326 |
 4-49 956148 | 1-00 

w4584 | 5-45 
“995743 | 43 

21 
4.45 - 956089 -98 674911 | 2-49 

. 825416 | 42 

9.631593 
1.00 675237 | 5-43 

“395089 | 41 

22 | 631859 
| 4-43 9.956029 

5s ee las 

23 | ‘632125 
| 4-43 “955969 | 1-00

 9.675564 | _ 

Sarl pees | SSS 
toes 1.00 Sm 1 CMS 

eee ae 

“ego65g | 4:4
3 “955949 | 1-

00 676217 | 5-4
5 .824110 | 38 

26 | 632923 
4.42 “955789 | 1-00

 676543 | 5-48 
"393783 | 37 

27 | ‘ea31s9 |
 4-43 “955729 | 1-00 

eren6g | 0-43 
"393457 | 36 

23; . 4.42 “g55669 | 2-00 
“erz194 | 5-42 

1823131 | 35 

So| casero | 12a2c 
|) tees 1:00 ||| Loreen)» 838 : 34 

30 | <e33984 |
 4-42 "955548 |, 98 

“erradg | 5-43 
e 33 

319 
4.42 “955483 | 1-0

0 “e7si71 | 5-4
2 .822154 | 32 

2 634249 

1.00 
678496 

5.42 
.3821829 |

 31 

32 634514 | 4-42 
9.955428 

es ead 

33 | ‘e34773 | 4-29 || “eregos 
1.00 || 9-678821| 

30 

85 | 63478 | 4°4
0 || -985807 | 1

:00 “eres | oade> |
 Pee ree 

35 | |635306 
| 4:40 “g55e47 | 1-00

 679471 | 5-42 
820854 | 28 

36| .635570 | 4-40 
“955186 | 1-02 

“grg795 | 5-40 
"320529 | 27 

37 | 635834 
| 4:40 “955126 | 1-00

 “egoing | 5-42
 “300205 | 26 

38 636097 | 4-38 
“955065 | 1-02 

“eg0444 | 5-40 
"319880 | 25 

SUD tee 4 38 “955005 | 1-00
 “eso7eg | 5-40

 "819556 | 24 

40 | ‘636603 | 4-
38 || “geaeag 

oe || sestoge |. 5-20
 "319232 23 

41/9 
4.38 "954883 | 1-0

2 6si4ig | 2-40
 318908 | 22 

-636886 
1.00 681740 | 5-40 

"378584 | 

42| 637148 | 4:37 
9.954823 | |” 

5 38 isieeeo 21 

43 | (637411 |
 4-38 Morera | 102 || eee 

2 
20 

4i.| ceavers eet etoll | Saas 1.02 eee (CO e eee
 

a5. Seetas AOR “ae aeee 1.02 “esevi0 | 5-38 
1317613 | 18 

46 | 638197 | . 4-37 
"954579 | 1-02 

“683033 | 5-38 
317290 | 17 

| Seema Tae teas 1.02 “683356 1 5-38 
316967 | 16 

48 | 638720 | 4:3¢ 
“ona4ny | 1-02 

“es3679 ) 5-38 
316644 | 15 

49| ‘638981 | 4:39 
“954396 | 1-02 

“ga4o0, | 5-87 
316321 | 14 

50 | (639242 |
 4-35 “954335 | 1-02 

“684324 | 5-38 
315999 | 13 

51 | 9.630508 | 
4’ “opaaya | 1.02 ||) “Bases bay | -$15876 

| 12 

Ba | vesozea | 485 
|| °gearee 1-02 |) “eaaoes |

 58% | “sip0s2 
10 

53 | ‘640024 |
 4-38 ‘g54159 | 1-02 

9.685290 |. -315082 10 

54 | ‘640284 |
 4:33 "954090 | 1-08 

“ea56i2 | 5-87 
10.314710 | 9 

55 | 1640544 |
 4:33 “954099 | 1-02 

“easog4 | 5-37 
"314388 | 8 

56 | 640804 |
 4:33 "953968 | 1-02 

“eg6a55 | 5-35 
314066 | 7 

57 | 641064 | 
4:33 “953906 | 1-08 

“eses77 | 5-37 
313745 | 6 

58 | 641324 |
 4-83 “953845 | 1-02 

“eg6ggg | 5-35 
313423 | 5 

59) 641583 Vaiesea||.9507s
s ) 2-68 "6a7219 | 5-85 

313102 | 4 

G0’ | 9 eileus ieee peeceo 162. |e eeereao: |B oe
 312781 | 3 

—|—___—_ 
9.953660 | 1:

08 “687861 | 5-3
5 “312460 | 2 

115° Cosine, |
 D. 1” —— 

9688182 | 5-
85 312139 | 1 

. Sine D 
a 

10.311818 
0’ 

ig Cotang. 
D. 4" 

Se 

sae Tang. (64° 



Hrmomesr4e | 

9.657047 

116° Cosine. 
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Cosines, Tangents, and Cotangents 

32 
32 
30 
32 
-30 
-30 
28 
-30 
28 
20 
28 

20 
28 
28 
27 
27 
27 
27 
25 
25 
27 

3 
25 
25 
23 
23 
-23 
23 
23 
22 
23 

22 
22 
-20 
22 
-20 
22 
-20 
18 
20 
20 

4. 
4. 
4, 
4. 
4 
4 
a 
4 
4 
i 
4 

4 
4. 
4 
4 
4 
4 
a 
4 
4 
4 
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Logarithmic Functions 

27. Logarithmic Sines, 
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Cosines, Tangents, and Cotangents 
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27. Logarithmic Sines, 
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Cosi sines, Tangents, and Cotangents 
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27. Logarithmic Sines, 
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40 | .720140) 3-43 || ‘920089 | 3-3) |) <790151| 4-45 |  -209849 | 20 
41 | 9.720845 || 9.929911 9.7 10.209566 | 19 
42 -720549 | 3-49 || “‘ox08a3 | 1-3) || ct9071e | 4-22 |” :200284 | 18 
43 ‘raved | 3-42 || ‘ovorss | 1-39 || ‘790900 | 4°45 | 209001 | 17 
44| 70958 | 8-49 || ‘ozcezz | 1-35 || izorest| 4-49 | -208719 | 16 
45 i716 | 3-49 || ‘920509 | 1-35 || ivoises | 4-70 .| {208487 | 15 
46 1721366 | 3-49 || ‘ozose1 | }-35 || ‘79146 | 4-40 | 20814 | 14 
7| i7a1570 | 8-40 || ‘ozosse | 2-35 || izeetes| 9-2 | leovere | 18 

48 | iveizia| 3-49 || ‘ozone, | 1:35 || ‘vgeaio| 4-73 | ‘207500 | 12 
49 | ‘721978 | 8-29 |) ‘oages6 | 3-39 || cvovege | 4:4 |  {20vs08 | 11 
50 | .722181 | 3°49 -929207 | 4°30 792974 | 4°70 -207026 | 10 
B1 | 9.722385 9.929129 9.798256 | 4 no | 10.206744 | 9 
be | reese | 3-88 || ‘9 1-35 || «793538 | 4:20 | ~ ‘206462 | 8 
53 | 7ee7o1 | 3-38 || ‘orsove | 4-35 |] ivoasio | 4-88 | ‘208181 | 7 
54 | ‘i7ezgod | 3-38 || ‘928803 | I-39 || -zo4ior | 4:43 | 1205899 | 6 
55 | i7eio7 | 3-38 || ‘opseis | f-39 || izaazes| 4:70 | eos617 | 5 
56 | :723400 | 3-28 || ‘ovra6 | j:35 || ‘zoae6a | 4-88 | ‘o05a36 | 4 
57 | :723608| 3:38 || ‘o2ses7 | 4-35 || :zo4oa6 | 4-22 | ‘205054 | 3 
58 | :723805 | 3-34 || ‘98578 | I-35 || ‘7osze7 | 4:68 | ‘o0ar73 | 2 
50 | i7edoo7 | 3:32 || “ovssoo | j-35 || 795508 | 4-68 |  “oodsoe | 4 
60’ | 9.724210 9928420 9.795789 10:204211 | 0” 
121° Cosine. | D. 1° Sine. D. 1’. || Cotang. | D.1". Tang. 58° 



Logarithmic Functions , 207 

Cosines, Tangents, and Cotangents 

4 ie Cosine. Tang. D. 1°. | Cotang, 147° 

\ Gea | 
9.795789 

- 796070 
796351 
- 796632 
-796913 
797194 
797474 
TITS 
-798036 
-798316 

10.201 
-200! 

“195813 
10.195534 

.192751 
192478 
192195 
191917 
191639 
191362 
191084 
190807 
190529 
190252 

10.189975 
189698 
. 189420 
.189143 
.188866 
. 188590 
. 188313 
. 188036 
187759 

10.187483 

Tang.  |6 

9.925141 
- 925060 
924979 
924897 
- 924816 

SBR SRRRSRRRBR SRVVRBRBwE SBeBBEwERS SeeeReeREsS 
iv) 2 

9.810025 
810302 
810580 
-810857 
811134 
811410 
811687 
811964 
812241 

9.812517 G9 G0 G0 G29 69.20 20.69 G9 09.09.G0.90.90 G0 G9G2.09 9.G0.G0.E0 G0 G9 G9G9GTG9 LO.E9 G0 E0 E9.G9 DIESE G9.g9 cc E9 G99 E9699 0 G0.Gd G0 G0 Go 2 69 99.99.90 BRSKTSRES SSNRNNSNVB SRRYSSRSSS SVSLLRSSLS SSSSSSRKBKB KKRKKAKARAAS ALA ALA AAA PAARL ALAA PAPAALARAA PARAS ARAAA AAPA ASAR EA PARR REREAD SSSSSCTES CSSSESSSES SSSSSRSRSR KSRKKRQRKKTI KQIRAIAAIAAG FSASKSASREESR “735914 
9.736109 

122° Cosine. 
Weak eokee 

o ar a ° Cotang. S ES 



208 Logarithmic Functions 

27. Logarithmic Sines, 

Dyin. 5% Tang. D. 1". | Cotang. 146° 

{ es ere 

0’ | 9.736109 9.923591 9.812517 10.187483 | 60’ 

| 9 | 935303 | 3-23 || -gaa509 | 1-2¢ || -sizvo4 4.62 | "187206 | 56 
ic 3.95 9! 4137 94) 4/60 stood Ig 

2| 1736498 "993427 "81307 “1869 
736092 | 3:23 923345 | 1-32 gia347 | 4-82 186653 | 57 

8 | -Faease | 3-23 || ‘gog063 | 1-27 "g13623 | 4:00 "186377 | 56 

£| ct3ro80 | 3-23 || “oasisi | 2-22 gi3eg9 | 4-80 "486101 | 55 

6| vpsrer4 | 323 |} (9 1.38 || ‘graize| 4:82 | [185824 | 54 
ra7467-| 3-22 || “ge3016 | 1-32 gi44se | 4:80 | {385548 | 58 

B| ciar6s1 8.23 || 922933 en si4728 | 4-8 "ya5272 | 52 

9| 737855 co 922851 | "38 815004 | 4°¢9 184996 | 51 

10 | 738048 | 3-28 || 922768 | 3°37 815280 | 4-65 "484720 | 50 

11 | 9.738241 é 9.922686 9.815555, 40.184445 | 49 

11 | 9.73841 | 3.92 || “-ox608 | 1-88 || “ce1ssa1 | 4-8) |  -284169 | 48 
3 | ly3e6a7 | 3-22 922520 | 1-38 gigio7 | 4-6 183893 | 47 
13 | -73gs00 | 3-22 || ‘opease | 1-22 gi63s2 | 4:28 "483618 | 46 

15 | 1739013 8.22 || 922855 a 816658 | 4-62 "483342 | 45 

16 | ‘7ao206 | 3-22 || ‘ongere | 4:38 1693 | 4-58 383067 | 44 

i es| iB | ie | ie | Bae) 18 | ges 18 | 1739590 | 2 "9221 38 | 7as4 | ¢ : 
19 | .739783 Oe "929023 a} 817759 ee "482241 | 41 
20 | .739975 | 3:55 gei9i0 | 3:38 || 818085 | 4:59 181965 | 40 

e1 | 9.740167 | 9. 9.921857 9.818310 10.181690 | 39 
92 | 740359 | 8-20 || 92177 1.38 || “sis585 | $33 | -181415 | 88 
33 | 740550 | 3-18 || ‘oeteot | 3-4 || -8188600| a's 181140 | 37 

S| fore) 2 || ier | 1 | sas) fs | aes | 
96 | 1741125 es gei4ii | 1-38 || “s19684 ess "480316 | 34 
27 | 1741816 | 3:35 getas7 | 1-49 || “819959 | 4-58 "180041 | 33 
be | l74ib0s | 8:22 |] coste74 | 1-45 || -820234 | 4’5r "179766 | 32 
29 | <741609 | 3-37 g2it90 | 1-39 || “820508 | 4-55 "179492 | 81 
30 | 741889 | 3-18 getio7 | 7-25 || 82078 | 4°57 "179217 | 30 

31 | 9.742080] 9.921023 | 9.821057 | 4 10.178943 | 29 

81 | 9-Piperi | 3-18 || -920930 | 1-49 || "‘ge1sae | 4-38 "178668 | 28 
33 | 74462 | 3-18 920856 | 1-38 || “eeieos | 4-57 178394 | 27 
31 | cz4pe5e | 3-22 || “ov07z2| 1-49 “goigso | 4:57 178120 | 26 
Bo) vrdosia | 3-22 || ‘ozoses | 4-49 || “eamsa| Zoe | -1778i6 | 2 
36 | 1743033 | 3-28 || ‘920604 | j-49 || 822429) 4'57 177571 | 24 
a7 | .v4a23 | 3-12 |) ‘920520 | 1-4) |) 822708) 4°57 177297 | 23 
as | 7443 | 3-42 || lozodse | 3-4) || 822007 | 457 177023 | 22 
go | 743602 | 31> || 920352 | ]-2y || 828251 | 4°55 176749 | 21 
40 | .7as7oz | 3-47 || ‘920268 | }-49 |) 823524 | 4°57 176476 20 

a1 | 9.748082 | 5 45 |] 9.920184 | 4 49 |) 9.823798 | 4 ny | 10.176202 | 19 
a2 | wragirt | S45 || -920009 | 3-75 |] 82012 | ass 175928 | 18 

S) Mee) fe | Bee) 8 | eee) fe | el 
| cri | $35 |) bie) 2 | ees) 28 | a 
47 | .745ti7 | 3-32 919677 | 1-42 || “g25439 Pe 174561 | 13 
48 | 745806 | 3-43 o19593 | 1-49 || ‘e25713| 4s 174287 | 12 
49 | .745494| 3-75 o19508 | 3-42 || “e95086 | Pe "774014 | 11 
50 | 1745683 | 3°33 g19424 | 1-29 || 826259 | 4 55 "178741 | 10 

51 | 9.745671 | 3 45 || 9.919889 | 4 4 || 9-826582 | 4 55 | 10173468 | 9 
52 | 746060 | 3-25 |) “‘otge54 | 1-45 || -826805 | a'55 "173195 | 8 
53 | .746248 | 3:45 gigie9 | 3-42 || ceevovs | fee 172022 | 7 

Bi] Tacs | 9.13 || -Stoooo | 12 || cero | 458 | cares | 5 
56 | 1746812 | 3:15 oisis | 1:42 || ceevsoy | 4-pe "172108 | 4 
57 | 1746999 | 3:15 91830 | 3:42 || ‘eesizo | 4753 1171830 | 3 
58 | v7avisy | 3-18 || ‘ousza5 | 3-25 || -828442 | fo5s 1471558 | 2 
bo | ‘7a7a74 | 3-12 || ‘oiseso | 1-25 || 828715 | 4:53 "171285 | 1 
60’| 9.747562 | 2 9.918574 | 2- 9.88987 | * 10:171013 | 0° 

123° Cosine. Sine. D. 1". || Cotang. | D. 1° Tang. ‘56° 
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Cosi sines, Tangents, and Cotangent Ss 

Sine 
. 

- ae 
Cosine

. D 1° 

i 

. ‘* Tang. 
. 

. Di) 
"Cot 

| 

0’| 9.747562 

oes 
; ang. 145° 

1 nay74g | 
3-12 9.91857. 

2| ‘747936 | 3-12
 “gigagg | 1-4

2 9.828987 
—— 

3| 748103 | 3-12
 918404 | 1-42

 "gogogo | 4:55
 10.171018 | 60!

 

4| (748310 | 3-12
 918318 | 21-43

 “go9539 | 4:5
3 “170740 | 59 

5| (rass97 | 3
-12 913033 | 1-

42 "gogg05 |. 4-
59 “470468 | 58 

6| .74gee3 | 3-1
0 gisia7 | 2-43

 “g30077 | 4:53 
170195 | 57 

7| ‘rags70 | 3
-22 a1go6g | 1-

42 “e3o349 | 4
-98 169923 | 56 

8| 1749056 | 3-
10 917976 | 1-4

3 “gg0ge1 | 4:
23 169651 | 55 

A "nagoig | 3-1
2 | 917301 | 1-42

 g30g93 | 4:23
 169379 | 54 

0| ‘749429 | 3-1
0 “917805 | 1-4

3 931165 | 4:53
 169107 | 53 

11 | 9.7496
15 3.10 

‘oiz719 |
 1-48 

831437 | 
4:98 

168835 | 52
 

12 7 
9.917! 

1.42 
831709 | 4

:23 
168563 | 51

 

1 . 749801 
8.10 

.917634 

4.53 
168291 

: “749987 | 3-1
0 “o1754g | 1-4

3 9.831981 | 
50 

4| :yo172 | 3-9
 “917462 | 1-43

 “g32953 | 4-53
 10.168019 | 49 

15| 750858 | 3-1
0 ‘917376 | 1-4

8 “gaa5e5 | 4-3
3 1167747 | 48 

16 | 1750543 
| 3-98 “917290 | 1-43

 “ggo796 | 4-52
 167475 | 47 

17 | .750% 
3.10 “917204 | 1-

43 "933068 | 4:
53 167 46 

es “750014 | 3-
08 “oi7118 | 1-

43 “933339 | 4-
52 166932 45 

20 - 751099 
8.08 

-917032 
1.43 

833611 
4.53 

166661 | 44
 

. 751284 
3.08 

“916946 | 
1-43 

833882 
4.52 

166389 | 43
 

21 ms 3.08 “916859 | 
1-49 "g34154 | 

4:53 
166118 | 42

 

9.751469 

FT 
: 4 

165 

22 | .75165 
9.91 

“43. || 834425 
53 | 1165846 | 41 

33 . 751654 
8.08 

6773 

4.52 
“165575 

“751839 | 3-
08 “916087 | 1-

43 9.834696 
: 

40 

24 | 752023 
| 3-07 “916600 | 1-45

 "g34967 | 4:32
 10.165304 | 39 

95 | ‘752208
 | 2-08 

“16514 | 1-
48 935038 | 4-

92 “165033 | 38 

26 | ‘752392 
| 3-07 “o1e427 | 1-4

5 "935509 | 4:5
2 1164762 | 37 

97 | “75257
6 | 3-07 

“gye341 | 1-
48 8357 4.52 "164491 | 36 

98| ‘752760 | 3-
07 “916254 | 1-

45 "936051 | 4:
52 "464220 | 35 

99 | “75204
4 | 3-07 

“o16167 | 1
-45 "939302 | 4

-52 “163949 | 34
 

30 | (758128 
| 3-07 “gi6081 | 1-43

 "996593 | 4:22
 "163678 | 38 

31 = 3.07 “g15994 | 
1-4 “93864 | 4

-52 163407 | 82
 

sed 
1.45 mig4 | 4-50 

163136 

32 | 1753495
 | 3-05 

9.915907 | 
4 mah rae Benes 31 

33| ‘753679 | 3-0¢ 
“915820 | 1-

45 9.887405 | 
, : 30 

34 | .753862 3.05 “915733 | 1-
45 “gave75 | 4-

00 0.162595 | 29
 

ce ee 3.07 “915646 | 1
-49 “937946 | 4-

52 162325 | 28 

36 | -754229 3.05 “915559 | 1-
42 “g9018 | 4:

50 "162054 | 27 

37 754412 
8.05 

.915472 
1.45 

838487 
4.52 

161784 | 
26 

33 | 754595
 | 3-05 

“915385 | 2-
45 "g3g757 | 4:

50 "161513 | 25 

39 | (754778
 | 3-05 

gine97 | 1-4
7 “e39027 | 4:

50 "161243 | 24 

40 | 1754960 
| 3-08 15207 | 1145 

|| | -Sebeas 
4759 | 160978 | 28 

41 
8.05 

915123 | 1
:42 "g39568 | 4

:52 160703 | 22
 

9.755143 
114 30568 | 450 

|  -1e0i63 

42 | 755826 
| 3-0 9.915035 | 

4 7 ¢ par ee ai 

43 | (755508
 | 3-08 

914948 | 1-4
9 9.840108 | 

4 F 

44| 1755690 | 3-08
 914860 | 1-47

 “g40378 | 4-50
 0.159892 | 19 

45 | 755872 
| 3-08 

914773 | 1-4
5 "340648 | 4:5

0 "459622 | 18 

46| 756054 | 3-
03 914685 | 1-

4¢ "gi0917 | 4-
48 "459852 | 17 

47 | 756236
 | 3-08 

914593 | 1-4
5 "g41187 | 4:

20 "459083 | 16 

48 | .756
418 3.08 

914510 | 
2 AT 

841457 
4.50 

158813 | 1
5 

49 | 756600
 | 3-9 

914422 | 1-4
7 g4i727 | 4:5

0 "158543 | 14 

50 | 1756782 
| 3-08 

914334 | 1-47
 241996 | 4°48

 "158273 | 18 

51 
8.02 

914246 | 
1 47 

842266 
4.50 

“158004 | 
12 

A Sot 
1.47 || 194258

5 | 4°65 
“157734 | 1 

po | 757144
 | 3-0 

9.914158 | 
4. 

4.50 “167465 i 

53 | 175732
6 | 3 8 

“914070 | 1
-47 9.842805 | 

, ion 

54 | l757507 
| 3-02 

gi3z9se | 1-47
 “g43074 | 4:48 

157195 | 9 

B5 | 757688 
| 3-02 

913804 | 1-47
 343343 | 4:48

 156926 | 8 

56 | 757869 
| 3:02 913806 | 1-47

 ga3ei2 | 4°48 
156657 | 7 

57 | 1758050 
| 3-02 913718 | 1:47 

43882 | 4°50 
156388 | 6 

58 | 758280 
| 3.00 913630 | 1-42 

gaaist | 4°48 
1156118 | 5 

59 | .758
411 3.02 

913541 | 
2 48 

844420 
4.48 

“155849 | 
4 

60’| 9.758591 | 2
-00 913453 | 1-47

 gaaeso | 4:48
 “155580 | 3 

a dake 
9.913365 

1.47 eee 
ate 

Rpt: 
9 

Cosi 
F 

845227 
: : 1 

sine. | D. 1”. || Sine. 
| D.1° 

— 
10.154773 | 0 

Cotang.
 D. 1" 

el pees 

1’. Tang. (65° 



Logarithmic Functions 
a 27. Logarithmic. Sines, 

Cotang. 144° : De 

— 

; D. 1’. Cosine. 
| 

35° Sine. 
| o.sss207 | 4 gq | 10.154778 | 607 

aoe RSE ene | ie Sr 4.47 -154236 | 58 

0’| 9.758591 | 5 o9 eee a8) || eae 4.48 153967 | 57 

TEST | as WN) eae 1.47 || 1946083 | 4°25 153698 | 56 

1 S @ | o-aO8S2 | soon) | aan 148° |) eagnon | ae 153430 | 55 

S| 2 Tete F-32601 Seay 1.47 || 1946570 | 4°48 -158161 | 54 

@ | (-Ri0812 |. 32000 1h iecrge 1-48: || “eaepso | 4-45 152892 | 53 

B | 082 | sane |p Saree 148 || -eersos | Sar 152624 | 52 

6 | (32007 |) shoo, | Res Loge; || Gets bo ae 152356 | 51 

7 | .759852.) 9°98 912655 | 1748 847 4.48 152087 | 50 

8| -760031 | 3'99 -912566 | 3°48 847913 | 447 49 

1 7 
0.151819 

a) eee oe eee, 1.48 
7 | 10. 48 

90 
9.848181 | 4 47 151551 

10 | .7603 2.98 9.912388 | 4 4g 848449 | 447 .151283 | 47 

BY 0.080560) sega: |) PRE 1-48) ||) oaaey | Stas -151014 | 46 

12, .760748 | "98 ote, ti 1aBy | Seen 4.47 150746 | 45 

13 | .760927 | 998 eee Pe ice: 1 aes 4.47 150478 | 44 

14 | .761106 | 5°98 9120381 | 4748 849522 | 4°47 .150210 | 43 

15 | .761285 | 5°98 911942 | 4748 -849790 | 445, -149943 | 42 

16) .761464 | 9°97 911853 | 4750 -850057 | 4°47 149675 | 41 

ir <eigs2 2.96 sLites 1.48 -850825 4.47 .149407 | 40 

- 7618: = 911674 | 4750 - 85059: AT 

19 | ret090 | 2-97 o115e4 | 3-98 ae | 10.149189 39 

weair? | 2.2% 
9.850861 | 4 47 -148871 

20) 7 : ete Fh icgo.' Hh Mereae 4.45 .148604 | 37 

Ot | ee) ger. 1] Porsane 1250) |) (-eakuoe gee -148336 | 36 

22] .762534 2.97 911815 | 3748 851664 | 4°45 .148069 | 35 

SS | Gaver? | Fagen | Sorces 1-50 || -esissi | fae 147801 | 34 

Ba | Pee? |) O87. | Grrass 1-80" |} eoai99 | Zia. 147534 | 33 

25 | .763067 | 9'97 Oe tek: | Paes 4.45 147267 | 32 

26 | .763245 | 9°95 eee | ice Ih ees 4.47 146999 | 31 

27 | .763422 | 9°97 ee ee 
4.45 146732 | 30 

28 | .763600 | 595 91077 1.50 -858208 | 4°45 
5 | 29 

29| .763777 | 9"o5 910686 | 3°55 ss 10 lee 
ped canes he tee | Beg or 445 “145081 | 27 

-9105 E ‘ ‘ 14 ; 

31 | 9.764131 2.95 -910506 | 3759 -854069 4.45 145664 26 

82 | .764308 | 9795 910415 | 3759 854336 | 4°45 1145397 | 25 

SS. PS i, aaa, |t Stas 1-50) [pS ceeaws ff ae 145130 | 24 

34 Bese mos Soy 13 854870 4.45 1144863 = 

ey 2 -91014 1.51 -855137 45 1144596 

= -765015 | 9°93 -910054 | 1759 -855404 445 “144399 21 

37 Rt ae ees 1.50 855671 4.45 1144062 | 20 

38 |. 2 -90987 1.58 8559 4.43 eis 19 

(65544 | 9°93 -909782 | 7°55 
10.143796 

40 | 765720 2.93 ene as Sone 4.45 ee Lae 
. 

ws 
. ‘ . 

41 | 9.765896 | 9 93 -909601 | 4 "55 856737 445 “142096 16 

42 | .766072 | 999 -909510 | 4759 -857004 | 4°43 1142730 | 15 

43 | .766247 | 993 909419 | 1°55 857270 | 445 1142463 | 14 

44| .766423 | 9°99 -909328 | 3755 857537 | 4°43 1142197 | 18 

45 | .766598 | 9'93 -909237 | 4759 -857803 | 4°43 :141931 | 12 

46 | .766774 | 9°99 -909146 | 4°55 -858069 | 4°45 1141664 | 11 

Bt ay (eee IL gots per |) seosues | fae "141398 | 10 

48 767124 | 9°93 -908964 | 3°55 -858602 | 4°43 a 9 

2 | oy | Be. It “apeey idl ens bon Lea 

"6747 
s 

i , 

50 di anh 9.908781 | 4 50 -859134 | 4°43 eres 7 

51 | 9.767649 | 9 90 -908690 | 755 -859400 | 4°43 1140334 | 6 

52 | . 7678: 2.92 -908599 | 4753 -859666 | 4°43 1140068 | 5 

53 | .767999 | 9°99 908507 | "55 859932 | 4°43 :139802 | 4 

54 | .768173 | 9°99 -908416 | 4753 860198 | 4°43 139536 | 3 

55 | ..768848 | 5°99 908824 | 3" 860464 | 4°43 139270 | 2 

56 | .768522 | 9°99 -908233 | 7°53 -860730 | 4°49 "139005 | 1 

57 | .768697 | 9°99 908141 | 3°53 -860995 | 4°43 10.138739 | 0° 

58 | .768871 | 5°99 -908049 | 3755 9.861261 
: — 

00 | OPH CREES Wer ansoes Bs | Tang. |eae 

60’ | 9.769219 —|\———_—_— D.1’ Cotang. D. 1 

= 
D.1" Sine. ee 

125° Cosine. eS 



126° Cosine. Cotang. De 
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Cosines, Tangents, and Cotangents 

\ 

36° Sine D. 1”. || Cosine. | D. 1’. Tang. | D.1°. | Cotang. 143° 

0”) 9.769219 9.907958 9.861261 10.138739 | 60r 
1| 769393 | 2:29 || “907866 ees |i caer |! Gas 138473 | 59 
2| ‘zeas6s | 2-88 || ‘oor | 1-58 || ‘serze2| 4-2 138208 | 58 
3| “76a | 2-90 || ‘oovese | 3-28 || -sez0ss | 7°43 137942 | 57 
4| c7eon3 | 2-88 || ‘o0rs00 | 3-28 |) 862323 | 4°33 137677 | 56 
&| “rioos7 | 2-22 |) ‘oovaos | 3-33 |, -gezseo | 4-43 137411 | 55 
6| “770260 | 2-88 {| ‘o0v406 | 3-33 | -eeze5s | 4-4 137146 | 54 
7| crass | 2-88 || ‘oovsia | 1-28 || -sostio | 7-43 136881 | 53 
8| “7ros0s | 2-88 || ‘oomee| 1:53 || - i 136615 | 52 
9| crr0rz9 | 2-88 || ‘oor129| 7-23 || -863650 | 4-45 136350 | 5t 

10| ‘zros2 | 2-88 || ‘907037 | 7:38 || -863915 | 4-45 136085 | 50 
11 | 9.771125 | 5 \gq || 9.906945 | 1 5, || 9.864180 | 4 yo | 10.135820 | 49 
12| 771208 | 3-88 || “90652 | 1-28 || -seisas | 9-45 | -185555 | 48 
13| ‘7i40 | 3-82 |) ‘906760 | 1-88 || -seai0 | 4-45 |  -180200 | 47 
14| ‘771613 | 2-88 || ‘ooese7 | 1-38 || -ses975 | 4-45 |  -135025 | 46 
15| ‘77isis | 2-87 || ‘906575 | }-88 || -soseso | 9-45 |  -134760 | 45 
16| ‘7ri9s7 | 2-87 || ‘oosis2 | 1-88 || -e5505 | 4-45 |  -134495 | 44 
17 | ‘72159 | 2-87 || ‘o06389 | 3-28 || -se5v70 | 4-45 |  -134280 | 43 
18| ‘772331 | 2-87 || ‘906206 | 3-28 || -g6c0a5 | 4-45 |  -138965 | 42 
19 | “77asos | 3-87 || ‘906204 | 1-38 || “ees300 | 9-45 | -133700 | 41 
20| r7r67 | 3-82 || ‘06111 | 1-72 || -860564 | 44> | -183486 | 40 
a1 | 9.72847 | 4 gs || 9.906018 | 4 '55 |) 9.866820] 4 4p | 10.188171 | 39 
a2 | 773018 | 2-85 || “90925 | T-P2 || -867094 | 4-45 |  -182906 | 38 
23| (773190 | 3-8! 905882 | "pe 1867858 | 4°45 "132642 
24| “7rase1| 2-2 || -905789| j-37 || -867 pak "132377 
25 | 1773533 pies 905645 | "pe "867887 | 4°40 "432113 
26 | .773704 | 9°95 905552 | 5 3B 868152 | 4°40 .131848 
a7 | ‘773875 | 2- 905459 | 41-25 || ‘seseie | f-4y | -181584 

98| ‘774046 | 2-85 || ‘905366 | 1:39 || [868680 ) J-4o |  -131820 
29| ‘7zgei7| 2-85 || ‘oose72 | 7-2f || 868045 | Gq | — -181055 
0) 277 2-85 || ‘905179 | 4°57 449 | 1180701 
31 | 9.774558 ~ || 9.905085 9.869473 10.130527 
fo | -¢rgze9 | 2-85 || ““gqgo02 | 1-55 || “-seova7 | 4-49 | ~ :130268 
33 | “774899 | 2-83 || ‘oosg98 | 1-37 || ‘e70001 | 4-4) "329999 
34| ‘775070 | 2-85 || “go4s04 | 2-57 870265 | 4 "129735 
85 | 775240 | 2-83 || ‘oos711 be 870520 | 4-4) "129471 
36| 1775410 | 2- "904617 | 2- 70793 | 4 “129207 

cae 2.83 1.57 3} 440 pods 
a7 | ‘775580 | 2-83 || ‘904523 | 3:57 871057 | 4-4) | .12894 
a8 | i775750| 2-83 || ‘904429 | 3:57 e7iset | 4-49 | ‘128679 
39 | ‘775020 | 2-83 || ‘904385 | 4:57 gr1565 | 4-4) | 125415 
40 2-83 || ‘90s | 5°57 ano | 430 |. 

| 41 | 9.776259 9.904147 | 4m || 9.872112 | 4 4o | 10.127888 
42| “776429 | 2-83 || ‘904053 | 5° "972376 | 4° 427624 
43| ‘rr6508 | 2°82 || ‘“oos959 | 1-52 || ‘eveeso | 4-22 |  -127860 
44| ‘77évea | 2-83 || ‘903864 | 1-28 72903 | 4-38 | (127097 
45| ‘776037 | 2-82 || “903770 | 1-22 873167 | 4° "426833 
46| ‘7rri06 | 2-82 903676 | 2-22 973430 | 4:38 | 1126570 
47 | ‘vvrers | 2-82 || ‘oo3e1 | 1:98 973694 | 4-22 | 126306 
43 | crvvasa | 2-82 || ‘ooase7 | 2-22 g73957 | 4-28 | [126043 
49| ‘777613| 3-82 || -903392 1.58 || ‘e7ae20 | 4-28 | 125780 
50| lrrmsi| 3-82 || -908298 | 4:56 g744s4 | 4-33 | (125516 

"7 : 0.125253 

Bs | ‘wypony | 2-82 |) “go3014 | 2-52 || ‘ezseva | 4:33 | ‘124727 
54 | ‘77siss | 2:80 || ‘oozoio | 3-28 |] ‘evsse7 | faq | 124403 

5 | 178624 | 2-80 |) Soon | 2-58 || cereons | 4-98 | ‘xaa0a7 
57 | irres6o | 2:89 || ‘oozsa | 1-58 || ‘sroazs | 4-g3 |  - 128674 

8 | Toes | 2-78 || capo | 1-28 || ‘erose | 438 | ‘asaus 
60’ 9:779463 | 2-89 || 9:902349 | 3 9.877114 | * 10, 122886 

D. 1" 
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87° Sine. 

0’| 9.779463 
1| .7796381 
2| .779798 
8| .779966 
4 | .780133 
5 | .780300 
6 780467 
Hf 780634 
S| .780801 
9 | .780968 

10 781134 

11 | 9.781301 
12 .781468 
13 | .781634 

‘14 | .781800 
15 | .781966 
16 | .782132 
17 |  .'782298 
18 | .782464 
19 | .7%82630 
20 | .7827' 

21 | 9.782961 
22 | .783127 
23 | .783292 
24 | .783458 
25 | .783623 
26 | .783788 
27 | .783953 
28 .784118 
29 | .784282 
30 | .784447 

81 | 9.784612 
32 | . 784776 
33 | .784941 
34 | .785105 
85 | .785269 
386 | .785 
87 | .785597 
88 | .785761 
89 | 785925 
40 | .786089 

41 | 9.786252 
42 | .786416 
43 | 78657 
44) .786742 
45 | 786906 
46 | .787069 
47 | 787232 
48 | .787395 
49 | .87557 
50 |. 7877 

51 | 9.787883 
52 | .'788045 
53 . 788208 
54 . 788370 
55 | .788532 
56 | .788694 
57 | .7%88856 
58 | .'789018 
59 |  .789180 
60’) 9.789342 

127° Cosine. 

S & 

3 ZARIsSVssae 

~2 ~ 

3 
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27. Logarithmic Sines, 

Cosine. 

9.902349 
, 902253 
-902158 
. 902063 
-901967 
901872 
90177 
901681 

"897516 
9.897418 
897320 
897222 
897123 
897025 
-896926 
-896828 
-896729 
896631 

Sine. 

9.896532 

D; 1%: 

eck pa ak fk fk fa Pak fe ek fa ek Peck pak fk fb ka ak dlp ph, fh Pa Pa a Pk 

222 SSSSSSSSSB SSSSSSSSSB SSBSSsssss SSYSBSBSsssS 

fa er ee ee ool onl oll aul al onl an a a a a RPRARSSSlZ SSSSSSS for) oO 

2 

Tang. 

888116 

9.877114 

D. 1’. 

A AAA AAR R RAR PP PARR ERED 

09 9 292929096203 Seco Sa Se page Bp oe Oe aR Se Ss SR RR RRB SESS 

oe 92 on ge 2 cg ge ce ge bee SR G8 ce 

AAA AAPA AAR AAD PES RR RRS S 
1] <3 

ALAA SARA RRR RR RELSKSRKB KRKRKKGAES 

Dat 

10.117875 
117113 
116852 
116590 
116328 
116066 
115804 
-115543 
115281 
-115020 

10.114758 
114496 

10.112145 
111884 

"107451 
10.107190 

{ 
Cotang. 142° 

Tang. 

18 
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Cotang. 141° 

sid 
1 
2 
3 
4 
5 
6 
7 
8 
9 

10 

11 | 9.791115 
12 | .791275 
13 | .791436 
14 | .791596 
15 | .791757 
16 | .791917 
17 
18 
19 
20 

128° Cosine. 

RIKI RISARASISS SRSRSSSSSSS 

WOW WWNVNHNVVYWWVY WWNVNVNVNYNVVWNY WMNVNNNVNW 

SSSSSSLSS SCSLSSLSSTV SLSSSRKKESKK SHKKHKES 

DU] wrwnmwwnnwn WWWHNYNYWYWWNY WKWNVNVN ps : 

891319 

Pek kn ek ek ek ek ee ee Re et et ee et et Fe ak ek a ee eh eh 

RRFRAKSR 
o 3 
-65 

9.802810 | 4 9 
.89307 4.35 
1993331 | 4°33 
993501 | 4°33 
"93851 | 4°33 
eoaiii | 4-33 
ve04a72 | 4-88 
94632 | 4:33 
"94902 | 4-33 
895152 | 4°38 

9 “ae oe 895 
895932 | 4-33 
"96192 | 4:33 
896452 | 4-33 
e06712 | 4-33 
1896071 | 4°38 
‘97231 | 4-33 
"997491 | 4-® 91) 4°33 
-897751 4.32 

“g98530 | 4°33 530 | 4°39 “898780 | 4°38 
899049 | 4°33 
"899308 | 4°38 
1899568 | 4°33 
999827 | 4°35 
‘900087 | 4-33 
- 900346 4.32 

oe sia 
‘gore | 4°33 
901383 | 4°35 
"901642 | 4° 4.32 ‘91901 | 4°35 
“go2160 | 4°38 
902420 | 4°35 
902679 | 4°35 
902938 | 4°39 903197 | 4°39 

9.903456 
“903714 | 4:20 14 | 4°39 
. 90397 4.32 
. 904232 4.32 

904491 | 4°35 
904750 | 4°35 
905008 | 4 "a9 
905267 | 4°39 
905526 | 4'32 905785 | 4°39 

9.906043 
906302 | 4°35 
906560 | 4°39 
“906819 | 4°35 
‘907077 | 4°25 

1907594 | 4°39 
4.30 
4.30 

Cotang. | D. 1’. 

10.107190 | 60’ 

"101990 | 40 
10.101730 | 39 

-101470 | 38 
-101211 | 37 
-100951 | 36 
-100692 | 35 
-100432 | 34 
-100173 | 33 
.099913 | 32 
-099654 | 31 
-099395 | 30 

10.099186 
-098876 | 23 

093698 

“091889 
10.091631 

. 
SHNWORAARID 

Tang. 51° 
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27. Logarithmic Sines, 

| a92 Sine. | Dia" | Cosine. | D. 1’. ) Tang. D. 1". | Cotang. 140° 

“0| 9.70887 ve 9.890503 9.908369 10.091631 | 60’ 
1 | 8:29508 | 2:60 |] 9 8godo0 | 1-72 || *:goseas | 4:82 |” cosiaze | 59 
2) “footed 2-60 || ‘gooz9s | 1-70 || ‘ooses | 4°38 | <ooi114 28 

a 2. “990195 | 2° || 44) os .090856 S| ite | Sp || eae | i | eames) fm) ones | 
S| vteve1 | 2-9 || “ssooe0 | 1-2 || “ooa66o | 4-22 |  <o90340 | &s 
6 | cteos0s | 258 || “esgses | 2-72 | “ooosis | 4-32 |  ‘ogoose | 54 
7 | vogge2-| 2-60 |! “egoze5 | 1-2 || ‘gion | 4-2 089823 53 

| 8| :e00117 | 2:58 || ‘esasee | 3-8 || <o1osss | 4-3) "089565 52 
9| ‘eoorre| 3-8 || ‘esos79 | 3-4 ‘910693 | 4-30 1089307 | 51 

10 | ‘soosz7 | $38 || ‘esoar7 | 3-79 || -910951 | 4°39 "089049 50 
f 9.889874 9.911209 40.088791 | 49 

12 | “sours? | 238 “$8971 Le || -atider | $35 | 938688 | 48 
13 | :goosez | 3-38 || “gso1 || emt po “08827 

7| 2-58 || ‘gso064 | 1-© "911982 "088018 | 46 
is | csoizo1 | 2-90 || “sss0et 1-72 || ‘orze40 | 4:39 | losrz60 | 45 
16 | ‘801356 | 2-28 || ‘esses | 1-72 912498 | 4-30 1087502 | 44 
17 | :go1si1 | 2-38 || ‘essr5 | 1:72 || ‘orers6 | 4-20 |  copras | 48 
is | Sees Taare | Gee |) tech pee | eae ee 19 -801819 ee 3 5 93 pedi 4.30 086729 | 

802128 Se 913787 086213 | : 
go | pope | 2-50 || * Sener io g14044 | 4-28 | 1085056 38 
93 | go2436 | 2-2% ss8184 | 1-2 914302 | 7-35 1085698 37 

a6 eres | Sa || cess |e: | Sane | 4 eee 25 | 180a743 | 3-3 || “esr ey gre ; 
“soasor | 2-57 ge7gez | 1-5 915075 | 4-5 084925 34 

7 | ‘s0s050 | 2-5 || “servis 173 || ‘oissa2 | 4-28 | cog4ses | 33 
28 | 803204 | 5-3¢ || servers | 3:3 || ‘915500 | 4:39 | ‘osaaio | 32 
29 | {gosa57 | 2-2° gg7510 | 1-4 oised7 | 4-28 1084153 31 
30 | 808511 | 3-2¢ as7406 | 7-43 916104 | 4°35 | .083806 30 
81 | 9.808664 | , 9.987302 | 1 9.916362 10.083638 | 29 
> | -eosere | 255 |] *asrigs 1-73 || :o16619 | 4°28 | .088381 | 28 

33 | .sos9r0 | 53> || -ae7oos | 1-73 || co1esr7 | 4-30 "083123 | 27 
34} 804123 | 555 || -886989 | 5-4 -917134 | 4°53 | 082866 | 26 
35 | .804276 | 5°25 . 886885 vn 917391 | 4759 082609 25 
36 | sos | 5p> || -aseveo| 1-78 || corzesg| 4-28 “082352 | 24 
87 | .804581 9.55 -886676 | 5°4 -917906 | 4°58 082094 | 23 
88 | 804734 | S753 || 886571 | 34 918163 | 4°58 -081837 | 22 
39 | gosses | 2-23 || “ga6s66 | 1-2 “918420 | 4 “081580 | 21 
40 | <805039 | 3:35 || :sso3e2 | 1-73 | “oxsez7 re 081323 20 
41 | 9.805191 | 5 9.88625 9.918934 10.081066 | 19 
42 | 805843 333 || :sseis2 | 1-75 || “corotor | 4-28 | ~ “ososoo:| 18 
43 | 1805495 | $23 || eseo47 | 1-4 -o19448 | 4-28 ‘080552 17 
44| ‘go5ea7 | $3 || -ss5o42 | 3-4 919705 | 4:38 “080295 | 16 
45 | 1805709 | 57p3 || .885837 | }-4 o1sge2 | 4-28 "080038 | 15 
46 | :g05051 | 3°23 || .ss5va2 | 1. 920219 | 4°35 | -079781 | 14 
47 | 806103 | 525 || 885627) 1:42 || ‘920476 | 4-28 | corosed | 18 
48 | ‘so6254| 3°25 || -eessee | 3-55 || ‘ooo7ss yi ‘079267 12 
49 | 806406 | 5-55 || -885416 | 1:42 || ‘920000 | 4-28 ‘079010 | 11 
50 | 806557 | 5°53 .885311 ve 921247 4.97 .078753 | 10 

51 | 9.806709 | 5 9.885205 9.921503 10.078497 | 9 
52 | 806860 3-33 || 985100 | 2-75 |) “oerz60 poe "078240 | 8 
58 | -so7011 | 523 || -se4o0¢ | 7-22 || <ozeor7 | 4:28 077983 | 7 
b4| 1807163 | 52> || 884889 | 1-4) || cozaar, | 4-28 07726 | 6 
55 | .807814 | 9°55 884783 i 922580 | 4°58 or7470 | 5 
B6 | 807465] 525 || 884677 | 14k || <ozarer | 4-28 077213 | 4 
or | sori | SP) || -984572 | 7-22 || axoas | 4-28 076056 | 8 
B8| 807766 | 525 || -884466 | 1-2) || ‘993300 | 4:22 076700 | 2 
59 | -g0va17 | 5°55 || .-884960 | j74+ |) 9aB557 | 4-28 ‘076443 | 4 60’| 9.808067 |? 9.84254 | 1: 9.993814 | 4: 10.076186 | 0! 
129° Cosine. | D. 1". Sine. D.1”. || Cotang. | D pele Tang. a i] 

° 
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: ! 

; 40°; Sine. | D.1". || Cosine. | D. 1° Tang. | D.1". | Cotang. 139° 

i 808067 9.884254 9.928814 10.076186 | 60’ 
+ | goss | 2-32 |i Secias ae | ee 075930 | 59 
2| ‘eoases | 2:50 |) ‘easoaz | 1-7% || ‘opase7 | 4-28 075673 | 58 
3| ‘e08519 | 3:3F || “assess | 1-7 || ‘opsses | 7-28 Ov417 | 57 
4| .sose69 | 2-50 || “egaseq | 1-2 “gpas4o | 4 075160 | 56 : 2.50 829 | 177 a 4.27 g| 25 "933723 | 1-7 "925096 | 074904 | 55 5 | -808819 | 9°50 1 4.27 6| 908969 | 2-20.|| “993617 iB | roesane | 4-27 074648 | 54 
7| ‘soso | 2-20 || ‘gsas10 | 3-78 || ‘o256o9 | 4:28 074391 | 53 
8 | “sogz69 | 2-20 || “ges4oa | 1-77 || “oosges | 4: 074135 | 52 

: 2-00 gg3297 | 1-78 g26izz | 4-28 073878 | 51 ay eee |) 2p, |p © SE cere 1 480 on he 10 | 609569 | 3-38 || ‘sssio1 | 3-72 || ‘opesrs | 4:22 | 07 
f ‘59 || 9-883084 | 4 ng || 9.926634 10.073366 | 49 

Ba | *cpooses | 252 || “seogr7 | 1.78 |) °Spee00 | 4-22 | "consi | 48 
i3| ‘eto0017 | 2-48 || ‘eer | 1-2 927147 | 4-28 072853 | 47 
Ti | ceioer | 2-52 || ‘seores | 1-78 || “goraoa | 42% | “oraso7 | 43 14 | 10167 | 3-38 || -ssezes | 1-7 gais03 | FO, | -oTese7 | 43 
eh ee | aeas, | Pee | tems |) “terre | 420° | Geers Ve 
16 | .810465 | 974g || -882550 | 377 ee tere | Seer las 
17 .810614 2.48 -882443 | im || - 1) 497 ele 
18 | ‘810763 | 3-48 || ‘eaz336 | 1-78 || copeaer | 4-22 | co7i5i 
19| ‘siz | 248 || ‘ssez20| 1-78 || ‘oasesa | 4-28 | 071316 | 41 
20| ‘811061 | 3-48 || ‘sszizi | 1:82 || “execs | 4-5) | 071060 | 40 

; f 39 21 | 9.811210 | 9 47 || 9.882014 | yg || 9.920196 | 4 97 | 10.070804 | 39 

33 | “suecor | 2-48 || “eeroo | 1:80 |] “geome | 4-22 “Grosee | Br Z\ gaz || -88t7 1.78 : 4.27 she 
24) Sues | bas || SNC) eo |) Bie | ee | Soon | 36 

2.47 “gaya | 1-78 || “gao475 | 4-25 “069525 | 34 26 | -eniss2| 547 || esiai7 | 1h) || -930875 | 4b7 |  -Ooabas | 34 
a | ‘si100 | 5-47 || 881369) 7B) |) 9307381 | 437 | 069260 | 38 
23 | ‘sizes | 2 “esi261 | 3-89 || ‘onoser | 43% |  -069018 
29 | 812306 | 54 || -s61158 | 77 || -9381@43 | 4b, | .008057 | 81 
30 | 81244 | 3-47 || ‘esi046 | 1-45 og1499 | 4-27 | mae 

; 880938 9.981755 10.06 
32 | cstosio | 2-47 -psoss0 | 1-80 82010 S37 | 067090 | 28 
33 | -812088 | 9:45 || -8802| 1'go || -S82266 | 4g'o7 | -oera7e | 26 
Be) bist | 2-47 || “Syms | 1-80 || caorme | 42% | “ooreae | 25 35 | sige | 3°40 || 880505 | I'm) || -282778 | 435 | .O8rzR2 | 2 

ee | “eis | 2-47 || ‘esos | 2-82 || “oasano | 4-27 | ‘ooerit | 28 a Re 983545 | 4° 066455 | 22 38 | 1813725 | $45 || ‘880180 | 3-4) || -938545 | 495 e645 | 28 

40 | “814019 a “879008 re “934056 4.27 | 1065944 | 20 
. ~~ | 10.065689 | 19 41 | 9.814166 | 9 45 | 9.879855 | 3 go || 9.934811) 4 a | 10.065080 | 18 

42 814313 2 45 | 8797 1 82 | ce ‘ 4.25 065178 17 

S| mum) 3% | soe is | tee te | wus) e Tse ll, see 1.82 “ganas. | 4: 064667 | 15 
46 | 1814900 | 2° svgan | 1-82 || ‘oss | 4:95 | -064411 | 14 
a7 | ‘915046 | 3°48 || 879202 | 3°85 -aB5e4 | Joy | -OSdinS | 18 
48 | 815193 | 3°43 79093 | 1-8) || 936100 | 4°55 |  -063000 | 12 
49 | 1815339 | 3° graoea | 1-82 || 936355 | 4'b7 | 063685 | 14 
50 | “815485 | 3:43 7ee75 | 1-82 || ‘936611 | 4:55 | -0683 

RT ; 10.063134 | 9 BI | 9.815632 | 9 43 || 9.878766) 1 93 || 9.086865 | 4.05 | “062879 | 8 
53 | sis924 | 2-43 || ‘ere5a7 | 1-B3 || -937877 | abs 6262s | 7 
54 816069 2.43 878438 133 pibied 4. 062113 | 5B 

2 | Steaor | 2-43 || cereoto | 1-82 || ‘oasiae | 432 | -oo1ss8 | 4 
Bi | -sieooe | Sao || Sm | ies || Sass | 425 | coos | 2 BO) ees | 42a a” LB 51), ep 4.25 | “ogiog2 | 1 

7 y Y 938908 9 

oy’ | ocsieuas | 2-22 o'gvnso | 1-83 || o’gsgi63 | 4-25 | 10:060887 o 

180°Cosine. | D.1". || Sine. | D.1°. || Cotang.|D.1". | Tang. [49° 
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27. Logarithmic Sines, 

| 
Cotang. 138° Z oo Tang. 

9.816943 9.939163 
817088 
817233 
817379 
«817524 
817668 
-817813 
-817958 
-818103 
818247 
-818392 

9.818536 
-818681 
- 818825 
818969 
-819113 
-819257 
819401 
819545 
-819689 
819832 

9.819976 
820120 

aaeaeere 

876678 

9.876568 
-876457 
876347 
876236 
876125 
-876014 
-875904 
875793 
875682 
875571 

9.875459 
875348 

RRS RRRRBRRRSR SRSRVSLRSAS 
looker 
g 

RRE 

951896 
9.952150 
952405 
952659 
952913 
953167 
- 953421 
-953675 
953929 
954183 

9.954437 

Sine. . 1", || Cotang. 

SRBELBENSY LURBRSSRLY VERGRRBUNY SURBKRRRTR RSRERRSERTS 
9.872095 
871981 
871868 
871755 
871641 
871528 
871414 
871301 
871187 

9.871073 
WWWWNWWVWM WHWNVVVNYNVWNY WVVNVVNNVWNWY WWNWVWNWVWNWY WMWWMWVNVWNMIW WWNMUNV WNW $2 92 9 G2 2 G2 Ge Ge go Ge 90 ce bo Ge cg en te eg te MER RR SERREESEES SRSSESSSSS SNSHSNSENEES DOR BOR BR ROR Be laolcanluniaal-anl-aacaian-a (aallaaedl andl andsandsaniamianamlaad  sallsaedl eal saedlsaelaelsaelanl aaa HA HB HH alae Wi Vwwwise | | 

181° Cosine. 5 
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0’| 9.825511 
tis etel | Se. ||| 
2| ‘ees7o1 | 3-33 || 
3| ‘eesosi | 3:83 | 
4| "82607 3S I 
5} ‘e2ez11| 2-33 
6 | ‘e26a1 | 3:33 
7| ‘se6s01 | 3-33 || 
8| ses6si | 2-33 | 
9| -s2670| 32 || 

| | 
12 | - |927189 oer | 
53 -827 ira || 

14| ‘827467 | 3-22 | 
15 | ‘827606 | 3-22 | 
16| .827745 atl 
7| ‘eersea| 2-82 || 

18 | 1828028 | 3-32 
19| ‘e2si62| $32 |) 
| 20} 828801 | 3°39 

| So | *-Soesrs | 2-32 | 
123 | ‘eesris | 3-20 || 
| 24| ‘e2es55 | 3-82 | 
| 25 | ‘seao03 | 3-30 | 
| 26 | 829131 | 5°39 
2 | ‘ez0260 | 3-39 
28 | ‘szo407 | 3-30 
29 | ‘920545 | 3-30 

Et ioeect | 
32 | ‘e29050 | 3-30 ST oreaeey | SOE | 
31 | ‘30234 | 2-28 | 
35 | 830872 | 2-39 | 
36 | ,.830509 998 | 
az | “1930646 | 3-23 | 
38 | 1920784 | 3:39 
39 | ‘e30021 | 3:28 

acer 5 | 

42| 931832 | 3-28 
43 | 1831469 | 3:28 
44 | 1831606 | 3:28 
45 | ‘931742 | 3:22 
46 | 1931879 | 2-28 
47 | ‘e325 | 3-24 
48 | ‘932152 | 3-38 
49 | 1932288 | 3-27 

=, ae ad 
52 | .g32607 | 3:3" || 
58 | 1932833 | 3-37 
54 | “932069 | 3-32 
55 | 1833105 | 3:37 
56 | ‘833241 | 3-2? 
By] _sesary | 2-3 
58 | 1833512 | 3-3 
59 | 1933648 | 3:3" 
60’| 9.833783 | 

S Ke | 132° Cosine. 
Se | Se ee 

| $.871073 

“867631 
9.867515 

- 867399 

o Ke 

BESSSSES SSSesssssssZ 
-92 

a a ta a cc cl lll ln cd ec wee el el ede al ec eo el ee aa a oe ol oe ee el ol ol ol ole 

> 3 3 ew 

"956977 
9.957231 

- 957485 

-959516 

9.959769 
- 960023 
- 960277 
- 960530 
-960784 
. 961038 
- 961292 
- 961545 
- 961799 
- 962052 

9.962306 
"962560 
(962813 
"963067 
1963320 
1963574 
963828 
1964081 
964335 
1964588 

| 9.964842 
- 965095 
-965349 
- 965602 
965855 
- 966109 
- 966362 
- 966616 
966869 
967128 

9.967376 
. 967629 

9. 969656 

Cotangr. 

Dai. 

ASP PSAALA POLARAD EAD PAPEEPAARE PRPDPAAD EE PEER RAR AAS PSE mR Or VSBBERRNY VYSRRRBNY SSSENRRBSBY SERERRBBBYS RSSSSVRRSS SRSRSBRBBRB 
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ai 

Cotang. 137° 

10.045563 
045309 

10.037694 
-037440 
-037187 
036933 
-036680 
036426 
036172 
035919 
-035665 
035412 

10.085158 
-034905 

10. 032624 

or for) 

AICO 

> 
SCOMNvwron 

[T° 
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27. Logarithmic Sines, 

I 

43° Sine. | D. 1” Cosine. | D. 1’. Tang. | D.1". | Cotang. 136° 

| | | 
0’| 9.8337 9.864127 | 9.969656 10.030344 | 60! 
1| -s330i9 | 2:2 || “‘seso10 | 4-85 || ‘969900 | 9°35 | 030001 | 59 
2| .834054 | $"ox -863892 | j"97, || 970162 | 7°93 029838 | 58 
3| 834189 | $*o7 868774 | j7g7 || -970416 | 4°59 .029584 | 57 
4| .8343: 9 os -863656 | 497 || -970669 | 4°55 .029331 | 56 
5 | .884460 | 5°52 -863538 | j79g || -970922 | 4°55 029078 | 55 
6 | .884595.| 9's 863419 | "97 || -971175 | 4°53 -028825 | 54 
7 | .834730 | 95x .863301 1.97 .971429 | 4°59 028571 | 53 
8 | .834865 | 9°53 .863183 | 5 "99 -971682 | 4°55 .028318 52 
9| .834999 | 9°55 -863064 | "92 -971935 | 4°55 -028065 51 

10 | .835134 | 9°55 862046 | 3 "gg 972188 | 4°55 027812 , 50 
11 | 9.835269 9.862827 9.972441 10.027559 | 49 
12 | 935403 | 2-23 || ‘sez709 | 1-22 || “‘oveeos | 4:23 | ‘027205 | 48 | 
13 | .835538 | 9°53 862590 | 5 "og 972948 | 7°55 .027052 | 47 
14| .835672 | 9°55 862471 | 49> .973201 | 4°59 .026799 | 46 
15 | 835807 | 5°53 862353 | 5°99 973454 | 7°55 026546 45 
16 | .835941 | 9'53 862234 | "og 973707 | 4°55 .026293 | 44 
7 | .836075 | S53 862115 | j"og ||  -978960 | 4°55 -026040 | 43 

18 | .836209 | 9°53 861996 | 5"98 974213 | 4°55 .025787 42 
TE se 9°93 861877 | 3798 || -974: 43 .025534 41 
20 | .836477 | 5°53 861758 | 5° 9747 4.2 .025280 | 40 
91 | 9.836611 | 9 93 || 9-861638 | 5 og || 9.974973 | 4 99 | 10.025027 | 39 
22 | .836745 | 599 -861519 | "98 975226 | 4°55 .024774 | 38 
23 | .836878 | 5°93 .861400 | 5°99 975479 | 4°59 .024521 | 37 
24 | .887012 | 5793 -861280 | Jog 9757 4.29 .024268 | 36 
25| .887146 | 3°55 -861161 | 9°99 || -975985 | 4°55 .024015 | 35 
26 | .887279 | 5°59 -861041 | Figg || -976288 | 4°55 .023762 | 84 
27 | .887412 | $55 -860922 | 3°99 976491 | 4°55 .023509 | 38 
28 | .887546 | S59 -860802 | $7o9 || 976744 | 4°55 .023256 | 32 
29 | .887679 | 9°59 -860682 | $ "99 976997 | 4"55 .023003 | 31 
80 | .887812 | 5°55 -860562 | 5°99 977250 | 499 .022750 | 30 
81 | 9.887945 | 9 99 || 9-860442 | 9 gg || 9.977503 | 4 o9 | 10.022497 | 29 
82 | .838078 | 5°59 860822 | 5 99 97756 | 4°55 .022244 | 28 
33 | .838211 | 5°59 -860202 | 5'o9 -978009 | 4°55 .021991 | 27 
34 | .888344 | 5755 860082 | 3 op -978262 | 7°59 .021738 | 26 
35 | .838477 | 3°59 859962 | $*o9 -978515 | 4°55 021485 | 25 
36 | .888610 | 5°59 859842 | Soo 978768 | 4°55 .021232 | 24 
87 | .888742 | $'9 859721 | S99 -979021 | 4°55 .020979 | 23 
88 | .838875 | 5°59 859601 | $*o5 979274 | 4°55 .020726 | 22 
39 | .830007 | 5'59 859480 | $°o9 979527 | 4°55 .020473 | 21 
40 | .839140 | 9°59 859360 | 5 "oo -979780 | 4°55 -020220 , 20 
41 | 9.839272 | 9 99 || 9.859239 | 4 og || 9.980033 | 4 o5 | 10.019967 | 19 
42 | 839404 | 9°59 -859119 | $ "o> -980286 | 4°55 .019714 | 18 
43 | .839536 | 5°59 -858998 | $795 -980538 | 4°55 019462 | 17 
44 | .839668 | 9'59 858877 | 595 -980791 | 4°55 019209 | 16 
45 | 839800 | 9°59 8587 3:02 981044 | 4°55 018956 | 15 
46 | .839932 | 55 -858635 | 5 "95 981297 | 4°55 018703 14 
47 9°90 858514 | 5°95 981550 | 4°55 018450 | 13 
48 | .840196 | 5°59 858393 | 5°95 981803 | 4°55 018197 | 12 
49 | .840328| 5'J8 858272 | 9°95 982056 | 4"So 017944 | 11 
50 | .840459 | 5°29 858151 | $ "93 982309 | 4°55 .017691 | 10 
51 | 9.840591 | 9 4g || 9.858029 | 9 gg |} 9.982562 | 4 99 | 10.017438 | 9 
52 | .840722 | 599 857908 | 5°93 982814 | 4°50 017186 | 8 
53 | .840854 | 5 "3g 857786 | 599 -983067 | 4"S5 .016933 | 7 
54 | 840985 | S"y9 857665 | $"o3 983320 | 4°59 .016680 | 6 
55 | .841116 | $748 857543 | 5p -983573 | 4°55 .016427 | 5 
56 | 841247 | O48 857422 | 5 °o9 983826 | 4°55 016174 | 4 
57 | .841378 | 9°48 857300 | $93 984079 | 4°55 .015921 | 3 
58 | .841509 | 5748 857178 | "93 984332 | 4°50 .015668 | 2 
59] .841640 | 5°78 857056 | 5°93 984584 | 4°55 015416 1 
60’| 9.841771 : 9.856934 | ~: 9.984837 : 10.015163 | 0/ 

133° Cosine. | D.1°. || Sine. | D. 1" Cotang. | D. 1" Tang. (46° 



44° Sine. 

| 9.841771 
1 | .841902 
2| .842033 
3 | .842163 
4| .842294 
5 | .842424 | 
6 | .842555 
7 | .842685 
8 | ..842815 
9 | .842946 

10) .84307 

11 | 9.843206 
12) .843336 
13 | .843466 
14 | .843595 
15 | .843725 
16 | .84385 
17 | .843984 
18 | .844114 
19 | .844243 
20 | .844372 

21 | 9.844502 
22 .844631 
23| .8447 
24 | .844889 
25 | .845018 
26 | .845147 
27 | .845276 
28 | .845405 
29 | .845533 
30 | .845662 

31 | 9.8457 
32 | .845919 
33 | .846047 
34| .846175 
35 | .846304 
36 | .846432 
37 | .846560 
38 | .846688 
39 | .846816 
40 | .846944 
41 | 9.847071 
42 | .847199 
43 | .847327 
44| .847454 
45 | .847582 
46 | .847709 
47 | .847836 
48 | .847964 
49 | .848091 
50 | .848218 

51 | 9.848345 
52 | .84847: 
58 | .848599 
54 | .848726 
55 | .848852 
56 | .848979 
57 | .849106 
58 | .849232 
59 | .849359 
60’| 9.849485 

D1" 134° Cosine. 

Logarithmic Functions 

Cosines, Tangents, and Cotangents 

DF. 

Fk td pak fed ak ek Rk NINIDINW-20-2 0 

Pek ee et et ee et et ek ek ek et et et 

WI NNO MNYNNVNYNNY WNYNVNYNNVNNWNY WNVVWWVNYNWNVNN WHOVVWNVVVWVY VWNMVWNWVWNY 
DW WW NWWNWKHWWWWH WWWWWHWOTW WOT & OTW OLOTOLOTONOLOT 2 OVO? OF 22 OT : 

Cosine. 

9.853118 
852994 

Dai. 

| | 

SS AR Sp Sug NDR ny Nubia arian a AgAAL ond need Cees lee dbbebe  chigietia eden aad Wels babs Nabe od SYSSSSSES SRESFSSESEZ SEZLSLSLEFY VSLSQLQRSF QKAKKRKKRR GSRSRERESES 

o = 

Tang. 

“987112 
1987365 

9.987618 

“997221 

Dik 

A.A A AAA RA A ARR AAA ARR AAA RAR RRR RRP RRR RAR RRR RR RR NSNBSRRSL POVORRNSNR BPPRENSENY BRRBRRSUL SRVVSERLSS PRSNESRSBLB 

u 

1 

Cotang. 135° 

10.015163 
-014910 

* 10.012382 
-012129 
-011877 
.011624 
-011371 
-011118 
-010866 
-010613 
.010360 
.010107 

‘219 
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0° 

Natural Trigonometric Functions 

28. 
bad 2° 

Natural Sines and Cosines 

Sine |Cosin 

"99994 
99993 

.99993 
99993 
99992 
99992 
99991 
99991 
99991 
.99990: 
.99990 
99989 

99989 
99989 
-99988 
99988 
99987 
99987 
99986 
-99986 
99985 
99985 

tal. “BO 
Cosin' Sine 

3} | 02356). 

Sine |Cosin 

-01745).99 
.01774|. 
-01803}. 
01832}. 
01862}. 
-01891}. 
01920}. 
01949}. 
.01978). 
.02007).9 
02036). 

02385} . 
-02414].¢ 
02443} .9 
02472). 
92501). 
02530} .9¢ 
02560} . 
02589}. 
.02618}. 

02647). 
02676) .9¢ 
02705). 
02734}. 
02763}. 
02792] . 
02821}. 
.02850). 
02879] .99 
02902). 

.02938} .9¢ 

.02967}. 
02996}. 
03025}. 
03054}. 
03083}. 
03112). 
03141). 
.03170). 
03199} . 

.03228 

.03257 
03286 
03316 
03345 
.03374 
03403 
.03432 
03461 
03490 

99940 
-99939 

Cosin | Sine 

-99948)|. 
.99947]|. 
-99946]|. 
99945) 
999441). 
99943} | 
99942) |. 
99941)|. 

Sine jCosin 

oO w > wo we 

3} | 05263} . 

Sine |Cosin 

-05234| .9S 

05292). 
05321). 
-05350). 
-05379) .' 
-05408). 

"99892 

|.99890 
99889 
-99888 
-99886 
99885 
-99883 
-99882 

-99879 
-99878 

-99876 
99875 
-99873 
99872 
-99870) 
-99869 
99867 
-99866 
99864 
99863 

05205 
05234 

i} . . 

Cosin | Sine 

-99881}| .0 

"06395).95 
06424) - 
06453}. 
06482] .9¢ 
06511) . 
06540) 
06569} .£ 
-06598| . 
627]. 

06656}. 
.06685} . 

-06714). 
06743}. 
06773}. 
-06802). 
-06831). 
-06860}. 
66889] .9¢ 
06918}. 
06947}. 
.06976}. 

Cosin | Sine 

Sine |Cosin 

‘08107 |. 
08136]. 

5\| 508281]. 

-08165} 
08194}. 
08223}. 
.08252| 

08310} . 
-08339} . 
08368} . 
08397). 
08426} . 

.08455} 
08484) 
-08513}.99637 
08542) .99635 
.08571|.99632 
.08600).99630 
.08629|.99627 
-08658|.99625 
08687} .99622 
-08716].99619 

Cosin | Sine 

88° 87° 86° 85° 



Natural Trigonometric Functions 221 

28. Natural Sines and Cosines 

6° 9° 
Sine |Cosin |) Sine |Cosi i in || Sine |Cosin 

10453}. 12187}. -99 .15643|.98769 

112476): 
12504]. 

.99186)!. 

.99182)|. 

.99178]|. 

.99175}|. 
99171}. 
-99167]|. 
-99163)|. 
-99160}|. 
99156)". 
-99152]|. 
-99148]|. 
.99144)|. 

.99141)|. 
-99137||. 
-99133}|. 
-99129]|. 
-99125)|. 
99122)|. 
-99118]!. 
-99114||. 
-99110}|. 
-99106)|. 

-99102/|. 
99098) |. 
-99094}|. 
.99091)|. 
.99087]|. 
-99083}|. 
.99079)|. 
.99075)|. 
-99071]|. 
.99067]|. 

-10192| .9¢ 2 : a -99063)|. 
» }.10221). 
10250). 
-19279) .99 
. 10308} .§ 
.10337]. 
-10366}.$ 
10395). 
10424) . : é t ‘ 
10453} . : .99255]| 13917]. 

, |Cosin| Sine ||Cosin | Sine |/Cosin | Sine Cosin | Si Cosin| Sine} » 

84° 83° 82° 81° 80° 

SHrNOPAIMWNIWD 
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28. Natural Sines and Cosines 

aa? 5 13° 

Sine |Cosin || Sine |Cosin || Sine |Cosin || Sine |Cosin 

.19081}.98163}|.20791|.97815||.22495].97437|| .24192].97030| 60 
"17395].98476||.19109| .98157||.20820|.97809| | .22523] .97430}| .24220).97023) 59 

"17422].98471||.19138| .98152||.20848].97803||.22552|.97424|| .24249).97015) 58 
17451] 98466]. : 97417 : 
17479) .98461/|. 

10° 

Sine |Cosin 

17365} .98481 

J Bowumemenmno| - 

3 BE 

or oO (e2) oO io“) rs or Oo 

"17651| 98430||.19366| .98107||.21076|.97754|| .22778| .97371|| 24474] 96959] 50 
11 |.17680].98425]|.19395}.98101)|.21104|.97748]| .22807| .97365]| .24503] .96952| 49 
12 |.17708] .98420)|.19423] .98096)|.21132).97742)| .22835) .97358}|.24531|.96945| 48 
13 |.17737|.98414||.19452| .98090}|.21161|.97735)| .22863) .97351||.24559|.96937| 47 
14 |.17766].98409]|.19481] .98084/|.21189].97729] | .22892) .97345)|.24587| 96930] 46 
15 |.17794|.98404||.19509].98079)|.21218|.97723)| .22920) .97338]|.24615).96923) 45 
16 |.17823|.98399]||.19538] .98073)|.21246].97717]|| .22948) .97331||.24644|.96916| 44 
17 |.17852|.98394||.19566) .98067||.21275|.97711|| .22977) .97325]|.24672).96909| 43 
18 |.17880] .98389]|.19595].98061)|.21303].97705)| .23005) .97318]|.24700].96902| 42 
19 }.17909| .98383}|.19623}.98056]|.21331|.97698}| .23033] .97311)|.24728) 96894) 41 
20 |.17937|.98378||.19652] 98050} | .21360].97692)| .23062).97304)|.24756|.96887| 40 

21 |.17966] .98373}|.19680}| .98044/|.21388! 97686) | .23090} 97298] |.24784).96880) 39 
22 |.17995] .98368]|.19709} .98039]|.21417|.97680)| 23118) .97291]|.24813).96873) 38 
23 |.18023] .98362]|.19737| .98033||.21445|.97673)| .23146|.97284||.24841|.96866) 37 
24 |.18052| .98357||.19766] .98027]|.21474|.97667)| .23175] .97278|| .24869].96858) 36 
25 |.18081) .98352)|.19794|.98021||.21502|.97661)| .23203) .97271)|.24897|.96851] 35 
26 |.18109} .98347| |.19823] .98016]| .21530) .97655]| .23231|.97264||.24925).96844| 34 
27 |.18138} .98341)|.19851) .98010)| .21559] .97648]| .23260| .97257||.24954).96837| 33 
28 |.18166] .98336}).19880} .98004||.21587|.97642]| .23288] .97251]|.24982|.96829| 32 
29 |.18195].98331] |.19908}.97998}|.21616).97636]| .23316) .97244||.25010).96822] 31 
30 |.18224| .98325]|.19937] .97992}|.21644| .97630)| .23345|.97237||.25038].96815| 30 

31 |.18252} .98320}|.19965}.97987||.21672).97623]| .23373] .97230||.25066|.96807] 29 
32 |.18281}.98315]|.19994|.97981)|.21701|.97617]| .23401|.97223|| .25094).96800] 28 
33 |.18309| .98310]|.20022].97975)|.21729|.97611|| .23429] .97217|| .25122].96793) 27 
34 |.18338] .98304||.20051).97969]|.21758] .97604|| .23458].97210]/.25151|.96786| 26 
35 |.18367|.98299]|.20079|.97963!|.21786).97598|! .23486] .97203]|.25179|.96778] 25 
36 |.18395] .98294}|.20108].97958]|.21814).97592|| .23514].97196]|.25207|.96771) 24 
37 |.18424) .98288||.20136}.97952)|.21843].97585}| .23542).97189]||.25235].96764| 23 
38 |.18452| .98283]|.20165).97946]|.21871).97579]| .23571| 971821} .25263].96756] 22 
39 |.18481|.98277]|.20193].97940)|.21899|.975731| .23599] .97176)|.25291|.96749| 21 
40 |.18509].98272}| .20222).97934]|.21928).97566]| .23627| .97169]/.25320|.96742| 20 

41 |.18538] .98267]|.20250] .97928}|.21956).97560|| .23656] .97162||.25348].96734] 19 
42 |.18567].98261]|.20279).97922]|.21985|.97553]| .23684|.97155||.25376|.96727| 18 
43 |.18595|.98256]|.20307|.97916)|.22013/.97547)| .23712|.97148]|.25404|.96719] 17 
44 |.18624].98250}|.20336).97910)| .22041].97541)| .23740|.97141]|.25432|.96712] 16 
45 |.18652}.98245]}.20364| .97905)| .22070|.97534|| .23769].971341|.25460|.96705| 15 
46 |.18681}.98240||.20393] .97899]| .22098} .97528)| .23797|.97127|].25488] 96697] 14 
47 |.18710}.98234]|.20421) .97893]|.22126}.97521]| .23825].97120]].25516].96690| 13 
48 |.18738] .98229]|.20450) .97887||.22155].97515]| .23853] .97113]|.25545|.96682] 12 
49 |.18767|.98223}|.20478).97881)|.22183].97508|| .23882|.97106||.25573|.96675| 11 
50 |.18795] .98218]|.20507} 97875}! .22212).97502)| .23910}.97100||.25601|.96667| 10 

51 |.18824| .98212||.20535] 97869] .22240|.97496]| .23938] .97093]|.25629|.96660 
52 |.18852].98207||.20563].97863}| .22268].97489]| .23966] .97086||.25657|.96653 
53 |.18881].98201]|.20592].97857|| .22297].97483]| .23995|.97079||.25685].96645 
54 |.18910}.98196}|.20620).97851]|.22325].97476]| .24023] .97072)| .25713].96638 
55 |.18938].98190}|.20649] .97845]} .22353].97470]| .24051| .97065||.25741|.96630 
56 |.18967|.98185}|.20677| .97839]| .22382].97463|| .24079|.97058||.25769| .96623 
57 |.18995].98179}|.20706) .97833]| .22410).97457]||.24108] .97051]|.25798].96615 
58 |.19024].98174|].20734|.97827||.22438].97450]| .24136] .97044||.25826|.96608 
59 |.19052} .98168]|.20763].97821]|.22467).97444|| .24164|.97037]|.25854|.96600 
60 |.19081}.98163}|.20791].97815}|.22495].97437|| .24192|.97030]|.25882|.96593 

| Sicaseanenes aos 
» |Cosin] Sine ||Cosin | Sine ||Cosin | Sine |/Cosin | Sine be SAS ae LS LATIN Cosin | Sine 

79° 78° 75° 
: 



21250). 
27312). 
27340}. 
.27368}. 
-27396}. 
27424), 
27452! .9F 

Natural Trigonometric Functions 

28. Natural Sines and Cosines 

16° 
Sine |Cosin 

27480). 
27508} . 
-27536) . 
-27564|. 

Cosin | Sine 

-29209} .95639 
.29237| .95630) |. 

"29189 95647 

Cosin | Sine 

7° 
Sine |Cosin 

18° 
Sine |Cosin 

-30902 
-30929|. 
-30957 |. 
380985) . 
31012]. 
-31040) . 
-31068| . 
31095}. 
31123 
31151). 
81178). 

31206}. 
31233}. 
31261). 
31289]. 
31316). 
31344). 
31372). 
31399). 
31427). 
31454) 

31482 

131730] - 
31758). 
31786) . 
.81813} .$ 
-31841). 
.31868} . 
.31896} .¢ 
31923}. 
31951] 
31979) . 
32006} . 

32034} . 

32529). 
.32557| 94552 

Nieoain Sine 

-95106)| . 

19° 

Sine 

-94552 
94542 
94533 

nee 
-32859). 
-32887]. 
82914). 
32942). 
-32969} . 

"33381. 
-33408) 
33436}. 
83463} § 
.33490). 
83518}. 
33545) . 
83573} 
.33600) 
33627] . 
.33605) . 

-33682) 
33710} . 
-83737|. 
.33764| . 
33792}. 
-33819) . 
.33846) . 
33874 
33901). 
33929) | 

32956) 
.33983) | 
34011). 
34038) 
34065) . 
24093}. 
84120) 
34147]; 
34175}. 
-34202! . 

Cosin | Sine 

74° 73° Bits: 70° 
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224 Natural Trigonometric Functions 

28. Natural Sines and Cosines 

212 220 | 23° oly 
Sine |Cosin 

20° 

Sine |Cosin Sine |Cosin || Sine |Cosin || Sine |Cosin 

"35837].93358 |. 
-35864|.93348 |. 
"35891|.93337\|. 
.35918] .93327||. 
-385945|.93316)|. 
.35973|.93306} |. 
-36000} .93295) |. 
-36027|.93285) | . 
.36054|.93274)|. 
.36081].93264!|. 
.36108} 93253} | . 

.36135).93243) |. 
-36 162] 93232} |. 

93222} | . 

COND MAR WHO | y 

"36650! 
36677]. 

CM NWP OID ~IO0CO 
——| ——— } | ——__—| —__]_ 

Sine ||Cosin 



Sine 
25° 

Natural Trigonometric Functions 

28. Natural Sines and Cosines 

26° oy? 28° 
Cosin |} Sine ;Cosin |} Sine |Cosin || Sine ;Cosin 

29° 
Sine |Cosin 

-90631}}. -89879||.45399 -46947|.88295]| . 
90618 -89867||.45425 .46973].88281]|. 
90606 9} .89854)|.45451 -46999].88267]|. 
90594 -89841|!.45477]. .47024|.88254]|. 
90582 -89828)|.45503 .47050}.88240}|. 
90559 -89816}| .45529 .47076}.88226]|. 
90557 -89803)| 45554 .47101|.88213}|. 

: .47127|.88199}|. 
47153} .88185}|. 
47178) .88172]'. 
47204) .88158} |. 

47229) .88144]|. 
47255) .88130]| .45 
47281|.88117]|. 
47306] .88103}]| . 
47332) .88089]| . 
47358] .88075}|. 
47383] .88062]|. 
47409) .88048]|. 

: 4 47434|.88034]|. 
90383 -89623)|.45917 47460}.88020}|. 

90371 -89610)|.45942 47486|.88006]| . 
90358 -89597||.45968 47511|.87993]|. 
90346 -89584)|.45994 47537|.87979]|. 
90334 .89571)| .46020 47562|.87965]|. 
90321 -89558|| .46046 47588} .87951}|. 
90309 -89545|| .46072 47614|.87937]|. 
90296 -89532!|.46097 47639|.87923]| .4° 
90284 -89519}|.46123 47665!.87909]| . 
90271)|.44594! .89506)|.46149 47690] .87896] | .4° 
90259]|.44620].89493)|.46175 47716] 87882] |. 

90246} |.44646] .89480)|.46201 -47741| .87868]|. 
90233] | .44672|.89467||.46226 47767|.87854!|. 
90221||.44698].59454||.46252 47793] .87840]'. 
90208] |.44724| .89441||.46278 47818] .87826||. 
90196} | .44750].89428)|.46304 47844|.87812||. 
90183) |.44776] .89415)|.46330 47869] .87798]'. 
90171||.44802).89402||.46355 47895] 87784) |. 
90158} | .44328].89389||.46381 47920|.87770}|. 
90146]|.44854|.89376||.46407 47946] .87756)|. 
90133}|.44880}.89363)|.46433 47971|.87743}|. 

-90120}|.44906].89350)|.46458] .85 47997) .87729||. 
-90108}|.44932].89337||.46484 48022].87715]). 
-90095) | .44958}.89324|| .46510 48048].87701)|. 
-90082||.44984].89311)|.46536 48073] .87687]|. 
-90070 45010}.89298)|.46561 48099] .87673]|. 
90057 || 45036] .89285||.46587 48124) .87659]|. 
-90045/|.45062}.89272)|.46618 48150! .87645]|. 
-90022||.45088}.89259)|.46639 48175].87631||. 
-90019}|.45114].89245||.46664 48201|.87617|| .4! 
-90007 45140] .89232)|.46690 48226] .87603})) .4° 

89994!|.45166].89219|| .46716 48252] .87589}|.49773].86733 
89981]|.45192].89206)!.46742 48277] .87575||.49798].86719 

89968} | .45218].89193)|.46767 48303] .87561| | .49824|.86704 

89956} | .45243].89180)|.46793 48328] .87546] | .49849 86690 

89943]|.45269].89167||.46819 48354|.87532||.49874|.86675 

89930}|.45295|.89153)|.46844 48379] .87518] |.49899|.86661 

89918]|.45321|.89140)|.46870 48405! .87504||.49924|.86646 

.89905}|.45347] .89127||.46896 48430].87490]|.49950|.86632 

89892} |.45373].89114||.46921 48456] .87476||.49975|.86617 

.89879]|.45399].89101)|.46947 48481|.87462| | .50000).86603 

Sine ||Cosin| Sine ||Cosin| Sine |!Cosin | Sine ||Cosin | Sine 

63° 62° 61° 60° 

- | SCHNWRAMUIDO 
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28. Natural Sines and Cosines 

Natural Trigonometric Functions 

32° 
Sine |Cosin 

52992 cin : 

34° 

Sine |Cosin 

“50: zi 
"50829).86119]|. 
.50854].86104)}. 
.50879}.86089)] . 
.50904].860741|. 
.50929).86059}).52 
.50954].86045)|. 
.50979|.86030)}. 
.51004|.86015)|. 

51029 nee 3 
51054]. 
51079}. 
51104}. 
51129). 
51154). 
51179). 
51204). 
51229) .8¢ 
51254 

51279 
51304 
51329 
51354 
51379 
51404 
51429 

8 |.51454 
-51479 
51504 

"85866)|. 
.85851]|. 
85836) | .52 
85821)|.f 
.85806]|. 
-85792)|. 
85777]|. 
.85762]|. 
.85747]|. 
.85732]|. 
85717 

Cosin | Sine 

54171 184057 
-54195].84041 
.54220|.84025}]. 

54244] .84009 |]. 
.54269].83994 ||. 
54293] .83978 |. 
.54317|.83962 |. 
.54342].83946]|. 
"54366|.83920 ||. 
.54291).83915]|. 
54415] .83899 ||. 
54440) .83883 || .£ 
54464].83867 

Cosin | Sine 

59° 57 

Cosin | Si 

55° 



Natural Trigonometric Functions 227 

28. Natural Sines and Cosines 

SS eS ae 38° 39° 
Sine |Cosin |; Sine [Cosin’ Sine |Cosin || Sine |Cosin || Sine |Cosin 

57358} .81915]| 58779] .80902/|.60182|.79864||.61566] .78801/|.62932|.77715| 60 57381) .81899/|.58802|.80885||.60205].79846|| 161589] 78783||.62955|.77696) 59 57405} .81882/!.58826].80867|| 60228] :79829|| '¢1612!73755||.62977|.77678| 58 57429! 81865||. 50)|.60251].79811||.61635] 78747 "63000].77660] 57 57453] .81848)|.58873| .80833||.60274| 79793 ||.61653| 78729]! 63022177641] 56 
57477} 81832||. -60298|.79776|!:61681.78711]| 63045|.77623| 55 
57501] .81815 -60321.79758 ||'61704! 73694] | 63068] '77605| 54 
57524] 81798] | 58943] 80782}! 60344|-79741 ||.61726| :78676]|-63090| .77586| 53 
57548] .81782||. 80765||.60367| .79723| 61749] 78658||163113|.77568] 52 
57572|.81765|| 58990] .807 48)|.60390|.79706 ||:61772| '78640]].63135!.77550| 51 

10 |.57596| .81748)|.59014].80730]| 60414] 79688 || 61795] .78622]| -63158|.77531| 50 
} 11 |.57619).81731]|. -80713}| .60437}.79671/!.61818].78604]|.63180|.77513] 49 

12 |.57643].81714|| . -80696)| 60460} .79653]|.61841|.78586]|.63203!.77494] 48 
13 |.57667|.81698)|. -80679)| 60483] .79635||.61864}.78568}|.63225|.77476] 47 
14 |.57691|.81681)!. J -61887].78550||.63248].77458| 46 

-61909] .78532||.63271].77439) 45 
-61932|.78514}|.63293}.77421| 44 
-61955] .78496]|.63316].77402| 43 
61978] .78478}| .63338].77384| 42 
-62001].78460}|.63361].77366! 41 
62024} .78442|| 63383] .77347| 40 

-62046].78424|| .63406].77329| 39 
-62069) .78405}| 63428) .77310) 38 
-62092| .78387||.63451|.77292) 37 
-42115}.78369]|.63473].77273| 36 
-62138} .78351]|.63496].77255} 35 
-62160} .78333}| .63518].77236} 34 
62183} .78315|| 63540) .77218) 33 
-62206] .78297|| .63563].77199) 32 
.62229) ,78279||.63585}.77181} 31 
62251] .78261}| 63608} .77162) 30 

62274] .78243}| .63630|.77144] 29 
-62297| .78225]| 63653] .77125) 28 
62320} .78206|| 63675) .77107| 27 
-62342] .78188]| .63698].77083| 26 
.62365] .78170}| .63720).77070| 25 
62388] .78152|| .63742|.77051| 24 
-62411].78134|| 63765] .77033) 23 

A 7 : 62433) .78116)|.63787|.77014| 22 
-80230||.61084|.79176,| .62456].78093}| .63810].76996) 21 

OWNO Ce WNHO 

15 |.57715).81664||. 
16 |.57738).81647||.5 
17 |.57762|.81631)|. 
18 |.57786).81614||. 
19 |.57810).81597]|. 
20 |.57833) 81580} | .£ 

30 }-58070).81412||. 
31 |.58094|.81395)|. 
32 |.58118].81378}}. 
33 |.58141).81361]| . 
34 |.58165].81344]| . 
35 |.5$189].81327]|.5 
36 |.58212].82310)]. 
37 |.58236) .81293)| . 

} 33 |.58260).81276]|.£ 
39 |.58283].81259]). 

} 40 |.58307].81242}|. 

41 |.58330).81225)). 
~ | 42 |.58354].81208)| .5¢ 

| 43 |.58378].81191)|.£ 
44 |.58401].81174]| .5¢ 
45 |.58425).31157]|. 
46 |.58449] .81140]| 
47 |.58472|.81123}|.5¢ 

| 48 }.58496].81106}] 5: 
49 |.58519}.81089]]. 
50 |.58543).81072)|. 

{ 51 |.58567].81055)). 
52 |.58590] .81038}] ./ 
53 |.58614].81021]|, 

| 54 |.58637).81004]|. 
55 |.58661).80987)], 

| 56 |.58684].S0970)|. 
57 |.58708] .80953}| . 
58 |.58731] .80936}}. 
59 |.58755] .80919]]. 
60 |.58779] .80902)|. 

62479} .78079)| 63832] .76977| 20 

.62502|.78061)| .63854].76959| 19 
-62524| .78043}| .63877|.76940) 18 
62547] .78025}| 63899] .76921| 17 
62570) .78007|| 63922) .76903) 16 
62592] .77988]| .63944|.76884| 15 
.§2615].77970}|.63966}.76866| 14 
.62638] .77952}| 63989] .76847| 13 
62660) .77934||.64011|.76828| 12 
62683] .77916}| 64033} .76810} 11 
.62706|.77897|| .64056].76791) 10 

.62728] .77879} | 64078] .76772 

.62751].77861|| .64100) .76754 

.62774| .77843]| 64123] .76735 
-62796].77824||.64145}.76717 
.62819].77806}| .64167|.76698 
.62842].77788|| 64190] .76679 
62864] .77769]| .64212|.76661 
-62887].77751|| 64224 .76642 
-§2909] .77733} | .64256) .76623 
.62932).77715}| .64279] .76604 

Cosin | Sine |/Cosin | Sine 

60° 

a .. 
"79864||61566|.78801 

: , |Cosin | Sine ||Cosin Sine ||Cosin | Sine 

54° 52° 53° 61° 



228 Natural ‘lrigonometric Functions 

28. Natural Sines and Cosines 
NE 

Ao?) maa gee) ee eee 
Sine |Cosin || Sine |Cosin || Sine [Cosin || Sine |Cosin || Sine |Cosin 

.75471||.66913) .74314 || . .69466) .71934 

.75452||.66935).74295||. .69487|.71914 

.75433} | .66956!.74275)|. .69508) .71894 

.75414|| 66978] .74256) |. 69529] .71873 

.75395|| 66999] .74237 ||. .69549| .71853 

.75275||.67021|.74217)|. .69570|.71833 
-75256| |.67043].74198)||.6 -69591|.71813 
.75337||.67064|.74178)|. .69612).71792 
.75318||.57086|.74159]|. .69633) .71772 
.75299||.67107|.74139)|. .§9654|.71752 
-75280||.67129|.74120)| . .69675) .71732 

-75261||.67151| .74100)| 
-75241]|.67172|.74080)|. 
-75222||.67194).74061)). 
-7523}|.67215) .74041)). 
-75184)| 67237] .74022| |. 
-75165}|.67258| .74002/|. 
-75146||.67280) .73983}|. 
-75126]|.67301|.73963}|. 
-75107||.67323].73944||. 
-75088]|.67344| .73924)| . 

-75069}|. 

WNBA WNeHO | 

°70505). 
-70525].70896 
-70546] .70875 
-70567].70858 
-70587).70834 
-70608} .70813 
-70628} .70793 
70649) .70772 
-70670) .70752 
70690} .70731 
T0711). 

Cosin | Sine 

45° 

"68200|.73135|| 6% 

Cosin | Sine 

S72 



Natural Trigonometric Functions 229 

29. Natural Tangents and Cotangents 

0° i ae 3o 
Tang | Cotang || Tang | Cotang || Tang | Cotang || Tang | Cotang 

.00000 |Infinite.|| .01746 | 57.2900 || .03492 | 28.6363 || .05241| 19.0811 | 60 
-00629 | 3437.75 || 01775 | 56.3506 || .03521 | 28.3994 || .05270 | 18.9755 | 59 
-00058 | 1718.87 || .01804 | 55.4415 || .03550 | 28.1664 |} .05299 | 18.8711 | 58 

0 

2 
3 | .00087 | 1145.92 |} .01833 | 54.5613 || .03579 | 27.9372 || .05328 | 18.7678 | 57 
4 | .00116 | 859.436 || .01862 | 53.7086 || .03609 | 27.7117 || .05357 | 18.6656 | 56 
5 | .00145 | 687.549 || .01891 | 52.8821 || .03638 | 27.4899 || .05387 | 18.5645 | 55 
6 | .00175 | 572.957 || .01920 | 52.0807 || .03667 | 27.2715 || .05416 | 18.4645 | 54 
7 | .00204 ; 491.106 || .01949 | 51.3032 || .03696 | 27.0566 || .05445 | 18.3655 | 53 
8 | .00233 | 429.718 || .01978 | 50.5485 || .03725 | 26.8450 || .05474 | 18.2677 | 52 
9 | .00262 | 381.971 || 02007 | 49.8157 || .03754 | 26.6367 || .05503 | 18.1708 | 51 

00291 | 343.774 || .02036 | 49.1039 || .03783 | 26.4816 |} .05533 | 18.0750 | 50 

-00320 | 312.521 || .02066 | 48.4121 || .03812 | 26.2296 |) .05562| 17.9802 | 49 
-90349 | 286.478 || .02095 | 47.7395 || .03842 | 26.0307 || .05591 | 17.8863 | 48 
-00378 | 264.441 || .02124 | 47.0853 || .03871 | 25.8348 || .05620| 17.7934 | 47 
-00407 | 245.552 || .02153 | 46.4489 || .03900 | 25.6418 |; .05649| 17.7015 | 46 
-00436 | 229.182 |} .02152 | 45.8294 || .0392¢ | 25.4517 || .05678 | 17.6106 | 45 
-00465 | 214.858 || .02211 | 45.2261 || .03958 | 25.2644 || .05708 | 17.5205 | 44 

202.219 || .02240 | 44.6386 || .03987 | 25.0798 || .05737 | 17.4314 | 43 
: 190.984 || .02269 | 44.0661 || .04916 | 24.8978 || .05766 | 17.3432 | 42 
-00553 | 180.932 || .02298 | 43.5081 || .04046 | 24.7185 || .05795 | 17.2558 | 41 
00582 | 171.885 |} .02328 | 42.9641 || .04075 | 24.5418 || .05824 | 17.1693 | 40 

-00611 | 163.700 || .02357 | 42.4335 || .04104 | 24.3675 || .05854 | 17.0837 | 39 
-00640 | 156.259 || .02386 | 41.9158 || .04133 | 24.1957 || .05883| 16.9990 | 38 
-00669 | 149.465 || .02415 | 41.4106 || .04162 | 24.0263 || .05912) 16.9150 | 37 
-00698 | 143.237 || .02444 | 40.9174 || .04191 | 23.8593 || .05941 | 16.8319 | 36 
-00727 | 137.507 || .02473 | 40.4358 || .04220 | 23.6945 || .05970| 16.7496 | 35 
00756 | 132.219 || .02502 | 39.9655 || .04250| 23.5321 || .05999 | 16.6681 | 34 
00785 | 127.321 || .02531 | 39.5059 || .04279 | 23.3718 || .06029 | 16.5874 | 33 
00815 | 122.774 || .02560 | 39.0568 || .04308 | 23.2137 || .06058 | 16.6075 | 32 
-00844 | 118.540 || .02589 | 38.6177 || .04337 | 23.0577 |] .06037 | 16.4283 | 31 
00873 | 114.589 || .02619 | 38.1885 || .04366 | 22.9038 || .06116| 16.3499 | 30 

00902 | 110.892 || .02648 | 37.7686 || .04395 | 22.7519 || .06145 | 16.2722 | 29 
00931 | 107 426\|| .02677 | 37.3579 || .04424 | 22.6020 || .06175 | 16.1952 | 28 

104.171 || .02706 | 36.9560 || .04454 | 22.4541 || .06204 | 16.1190 | 2 
101.107 || .02735 | 36.5627 || .04483 | 22.3081 || .06233 | 16.0435 | 26 
98.2179 || .02764| 36.1776 || .04512 | 22.1640 || .06262| 15.9687 | 25 
95.4295 || .02793 | 35.8006 || .04541 | 22.0217 || .06291 | 15.8945 | 24 
92.9085 || .02822 | 35.4313 || .04570| 21.8813 || .06321] 15.8211 | 23 
90.4633 || .02851 | 35.0695 || .04599 | 21.7426 || .06350| 15.7483 | 22 
83.1486 |} .02881 | 34.7151 || .04628 | 21.6056 |) .06279 | 15.6762 | 21 
85.9398 || .02910 | 34.3678 || .04658 | 21.4704 |} .06408 | 15.6048 | 20 01164 

01193 | 83.8435 |] .02939 | 34.0273 || .04687 | 21.3362 || .06437 | 15.5340 | 19 
01222 | 81.8470 || .02968 | 33.6935 |! .04716 | 21.2049 || .06467 | 15.4638 
01251 | 79.9434 || .02997 | 33.3662 || .04745]| 21.0747 || .06496 | 15.3943 
.01280 | 78.1263 || .03026 | 33.0452 || .04774 | 20.9460 || .06525 | 15.3254 
01309 | 76.3900 |! .03055 | 32.7303 |! .04803 | 20.8188 |} .06554 | 15.2571 
01338 | 74.7292 || .03084 | 32.4212 || .04833 | 20.6932 |} 06584 | 15.1893 
01367 | 73.1390 || 03114} 32.1181 |} .04862| 20.5691 |] .06613| 15.1222 
01396 | 71.6151 || .03143 | 31.8205 || .04891 | 20.4465 || .06642 | 15.0557 
.01425 | 70.1533 || .03172 | 31.5284 || .04920| 20.3253 || .06671 | 14.9898 
.01455 | 68.7501 |} .02201 | 31.2416 || .04949 | 20.2056 || .06700} 14.9244 

.01484 | 67.4019 || .03230} 30.9599 || .04978 | 20.0872 || .06730| 14.8596 

.01513 | 66.1055 || .03259 | 30.6833 || .05007 | 19.9702 || .06759 | 14.7954 

.01542 | 64.8530 || .03288 | 30.4116 || .05037 | 19.8546 || .06788 | 14.7317 

.01571| 63.6567 || .03317 | 30.1446 || .0506G | 19.7403 || .06817 | 14.6685 

.01600 | 62.4992 |] .03346 | 29.8823 || .05095 | 19.6273 |) .06847 | 14.6059 
01629 | 61.3829 || .03376 | 29.6245 || .05124| 19.5156 || .06876 ; 14.5438 
01658 | 60.8058 || .03405 | 29.3711 || 05153 |.19.4051 || .06905 | 14.4823 
01687 | 59.2659 || .03434 | 29.1220 || .05182| 19.2959 || .06934 | 14.4212 
01716 | 58.2612 || .03463 | 28.8771 || 05212! 19.1879 || .06963 | 14.3607 

RRR 

57.2900 || .03492 | 28.6363 || .05241| 19.0811 |} .06993 | 14.3007 

~ Cotang] Tang |/Cotang! Tang ||Cotang| Tang ||Cotang Tang 

s9° 88° 87° ina 



230 Natural Trigonometric Functions 

29. Natural Tangents and Cotangents 

6° 
Cotang || Tang | Cotang 

Ae 

Cotang Cotang 

14.3007 || .08749 | 11.4201 |} .10510 | 9.51436 8.14435 | 60 

14.2411 || .08778 | 11.3919 || .10540 | 9.48781 8.12481 | 59 

14.1821 || .08807 | 11.3540 || .10569 | 9.46141 8.10536 | 58 

14.1235 |] .08837 | 11.3163 |} .10599 | 9.43515 8.08600 | 57 

14,0655 
14.0079 
13.9507 
13.8940 
13.8378 
13.7821 
13.7267 

13.6719 
13.6174 
13.5634 
13.5098 
13.4566 
13.4039 
13.3515 
13.2996 
13.2480 
13.1969 

13.1461 
13.0958 
13.0458 
12.9962 
12.9469 
12.8981 

11.2789 || .10628 | 9.40904 
11.2417 || .10657 | 9.38307 

8.06674 | 56 
8.04756 | 55 
8.02848 | 54 
8.00948 | 53 

. : 7.99058 | 52 

: 1077 7.97176 | 51 

11.0594 || .10805 9.25930 7.95302 | 50 

11.0237 || .10834 | 9.23016 7.93438 | 49 
10.9882 |} .10863 | 9.20516 
10.9529 || .10893 | 9.18028 
10.9178 || .10922 | 9.15554 
10.8829 || .10952 | 9.13093 
10.8483 || .10981 | 9.10646 
10.8139 |} .11011 | 9.08211 
10.7797 || .11040 | 9.05789 
10.7457 |} .11070 | 9.03379 
10.7119 || .11099 | 9.00983 

10.6783 || .11128 | 8.98598 
10.6450 || .11158 | 8.96227 
10.6118 || .11187 | 8.93867 
10.5789 || 11217} 8.91520 
10.5462’}) .11246 | 8.89185 
10.5136 || .11276 | 8.86862 

7.77035 | 40 

7.75254 | 39 
7.73480 | 38 
7.71715 | 37 
7.69957 | 36 
7.68208 | 35 
7.66466 | 34 

12.8496 |} .09541 | 10.4818 || .11305 | 8.84551 7.64732 | 33 
12.8014 || .09570| 10.4491 || .11335 | 8.82252 7.63005 | 32 
12.7536 || .09600 | 10.4172 || .11364| 8.79964 7.61287 | 31 
12.7062 || .09629 | 10.3854 || .11394 | 8.77689 7.59575 | 30 

12.6591 || .09558 | 10.3538 |} 11423 | 8.75425 7.57872 | 29 
12.6124 || .09688 | 10.3224 || .11452 | 8.73172 
12.5660 |} .09717 | 10.2918 }| 11482] 8.70921 

09746 | 10.2602 || .11511| 8.68701 
10.2294 || .11541 | 8.66482 
10.1988 || .11570] 8.64275 
10.1683 || .11600 | 8.62078 
10.1381 || .11629 | 8.59893 
10.1080 || .11659 | 8.57718 
10.0780 || .11688 | 8.55555 7.42871 | 20 

.09952 | 10.0483 |} .11718 | 8.53402 7.41240 

.09981 | 10.0187 || .11747 | 8.51259 7.39616 
10011 | 9.98931 || 11777 | 8.49128 7.37999 
10040 | 9.96007 |} .11806 | 8.47007 7.36389 
10069 | 9.93101 |] .11836 | 8.44896 || .13009 | 7.34786 
10099 | 9.90211 || .11865 | 8.42795 |] .13689 | 7.23190 
10128 | 9.87338 || .11895 | 8.40705 || .13669 | 7.381600 
10158 | 9.84482 |} .11924 | 8.38625 |} .18698 | 7.30018 
10187 | 9.81641 |} .11954 | 8.36555 || .18728 | 7.28442 

11.8262 |} .10216 | 9.78817 || 11983] 8.34496 || .13758 | 7.26873 

11.7853 || .10246 | 9.76009 || 12013 | 8.32446 || .13787 | 7.25310 
11.7448 || .10275 | 9.73217 || .12042| 8.30406 || .15817] 7.23754 
11.7045 || .10305 | 9.70441 || .12072| 8.28376 || 13846} 7.22204 
11.6645 || .10334 | 9.67680 || .1210] | 8.26355 || .13876 | 7.20561 
11.6248 || 10363] 9.64935 || .12131 | 8.24345 || .13906 | 7.19125 
11.5853 || .10393 | 9.62205 || .12160| 8.22344 || .13935 | 7.17594 
11.5461 || .10422 | 9.59490 || .12190| 8.20352 |} .13965 | 7.16071 
11.5072 || .10452 | 9.56791 || .12219 | 8.18370 || .13995 | 7.14553 
11.4685 || .10481 | 9.54106 || .12249 | 8.16398 }} .14024 | 7.18042 
11.4801 |} .10510} 9.51486 |} .12278 |{8.14435 || .14054 7.11537 

Tang ||Cotang| Tang 

84° 83° 



Natural Trigonometric Furctions 231 

29. Natural Tangents and Cotangents 

| 8° | 9° 10° 11° 

-{ Tang | Cotang || Tang | Cotang || Tang | Cotang || Tang Cotang 

Q | .14054 | 7.11537 || .15838 | 6.31375 || .17633 | 5.67128 || 19438 | 5.14455 
1| .14084 | 7.10038 || .15868 | 6.30189 || .17663 | 5.66165 || .19468 | 5.13658 | 59 
2 | .14113 | 7.08546 || .15898 } 6.29007 || .17693 | 5.65205 || .19498 | 5.12862 | 58 
3 | 14143 | 7.07059 || .15928 | 6.27829 |] .17723 | 5.64248 || .19529 | 5.12069 | 57 
4| .14173 | 7.05579 || .15958 | 6.26655 || .17753 | 5.63295 || .19559 | 5.11279 | 56 
5 | .14202 | 7.04195 || £15988 | 6.25436 || .17783 | 5.62344 || .19589 | 5.10490 | 55 
6 | .14232 | 7.02637 || .16017 | 6.24321 || .17813] 5.61397 || .19619 | 5.09704 | 54 
7 | -14262 | 6.91174 || .16047 | 6.23160 || .17843] 5.60452 || .19649 | 5.08921 | 53 
8 | .14291 | 6.99718 |) .16077 | 6.22003 || .17873 | 5.59511 || .19680 | 5.08139 | 52 
9 | .14321 | 6.98268 || .16107 | 6.20851 |} .17903 | 5.58578 || .19710 | 5.07360 | 51 

; 10 | .14051 | 6.96823 || .16137 | 6.19703 |} .17933} 5.57638 || .19740 | 5.06584 | 50 |. 

11 | .14381 | 6.95385 |} .16167 | 6.18559 || .17963] 5.56706 || .19770 | 5.05809 | 49 
12 | .14410 | 6.93952 || .16196 | 6.17419 || .17993] 5.55777 |} .19801 | 5.05037 | 48 
13 | .14440 | 6.92525 |} .16226 | 6.16283 || .18023] 5.54851 || .19831 | 5.04267 | 47 
14 | .14470 | 6.91104 || .16256 | 6.15151 |) .18053 | 5.53927 || .19861 | 5.03499 | 46 
15 | .14499 | 6.89688 || .16286 | 6.14023 || .18083] 5.53007 || .19891 | 5.02734 | 45 
16 | .14529 | 6.88278 || .16316 | 6.12899 |} .18113] 5.52090 |} .19921 | 5.01971 | 44 
17 | .14559 | 6.86874 || .16346 | 6.11779 || .18143] 5.51176 || .19952 | 5.01210 | 43 
18 | .14588 | 6.85475 || .16376 | 6.10664 |] .18173 | 5.50264 || .19982 | 5.00451 | 42 
19 | .14618 | 6.84082 |} .16405 | 6.09552 || .18203 | 5.49356 || .20012 | 4.99695 | 41 
20 | 14648 | 6.82694 || .16435 | 6.08444 || .18233] 5.48451 || .20042 | 4.98940 | 40 

21 | .14678 | 6.81312 || .16465 | 6.07340 || .18262 | 5.47548 || .20073 | 4.98188 | 39 
22 | .14707 | 6.79936 |} .16495 | 6.06240 || .18293 | 5.46648 || .20103 | 4.97438 | 38 
23 | .14737 | 6.78564 |} .16525 | 6.05143 || .18323 | 5.45751 || .20133 | 4.96690 | 37 
24 | .14767 | 6.77199 || .16555 | 6.04051 || .18353 | 5.44857 || .20164 | 4.95945 | 36 
25 | .14796 | 6.75838 || .16585 | 6.02962 |} .18384| 5.43966 || .20194 | 4.95201 | 35 
26 | .14826 | 6.74483 || .16615 | 6.01878 || .18414| 5.43077 || .20224 | 4.94460 | 34 
27 | .14856 | 6.73133 || .16645 | 6.00797 || .18444] 5.42192 |) .20254 | 4.93721 | 33 
28 | .14886 | 6.71789 || .16674 | 5.99720 || .18474| 5.41309 || .20285 | 4.92984 | 32 
29 | .14915 | 6.70450 |} .16704 | 5.98646 || 18504 | 5.40429 || .20315 | 4.92249 | 31 
30 | 14945 | 6.69116 || .16734| 5.97576 || .18534 | 5.39552 || .20345 | 4.91516 | 30 

31 | .14975 | 6.67787 || .16764 | 5.96510 || .18564 | 5.38677 || .20376 | 4.90735 | 29 
32 | .15005 | 6.66463 || .16794 | 5.95448 |] 18594 | 5.37805 |} .20406 | 4.90056 | 28 
33 | .15034 | 6.65144 || .16824 | 5.94390 || .18624 | 5.36936 || .20436 | 4.89330 | 27 
34 | .15064 | 6.63831 |} .16854 | 5.93335 || .18654 | 5.36070 || .20466 | 4.88605 | 26 
35 | .15094 | 6.62523 |} .16884 | 5.92283 || .18684} 5.35206 || .20497 | 4.87882 | 25 
36 | .15124 | 6.61219 || .16914 | 5.91236 || .18714] 5.34345 || .20527 | 4.87162 | 24 
87 | .15153 | 6.59921 || .16944 | 5.90191 || .18745 | 5.33487 || .20557 | 4.86444 | 23 
38 | .15183 | 6.58627 || .16974 | 5.89151 || .18775 | 5.32631 || .20588 | 4.85727 | 22 
29 | .15213 | 6.57339 || .17004 | 5.88114 || .18805 | 5.31778 || .20618 | 4.85013 | 21 
40 | .15243 | 6.56055 || .17033 | 5.87080 || .18835 | 5.30928 |} .20648 | 4.84300 | 20 

41 | .15272 | 6.54777 || .17063 | 5.86051 || .18865 | 5.30080 || .20679 | 4.83590 | 19 
42 | .15302 | 6.53503 || .17093 | 5.85024 |] .18895 | 5.292365 || .20709 | 4.82882 | 18 
43 | 15332 | 6.52234 |} .17123 | 5.84001 || .18925 | 5.28393 || .20739 | 4.82175 | 17 
44 | .15362 | 6.50970 |! .17153 | 5.82982 || .18955 | 5.27553 || .20770 | 4.81471 | 16 
45| .15391 | 6.49710 |} .17183 | 5.81966 || .18986 | 5.26716 || .20800 | 4.80769 | 15 
46 | 15421 | 6.48456 || .17213 | 5.80953 || .19016 | 5.25880 || .20830 | 4.80068 | 14 
47 | .15451 | 6.47206 || .17243 | 5.79944 || .19046 | 5.25048 || .20861 | 4.79370 | 18 
48 | .15481 | 6.45961 || .17273 | 5.78938 || .19076 | 5.24218 || .20891 | 4.78673 | 12 
49 | 15511 | 6.44720 || .17303 | 5.77936 || .19106 | 5.23391 || .20021 4.77978 | 11 
50 | .15540| 6.43484 |] .17333 | 5.76937 || .19136 | 5.22566 || .20952 | 4.77286 | 10 

51 | .15570| 6.42253 || 17363 | 5.75941 || .19166 | 5.21744 || 20982 | 4.70595 | 9 
52 | .15600 | 6.41026 |} 17393 | 5.74949 || .19197 | 5.20925 || .21013 | 4.75906 & 
53 | .15630 | 6.39804 || 17423 | 5.73960 || .19227 | 5.20107 || .21043 | 4.75219 | 7 
54| .15660 | 6.38587 |] .17453 | 5.72974 || .19257} 5.19293 |] .21073 | 4.74534) 6 

55 | .15689 | 6.37374 || .17483 | 5.71992 || .19287 | 5.18480 || .21104] 4.73851 | 5 

56 | 15719 | 6.36165 || .17513| 5.71013 || .19317 | 5.17671 || .21134| 4.73170 : 

2 
1 
0 

’ 

57 | .15749 | 6.34961 || .17543| 5.70037 || .19247 | 5.16863 || .21164} 4.72490 

58 | .15779 | 6.33761 || .17573 | 5.69064 |} .19378} 5.16058 |} .21195 4.71813 

59 | .15809 | 6.32566 || .17603) 5.68094 || .19408 | 5.15256 || .21225 | 4.71137 

60 | .15838 | 6.31375 || .17633 | 5.67128 || 19438 | 5.14456 || .21256 | 4.70463 

e¢ |\Cotang| Tang Cotang Tang ||Cotang] Tang ||Cotang 

81° 80° 79° 78° 



232 Natural Trigonometric Functions 

29. Natural Tangents and Cotangents 

12° 13° 14° 
4 Tang | Cotang || ‘Tang | Cotang |) Tang Cotang 

0 | .21256 | 4.70463 || .23087 | 4.33148 || .24933 | 4.01078 || .26795 3.73205 

1 | .21286 | 4.69791 || .23117 | 4.32573 96 -00! 26826 | 3.72771 

2 | .21316 | 4.69121 |} .23148 | 4.32001 26857 | 3.72338 

3 | .21347 | 4.68452 || .28179 | 4.31430 26888 | 3.71907 

4 | .21377 | 4.67786 || .22209 | 4.30860 26920 | 3.71476 

5 | .21408 | 4.67121 || .23240] 4.30291 26951 | 3.71046 

6 | .21438 | 4.66458 || .23271 | 4.29724 26982 | 3.70616 

7 | 21469 | 4.65797 |] .23301 | 4.20159 27013 | 3.70188 

8 | .21499 | 4.65138 || .23332 | 4.28595 27044 | 3.69761 

Q | .21529 | 4.64480 || .28363 | 4.28032 -27076 | 3.69335 

10 | .21560 | 4.63825 

11 | .21590 | 4.63171 
12 | .21621 | 4.62518 
13 | .21651 | 4.61868 
14 | .21682 | 4.61219 
15 | .21712 | 4.60572 
16 | .21748 | 4.59927 
17 | .21773 | 4.59283 
18 | .21804 ] 4.58641 
19 | .21834 | 4.58001 
20 | .21864 | 4.57363 

4.27471 

4.26911 
4.20352 
4.25795 
4.25239 
4.24685 
4.24132 
4.23580 
4.23030 
4.22481 
4.21933 

3.68909 

3.68485 
3.68061 
3.67638 
3.67217 
3.66796 
3.66376 
3.65957 
3.65538 
3.65121 
3.64705 

3.95680 
3.95196 
3.94713 
3.94232 
3.93751 
3.93271 
3.92793 
3.92316 
3.91839 
3.91364 

21 | .21895 | 4.56726 || .23731 | 4.21387 || .25583 | 3.90890 || .27451 | 3.64289 
92 | .21925 | 4.56091 || .23762 | 4.20842 || .25614 | 3.90417 || .27482 | 3.63874 
23 | 21956 | 4.55458 || .23793 | 4.20298 || .25645 | 3.89945 || .27513 | 3.63461 
24 | 21986 | 4.54826 || .23823 | 4.19756 || .25676 | 3.89474 || .27545 | 3.63048 
25 | .22017 | 4.54196 
26 | .22047 | 4.53568 
27 | .22078 | 4.52941 
28 | .22108 |! 4.52316 
29 | .22139 | 4.51693 
30} .22169| 4.51071 

81 | .22200] 4.50451 
32 | .22231) 4.49832 
33 | .22261| 4.49215 
34 | .22292 | 4.48600 
35 | .22322 | 4.47985 
36 | .22353 | 4.47374 
37 ) .22383 | 4.46764 
38 | .22414| 4.46155 
39 | .22444 | 4.45548 
40 | .22475 | 4.44942 

#.19215 
4.18675 
4.18137 
4.17600 
4.17064 
4.16530 

4.15997 
4.15465 
4.14934 
4.14405 
4.13877 
4.13350 
4.12825 
4.12301 
4.11778 

5 | 4.11256 

3.89004 
3.88536 
3.88068 
3.87601 
3.87136 
3.86671 

3.86208 
3.85745 

3.62636 
3.62224 
3.61814 
3.61405 
3.60996 
3.60588 
3.60181 

3.82083 

41 | .22505 | 4.44338 || .24347 | 4.10736 || .26203 | 3.81630 || .28077 | 3.56159 
42 | 22536 | 4.48735 || .24377 | 4.10216 || .26235 | 3.81177 || .28109 | 3.55761 
43 | .22567 | 4.43134 || .24408 | 4.09699 || .26266 | 3.80726 
44 | .22597 | 4.42534 || .24439 | 4.09182 || .26297 | 3.80276 
45 | .22628 | 4.41936 |} .24470 | 4.08666 || .26328 | 3.79827 
46 | .22658 | 4.41340 |} .24501 | 4.08152 |} .26359 | 3.79378 
47 | .22689 | 4.40745 || .24532 | 4.07639 || .26390 | 3.78931 
48 | .22719 | 4.40152 |} .24562 | 4.07127 || .26421| 3.78485 
49 | .22750| 4.29560 |} .24593 | 4.06616 || .26452 | 3.78040 |] .2 
50 | .22781 | 4.38969 }| .24624 | 4.06107 || .26483 | 3.77595 || .28360 3.52609 

3.48741 

51] .22811| 4.38381 || .24655 | 4.05599 || .26515 | 3.77152 || .28391 | 3.52219] 9 
52 | .22842 | 4.37793 || .24686 | 4.05092 || .26546 | 3.76709 |] «2 5 8 
53 | .22872 | 4.37207 || .24717 | 4.04536 || .26577 | 3.76268 7 
54 | .22903 | 4.36623 || .24747 | 4.04081 |} .26608 | 3.75828 6 
55 | .22984} 4.36040 || .24778 | 4.03578 || .26639 | 3.75388 5 
56 | .22964 | 4.25459 || .24809 | 4.03076 || .26670| 3.74950 4 
57 | .22995 | 4.34879 || .24840 | 4.02574 || .26701 | 3.74512 3 
58 | .23026 | 4.34300 || .24871 | 4.02074 || .26733 | 3.74075 2 
59 | .23056 | 4.33723 || .24902 | 4.01576 || .26764 | 3.73640 || .2 1 
60 | .23087 | 4.38148 || .24933 | 4.01078 |} .26795 | 3.73205 || .28675 0 

° ¢ \Cotang| Tang Tang 

tht 74° 



Natural Trigonometric Functions 233 

29. Natural Tangents and Cotangents 

: 16° 27° is° 19° 
Tang ;Cotang || Tang |Cotang Tang | Cotang || Tang | Cotang 

-23675 | 3.48741 || .30573 | 3.27085 || .32492 | 3.07768 || .34433 | 2.90421 60 -28706 | 3.48359 || .30605 | 3.26745 || .32524| 3.07464 || 134465 | 290147 59 -28738 | 3.47977 || .30637 | 3.26406 || .32556 | 3.07160 || .34498 | 2.89873 58 -28769 | 3.47596 || .30669 | 3.26067 || .32588 | 3.06857 || :34530 | 289600 57 
K < -06! -34563 | 2.89327 | 56 -28832 | 3.46837 || .30732 | 3.25392 || .32653| 3.06252 || 134596 | 239055 | 55 -28864 | 3.46458 || .30764 | 3.25055 || .32685 | 3.05950 || .34628 | 2.88783 | 54 -28895 | 3.46080 || .30796 | 3.24719 || .32717| 3.05649 || -34661 | 2.88511 | 53 -28927 | 3.45703 || .30328 | 3.24383 || .82749 | 3.05349 || .34693 | 2.88240 | 52 

-28958 | 3.45327 || .30360] 3.24049 |} .32782 | 3.05049 |] .34726| 2.87970 | 51 10 | .28990 | 3.44951 || .30891 | 3.23714 || .32814| 3.04749 || -34758 | 2.87700 50 
11 | .29021 | 3.44576 || .30923 | 3.22381 || 32846} 3.04450 || .84791 | 2.87430 | 49 12 | .29053 | 3.44202 || .30955 | 3.23048 |} 32878] 3.04152 || 34824 | 2.87161 | 48 
13 | .29084 | 3.43829 || .30987 | 3.22715 || .82911| 3.03854 || .34856 | 2.86892 | 47 
14 | .29116 | 3.43456 || .31019 | 3.22384 || .32943 | 3.03556 !| .34889 | 2.96624 | 46 
15 | .29147 | 3.43084 || .31051 | 3.22053 || .82975 | 3.03260 || .34922 | 2.86356 | 45 
16 | .29179 | 3.42713 || .31083 | 3.21722 || .33007| 3.02963 || .34954 | 2.86089 | 44 
17 | .29210 | 3.42343 || .31115 | 3.21392 |} .33040] 3.02667 || .34997 | 2.85822 | 43 
18 | .29242 | 3.41973 || .31147 | 3.21063 || .83072 | 3.02372 || .35020] 2.85555 | 42 
19 | .29274 | 3.41604 || .31178 | 3.20734 |! .33104 3. 02077 |, .35052 | 2.85289 | 41 
20 | .29305 | 3.41236 || .31210 | 3.20406 || .33136 | 3.01783 || .35085 | 2.85023 | 40 
21 | .29337 | 3.40869 || .81242 | 3.20079 || .33169 | 3.01489 || 35118] 2.84758 | 39 
22 | .29368 | 3.40502 || .81274 | 3.19752 |} .33201 | 3.01196 || .35150| 2.84494 | 38 
23 | .29400 | 3.40136 |} .31306 | 3.19426 || .33233 | 3.00903 || .35183 | 2.84229 | 37 
24 | .29432 | 3.39771 || .81338 | 3.19100 || .33266 | 3.00611 || .35216 | 2.83965 | 2 
25 | .29463 | 3.39406 || .31370 | 3.18775 || .33298 | 3.00319 || .35248 | 2.83702 | 35 
26 | .29495 | 3.39042 || .31402 | 3.18451 |} .33330 | 3.00028 || .35281 | 2.83439 | 34 
27 | .29526 | 3.38679 || .31434 | 3.18127 || .33363 | 2.99738 || .35314| 2.83176 | 33 
28 | .29558 | 3.38317 || .31466 | 3.17804 || .33395 | 2.99447 || .35346 | 2.82914 | 32 
29 | .29590 | 3.37955 || .31498 | 3.17481 || .33427 | 2.99158 || .85379 | 2.82653 | 31 
80 | .29621 | 3.37594 || .31530 | 3.17159 || .83460 | 2.98868 || .35412 | 2.82391 | 30 

31 | .29653 | 3.37234 || .81562 | 3.16838 || .83492 | 2.98590 || .35445 | 2.82130 | 29 
32 | .29685 | 3.36875 || .31594 | 3.16517 |} .83524 | 2.98292 || .85477 | 2.81870 | 28 
33 | .29716 | 3.36516 || .31626 | 3.16197 || .83557 | 2.98004 || .35510| 2.81610 | 27 
34 | .29748 | 3.36158 || .31653 | 3.15877 || .83589 | 2.97717 || .35543 | 2.81350 | 26 
35 | .29780 | 3.35800 || .31690 | 3.15558 || .33621 | 2.97430 || .85576 | 2.81091 | 25 
36 | .29811 | 3.35443 || .31722 | 3.15240 || .33654 | 2.97144 || .35608 | 2.80833 | 24 
37 | .29843 | 3.35087 || .31754 | 3.14922 || 33686 | 2.96858 |] .85641 | 2.80574 | 23 
38 | .29875 | 3.34732 || .31786 | 2.14605 || .83718 | 2.96573 || .35674 | 2.80316 | 22 
39 | .29906 | 3.34377 || .31818 | 3.14288 || .33751 | 2.96288 || .85707 | 2.80059 | 21 
40 | .29938 | 3.34022 || .31850 | 3.13972 || .83783 | 2.96004 || .85740 | 2.79802 | 20 

41 | .29970 | 3.33670 || .31882 | 3.13656 || .33816 | 2.95721 || .85772 | 2.79545 | 19 
42 | .30001 | 3.33317 |} .31914 | 3.13341 || .33848 | 2.95437 || .35805 | 2.79289 | 18 
43 | .30033 | 3.32965 || .31946 | 3.13027 || .33881 | 2.95155 || .35838 | 2.79033 | 17 
44 | .30065 | 3.32614 || .31978 | 3.12713 || .83913 | 2.94872 || .35871 | 2.78778 | 16 
45 | .30097 | 3.32264 || .32010 | 3.12400 |! .83945 | 2.94591 || .35904 | 2.78523 | 15 
46 | .80128 | 3.31914 |) .82042 | 3.12087 || .383978 | 2.94809 || .35937 | 2.78269 | 14 
47 | .30160 | 3.31565 || .82074 | 3.11775 || .34010 | 2.94028 || .35969 | 2.78014 | 13 
48 | .30192 | 3.31216 || .32106 | 3.11464 || .34043 | 2.93748 || .36002 | 2.77761 | 12 
49 | .380224 | 3.30868 || .32139 | 3.11153 || .34075 | 2.93468 || .86035 | 2.77507 | 11 
50 | .30255 | 3.30521 || .82171 | 3.10342 || .34108 | 2.93189 || .36068 | 2.77254 | 10 

51 | .30287 | 3.30174 || .32203 | 3.10532 |) .24140 | 2.92910 || .36101 | 2.77002 
52 | .30319 | 3.29829 |) .82235 | 3.10223 |) .34173 | 2.92632 || .36134 | 2.76750 
53 | .30351 | 3.29483 || .32267 | 3.09914 || .84205 | 2.92354 || .36167 | 2.76498 
54 | .80382 | 3.29139 || .32299 | 3.09506 || .84228 | 2.92076 || .36199 | 2.76247 
55 | .30414 | 3.28795 || .32331 | 3.09298 |) .84279 | 2.91799 || .36232 | 2.75996 
56 | .30446 | 3.28452 || .82363 | 3.08991 || .84303 | 2.91523 || 86265 | 2.75746 
57 | .30478 | 3.28109 || .32396 | 3.08685 || .84335 | 2.91246 || .36298 | 2.75496 
58 | .30509 | 3.27767 || .82428 | 3.08379 || .34368 | 2.90971 || .36331 | 2.75246 
59, .30541 | 3.27426 || .22460 | 3.08073 || .34400 | 2.90696 || .36364 | 2.74997 
60 | .80573 | 3.27035 || .32492 | 3.07768 || .34433 | 2.90421 || .36397 | 2.74748 

OONOOAP WHE O 

Z oo i bo ae for) s oo to Or i to © * i) iS) > iS) _ [) =) roxy or or rs 
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29. Natural Tangents and Cotangents 
SS eas eee 

- 20° 21° 22° Zoe 

Tang | Cotang || Tang Cotang || Tang | Cotang Tang | Cotang 

0 2.74748 || .88386 | 2.60509 || .40403 2.47509 || 42447 | 2.35585 

1 2°74499 || .38420 | 2.60283 || .40436 2.47302 || .42482 | 2.35395 

2 2.74251 || .38453 | 2.60057 || .40470 9.47095 || 42516 | 2.35205 

3 9774004 || .38487 | 2.59831 || .40504 2.46888 || .42551 | 2.35015 

4 2°73756 |} .33520 | 2.59606 || .40538 2.46682 || .42585 | 2.34825 

5 2.73509 || .38553 | 2.59381 || .40572 2.46476 || .42619 | 2.34636 

6 2.73263 || .38587 | 2.59146 || .40696 9.46270 || .42654 | 2.34447 

7 92°73017 || .38620 | 2.58932 || .40640 2.46063 || .42688 | 2.34258 

8 9.72771 || .38654 | 2.58708 || .40674 2.45860 || .42722 | 2.34069 

9 2°72526 || .28687 | 2.58484 || .40707 2.45655 || .42757 | 2.33881 

10 9.72981 || .38721 | 2.58261 || .40741 2.45451 || .42791 | 2.33693 

2.72036 || .38754 | 2.58038 || .40775 2.45246 || 42826 | 2.83505 

2.71792 || .38787 | 2.57815 "40809 | 2.45043 || .42860 | 2.33317 

40843 | 2.44839 || .42894 | 2.33130 

256046 || .41081 | 2.43422 

: 2.55827 || .41115 | 2.43220 

"39122,| 2.55608 || .41149 | 2.43019 
2.55389 || .41183 | 2.42819 || . 

2.55170 || .41217 | 2.42618 || .48274 

2.54952 || 41251 | 2.42418 || .48308 

2.54734 || .41285 | 2.42218 || .48343 

2.54516 || .41319 | 2.42019 || 43378 

2.54299 || 41353 | 2.41819 || .43412 

2.54082 || 41387 | 2.41620 || .43447 

2.53865 || .41421 | 2.41421 || 43481 

2.53648 || 41455 | 2.41223 || 43516 

2.53432 || 41490 | 2.41025 || .48550 

2.53217 || .41524 | 2.40827 || 48585 | 

2.53001 || .41558 | 2.40629 || .43620 

2.69853 

2.69612 
2.69371 
2.69131 
2.68892 
2.68653 
2.68414 
2.68175 
2.67937 
2.67700 
2.67462 

2.67225 
2.66989 
2.66752 
2.66516 

2.30167 
2.29984 

2.29801 

2'66281 || .39559 | 2.52786 || .41592 | 2.40432 48654 | 2.29073 

2'66046 || .39593 | 2.52571 || .41626 | 2.40235 43689 | 2.28891 

265811 || .39626 | 2.52357 || 41660 | 2.40038 43724 | 2.28710 

2.65576 || 89660 | 2.52142 || .41694 | 2.39841 48758 | 2.28528 

2°65342 || .39694 | 2.51929 || 41728 | 2.39645 |) 43793 
2.28348 

2165109 || .89727 | 2.51715 |) .41763 | 2.89449 .43828 | 2.28167 

2.64875 
2.64642 
2.64410 
2.64177 
2.63945 
2.63714 
2.63483 
2.63252 
2.63021 
2.62791 

2.62561 
2.62332 
2.62103 
2.61874 
2.61646 
2.61418 
2.61190 
2.60963 
2.60736 
2.60509 

2.51502 }| 41797 | 2.39253 || 48862 
9.51289 || .41831 | 2.39058 || 42897 
2.51076 || .41865 | 2.28863 || 48932 
2.50864 || .41899 | 2.38668 || .43966 
2.50652 |! .41933 | 2.38473 || .44001 
2.50440 || .41968 | 2.38279 || .44036 
2.50229 || .42002 | 2.38084 |} .44071 
2.50018 || .42036 | 2.37891 || .44105 
2.49807 || .42070 | 2.37697 || .44140 
2.49597 || .42105 | 2.87504 || .44175 

2.49386 || .42139 | 2.37311 || .44210 
9.49177 || 42173 | 2.37118 || .44244 
2.48967 || .42207 | 2.36925 || .44279 
9.48758 || .42242 | 2.34733 || .44314 
2.48549 || .42276 | 2.36541 || .44849 
2.48340 || .42310 | 2.36349 || 44384 
2.48132 || .42345 | 2.36158 || 44418 
2.47924 || .42379 | 2.35967 || .44453 
2.47716 || 42418 | 2.35776 || .44488 | 2.24780 
9.47509 || .42447 | 2.35585 || .44523 | 2.24604 

2.27987 

2. “36374 

2.26196 
2.26018 
2.25840 
2.25663 
2.25486 
2.25309 
2.25132 
2.24956 

CH NWP OIO~T0OO 

Tang ||Cotang| Tang ||Cotang| Tang 
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29. Natural Tangents and Cotangents 

3 24° 25° 26° 23° 
Tang | Cotang |} Tang | Cotang || Tang | Cotang || Tang | Cotang 

O | .44523 | 2.24604 || .46631 | 2.14451 || .48773 | 2.05030 || .50953 | 1.96261 | 60 
1 | 44558 | 2.24428 || 46666 | 2.14268 || 48809 | 2.04879 |] .50989 | 1.96120 | 59 
2 | .44593 | 2.24252 || .46702 | 2.14125 || .48845 | 2.04728 || .51026 | 1.95979 | 58 
8 | .44627 | 2.24077 || .46737 | 2.13963 || .48881 | 2.04577 || .51063 | 1.95838 | 57 
4 | 44662 | 2.23902 || .46772 | 2.13801 || .48917| 2.04426 || .41099 | 1.95698 | 56 
5 | .44697 | 2.23727 || .46808 | 2.13639 || 48953) 2.04276 || .51126 | 1.95557 | 55 
6 | .44732 | 2.23553 || .46843 | 2.13477 || .48989 | 2.04125 || .51173 | 1.95417 | 54 
7 | .44767 | 2.23378 || .46879 | 2.13316 || .49026 | 2.03975 || .51209 | 1.95277 | 53 
8 | .44802 | 2.23204 || .46914 | 2.13154 || .49062 | 2.03825 |] .51246 | 1.95127 | 52 
9 | .44837 | 2.22030 |} 46950 | 2.12993 || .49098 | 2.03675 || .51283 | 1.94997 | 51 

-46985 | 2.12832 || .49134 | 2.03526 || .51319 | 1.94858 | 50 

-47021 | 2.12671 || .49170 | 2.03876 || .51356 | 1.94718 | 49 
-47056 | 2.12511 || .49206 | 2.03227 || .51393 | 1.94579 | 48 
-47092 | 2.12350 || .49242 | 2.03078 || .51430 | 1.94449 | 47 
-47128 | 2.12190 || .49278 | 2.02929 || .51467 | 1.94301 | 46 

10 | .44272 | 2.22857 || 

: 2.12030 || .49315 | 2.02780 || .51503 | 1.94162 | 45 

11 | .44907 | 2.22683 
12 | .44942 | 2.22510 
13 | .44977 | 2.22387 

47199 | 2.11871 || 49351 | 2.02631 || .51540 | 1.94023 | 44 
-47234 | 2.11711 || .49387 | 2.02483 || .51577 | 1.93885 | 43 
-47270 | 2.11552 || .49423 | 2.02335 || .51614 | 1.93746 | 42 
47305 | 2.11392 || .49459 | 2.02187 || .51651 | 1.93608 | 41 
47341 | 2.11233 || .49495 | 2.02039 || 51688 | 1.93470 | 40 

47877 | 2.11075 || .49532 | 2.01891 |} .51724 | 1.93332 | 39 
47412 | 2.10916 || .49568 | 2.01743 || .51761 | 1.93195 | 38 
47448 | 2.10758 || .49604 | 2.01596 || .51798 | 1.93057 | 37 
47483 | 2.10600 || .49640 ; 2.01449 || .51835 | 1.92920 | 36 
-47519 | 2.10442 || .49677 | 2.01302 || .51872 | 1.92782 | 35 
47555 | 2.10284 || .49713 | 2.01155 || .51909 | 1.92645 | 34 
47590 | 2.10126 || .49749 | 2.01008 |} .51946 | 1.92508 | 33 
47626 | 2.09969 || .49786 | 2.00862 || .51983 | 1.92371 | 32 

2.09811 |} .49822 | 2.00715 || .52020 | 1.92285 | 31 
2.09654 || .49858 | 2.00569 || .52057 | 1.92098 | 30 

47733 | 2.09498 || .49894 | 2.00423 || .52094 | 1.91962 | 29 
-47769 | 2.09341 |} .49931 | 2.00277 || .52121 | 1.91826 | 28 
47805 | 2.09184 || .49967 | 2.00131 || .52168 | 1.91690 | 27 
47840 | 2.09028 || .50004 | 1.99986 || .52205 | 1.91552 | 26 
-47876 | 2.08872 || .50040| 1.99841 |} .52242 | 1.91414 | 25 
-47912 | 2.03716 || .50076 | 1.99695 || .52279 | 1.91288 | 24 
47945 | 2.08560 || .50113 | 1.99550 || .52316 | 1.91142 | 23 
47984 | 2.08405 || .50149 | 1.99406 || .52353 | 1.91017 | 22 
43019 | 2.08250 || .50185 | 1.99261 || .52390 | 1.90876 | 21 
48055 | 2.08094 || .50222| 1.99116 || .52427 | 1.90741 | 20 

41 | 45960} 2.17582 || .48091 | 2207939 || .50258 | 1.98972 || .52464 | 1.90607 | 19 
42 | 45995 | 2.17416 || .48127 | 2.07785 || .50295 | 1.98828 |} .52501 | 1.90472 | 18 
43 | .46030} 2.17249 || .48163 | 2.07630 || .50331 | 1.98684 || .52538 | 1.90337 | 17 
44 | .46065 | 2.17083 || .48198 | 2.07476 || .50368 | 1.98540 || .52575| 1.90203 | 16 
45 | .46101| 2.16917 || .48234 | 2.07321 || .50404 | 1.98396 || .52612 | 1.90069 | 15 
46 | .46136 | 2.16751 || .48270 | 2.07167 || 50441} 1.98253 || .52650| 1.89935 | 14 
47 | .46171| 2.16535 || 48306 | 2.07014 || .50477] 1.98110 || .52687] 1.89801 | 18 
48 | .46206 | 2.16420 || .48342 | 2.06860 || 50514] 1.97966 || .52724 | 1.89667 | 12 
49 | .46242 | 2.16255 || .48378 | 2.06706 || .50550| 1.97828 || .52761 | 1.89533 | 11 | 
50 | .46277 | 2.16090 || .48414 | 2.06553 || .50587| 1.97681 || .52798 | 1.89400 | 10 

51 | 46312 | 2.15925 || .48450 | 2.06400 |) .50623 | 1.97538 || .52836 | 1.89266 
52 | .46348 | 2.15760 || .48436 | 2.06247 || .50660| 1.97395 |} .52873 | 1.89133 
53 | .46383 | 2.15596 || .48521 | 2.06094 || .50696 | 1.97253 || .52910| 1.89000 
54 | 46418} 2.15432 || .48557 | 2.05942 || .50733| 1.97111 || .52947 | 1.88867 
55 | 46454 | 2.15268 || .48593 | 2.05790 || .50769 | 1.96969 || .52985 | 1.88734 
56 | .46489 | 2.15104 | .48629 | 2.05637 || .50806 | 1.96827 || .53922 | 1.88602 
57 | .46525| 2.14940 || .48665 | 2.05485 || .50843 | 1.96685 |] .52059 | 1.88469 
58 | .46560| 2.14777 || .48701 | 2.05333 || .50879 | 1.96544 || .53096 | 1.88337 
59 | .46595 | 2.14614 || .48737 | 2.05182 || .50916| 1.96402 || .53134 | 1.88205 
60 | .46631 | 2.14451 |} .48773 | 2.05030 || .50953 | 1.96261 || .53171) 1.88073 

_ re ° g — bo bo no = > _ 

20 | 145222 | 2.21139 
21 | .45257 | 2.20961 
22 | .45292 | 2.20790 
23 | .45327 | 2.20619 
24 | .45362 | 2.20449 
25 | .45397 | 2.20278 
26 | .45432 | 2.20108 
27 | .45467 | 2.19938 
28 | .45502 | 2.19769 
29 | .45538 | 2.19599 
30 | .45573 | 2.19430 

31 | .45608 | 2.19261 
32 | .45643 |} 2.19092 

39 | 145889 | 2.17916 
40 | 45924 | 2.17749 

i i 
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53171 
53208 
53246 

OHOUIDUPWNWHO | = 
153545 

53582 

(55051 

55089 
55127 
55165 
55203 
55241 
55279 
55317 
55355 
55393 
55431 

28° 
Tang | Cotang 

1.88073 
1.87941 
1.87809 
1.87677 
1.87546 
1.87415 
1.87283 
1.87152 
1.87021 
1.86891 
1.86760 

1.86630 
1.86499 
1.86369 
1.86239 
1.86109 
1.85979 
1.85850 
1.85720 
1.85591 
1.85462 

1.85333 
1.85204 
1.85075 
1.84946 
1.84818 
1.84689 
1.84561 
1.84433 
1.84305 
1.84177 

1.84049 
1.83922 
1.83794 
1.83667 
1.83540 
1.83413 
1.83286 
1.83159 
1.83033 
1.82906 

1.82780 
1.82654 
1.82528 
1.82402 
1.82276 
1.82150 
1.82025 
1.81899 
1.81774 
1.81649 

1.81524 
1.81399 
1.81274 
1.81150 
1.81025 
1.80901 
1.80777 
1.80653 
1.80529 
1.80405 

29° 
Cotang 

1.80405 

1.79296 
1.79174 

1.79051 
1.78929 
1.78807 
1.78685 
1.78563 
1.78441 
1.78319 
1.78198 
1.78077 
1.77955 

1.77834 
1.77713 
1.77592 
1.77471 
1.77351 
1.77230 
1.77110 
1.76990 
1.76869 
1.76749 

1.76629 
1.76510 

1.75675 
1.75556 
1.75437 
1.75319 
1.75200 
1.75082 
1.74964 
1.74846 
1.74728 
1.74610 
1.74492 
1.74375 

1.74257 
1.74140 
1.74022 
1.73905 
1.73788 
1.73671 
1.73555 
1.73438 
1.73321 
1.73205 

30° 
Tang | Cotang 

1.73205 
1.72089 

1.71932 
1.71817 
1.71702 
1.71588 
1.71473 
1.71358 
1.71244 
1.71129 
1.71015 
1.70901 

1.70787 

1.69766 

1.69653 
1.69541 

1.68643 

1.68531 
1.68419 
1.68308 
1.68196 
1.68085 
1.67974 
1.67863 
1.67752 
1.67641 
1.67530 

1.67419 
1.67309 
1.67198 

| 1.67088 
1.66978 
1.66867 
1.66757 
1.66647 
1.66538 
1.66428 

+60046 
760086 

Cotang 

59° 

Natural Trigonometric Functions 

29. Natural Tangents and Cotangents 

31° 
Tang | Cotang 

161681 

61721 

58° 

1.66428 
1.66318 
1.66209 
1.66099 
1.55990 
1.65881 
1.65772 
1.65663 
1.65554 
1.65445 
1.65337 

1.65228 
1.65120 
1.65011 | 
1.64903 
1.64795 
1.64687 
1.64579 
1.64471 
1.64363 
1.64256 

1.64148 
1.64041 
1.63934 
1.63826 
1.63719 
1.63612 
1.63505 
1.63398 
1.63292 
1.63185 

1.63079 
1.62972 
1.62866 
1.62760 
1.62654 
1.62548 
1.62442 
1.62336 
1.62230 
1.62125 

1.62019 
1.61914 
1.61808 
1.61703 
1.61598 
1.61493 
1.61388 
1.61283 
1.61179 
1.61074 

1.60970 
1.60865 
1.60761 
1.60657 
1.60553 
1.60449 
1.60245 
1.60241 
1.60137 
1.60033 

Tang 

COHN wWPOIRNIOO 

Tang ||Cotang . 
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29. Natural Tangents and Cotangents 

33° 34° 35° 
Cotang || Tang | Cotang|| Tang | Cotang 

1.53986 || .67451| 1.48256 || .70021) 1.42815 
-67493 | 1.48163 |] . 1.42726 
-67536 | 1.48070 |} . 1.42638 
-67578 | 1.47977 || . 1.42050 
-67620| 1.47885 || - 1.42462 
-67663 | 1.47792 || . 1.42374 
67705 | 1.47699 || . 1.42286 
-67748 | 1.47607 || - 1.42198 
-67790 | 1.47514 |} .70 1.42110 

- : -67832 | 1.47422 || . 1,42022 
1.59002 || - 133010 -67875 | 1.47330 || . 1.41934 

1.58900 || .65: 1.52913 || .67917 | 1.47238 || .7 1.41847 
1.58797 |} - 1.52816 || .67960 | 1.47146 || . 1.41759 
1.58695 |} . 1.52719 || .68002 | 1.47053 |} - 1.41672 
1.58593 |} - 1.52622 || .68045 | 1.46962 || . 1.41584 
1.58490 || .65¢ 1.52525 || .68088 | 1.46870 || . 1.41497 
1.58388 |} . 1.52429 || .68130| 1.46778 || . 1.41409 
1.58286 || . 1.52332 || .68173 | 1.46686 || . 1.41322 
1.58184 |] . 1.52235 || .68215 | 1.46595 || . 1.41235 
1.58083 || . 1.52139 || .68258 | 1.46503 || . 1.41148 
1.57981 || . 1.52043 || .68301 } 1.46411 || - 1.41061 

1.57879 || , 1.51946 || .68343 | 1.46320 || .70925 | 1.40974 
1.57778 || .658£ - -68386 | 1.46229 || . 1.40887 
1.57676 || - 2 -63429 | 1.45137 || . 1.40800 
1.57575 || - 3 -68471 | 1.46046 |} . 6 | 1.40714 
1.57474 |] - c 68514 | 1.45955 || - 1.40627 
1.57372 |} . J -68557 | 1.45864 || . 1.40540 
1.57271 || . : -68600 | 1.45773 || . 1.40454 
1.57170 || . . 5 || 68642 | 1.45682 || . 1.40367 
1.57069 || . -68685 | 1.45592 || . 1.40281 
1.56969 || . 1.51084 || .68728 | 1.45501 || .71329 | 1.40195 

1.56868 || .66230 | 1.50988 || . 1.45410 || .71273 | 1.40109 
1.56767 || .662 1.50893 || | 1.45320 || .71417 | 1.40022 
1.56667 |} . 1.50797 || . 1.45229 || .71461} 1.39936 
1.56566 || .66356 | 1.507027) . 1.45139 || .71505 | 1.39850 
1.56466 || . 1.50607 || . 1.45049 || .71549 | 1.39764 

1.56366 || . 1.50512 || . 1.44958 || .71593 | 1.29679 

1.56265 || . 1.50417 || . 1.44868 || .71637 | 1.39593 

1.56165 |} . 1.50322 1.44778 || .71681 | 1.39507 

1.56065 || .6 1.50228 1.44688 || .71725 | 1.39421 

1.55966 || . 1.50133 || .69157 | 1.44598 || .71769 | 1.39336 

1.55866 |} - 1.50038 || .69200| 1.44508 || .71813 | 1.39250 
1.55766 || . 1.49944 || .69243 | 1.44418 || .71857 
1.55666 || - 1.49849 || .69286| 1.44329 || .71901 
1.55567 || . 1.49755 |! .69329 | 1.44239 || .71946 
1.55467 || - S| 1.49661 || .69372| 1.44149 || .71990 

1.55368 || . 1.49566 || .69416| 1.44060 || .72034 

1.55269 || .665 1.49472 || .69459 | 1.43970 || .72078 
1.55170 || . 1.49378 || .69502 | 1.43881 || .72122 

1.55071 |! .66 1.49284 || 69545] 1.43792 || .72167 

1.54972 || - 1.49190 || .69588 } 1.43703 |} .72211 1.38484 

1.54873 || . 1.49097 || .69631 | 1.43614 || .72255 | 1.38399 

1.54774 || . 1.49003 || .69675| 1.42525 || .72299] 1.38314 

1.54675 || . 1.48909 || .69718| 1.43436 || .72344 | 1.38229 

1.54576 || . 1.48816 || .69761] 1.43347 || .72388 | 1.38145 

1.54478 || . 1.48722 || .69804 | 1.43258 || .72432 | 1.38060 

1.54379 || . 1.48629 |} 69847 | 1.43169 |] .72477 | 1.37976 

1.54281 || .67; 1.48536 |} .69891] 1.43080 || .72521] 1.37891 

1.54183 || . 1.48442 || .69934 | 1.42992 || .72565 | 1.37807 

1.54085 1.48349 || .69977 | 1.42903 || .72610| 1.37722 

1.53986 || .67451| 1.48256 || .70021 | 1.42815 || .72654 | 1.37638 SCHNWHRAMNIOO 

Cotang| Tang ||Cotang Cotang| Tang Cotang| Tang ’ 

57° 55S 54° 
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e 

0 
1 
2 
3 
4 1.37302 || .75538 
5 1.37218 || .75584 
6 1.37134 || .75629 
7 1.37050 | 75675 
8 1.36967 
9 1.36883 

10 1.36800 

1.36716 

1.31110 

1.31031 

1.22031 

1.21959 | 39 
1.21886 | 38 
1.21814 | 37 
1.21742 | 36 
1.21670 | 35 
1.21598 | 34 
1.21526 | 33 
1.21454 | 32 
1.21382 | 31 
1.21310 | 30 

1.21238 | 29 
1.21166 | 28 
1.21094 | 27 
1.21023 | 26 
1.20951 | 25 
1.20879 | 24 
1.20808 | 23 
1.20736 | 22 
1.20665 | 21 
1.20593 | 20 

1.20522 | 19 
1.20451 | 18 
1.20379 | 17 
1.20308 | 16 
1.20237 | 15 
1.20166 | 14 

1.25717 || 82434 
1.25642 || .82483 
1.25567 || .82531 
1.25492 || .82580 
1.25417 || .82629 
1.25343 |, .82678 
1.25268 || .$2727 
1.25193 || .82776 
1.25118 || .82825 
1.25044 || .82874 
1.24969 || .82923 

1.24895 || .82972 
1.24820 || .83022 
1.24746 || 83071 
1.24672 || .83120 
1.24597 || .83169 
1.24523 || .83218 

1.20323 

1.30244 

1.29541 || .80020 
1.29463 || .80067 
1.29385 || .80115 
1.29307 || .80162 
1.29229 || .80211 
1.29152 || .80258 
1.29074 || .80306 

1.34323 

1.34242 

1.28997 || .80354 | 1.24449 || .83268 | 1.20095 | 13 
1.28919 || .80402 | 1.24375 || .83317 | 1.20024 | 12 
1.28842 || .80450| 1.24301 || .83366 | 1.19953 | 11 
1.28764 || .80498 | 1.24227 || .88415 | 1.19882 | 10 

1.28687 || .80546 
1.28610 || .80594 
1.28533 || .80642 
1.28456 || .80690 
1.28379 || .80738 
1.28302 || .80786 

1.24152 || .83465 
1.24079 || .83514 
1.24005 }| .83564 
1.23931 || .83613 
1.23858 || 83662 
1.23784 || .83712 

1.19811] 9 

1.28225 || 80834} 1.23710 || 83761 | 1.19387 
1.28148 || .80882 | 1.23637 || .83811| 1.19316 

‘ 2 | 1.28071 || .80930 | 1.23568 || .83860 | 1.19246 
1.32704 || 78129 | 1.27994 |] .80978| 1.23490 || 83910 | 1.19175 

an a) > on a 

~ | orirccomenanrce Tang ||Cotang| Tang |/Cotang| Tang ||Cotang Tang 

52° 51° 50° 
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40° 
Tang 

1.19175 

OONAOMUPR WHO 

1.16398 

1.16329 
1.16261 
1.16192 
1.16124 
1.16056 
1.15987 
1.15919 
1.15851 
1.15783 
1.15715 

1.15647 
86521 | 1.15579 

1.15511 
1.15443 
1.15375 
1.15308 
1.15240 
1.15172 
1.15104 
1.15037 

49° 

Cotang 

+ |Cotang| Tang ||Cotang 

aye 

Tang | Cotang 

-86929 
-86980 
-87031 
-87082 
87133 
87184 
-87236 
87287 
87238 
87389 
87441 

1.14969 

1.14363 

1.14296 
1.14229 
1.14162 
1.14095 
1.14028 
1.13961 
1.13894 
1.13828 
1.13761 
1.13694 

1.13627 
1.13561 
1.13494 
1.13428 
1.13361 
1.13295 
1.13228 
1.13162 
1.13096 
1.13029 

1.12963 
1.12397 
1.12831 
1.12765 
1.12699 
1.12623 
1.12657 
1.12501 
1.12435 
1.12369 

1.12303 
1.12228 
1.12172 
1.12106 
1.12041 
1.11975 
1.11909 
1.11844 
1.11778 
1.11713 

1.11648 
1.11582 
1.11517 
1.11452 
1.11387 
1.11321 
1.11256 
1.11191 
1.11126 
1.11061 

48° 

1.15037 

:93034 
-93088 
-93143 
93197 
93252 

42° 
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43° 
Cotang || Tang | Cotang 

1.11061 |} .93252 | 1.07237 | 60 
1.10996 || .93306 | 1.07174 | 59 
1.10931 || .93560] 1.07112 | 58 
1.10867 || .93415 | 1.07049 | 57 
1.10802 || .92469 | 1.06987 | 56 
1.10737 || .93524 | 1.06925 | 55 
1.10672 || .93578 | 1.06862 | 54 
1.10607 || .93633 | 1.06800 | 53 
1.10543 || .93688 | 1.06738 | 52 
1.10478 || .93742 | 1.06676 | 51 
1.10414 || .93797 | 1.06613 | 50 

1.10349 || .93852 | 1.06551 | 49 
1.10285 || .93906 | 1.06489 | 48 
1.10220 || .93961 | 1.06427 | 47 
1.10156 || .94016 | 1.06365 ! 46 
1.10091 |} .94071 | 1.06303 } 45 
1.10027 || .94125 | 1.06241 | 44 
1.09963 |} .94180 | 1.06179 | 43! 
1.0999 |} .94235 | 1.06117 | 42 
1.09834 || .94290 | 1.06056 | 41 | 
1.09770 || .94345 | 1.05994 | 40} 

1.09706 |} .94400 | 1.05932 | 39 | 
1.09642 |} .94455| 1.05870 | 38 
1.09578 || .94510| 1.05809 | 37} 
1.09514 || .94565 | 1.05747 | 36 | 
1.09450 || .94620| 1.05685 | 35 
1.09386 || .94676| 1.05624 | 34 
1.09322 || .94731]| 1.05562 | 33 | 
1.09258 || .94786] 1.05501 | 32 
1.09195 || .94841 | 1.05439 | 31 
1.09131 |] .94896] 1.05378 | 30 

1.09067 || .94952 | 1.05317 | 29 
1.09003 || .95007 | 1.05255 | 28 
1.08940 || .95062 | 1.05194 | 27 
1.08876 || .95118] 1.05133 | 26 
1.08818 || .95173] 1.05072 ; 25 
1.08749 || .95229 | 1.05010 | 24 
1.08686 || .95284] 1.04949 | 23 
1.08522 || .95340| 1.04888 | 22 
1.08559 || .95395] 1.04827 | 21 
1.08496 }| .95451} 1.04766 | 20 

1.08432 |} .95506] 1.04705 | 19 
1.08369 |} .95562| 1.04644 | 18 
1.08306 |} .95618 | 1.04583 | 17 
1.08243 || .95673 | 1.04522 | 16 
1.08179 || .95729 | 1.04461 | 15 
1.08116 || .95785 | 1.04401 | 14 
1.08053 || 95841] 1.04340) 13 
1.07990 || .95897 | 1.04279 | 12 
1.07927 |} .95952} 1.04218 | 11 
1.07864 |} .96008 | 1.04158 | 10 

1.07801 |} .96064] 1.04097] 9 
1.07738 || .96120} 1.04036] 8 
1.07676 || .96176| 1.03976] 7 
1.07613 || .96232] 1.03915] 6 
1.07550 || .95288] 1.02855] 5 
1.07487 || .96344| 1.03794] 4 
1.07425 || .96400] 1.03784] 3 
1.07362 || .96457] 1.03674 | 2 
1.07299 || .96513}| 1.03613] 1 
1.07237 || .96569 | 1.03553} 0 

Tang |/Cotang; Paes") 

47° 

oun Tang 

4¢° 

, 
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44° 
44° 

Cotang 
Cotang 

1.03553 < 1.02355 = 1.01170 

1.03493 & 1.02295 1.01112 

1.03433 . 1.02226 : 1.01053 

1.03372 : 1.02176 990 1.00994 

1.03312 R 1.02117 | 36 : 1.00935 

1.03252 : 1.02057 991 1.00876 

1.03192 x 1.01998 

1.03132 : 1.01939 

1.03072 A 1.01879 

1.03012 | ¢ ‘ 1.01820 

1.02952 ’ 1.01761 

1.02892 2 1.01702 
1.02832 98384 | 1.01642 
1.02772 98441! 1.01583 
1.02713 98499 | 1.01524 
1.02652 .98556 | 1.01465 
1.02593 -98613 | 1.01406 
1.02533 .98671 | 1.01347 
1.02474 98728 | 1.01288 
1.02414 98786 | 1.01229 
1.02355 -98843 | 1.01170 

Tang Cotang| Tang 

45° 
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CHEMISTRY 

1. The Chemical Elements 

In the following table, in every case the atomic number is given aswell as the atomic 

weight. The list is the same as that in International Critical Tables, Vol. I, pp. 43-45. 

The atomic weights are those of 1929. 

| eed Atoric | Atomic rf 
Wame * Symbol ceudiec | weilee Necture 

Actiniunix 2..c3.oteateteet tape se oak = Ac 89 2 
Altumiintiny eee oi Sepsis ae ie siete odie Al 13 26.97 Metal 
Antimony (stibium)........-....-.. Sb 51 121.77 Metal 
AT ORM, See toy Ctete a Mins ris ees ee A 18 39.94 Inert gas 

Arsenite! 2.0.4 14 ead -b e de As 33° || 74.96 Metalloid 
Banitr wa fee a oe meio ede. << ster Ba 56 137.36 Metal 
Beryllium (glucinum).............- Be 4 9.02 Metal 
Bismuth 7274000) (tee ah 7 cle Bi 8&3 209.00 Metal 
Boron }, 0) Nar: > \eaete-o-- Ce ete B 5 10. 82 Metalloid 
Bromine ta ccract. s aeeeieee toes sini =e Br EK 79.916 | Liquid 
Cac eS ee ee etnies eee ae Cd 48 112.41 Metal 
Calcite . Geb | eaten aes an coe Ca 20 40.07 Metal 
Cagbons. Peete. caer eee. so ose cae & 6 12.000 | Metalloid 
Cassiopeium (see lutecium)......... Cp wt | 
Celtium (see hafnium)............. Ct 72 : 

Sehr Pra, ee SRS eye eon Ce 58 _ |140.13 Metal 
Gest emir ect + tpiste kitty. apt ancye = Cs 55 132.81 Metal 
ChlorinGeewes coerce: <i siapie cl 17 35.457 | Gas 
Cnromiet | o. oetians aa shits = Cr 24 52.01 | Metal 
(COBB te aoten asec cans elegy svg 7 Co SB | 58.94 Metal 
Columbium (niobium)...........-. Cb 41 93.1 Metal 
CODER (CUD ite tien ee scsi « Cu 29 63.57 Metal 
TONS DTOSIMID case eieses ees omer Packie « Ds or Dy 66 162.46 Metal 
Ord Oars WRN TOILE © OEIC TSS Ie ae Er 68 167.64 Metal 
ESRLEODNUI cee ttt ees ote sic rie eka baets Eu 63 152.0 Metal 
BlaorinGcye crests fo crest oy ce Sisters s.sus F 9 19.00 Most active gas 
Gadolinium té. Wise SEH Maa... Gd 64 157.26 Metal 
Gallium .ss...c)< coalenteseieh 2a'S: « Ga 31 69.72 Metal 
Germanium... .seaisetateton dems st Ge 32 72.60 Metal 
Glucinum (same as beryllium)...... Gl 4 
Gold: (aurum) nus th sae cpeciowh ~~ Au 79 19722 Metal 
Hafnium (GCeltium):...p)): 3 igre - Hf 72 178.6 Metal 
Helium. ..... 5 «ssisdy he mepelo reece - He 2 4.002 | Inert gas 
Hobnium..... osssistek peeserccek « Ho 67 163.5 Metal 
HIVGrogen.. 0.75 caters mga: + H 1 1.0078| Lightest gas © 
PGPUI | 5: 5..;4 sc Se ee nee ee halos = In 49 114.8 Metal 
Todine .}:).aaitaatite dsteonatams BONS. at! I 53 126.932 | Metalloid 
Tridiurmyaile). ottawd. hotsiess . ahset Ir 77 193.1 Metal 
Tron ((LErrunh) sateen cere eerste heats Fe 26 55.84 Metal 
Kryptonsin seekers ieee ease Kr 36 82.9 Inert gas 
Lanthanum. cn acm asatsesis be sess La 57 138.90 Metal 
Lead (plumb) ccc tn scpacsat Pb 82 207.22 Metal 
Lithium,,; sseaeeatanetiese ts sec Li 3 6.940 | Metal 
Lutecium (cassiopeium)..........6.. Lu 71 175.0 Metal 
Magnesium oy... cc cemrase: bens poe Mg 12 24.32 Metal 
Manganese so nonin ee padsysiaseh ad Mn 25 54.93 Metal 
Masurium.,,,... seeemtiseteyprietaccetans Atens ace Ma 43 
Mercury (hydrargyrum)........... Hg 80 200.61 Metal 
Molybdenum: hence se sie ereiciets we Mo 42 96.0 Metal 

* Names of the more abundant elements are in bold-face type 
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Atomic | Atomic 
number | weight 

Niobium (see columbium).......... 
Niton (see radon)... ......0.0.05 0% 

Beprouains, $900 ATOR eo are tah oe 
Potassium (kalium)............... 
ER ASCOOYAIIEINER co) 5 5a, cis's ta lees Ske atau c 
EEOC EECINND 6 55 erent wins haem vty 

Silver (argentum)................. 
SINE (TEA CTIUIN) «oo. crs ce + eggs os anes 
Ba LET Cog ead labia aiaeate Page 

ORION TAS re eg ee See ee 
Uranium—X9( sotope of protoactinium) 
Vapadiom jimi oof. aeboreby. it 

Sa or Sm 

10 20.183 
28 58.69 
41 
86 
7 14.008 

76 190.8 
8 16.000 

46 106.7 
15 31.02 
78 195.23 
84 (210) 
19 39.10 
59 140.92 
91 ~ 
88 22D ou, 
86 222 
86 222. 
75 188.7 
45 102.91 
37 85.44 
44 101.7 
62 150.43 
21 45.10 
34 (bees 
14 28.06 
47 107.880 
11 22.997 
38 87.63 
16 32.06 
73 181.5 
52 127.5 
65 159.2 
81 204.39 
90 232)..12, 
69 169.4 
50 118.70 
22 47.90 
74 184.0 
92 238.14 
91 (234) 
23 50.96 
54 130.2 
70 173.6 
39 88.92 
30 65.38 
40 91.22 
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Nature 

Metal 
Inert gas 
Metal 

Gas 
Metal 
Gas 
Metal 
Metalloid 
Metal 

Metal 
Metal 

Metal 

Metal 
Metal 
Metal 
Metal 
Metal 
Metalloid 
Metalloid 
Metal 
Metal 
Metal 
Metalloid 
Metal 
Metalloid 
Metal 

Metal 
Metal 
Metal 
Metal 
Metal 
Metal 
Metal 

Metal 
Inert gas 
Metal 
Metal 
Metal 
Metal 

A Chemical Element is a substance that can not by any ordinary means 
be separated into two or more different substances. This definition does not 

exclude the possibility of decomposing an element into others by radioactive 
or similar agencies. Chemical Compounds are pure substances which can, 
by ordinary chemical means, be separated or decomposed into different 

elements, or which can be made by combining different elements. The 
molecules of a compound are regarded as aggregates of smaller particles of 
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the-élements, known as atoms, into which the compound can be broken up. 

The atoms are regarded the smallest mass-elements which occur separately 

in the structure of the molecules of either compounds or elementary sub- 

stances, so far as can be determined by ordinary chemical means. The mole- 

cule of an element consists of a definite (usually small) number of its atems. 

The molecule of a compound consists of one or more atoms of each of its 

several elements, the numbers of the various kinds of atoms and their arrange- 

ment being definite and fixed, and determining the character of the com- 

pound. 

Although the atom is the smallest mass of any element that can exist either 

alone or in a compound, it is itself complex, being made up of charges of 

positive and. negative electricity. Various theories concerning the structure 

of the atom have been proposed. Bohr, whose ideas have at present the most 

supporters, believes that in the atom there is a central nucleus made up of 

one or more’charges of positive electricity, the protons in close connection 

with charges of negative electricity, the electrons. Around the nucleus 

revolve other electrons in definite orbits. By deductions from,.and ampli- 

fication of, Bohr’s theory, it has been found possible to account for the more 

important chemical and physical properties of the elements. in. a consistent 

and logical manner. The property of an element. which is in many ways 

the most important is its atomic weight or the mass of one atom compared 

with the mass of an atom of oxygen, which by definition equals 16,000. 

The atomic number of an element represents the position of the element 

in the series of elements arranged in the order of their atomic. weights 

from hydrogen = 1.0078 to uranium = 238.14. It is equal to. the number 

of electrons outside of the nucleus. 

Radioactivity is one of the consequences of the structure of the atom, and 

is evidence of the loss of protons or electrons. When such loss occurs, not 

only are the various types of rays emitted, but the complex which remains. is 

found to be an element of lower atomic number. Thus when uranium: (at. 

no. 92) breaks down, it yields helium and lead (at. nos. 2. and.82). Ordinary 

lead has an atomic weight of 207.22, while that from uranium has the atomic 

weight 206.06. Thorium (at. no. 90) in breaking down yields helium and 

lead which has the atomic weight 208.00. The name isotope is applied to 

the different forms of lead and of other elements which are formed ina simi- 

lar way. A third of the elements may exist in only one form; the other 

two-thirds must exist in two or more forms. Little has been done on the 

separation of the elements into their isotopes. 

2. Combustion and Fuels 

Carbon is the principal constituent of solid, liquid, and gaseous fuels; it is 

either free, as in charcoal and coke, or combined with hydrogen, oxygen, or 

with both. In burning, the carbon and hydrogen combine with oxygen 

from the air, yielding, when combustion is complete, carbon dioxide and water 

vapor. ‘When insufficient air is admitted over the bed of fuel, or into the 

fire-box when liquid or gaseous fuels are used, much of the fuel may be lost, 
either as free carbon (smoke, soot) or in the form of unburned gases, especially 
carbon monoxide. It is almost impossible to attain complete combustion 

of solid fuels by forcing air under the grate and through the bed of coals, 
because part of the carbon dioxide formed near the grate is reduced to carbon 
monoxide on passing through the overlying layers of hot fuel.- This mon- 
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oxide, which has a high heating value, can be burned completely only 
when a plentiful supply of air is admitted over the bed of fuel: The blue 
flames seen when anthracite, coke, or charcoal is burned are due to carbon 
monoxide. It is not economical to supply sufficient air by forced draft 
through the fuel, because the excessive temperatures rapidly burn out the 
grate bars, and also because of the increased mechanical wear on the. boiler 
tubes due to the greater number of fine particles of coal and ash driven 
through them. 

Wood consists mainly of lignin and cellulose, compounds of carbon with 
hydrogen and oxygen, together with varying amounts of water and mineral 
matter. The latter largely remains behind in the ash. 

Charcval is made by piling wood into heaps which are covered with earth, 
leaving a few small openings to admit a limited amount of air and allow the 
products of combustion to escape when the wood is ignited. When sufficient 
wood has burned to insure thorough charring (‘‘destructive distillation’’). of 
the remainder, the openings are closed and the pile allowed to cool completely. 
By this method of making charcoal only a little tar is obtained and all the 
volatile constituents are allowed to escape. When wood is heated in closed 
retorts, large amounts of tar, creosote, wood or methyl alcohol, acetone, and 
pyroligneous (acetic) acid, etc., are obtained. The yield of charcoal is also 
nearly doubled. Charcoal consists of carbon and the mineral matter of the 
wood. Its value in metallurgy is due to its low content of phosphorus and 
sulfur. © The calorific value of charcoal is about 75% that of anthracite. 

Peat is formed by the partial decay of mosses and other bog plants under water. 
Even when compressed and dried it contains much water and its mineral content may 
be high. Its calorific value is 3000 to 4000 cal. per kg. 

Lignite or brown coal, is 2 stage beyond peat in the formation of coal. It contains 
much moisture and ash and is often high in sulfur content. Its calorific value is 
4000 to 5500 cal. per kg. Owing to its large amount of volatile matter, lignite burns 
with a long, smoky flame. 

Bituminous Coal is formed by the further transformation of lignite by heat 
and pressure. It comprises many varieties, including gas, coking, steam, and 
cannel coals. They differ principally in their content of volatile matter, the 
“fat” coals having at times as high as 50% of compounds of carbon and hydro- 
gen, which are readily driven off by heating. The length of flame of burning 
bituminous, coal depends on the percentage of volatile matter 

Anthracite Coal is produced by the further action of heat and pressure 
upon bituminous coal, whereby nearly all the volatile constituents are driven 
off, leaving mainly carbon and mineral matter. These coals burn with little 
flame and smoke, and donot cake. Their calorific value may be 9000 to 9500 

cal. per kg. 

Coke. As charcoal is the residue left by heating wood in retorts or partially 
burning it with a limited air supply, so coke is made by heating bituminous 
coals. In some types of coke ovens the gaseous and liquid products formed 
by the destructive distillation are allowed to escape into the air; with other 
types of ovens this loss is not permitted and valuable by-products are obtained, 
such as ammonia, fuel and illuminating gas, and coal tar. Coke is mainly 
carbon, but contains also the mineral constituents of the coal. It is low in 
volatile matter and sulfur. Upon this and its infusibility and resistance to 

crushing depends its value as a fuel in blast furnaces. Its calorific value 
is about 90% that of the much more expensive anthracite. 



246. Chemistry Sect. 3 

Chemical Examination of Coal and Coke. The heating value of any fuel 

can be determined conveniently by means of one of the numerous forms of 

bomb calorimeters. But this leaves unanswered many questions which have 

a very practical bearing, for example, the percentages of volatile matter, 

sulphur, and ash, and the amount of coke the coal will yield. In general, 

the lower the percentage of ash the better the quality of the fuel. The only 

mineral constituent that has any heating value is the sulfur of pyrites. 

But as sulfur is injurious in practically all metallurgical operations and the 

oxides of. sulfur have a corroding effect upon boiler tubes, etc., a coal high 

jn either pyritic or organic sulfur is undesirable. Gas coals and coal for 

use in certain metallurgical operations requiring long reducing flames should 

be high in volatile matter. Coals that are to be worked économically for 

coke may be low in volatile matter, but must possess the property of partially 

fusing or caking together when heated in the ovens. 

In taking samples, for calorimetric determinations or for chemical analysis, the 

accepted method is to select a large number of pieces, representing as nearly as possible 

in size, etc., the whole load. These must be chosen from all parts of the coal to be 

tested and taken from the top and down through the whole mass. These lumps should 

then be broken into nearly uniform size, thoroughly mixed together, and a smaller 

sample obtained by “ quartering.” If this sample is still too large it should be further 

broken up and again quartered until a sample that can readily be enclosed in air- 

tight jars is obtained. In sampling at the mine, the coal should be cut from a freshly 

exposed face, and the sample, after quartering to suitable size, should fairly represent 

not only the actual coal but also the interpenetrating veins of shale, etc., if these are 

regularly mined with the coal. It is very important to prepare the sample, not only 

with great care but also as rapidly as possible, to minimize the inevitable loss of 

moisture in breaking up the lumps. This explains the necessity of placing the fuel 

sample in air-tight receptacles, such as fruit jars with rubber rings. The volatile 

matter in coal is highly explosive when mixed with air in the proper proportion; there- 

fore care should be taken to ensure thorough ventilation of all places where coal, 

especially bituminous, is stored, 

3. Liquid and Gaseous Fuels 

Crude Petroleum is the most important of the liquid fuels. It owes its 

importance not only to its comparative cheapness but also to the ease with 

which it is handled and its high efficiency, which is two or more times that of 

anthracite. It is usually burned in the form of a spray obtained by means 

of a blast of air or superheated steam. Petroleum residues and coal-tar 

residues are also burned to some extent. Their calorific value is not as 

great as that of crude petroleum, but may run as high as 16 000 cal. 

Gasoline is the lowest boiling distillate from crude petroleum, or from the “ crack- 

ing ” of the higher boiling fractions by high temperature, usually under excess pressure, 

and sometimes in the presence of catalysts which facilitate the breaking down of the 

more complex hydrocarbon molecules into simpler ones. Casinghead gasoline is con- 

densed from natural gas by compression and cooling, before the gas enters the mains 

through which it is distributed. It is too volatile to be used alone for ordinary pur- 

poses, but large quantities of it are-mixed with the other forms. of :gasoline.- Each 

of the kinds of gasoline is a mixture of hydrocarbons containing different percentages 

of carbon and hydrogen. When mixed with the proper amount Gf air the vapors form 

a mixture which is readily ignited and burns with explosive violence. If the vapor is 

largely in excess of the proportion needed for complete combustion the force of the 

explosion is weakened, so that, apart from the actual loss of unburned gases, the fuel 

is not used economically. There is a similar loss in power when too much air is present. 

For the complete combusion of one cubic foot of the vapor of the hydrocarbon hexane, 
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CeHys, 45.2 cu. ft. of air are required, whereas the same volume of heptane (C7Hy.) 
vapor requires 52.4 cu. ft. of air, or 16% more. 

The chief use for gasoline is as the fuel for internal-combustion engines. Most of it 
is used without the addition of anything else, but there are on the market various 
mixtures of gasoline with benzol from coal tar, and with alcohol. The value of a moto- 
fuel depends not only upon its volatility and calorific value, but also upon its ‘ anti- 
knocking ’’ characteristics, upon the degree to which the mixture of its vapor with air 
can be compressed without pre-ignition, upon its relative freedom from sulfur com- 
pounds, which yield sulfuric acid when burned, and upon other factors. 

Natural Gas is the most efficient as well as the cheapest of all fuels, though 
its use is of course limited by the distance to which it can be economically 
piped. It consists mainly of methane, CHg, with 10% or less of hydrogen 
and other gases. Methane is also known as marsh gas, from its abundant 
formation when vegetable matter decays under water. The name fire damp 

refers to its occurrence in coal mines, where it is one of the causes of explosions. 

Coal Gas which is made by distilling bituminous coal in retorts, contains 
80 to 85% of a mixture of nearly equal parts of hydrogen and methane, with. 
much smaller amounts of oxygen, nitrogen, carbon monoxide and dioxide, 

etc. It is used to some extent in gas engines, and as a fuel. 

Water Gas is formed by the action of superheated steam upon white-hot coal or 
coke. The steam gives up its oxygen to the carbon of the fuel, forming carbon mon- 
oxide, CO, and leaving hydrogen, thus, C + H20 = CO +2H. The reaction is 
endothermic, that is, it requires the addition of heat, so that it is necessary to cut off 
the steam every few minutes and reheat the fue! by an air blast. Water gas consists 
of about 45% each of hydrogen and carbon monoxide, with small percentages of oxygen, 
nitrogen, carbon dioxide, etc. The first two gases burn with very hot, non-luminous 
flames. For use as an illuminant is must be ‘‘enriched” with naphtha or other similar 

oil. 

Producer Gas is made in much the same way as water gas, except that only air and 

no steam is passed through the incandescent coal or coke. The carbon is burned to 

carbon monoxide, which makes about 25% of the gas. Small amounts of hydrogen, 

methane, and carbon dioxide are present. There is also nearly 65% of nitrogen from 

the air which is used. This is unavoidable, though the presence of such a large amount 

of inert gas reduces the thermal efficiency. The reaction whereby carbon is burned to 

carbon monoxide is accompanied by the evolution of about one-third the total heating 

value of the fuel. It is evident that if the gas can be burned without allowing it to cool, 

a great saving of heat can be effected. This is not always feasible and it is the practice, 

with some forms of producers, to pass some steam with the air, thus making a mixed 

water-producer gas. The heat which would otherwise be lost is used up in forming 

water gas, and the resultant fuel gas has an increased fuel value. It is much more 

economical to convert the fuel into producer gas and use it in explosion engines than 

to burn it under steam boilers. 

4. Explosives 

The Fundamental Property or an explosive is that when ignited or sub- 

jected to a sudden shock it shall decompose, or its components react, sud- 

denly yielding a relatively large volume of highly heated gas. This definition 

includes not only gunpowder, nitroglycerin, and similar substances, but 

mixtures of inflammable gases and vapors with air; or even coal dust, fine 

sawdust, or floursuspended in the air. The last three have all been the cause 

of disasters, the reason being that when some of the particles are ignited 

the flame is rapidly communicated to adjacent ones, yielding large volumes 

of highly heated gaseous products of combustion, in addition to which the 
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surrounding air is also heated. Thus, one gram of anthracite, of specific 

gravity 1.5, occupies a volume equal to only 2/3 cubic centimeter. If it con- 

tains 95% of carbon, it will yield when burnt about 1761 cc., or 2642 times 

its own volume, of carbon dioxide measured at 0° C. and 760 mm. pressure. 

If suspended as dust in a large volume of air and burned in a fraction of a 

second, it is evident that the large amount of hot gases must expand with 

explosive violence. 

Gunpowder is a mixture of 75 parts by weight of saltpeter, or potassium 

nitrate, 15 parts of charcoal, and 10 parts of sulfur, made by grinding the 

ingredients together with enough water to moisten the mass. It is then 

compressed into a cake and broken into grains, which are glazed by revolving 

with graphite and sorted into sizes by sieves. The larger grains are used for 

blasting, and the smaller ones for small arms. Blasting powder is frequently 

made with the cheaper Chile saltpeter, or sodium nitrate, which produces a 

cheaper and less powerful powder than that made from ordinary saltpeter. 

Chile saltpeter, however, has the disadvantage of absorbing moisture from 

the air, and powder made from it cannot be kept too long or stored in a damp 

place. The proportions used are 73 parts of Chile saltpeter, 16 parts of 

charcoal, and 11 parts of sulfur. 

Guncotton, Nitrocellulose, typical of the second class of explosives, is made 

by the action of a mixture of nitric and sulfuric acids upon cotton. When 

only moderately strong acids are allowed to act on the cotton for a short 

time, the product is pyroxylin, or soluble nitrocellulose, used for making 

collodion and celluloid. By longer action with more concentrated acids, 

guncotton is formed. It is then washed in a machine of the kind used for 

making paper pulp to remove all traces of acids that might cause spontaneous 

explosions. While still moist, it is compressed into blocks or sticks. Gun- 

cotton is usually stored and transported in a moist condition, and can be ex- 

ploded without drying. It is comparatively safe to handle, as ordinary shocks 

do not explode it readily. In the open, it burns with extreme rapidity. 

Nitroglycerin is made by the cautious addition of glycerin to a well-stirred 

and cooled mixture of the strongest nitric and sulfuric acids. The oily 

product is washed to remove all traces of acids that might cause spontaneous 

explosion. Under the most favorable conditions, nitroglycerin is not safe 

to handle. The fact that it is a liquid with consequent liability to leakage 

from containers greatly increases the danger of transportation and storage. 
For this reason, it is commonly mixed with some absorbent or transformed 

into a gelatinous mass. 

Dynamite is a mixture of nitroglycerin with infusorial earth, powdered 
“rottenstone,” or similar porous material, known as “‘dope.”’ Instead of 
these inactive dopes that take no part in the explosion, explosive mixtures 
are often used to absorb the nitroglycerin. Gunpowder is one of these. 
Dynamite consisting of 40% nitroglycerin, 44% sodium nitrate, 15% wood 
pulp, and 1% calcium carbonate, is an example of dynamite with an active 
dope. 

Explosive gelatin is a jelly-like mass made from a solution of soluble nitrocellulose 
in nitroglycerin. Too powerful for common work, it is used with success for very hard 
rock in tunnels. Gelatin dynamite is a mixture of explosive gelatin with a dope such 
as sodium nitrate and wood pulp; it is not so powerful as the straight gelatin. Smoke- 
less powder is a general term covering many modifications of explosive gelatin, and 
mixtures of nitrocellulose with nitrobenzene, etc.; they are usually given fanciful 
names, as ballistite, cordite, indurite, and so forth. Nitroglycerin and mixtures con- 
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taining it are all liable to freeze at moderately low temperatures. They cannot be 
used satisfactorily in that condition, and should not be thawed by placing them near 
a fire or on steam pipes but by leaving them in a warm chamber kept at a temperature 
not over 90° F. 

Picric Acid or trinitrophenol, is made by the action of nitric and sulfuric 
acids upon phenol (carbolic acid). It is a yellow, crystalline substance, 
formerly used only as a dye for silks and so forth. For years it was not 
known as an explosive, but it is now known that it will explode with great 
violence when detonated. If ignited, it wWSually burns without exploding and 
is not very susceptible to shock. Lyddite, melinite, and shimose are composed 
of picric acid. Some of the salts, or picrates, are exploded by slight blows. 

Nitrocellulose, Nitroglycerin, and Nitrostarch are true nitrates, as they all 
contain the atomic group NO3. They are chemically quite different from the 
true nitro-compounds, such as picric acid, which contain the atomic group 
NO». Benzene, toluene, naphthalene, and other substances obtained from 
coal tar yield nitro-compounds when treated with nitricacid. The best known 
of these is trinitrotoluene, or ‘‘TNT,’’ which was used in such enormous quan- 
tities in the Great War. These are all more or less unstable and are used as 
components of explosives, mixed with either ammonium nitrate or other ni- 

trates, or with chlorates, which are good oxidizing agents, or they may be 
used in dynamite because they lower the freezing point of the nitroglycerin. 
Rack-a-rock, roburite, bellite, and securite are typical of the explosives made 
from these nitro-compounds and oxidizing agents. 

A Detonator contains a high explosive, too powerful and unstable to be 
employed alone, which by its sudden disruptive force brings about the instan- 
taneous explosion of a large amount of a more stable explosive. The ones 
commonly in use consist of copper capsules containing a definite amount 
of a mixture of chlorate of potash and mercury fulminate, which is exploded 
either by a fuse or a wire heated electrically. The fulminate is made by 
mixing a solution of mercury in strong nitric acid withalcohol. The gray, 
crystalline powder which is precipitated must be well washed to remove all 
acid. | It is sensitive to shock and may explode even when wet. 

Explosives must be selected with reference to the character of the work. For quarry- 
ing building stone, those that act slowly, with little shattering effect, must be chosen. 
When the stone is to be crushed after quarrying, or for breaking up rock so that it can 
be handled by a steam shovel, a quick shattering effect is desired. In all open work, the 
character of the gases arising from the explosion may be disregarded, but in tunnels 
or mines, especially if not well ventilated, this factor is of great importance. No 
explosive is absolutely safe in this respect. In coal mines, where the presence of fire 
damp (methane) is a menace, no explosive giving a long flame or a high heat of detona- 
tion should be used. Even in the absence of gas, there is danger of igniting the coal 

dust. 

Explosives should be stored in a dry place so that the sodium or ammonium nitrates 
will not take up enough moisture to lessen their power. But if in too dry a place, they 

may lose the moisture they naturally contain, which will change their speed of explo- 

sion and thus modify the character of the results obtained. Explosives should not be 

stored for a longer time than absolutely necessary, on account of the possibility of 

chemical changes taking place in the nitro-compounds most of them contain. 
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PHYSICS 

5. Physical Properties of Solids 

The properties of substances nominally the same differ so widely that it 

would be misleading to give more than two or three significant figures in 

most cases without such detailed specification of conditions as would make 

the tables too voluminous. Lower and upper limits of values found for 

different specimens are given when warranted by the data available. 

Physical Properties of Rocky Materials 

*Coeffii- 
cient of F 

Specific heat Sppeific linear cE at 

ity | - avity expan- 

Substance a a ene | (Mean || Substance wi aA Boas Sie: 

: | Oo : 
density, (Mean 100°C.) density! gn 100°C.) 

100°C.) 

i | 

Asphaltum.... } be: [richie latte «fates Granite... | at Zeer Boye 

Dee fallcesre xcs 0.20. || =. NE ates idee: Sink eae 

aes Paes es { Bee eee 0.24 \\Graphite:-y 1 o'7 l 2.5 | 0,20 

Brick ieiteice } oe mh eat Greenstone | 25 iG eee lee F | 
. “ 4, Wage SS Srr ss wees | 

Cement,t loose. | Le tse Be ASSET pate eg ike | aie aaa | 

choy oe FlHO.0@ |B, Po: as enn] 2.8 | 16.0 | 0.22 | 
; rhe 3.2 14.0 O21 P nas J 2.3 20 °ViRneen Bre 

. orcelain.. + 0.0 

Coal Anthracite {| Bet [esse eee) wewees Lf eQeSdel 200 salary gee 

i Nil ed anil 20 d $e} Das fry -O valet -rerglets 
: SEMI Sandstone. 

Coal, bitu- if FP) ca (REAR SO DA tel O20) al Gs mee 

minous...... Dio sei bs: erets var-iapll Srevepnrnie:» . 5 LOS OS © Pb PRIS 

eat ree | 100 en. SErpsniine: 59 Tig? aaywod 83 0.26 
seme: so Cane a Ma Cl ea oe OS HY Gee 2 F400. 27 

lane 2. SO: Sic sae cae ( Ps 10.0 0.65 

Bayt ee 5.9 1°40,0° | OVS rer esgues Vib oite date calling ae 

Glass (Quartz)...| 2.6 ors "Oo. 48 Bi bh ia Jen chen phoning Lait = 3 

Glass (Jena 16M1).]....... Boa Meats 
DeAsE utah bis 6 0.20 ||Terra cotta..| 1:97 |... 2... [- eee ee 

7 

* Divide each number in this column by 1 000 000. + Portland. 

Mohs’ Scale of Hardness: 1. Talc; 2. Gypsum; 3. Cale spar; 4. Fluorspar; 

5. Apatite; 6. Feldspar; 7. Quartz; 8. Topaz; 9. Sapphire; 10. Diamond. 

Density. The terms True Density and Apparent Density are used in describing 

certain porous bodies to distinguish between the density of the substance and the 

average density of the substance plus the pores. The terms Density and Specific 

Gravity are synonymous in engineering work. 

Thermal Conductivity. The value given in the tables is the number of gram- 

calories that will pass per second through every square centimeter of a plane section 

within the substance when the temperature is uniform over the section and falls 

along the normal to it at the rate of 1° C. per cm. 

1 gm.-cal. per sec. per sq. cm. for a temperature gradient of 1° C. percm. = 360 kg.- 

cal. per hr. per sq. m. for a temperature gradient of 1° C. per m. = 2.90 X 103 B.t.u. 

per hr. per sq. ft. for a temperature gradient of 1° F. per in. 
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Electrical Resistivity. Each value given in the table of metals and alloys is the 
resistance in microhms between the opposite faces of a cube 1 cm. on each edge when 
at 18° C. (64.4° F.). This increases )R for every degree C., or 5/9 6 R for every degree 
F., that the temperature of the substance exceeds 18° C. 1 microhm to the sq. cm. of 
cross-section per cm. of length = 6.015 ohms to the circular mil of cross-section per 
foot of length. 
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6. Properties of Water and Gases 

1 Standard Atmosphere is the pressure that will support a column of mercury 
76 cm. = 29,921 in. high at 0° C. at a place where g = go ='980.665 cm. per sec. 
‘per sec. 

Specific Heat of Water. (From Kohlrausch, 1910) 
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Boiling Point of Water in Centigrade Degrees. (From Wiebe, 1910) 
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Common Gases. (From Kohlrausch, 1910) 

: } | 
segs | Water dissolves 

- eat 
Specific Mo-| (0°- Meit- | Boil- cu. cm. T 

gravity | tecu-|200°C.)| °P ing gogo ees, Sy 

Gee Ory lar | con- | Cy | point | point | | bol 

ates od mass |s stant). tei). Cou) SNe all eae At 
pres- | “wriein BOZO C. 
sure | 

Air (free of! 
COg)....| 1.2928/28.98) 0.238 |1.40)....... —193 29 19 Air 

Acetylene..| 1.1759|24.02|....... 1.26|— 81.5|— 83.6 1730 1030 CeHe 

Ammonia..| 0.7708|17.03} 0.52 |1.32)— 78 |— 33.5 (12 x 10°)|(7 X 10°) NH3 

Carbon di- ‘ 
oxid....| 1.9768/44.00| 0.218 |1.30;— 57  |— 78.2 (41800) (900) \CO2 

Carbon | 
monoxid.| 1.2503/28.00] 0.243 |1.41)—207 |—190.0 35.4 23.2 NCO 

Chlorine.. .| 3.2197|/70.92| 0.121 |1.32|—102 |— 33.4 (4600) (2300) |Cle 

Hydrogen. .|0.0898H)2.016) 3.41 |1.41;—259 |—252.6 21.1 18.1 |He 

Nitrogen. .|1.2507 |28.02|-0.244 |1.41]—210.5|—195.7) 23.5 15.4 \Ne 

Nitrous | 
oxid......11.9777, |44.02})0.225 |1.28|;—103 |—90 | 1300 650 |N2zO 

Oxygen... .)1.4292 |32.00| 0.220 1.40, —227 — 182.8) 48.9 | 31.0 O2 

* Numbers in this column to be divided by 1000. + These columns contain the 
number of cubic centimeters of gas that will be dissolved at a barometric pressure of 
76-centimeters in one liter of water. + This column gives the ratio of the specific heat 
at constant pressure to that at,constant volume. 

Freezing Mixtures. (From Hiitte) 

Kiba (= an eee 
Temperature | Temperature 

Parts falls °C. Parts falls °C. 

Mixture by “ by 

mass | From | To mass | From 

Common.salt (NaCl)... ce. eee ee eee 
Snow) oot |. Oss. BON. DRT. ght 

Sal,ammoniac,(NHaCl).. . 4.2 2.2.05 
Saltpeter-KKINQ®) 6.5 <ie eaate cis i oes 

Or FPR AUN NW Wr 
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7. Light and Illumination 

The Unit of Light Intensity is the international candle, as agreed upon by 

England, France and the United States in July, 1909. The Hefner, which is 

the legal unit in Germany and certain other European countries, is 9/10 of the 

international candle. The international candle is maintained by the National 

Bureau of Standards at Washington, by means of groups of carbon filament 

incandescent electric lamps. 

The relations between other units of light intensity are: 1 international candle = 

1 pentane candle = 1 bougie decimale = 0.104 Carcel unit = 1.11 Hefner Kerze. 

Candlepower is luminous intensity expressed in candles. Light sources 

_ are measured in horizontal candles, in spherical candles, or in lumens. One 

spherical candle is equal to 4 7 (12.57) lumens. 

The Color of Light is determined by its spectral distribution and is the 

subjective evaluation by the eye of the quality of light flux. The easily 

visible spectrum extends from about \ = 380 mp, to \ = 780 mp, violet to 

red. 

Wave-lengths, \, are commonly expressed in microns (#) or millimicrons (mz), 

1 micron (uz) = 103 millimicrons (mz) = 10-3 mm. 

The Speed of Light in a vacuum is approximately 300,000 kilometers per 

second (186,000 miles per second.) (The most recent measurements, made 

by Michelson in 1926, give a value 299,796 km. per sec.) 

When a ray of light strikes the plane surface of a transparent body, in passing to an 

optically denser medium, it is refracted toward the normal to that plane. The ratio 

of the sine of the angle between the original ray and the normal to the sine of the angle 

between the refracted ray and the normal is called the index of refraction. 

The ratio of the speed of light in a vacuum to that in any substance is equal to the 

index of refraction of the substance. 

Incandescent Electric Lamps are the generally used light sources. These 

lamps are rated commercially in total watts at a definite voltage or current, in 

lumens, or in spherical candles, depending on size and type. Lamps for ordi- 

nary lighting service on multiple circuits are designated in watts; lamps for 

street lighting service on series circuits, in lumens; and lamps for automobile 

service, in spherical candles. Inside-frosted lamps have replaced clear and 

frosted lamps up to and including the 100-watt size for general lighting 

service. 

Standard specifications for the purchase of incandescent lamps have been issued by 

the Bureau of Standards, Washington, D. C. 

Illumination is measured in foot-candles. A point source of one candle 

(4 @ or 12.57 lumens) produces an illumination of one foot-can dle on a surface 

1 ft. from the source. A foot-candle is equivalent to one lumen per square 

foot. The light output, or luminous flux of lamps should be redirected by 

shades and reflectors for good illumination. Tiiuminations of from 10 to 15 

foot-candles are considered good practice in lighting offices and drafting 

rooms. 

Direct sunlight from the noon-day sun gives an illumination of from 6000 to 10 000 

foot-candles; full moon about 0.02 foot-candle. Daylight illuminations vary very 

greatly. 

The Absorption, Transmission and Reflection of materials used as enclos- 

ing, diffusing and refiecting devices, and the color and surface of wal
ls, ceilings 

and surroundings affect interior illumination obtained from light sources of 

definite light output. 
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Polished silver reflects approximately 92% of the incident light flux, aluminum 
68%, nickel 65%, silver-backed glass 88%. Enclosing and diffusing glassware, as 
commonly used on lighting units, transmits from 75% to 85% of the incident light. 

8. Microscopes and Telescopes 

Magnification, increasing visibility of detail, is secured by bringing the 
image of an object nearer to the eye, or by any other means of increasing the 
visual angle which the object subtends. Vision with the unaided normal eye 
is, however, most distinct at a distance of 25 to 30 cm. because the accommo- 
dating mechanism of the eye is unable to focus sharply on the retina points 
nearer than this. A magnifying optical system produces in effect the required 
increase in the visual angle while forming an image (real or virtual) farther 
from the eye than the least distance of distinct vision. Often the arrange- 
ment is such that the eye views a virtual image at an infinite distance, so that 
the muscles of accommodation may be completely relaxed. 

The Simple Microscope (Fig. 1). A single converging lens if placed closer 
to an object than the principal focal length produces an enlarged virtual 

_s=3 image, which is seen 
EE os ‘on looking through 
soe \4' the lens. The mag- 

nification produced is 
1+ d/f for an eye 

; whose least distance 
| of distinct vision is d. 
j 
i} 

Asimple plano-convex 
.j lens, with the plane 

side toward the eye, 
gives good images for magnification less than eight diameters, that is, with 
focal lengths greater than about 3 cm. The image may be much improved, 
especially where the magnification is considerable, by the use ‘of special 
combinations of lenses designed to reduce spherical and chromatic aberration 
so as to give a fairly large field of view approximately free from distortion 
and color. 

The Ramsden or Po- 
sitive Eyepiece (Fig. 2) 
consists of two con- 
verging lenses, usually 
plano-convex, with their 
convex surfaces facing Ls Fig. 2 Ta 

each other, of equal 

focal length, and separated by 2/3 the focal length of either. A’ virtual 
image of the object or real image A is formed by the field-lens Z;at A’. 

The eye-lens Ly forms 

an image of this at in- 
finity. This eyepiece 
is fairly, but not quite, 
achromatic. 

Huyghens or Nega- 
tive Eyepiece (Fig. 3). 
Two converging lenses, 

Fig. 3 Ly usually — plano-convex, 
~ with the plane surfaces 

toward the eye, are so arranged as to divide equally. between them the 

Fig. 1 
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deviation produced on incident light parallel to and close to the axis. The 

field-lens L; has three times the focal length of the eye-lens L2, and the two 

are separated by the difference in their focal lengths. Light which if un- 

hindered would converge at A is deviated by Li to form an image at A’, of 

which ZL; forms an image at infinity. This eyepiece is highly achromatic 

and free from disturbing spherical aberration. 

For Measuring Microscopes and Telescopes in which the eyepiece is fitted with 

cross-hairs, the positive eyepiece is far more suitable than the negative because the 

image of the hairs being formed by both lenses is corrected for both chromatic and 

spherical aberration, and because the cross-hairs can be easily adjusted to suit different 

eyes by altering their distance from the eyepiece. 

The Compound Microscope (Fig. 4) in its simplest form consists of two converging 

lenses. The objective L; formstwithin the tube a real, inverted, magnified image A’ of the 

object A. This image 
is viewed through the 
eyepiece L2and further 
magnified. A micro- 
scope is usually fitted 
with either a Huyghens 
or a Ramsden eyepiece, 
according to the pur- 
pose for which it is to 

be used. The objective Fi A 
. 

ig. 4 
is also generally a com- 

bination of several lenses to overcome spherical and chromatic aberration while admit- 

ting as much light as possible. In microscopes of the highest power a drop of oil of cedar 

is placed between the} side and the objective; this is known as.“ immersion.” The 

smallest interval that can be optically resolved is about 0.00005 mm., and the limit 

of resolution of the microscope is attained when the total magnification is about 1200. 

The Astronomical Refracting Telescope differs from the compound microscope in 

that the objective forms a reduced image of a distant object. The objective is gener- 

ally a compound lens consisting of a convex lens of crown and a concave lens of flint 

glass. A Huyghens or a Ramsden eyepiece is ordinarily used; but the best instru- 

ments employ eyepieces embodying later improvements. 

The Terrestrial Telescope (Fig. 5) produces an erect image by an inverting system 

between the eyepiece and the inverted image formed by the objective. One form of 

inverting system consists 

of two converging lenses 
F,, of equal focal length so 

placed that the inverted 

‘A image A formed by the 
objective is at the princi- 

Ly 1 pal focus of the first lens. 
An erect image A’ is 

stoi) then formed at the prin- 

cipal focus of the second lens, and is magnified by an eyepiece. 

Galileo’s Telescope 
f 

(Fig. 6) consists of a 
alts As 

convex lens J, for 
ee Aaa 

objective and a con- 
en oe 

cave lens Lg for eye- 
piece. The light from 
L; converging so that 
if unhindered it would 

form at A’ a real, in- J 

verted image of the L 

distant object A, is z Fig. 6 151 

intercepted by Lz and 

rendered parallel or slightly divergent as if it came from A”, which is a virtual, erect 
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image of A. The use of the diverging eye-lens limits considerably the angular field of 

view. Ordinary field-glasses and opera-glasses are Galilean telescopes. 

The Prism Binocular (Fig. 7) secures the wide field of view that accompanies the 

use of a converging eyepiece, while at the same time it avoids the inconvenient length 

of the ordinary terrestrial telescope. This is accomplished by employing four total 

reflections within two right-angled prisms to invert the image 

INZZENS formed by the objective. Otherwise the construction is the 

CAN same as that of the astronomical telescope. This prism 

construction permits a considerable shortening of the tele- 

scope by separating the prisms, since the light traverses the 

Fig. 7 distance between them three times. In addition the stereo- 

scopic effect due to binocular vision may be greatly increased 

by placing the centers of the objectives much farther apart than the pupils of the 

eye. The increased field of view is obtained at a sacrifice of illumination. 

In Reflecting Telescopes the object lens is replaced by a concave mirror. Being 

strictly achromatic, reflecting telescopes are valuable for certain classes of astronomical 

work. Mirrors as large as 100 in. in aperture have been made. The mirror is of glass, 

upon which a thin film of silver has been deposited. 

9. Temperature and Temperature Scales 

The Temperature of a body may be defined as its thermal state considered 

from the standpoint of its ability to communicate heat to other bodies. When 

two bodies are placed in thermal communication, the one which loses heat 

to the other is said to be at the higher temperature. 
Certain thermal states or ‘‘ temperatures ’”? may be reproduced and recog- 

nized by the fact that definite physical phenomena occur at these tempera- 

tures. Such thermal states are called “ fixed points ’’ and may, quite apart 

from any temperature scale, be specified by the physical phenomena char- 

acteristic of those temperatures. For example we may speak of the tem- 

perature of freezing water (ice point), the boiling point of water under a 
specified pressure (steam point), the freezing point of gold (gold point), etc. 
The purpose of establishing a temperature scale is to assign a number to 
every thermal state or temperature, and to provide a means for determining 

the temperature of any particular body. 

A Temperature Scale may be defined by (1) selecting definite numbers for 
certain fixed points, (2) selecting some physical property of a definite sub- 
stance which varies with temperature, and (3) selecting a mathematical law 
expressing temperatures on the scale in question in terms of the selected 
property of the thermometric substance. For example, on the centigrade 
mercury-in-glass scale, the ice and steam points are numbered 0 and 100 
respectively, the relative or “‘apparent’””’ expansion of a volume of mercury 
enclosed in glass of a definite kind is the property used, and the mathematical 
relation used to express temperature on this scale is that equal increments 
of apparent volume of the mercury in this glass correspond to equal incre- 
ments of temperature. If some other substance is substituted for mercury 

or if glass of a different kind is used, another scale would be obtained which 
would agree with it at 0 and 100 but not at other temperatures. 

Although, in general, a temperature scale depends on the thermometric 
substance as well as on the expression for the temperature in terms of some 
property of this substance, Lord Kelvin has shown that if the property 
selected is the availability of energy, the scale so defined is wholly independent 
of the substance and depends only on the mathematical relation chosen. 
Any scale so defined is known as a thermodynamic scale. 
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The Kelvin Scale finally chosen by Lord Kelvin, is the one on which the 
temperature interval from the ice point to the steam point is 100° and the 
ratio of the values of any two temperatures is equal to the ratio of the heat 
taken in to the heat rejected by a reversible thermodynamic engine working 

with a source and refrigerator at the higher and lower temperatures respect- 

ively. On this scale, which is also known as the absolute thermodynamic 

scale, the lowest attainable temperature is 0 and the ice point is found 

experimentally to be 273.10°. The steam point therefore is 373.10° or 

100° higher. j 

The Absolute Fahrenheit Scale is identical with the Kelvin scale except 

that the interval from the ice to the steam point is taken as 180°. Any 

temperature on this scale is therefore 1.8 times the same temperature ex- 

pressed on the Kelvin scale. 

The Thermodynamic Centigrade Scale is derived by subtracting from the 

Kelvin scale a constant number of the proper magnitude to make the ice 

point 0°. On this scale, therefore, the ice and steam points are 0° and 100° 

respectively, and the so-called “ absolute zero ” is — 273.10°. 

While other thermodynamic scales may be devised, such as the first one 

proposed by Lord Kelvin on which temperatures ranged from —® to+, 

the three described above are the only ones that have ever been widely used. 

The International Temperature Scale for national and international use 

was adopted at the September 1927 meeting of the General Conference of 

Weights and Measures at Sévres, France. 

The international temperature scale, given below in detail, does not purport. 

to replace the thermodynamic scale. It is, in fact, a practical representation 

of the thermodynamic centigrade scale to a degree of accuracy as great as is. 

possible with present-day apparatus and methods. It is therefore to be 

regarded as susceptible of revision and amendment as improved and more 

accurate methods of measurement are evolved. 

Definition of International Temperature Scale 

1. The thermodynamic Centigrade scale, on which the temperature of melting ice 

and the temperature of condensing water vapor, both under the pressure of one 

standard atmosphere, are numbered 0° and 100° respectively, is recognized as the 

fundamental scale to which all temperature measurements should ultimately be 

referable. 

2. The experimental difficulties incident to the practical realization of the thermo- 

dynamic scale have made it expedient to adopt for international use a practical scale, 

designated as the International Temperature Scale. This scale conforms with the 

thermodynamic scale as closely as is possible with present knowledge, and is designed 

to be definite, conveniently and accurately reproducible, and to provide means for 

uniquely determining any temperature within the range of the scale, thus promoting 

uniformity in numerical statements of temperature. 

3. Temperatures on the International Scale will ordinarily be designated as “° (hy 

but may be designated as “ °C. (Int.) * if it ig desired to emphasize the fact that this 

scale is being used. 

4. The International Temperature Scale is based upon a number of fixed and repro- 

ducible equilibrium temperatures to which numerical values are assigned and upon 

the indications of interpolation instruments, calibrated according to a specified pro- 

cedure at the fixed temperatures. 

5. The basic fixed points and the numerica: values assigned to them for the pressure 

of one standard atmosphere are given in the following table, together with formulas 

which represent the temperature (tp) as a function of vapor pressure (p) over the 

range 680 mm. to 780 mm. of mercury. 
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6. Basic Fixed Points of the International Temperature Scale: 

a) Temperature of equilibrium between liquid and gaseous oxygen at the pres- 
sure of one standard atmosphere (oxygen point), —182.97° C. 

tp = t760 + 0.0126 (p — 760) — 0.0000065 (p — 760)? 

(b) Temperature of equilibrium between ice and air saturated water at normal 
atmospheric pressure (ice point), 0.000° C. 

(c) Temperature of equilibrium between liquid water and its vapor at the pres- 
sure of one standard atmosphere (steam point), 100.000° C. 

tp = ty760 + 0.0367 (6 — 760) — 0.000023 (p — 760)2 

(d) Temperature of equilibrium between liquid sulfur and its vapor at ‘the pres- 
sure of one standard atmosphere (sulfur point), 444.60° C. 

tp = tze0 + 0.0909 (p — 760) — 0.000048 (p — 760)? 

(e) Temperature of equilibrium between solid silver and liquid silver at normal 
atmospheric pressure (silver point), 960.5° C. 

(f{) Temperature of equilibrium between solid gold and liquid gold at normal 
atmospheric pressure (gold point), 1063° C. 

Standard atmospheric pressure is defined as the pressure due to\a column of mercury 
760 mm. high, having a mass of 13.5951 grams per cm.%, subject to a gravitational 
acceleration of 960.665 cm./sec.? and is equal to 1.013.250 dynes/cm.2 

It is an essential feature of a practical scale of temperature that definite numerical 
values shall be assigned to such fixed points as are chosen. It should be noted, how- 
ever, that ‘the Jast decimal place given for each of the values in the table is significant 
only as regards the degree of reproducibility of that fixed point on the International 
Temperature Scale. It is not to be understood that the values are necessarily known 
on the Thermodynamic .Centigrade Scale to the corresponding degree of accuracy. 

7. The means available for interpolation,lead to a division of the scale into four parts. 

8. From the ice point to 660° C. the temperature ¢ is deduced from the resistance 
Rt ofa standard platinum resistance thermometer by means of the formula 

Re = Ro (1 + At + Bt?) 

The constants Ro, A, and B of this formula are to be determined by calibration at the 
ice, steam, and sulfur points, respectively. 

The purity and physical condition of the platinum of which the thermometer is 
made should be such that the ratio Rz/ Ro shall not be less than 1.390 for # = 100° and 
2.645 for ¢ = 444.6°. 

9. From —190° C. to the ice point the temperature # is deduced from the resist- 
ance Rr of a standard platinum resistance thermometer by means of the formula 

Rt = Ro [1 + At + Bt? + C (t — 100) t?] 

The constants Ro, A, and B are to be determined as specified above, and the addi- 
tional constant C is determined by calibration at the oxygen point. 

The standard thermometer for use below 0° C. must in addition havea ratio Ri/Ro 
less than 0.250 for ¢ = —183°. 

10. From 660° C. to the gold point, the temperature ¢ is deduced from the electro- 
motive force e of a standard platinum vs. platinum-rhodium thermocouple, one junc- 
tion of which is kept at a constant temperature of 0° C. while the other is at the 
temperature / defined by the formula 

e=a-+ be + ct? 
The constants a, 5, and ¢ are to be determined by calibration at the freezing point 

of antimony, and at the silver and gold points. 

11. Above the gold point the temperature f is determined by means of the ratio of 
the intensity Jp of monochromatic visible radiation of wavelength \.cm. emitted by a 
black body at the temperature # to the intensity J; of radiation of the same wave- 
length emitted by a\black body at the.gold point, by means of the formula 

Jo ced Re! Se 1% 

PERSE [itz (+ =| 
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The constant cz is taken as 1.432 cm. degrees. The equation is valid if AG + 273) is 

less than 0.3 cm. degrees. 

Recommended Experimental Procedure 

1. Oxygen. The temperature of equilibrium of liquid and gaseous oxygen has been 

best realized experimentally by the static method, the oxygen vapor-pressure ther- 

‘mometer being compared with the thermometer to be standardized in a suitable low 

temperature bath. 

2. Ice. The temperature of melting ice is realized experimentally as the temper- 

ature at which pure finely divided ice is in equilibrium with pure, air-saturated water, 

under standard atmospheric pressure. The effect of increased pressure is to lower the 

freezing point to the extent of 0.007° C. per atmosphere. 

3. Steam. The temperature of condensing water vapor is realized experimentally 

‘by the use of a hypsometer so constructed as to avoid superheat of the vapor around 

the thermometer, or contamination with air or other impurities. If the desired condi- 

tions have been attained, the observed temperature should be independent of the rate 

of heat supply to the boiler, except as this may affect the pressure within the hypsom- 

eter, and of the length of time the hypsometer has been in operation. 

4. Sulfur. For the purpose of standardizing resistance thermometers, the temper- 

ature of condensing sulfur vapor is realized by adherence to the following specifications 

relating to boiling apparatus, purity of sulfur, radiation shield and. procedure. 

The boiling-tube is of glass, fused silica or similar material, and has an internal 

diameter of not less than 4 nor more than 6 cm, The vapor column must be sufifi- 

ciently long that the bottom of the radiation shield is not Jess than 6 cm. above the 

free liquid surface and its top is not less that 2 cm. below the top of the heat insulating 

material surrounding the tube. Electric heating is preferable although gas may be 

used, but the source of heat and all good conducting material in contact with it must 

terminate at least 4 cm. below the free surface of the liquid sulfur. Above the source 

of heat the tube is surrounded with insulating material. Any device used to close 

the end of the tube must allow a free opening for equalization of pressure. 

The sulfur should contain not over 0.02% of impurities. Selenium is the impurity 

most likely to be present in quantities sufficient to affect the temperature of the 

boiling point. 

The radiation shield is cylindrical and open at the lower end, and is provided with 

a conical portion at the top, to fit closely to the protecting tube of the thermometer. 

The cylindrical part is 1.5 to 2.5 cm. larger in diameter than the protecting tube of 

the thermometer and at least 1 cm. smaller in diameter than the inside of the boiling 

tube. The cylinder should extend atleast 1.5 cm. beyond each end of the thermometer 

coil. There should be ample opening at the top of the cylindrical and below the 

conical portion to permit free circulation of vapor. The inner surface of the shield 

should be a poor reflector. The shield may be made of sheet metal, graphite, etc. 

In standardizing a thermometer the sulfur is heated to boiling and the heating so 

regulated that the condensation line is at least 1 cm. above the top of the insulating 

material. The thermometer with its radiation shield is inserted in the vapor, and when 

the line of condensation again reaches its former level simultaneous observations of 

resistance and barometric pressure are made. In all cases care should be taken to 

prove that the temperature is independent of vertical displacements of the thermom- 

eter and shield. 

5. Silver and Gold. For standardizing a thermocouple, the metal to be used at 

its freezing point is contained in a crucible of pure graphite, refractory porcelain, or 

other material which will not react with the metal so as to contaminate it to an 

appreciable extent. 

‘Silver must be protected from access of oxygen while heated. 

The crucible and metal are placed in an electric furnace capable of heating the con- 

tents to a uniform temperature. 

The metal is melted and brought to a uniform temperature a few degrees above its 

melting point, then allowed to cool slowly with the thermocouple immersed in it as 

described in the next paragraph. 

The thermocouple, mounted in’a porcelain tube with porcelain insulators separating 

the two wires, is immersed in the molten metal through a hole in the center of the 
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crucible cover. The depth of immersion should be such that during the period of 
freezing the thermocouple can be lowered or raised at least 1 cm. from its normal 
position without altering the indicated e.m.f. by as much as one microvolt. During 
freezing, the e.m.f. should remain constant within one microvolt for a period of at 
least 5 minutes. 

As an alternative to displacing the couple, as a means of testing the absence of the 
influence of external conditions upon the observed temperature, both freezing and 
melting points may be observed, and if these do not differ by more than 2 microvolts 
the observed freezing point may be considered satisfactory. 

6. The Standard Platinum Resistance Thermometer. The diameter of the wire 
should not be smaller than 0.05 or larger than 0.2 mm. 

The platinum wire of the thermometer must be so mounted as to be subject to the 
minimum of mechanical constraint, so that dimensional changes accompanying changes 
of temperature may result in a minimum of mechanical strain being imposed upon the 
platinum. 

The design of the thermometer should be such that the portion, the resistance of 
which is measured, shall consist only of platinum, and shall be at the uniform temper- 
ature which is to be measured. This may be accomplished by either of the accepted 
systems of current and potential, or compensating leads. 

After completion the thermometer should be annealed at ‘a temperature of at least 
660°. 

7. The Standard Thermocouple. The platinum of the standard couple shall be 
of such purity that the ratio Rz/Ro is initially not less than 1.390 for ¢ = 100°. The 
alloy is to consist of 90% platinum with 10% rhodium. The completed thermo- 
couple must develop an electromotive force, when one junction is at 0° and the other 
at the freezing point of gold, not less than 10 200 nor more than 10400 interna- 
tional microvolts. The diameter of the wires used for standard thermocouples 
should lie between the values 0.35 mm. and 0.65 mm. 

The freezing point of antimony, specified for the standardization of the thermo- 
couple, lies within the range of 0° to 660° where the International Scale is fixed by the 
indications of the standard resistance thermometer, and the numerical value of this 
temperature is therefore to be determined with the resistance thermometer. In the 
appendix the result of such determinations is given as 630.5°, but the temperature of 
any particular lot of antimony which is to be used for standardizing the thermo- 
couple is to be determined with a standard resistance thermometer. 

The procedure to be followed in using the freezing point of antimony as a fixed 
temperature is substantially the same as that specified for silver. Antimony has a 
marked tendency to undercool before freezing. The undercooling will not be excessive 
if the metal is heated only for degrees above its melting point and if the liquid metal is 
stirred. During freezing, the temperature should remain constant within 0.1° for a 
period of at least 5 minutes. 

1. Secondary points. In addition to the basic fixed points the temperatures of a 
number of other points are available and may be used in the calibration of secondary 
temperature measuring instruments. These points and their temperatures on the 
International Scale are listed below. The temperatures given are those corresponding 
to a pressure of one standard atmosphere. The formulas for the variation of vapor 
pressure with temperature are valid for the range from 680 to 780 mm. 

Secondary Points 

Deg. C. 
Temperature of equilibrium between solid and gaseous carbon dioxide..... —78.5 

tp = t7g9 + 0.1443 (tp + 273.2) logo (~/760) 

Temperature of freezing mercury... 04.005.) a0 eden cess aed LORS Oe. Fa —38.87 
Temperature of transition of sodium sulfate...............00.. Ba ee b 32.38 
Temperature of condensing naphthalene vapor........... Tila ae Aerie ale 217.96 

tp. = t7¢0 + 0.208 (tp + 273.2) logig (6/760) 

Demperaturesor sreezinentins sei einen eres ere en PES ae epteipi) fuged Licdhds 
Temperature of condensing benzophenone vapor... ... en. .eeeeses Rie 305.9 

tp = t760 + 0.194 (tp + 273.2) logio (6/760) 
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Temperature of freezing GACTAINTE 4» «See ies sic spc ee nss: ees era are 32072 

Temperature of freezing Wend sree bs seo cee ates eee AES. a ; eR onto 327.3 

Temperature of freezing ZAC RE. DOLE ATS ST i sole «+ ow rpte vies ae 419.45 

Temperature of freezing ANTIMOBY.d «a hele» of sje S- a= Be ce es eset cette A. 630.5 

Temperature of freezing copper in a reducing atmosphere......-+-++++++
+ 1083 

Temperature of freezing palladium. 2... ss -ewsmmonprine oe eee scintis® sity pine (SSS) 

Temperature of melting tungsten..-.--+++++++++" Soicet
tb cca sea meicn grees 0400 

10. Temperature-measuring Equipment 

The Platinum vs. Platinum-Rhodium Thermocouple may be used to 

measure temperatures up to 1600° C. At this high temperature, however, 

the life of a couple is very short. When suitably protected, a couple of this 

kind may be used for long periods up to 1300° C. Ina reducing atmosphere 

such couples are contaminated by the reduction 
to silicon of the silica in porce- 

lain protection tubes. These couples can be used at any lower temperatures, 

of course, but below about 1000° C. base metal couples often are to be pre- 

ferred, being less expensive and giving a higher electromotive force. 

Base Metal Couples of copper vs. constantan may be used for temperatures 

below 500° C. For extreme precision this couple should not be used above 

350°C. Iron vs. constantan couples may be used up to 900° C.,while chromel 

vs. alumel couples may be used for continuous service up to 1100° C. In 

the accompanying table are given the calibration data for representative 

couples of these four types with the cold junctions at 0° C. If the cold junc- 

tions are not at 0° C., the e.m.f. in the table corresponding to the temperature 

of the cold junction must be added to the observed e.m.f. before using table. 

Example. Chromel-alumel couple with cold junction at 12° C. yields at e.m.f. of 

24.5 millivolts. 
24.5 millivolts observed e.m.f. 

"5 millivolt e.m.f. at 12° C. 

25.0 millivolts 

Therefore the temperature of the hot junction is 601° C. 

The e.m.f. may be measured by means of a portable potentiometer or 

millivoltmeter. If a millivoltmeter is used it should have a high resistance, 

preferably 300 ohms or more. 

Mercury-in-Glass Thermom
eters may be used for measuring temperatures 

from — 38° C. up to about 500° C. Fused silica thermometers filled with 

gallium are usable up to 1000° C. 

Pyrometric Cones are used for the control of numerous industrial processes, 

notably in the ceramic industry. The temperatures determined by the Bureau 

of Standards at which the American cones (made by the Standard Pyro- 

metric Cone Co. of Columbus, Ohio) start to bend and the temperatures at 

which the tip falls to the level o
f the base or “ end points ”’ are shown for two 

different rates of heating in the second table herewi
th. The Bending Interval 

is the difference between the “end point” and the temperature at which 

bending starts. 

The temperatures in the table on page 26 é } i e r 

reproducible conditions (controlled rate of heating in clean air) will apply with fair 

approximation for the cones when heated in kilns where the gases are normally 

oxidizing and free from sulfur oxides. If the cones show a visible hardening of the 

surface or a skin effect resulting from exposure to kiln gases containing insufficient 

oxygen, small corrections may be necessary. Suc aC c 

noticed with cones 015 to 01. In kilns fired with fuel containing appreciable amounts 

of sulfur, or where the ware gives off sulfur dioxide the end points may be noticeably 

different from those given in the table. 

5, as determined under standardized and 
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Calibration Data of Representative Couples with One Junction at 
0° C. and the Other at T° C. 

(E.m-f. is in millivolts) 

Platinum vs. Plat- Copper vs. Tron vs. Chromel vs. 
inum-10 % Rhodium Constantan Constantan Alumel 

E.mf. | T° C. 

0 
100 
195 

Note. This table may be used to get approximate temperatures. For accurate work 
each individual couple must be calibrated. 

Optical and Radiation Pyrometers may be used to measure any temperature 

above 700° C. The indications of a radiation pyrometer depend on the 
whole spectrum of radiant energy emitted by a body, while the optical 
pyrometer indicates temperature by measuring the brightness of the light of 
one particular wavelength emitted by an incandescent body. 

Radiation and optical pyrometers are usually calibrated to read correctly 
when sighted into a uniformly heated hollow enclosure such as a furnace 
with an opening small in comparison with the walls of the furnace. ~ Under 
such conditions, called “black body” conditions, the pyrometer receives not 
only the energy radiated directly by the part of the wall or other surface 
sighted upon, but also the energy which is emitted by other portions of the 
furnace and reflected by this surface into the pyrometer. Surfaces. which 

have a high radiating power have a low reflecting power, the lack of energy 
directly emitted being in all cases exactly compensated for by the energy 

reflected. Under black body conditions, therefore, the energy. received is 
independent of the radiating characteristics of the surfaces and depends only 
on the temperature. When an optical or radiation pyrometer is sighted 
upon a surface in the open, it receives only the light directly emitted and 
consequently always reads low. The temperature indicated by a pyrometer 
when sighted upon a surface in the open, the pyrometer being calibrated to 
read correctly when sighted into a black body, is called the “ apparent”’ or 
“black body ”’ temperature of the object viewed. The difference between 
the true and apparent temperatures for any surface is between four and five 
times as great in the case of measurements with a radiation pyrometer. 
This fact renders the radiation pyrometer unsuitable for the measurement of 
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Rate fd 20°C 150° C. 20° Cy 150° C. 

°C. per hr. End End Bending | Bending Cone Cone 
Cone No. point point interval interval interval interval 

022 S85° C: 605° C. 45°C, $52. 10° 4g. 10°C: 
021 595 651 45 45 30 35 
020 625 650 30 25 5 10 

019 630 660 30 20 40 60 
018 670 720 30 30 50 50 

017 720 770 30 30 15 25 

016 735 795 - 35 3 355 35 10 

| 015 770 805 30 45 25 25 

014 795 830 45 40 30 30 

013 825 860 45 50 15 15 
012 840 875 50 85 35 30 

O11 875 905 65 65 15 —10 

010 890 895 30 25 40 35 
09 930 930 35 40 15 20 

08 945 950 55 60 30 40 

07 975 990 35 50 30 25 

06 1005 1015 25 35 25 25 

05 1030 1040 30 30 20 20 

04 1050 1060 40 40 30 55 

03 1080 1115 40 35 15 10 

02 1095 1125 35 35 15 20 

01 1110 1145 50 45 15 15 

1 1125 1160 30 45 10 5 

2 1135 1165 30 45 10 5 

3 1145 1170 30 40 20 20 

4 1165 1190 40 35 15 15 

5 1180 1205 40 50 10 25 

6 1190 1230 40 35 20 20 

7 1210 1250 40 60 15 10 

8 1225 1260 45 55 25 25 

9 1250 1285 65 115 10 20 

10 1260 1305 40 95 25 20 

11 1285 1325 70 80 25 10 

12 1310 1335 80 45 40 15 

13 1350 1350 70 55 40 50 
14 1390 1400 100 70 20 35 
15 1410 1435 85 115 40 30 

16 1450 1465 70 125 15 10 
17 1465 1475 50-75? 125 20 15 

18 1485 1490 90 85 30 30 

19 1515 1520 100 70 5 10 

20: 1520 ET eee in earn enor 60 . 50 

23 1580 OO. Oe cosecenacis 15 

26 In 1595 TO foc citenmats 10 

27 Arsem 1605 1 aaa VR Sec 7 2 AF 10 

28 furnace 1615 TO) OTN ietaracsey ats. 25 

29 at 1640 be? CFP a eo 10 
30 600° C. 1650 Heaked DA: Datei 4 ic ihics OME Gee 30 

a |” “per 1680 dt es ll eal ek RD 20 

32 hour 1700 100°C G15 Pe IN I ener Oa 45 

33 1745 i PLP he ates Be 15 
34 1755 1760 Haus 1 3 et yh Nene SF 25 

35 1755 1785 i alee ec aie as (aa 25 

36 1810 1810 Ee 2 iMacs 9/0." late 10 

37 1830 1820 , 5 Meters sae to 15 

38 1850 1835 15 
39 1865 
40 1885 _ } 

Al 1970 

42 2015 I | 
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the temperature of bodies in the open. The radiation pyrometer finds its 

best application under black body conditions where a fixed installation is 

possible and an automatic record is desired. When used as a portable 

instrument it is not satisfactory; the optical pyrometer should be used in 

such cases. In the table are noted the relations between the true and 

apparent temperatures of various surfaces for optical and radiation 

pyrometry. 

True Temperature Versus Apparent Temperature Measured by 

Optical Pyrometers 

Using Red Light (\ = 0.65 »), When Sighted upon the Materials in the Open 

Observed True temperature, degrees Centigrade 

temperature, aa 

degrees Molten Molten Solid iron | Solid nickel | Nichrome 

Centigrade copper iron oxide oxide | or chromel 

FASO | MR ics SRS See RO Orc 700 701 702 

CRT MS ses See Beek) een Seri 801 802 804 — 

00) 0} LAR Kee cee GHP oes afore sien 902 904 906 

950 nL Oyo: Ae ii | SS se 953 955 958 

1000 PUSHER «ssh roets 1004 1007 1010 

1050 12'S | SOR RS eo 1055 1058 1063 

1100 1277 1183 1106 1110 1116 

1150 1341 1239 1158 1162 1170 

1200 1405 1296 1210 1215: 1224 

1250 1470 1353) “Whe. Ape cote 1267 
1300 1536 1410. Wl. s veers 2e 1320 
BLOOOT VMS ee 1525 
TROO} PM Rete s 1641 
F6DO! |} ja cGlewi sete. 1758 
LEDO MP? ENO creterets cers 1876 
ISO | Mic SERS Pes 

True Temperature Versus Apparent Temperature Measured by 

Radiation Pyrometers 

When Sighted upon the Materials in the Open 

Observed True temperature, degrees Centigrade 

temperature, 

degrees Molten Molten Tron Nickel 

Centigrade iron copper oxide oxide 

GOO Aerated aisretersictesec = 630 710 
(Ds et PS OO Caer ae, mam? 2 COE © Fo Re G7 ay ee ee Ree a Sessa 755 

TOOL E al deecsrcaiaie tens 735 800 
WSO | Least Seedaen cslhege ini a EEE OOO. alles ok Belen 845 
CSAC Set dite inom AU nas a) Pao .eetb o S66 840 895 
B50 Ppt TTR PE oe: Pree reste | UD MOODe Fea S Se ckraiaistete tes «| 940 
900 SEO Mie evra te ve 945 985 
QSOs ET ta ete SE Oa | chap cee RN aR MEALS el ve cites tate te 1030 
ee Seam eee ete = wllGAe Gao oa top 1050 1075 
bE SL OE ies [paints 36) (i RAR Sorc 8 SIS] /S Gigig & Seno es MSS Sas SS 1120 
L100 LMU BUG A Olen Mins crarieleterssoueil itotateleterciter, Sips 1155 1165 
1150 | YE © PYG SO MY), cterape sfosores|iersieteretetocotera Set] tie ful bievefatistatn si 1210 

T2000) (= | SUSE PS eevis ceterepeter stad [atte we) pe Petteats 1260 1255 
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Melting Points of the Chemical Elements * 

Element 

Neodymium.... 840? 1544 
Arsenic’. $2... ..; 850 1562 
Bari. apts 850 1562 

Praseodymium. . 940 1724 
Germanium..... 958 1756 
SilBer so ino3 05 960.5 1760.9 

Goldsisasizes 2: 1063.0 1945.5 

CDpper: «rast « 1083.0 1981.4 
j Xenon Manganese. .... 1230 2246 

-; Chlorine 2 .7 ||Beryllium (Glu- 
.97 cinum). .«.%.. 1280 2336 
.9 ||Samarium...... 1300-1400 | 2370-2550 

Scandium...... ? .,noipsapas-et 
SE COI sdisare aap hcys 1420 2588 

Nickel. og «10.0.4, 1452 2646 
ROLE ow tare rams 1480 2696 

POY UUtial. os ss ss 1490 2714 
SSE ace i 1530 2786 
3 ||Palladium...... 1550 2822 

0 ||Chromium...... 1615 2939 

6 ||Zirconium...... 1700? 3090 
2 ||\Columbium (Ni- 

obium)....... 1700 ? 3090 

. > 1700 > 3090 
423-428 Thorium..... { arn =Mo 

449.4 ||\Vanadium...... 1720 3128 

Platinum....... 1755 3191 
Ytterbium...... Ty se l hese: ix 4 

Win j Seach ccs Pe ee 1800 3272 

.3 ||Uranium:,..... <1850 <3360 
: .9 ||Rhodium....... 1950 3542 

Tellurium Boron..........|2200—2500?} 4000-4500 

Antimony...... : Or Wirididaas sles a> 2350 ? 4260 

Cerium 2 Ruthenium..... 2450 2 4440 
Molybdenum... 2550 4620 
Osmium.......- 2700 4890 
Tantalum. «pic's 2900 5250 

Calcium Tungsten....... 3400 6152 

Lanthanum CALBOR, p:oce0s)o 0 > 3600 > 6500 

Strontium Oh ceo 

* From U. S. Bureau of Standards Circular 35, 4th edition. 

11. Heat 

Heat is defined as energy in the process of transfer from one body to another 

by a thermal process, i.e., by radiation, convection, or conduction. 

The Gram-Calorie is a unit of heat, being the heat per degree centigrade 

required to raise the temperature of 1 gram of water at some specified tem- 

perature. The 15° calorie, the 20° calorie, and the mean calorie (0° to 

100° C.) are in common use. 

The B. t. u. (British thermal unit) is the quantity of heat per degree Fahren- 

heit required to raise the temperature of one pound of water, at some specified 

temperaware. 
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The Specific Heat of a substance is the number of calories per degree 

centigrade required to raise the temperature of one gram of the substance. 

In the case of gases, this depends largely upon how the pressure and yolume 

change during the heating. Two special values are of importance in the case 

of a gas: Cp, the specific heat at constant pressure, and Cy», the specific heat 

at constant volume. 

The Latent Heat of Fusion is the amount of heat that must be added to 

unit mass of a solid substance to change it to a liquid without any change in. 

temperature. 

The Latent Heat of Vaporization is the amount of heat required to change 

unit mass of a substance from a liquid to saturated vapor without any change 

in temperature. 

12. Heat Transfer 

By Radiation. The energy radiated per unit area per unit time from 2 

substance is approximately proportional to the fourth power of the absolute 

temperature. (For a black body the proportionality is exact.) The net 

loss per unit of time depends on the surroundings, being the difference 

between the energy radiated and the energy received by radiation from sur- 

rounding bodies. 

By Convection. Transfer of heat by convection occurs in liquids and gases, 

the transfer being accomplished by the motion of the fluid from a locality 

where it receives heat to a locality where it gives up heat. 

By Conduction. Transfer of heat by conduction occurs through con- 

tinuous materials in which energy is transferred directly between adjacent 

molecular aggregates without mass motion of the materials. 

When heat flows in a solid, homogeneous body in only one direction, the time rate 

of heat flow, after a steady state has been reached, across a given area will be propor- 

tional to the temperature drop per unit length in the direction of the flow of heat. 

The factor of proportionality is, by definition, the thermal conductivity. 

If “0 = the time rate of heat flow; 

A = the area measured perpendicular to the direction of flow; 

_ = the temperature gradient; 

and K = the thermal conductivity; 

d dT 

a BAG 
for a steady state where “ = 0 at all points. 

13. Thermal Insulation 

The heat conductivity of a material is a measure of the insulating value of 
that material; the lower the conductivity, the greater the insulating value. 

Obviously the best conductor of heat is the poorest heat insulator. The 

customary measure of the conductivity K of a material is the amount. of 
heat in B.t.u. (British thermal units) which will flow in one hour through a 
layer of the material one square foot in area when the temperature difference 
between the surfaces of the layer is 1° F., per inch of thickness. 

The thermal conductivity K is a property of a material itself, and “does 
not depend upon the size or shape of a particular piece of the material 
in question. The insulating value of a layer of material of any thickness 
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T depends upon the thickness as well.as upon the thermal conductivity of 
the material of which the layer is composed. In general the insulating 
value, i.e., the resistance to heat flow, R, of a flat layer of any material is 
equal to the thickness of the layer divided by the thermal conductivity of 
the material of which the layer is composed. 

The same principles are involved in what is sometimes called ‘ insulation 
against cold”’ as in ‘“‘ insulation against heat.’’ The only difference is the 
point of view, with regard to the direction of heat flow. The insulation of a 

building against the outside cold is merely a question of reducing the heat 

flow irom the inside to the outside. THe insulating value of a material 

depends somewhat upon the temperature of the material, but this effect is 

small over the small temperature ranges occurring in buildings. The same 

layer of material would be somewhat more effective as house insulation than 

as oven insulation. ; 

The first of the two tables following gives the thermal, conductivities and 

weights per cubic foot of various materials which have been tested at the 

Bureau of Standards. The weights do not include the paper or other cover- 

ings confining loose materials.. The second table is a more practical table for 

general use. It gives the conductances of commercial thicknesses of various 

materials, and in another column gives the insulating value of the commercial 

thicknesses. The insulating value is merely the reciprocal of the conductance, 

in accordance with the definition of insulating value previously stated, 

namely, the thickness of the material divided by its thermal conductivity. 

The weights per square foot given include the surface coverings, if any are 

present. In all cases the tabulated values are the average of tests on a num- 

ber of samples of each material. Since materials of this general class are 

not very uniform, differences in conductivity amounting to one or two in the 

last figure have no particular significance. 

The figures in both tables correspond to an average temperature of 90° F., 

e.g., 110° F. on one surface of the insulating layer, and 70° F. on the other. 

At lower temperatures, corresponding more nearly to actual conditions in 

practice, the conductivities are a few per cent lower. For practical com- 

parative purposes, the values at 90° F. are sufficiently good. 

Thermal Conductivity of Materials * 

D = Weight in pounds per cubic foot. 

K = Thermal conductivity in B.t.u. per hour, square foot, and temperature gradient 

of 1° F. per inch of thickness. The lower the conductivity, the greater the 

insulating values. 

Soft Flexible Materials in Sheet Form 

D K 

Dry zero. .....--- Kapok between burlap or paper...-.-..---- | a y pe 
Js . ners 

Cabots quilt...... Eel grass between kraft paper! Sap ee eeie l yee ys os 

3 1100.4 B52 

eee pate Ae,  Fetead Cattle Nai. 20. Seder Setey o> he sh {| 

Balsam wool...... Chemically treated wood fiber........-+-+-+-+ 2, PEW Ona 

par 715% hair; 25% jute... eevee ecsv cree ee ee ees 6.3 | 0.27 

Bonrppaal--¢ -L.- es nate) BOT: Futies<c2 a4ks shat enee sane less 6.1 | 0.26 
Minofelt.. 2. ji tt Flax fibers between paper....---s:eeeeeeeeees 4.9 | 0.28 

inher motel? Jute and asbestos fibers, felted.........-.++-- 10.0 | 0.37 

Ff Be “ps Hair and asbestos fibers, felted. .......:+.---+ 7.8 | 0.28 

* From Bureau of Standards LC 227. 
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Thermal Conductivity of Materials—Continued 

Loose Materials 

Fibrous material made from rock; also made on mis 

Rock wool...... in sheet form, felted and confined with wire 1 4 0 0. 28 

nettingie sc. to «3G shesiaele aid <b} Plaats 18.0 0.29 

Glass wool.......- Pyrex glass, curled... ...-ee0--+s+e+erere es reap ger 

Si1-0-Cel 26% Jase Powdered diatomaceous earth.........6.-.-0+- 10.6 | 0.31 

Regranulated { Fine particles. ........eee eee eee ec neces seers 9.4 | 0.30 

Corkaiedecrs About 3/16 in. particles......+-++++e+erereers 8.1 |.0.31 

Thermofil........ Gypsum in powdered form......-+---+-++++ { a red 

WHHOUS: + San Cotes het nae te oT mae Nisa meh ee 0.41 c 4 
Shy dette s { billy, Slinisian?, sipey, to.Jopl It 0.42 
Shavings. ........ Various, from planer... ...... +0022 + eee ee eee 0.41 

{| From maple, beech and birch, coarse........+- 0.36 

Gharcoaliis s..2% \ Sea eicins Joo case n Petites ced bape hy 4 0.37 
0.39 

Semi-Flexible Materials in Sheet Form 

Flaxlinum........ Rae Ce cree net Tine en > = meme Foes Sree | 13.0 | 0.31 

FPibrotelt....-:. - Flax and rye fiber... s2.- te ere ee eee 13.6 | 0.32 

Semi- Rigid Materials in Board Form 

No added binder; very low density............ 6.4 | 0.25 

low density... sksj-jaaidereme <i = Hey spears Bien ope 430 «| Og2d; 

hat ala Sala MECIUM, GENSICY cn pinesierein ee leersitaner Dee = 10.6 | 0.30 

high: density ooo... bse eyu tines we RS A ees 14.0 | 0.34 

PATTER A. toc peels Corkboard with asphaltic binder.............. 14.5 | 0.32 

PROGKCOFE. .. anes Rock wool block with binder; also called ‘‘ Tu- 

Cork aE SI eee Sa eee 16.7 | 0.37 

Pith PON ee 28 Board containing rock wool, flax and straw pulp.| 14.3 | 0.40 

Stiff Fibrous Materials in Sheet Form 

Tnsulite. wc. ase Wood pUicsan a erit nee ries cree ine ase es 1 { 16.2 | 0.34 
16.9 | 0.34 

Celotex eee. cces S fiber .2vodson. 241A sl echivin {tdegy Os elotex ugar cane fiber i 12°8 | 0.34 

Cellular Gypsum 

8 0.35 
12 0.44 

PRSIIEK OT. PYTOCEN ae more ous ccasaon ions comagnleucsegseecksncesmisete\e isin nese 18 0.59 
24 0.77 
30 1.00 

. 0.33 

Balsaci-Gcie be. < ¢ 0.38 
0.58 

Cypress. 8. ioc 0.67 

White pine....... 0.78 

Mahogany........ 0.90 

Virginia pine...... 0.98 
(Ci Sea ares OOS 1.02 
INMPADIG. «= setteras 1.10 
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Conductance and Insulating Value of Sheet Materials in 
Thicknesses as Sold * 

W = Weight in pounds per square foot; 
T = Thickness in inches; 

K + T =C = Conductance in B.t.u. of a given thickness, per hour, per square foot, 
and per degree F.; 

R = 1/C = Resistance or insulating value. 

Soft Flexible Materials ; 

WwW at Cc R 

SPO GE 0) Oe Gece Sn’ eee a ee 0.14 | 0.35 | 0.72 | 1.39 
A oo 2 ge Re EE See es 0.18 | 0.48 | 0.54 | 1.85 

PeplepBive-g. sb Sepsieg + pote ee ae 6 O.3f [F0x6% 1 0.39" 2.56 
1/2-in. house insulation; smooth paper} 0.16 | 0.55 } 0.48 | 2.10 
1/2-in. refrigerator insulation, creped 
DING -Genesey aa 2 <— =e 22% 0.24 | 0.66 | 0.41 | 2.47 

l-in. refrigerator insulation, creped 
Ce ee OE eee) ie ae ee 0.32 | 1.13 | 0.25 | 4.08 

75 Vg Baw. 2Si%g WLC rs «5 oh ci oe om tae 0.46 | 0.55 | 0.49 | 2.05 
50% hain, 50% juteas. 2. ip wahpew aes 0.42 | 0.51 | 0.51 Ind 96 

SaAnnsel..... s Hairfelt between asbestos paper...... 0.58 | 0.60 | 0.46 | 2.19 
| Hairfelt paper, asbestos and cheese- 
| Salamander. cloth; paper between plys: 2-ply...| 0.54 | 0.61 | 0.42 | 2.40 

3-ply.2.} 0.69 | 0.70 } 0°36) 2.75 

} Jute andyasbestos. 1052... obese ceeds 0.424 O51 1°0.72°1'1739 
eee enete { Hair and,asbests. ng... 2}. na-rietos 0.42 | 0.63 | 0.45 | 2.22 

'|Nycinsul..... Hair felt between cheesecloth, the lat- 
ter treated with magnesite solution.| 0.97 | 0.45 | 0.82 | 1.21 

Linofelt...... UAT: AA ee ee) ton) eo Ger ct Or ae 0.41 | 0.67 | 0.42 | 2.40 

- Similar to Nycinsul: Single.......... 0.56 | 0.40 | 0.75 | 1.34 
Seed Double.........1 0.77.1 0.62 | 0.49 | 2.05 

Semi-Flexible Materials 

ACES TTL alee Caen SER se Oe Sener Spee OL Aenea ee 0. 61, |"0.56' 1 0756.) Bose 

Se | See! 652) ER Oe ot ee Pcie Gikic © La Ge ae 0.66 | 0.58 | 0.56 | 1.80 

Suff Fibrous Materials 

; 5 Wall Doard’ o 25.0) acetone eles recs le 0.66 | 0.49 | 0.69°| 1.46 

Insulite.\. ¢ { Tnsulation DOAard. . v7) 0 os cheilele sense > 0.80 | 0.56 | 0.60 | 1.67 

Pilotax { Building Dogrd.b ooo oid adder pee 0.58 | 0.47 | 0.72.| 1.38 

3 as Railroad insulation board........... 0.64 | 0.58 | 0.59 | 1.71 

Plaster and Wall Boards 

Sheet rock. : < Gypsum mixed with sawdust between 
layers of heavy paper.........4+4- 

* From Bureau of Standards LC 227. 
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Thermal Conductivity of Materials 
(Taken from various sources) 

(Report of A.S.R.E. Insulation Committee, Revised to 1924) 

D = Weight in pounds per cubic foot; 

1 = Temperature of specimen in degrees F.; ? 

K = Thermal conductivity in B.t.u. per hour, square foot, and temperature gradient 

of 1° F. per inch. 

~ Materials 
Authority 

Asbestos, sheet’ .......------ 

Asbestos paper in layers with 

organic binder.....--.-+--- 5 Bureau of Standards 

Asbestos paper......--2+eeeee|eeeeee 4 Lees and Chorlton 

Asbestos fire-felt.........-.-- Randolph 

Mineral ‘wool... .:...-- cee ee Bureau of Standards 

Witneral WOol).’. 22, sh aac uc = Randolph 

Wragnesin™:: ji. na sbiencs ace Hutton—Blard 

Magnesia, 85% and asbestos 

AUR sity oR Betas, Seeace AE ae 0.50 Bureau of Standards 

Quartz sand, fine...........-- 0.38 Forbes 

QUBEZ) coon Ueperne ah gluse es 1.05 Hutton-Blard 
: 0.67 

Magnesium carbonate (safe : 

temperature about 572° F.) "y a Skinner 

Pamettlin wee +.ohctereisbeuspeivien: <reipince 1.60 Bureau of Standards 

Roiler clinkers (dry)......- foe Ei 3 Hencky 

Asphalt roofing. .... .j.J....6+ 0.70 Bureau of Standards 

Gravel, Joose, dry..... Paes 2:58 Groeber 

| Plaster Ot Chota Gsconabor 2.03 | Lees and Chorlton 

Plaster of paris powder........ 7.55 Lees and Chorlton 

|Soil, dry....... sees e eee ee eee 1.0 Lees and Chorlton 

SU Weteon hase Sue ars 4.6 Lees and Chorlton 

| Asphalt for streets .....,-..- 4.8 Poensgen 

Cinder concrete... ...+...e 0+: 2.0. Hencky 

Concrete (1 portland cement, 2 
Sand, ae, GbAVelp ae desiasee a= > 5.3 Groeber 

Slate. ¢ ona ch ch Sem ab eee eee 2 eh inion oo 10.4 Lees and Chorlton | 

Glass, soda... 6) eh eee ee dees Ae } Barratt 

3.95 
4.03 
4.11 Poensgen 

Fire Brick (Schamotte)..... 4.27 
4.11 

5.32 Van Rinsum 
6.62 

4. " 

Bikica brick wis srcscesienie siete creisverel| oeretrs 7 } Van Rinsum 
9. 

9. 

Magnesite brick.......-.+-++ : Van Rinsum 

Gas retort brick...... iegmieee : _ | Wologdine 

| Fire clay brick. ...--ssseeeee : } Wologdine 
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Thermal Conductivity of Materials—Continued 

Material K Authority 

Carborundum brick...........)..... hea: } Wologdine 

PaO RIE DRCK ci. isin 4 dunia minateias Somes 572-1228] 69.7 Wologdine 

See EE 0 eee. as carbon 87 { 212 27.6 Barratt 

9) ha ae SNe crac ted Bicep inpatehit AE 6.4 H-L-D 
oilersscale: No. f. o..5.....4. feed. 124-180 9.1 Ernst 
moner scale No. 2255.42 5.05 [0 gee 8n 98-167 | 22.3 Ernst 
Cn gee ees (ee eee eee 12.8 H-L-D 
Bricks, very porous, dry:...... 44 68 {24 Hencky 

Same, masonry, allowing for 

ORE eee ke. oe ee dane 68 2.0 Tlencky 
Hollow tile, dry, Jaid fat......)....... 68 1.5 Knoblauch 
Limestone, fine grained, dry...| 104 77 4.8 Poensgen 
Limestone, coarse grained, dry.| 124 7 6.45 Poensgen 
LE A eee Eee eee el Pe) 14-16 H-L-D 

AA Ta eo ca sess inaxere id sh a ae ares 212-932 12-28 Poole 
9.5 50-212 0.56 

steel weol, No.2).2......-% 6.3 50-212 0.61 Randolph 
4.7 50-212 0.63 

32 43 
IE it oo Sere. nich e.o sie ote [wis ake o { 122 55 \ H. F. Weber 

7 a2 128 | 
LSU a A Sei Ve Ae { 212 115 S Lorenz 

—297 314 | ; 
meee, Sire oS Sed otis sagt. veSweallh wider f 10 267 f Macchia 

| 212 222 Lorenz 

mace essemMesr ti; Si ii5).. 2-2 S} 0 a0 Se 59 280 \ | Kirchhoff and Hanse- 
IRECE MIUGGICDS oo. orw orc oitaclda es s\n cfs fi 59 399 f man 

3 —256 374 | 
ed A eo ee ee Pe ia oe 3 { 64.4 406 f Lees 

32 443 | BRA ot ASCE Seiten eotereister ss aw ho 9 { 212 413 f Lorenz 

Bronze (85.7 % copper, 7.15% 
zinc, 6.39% tin, 0.58% 5. welt 76438 414 Jaeger and Diessel- 
RYT? Ae a 5 cr ee 212 492 \ horst 

: 32 593 ; 
Wrasse) -veillow. H)2.2......0.82 ‘ { 212 738 { Lorenz 

32 714 0 CES ARG UGS SH DBL: oe arial AE AP { 212 820 f Lorenz 

: 32 997 
Bebe GETING as ac Selo hdisin ey bes fe vintone { 912 1050 Lorenz 

AA ERESIUINE). wis vahies 5 oS Ceabille ole BRE 32-212 1091 Lorenz 
64 2588 \ | Jaeger and Diessel- 

MODDEL, PURCt ro rae de ence t of tn { 212 2547 § | -horst 

f 32 3182 H. F. Weber 

Diver, 999.8 fine........ sagtje gap Et 64.4 2920 Jaeger and Diessel- 
| 212 2880 } horst 

The insulating value, except at elevated temperatures of an ordinary enclosed air 
space of width greater than 1/2 in. is equivalent to approximately 1/3 in. of good insu- 
lating material. At high temperatures air spaces have but little insulating value 
because of the rapid increase of radiation with increase in temperature. 
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Factors 

Thermal Conductivity 
ee nn eee LEED Ean 

Cal. Watt Cal. B.t.u. B.t.u. 

sec.—l cm.—! cm.-1 hr.-! cm.-1| hr.-! ft.-2 day7! ft.-2 

; deg. C.-1 | deg. C.-1 | deg. C.-1 jin. deg.F.—lin. deg. F.-! 

1 cal. sec.-t cm.71 

Ger iGOs sem, cae =/1 4.183 3600 2903 69670 

1 watt cm.—! deg. 
CA Secon =/0.2391 i 860.6 694.0 16655 

1 cal. hr—\cm'=* 

degC mate =1|0.0002778 |0.0011652 | 1 0.8064 19.35 

1 Bitarehrs ate? 
in. deg. F.-1...... =/0.0003445 {0.001441 1.240 1 24 

1 B.t.u..day—! ft.-2 
in- deg: Pee) te. =/0.00001435 |0. 00006004; 0.05167 0.04167) 1 

Thermal Conductance 

Cal. Watt Cal. Btu. | Baw 
sec.-1 cm.-2} cm.-2 | hr.-] cm.-2| hr.-! ft.-2 | day—! ft.-2 
deg. C.-1 | deg. C.-1 | deg. C.-1 | deg. F.-1 | deg. F.-1 

1 cal. sec.2- cm.-2 
CEEOL E ees =|1 4.183 3600 7373 176960 

1 watt cm.~? deg. 
( ie Fen Bese eed =/0.2391 1 860.6 1763 42304 

1 cal. hr.-! cm.-? 
degi L Gaal iii =/0.0002778 |0.001162 1 2.048 49.16 

1 B.t.u. hr.-! ft.-2 
deg; B.Sh sencaets =|0.0001356 |0.0005673 0.4882 1 24 

1 B.t.u. day—! ft. 
Cer orcs ganas =/0.000005651/0. 00002364 0.02034 0.04167 1 

Heat Flow 
SSeS 

Cal. Watt Cal. Btu. | Btu. 
sec.-lcm.-2)  cm.-2 hr.-! cm.-2| hr.-1 ft.-2 | day! ft.-2 

1cal. sect cm.-2 =|1 4.183 3600 13272 318530 
1 watt cm.~2 3\0.2391 1 860.6 3173 76147 

1 cal. hr.-! cm.~? =|0.0002778 |0.001162 1 3.687 88.48 
1 B.t.u. hr.-! ft.-2 = =|0.00007534 |0.0003152 0.2712 1 24 

1 B.t.u. day ft.-2 ~— =}0. 000003139)0. 00001313 0.01130 0.04167 1 

14. Changes Due to Heating 

Heat and Expansion. Although most substances expand as they are 
warmed, or if hindered from expanding freely will exert pressure upon their 
containers, water between 0° and 4° C., quartz-glass below —84° C., and some 
other substances are exceptions to the general rule. When heating causes a 
body to change its state of aggregation (melt, vaporize, etc.) there is also 
change in volume. This may be either an expansion or a contraction, and 
may be accompanied by little or no change of temperature until after the 
process is completed. 
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Thermal Hysteresis. When a solid has its temperature changed, espe- 
cially by rapid cooling, slow changes in its dimensions continue long after 
it has attained the same temperature throughout its entire extent. These 

changes are often so minute as to require extremely delicate means for detec- 
tion; but in such cases as glass they are very marked. The gradual contrac- 
tion of thermometer bulbs has been observed to continue for over a quarter 
of a century, causing the zero reading to rise. The zero point of even a good 
thermometer may be shifted many degrees in a few minutes by heating to 
several hundred degrees. (Bul. Bureau Standards, vol. 2, 1906, p. 189.) 
Most of this after-effect disappears in a f¢w hours or days, and the process is 
considerably accelerated by prolonged heating at a high temperature fol- 
lowed by slow annealing. 

Laws of Change. As long as a physically homogeneous body is not sub- 
jected to treatment that causes more or less permanent alterations in its 
structure, its volume appears to be a definite function of its temperature and 
pressure, when these are uniform throughout its entire extent. The amount 
of expansion under constant pressure caused by a given change of temperature 

depends upon the material of the body. Solids and liquids differ consider- 
ably among themselves and follow no regular law. Gases, on the other hand, 
show remarkable uniformity, all expanding about 100/273 = 0.367 of their 
volumes at 0° C. when warmed from this temperature to 100° C.. (Law of 
Gay-Lussac.) Besides, all gases expand very nearly alike throughout great 

ranges of temperature; and the particular pressure under which a gas is 
warmed makes very little difference. 

Coefficients of Expansion. If the volume at t° is V and at 0° is Vo, then 
the rate at which unit volume changes under constant. pressure with change 
of temperature is (dV/dt)/V_ which is called the true coefficient of cubical 
expansion at t°; while (V — Vo)/Vot =a is called the mean-zero coefficient 
from 0° to #°. Similarly, if L represents the length of a solid, then 
(L — Lo)/Lot = B is the mean-zero coefficient of linear expansion from 0° 
tot°. These definitions give V = Vo (1 + at) andL = Ly (1 + ft). Usually 
a and B are so small that one may assumea = 3 8. 

Values of the coefficient of linear expansion for solids are given above in Art. 7. 
The coefficient of cubical expansion is three-‘times the linear. Art. 7 gives values for 

the Centigrade degree. 

Dalton’s Law. Ina mixture of several gases or vapors that do not react 

upon each other chemically the pressure exerted is approximately the same as 

if each constituent exerted the full pressure it would exert if it alone filled the 

entire volume; that is to say, if volumes Vi, V2, Vz, . . . , of different gases 

and vapors, all under the same pressure p and at the same temperature, when 

mixed fill a volume V, then P = fi + f2 + 43+... , approximately, 

where pf; = £V,/V; p2 = PV2/V; etc. This relation is more accurately ful- 

filled the farther all the vapors are from the conditions under which they 

liquefy and the less their liquids dissolve one another. #1, po, etc., are 

spoken of as the partial pressures exerted by the different components. 

15. Sound and Acoustics 

Velocity of Sound in air at 0° F. is 1050 ft. per sec., and it increases 1.1 ft. 

per sec. for each 1° F. rise in temperature. A few values are 

Temperature, F...... —10°. +10°. +30° +50° +70° -+90° 

Velocity, ft. per sec... 1039 1061 1083 1105 1127 1149 

At 0° C. the velocity of sound in dry air is 331 meters per sec. and it increases 9.609 
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meters per sec. for a rise of each degree of the centigrade scale. At +30° C. the 

velocity is about 349 meters per sec 
The velocity of sound in air is independent of the barometric pressure, and hence is 

the same on high mountains as at sea level, the temperature being the same in both 
cases. It is said to be little influenced by fog or rain but materially altered by aqueous 

vapor and also by wind. 

A formula for velocity of sound in any solid or liquid is » = WV Eg/w, where E = 
modulus of elasticity; w = weight per cubic unit of the substance; and g = accelera- 
tion of gravity. Mean values of 9 are as follows in ft. per sec.: 

Fresh‘ water.. +... senss0s 4 700 CODDEE ss. ba so bie eee 11 700 
DALE Wales oe sks we oilers 4765 CaS PUION,- pp oaicteeh ate 12 400 
Thinbbern iy. AEs. 4 Ae 13 200 Wrought fron... ose. 15 500 
Silvers). oven cca eee 8 550 Steel. ....... smtieeaR 17 200 

Stress is transmitted through a solid with the same velocity as sound. 

The velocities of sound in different gases at the same pressure and temperature vary 
inversely as the square roots of their densities. Thus, using densities of air and hydro- 
gen as given on p. 254, the velocity in hydrogen at 0° F. is 3980 ft. per sec. 

In open air the intensity of sound varies inversely as the square of the distance of 
the source from the ear. For air in a pipe this law does not hold, but the intensity 
remains the same for considerable distances, being diminished only by internal fric- 
tional resistances. The intensity also depends on the medium; the ticking of a watch 
is heard 2-1/2 times as far under water as in air. It also depends on the volume of 
sound produced by the sonorous body; the explosion of a volcano has been heard at 
a distance of 300 miles. 

When a sonorous body approaches the ear the tone perceived is higher than the 
true, and when it recedes the tone is lower. This is because high tones are produced 
by short waves, and in the case of approach to the ear, the sound waves are crowded 
together or shortened. 

Architectural Acoustics. Acoustical properties of rooms are readily 
adjusted by the use of materials of proper absorbing values. The optimum 
values to produce satisfactory reverberation will depend upon the purpose 
for which the room is to be used. Excessive absorption gives the open or 
out-of-doors type of acoustical defect. 

In new or remodeling operations proper wall and ceiling designs may be 

used to enhance or reduce the acoustical values as desired to a more satis- 
factory condition. 

The following paragraphs and tables are from Bureau of Standards Circular 300, 
Architectural Acoutics (Available from the Supt. of Documents, Washington, D.C., 
at 5 cents a copy). 

Different materials differ considerably in their absorbing powers for sound, 
The most complete absorber known is an open window. It is theoretically 
possible that a small amount of sound may be sent back by diffraction from 
the edges of the window, but this quantity is so small that it is permissible 

to say that an open window is a perfect absorber. The next most perfect 
absorber of sound is probably hair felt, which may absorb, perhaps, half as 
much sound as an equal area of open window. In other words, if it may be 
said that an open window absorbs (or transmits) all the sound that falls 
upon it, its coefficient of absorption is unity, while that of the sample of hair 
felt quoted would be 0.50. 

In like manner, every substance may be said to have its own absorption 
coefficient. This constant was measured by Sabine for a number of common 
materials, and later workers have extended the list. 

The first of the following tables gives the absorption coefficients for a num- 
ber of substances. Strictly speaking, these coefficients will vary somewhat 
with the frequency of the incident sound, and-the values given are for a 
frequency of 512 (Watson). 
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In the second table are given values of the total absorption of individual 
objects, and in the third table absorption coefficients of various substances for 
different sound frequencies, as determined at the Bureau of Standards. 

Sound Absorption Coefficients 

Akoustolith (artificial stone).......2.....ccc cece eeeee an LO} a 
Brckiwalk dan CK shy acbayen hse aces acintiag PES ake 
Brick wall painted. conch tlc dene awa s ciab ote 5 .017 
Brick, set in portland cément...... * Betas arises .025 
Carats: Bult rac ds-5 = 2 RE ante DES ie a ea cinee Ceca Bei 
OMERCT SS MCN ee one La wicnes Be aca he Moateees 4 .20 
Warpeis: Wetey WIT BINNIE Ob cence a0 docl-lere a bu ae ciccie tic 3 pe ASS 
COAT BEL TNR Gs cisiais + -8 cpus bie ofed baerases. te. 5.9 a5 nie 8 aiaje'uete ores 3 .20 
1S Fey RE Ns ROT Te “lemme teat Jn ema elt ae dy ora tone ood 
CHepsecloth weas «5% cerereh Pines 2 he min’ < Po ete oe eisieie .019 
BEATS oT raed Te 7 een, SPeadiieci et iat nln Rate dating sh ilies aad 
COE, Ae te ity oe shane sais oie aretaly c steleteraye ge 015 

5S D1 CO Da Sat Te SRE Ae ee MET.) 5 ae ce 03 
Cretanne. clothes t.0xjcaeen rw asta ys GSE da: pera 6 Bit<s5 AS, 
Curtains, chenille........ ee es Be ae ee ee ae §23) 
Curtams, in heavy, folds, eer eamloy's ett Seep nest apiey~-b a? OF SKO.4,0 
Flax, 1 in. thick, with unpainted membrane.............. 55 
Glass, single thieknéég71>. 97 RPVAIST FA. PQ 20024, FO. UE ai ee (0 
Hair felt, 1 in. thick, with unpainted membrane.......... ji58 
Hair felt, 1 in. thick, with painted membrane............ +25 to ».45 
Hair felt, 2 in. thick, with unpainted membrane.......... .70 
Hair felt, 2 in. thick, with painted membrane............ -40 to .60 
Answlité> 1/2: imiithieks | ninwiath- ed. farisgs |. bs laveltoeoad A. « 31 
Lanoleum, «.... o0c5 «+ oo +0. -b> Tdbrwaie ue pos as 25 -03 
Marbles..<htoih ete 30. dees. oi le aphid: poKtoyos 4 O1 
Oil paintings, including frames..........---+eseeeeeeees .28 
Open. windows: 20.0. bpraypy ey wiser: oe ees 1.00 
Oriental rugs, extra heavy. ..........00.. OE as a .29 
Plaster on wood lath....+.......+. GDP Po coe BRS Be .034 
WINS WHE TAU eee sas pee ce eo ee eee estas oe og . .033 
Plasterioh til63-).. .2..26t “alouvodesi Sairthw. even fale .025 
Stage opening, depending on stage furnishing............ -25 to .40 
WAeHished WOO iis Cote eee Pe ee an a eis bce ass 03 
Ventilators (50% open SPACE) iss occ edge oo 0 app eoie nisi on .50 
Wood ‘sheathing....-- GapA rind -- eee cst ee cece .061 
Wood, varnished ..... .. 29+ + ere qume- ++ +9) gf ft OEE OG 03 

Total Absorption by Individual Objects * 

Audience.......+--- Sn ecty » ehil steed POE per person..... 4.7 
CHOTGN DEWS3 esis 0101s olo.civicie.e voce: 0 ir 9 he DEL SEALE cs 6 sivte 2 
House plants. 8s) cst wise s pale Bf oie eviews « per cubic foot.. .0031 

Seats, upholstered, depending on material 
SM iningeeey «5.60 1 TY occ ee per seat...... 22440: to2 50 

Seat cushions, cotton, covered with 
EOLAUTOY: Ree altars Forage ps ahaa ele per seat. ove 2.16 

Seat cushions, hair covered with canvas 
and light damaskya!d..acetiali, furs. on per seat....... het | 

Settees, upholstered in hair and leather, 
BOALIA GG DACK onic tor thee sn pie gos, pen a DetiSeatias a shea 3 

Wood seats, for auditoriums...........- per seat....... . 100 

* The values given under this heading must be regarded as relative values. For 

complete explanation of their significance and use reference should be made to the 

original article. 
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Absorption Coefficients of Several Materials Showing Variations 
with Variations in Pitch. 

Material 

5/8-in. celotex 
Celotex B 
Sound absorbing tile No. 1 

1/2-in. insulite 
1/2-in. flax-li-num 
1-in. flax-li-num 

* The absorption at 2190 and at 2890 cycles was measured upon a different piece 

of material from that used at 297 and at 1095 cycles. 
The values 297, 581 etc. represent the cycles per second or pitch of the sound. 

Selected Bibliography on Acoustics as related to Architecture: 

1. Sabine, Collected Papers on Acoustics, Harvard University Press; 1922. 
2. Watson, Acoustics of Buildings, John Wiley & Sons, New York; 1923. 
3. Eckhardt, The Acoustics of Rooms, Jour. Franklin Inst.: June, 1923. 
4. Swan, Architectural Acoustics, Jour. Am. Inst. Architects; December, 1919. 
5. Watson, The Absorption of Sound by Materials, Bulletin 172 Engineering 

Experiment Station, University of Illinois. 
6. Architectural Acoustics, Circular of the Bureau of Standards, No. 300. 

METEOROLOGY 

16. Signals of United States Weather Bureau 

Flag Signal for cold wave warning is shown in Fig. 8. Color Key 

Color 
key. 

C-White 

W-Blach 

Fig. 8 

Storm and Hurricane Warnings are given by the flags in Fig. 9. 

N.E. Winds. S. E. Winds. N. W. Winds. S.W. Winds. Hurricane 

= 
Fig. 9. Storm and Hurricane Flags 

Color Key. 

L}White 

Hi-Black 

B-Red 

YY, gy 

Wij 

SS 

A red flag with a black center indicates that a storm of marked violence is expected. 
The pennants displayed with the flags indicate the direction of the wind; red, easterly 
(from northeast to south); white, westerly (from southwest to north). The pennant 
above the flag indicates that the wind is expected to blow from the northerly quadrants; 
below from the southerly quadrants. By night a red light indicates easterly winds, 
and a white light below a red light, westerly winds. 
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Two red flags with black centers, displayed one above the other, indicate the ex- 
pected approach of a tropical hurricane, or one of those extremely severe and dangerous 
storms which occasionally move across the Lakes and northern Atlantic coast. No 
night hurricane warnings are displayed 
Wind Pressure on Flags. Tests at the U. S. Navy Yard, Washington, D. C., using 

the largest flags that could be handled in the wind tunnel, form the basis for an empir- 
ical formula for determining the pressure of wind on flags, for use in designing flagpoles. 
Two sizes of flags were used—one 3 X 5-1/2 it. and the other 2-1/2 X 4-1/4 ft—and 
velocities varying from 20 to 60 miles per hour were applied. The following formula 
was found to represent the results, the constant varying but slightly with size of flags, 
being less for the larger flag: 

R = 0.0003A V1-9 

in which Ris the resistance in pounds, A is the area of flag in square feet, and V is the 
velocity of wind in miles per hour. This formula is for steady wind pressure. It was 
not found practicable to measure the forces produced by wind gusts. 

17. Local Weather Predictions 

The wind and barometer indications for the United States are generally 
summarized in the following table (E. B. Garriott, U. S. Dept. Agriculture). 

Wind 
rection Barometer reduced to sea level| Character of weather indicated ] 

SW to NW/30.10 to 30.20 and steady....... Fair, with slight temperature changes, 
for 1 to 2 days 

SW to NW/30.10 to 30.20 and rising rapidly|Fair, followed within 2 days by rain 
SW to NW(|30.10 to 30.20 and falling slowly|Warmer, with rain within 24 to 36 

hours 
SW to NW/30.10 to 30.20 and falling rapidly |Warmer, with rain within 18 to 24 

’ hours 
SW to NW|30.20 and above and stationary| Continued fair, with no decided tem- 

perature change 
SW to NW/30.20 and above and falling slowly| Slowing rising temperature and fair 

for 2. days ~ 

S to SE. ..|30.10 to 30.20 and falling slowly|Rain within 24 hours 
S to SE. ..|30.10 to 30.20 and falling rapidly| Wind increasing in force, with rain 

within 12 to 24 hours 

SE to NE. |30.10 to 30.20 and falling slowly @Rain in 12 to 18 hours 
SE to NE. |30.10 to 30.20 and falling rapidly |Increasing wind, and rain within 12 

hours 

E to NE..|/30.10 and above and _ falling|In summer, with light winds, rain may 
slowly not fall for several days. In winter, 

rain within 24 hours 

E to NE. .|30.10 and above and falling|In summer, rain probable within 12 to 

rapidly 24 hours. In winter, rain or snow, 
with increasing winds, will often set 
in when the barometer begins to fall 
and the wind sets in from the NE 

SE to NE.|30.00 or below and falling slowly|Rain will continue 1 to 2 days 

SE to NE.|30.00 or below and falling rapidly | Rain, with high winds, followed, with- 

in 36 hours, by clearing, and in 
winter by colder 

S to SW...|30.00 or below and rising slowly) Clearing within a few hours, and fair 
for several days 

S to E....|29.80 or below and falling rapidly |Severe storm imminent, followed, 

within 24 hours, by clearing, and 
in winter by colder 

E to N....|29.80 or below and falling rapidly |Severe northeast gale and heavy pre-! 

cipitation; in winter, heavy snow, | 
followed by a cold wave 

Clearing and colder Going to W|29.80 or below and rising rapidly 



280 Meteorology Sect. 3 

As a rule winds from the east quadrants and falling barometer indicate 
foul weather; and winds shifting to the west quadrants indicate clearing and 
fair weather. The rapidity of the storm’s approach and its intensity are 

indicated by the rate and the amount in the fall of the barometer. 
The indications afforded by the wind and the barometer are the best guides 

for determining future weather conditions. As low barometer readings 
usually attend stormy weather, and high barometer readings are generally 
associated with clearing or fair weather, it follows that falling barometer 
indicates precipitation and wind, and rising barometer, fair weather or the 
approach of fair weather. As atmospheric areas of high barometer and areas 
of low barometer are, by natural laws, caused to assume circular or oval 
forms, the wind directions with reference to areas of low barometer are spirally 
and contraclockwise inward toward the region of lowest atmospheric pressure, 
as indicated by readings of the barometer. The areas of high barometer, on 
the contrary, show winds flowing spirally clockwise outward from the region 
of highest barometric pressure. 

The wind directions thus produced give rise to, and are responsible for, all local 
weather signs. The south winds bring warmth, the north winds cold, the east winds, 
in the middle latitudes, indicate the approach from the westward of a low barometer, 
or storm, area, and the west winds show that the storm area has passed to the east- 
ward. The indications of the barometer generally forerun the shifts of the wind. This 
much is shown by local observations. 

During the colder months, when the land temperatures are below the water temper- 
atures of the ocean, precipitation will begin along the seaboards when the wind shifts 
and blows steadily from the water over the land without regard to the height of the 
barometer. In such cases the moisture in the warm ocean winds is condensed by the 
cold of the continental area. During the summer months, on the contrary, the onshore 
winds are not necessarily rain winds, for the reason that they are cooler than the land 
surfaces and their capacity for moisture is increased by the warmth that is communi- 
cated to them by the land surface. In such cases thunderstorms commonly occur 
when the ocean winds are intercepted by mountain ranges or peaks. If, however, the 
easterly winds of summer increase in force, with falling barometer, the approach of an 
area of low barometric pressure from the west is indicated and rain will follow within 
a day or two. 

From the Mississippi and Missouri yalleys to the Atlantic coast, and on the Pacific 
coast, rain generally begins on a falling barometer, whereas in the Rocky Mountain 
and Plateau districts, and on the eastern Rocky Mountain slope, precipitation seldom 
begins until the barometer begins to rise, after a fall. Thisis true as regards the eastern 
half of the country, however, only during the colder months, and in the presence of 
general storms that may occur at other seasons. In the warmer months summer 
showers and thunderstorms usually come about the time the barometer turns from 
falling to rising. It is important to note the fact that during practically the entire 
year precipitation on the great western plains and in the mountain regions that lie 
between the plains and the Pacific coast districts does not begin until the center of 

the low barometer area has passed to the eastward or southward, and the wind has 
shifted to the north quadrants, with rising barometer. 

18. Weather Observations 

Mean Temperature. When maximum and minimum readings of temper- 
ature are taken, the mean of the two may be taken as the mean temperature 
of the day. The mean of all the daily means in a month is the mean tem- 
perature of the month. When a recording thermometer is used the area 
between the curve and an axis of abscissas is to be divided by the length of 
that axis in order to obtain the mean temperature for the elapsed time. 

Rainfall. The rain gage used by voluntary observers consists of a cylin- 
drical receiver 8 in. in diameter which has a funnel-shaped bottom that dis- 
charges into a tube 2.53 in. in diameter. The cross section of tube is one- 
tenth that of the receiver, and hence height of water in tube is ten times as 
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Temperature in the United States to Jan. 1, 1928 

Prepared by the Weather Bureau, U. S. Department of Agriculture 

Temperature F. i Temperature F. } 

Mean Extremes reat Mean |Extremes 
et pee ae an eee ts 

Stations 3 3 b wae Stations a % 

a|2| |] B __ tories al) Side 

Sisla| 8 aye la 3 
Birmingham.| 45| 80| 106|—10) yyon4 { Kalispell. ...| 20} 64) 99/34 
Mobile. ..... 52} 81) 103)— 1}, Miles City...| 14) 73] 111|—49 

\Flagstaft « 27) 65) 93)—25 Neb {iN « Platte....| 23}. 73)) 107) —35 

Phoenix..... $1] 90) 119] 12 ~ UlOmaha;. op .« 22) 77) 110] —32\ 
Wiinves foo. a 54] 91) 120} 22||/Nev....|/Winnemucca.| 29] 71] 104/—28 
Fort Smith. .| 40) 82) 108)—15 Charlotte....| 41) 78} 103}— 5 
Little Rock.. 41) 81) 106}—12)N.C.. { Hatteras....| 47} 78) 93 8 
Fresno Be. 46| 82) 115} 17]| Wilmington. .| 46] 79] 103 5 
[Los Angeles..| 55] 70| 109} 28||N. D....'Bismarck... .| 8] 70] 108}—45 
Sacramento..| 46] 73) 114} 19|IN. H..../Concord..... 22) 68) 102|—23 
San Diego. ..| 54| 67| 110) 25)n, 5 (rome bette 32) 72} 104)— 7 
San Francisco, 50| 58] 101] 29)| .° \Cape lade 34| 73} 100|— 7 
Denver...... 30| 72) 105|}+-29|N.Mex.. Santa Fe. 29| 69). 97|—13. 
Grand Junc..| 24] 78] 105]—21 ‘Albany...... 23] 73) 104|—24 
Pueblo...... 30) 74; 104|—27 Binghamton.| 24] 70) 99|—28 

- New Haven..| 28) 72).101|—14|N.Y.. Buffalo ee 25) 70) 95)—1%4 
|Washington..| 33] 77| 106|—15|| N. Y. City...| 31].:74}, 102)—13 
Jacksonville..| 55} 82| 104) 10 Oswego 5 eae 24| 70), 100) —23 
Key West...| 70} 84) 100) 41 Cincinnati...| 30} 75] 105}—17 

Pensacola... .| 52| 81] 103]  7|/Ohio.. ome ..| 29] 75} 104|—20 
ampa.:. J. - 60} 81) 98) 19 Toledo...... 26| 73) 103}—16} 
Atlanta.....| 43] 78) 102)|— 8|Okla.. "Oklahoma. 36| 81} 108}—17 
Augusta eae OE 47| 81) 106 3|\Oreg.... Portland. 39| 67} 104/— 2 
Savannah....} 51] 82) 105 8 | BRIE oes = baie 27).71)  96|—16)} 
Boise, 2.3. 30] 73) 121]—28||Pa.... {ms 33| 76) 106|— 6 
Cairn . odes | 35} 80) 106)—16 Pittsburgh. ..| 31] 75], 103|—20 
Chicago..... 24| 72| 103} -23||R.I.....|Block island. 31] 68} 92/— 6 
Springfield. ..| 26] 76] 107) —24||S.-C...,.|Charleston.. .| 50) 81] 104 vi 
Indianapolis.) 28] 76) 106|—25 SiHaron) ..) a. 11} 72) 108|—43)| 
Des Moines..! 20] 75} 110) —30|/S. D... \|Yankton....| 17| 74] 108|-36 
Dubuque 19] 74; 106) —32 \Chattanooga.| 41) 78] 104/—10 
Keokuk..... 25| 77| 108|—27||Tenn.. 1) Memphis....| 41] 81] 104/— 9 
Dodge City 29| 78) 108|—26 Nashville. ...| 39} 79) 104) —13 

Wichita..... 31] 79| 107|—22 Abilene... .. 44) 83) 110|— 6 

Louisville. ...| 34} 79) 107|—20 Amarillo. ...| 35} 77] 106|—16 
New Orleans.| 54] 82] 102 7|\|\Tex...}|El Paso.,... 45] 81} 113}— 5 
'Shreveport...| 47] 83} 110}— 5 Galveston...| 54} 83] 100 8 
Portland. ...| 22] 68) 103)—21 San Antonio.| 52] 84) 108 4 

Baltimore... .| 34] 77/ 105}— 7|/Utah....|SaltLakeCity| 29} 76) 103}—20 

OSLO «nce 2 28] 72) 104)—14|/Vt...... Burlington.. .| 19} 70) 100)—28 

Detroit...... 24) 72| 104|—24 { Lynchburg...| 38] 78) 105)— 7 

Marquette...| 16] 65) 108]—27|/Va.... | Norfolk..... 41} 79} 105 2 
Port Huron. .| 22} 69} 104)/—25 Seattle. ..... 40} 63} 98 3 

PY OTOED 3 6. 8| 64] 99|—41]|Wash.. | Spokane..... 28} 69) 104] —30 

Sen alin opal 13} 72} 104)—41 Walla Walla.| 33}, 74) 113) —17, 

Vicksburg... .| 48] 81] 104;— 1 { BENS 5-5...» 30] 70} 99)—28 

Kansas City.| 28] 78] 108|—22||W. Va. | Parkersburg..| 32] 75} 106)—27 
SE.,Louisss. «| 32) 29) LOU, —22 Wis tes Crosse... .| 16} 73} 104|—43 

Springfield. ..] 34] 77) 106) —29 * UMilwaukee...| 21) 70} 102}—25 

.|Helena... 27. 20] 66) 103] —42||\Wyo....|Cheyenne....| 26] 67) 100|—38 
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great as actual rainfall. The depth in the tube is measured bya stick which 

is so graduated as to read the true rainfall in inches. The tube is 20 in. long 

so that a precipitation of 2 in. or less can be measured without emptying it. 

Self-registering rain gages are used at main stations of U. S. Weather Bureau. Snow- 

fall is caught, melted, and then measured; roughly 10 in. of snow make 1 in. of water. 

A rain gage at the top of a building gives a less rainfall than one on the ground. 
Voluntary observers of the Weather Bureau record maximum and minimum tem- 

perature, precipitation, wind direction, general character of day, and miscellaneous 

phenomena such as halos, dates of frost, hail, sleet, auroras, and tornadoes. The 

general character of the day is recorded “clear” when the sky is 3/10 or less obscured, 
“partly cloudy ” when from 4/10 to 7/10 is obscured, and “cloudy” when more 

than 7/10 is obscured. 

19. Rainfall and Evaporation 

Mean Annual and Monthly rainfall at many stations are given in Sect. 9, 
Art. 40. The term Rainfall includes both rain and melted snow. 

Measurements of Evaporation are made by placing water-tight pans at 

Place Position of pan 

Salton’Sea;-Calif. ....0 seston ot 1500 ft. inland. 8.25.35 3 2 164.50 
Salton! Sea," Calif... wr... ese «2 SOOM Af SER, cee cious Ss eue sc 4 108.65 
Salton pea, Calif. .. ..nkineieens (DOO TEI ROSCA mea Se She 4 106.45 
Brdio,\Calites jock. 5 des nie ecm 15 miles from Salton Sea.... 6 119.33 
Mieccn.“Camty io. 6% staitein enters 1/2 mile from Salton Sea.... 6 107.81 
Byawieva Calife ty. sc" sara see 20 miles from Salton Sea.... 6 103.55 
Mammiothi/Calif. 2... srs. vessel 40 miles from Salton Sea.... 6 125.53 
Ni Yakima Wash 0... ccs eek ste 1/2 mile west of city........ 4 67.96 
Hermiston, Ore..........+-+- { On raft in reservoir........ 4 68.05 

ADE MEOW. cco c5. tate ase 3 97.29 
Granite Reef, Ariz........... { Floating in Salt River...... 4 97.74 

Oniaotind (Seta sail’, .\oz 4 115.18 
Gahtfornia, Ohioe.......ssc008s Floating in reservoir........ 4 45.99 
Birmingham, Ala.......:.+...- Floating in reservoir........ 4 51.7 
Dutch Flats; Neb... s.Povei ete. A few miles from Mitchell... 4 65.67 
Deer Flat, Idaho............ { On raft near water edge.... 4 77.43 

On ground of embankment. . 3 79.00 
Ady; Orewa 6 oan Seeks Floating in borrow pit...... 4 53.45 
FallomVnevs. j.'5 502s tae Cone. Floating in canal........... 4 53.65 
Lake! Tahoe; Calif. S2oPh gas. 2 ft. above water.......... 4 42.21 
Elephant Butte, N. Mex....... Near Rio Grande River..... 4 86.95 
Carlsbad, N; Mex... .. sce { In theGity;2 ess det seee aes 4 107.25 

Inan alfalfa eld 5)... ae ; 4 94.35 
Lake Avalon, N. Mex... 0.002. A few miles from Carlsbad. . 4 94.51 

The evaporation from a pan 2 ft. in diameter is about 75%, that from a pan 4 ft. in 
diameter is about 50%, and that from a pan 6 ft. in diameter is about 30% greater 
than the evaporation from a large pond or Jake. The above figures may be roughly 
corrected by using these percentages; thus, at Birmingham, Ala., the true annual 
evaporation is 34.50 in. 

The U.S. Weather Bureau maintains at selected locations hook gage measurements 
of evaporation losses from cylindrical pans 10 in. deep-and 4 ft. in diameter, exposed 
on wood frames, bottom of pans 1 in. above the ground, generally on level ground, 
and in full sunshine. Detailed description published in Monthly Weather Review, 
December, 1916, or in Circular L, Instrument Division, Weather Bureau, No. 559. 
From comparisons available, it appears that losses from bodies of water of considerable 
area are 50 to 60% as great as from pans exposed as above. The records are published 
in detail in the reports issued by the state section directors of the U. S. Weather 
Bureau, and in the Annual Reports of the Chief of the Weather Bureau. 
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the level of the ground and noting daily the variations in depth, together 
with the rainfall. On a water surface similar measurements may be made 
by floating boxes. It is found that the evaporation from water surfaces is 
greater than that from land, that it is greater in dry and desert regions than 
in cultivated ones, that it is less in low lands than on mountains, that it de- 
creases as the humidity of the air increases, and that it increases with the 
temperature of the air and the velocity of the wind. In the North Atlantic 
states the annual evaporation from land surfaces is, on the average, about 
40%, while that from water surfaces is about 60% of the annual rainfall. In 
low and level localities thesé percentages are decreased, while for high regions 
and steep slopes they are increased. In some arid localities west of the 
Rocky Mountains nearly all the rainfall evaporates from land surfaces, while 
the evaporation from water surfaces may be several times as great as the 
rainfall. 

Experiments made in 1909-10 by the U. S. Department of Agriculture gave 
the following figures for the annual evaporation at twenty places in the 
United States, the evaporating pan being at or very near the surface of the 
ground or water. 

Maximum Intensity of Rainfall 

Inches per hour for Inches per hour for 

5 10 | 60 ; 5 10 | 60 
Station min- | min- | min- Station min- | min- | min- 

utes, | utes, | utes, utes, | utes, | utes, 

in. in in. in in. in 

Bismarck, N. D..| 9.00 | 6.00 | 2.00 || Chicago, Ill...... 6.60-} 5.92 | 4 
St. Paul, Minn...| 8.40 | 6.00 | 1.30 || Galveston, Tex....| 6.48 | 5.58 | 2 
New Orleans, La..| 8.16 | 4:86 | 2.18 || Omaha, Neb.......|.6.00 | 4.80 | 1 
Milwaukee, Wis. .| 7-80 | 4.20 | 1.25 || Dodge City, Iowa.| 6.00 | 4.20 | 1 
Kansas City, Mo.| 7.80 | 6.60 | 2.40 || Norfolk, Va......] 5.76 | 5.46] 1 
Washington, D.C.} 7.50 | 5.10 | 1.78 || Cleveland, Ohio...} 5.64 | 3.66 |-1 
Jacksonville, Fla..| 7.44 | 7.08 | 2.20 || Atlanta, Ga....... 5.46 | 5.46] 1 
Detroit, Mich....| 7.20 | 6.00 | 2.15 || Key West, Fla....] 5.40 | 4.80 | 2 
New York City...| 7.20 | 4.92 | 1.60 || Philadelphia, Pa..} 5.40 | 4.02 | 1 
Boston, Mass.....| 6.72 | 4.98 | 1.68 || St. Louis, Mo..... 4.80 | 3.84 | 2 

Savannah, Ga....| 6.60 | 6.00 | 2.21 || Cincinnati, Ohio. .| 4.56 |.4.20,) 1 
Indianapolis, Ind.| 6.60 | 3.90 | 1.60 || Denver, Colo.....] 3.60 | 3.30 | 1 
Memphis, Tenn. .| 6.60 | 4.80 | 1.86 || Duluth, Minn.....} 3.60 2.40.) v4 

pose 

This table has been compiled from all the available records at stations of the U. S. 

Weather Bureau which are equipped with self-registering rain gages. 

20. Speed of Winds in the United States 

U. S. Weather Bureau Records of the average speed of wind in miles per 

hour at selected stations, and the highest speeds ever reported for a period of 

five minutes. 

The Beaufort Scale is used by seamen. In following table the correspond- 

ing velocity per hour in statute miles and in nautical miles is added. 
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Station Station age ext 

Abilene, Texas......... Louisville, Ky........-- 8 74 
Albany; NoaWiaassls Jas. Lynchburg, Va........- 5 63 
Alpena, Mich........... Memphis, Tenn......... 8 75 
Atlanta,’ Gat nos. sehr. Miles City, Mont....... 6 62 
Bismarck, N.D...5..5> > Montgomery, Ala....... 6 54 
Boise, Idaho........... Moorehead, Minn....... 10 75 
Boston; Masse eos Nashville, Tenn......... 9 75 
Buffalo Neer oes. New Orleans, La........ 8 86 
CharlottejiNOCA les oe New York, N. Y........ 17 96 
Chattanooga, Tenn...... North Platte, Neb...... 9 96 
Chicago, Biss eep!. aves Omaha, Neb...:....2..> 9 66 
Cincinnati, Ohio........ Palestine, Tex.......... 7 60 
Cleveland, Ohio........ Philadelphia, Pa........ 10 75 
Denver; Colo... << cin. «a PIUPSOMTE, flow. wceh = 11 70 
Detroit, Mich.......... Portland, Me:.........- 8 61 

Dodge City, Kan........ Red Bluff, Calif. ....... 6 60 
| Dubuque, Iowa......... Rochester, N. Y......-. 9 78 
Dwloth, Mins. oo .cn..<5 DE. Lewis, 0...6- s-a hos 11 80 
Eastport, Meienn <«.c. . St: Paul, Minn.....1..0¢'s 11 102 
UWP AGO ROR. oc inrsie t tuaiate Salt Lake City, Utah.... 7 
Fort Smith, Ark........ San Diego, Calif........ 6 
Galveston, Texas....... San Francisco, Calif.....} 10 
Havre, Monty. ont «3s Sante Fe, N. M....2.... 7 
Helena, Mont.......... Savannah, Gao... 8 
EENTON, agli. sae = wp Oe Spokane, Wash.. «...... 6 
Jacksonville, Fla........ Toledo) Ohio. fs spore |< - 11 
Kansas City, Mo.,...... Vicksburg, Miss.......... 6 
Keokuk, Iowa... ......... Washington, D. C....... 7 
Knoxville, Tenn......... Wilmington, N.C....... 8 

Velocity 

Statute miles Nautical miles 

per hour per hour 

Intensity or force of wind, 
Beaufort’s scale 

0. Calm. Full-rigged ship, all sail set, no head- 
; AS Oipiess. wba Stain adiays fs 0to3 0 to 2. 

8 
2. Light Breeze. Speed of 1 or 2 knots, “ full 

EAT KO Mal 9) ina el re SME se, ac tal: BG 
3. Gentle Breeze. Speed of 3 or 4 knots, “ full 

MIE DY ras bh ee ne eee ates 
4. Moderate Breeze. Speed of 5 or 6 knots, 

BSA ABR DY: 5 teres ne ave tete oie 
5. Fresh Breeze. All plain sail, “full and by ” 
6. Strong Breeze. Topgallant sails over single- 

reefed! Lopsallss qtaich.cls 1-9 DS ehe e 
7. Moderate Gale. Double-reefed topsails. . . 
8. Fresh Gale. Treble-reefed topsails (or 

reefed upper topsails and courses)... .. 
9. Strong Gale. Close-reefed topsails and 

courses (or lower topsails and courses).. 

10. Whole Gale. Close-reefed main topsail and 
reefed foresail (or lower main topsail and 

réefediforesall) nen nina cere ee ates 
11. Storm. Storm staysails.. 02.0... 05 50000. 
12. Hurricane. Under bare poles 

65 56.4 
75 65.1 
90 and over 78.1 and over 

The words “intensity” and “force,” used in connection with this scale, have no 
direct relation to pressure, but refer to speed or velocity. 
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21. Barometric Observations 

Whenever pressure is specified in terms of the height of a column of mercury, 

it is always tacitly understood that it is the height the column balancing the 

pressure would have under “standard conditions,” that is, at 0° C. and where 

g has the standard value go = 980.665 cm. per sec. per sec. adopted by the 

International Committee of Weights and Measures. In all cases where the 

mercury column (if of average barometric height and at ordinary atmospheric 

temperature) is to be read closer than 2 or 3 mm. (0.1 in.) one or more of the 

corrections described below must be made or the accuracy of the reading 

will be imaginary. 

Corrections. Let / be the height of the mercury column as read at °C. 

with a scale correct at fp° C. whose coefficient of linear expansion 18/8) peel 

¢ be the latitude and H the elevation in meters above sea level. 

(1) Temperature of the Mercury. Subtract 0.000182 It. 

(2) Temperature of the Measuring Scale. Add 6 (t —%o)1. For brass B=0.000019; 

for glass 8 = 0.000008. If, as is usual, the scale is correct at 0° C., the complete 

correction, (1) and (2), for the expansion of both the mercury and the scale may be 

made by subtracting from the observed reading (0.000182 — 8) lt, which gives 

0.000163 7 for a brass scale, and 
0.000174 lt for a glass scale. 

Under ordinary conditions the correction may amount to as much as 4 mm. 

(3) Capillary Depression in a Cistern Barometer. Add to the reading of the top 

of the meniscus the amount given in the table below corresponding to the internal 

diameter of the tube and the height of the meniscus. This somewhat uncertain cor- 

rection can be avoided by using a tube at least 25 mm. in diameter. 

Capillary Depression of Mercury 

(After Mendeléeff and Gutkowsky. Kohlrausch, 1910) 

Height of the meniscus in mm. 

1.8 

mm 

ee eh WO Pans tiene tees) (ort nots 3 

1 ¥ DP, SOOIR GGA, . |. stele olepe 

0 0. 1. 143. lle es 

0 0. 0. 0. 1, 33 

cee 0 0. 0. 0. 0.77 

Bk ati 0 0. 0. 0. 0.52 

Be PacreneteLnaso arte 0 0. 0. 0. 0.37 

a neeah a) Lae aca 0 0. 0. 0. 0.27 

eetuhh: aivlea p's 0 0. 0. 0. 0.19 

0 0. O.. 0. 0.14 

(4) Pressure of the Mercury Vapor<+ This causes a slight depression at high tem- 

peratures, but is less than 0.01 mm. under 40° C, 

- (5) Variation of weight with Latitude and Elevation. Multiply by. g/go = 

(1 — 0.0026 cos 2 ¢ — 0.000 000 2 H), the local height obtained by applying the above 

corrections to the reading. The correction for elevation is only 0.1. mm. at 700 m., 

but the correction for latitude may amount to as much as 2 mm. 
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Mean Barometer-height b at an Elevation of H Meters above 
Sea Level. (Kohlrausch) 

Air at 10° C. (50° F.) bo = 760 mm. 

H= 0 | 100 | 200 
b= 760 | 751.) 742 
H = | 1000 |1100 {1200 
= 674 | 666 | 658 598 mm. 

The international meteorological formula * for reducing height b of mercurial 
barometer at ¢° C. and latitude ¢ to height bp at 0° C. and latitude 45° is 

H (1 — 3/8 €/b) Give die cd eet os ee ere oe ae ee 
logebor> logelhct weaoa bors 4 Oi Hi dh DONE an ) 

22. Humidity 

There is always present in the atmosphere a greater or less quantity of 
invisible water vapor, mixed with the other gases. The absolute humidity 
is the mass of water vapor present per unit volume; and the gas pressure 
which this water vapor is exerting is called the vapor pressure. The ratio of 
the actual absolute humidity to the maximum quantity of water vapor that 
could be present at the existing temperature is the relative humidity. By 
means of suitable tables, the relative humidity may be computed from the 
difference between simultaneous readings of an ordinary thermometer and 
a thermometer with a wetted and amply ventilated bulb. The temperature 
at which the actual absolute humidity would be the maximum possible—i.e., 
the temperature at which the existing quantity of water vapor would produce 
saturation—is called the dew point. 

23. Protection against Lightning 

The following discussion and rules have been abstracted from a Safety Code 
for Protection against Lightning which has been prepared for the American 
Engineering Standards Committee under the sponsorship of the Bureau of 
Standards and the American Institute of Electrical Engineers. The material 
included here is intended to indicate the general principles to be followed. 
For details as to materials and methods reference should be made to the Code. 

Protection of Buildings and Miscellaneous Property 
Fundamental Principles of Protection. The fundamental theory of lightning pro- 

tection for buildings is to provide means by which a discharge may enter or leave the 
earth without passing through a nonconducting part of the structure, as for example, 
parts which are made of wood, brick, tile or concrete. Damage is caused by the heat 
and mechanical forces generated in such nonconducting portions by the discharge, 
whereas in metal parts the heat and mechanical forces are known to be of negligible 
effect if the metal has sufficient cross-sectional area. It is further known that there 
is a strong tendency for lightning discharges on structures to travel on the metal parts, 
especially those which extend in the general direction of the discharge. Hence, if 
metal parts are provided, of proper proportions and distribution, damage can be largely 
prevented. However, because lightning has such a wide range of characteristics, it is difficult to provide any practical means which will afford absolute protection under 

* For a more complete treatment and application of this formula and for other forms 
of this equation see: (a) Smithsonian Meteorological Tables, 4 ed., pp. XXXXIX, also pp. 85-158; or (b) W. J. Humphreys, Physics of the Air, chap. V. 



“Art. 22 Humidity 

Annual Means of Relative Humidity and Precipitation for 
Many Years 

Stations 

Flagstaff... . 

Ariz... 1 Phoenix 

Fort Smith. . 
“** L Little Rock. . 

Fresno 
Los Angeles.. 
Sacramento.. 

Conn... New Haven.. 
D.C.... Washington.. 

Ark 

Calif. . 
San Diego... 
San Francisco 
Denver 
Grand Junc.. Col... 4 Grand Junc.. 

Jacksonville.. 
ae Key West... 

Pensacola... - 
Tampa...... 
Atlanta..... 

Gare. | Augusta..... 
Savannah... .| 

‘Idaho... Boise...-... 
| Cairo, 50 ¢ a2 
jaf) eee | Chicago..... 

Springfield... 

Indnstiz Indianapolis. 
Des Moines. . 

Iowa.. \ Dubuque 
Keokuk...-. 

Kan... § Dodge City. . 
Wichita.....- 

Key sit Louisville. ... 

ioe) New Orleans. 
**** \ Shreveport... 

Me..... Portland.... 

Md..'... Baltimore... 

Mass.... Boston.....- 
Detroitesws: 

Mich.. | Marquette... 
Port Huron.. 

: Duluth...... 

el? { St Paul. gern 

Miss.... Vicksburg... 
Kansas City. 

Mo.... \ St. Louis. ... 
Springfield... 

Mont... Helena 

Annual 
percent- 

age of 
relative 
humidity 

at 8 a.m. 

75th 
eridian 
time 

12. 

Annual 
amount 

precipi- 
tation, 

* Not computed 
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Annual 
percent- 

age of |Annual 
relative j|amount 

Stations humidity|precipi- 
at 8 a.m.j| tation, 

75th in. 
oy meridian 

time 

} Kalispell...) 82 16.94 

Mont. { Mite City 2s) 2099) fr 198A 
he N. Platte.... 81 18.86 
sc soa pores tee 78 | 27.77 
Nev..... Winnemucca. 66 8.40 

| Charlotte... . 78 46.05 
Nix | Hatteras.... 87 60.85 

| Wilmington... 81 51.05 
|N:D.... Bismarck....| 80 16.34 
|N. He... Concord..... 77 37053 

se. { Atlantic City. 80 | 40.56 
Cape May... iad 40.75 

N. Mex.. Santa Fe.... 58 14.49 

| Albany:s...é%4 78 36.38 

| Binghamton 80 32.94 

N.Y Buffalo...... 77 35.82 

iia) ee WeiGity 75 44.63 
Oswego... -. 79 36.18 
Cincinnati... 76 38.33 

Ohio. . \ Columbus... . 79 36.34 

| Toledowst:. 2. 79 32.03 

Okla.... Oklahoma... 80 31.69 

Oreg.... Portland.... 86 43.24 

Brie. 2. 76 36.93 | 

|Pa... | Philadelphia. 74 40.41 

| Pittsburgh... 17 36.35 

|R.1..... Block Island. 81 44,36 

S. C..... Charleston... 79 52.07 

$.D f Huron...... 83 21.10 

Poo Lyankton....| 80 | 25.30 
Chattanooga. 80 51.61 

Tenn.. { Memphis.... 79 50.34 

| Nashville....| 80 | 47.20 
} Abilene. ...- 77 24.74 | 

lrbsie Amarillo....| 76 | 22.55 
‘Tex El Paso..... 54 9.16 

j Galveston... 84 44.77 

San Antonio. 81 26.83 

Utah.... SaltLakeCity| 60 16.03 

Vitvsaadisns Burlington... 76 31.61 

Va Lynchburg... 77 43.42 

| enter ay MaiNortolkcss. 4. 80 49.54 

Seattle... 87 33.11 

Wash.. \ Spokane..... 77 16.36 

Walla Walla. 74 17.67 

! Blkinsiiiej.' 4 86 42.75 

ae Parkersburg.. 81 40.22 

laure La Crosse...| 81 30.81 

bo { Milwaukee... 78 30.08 

|Wyo.... Cheyenne....]__65 14.99 
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all conditions, although the degree of protection afforded by present practice is high 
‘if the installation is properly made. 

The required condition that there be a metallic path for the part of the discharge 
which is intercepted is met most fully by a grounded metal or metal-covered structure 
which presents what might be thought of as an infinite number of parallel conductors 
from the uppermost part of the structure to earth. It is substantially met by a steel- 
framed structure, which, though faced with brick, terra-cotta, or other building 
material, usually has, or at relatively small cost can be equipped with, a sufficient 
number of metal terminals or receiving points on the upper portions which connect 
with the frame to protect it thoroughly. 

For a structure which is built wholly or partly of non-conducting materials, one of 
the best defenses against direct hits by lightning is to surround it with a ring of 
grounded metallic masts or poles of sufficient height. Or, if the structure is not large, 
a single mast erected nearby may be sufficient. Experiments have indicated’ that, 
under certain assumed test conditions, such a vertical conductor will generally divert 
to itself all direct hits which might otherwise fall within a cone-shaped space of which 
the apex is the top of the conductor, and the base a circle of radius two to four times 
the height of the conductor. This agrees with theoretical deductions. Incidentally, 
any metallic structure, or adequately protected structure, will function in the same 
manner as a mast. Thus a tall steel windmill or water-tower or rodded steeple will 
tend to protect nearby structure of less height, although before relying upon such 
protection care should be taken to see that the structure lies well within the cone- 
shaped space mentioned above. 

Generally, however, on account of architectural considerations, the mast type of 
protection is not feasible. More suitable protection is provided by the installation 
of lightning conductors. Here the required conditions of protection are closely approxi- 
mated by placing air terminals or receiving points on the uppermost parts of the 
building, with interconnecting and grounding conductors attached to the building 
itself. By this means a relatively small amount of metal properly proportioned and 
distributed is made to afford a satisfactory degree of protection and at the same 
time, if necessary, to afford a minimum of interference with the contour of the struc- 
ture. It should be stated, however, that this type of protection is to be considered 
only for structures in which very small induced sparks do not present an appreciable 
element of danger, as they do in oil tanks, cotton warehouses and powder storage 
houses. The latter require much more elaborate precautions to insure their safety 
than do the general run of buildings. 
When designing and installing a system of protection of the lightning-rod type the 

following principles should be followed: 
(a) The structure should be examined and all points or parts most likely to be 

struck by lightning should be noted, with the view of erecting air terminals thereon 
for the reception of the discharge. The object is to intercept the discharge immedi- 
ately above the parts liable to be struck rather than to attempt to divert it in a direc- 
tion it is not likely to take. The receiving points should be placed high enough above 
the structure to obviate danger of fire from the arc; the more inflammable the roof 
material the higher the points should be placed. 

(b) Conductors should be installed with the view of offering the least possible 
obstruction to the passage of a stroke between air terminals and ground. The most 
direct path is in general the best, and there should be no sharp bends or loops for the 
lightning to jump across. The obstruction is practically inverse to the number of 
widely separated paths, so from each air terminal there should be at least two paths 
to ground and more if practicable. The number of paths is increased and the obstruc- 
tion lessened by connecting the conductors to form a cage enclosing the building. 

(c) When a stroke is about to take place to earth the surrounding surface of the 
ground for a radius of several miles carries an electric charge. As the discharge takes 
place this surface charge moves radially toward the ground end of the air path, form- 
ing an electric current inthe ground. Near the point where the discharge enters the 
ground the current density becomes high, and if the flow takes place through the 
foundation wall of a building damage may result. Ground connections should there- 
fore be distributed more or less symmetrically about the circumference of a struc- 
ture rather than grouped on one side. With ground connections properly distributed 
the current will be collected at the outer extremities anda flow underneath the build- 
ing minimized. In every case, for the foregoing reason, at least two ground connec- 
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tions should be made at opposite extremities of the structure. Satisfactory ground 

connections are made in the majority of cases by extending the rod into the earth to 

a distance of 6 to 10 ft. Driven rods or plates may be used as alternatives. If there is 

a water pipe nearby connection should be made to it 

(d) If a lightning conductor system is placed on a building within or about which 

are metal objects of considerable size within a few feet of the conductor, there will be 

a strong tendency for sparks, or sideflashes, to jump from the conductor to the metal 

at its nearest point. To prevent damage an interconnecting conductor should be 

provided at all places where sideflashes are likely to occur. 

(e) Within buildings where metallic objects may be liable to a dangerous rise of 

potential due to a lightning flash, the metal, if not interconnected with the lightning- 

tod system, should under some circumstances be independently grounded. 

(f) Since a lightning condutor system as a general rule is expected to remain in 

working condition for long periods with little attention, the mechanical construction 

should be strong and the materials used such as to offer high resistance to corrosion: 

(g) The minimum permissible weight of copper conductor for all ordinary buildings 

is 187-1/2 lb. per 1000 ft. The foregoing general principles are embodied in the detailed 

specifications mentioned at the beginning of this section, which correspond to the 

approval requirements of underwriters’ laboratories. An approved lightning con- 

ductor, therefore, will meet the requirements of the Safety Code. 

Protection of Structures Containing Inflammable Liquids and Gases from 

Lightning 

Lightning is responsible for a majority of the tank fires of the petroleum industry. 

In a Report on Records of Oil Tank Fires in the United States, 1915-1925, published 

by the American Petroleum Institute, it is stated that lightning caused'55 % of the 

fires recorded. 

1. Reduction of Damage. Certain types of structures used for the storage of 

inflammable liquids and gases are essentially self-protecting. Protection, of a greater 

or less degree, may be secured in the case of others through the installation of various 

types of protective equipment, such as screens, rods, protective towers and by othe. 

means. 

2. Fundamental Principles of Protection. Protection of structures and their con- 

tents from lightning involve the following principles. 

(a) The storage of inflammable liquids and gases in all-metal structures essentially 

gas-tight. 

(b) The use in all necessary breathing vents of efficient flame arresters. 

(c) The maintenance of containers in good condition, so far as potential hazards 

from electrical discharges are concerned. 

(d) The avoidance, so far as possible, of the accumulation of explosive mixtures, in 

and about such structures. 

(e) The avoidance of spark gaps in metallic conductors or between metallic con- 

ductors at points where there may be an accumulation of explosive mixtures or an 

escape of inflammable vapors or gases to the air. 

(f) In connection with structures not inherently self-protecting, the establishment 

of cones of protection through the use of grounded screen, rods or towers, or the 

equivalent. 
, 

(g) The location of structures containing inflammable liquids and gases not inher- 

ently self-protecting, in positions of lesser exposure with regard to lightning. Thus 

elevated positions should be avoided. 

24. Wind Pressure on Structures 

Air Resistance of Automobiles and Trains; Laws of Flight of Airplanes 

Windstorm Damage. According to the statistics of one of the large insur- 

ance companies * well over one-half of the total windstorm damage is caused 

* Associated Factory Mutual Fire Insurance Co., Boston, Mass. Handbook on 

Windstorms. 
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by the high winds that accompany ordinary storms and thunder-storms. 
Much of the loss is directly attributable to the omission of anchorage of 
buildings to foundations, of roofs to the walls, to inadequate fastening of 
tiles and other roof coverings and to similar neglect of good practice in con- 
struction details. It is not customary to design such details for definite 
wind loads and aside from exceptional cases any reasonable provision gives 
ample strength. 

Protection against very severe storms can be accomplished only by ade- 
quate engineering design of the whole structure. 

Wind Velocity Measurement. When it is desired to design a structure to 
withstand high winds, great difficulty is experienced in determining the maxi- 
mum wind velocity to which the structure will be exposed. The records of 
the Weather Bureau give the maximum average velocity indicated for a five- 
minute period, known as the “maximum ” and the velocity of the fastest 
mile, known as the “extreme.” At 100 miles per hour average velocity the 
extreme velocity is really the average over a period of 36 seconds. The maxi- 
mum gust velocities are known to be much greater. What then shall be the 
speed for which the design is to be made? 
When the records at any one place are examined, it is found that the high 

velocities occur very infrequently. 
Therefore in the case of such structures 
as telephone or power lines an attempt 
is made to balance the cost of replace- 
ment agairst the cost of insurance. In 
other words, it is cheaper to rebuild 
occasionally than to build the structure 
strong enough initially to withstand the 
maximum wind speeds. In _ buildings 
and other structures the element of 
human safety enters and the considera- 
tions of cost are not the only ones. Yet 
so far as tornadoes are concerned, it is 
usually felt to be impracticable to build 
strong enough to withstand the maxi- 
mum speeds. The cost of insurance 
is far less than the increased construc- 
tion costs. 

Robinson Anemometers. The official Weather Bureau Instrument is a 
Robinson type cup-anemometer. Prior to January 1, 1928, a four-cup driv- 
ing unit was used but on that date a change was made to a three-cup unit 
because of the large errors of the older instrument at high speeds. 

Pitot Tubes. The standard instrument adopted by the Bureau of Stand- 
ards, National Physical Laboratory and other scientific organizations for 
the measurement of air velocities is a Pitot-static tube of proper design. 
The instrument consists of an open tube facing into the wind and a concentric 
tube closed to the air stream except for several small holes drilled radially 
and sufficiently far from the nose that the air flows by smoothly when the 
tube is in line with the wind direction. A pressure gage is used to measure the difference in the pressure between the two tubes. The second tube gives the static pressure, i.e., the pressure that would be shown by a gage moving 
with the air. The first gives the static pressure plus the increased pressure produced by reducing the velocity to zero at the mouth of the tube. The differential pressure is 3 dV2, where d is the density of the air and V the 
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Indicated Wind Speeds by Robinson Cup Anemomentors 

Indicated Indicated Indicated Indicated 
True speed speed old speed new pie speed speed old speed new 

four-cup three-cup ie RSE four-cup three-cup 
standard standard our standard standard 

60 

Note. Values above a true speed of 75 miles per hour are extrapolated, but are 

probably correct. to the precision given, namely, 1 mile per hour. 

wind speed, and is known as the velocity pressure. Pitot-static tubes of 

poor design usually indicate a higher pressure because of a failure to give the 

true static pressure. Values of the velocity pressure at various wind speeds 

are given in the table below for an air density of 0.07651 lb. per sq. ft. cor- 

responding to 15° C., 760 mm. Hg. 

Velocity True | Velocity True | Velocity True Velocity 
pres- wind pres- wind pres- || wind pres- 

sure, speed, sure, speed, sure, speed, sure, 

Ib. per miles Ib. per miles lb. per miles Ib. per 

sq.ft. ||per hour| sq. ft. |\per hour| sq.ft. ||per hour) sq. ft. 

06 35 B18 65 10.80 95 23.08 

26 40 4,09 70 12.53 100 25.57 

58 45 5.13 75 14.38 105 28.19 

1.02 50 6.39 80 16,36 110 30.94 

1.60 55 7.73 85 18.47 115 5.82 

2.30 60 9,21 90 20.71 | 120 | 36.82 

: 1 i 
Note. The formula becomes oe dV2 if the pressure is measured in pounds per 

6 

square foot and the density in pounds per cubic foot. 

The dimensions of ; 

several standard Pi- 7 Holey p ee i Os od 

tot tubes, which 
may be used without 
calibration if the 
supporting bracket 
is at least 20 diam- 
eters behind the 

static holes, are & 

given in the figure. |"""57 6 

Dines Tube Ane- 
mometer. Thelabo- A= British B= Bureau of Standards C=N,A.C.A. 

ratory standard Pi- Fig. 11 

tot tubes are not : f : 

suitable for use in field measurements of wind velocity but an instrument of 

pee 

ann 0 2 LISEEEE Lg —— 

+ 34 10.565 
4 Holes per Row, 1. i. 7.94 

Dimensions in mm 
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this general type is in occasional use, namely, the Dines Tube Anemometer. 
In this instrument, the impact tube is kept pointed into the wind by means of 
a weather vane while the static tube is vertical. Because of this arrange- 
ment of the static tube a calibration factor is necessary and it has recently 
been shown that the factor depends to some extent on the wind direction and 
on the exact constructional details of the instrument.* 

The pressures developed are transmitted to a float whose motion is recorded 

by a pen onachart. Gusts are shown in the records and average velocities 
over comparatively short intervals of time can be estimated by a considera- 
tion of the inertia effects. 

Electrical Anemometers. Recently several instruments giving an indica- 
tion and record of wind velocity have been developed. the most widely known 
being the Burton anemometer. The instrument consists of an electric gen- 
erator driven by either a four-cup or three-cup Robinson anemometer wheel. 
The voltage is indicated or recorded, the scale being graduated in terms of 

wind velocity. Gust velocities are indicated and can be evaluated for com- 
paratively short time intervals by a consideration of the inertia effects. 

Bridled Cup Anemometer. Still another type of instrument available 
for field indication of wind velocity is the bridled cup anemometer, available 
in an instrument developed by Julien P. Friez. A multi-blade turbine wheel 
is rotated against a spring system to a position of equilibrium such that the 
spring torque balances the wind torque on the wheel. The spring system is 
arranged to give a uniform wind velocity scale on the indicating dial. 

Interpretation of Records. The only records available in sufficient quan- 
tity to be of any service to the engineer are those of the Weather Bureau for 
the maximum velocity over a five-minute period and the velocity of the fastest 
mile. The use and interpretation of these records in connection with any 
particular engineering project must be left to the judgment of the engineer. 
in charge. If it is desired to build so strong that the structure will not fail 
under any possible circumstances, it is believed that the design should be 
made for a wind speed of 150 miles per hour. 

It is commonly believed that the natural gusty wind imposes severe rack- 
ing stresses which are greater than those imposed by a steady wind of the 
same speed. This is probably true only in rare instances for most of the 
puzzling effects of high winds in lifting roofs, causing walls to fail outwards, 
etc., are readily explained by the nature of the pressure distribution in a 
steady wind. 

Design Practice. The current practice of most structural engineers is to 
consider neither the shape of the structure, the nature of the exposure, nor 
the probable maximum wind velocity. All of these variable factors are 
lumped together in a design wind load of usually 20 to 30 lb. per sq. ft. In 
addition, the usual factors of safety for the material are often waived, and 
the allowable working stresses increased 25, 50, or even 100%; a procedure 
described by Fleming as giving an intellectual assent to the theories of the 
textbook and ignoring them in actual practice. It would seem to be more 
logical to retain the same working stresses and to design for a properly 
selected wind velocity. To that end we attempt to give experimental data 
known to apply with sufficient accuracy for design purposes on the wind 
pressures on various engineering structures. From these data the wind 
load actually. encountered at a selected wind velocity may be computed. 

* Annual Report of the National Physical Laboratory, 1926, p. 217. 
t Wind Pressure on Structures. Robin Fleming (Engineering News Co., 1915). This book gives a good summary of current design practice. 
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#4 
. Method of Giving Wind Pressure Data.* The nature of the reaction 

between the wind and an obstacle to its progress is extremely complicated. 

Two characteristics should be emphasized. First, the reaction consists of a 

surface distribution of pressure and the representation of the action by a single 

resultant force or by an average wind pressure is only a convenient device 

useful for certain purposes. Second, when there is no wind there is ‘a distri- 

bution of pressure over the surface due to the normal atmospheric pressure of © 

approximately 14.7 lb. per sq. in. The effect of the wind is a modification 

of this normal pressure, at some points an increase, at others a decrease in 

pressure. The magnitude of these changes is only a small percentage of the 

normal atmospheric pressure, and the words “ suction ”’ or ‘‘ vacuum ”’ as 

commonly used in this connection do not imply any large change in density 

or pressute. The changes are usually less than 2% of the normal atmos- 

pheric pressure (0.3 lb. per sq. in. or 42 lb. per sq. ft.). 

The maximum increase in pressure produced by the wind is equal to } dV?, 

where d is the density of the air, and V the wind speed. This pressure, 

usually termed the velocity pressure or impact pressure, is indicated by a 

Pitot-static tube of standard design. Values have already been given in a 

preceding table. 

It is found convenient to express all observed pressure differences including 

the average wind pressure as ratios to the velocity pressure. Although the 

maximum increase in pressure is equal to the velocity pressure, pressure 

decreases of greater amount frequently occur and the force resulting from the 

surface distribution over a structure is frequently greater than the velocity 

pressure times the projected area. We may regard the ratio, or coefficient 

as it is sometimes called, as a shape factor. Thus if the shape factor is 1.5, 

we may readily find the average pressure at any wind speed by multiplying 

by 1.5 the velocity pressure taken from the table. 

The shape factor for a thin square flat plate normal to the wind is 1.12 

and therefore the wind force on such a plate js 1.12 times the velocity pressure 

times the area. On an infinitely long thin rectangular plate the shape factor 

js 2.0. Other values are given later. 

In the above examples the shape factor is very nearly independent of size 

or wind speed. In general, the shape factor depends to some degree on the 

size and speed, the variations being said to be due to scale effect. For bodies 

with flat surfaces and sharp edges, the scale effect is in general so small as to 

be negligible for the present purpose. For spheres and cylinders the varia- 

tion is great and critical regions of speed and size occur where the shape 

factor decreases very rapidly. In these cases it is difficult to predict the 

average pressure ona full-scale structure from model tests. The important 

practical structure of this type is the tall chimney. 

Tt should be especially emphasized that there is no single value of the wind 

pressure applicable to all types of structures for a given wind velocity. The 

variations in shape factor are sufficiently large to demand jndividual treat- 

ment. 

Flat Plates, Signs, etc. The shape factor for a thin flat plate depends on 

the ratio of length to breadth. With the wind normal to the plate, the shape 

factor varies from 1.12 for a square or round plate to 1.33 for a rectangular 

plate of length-breadth ratio equal to 6. The wind force also varies with the 

angle of the plate to the wind. The direction of the resultant force is very 

nearly at right angles to the plate, and if the force is expressed as an average 

pressure over the area of the plate (not projected normal to the wind), the 

* From Sci. Paper 523, Bureau of Standards. 
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maximum shape coefficients observed are 1.75 for a square plate, 1.00 for a 
rectangular plate of length-breadth ratio equal to 3 and 1.34 for a rectangular 

plate of length-breadth ratio equal to 6. The detailed values for several 

angles to the wind are given in International Critical Tables, Vol. 1, p. 406. 
For approximately square signs, a shape factor of 1.75 should be used. For 
rectangular signs, the factor may be reduced as indicated by the above 
values. 

Structural Shapes, Bridge Trusses. The shape factor for a very long thin 
flat plate is 2. In attempting to apply this value to built-up structures such 
as bridge trusses or radio towers difficulty is experienced due to shielding. 
Experiments on built-up members have recently been published in Ergeb- 
nisse der Aerodynamischen Versuchsanstalt zu Géttingen, Vol. III, 1927; 

and experiments are in progress at the National Physical Laboratory of Great 
Britain. Reference should be made to the original publication for details as 
to the variation of the shape factors with angle. 

On simple structural steel shapes such as angles, I beams and built-up 
columns, the wind pressure is referred to the product of the length of the 
section by the greater dimension of the cross-section. The resultant force 
is resolved parallel to this dimension and perpendicular to it.and two shape 
factors are given. We consider here only the shape factor for the component 
perpendicular to the greater dimension of the cross section; i.e., the com- 
ponent giving the higher stress. The maximum values observed ranged from 
1.6 to 2.2, in most cases being about 2 and occurring when the wind was 
normal to the face of greater area. We may therefore conclude that a safe 
value for isolated structural steel shapes is 2. 

A number of model bridge trusses were tested. When used singly, the 
shape factors were from 1.4 to 1.6 referred to the projected area of the truss. 
When two trusses were placed one behind the other with wind normal to 
the plane of the truss, the shape factor for the front truss was from 1.4 to 
1.6 for all positions of the rear truss, and for all models, whereas that for the 
rear truss varied, with the distance apart from 0.0 to 1.2, depending on the 
ratio of open to closed area. 

Further experiments were made on one model at a given spacing (2.75 
times the vertical dimension of truss) by varying the wind direction in both 
horizontal and vertical directions... Variation in. the vertical plane is most 
important, the shielding effect disappearing at an angle of 15°. 

A further experiment was made on a model consisting of two trusses spaced 
a distance equal to the maximum vertical dimension of the truss with floor 
between. In this case the shape factor referred to the area of one truss 
reached the value 1.85, and at varying angles in the vertical plane a large 
lifting force was found. Bridges across deep canyons or in other locations 
where variations of the wind direction in a vertical direction are possible 
may need some provision to take care of possible lifting forces. 

It appears that in general a shape factor of 2 on the area of one truss is 
sufficient, although if the trusses are farther apart than the maximum vertical 
dimension of one truss or if the wind direction may vary in the vertical 
plane, a factor of at least 2.5 applied to the area of one truss should be used. 
Under exceptional conditions a factor of 3 applied to one truss may be de- 

manded. In any large project where wind forces are an important item, 
wind tunnel tests of a model will more than pay their cost. 

Buildings, Skyscrapers. For tall buildings of usual proportions it appears 
that a shape factor in the neighborhood of 1.5 is required.* For slender 

* Scientific Paper 523, Bureau of Standards. 
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towers the factor probably approaches 2.0 as for a long prism. For buildings 

of approximately cubical form, the factor is from 0.8 to 1.0. As in the case 

of bridge structures, model tests are justified in important projects. Other- 

wise an estimate should be made from the known shape factors given in the 

table below: 

Cases, SEL Fe eee os ARN ifr es 0.8 

Thin square flat plate... 2... 22-2 sees eee reer se al 

Peres acc weve aera wats ole ee Peseta «wets Teie6 + +s 1655 

Very long prism... ...s+-+eeeereeere retest 2.0 

In many cases, questions arise as to’ the strength of individual walls. 

Here the load depends on the pressure in the interior of the building which 

in turn depends on the number, size, and location of openings. _It seems 

- probable that in many cases the average pressure on a wall may equal twice 

the velocity pressure. The average pressure over small areas may reach 

three times the velocity pressure. It should especially be noted that the 

force may be in either direction depending on the pressure within the build- 

ing, and the outward collapse of walls in high winds is readily explained 

without the necessity of assuming a very low barometric pressure. 

Roofs. The force on a roof also depends on the pressure within the build- 

ing, which is somewhat indeterminate. The distribution on the outer surface 

is such as to give ordinarily a lifting force provided the pitch of the roof does 

not exceed 30 deg. There seems to be no occasion for providing for a wind 

load acting downward on the roof under these conditions. There is every 

reason to provide for substantial lifting forces which are present even when 

the wind does not penetrate beneath the roof covering. If the interior is 

not subject to the full velocity pressure through broken windows or other- 

wise, the upward loading is of the order of 0.7 to 1 times the velocity pressure. 

Under special circumstances such as in a factory type building with windows 

broken on the windward side, the loading may reach twice the velocity 

pressure. The roof should accordingly be securely anchored to the walls 

and the walls in turn to the foundations. 

When the pitch of the roof exceeds 30 deg., regions of increased pressure 

appear as shown by the experiments of T. E. Stanton (Proc. Inst. C. fae: 

London, 156, 1903-04, p. 78). 

Recently a large number of measurements of wind pressure on roofs and 

buildings have been published in Jahrbuch der Deutschen Gesellschaft fir 

Bauingenieurwesen, 1927, p. 87. 

Volume 97 of Engineering News-Record contains analyses of the effects of 

the Florida hurricane of 1926 which show that pressures of 55 to 65 lb. per sq. 

ft. were obtained. The wind velocity was independently estimated as 132 

miles per hour which would give the observed pressures on structures having 

a shape factor of 1.5. 

Additional model experiments on an approximately cubical structure are 

given in Volume 100, No. 13, p. 508, by Professor Dawley of the Kansas 

State Agricultural College. These give shape factors from 0.7 to 0.85, depend- 

ing on the presentation of the model to the wind and the presence or absence 

of windows and doors. 

“Chimneys, Standpipes, Gas-holders, Flag Poles, Transmission Lines. If 

the product of diameter in feet by wind speed in miles per hour is less than 

about 40, the shape factor for cylindrical structures may be taken from the 

table at the top of the next page. 

The flow about cylinders in this region in a steady wind is very definitely 

periodic, the frequency in cycles per second being equal to about 0.3 times 
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Ratio of length | Shape factor |) Ratio of length | Shape factor 
to diameter to diameter 

1 0.63 10 

2Z 0.69 20 

3 0.75 40 

5 0.74 Infinite 

the ratio of the wind speed in miles per hour to the diameter in feet. Care 
should be taken that the natural period of vibration of the structure does 
not correspond to the above eddy frequency at high wind speeds. It is 
understood that in some cases transmission lines have been observed to vibrate 
(in segments) with the eddy frequency and in certain conditions cause fatigue 

failures. 
When the product of diameter in feet by wind speed in miles per hour 

exceeds 40, the shape factor is found to decrease to a comparatively low value. 
Experiments on full-scale cylinders in a natural wind indicate a value as low 
as 0.3 to 0.4. The flow is no longer definitely periodic but is very irregular 
and o.cen unsymmetrical. Sufficient information is not available to justify 
such a radical reduction in the shape factor. Until the flow about large 
cylinders is fully understood, it is recommended that the same shape factors 

be used as for small cylinders. 
In transmission lines, the problem of shielding again appears since indi- 

vidual wires are near each other. It is common practice to compute the wind 
force not on the actual wire but on the wire assumed coated with ice 1/2 in. 
in thickness. The shielding depends on the spacing of the wires, and on 
the wind speed. With a spacing of about 1 ft., the force on the shielded 

wires is about 50% of that on the front unshielded wire... The factor for an 
unshielded wire may be taken from the table above. 

If the wind blows at an angle to a single wire, the force remains nearly 
normal to the wire and the magnitude of the force falls off approximately as 
the square of the sine of the angle of the wire to the wind. 

The only measurements known of the wind pressure on flags gave a shape 
factor of approximately 0.1 applied to the area of the flag. The measure- 
ments were made at the Washington Navy Yard wind tunnel and the actual 

empirical formula given was P = 0.0003 AV1:9 where P is the pull of the 
flag in pounds, A the area of the flag in square feet, and V the wind speed in 
miles per hour. 

General Remarks on the Choice of Shape Coefficients. It has been 
assumed in the foregoing treatment that the winds of high velocity might 
come from any direction and the maximum shape coefficients only are given. 
Under certain special conditions it may be found that high winds are only 

likely to prevail from certain directions. In such a case some further study 
than that given here is necessary. 

In any extensive construction where wind loads are an important factor, 
the shape factor should be determined by wind tunnel experiments on a 
model. 

Air Resistance of Automobiles. The observed shape coefficients found for 
automobiles of conventional design vary from about 0.75 to 1.35 * depending 
on the exact shape. Special stream line automobiles and racing cars have 

* Public Roads, Vol. 6, No. 9, Nov. 1925, p. 203. Zeitschrift fur Flugtechnik und 
Motorluftschiffahrt, 15, 1924, p. 22; also 13, 1922, p. 201. Motorwagen, 26, 1923, 
p. 355. 
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been designed for which the shape coefficient is as low as 0.4. The area to 

which the shape coefficients apply is the area of projection on a plane normal 

to the usual direction of motion. 

An average value is of doubtful service since in most cases the resistance 

of a particular automobile is desired for certain specified conditions of car 

speed, wind speed, and wind direction. This is most readily found by wind 

tunnel experiments on a model, since full-scale conditions are not easily con- 

trolled. Some unpublished experiments at the Bureau of Standards show 

that when the relative wind strikes the car at an angle of only 5 deg. there 

is a lateral force tending to skid the car equal to about 50% of the head resist- 

ance. An angle of 5 deg. requires a side wind of a speed equal to only 11% 

of the automobile speed. The force is much greater for a closed car than for 

an open car. The effect of natural winds especially as regards direction is 

therefore a very important one and it is regrettable that more information is 

not available. 

Air Resistance of Trains. A few papers have appeared on the determina- 

tion of the air resistance of trains.* It appears from the experiments of Goss 

that the shape factor for an isolated car is about 0.5, applied to the area of 

projection normal’to the usual direction of motion. For the first car in a 

train, the factor is about 0.4, second car about 0.036, other intermediate car 

about 0.04, last car 0.1. 

The French experiments were carried out on a train consisting of locomo- 

tive, tender, and two cars, the dimensions of which are not given. The 

coefficients appear to be of the same order of magnitude as those found by 

Goss, except in the case of the intermediate car. Those interested should 

consult the original papers for details as to the shapes of the cars. 

No information is available on the effect of angle of the train to the relative 

wind. It seems probable that as in the case of automobiles a comparatively 

small side wind will introduce a fairly large side force. 

_ Laws of Flight of an Airplane.t Airplanes are supported by the dynamic 

reaction of the air on large fixed surfaces called wings. The necessary rela- 

tive motion is provided by driving the airplane forward by means of a motor 

and propeller. Other types of heavier-than-air craft have been proposed, 

namely, the helicopter, which depends for its lift on the direct. vertical 

thrust of air propellers, and the ornithopter, in which the wings are made to 

flap like the wings of a bird. So far only the airplane can be said to be 

successful. 

In all instances in which a force is obtained by dynamical means certain 

fundamental principles apply and operate to limit the possible efficiency. 

According to Newton’s laws of motion, a force, F, can be secured by dy- 

namical means only by continuously imparting a velocity, V, to a mass, M, 

each second such that MV = F. Thus if F is the lift of an airplane, M is the 

mass of air deflected downward each second with a velocity V. Or if F is 

the thrust of an airplane propeller, M is the mass of air passing through the 

propeller each second and having its velocity increased by an amount V. 

%* Atmospheric Resistance to the Motion of Railway Trains, W. F. M. Goss; Pro- 

ceedings Western Railway Club, 1897-98, Vol. 10, p- 347. Mésure de la resistance de 

Yair sur le matériel des chemins de fer; Ch. Maurain, A. Touissant, R- Pris, Comptes 

Rendus, 177, July 1923, p. 308. 

¢ The development of aeronautics in recent years has been so great that many 

textbooks and handbooks are now available. An attempt is made here to give 

a few fundamental principles, but the reader is referred to books such as Aerodynamics 

by E. P. Warner (McGraw-Hill, 1927) or Applied Aerodynamics by Leonard Bair- 

stow (Longmans, Green, 1920) for more complete technical information. 
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There is as a consequence an amount of energy imparted to the air each 

second equal to 3 MV? or 3 FV. It is apparent that some energy is 

always necessary to produce a force, F, and that the energy, 3 FV, for a 

given force, F = MV, increases as V increases, or as M decreases, since MV 

is constant, which means usually as the area of the wings or propeller 

decreases. The advantage of an airplane depends partly on this fact, for 

successful helicopters find it necessary to use propellers comparable in size 

to airplane wings. Another advantage of an airplane is that to produce a 

given lift, the required towing force is equal to less than one-seventh or one- 

eighth, in some cases only one-twentieth, the lift, so that a propeller of mod- 

erate size is able to develop the required force with a high efficiency. Finally, 

the airplane moving forward very rapidly is able to come in contact with a 

large mass of undisturbed air each second, thus making M very large and V 

small. 

The relations given above express the essential physical relations but are of 

little quantitative value because of the difficulty of determining M and V 

and of the added energy losses due to friction and to turbulent motion. 

Recourse is had to experiment on surfaces of various shapes. In some 

early airplanes, the wing surfaces were merely flat plates and the laws of the 

air force received great attention. These formulas are now of only historic 

interest since all airplane wings are curved and of some thickness. Such 

curved surfaces are technically known as airfoils. 

The direction and magnitude of the air force at different angles to the wind 

and at different air speeds is determined in an artificial air-stream in a wind 

tunnel. For convenience the force is resolved into a lift component perpen- 

dicular to the wind and a drag component parallel to the wind. The results 

are then given in the form of lift and drag coefficients, Cp and Cp, defined 

by the relations L = Ch A} dV?, D =CpA3 dV’, where L is the lift, 

D the drag, A the wing area, d the air density and V the speed, all expressed 

in a consistent. system of units in which case Cy and Cp are independent of 

the particular system of units employed. Non-dimensional quantities are 

used throughout. The system of units used must however be self-consistent, 

such as force in pounds, mass in slugs, distance in feet, time in seconds, etc. 
These coefficients vary very greatly with angle of attack and to a small 

extent with size of model and speed of test. Engineers sometimes prefer 

co write L = K,AV’, D = KaAV? where Z and D are in pounds, A in 
Square feet, and V in miles per hour. For standard air density, Ky 
= .00255 Cz, Ka = .00255 Cp. The wind tunnel test also gives the point 

of intersection of the line of 

. : - -- action of the force with the 
RAF 15 chord-line of the airfoil which 

is usually expressed as the ratio 
of the distance of the point of 

aX _ intersection x from the nose to 
Gottingen 387 the chord length c. 

There are now — available 
7 atlases of airfoil characteristics 

~ ons n containing data on over 600 
Gattingen 429 sections.* It is manifestly 

Fig. 12 impossible to even abstract 
these data. For illustrative 

* Aerodynamic Characteristics of Airfoils, Technical Reports 93, 124, 182, 244 
oe 286 of the National Advisory Committee for Aeronautics (Government-Printing 

ce): 
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purposes, data are given on three representative airfoil sections. The shapes 
of the sections are given by Cartesian coordinates of the upper and lower 
surfaces from the chord line and vertical through the nose. The models 
were 6-in. chord (along wind) by 36-in. span (across the wind) and_ were 
tested in a 7.5-ft. wind tunnel at 40 miles per hour. 

Characteristics of R. A. F. 15 Airfoil Section 

Form 
Ordinates—per cent chord Acrodynamical characteristics 

Lift 
attack CL Cp Drag x/¢ 

— 4° —0.18 0.025 arial 3) lle deena 

— 2° — .04 014 Gey Sa | yaar 

-— 1° + .03 013 + 2.6 0.966 

0° .14 -013 10.7 479 

‘ 4° 24 013 18.8 -407 

.00 a 32 016 20.0 367 

.00 4° 46 .023 20.0 Pe 2 | 

.00 6° 61 . 033 18.4 . 302 

.00 8° 76 . 047 16.2 297 

. 00 10° . 89 061 14.7 . 288 

. 00 12° 1.00 083 i WATT 281 

.00 14° 1.02 124 8.2 .298 

. 00 

.00 

-00 Note. Angles measured from tangent to lower 
_ surface. 

Ordinat ihekey eentchordt Aerodynamical characteristics 

Lift 
Station | Upper Lower CL Cp Drag x/cb. 

—0.07 0.071 PL a aa ee 

+ .08 031 a 2.40 1.410 

22 .024 9.4 - 684 

37 .026 14.3 .507 

51 031 16.4 436 

66 .039 16.9 . 396 

81 051 1539 . 369 

96 067 14.3 . 348 

1510 . 084 13.0 See 

Pk .104 11.8 Oo) 

1733 azo 10.6 . 307 

1.42 .148 9.6 “oe, 

1.43 . 182 7.9 315 

1.42 .213 6.7 .327 

DAE Vi occ oda aba 3,5 seine A 

if 
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Characteristics of Géttingen 429 Airfoil Section 

Form 
Ordinates—per cent chord Aerodynamical characteristics 

Station | Upper x/c 

| 

0. 0,014 41 cao. . 
De 0. Wcih pte 

a 0. A 0. 

3 0. 4 0. 

4. 0. ae 0. 

4, 0. 25 0. 

i 0. ak 0. 

ae 0. 6 0. 

Ss 0. 6 0. 

oF 0. 23 0. 

4, 0. 2 0. 

cP 
2. 

i 
0. 
0. 
0. 

It is evident that the mass of air, M, affected by an airplane wing is pro- 

portional to the air density, d, the area of the wing, A, and the forward 

velocity of the wing, V. Prandtl has computed the constant of proportion- 

ality to be 7/4 times the ratio of span 6 (dimension across wind) to the chord, 

¢ (dimension along wind). The ratio b/c, known as aspect ratio, R, plays an 

important part in determining the air forces on an airfoil. We may write 

M = 7? aaV S 7 RAAV. The lift, L, equals M times the downward 

4L 2V F 
TRdAV TRO The required 

1 (62 dAV® 
energy to produce the lift is } Mv?= = Cx”. If we regard this as due to 

Dy Caz 

idv2) «R- 

As stated before, Cp, Cx, and R are dimensionless quantities, provided a self- 

consistent system of units is used. This drag coefficient, known as the in- 
duced drag coefficient, accounts for nearly one-half the drag at large lift 
coefficients. It is the minimum drag coefficient possible for a given lift 
coefficient. Its value decreases as the aspect ratio increases; hence the typical 
plan form of airplane wings. 

The production of the induced drag may be regarded as due to a change in 
the angle at which air strikes the airfoil, some of the downward velocity 
beginning before the airfoil is reached. If the change in angle is called a, 
we may regard the drag as a component, La, of the lift in the direction. of 

velocity, v, imparted to the air and hence v = 

a drag D, we may write the energy equal to DV or Cp = 

. . : 3 Ci 
motion. It is easily verified thata = “R and that the downward velocity at 

T. 

the airfoil is one-half the final downward velocity. This angle is called the 
induced angle of attack. 

To a first approximation we may regard the total drag coefficient as the 

sum of the variable induced drag coefficient and a constant profile drag 
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: “ Y Cr? Ch 
coeficient. We may therefore write Cp = Cp) + anda@ =a) + — 

TR 7R 
and compute from a test of one aspect ratio the values for all other aspect 
ratios. If R is greater than 3, the formulas are found to give results as 
accurate as the experimental data. 

In the case of level horizontal flight, neglecting the forces on other parts of 

the airplane, we may write the weight, W, as equal to the lift. HenceW = L 

= Cr 3 dVA or V = 2 Ww i When Cz reaches its maximum, V 
dA CL q 

reaches a minimum, and hence the maximum value of Cz determines the 
landing speed. The speed of a given airplane can be varied only by varying 
Cx which is done by moving the elevator to trim the airplane to a new angle 

of attack. The power does not enter into this relation. If it is not sufficient 
to give horizontal flight, the airplane loses altitude in a glide but the speed and 
angle of attack remain nearly the same. If the power is greater than that 
required, the airplane will climb, but again the speed and angle of attack will 
be nearly the same as before. 

The power required for level flight equals the drag, D, times the for- 
ward speed, V, or CpA 3dV*; or substituting the value of V above, 

Cp 2 W3 : Manis & 65 je Reta 
ci? Va a’ The ratio C8 for a given airfoil is a measure of the power 

required for a given weight and wing area of the airplane. 
The reader is referred to some of the textbooks on aeronautics for a further 

account of performance prediction, choice of airfoils, control and stability, 
etc. 

Skin Friction. Even as late as Langley’s experiments, skin friction in air 
was regarded as a negligible quantity, but the extensive experiments of Zahm 

showed that it was appreciable. Wieselsberger * gives the following formula 
for the surface friction on well varnished surfaces: 

Rr = 0.0375 AgR7"15 

where Rr is the frictional force on the area, A, exposed to the stream, q is the 
dynamic pressure, 4 dV”, d being the air density, and V the air speed, and 

Id 
R the Reynolds number - , L being the length parallel to the wind, and m 

the viscosity. Any self-consistent system of units may be used. The accom- 
panying table was computed from this equation for standard density (0.002378 

VIScOsIEY _ 0,0001535 sq. ft. per sec.) 
density 

The values given in the table on next page differ somewhat from the older 

values of Zahm but are believed to be more reliable because of improvements 
in experimental methods. In any case the values apply strictly to plane surfaces 
parallel to the wind and application to curved surfaces can be expected to give 

only approximate results. The effect of roughness is comparatively large. 

The following papers may be consulted in addition to the one referred to: 

Rept. Brit. Assoc. Advancement Sci., 1872, 1874. W. Froude. 
Phil. Mag. 8 (6th Series) 1904, p. 58ff. A. F. Zahm. 
Rept. 6, Part II, Nat. Advisory Comm. Aeronautics, W. A. Gibbons. 
Engineering, May 30, 1924, p. 718. T. E. Stanton. 

slugs per cubic foot) and viscosity ( 

* Ergeb. Aerodyn. Versuchsanstalt, Gottingen, I, 1921. 
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Frictional Force per Square Foot for Various Speeds and Lengths 

of Surface 

Average frictional force in pounds per square foot 

Wind of exposed area (both sides) 

speed, length, ft. 
miles 

per hour, 1 2 4 8 16 32 

5 0.000476 | 0.000429 | 0.000387 | 0. 000349 | 0.000314 | 0.000282 

10 0.00172 0.00155 0.00140 0.00126 0.00113 0.00102 

15 0.00364 0.00328 0.00295 0.00266 0.00240 0.00215 

20 0.00619 0.00558 0.00503 0.00453 0.00408 0.00366 

25 0.00935 0.00843 0.00760 0.00685 0.00617 0.00554 

30 0.0131 0.0118 0.0107 0.00960 0.00865 0.00776 

35 0.0174 0.0157 0.0142 0.0128 0.0115 0.0103 

40 0.0223 0.0201 0.0181 0.0163 0.0147 0.0132 

50 0.0337 0.0304 0.0274 0.0247 0.0223 0.0200 

60 0.0473 0.0426 0.0384 0.0346 0.0312 0.0280 

70 0.0629 0.0566 0.0510 0.0460 0.0415 0.0372 

80 0.0805 0.0725 0.0654 0.0589 0.0531 0.0476 

90 0.1000 0.0902 0.0813 0.0732 0.0660 0.0592 

100 0.1216 0.1096 0.0987 0.0890 0.0802 0.0720 

WEIGHTS AND MEASURES 

25. The Metric System 

Units of Length and Mass. The Unit of Length in the metric system is 

the meter, a length very nearly equal to the one ten-millionth of the distance 

between the equator and the pole. The original meter was a platinum bar 

constructed and deposited in the Archives of the French Republic in 1799. 

At the same time a platinum weight was constructed which was made as 

nearly as possible equal to the mass of a cube of pure water at 4° C., the sides 

of the cube being one-tenth the length of the meter. This weight, which is 

equal to one thousand units in the metric system, is called the kilogram. 

The use of the meter as the basis of geodetic surveys had become so general through- 

out Europe that a conference was called in Paris, France, in 1870, for the purpose of 

establishing a central bureau where the standards of the different countries could be 

intercompared. Asa result of this conference an International Bureau of Weights and 

Measures was esiablished near Paris in 1875, by the concurrent action of the prin- 

cipal nations of the world. One of the first tasks undertaken by the Bureau was the 

construction of exact copies of the meter and kilogram deposited in the Archives. 

Thirty-one standard. meters of iridio-platinum and forty kilograms of the same alloy 

were constructed and carefully compared with the standards of the Archives and with 

one another. This great work was completed in 1889, and the meter and kilogram 

which agreed most nearly with the original standards were called international proto- 

types, and were deposited at the International Bureau, where they are maintained 

to-day subject to the authority of the International Committee on Weights and Meas- 
ures. The remaining meters and kilograms were distributed by lot to the different 
nations which contributed to the support of the Bureau. The United States secured 
two copies of the meter. and two copies of the kilogram, which are in the custody of 
the Bureau of Standards at Washington. One of the meters, known as No. 27, and one 
kilogram, No. 20, were selected as the United States standards, while the other meter 
and kilogram are used as secondary standards. It was the declared intention of the 
International Committee that the various national prototypes should be returned to 
the International Bureau at regular intervals for the purpose of recomparing them with 
the international standards and with one another. In this way all measuremerts 
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based upon metric standards throughout the world are ultimately referred to the 
international meter and kilogram. 

The Unit of Capacity in the metric system is the liter, which is defined as 
the volume of one kilogram of pure water at the temperature of maximum 
density (4° C.) under a pressure of 76 cm. of mercury. For all practical pur- 
poses the cubic decimeter and the kilogram of water may be regarded as iden- 
tical, the difference between them being less than three parts in one hundred 
thousand, the kilogram of water having the larger volume. 

26. The English System 

Units of Length and Mass. While it is the common impression that the 
customary system of weights and measures in use in the United States is iden- 
tical with the system in everyday use in Great Britain, there are important 
differences in some of the units. For all practical purposes the units of length 
and mass are the same, although the fundamental standards are quite different 

in the two countries. In Great Britain the primary standard of length is the 
yard, a bronze bar in the custody of the Board of Trade, and preserved in the 
Standards Office, Westminster. In the United States the primary standard 
of length is the National prototype meter, the length of which is known in 

terms of the International prototype meter. The United States yard is 
defined in terms of the meter. In terms of the International meter, in 
England, one yard equals 36/39.370113 meters. In the United States the yard 
is defined as 3600/3937 meters. The difference amounts to only a little more 

than one part in 400 000 which is about the difference found in comparing 
the Imperial yard with its authentic copies at different periods. A similar 

condition exists with respect to the avoirdupois pound; in England a certain 

platinum cylinder deposited in the Standards Office is regarded as the standard 
pound, the legal equivalent of which is 453.59243 grams, whereas in the 
United States the pound is defined as 453.5924277 grams. 

The Capacity Measures of the two countries are, however, quite different. 
The United States gallon of 231 cu. in. and the Winchester bushel of 2150.42 

cu. in., the United States Standards, have not been legal measures in Great 
Britain since 1825, having been superseded by the present Imperial gallon, 

which is defined as the volume of 10 lb. of pure water at 62° F., weighed 
against brass weights in air at the same temperature as the water, and with 
the barometer at 30 in., and by the Imperial bushel which is defined as the 
volume of 80 lb. of water weighed under the same conditions as the gallon. 
The bushel of Great Britain is, therefore, exactly equal to eight gallons. The 
volume of the Imperial gallon, according to the most reliable data available 

at this time, is 277.420 cu. in. and the bushel 2219.36 cu. in., the first being 
larger than the United States gallon by approximately 20% and the latter 

larger than the United States bushel by 3.2%. 

27. Chinese and Other Foreign Weights and Measures 

In China in 1915 a new weights and measures law was promulgated, making 
the meter and kilogram the fundamental standards of length and mass, and 
recognizing two systems of weights and measures, namely, a native system 

and the metric system. Of the native system, the Ying Chao Ch’ih (builder’s 
foot) is the unit of length, and the Kuping tael (or liang) is the unit of weight. 
The Ministry of Agriculture and Commerce is charged with the enforcement 
of the law and has authority to restrict the use of the native system whenever 

necessary. 
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Measures of length Measures of surface 

Chinese Metric Chinese Metric 

1 Hao = 0.0032 Centimeter 1 Hao = 0.006144 Are 

ALi = 0.032 Centimeter i Li = 0.06144 Are 

1 Fen = 0.32 Centimeter 1 Fen = 0.6144 Are 

1 Ts’un = a2 Centimeters 1 Mou = 6.144 Ares 

1 Chih = 0.32 Meter 1 Ch’ing = 614.4 Ares 

i Pu = 1.6 Meters 

1 Chang = Ree Meters 

1 Li = 576. Meters 

Measures of capacity Measures of weight 

Chinese Metric Chinese Metric 

1 Shao = 0.0104 Liter 1 Hao = 0.0037301 Gram 

1 Ko = 0.1035 Liter ita = 0.037301 Gram 

1 Sheng = 1.0355 Liters 1 Fen = 0.37301 Gram 

1 Tou = * 10.355 Liters 1 Ch’ien = 3.7301 Grams 

1 Hu = 51.7734 Liters 1 Liang = 37.301 Grams 

1 Tan or Picul = 103.5469 Liters 1 Chin = 596.816 Grams 

Note. Acommon commercial unit in the foreign trade of China is the catty, equiva- 

lent to 1-1/3 pounds, avoirdupois. 

In Japan. The metric system was adopted by Japan in 1921. The law 

is to be put into force by Imperial Ordinances, and it appears that this is 

being done gradually. ; 

Following are equivalents of the native units of weights and measures: 

The Kwan, equal to 3.75 kg. or 8.267 Ib. avoirdupois, is the unit of mass. 

It is divided into 1000 mommes, the momme into 10 funs and the fun into 

10 rins, the rin into 10 mos, and the mo into 10 shis. 

The Shaku is the unit of length, equal to 10/33 (0.30303) meter, or 0.994 

U.S. ft. The shaku is decimally divided into sun, bu, rin, mo, shi. Multi- 

ples of the shaku are the ken, equal to 6 shaku; the cho equal to 60 ken, and 

the ri, equal to 36 cho, or 12 960 shaku. 

The shaku (land measure) is equal to 1/3025 are or 0.3558 sq. ft. One bu. or tsubu 

is equivalent to 100/3025 are or 35.583 sq. ft. Thirty bu. equal one sé, ten sé equal 

one tan and ten tan equal one cho. 

The shaku (capacity measure) equals 0.01804 liter, or 0.01924 U. S. Hquid 

quart, ten shaku equal one go, ten go one sho, ten sho one to, and ten to one koku. 

In Russia the metric system has been adopted and is gradually being put 

into force. 

Following are equivalents of the native units of weights and measures: 

The Funt, equal to 0.4095 kg., or 0.9028 Ib. avoirdupois, is the basis of 

Russian weights. The funt is divided into 96 zolotniks or 32 loths, and the 

zolotnik is divided into 96 dolias; 40 funts equal one pood. 

The Archine, equal to 28 in. or 0.71120 meter, is the basis of the length 
measure. The archine contains 16 verskops; three archines equal one sagene 

and 500 sagenes equal one verst. 

The dessiatine, equal to 2400 square sagenes or 2.6997 acres, is the unit for land 

measure. 

The tchetvert, equal to 2.099 hectoliters, or 5.9568 U. S. bushels, is the unit for dry 

measure. The tchetvert is divided into 8 tchetveriks, and the tchetverik into 8 garnetz. 

Twelve tchetverts equal one last. 
The vedro, equal to 12.2994 liters, or 3.2492 U. S. gallons, is used for liquids. 

28. Special Commercial Units 
For Logs the Doyle rule, known in some sections as the Connecticut River Rule, the 

St. Croix Rule, the Thurber Rule, the Moore and Beeman Rule, and the Scribner Rule, 
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is more generally employed than any other: Deduct 4 in. from the diameter of the log, as an allowance for slab; square one-quarter of the remainder and multiply the result by the length of the login feet. Itis the usual custom to measure the diameter inside 
the bark at the small end. 

The Miner’s Inch is defined as the quantity of water that will pass through an orifice 
one square inch in cross-section under a given head. The head has been fixed in various 
localities as from 4 to’ 6-1/2 in. to the center of the orifice. 

Bushel (dry measure) = 4 pecks = 32 quarts, 1 struck bushel = 1.24446 cu. ft. = 
2150.42 cu. in. 

Barrel. The crude oil barrel‘is 42 gallons; whlle the refined product is bought and 
sold on the basis of 50 gallons to the barrel. The large lime barrel contains 280 lb.; 
the small one 180 lb. Legal net weight of a barrel of four = 196 lb. For natural 
cement barrels contain 150 lb. to 400 lb., for portland cement 376 lb.'or 4 sacks of 94 
lb. each, 

; 
A legal standard barrel for fruits, vegetables and other dry commodities, except 

cranberries, contains 7056 cu.in. Its outside dimensions are: Length of stave, 28-1/2 
in.; distance between heads, 26 in.; diameter of head, 17-1/8 in.; circumference of bulge, 
64 in.; outside measurement, and thickness of staves not greater than 0.4 in. For 
cranberries the corresponding dimensions of the barrel are 28-1/2 in., 25-1/4 in., 16-1/4 
in., 58-1/2 in. 

Firewood is mostly sold by the cord of 128 cu. ft. 

Old Foreign Units, still sometimes used, with their U.S. equivalents, are as follows: 
Central America: libra = 1.014 lb., arroba = 25.36 lb., quintal = 101.41 Ib., 

vara = 32.87, 32.91, and 33 in. 

Cuba: libra = 1.0143. 1b., arroba = 25.36 lb., vara = 33.38 in. 
Virgin Islands: pund = 1.023 lb., fod = 1.029 ft., ténde = 3.948 bu., pot = 

0.2552 gal., mil. = 4.68 miles. - 
Mexico; libra = 1.015 lb., arroba = 25,367 lb., vara = 32.992 in., quartillo = 

1.999 liquid quarts. : * : od 
South Africa: leaguer = 153.64 gal», muid = 3.095 bu., morgen = 2,116 acres. 
South America: libra = 1,014 ]b., arroba = 25.36 lb., quintal = 101.4 lb., vara. = 

32.91 and 33.38 in. 
Spain: libra = 1.0143 ]b., arroba = 25.36 Ib., vara = 32 9096 in., fanega = 1,52 bu. 
Turkey: old oke = 2.828 Ib., old kilé = 1,135 bu., pic = about 27 in. 

29. Equivalents of Units * 

In the following tables the quantities in the same line are equivalents. For 
example, 1 kilogram equals 2.20462 pounds or 0.980665 megadynes. 

Numbers in boldface type are exact values by definition. The notation 
0.(?)1259 indicates that the (*) is to be replaced by three ciphers. 

Density Force 

Gm. per} Lb. per {Short tons} Lb. per Megadynes|Kilograms | Pounds 
cu. cm. cu. ft. {per cu. yd.| U.S. gal. os | | ——“ 

’ ee 1.01972 2.248089 
1 62.4281 0.84278 | 8.3454 0.008481*) 0.351813* 

1. 79538*| 1.92572*| 0,92145*| | 9 ogoees i > 20462 
0.01602 1 0.0135 0. 13368 1.991490* 0. 343334* 
2.20462* 2,13033*| 1.12607*| | 9 444999 0.453592 1 
1.18655 | 74.074 1 9.9023 1, 648186*!| 1. 656666* 
0.07428*| 1.86967* 0.99574* > ek 

0.11983 | 7.4805 | 0.10099 1 I Megadyne =, 10% dynes, ,,) 
T.07855*| 0.87393*| 1.00428* * Logarithm of the number imme, 

s diately above. 
* Logarithm of the number immediately above. 

* Arts. 28-30 have been taken from the previous edition without recomputing the 
values of the various units. 
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Length 

i meter = 10 decimeters = 100 centimeter
s = 1000 millimeters = 10° microns = 

0.1 dekameter = 0.01 hectometer = 0.001 kilometer = 0.0001 myriameter. 

1 U.S. yard = 3600/3937 meters (by definition); log = 1.9611371. 

Statute Nautical | 

Chains, |} miles | miles 
Meters | Inches | Feet Gunter’s| Gs. = Yards | Links /poles, or 

1 39.37 |3.2808 |1.0936 |4.971 _{0. 0.04971 |0.(#)6214|0.@)5396 
1.59517%10.51598*|0.03886* |0.69644*|1.29850*|2.69644*|4.79335*|4.73207* 

0.0254 1 0.08333 0.02778 |0.1263 |0.005051|0.001263 )0.(4)1578 0.(4)1371 

2.40483* .92082*|2.44370*|1.10127*|3.70333*|3.10127*|5.19818* 5.13690 

0.3048 12 1 0.3333 {1.515 0.06061 |0.01515 |0.(¢)1894)0.(6)1645 

T.48402*|1.07918* 1.5 0.18046*|2.78252*|2.18046*|4.27737*|4.21608* 

0.9144 36 3 0. (3)5682)0.(3)4934 

T.96114*|1.55630*|0.47712* 

0.2012 | 7.92 | 
1.30356*|0.89873* 

4.75449*|4.69320* 

0. (3)1250/0.(3)1086 
4.09691*|4.03564 

5.029 198 0.(2)3125 0.(2)2714 

0.70150*|2.29667* 3.49485*|3.43357* 

20,12 792 0.0125 |0.01086 

1.30356*|2.89873*|1. : e 2. t 2.09691*|2.03564* 

1609.3 | 63360 | 5280 
3.20665*)4.80182*|3 7996 
1853.25 | 72962 | 6080.2 |2.026. 6.73 9212 368.5 92.12 |1.1516 

3. 26793*\4. 86310*|3.78392*|3:30680* |3.96437* |2.56643*| 1.96437*|0.06128* 

1 nautical mile of the British admiralty = 6080 ft, 1 furlong = 1/8 mile = 660 feet. 

1 league = 3 miles = 24 furlongs. 1 fathom = 2 yards = 6 feet. 

* Logarithm of the number immediately above. 

Area 

1 hectare = 100 ares = 10 000 centares or square meters. 

Square 
Acres miles or 

sections 

Square 
meters 

Square | Square | Square 
inches feet yards rods 

1 1550 |10.764 1.1960 0.03954 |0. @)2471) 0. @)2471) 0. (6)3861 

3.19033*| 1.03197*|0.07773*|2. 59700*|3. 39288*| 4.39288*| 7.38670* 

0. (3)6452 i 0. 006944|0. (3)7716/0. (4)2551)0. (5)1594] 0. (6)1594] 0. (9)2491 

4, 80967* - 3.84164*|F, 88740*|5. 40667*|6. 20255*] 7.20255*|10. 39637* 

0.09290 144 1 0.1111 0. @)3673}0..3)2296] 0. (4)2296] 0. (7)3587 
2.96803*} 2.15836* 1. 04576*|3. 56503*|4. 36091*| 5.36091*| 8.55473* 

0.8361 1296 9 1 0.03306 |0. (2)2066] 0. 3)2066| 0. (6)3228 
1.92227*| 3.11260*| 0.95424* 2.51927*|3.31515*| 4.31515*| 7.50898* 

25.29 39204 272.25 30.25 1 0.0625 | 0.00625 | 0. (5)9766 
1.40300*| 4.5933* | 2.43497*|1.48072* 2.79588*| 3.79588*| 6.98970* 

404.69 627264 4356 484 16 1 0.1 } 0. (3)1562 
2.60712*| 5.79745*} 3. 63909*|2, 68484*/1.20412* T.00000*| 4.19382* 

4046.9 | 6272640 | 43560 4840 160 10 1 0.001562 
3.60712*| 6.79745*| 4.63909*|3.68484*|2.20412*!1. 00000* 3.19382* 

2589998 27878400 | 3097600 | 102400 6400 640 1 
6.41330* 7.44527*|6.49102*|5.01030*|3.80618*| 2.80618* 

* Logarithm of the number immediately above. 
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Mass (Physicists’ system) or Force (Engineers’ system) 
1 kilogram 

0.0001 myriagram. 

1000 grams = 0.001 metric ton. 001 1 gm. = 10 decigrams = 100 centi- 
grams = 1000 milligrams = 0.1 dekagram = 0.01 hectogram = 0.001 kilogram 

1 U. S. avoirdupois pound = 0.4535924277 kg. = (by definition) 7000/5760 troy 
pounds. 

Ounces Pounds Tons 

Grains Avoir. |royand|Troyand Ree Short, | Long, | Metric, 
* | apoth. | apoth. | “Y°% | 20001b. |22401b. |1000 kg. 

15432. |35.274 |32.151 |2.6792 |2.20461 |0.001102 0.(3)9842| 0.001 

4.18843*|1.54745*|1.50719*|0.42801*|0.34333*|3.04230*|4.99309*|3.00000* 

0.(4)6480 1 0.(7)2286 0.002083)0.(3)1736/0. (3) 142 

5.81157* 3.35902*|3.31876*/5.23958*|4.15490* 

0.028349 437.5 1 0.91146 |0.075955 0.0625 0. (4)3125]0.(4)2790]0. (4)2835 

2.45255*|2.64098* 1.95974*|2.88056*|2.79588*|5.49485*/5.44563*|5.45255* 

0.031103 480 (1.0971 1 0.083333 0.068571 0.(4)3429 |0.(3)3061 |0.(4)3110 

2.49281*|2.68124*|0.04026* 2.92082*|2.83614*|5.53511*/4.56508*|5.49281* 

0.37324 5760 |13.166 12 1 0.(8)4114/0.(3)3673|0.(8)3732 

1.57199*}3.76042*|1.11944* 1.07918* 4.61429*|4.56508*|4.57199* 

0.45359 7000 16 14.583 |1.2153 1 0.0005 |0.(3)446410.(3)4536 

1.65667*|3.84510*| 1.20412*| 1.16386*|0.08468* 4.69897*|4.64975*|4.65667* 

907.18 32000 |29167. |2430.6 2000 1 0.89286 0.90718 

2.95770* 4.50515*|4.46489*/3.38570*/3.30103* 1.95078*/1.95770* 

1016.1 35840 32667 2722.2 2240 raz 1 1.0160 

3.00691* 4.55437*|4.51410*/3.43492*/3.35025*|0.04922* 0.00691* 

| 1000 35274 32151 2679.2 | 2204.6 |1.1023 0.98421 1 

3.00000* 4.54745*|4.50719*|3.42801*|3.34333*|0.04230* 1.99309* 

1 quarter = 28]b. avoir. 1 pennyweight = 24 gr. = 0.05 oz. troy. 1 oz. avoir. = 
16 drams avoir. = 437.5 gr. 
= 112 lb. 

1 stone = 14 Ib. 1cental = 100 lb. 1 hundredweight 
1 apothecaries’ oz. = 8 apoth. drams = 24 scruples = 480 grains. 

* Logarithm of the number immediately above. 

Power 
1 kilowatt = 1000 watts = 1000 joules per second. 
1 horsepower = 550 foot-pounds per second. 
1 cheval-vapeur = 75 kilogram-meters per second. 

Kilowatts Cheval- | poncelet Horse- | M-kg. | Ft-lb. Kg. cal. B.t.u. 
vapeur power per sec. | per sec. per sec. per sec. 

1 1.3600 | 1.0197 | 1.341 | 101.97 | 737.5 | 0.2388 | 0.9475 
0. 13341* | 0.00848* |0. 12743*|2. 00848*|2. 86780*| 1.37803* | 1.97660* 

0.7355 1 0.75 0.9863 75 542.5 | 0.1756 | 0.6969 
T. 86659* 1. 87506* |1.99402*/1.87506*|2.73438*| 1.24456* | 1.84318 

0.980665} 1.333 1 1.3151 100 723.3 | 0.2342 | 0.9292 
1. 99152* | 0, 12493* 0. 11896*/2.00000*|2. 85932*| 1. 36951* | 1,96812* 

0.7457 | 1.0139 | 0.7604 1 76.04 550 | 0.1780 | 0.7066 | 
T. 87257* | 0.00598* | 1.88104* 1.88104*|2. 74036*| 1.25055* | 1, 84916* 

0.009807 | 0.01333 0.01 | 0.01315 1 7.233 | 0.002342 | 0.009292 
3.99152* | 2. 12493* | 2.00000* |2.11896* 0,85932*| 3. 36951* | 3.96812* 

0.001356 | 0.001843 | 0.00138 |0.001818| 0.1383 1 0.0003237| 0.001285 
3.13220* | 3. 26562* | 3. 14068* |3. 25964*|1. 14068* 4,51016* | 3. 10880* 

4.188 5.694 4.271 5.616 | 427.1 3089 1 3.968 
0.62201* | 0.75542* | 0.63049* |0. 74945*/2. 63049*|/3. 48984* 0.59861* 

1.055 1.435 1.076 1.415 | 107.62 | 778.4 | 0.2520 1 
0.02340* | 0, 15682* | 0.03188* |0. 15084*|2.03188*/2.89120*| 1.40139* 

* Logarithm of the number immediately above. 
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Speed and Velocity 

Km. per Ft. per Miler per 

sec. hour min. hour Knots 

s 0.036 1.9685 0.02237 0.01942 

2.55630* 0.29413* 2.34965* 2.28825* 

27.7778 1 54.6806 0.62137 0.53960 

1.44370* 1.73783* 1. 79335* 1.73207* 

30.4801 1.0973 1 60 0.68182 0.59209 

1.48402* 0.40432* 1.77815* 1.83367* 1.77238* 

0.5080 0.01829 “0.01667 1 0.01136 0.009868 

T.70586* 2.26217* 2.22185* 2.05553* 3.99423* 

44.7041 1.6093 1.46667 88 1 0. 86839 

1.65035* 0.20670* 0. 16633* 1.94448* ° 1.93872* 

51.4971 1.8532 1.68894 101.337 1.15155 1 

1.71178* 0.26793* | 0.22761* 2.00577* 0.06128* | 

1 knot = 1 nautical mile per hour. 

* Logarithm of the number immediately above. 

Volume and Capacity 
1 liter = 1 cubic decimeter = 1000 cubic centimeters = 10 deciliters = 100 centi- 

liters = 1000 milliliters = 0.1 dekaliter = 0.01 hectoliter = 0.01 kiloliter = 0.001 

cubic meters or steres. 

U. S. Quarts U. S. Gallons 
Cubic | Cubic Cubic U.S. | Liters 

inches | feet yards | Liquid | Dry | Liquid | Dry fT Bushels 

1 0. (8)57870]0. (4)2143]0.017316|0.014881 0.004329/0.003720/0. 8)4650)0.016387 

Z.76246* |5.33109*|2.23845*|2.17263*|3.63639*)3.57057*|4.66748%|2.21450* 

1728 1 0.037037}29.922 |25.714 |7.4805 |6.4285 0.80356 |28.317 

3.23754* 7.56864%*|1.47599*! 1.41017*|0.87393*|0.8081 1*|1.90502*| 1.45205* 

46656 27 1 807.90 |694.28 |201.97 173.57 |21.696 |764.56 

4,66891*)1.43136* —12.90736*|2.84153*|2.30530*|2.23948*] 1.33638*|2.88341* 

57.75 |0.033420 |0.001238 1 |0.85937° |. 0.25 |0.21484 |0.026855]0.94636 

1.76155%*|2.52401* |3.09026* 1.93418*|1.39794*|1.33212*|2.42903*/1.97606* 

67.201 . |0.038889 |0.001440)1.1637 1 0.29091 |_ 0.25 | 0.03125 |1.1012 

| 1.82737*|2.58983* |3.15847*|0.06582* 1.46376*11.39794*|2 .49485*|0.04188* 

231 {0.13368 {0.004951}, 4 3.4375 1 0.85937 |0.10742 |3.7854 

2.36361*|1.12607* |3.69471*|0.60206*|0.53624* 1.93418*|1.03109*|0.57812* 

268.80 0.15556, |0.005761)4.6546 4 1.1637 1 0.125 |4.4049 

2.42943*/1.19189* |3.76053*|0.66788*/0.60201*|0.06582* 1.09691*|0.64394* 

2150.4 |1.2445  |0.046091|37.237 32. |9.3092 8 1 35.239 

3.33253*|0.09498* |2.66362*|1.57097*]1.50515*]0.96891*|0.90309* 1.54703* 

61.023 |0.035315 |0.001308}1.0567  |0,90808 {0.26417 {0.22702 0.028377| 1 

1.78550*|2.54795* |3.11659*|0.02394*|1.95812*|1.42188*|1.35606*|2.45297* 

1 U.S. liquid quart = 2 pints = 8 gills = 32 fluid ounces = 256 fluid drams = 

768 fluid scruples. 1 bushel = 4 pecks. 

1 Imperial gallon = 1.201 U.S. gallons = 0.1605 cu. ft. = 4.5460 liters. 

1.U.S. gallon = 0.8327 Imperial gallon. 1 cubic foot = 6.229 Imperial gallons. 

1 British bushel = 1.2837 cubic feet. 
Shipping Measure: 1 register ton = 100 cu. ft. I U.S. shipping ton = 40 cu. its 

1 British shipping ton = 42 cu. ft. 

* Logarithm of the number immediately above. 
+ Given for purposes of comparison only. The gallon is not a legal unit of dry 

measure. 
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Pressure 

Kilo- P Short Columns of Columns of 
grams wands tons, | Atmos- mercury { water t+ 

per sq- |Per. sq.|Per. sq.| per sq. | pheres 
5 z Inches | Meters| Feet cm. in. ft. 

1 14.223 |2048.2 {1.0241 |0.96781 
1.15300*|3.31137*|0.01034*|1.98579* 

0.070307 1 144 0.072 |0.06804 
2.84700* 2.15836*|2.85733*|2.83279* 

0.(#)4832|0.006944 1 0.0005 |0.(3)4725 
4.68863*|3.84164* 4.69897*|4.67442* 

0.97648 |13.889 2000 1 0.94504 
1.98966*|1.14267*|3.30103* 1.97545* 

1.0333 |14.697 |2116.3  |1.0582 1 
0.01421*|1.16722*|3.32558*|0.02955* 

1.3596 /19.338 |2784.6 {1.3923 |1.3158 
0.13340*| 1.28640* | 3.44476*/0.14373*|0.11919* 

0.034533}0.49118 |70.729  |0.035365)|0.033421 
2.53823*|1.69124*| 1.84960*|2.54857*|2.52402* 

0.099913)1.4211 |204.64 |0.10232 |0.096697 
2.99962*|0.15262*|2.31099*/1.00996*|2.98541* 

0.030453/0.43315 [62.374 |0.031187]0.029473 | 0.022399)0.88187 |0.30480 1 
2.48364*|1.63664*}1.79500*|2.49397*|2.46942* | 2.35024*|1.94540* | 1.48402* 

* Logarithm of the number immediately above. ¢ At 15° C.andg = go. fAtO°C. 

28.958 |10.009 |32.837 
1.86660*|1.46177*| 1.00038*/1.51636* 
0.051713)2.0359 |0.70368 |2.3087 
2.71360*|0.30876* | 1.84738*|0.36336* 

0.(8)3591|0.014138 | 0.004887]0.016032 
4.55524*/2.15040* | 3.68901*|2.20500* | 

0.71823 |28.277 |9.7734 |32.065 
1.85627*|1.45143* | 0.99004*|1.50603* 
_ 0.76 |29.921 | 10.342 |33.929 
1.88081*/1.47598* | 1.01459*|1.53058* | 

1 39.37 |13.607 {44.644 
1.59517*| 1.13378*|1.64976* 

0.025400) 1 0.34563 |1.1340 
2.40484* 1.53861*|0.05460* | 
0.073489 2.8933 1 3.2308 
2.86622*|0.46139* 0.51598* 

Energy 

Cheval- | Horse- British 
Foot- Kilowatt- 

1 Ps vapeur- power- | thermal 
= 107 erg | kilograms pounds hours Gan hance “nite 

1 0.10197 0.73756 0.(5)27778 0.(°) 37767 0.(8)37251 0.(8)9475 

1.00848* 1.86780* 7.44370* |7.57711* |7.57113* | 4.97660* 

9.80665 1 7.2330 0.(°)27241 0.(5)37937 0.(5)36530 0.009292 

0.9915207* 0.85932* 6.43522* |16.56863* |6.56265* | 3.96812* 

1.3558 0.13826 1 0.(8)37662 0.(6)51206 0.(8)50505 0,001285 

0.13220* 1.14068* 7.57590* |7.70932* |7.70333* | 3.10880* 

3.6 X106 3.6710 X105| 2.6552 X108 1 1.3596 1.3410 3411. 

6.55630* 5.56478* 6.42410* 0.13342* |0.12743* |3.53290* 

2.6478 X%105| 270000 1.9529 K105| 0.73550 1 0.98631 2509. 
6.42288* 5.43136* 6.29068* 1.86658* 1.99401* | 3.39948* 

2.6845 108] 2.7375 X105| 1.98 K10° 0.74571 1.0139 1 2544, 

6.42887* 5.43735* 6.29667* 1.87257* |0.00598* 3.40547* 

1055. 107.6 778.4 0.032932 0.033986 0.033931 1 

3.02340* 2.03188* 2.89120* 4.46710* |4.60051* |4.59453* 

* Logarithm of the number immediately above. 

; 30. Conversion Tables 

The following tables give multiples for transferring English to metric 

measures or metric to English measures. For example, to reduce 39.37 

in. to centimeters, take two numbers from the table at foot of page 314 and 
add them together, thus 39 in. = 99.06 cm., and 0.37 in. = 0.94 cm.; then 

39.37 in. = 99.06 + 0.94 = 100.00 cm. 
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Cubic Feet to U. S. Liquid Gallons 
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- 960/50. 793|51. 626/52. 

59.120/59.9521/60. 

- 614/67. 446/68. 279/69. 

: 75.773|76.606|77.439|78. : 
eee Ne Ss RE | Ere, IEA A Ea) Se ees Sta 0) beara Oe 

6 7 8 9 

3.3307/4. 1634 
10. 

4.9960/5. 8287/6. 6614|7.4941 
13.323/14. 155]14.988/15.821 
21.649/22.482|/23.315 24.148) 
29.976|30. 809|31.642/32.474 
38. 303/39. 136/39. 968/40. 801 

46. 630/47. 462/48. 295/49. 128 
956/55. 789/56, 622|57.454, 

63.283|64.116/64.948/65.781 | 
71.610|72.443/73.275|74. 108 | 
79.937|80. 769/81. 602/82. 435 | 



312 Weights and Measures Sect. 3 

Kilograms to Pounds Avoirdupois 

; .722 .629 

-990| 5.443) 5.897| 6.350) 6.804) 7.257) 7.711} 8.165 8.618 

525] 9.979\10.433|10. 886|11.340)11.793|12.247}12.701)13. 154 

061|14.515/14. 969|15.422|15.876]16.329]16.783)17.237|17.690 

597/19. 051\19. 504/19. 958|20. 412/20. 865|21.319|21.772|22, 226 

: 23. : .948)25.401\25.855|26. 308/26. 762 

669/28. 123|28.576|29.030|29.484 29. 937/30. 391/30. 844/31, 298 

205/32. 659/33. 112/33. 566)34.019/34.473)34.927|35.380)35. 834 

37.195 39.009|39.463|39, 916/40. 370 

41.731 . 545 44.452 

Metric 
0082

” sO) LTD onan 

1.102] 2.205] 3.307| 4.409] 5.512] 6.614] 7.716] 8.818) 9.921 

10 11.023]12. 125/13. 228|14, 330|15.432|16,535)17.637|18.739|19
. 842/20. 944 

20 22,046/23. 149124. 251|25.353|26. 455|27. 558/28. 660/29. 762/30. 865)31. 967 

30 33, 069/34. 172/35. 274/36. 376|37.479|38. 581/39. 683/40. 786/41. 888/42.990 

40 44.092/45, 195/46. 297/47. 399/48. 502|49. 604/50. 706/51.809)52.911)54.013 

50 55. 116|56. 218|57.320|58.422|59.525|60. 627/61. 729/62. 832]63.934/65.036 

60 66. 139/67.241/68. 343|69. 446|70. 548|71, 650|72. 753/73. 855|74.957|76.059 

70 77, 162/78. 264|79. 366|80. 469/81. 571/82. 673/83. 776/84. 878/85. 980/87. 083: 

80 89. 287/90. 390/91. 492/92. 594/93. 696/94. 799/95. 901 

90 101. 41]102.51}103.62)104. 72|105. 82|/106. 92 

: 7.257) 8.165 
12. 701}13, 608|14.515|15.422|16.329/17. 237 
21.772|22.680|23.587|24.494)25.401|26. 308 
30, 844/31. 751/32. 659/33. 566/34. 473/35. 380 
39.916/40. 823/41. 731/42. 638/43. 545/44. 452 

48. 988/49. 895/50. 802)51. 710)52.617|53.524 
58. 060/58. 967|59. 874/60. 781|61.689)/62.596 
67. 132/68. 039/68. 946/69. 853/70. 760|71. 668 
76. 204)77.111|78.018)78, 925|79.832|80. 739 



Long 0 

16ths| 32nds 

Conversion Tables 

Metric Tons to Long Tons (2240 Pounds) 

OONDA Hak WN 

3 5 6 7 

COG IEINAAMUMNNPRWHWWNHHHERHROO 

16ths|/32nds 

313 



314 Weights and Measures Sect. 3 

Millimeters to Decimals of an Inch 

Milli- 0 1 2 3 4 5 6 7 8 9 

meters 
: : 1968] .2362| .2756| .3150) .3543 

10. |0.3937| .4331| .4724] .5118}.5512| .5905| .6299 6693) .7087| .7480 

20 |0.7874| .8268| .8661| .9055| .9449) .9842)1.0236 1,0630|1.1024]1.1417 

| 30. [1 1811|1.2205|1. 25981. 2992/1. 3386)1.3780)1.4173 1.4567|1.4961|1.5354 

40. |1.5748|1.6142|1.6534|1.6929|1.7323)1 7716/1. 8110)1.8504|1.8898|1.9291 

50 _|1.9685|2.0079|2..0472|2. 0866)2. 1260)2. 1654/2. 2047|2.2441|2.2835|2.3228 

60 |2.3622|2.4016|2 4409/2. 4803|2. 5197 2. 5590|2.5984/2.6378|2.6772|2. 7165 

70 |2.7559|2.7953|2.8346|2.8740|2.9134|2.9528)2, 
9921 3.0315|3.0709|3. 1102 

80 |3. 1496/3. 1890|3.2283|3.2677|3.3071)3 3464|3.3858 
3. 4252/3. 4646 3.5039 

90 = |3.5433 3. 5827|3. 6220 3, 6614|3. 7008|3. 7402/3. 7795|3. 8189 3. 8583 3.8976 

Hundredths of an Inch to Millimeters 

100thsof 0 1 2 3 4 5 6 7 8 9 

an inch 
0.508! 0.762| 1.016] 1.270] 1.524| 1.778) 2.032| 2.286 

10 2.540} 2.794| 3.048] 3.302| 3.556] 3.810] 4.064| 4.318) 4.572 4.826) 

20 5 080| 5.334| 5.588] 5.842] 6.096) 6.350) 6.604) 6.858) 7.112 7.366 

30 7 620| 7.874] 8.128| 8.382] 8.636] 8.890| 9.144) 9.398) 9.652 9.906 

40 —_|10. 16010. 414/10. 668|10. 922)11.176)11.430)11. 684)11.938 12.192|12.446 

50 112. 700|12.954|13. 208}13.462)13.716|13.970)14.224 14,.478|14. 732|14.986 

60 _|15. 240|15.494]15. 748|16. 002/16. 256]16. 510/16. 764)17.018 17.272\17.526 

70 . , "542/18. 796/19. 050|19. 304|19. 558/19. 812/20. 066 
21.590|21. 844/22. 098/22. 352|22. 606 
24. 130/24. 384/24. 638/24. 892/25. 146 

Centimeters to Inches 

Centi- 0 1 2 3 4 5 6 7 8 9 

meters 
0.394! 0 1.181] 1.575] 1.969] 2.362] 2.756) 3.150) 3. 

3.937| 4.331] 4.724] 5.118] 5.512) 5.906 6.299| 6.693) 7.087| 7.480 

7.874| 8.268) 8. 9.055] 9.449] 9. 843/10. 236}10. 630/11.024 11.417 

11. 811]12. 205/12. 598)12.992|/13.386]13.780\14. 173|14.567|14.961/15.354 

15. 748116. 142/16. 535/16. 929]17.323/17.717|18. 110 18. 504/18. 898/19. 291 

19. 685|20. 079/20. 472/20. 866)21.260)21. 654 22.047|22.441|22.835|23.228 

23. 622/24. 016|24. 409|24. 803/25. 197|25.591)25.984 26.378\26.772|27.165 

27. 559/27. 953|28. 346|28, 740/29. 134/29. 528/29. 921 30. 315/30. 709}31. 102 

31. 496|31.890|32. 283/32. 677|33.071|33. 465 33. 858/34. 252|34. 646/35.039 

35.433/35.827|36.220 37. 402/37. 795|38. 189/38. 583|38.976 

Inches to Centimeters 

Inches 0 1 2 3 4 5 6 7 8 9 

2.54| 5.08] 7.62] 10.16] 12.70] 15.24) 17.78] 20.32] 22.86 

25.40| 27.94) 30.48] 33.02] 35.56] 38.10] 40.64 43.18} 45.72] 48.26 

50.80| 53.34| 55.88) 58.42] 60.96) 63.50} 66.04 68.58] 71.12] 73.66 

76.20| 78.74] 81.28] 83.82] 86.36] 88.90] 91.44 93.98] 96.52] 99.06 

101. 60/104. 14/106. 68|109. 22|111. 76/114. 30/116, 84/119. 38 121.92|124.46 

127.00|129.54|132.08)134.62]/137. 16]139.70|142.24 144. 78|147.32|149. 86 

152. 40/154. 94|157.48|160.02|162.56|165. 10/167. 64)170. 18 172.72}175.26 

177. 80/180. 34|182. 88/185. 42|187.96|190. 50}193.04)195.58 198. 12|200. 66 

203.20|205. 74/208. 28|210. 82/213 36/215.90)218.44 220.98|223.52|226.06 

228.60|231.14|233.68|236. 22/238. 76|241. 30/243. 84 246. 38|248.92|251.46 

10 
20 
30 
40 

50 
60 
70 
80 
90 



Art. 30 Conversion Tables 3815 

Meters to Feet 

Meters 0 1 2 3 4 = 6 7 8 9 

Feet 0 1 2 3 4 5 6 7 8 9 

0.305) 0.610) 0.914) 1.219) 1.524) 1.829) 2.134] 2.438] 2.743 
-048) 3.353) 3.658) 3.962) 4.267] 4.572) 4.877] 5.182] 5.486] 5.791 
096| 6.401) 6.706) 7.010) 7.315] 7.620) 7.925] 8.230] 8.534] 8.839 

-144) 9.449) 9.754/10.058)10. 363/10. 668|10.973/11.278]11. 582/11. 887 
192|12.497|12.802|13.106/13.411)13.716)14.021/14.326|14. 630/14.935 

.240|15.545/15.850/16.154/16.459|16. 764|17.069|17.374|17.678]17.983 
2 18.898)19.202/19.507|19. 812/20. 117/20. 422/20. 726/21.031 
- 336|21. 641/21. 946|22.250/22.555/22.860|\23.165/23.470|23.774|24.079 
- 384/24, 689/24. 994/25. 298/25. 603/25. 908/26. 213/26. 518/26. 822)27. 127 
-432'27.737/28.042|28.346/28.651|28.956)29.261/29. 566/29. 870/30. 175 8838s $85 

Kilometers to U. S. Statute Miles 

2 3 4 5 6 7 8 9 

1.243) 1.864) 2.485) 3.107) 3.728] 4.350) 4.971] 5.592 
7.456) 8.078) 8.699) 9.321] 9.942]}10.563)11.185)11.806 

13.670)14.292|14.913)15.534|16. 156/16. 777|17.398|18.020 
19. 884/20. 505|21.127/21. 748/22. 369)22.991/23, 612/24. 233 
26.098/26.719|27. 340/27. 962|28.583|29.204|29. 826|30.447 

32.311)32.933/33.554/34.175/34.797/35.418|/36.039/36. 661 
38. 525/39. 146/39. 768/40. 389|41.010/41.632/42.253|42. 875 
44. 739/45. 360/45. 981/46. 603/47. 224/47. 845/48. 467/49. 088 
50.952|51.574|52. 195/52. 816|53.438/54.059/54. 681/55. 302 
57.166|57.787|58.409|59.030|59. 652/60. 273|60. 894/61.516 

45/148 



316 Weights and Measures Sect. 3 

Square Centimeters to Square Inches 

45.16 
109.68 
174.19 
238.71 
303.23 

367.74 
432.26 
496.78 
561.29 
625.81 88338 S885 

| 

1. 2,392} 3.588) 4.784] 5.980] 7.176) 8.372] 9.56810. 

10 11,960|13, 156) 14. 352/15. 548)16. 744/17.940|19. 136/20. 332 21), 328)22) 724 

20 23.920/25. 116/26. 312/27. 508/28. 704|29.900|/31.096)32.292 33.488 34. 684 

30 35. 880137. 076138. 272/39. 468/40. 663/41. 859|/43.055|44.251 45.44746.643 

40 47.839/49.035|50.231/51.427|52.623/53.819/55.015)56.211 sree bl 

50 59. 799/60. 995162. 191/63. 387|64. 583/65. 779|66.975|/68.171 69 .367:70.563 

60 71.759|72.955|74.151|75. 347|76. 543/77. 739|78.935|80. 131 81.32782. 523, 

70 83. 719/84. 915/86. 111/87. 307/88. 503/89.699|90. 895/92.091|93. 287 94,483 

95. 679|96.875|98. 071/99. 267|100. 46|101. 66/102. 85)104. 05 105.25 106.44 

108. 83|110.03 112.42/113.62)114.81/116.01 117.21118.40 

Square Yards to Square Meters 
——————— 

Sq. yd. 0 1 2 3 4 5 6 7 8 9 

.689) 7.525 

10 8,361) 9.197|10. 034/10. 87011. 706)12. 542/13. 378/14. 214)15. 050/15, 886 

20 16. 723]17.559|18. 395|19. 231/20. 067/20. 903/21. 739|22. 576/23. 412/24, 248 | 

30 25 ,084|25.920126, 756/27. 592|28. 428/29. 265/30. 101/30. 937)31. 773/32, 609 

40 33.445|34. 281/35. 117/35. 954136. 790/37. 626/38. 462)39. 298/40. 13440.970) 

50 44. 807/42. 643143. 479/44. 315/45. 151/45. 987/46. 823/47. 659/48. 496.49, 332 

60 50. 168/51. 004|51. 840/52. 676|53. 512|54. 348/55. 185)56. 021/56. 857|57, 693) 

58. 529/59. 365|60. 201/61. 038/61. 874|62. 71063. 546|64. 382/65. 218 66.054 | 

66. 890167. 727/68. 563/69. 399|70, 235]71.071)71.907|72.743)73. 58074, 416 

75, 252|76.088|76.924|77. 760|78. 596|79. 432/80. 269/81. 105/81.94182. 777 
[A SS a 



r Art, 30 Conyersion Tables, 

Square Kilometers to Square Miles 

Sq.km. 0 1 2 3 4 5 6 7 

0.386 1. 1.544 .475 
10 3.861] 4.247] 4.633] 5.019) 5.405] 5.792 7.336 
20. 7.722| 8.108] 8.494] 8.880| 9.266] 9.653 11.197 

£ 30 = |11.583}11.969}12.355/12.741/13.127|13.514 15.058 
40  |15.444/15.830/16.216|16.602/16.988/17.375 18.919 

50 |19. 305/19. 691)20.077|20.463/20,,849]21.236 22.780 
60 23. 166/23.552/23.938|24.324/24~ 710|25.097 26. 641 
70 27.027 27.413|27. 799/28. 185|28.571|28.958 30. 502 
80 © |30.888|31.274/31.660/32.046/32.432|32.819 34. 363 eee sash e : 90  |34.749}35. 135/35. 521/35. 907/36. 293/36. 680 38. 224 

Square Miles to Square Kilometers 

Sq. miles 0 1 2 3 4 5 6 7 8 9 

2.59) 5.18) 7.77) 10.36} 12.95} 15.54] 18.13] 20.72| 23.31 
10 -|.25.90) 28.49) 31.08] 33,67| 36,26] 38.85) 41.44] 44.03] 46.62) 49.21 
20 51.80} 54,39} 56,98] 59.57} 62.16] 64,75] 67.34] 69.93] -72.52| 75.11 
30 77.70| 80.29] 82.88) 85.47| 88.06] 90,65] 93.24] 95.83] 98.42/101.01 
40  |103. 60/106. 19/108. 78/111. 37/113. 96/116, 55/119. 14]121. 73|124. 32|126. 91 
50/129. 50/132. 09]134. 68/137. 27/139. 86|142. 45/145. 04/147. 63/150. 22/152. 81 
60 |155.40|/157.99\160. 58/163. 17/165. 76|168. 35/170. 94/173. 53/176. 12/178. 71 
70 183.89|186.48 202. 02/204. 61 
80 209. 79|212. 227.92/230.51 
90 235. 69|238. 253, 82/256. 41 

3 4 5 

-619 
- 666 
-712 
2159 
- 806 

853 
. 900 
-947 

3.994 
-041 

. 237) 3.642 
224 
7331 
. 378 
-425 

472 
.519 

566 
.612 

659 

di 
11. 
15. 
19, 

23% 
27. 
31, 
36. 
40. 

! 

689 
736 
783 
830 

877 
923 
970) 
017 
064 



318 Weights and Measures Sect. 3 

Cubic Meters to Cubic Feet 
wn Nr 

[Cu.m. 0 1 2 3 4 5 6 7 8 9 

8 

10 .0 

20 ; J ; : é ‘ pil 

30 59. ; : 4 7] y 71.3}1306. 6/1341 ig) 

40 : : 5 § P 5/1659. 8/1695 4 

50 : ? ; : ; ‘ 6 

60 ? i . i 2 . 8)2366.1/2401 ey | 

70 f ; : J } s 9/2719. 2/2754 ae 

80 i 5/2895. j . ; 0/3072. 4/3107 .0 
al 90 . 4 . ’ 3 - 2}3425. 5|3460 

Cubic Feet to Cubic Meters 

Cu. ft. (¢) 1 2 3 4 5 6 7 8 9 

mNONNHNKKF KOC O°O 

i an — Oo 

wWNHNHRrReEF FOOOCO DHeEEFeE FOOO 

Liters to U. S. Liquid Gallons 

Liters it) 1 2 3 4 5 6 7, 8 9 

0. 5283/0. 7925/1.0567)1.3209)1. 5850/1. 8492/2. 1134'2.3775 

10 5 2.9059|3. 1700/3. 4342/3. 6984/3. 9626/4. 2267/4. 4909/4. 75515.0192 

20 ay 5. 5476/5. 8118/6.0759/6. 3401/6. 6043/6. 8684|7. 1326|7.39687.6609 

30 -9251/8. 1893/8. 4535/8. 7176/8. 9818/9. 2460/9. 5101|9. 774310. 038 10. 

40 5 10. 831}11.095)11.359 Ba 12.152}12.416)12.68012. 

50 .209]13.473}13. 737 iasepsliagale 14. 528114, 794|15. 058115. 322115.$ 
60 , 16. 114}16. 379) 16. 643)16.907)17.171/17.435]17.699 17.964 18. 

70 .492/18.756}19.020)19. 284/19. 549/19. 813)20.077)20. 341/20. 60520. 

\ 80 * 21. 398/21. 662/21.926|22.190|22.454|22. 719/22. 983 23.247|23. 

90 : 24. 040/24. 304/24. 568|24. 832|25.096|25.360/25.625|25. 889126. | 

U. S. Liquid Gallons to Liters 

2 3 4 5 6 7 8 

3.7854|7.5709 1.356115. 142/18.927 22.713)26. 498/30. 283.34. 769 
10 37.854/41. 640/45. 425/49. 211/52. 996/56. 781/60. 567/64. 352/68. 138)71.923 
20 75.709|79.494|83.279/87.065|90. 850/94. 636/98. 421)102.21/105.99 109.78 
30 113.56)117.35)121. 13)124. 92/128. 70)132.49)136. 28/140. 06/143. 85,147.63 
40 pes 155. 20/158. 99)162.77|166. 56/170. 34 cht ieee 181.70,185.49 

189.27]193.06|196. 84/200. 63/104. 41/208. 20)211.98)215.77|219.55/223. 34 
60 227. 13|230.91|234. 70/238. 48/242.27/246.05|249. 84/253. 62|257.41/261.19 
70 264.98)268.77/272.55|276. 34/280. 12|283. 91/287. 69|291. 48/295. 26 299.05 

306. 62)310.41 321. 76/325.55/329.33)333.12 
344.47|348. 26 359. 62|363.40}367.19|370.97 



ti Art.30 Conversion Tables 319 

Hectoliters to U. S. Bushels 

2.84) 5.68) 8.51] 11.35] 14.19] 17.03] 19.86] 22.70) 25.54 
10 28.38| 31.22| 34.05] 36.89] 39.73] 42.57] 45.40] 48.24] 51.08) 53.92 
20 56.75| 59.59} 62.43] 65.27] 68.11] 70.94] 73.78] 76.62] 79.46| 82.29 
30 85.13] 87.97} 90.81] 93.65] 96.48] 99. 32/102. 16/105. 00/107. 83/110. 67 
40 1113. 51/116.35)119.19}122.02|124. 86/127. 70]130. 54/133. 37/136. 21|139.05 

50 141. 89]144. 72/147. 56}150. 40]153. 24]156.08|158. 91/161, 75|164. 59/167. 43 
60 |170. 26/173. 10/175. 94|178. 78| 18162) 184. 45/187. 29/190. 13|192. 97/195. 80 
70 198. 64/201. 48/204. 32/207. 16/209. 99/212. 83/215. 67|218. 51/221, 34\224. 18 
80 |227.02/229. 86/232. 69|235.53|238. 37|241. 21/244. 05/246. 88/249. 72/252. 56 
90 |255.40/258.23/261.07|263.91|267. 75/269. 59/272. 42|275. 26/278. 10,280. 94 

U.S. Bushels to Hectoliters 

Bu. 0 1 2 3 4 5 6 7 8 9 

10 
20 
30 
40 

50 
60 
70 
380 
90 

Cm. 
per sec. 

10 

Ft. per 
min. 

10 
20 
30 

.048 

.128 

. 208 

. 288 

. 368 

- 636 
-716 
. 7196 
. 876 

144 
224 
- 304) 
- 384 



320 Weights and Measures Sect. 3 

Feet per Second to Miles per Hour 

Feet 0 1 2 3 4 5 6 

per sec. 

10 

Miles 0 1 2 3 4 5 6 7 8 9 

Radians 
| per. sec. 

9.55} 19.10} 28.65] 38. x 

10 .49/105.04)114. 59/124. 14/133. 69]143. 24/152. 79}162. 34/171. 89|181.44 

20 .99|200. 54/210. 08/219. 63/229. 18/238. 73/248. 28/257. 83/267. 38|276.93 
30 .48/296. 03/305. 58/318. 13/324. 68/334. 23) 343. 77/353. 32|362.87|372.42 
40 .97/391.52/401.07/410. 62/420. 17/429. 72/439. 27/448. 82/458. 37/467.92 

50 .46)487.01/496, 56/506. 11/515. 66|525.21|534. 76/544. 31/553. 86/563. 41 
60 96/582, 51/592. 06/601. 61/611. 15|620. 70/630. 25/639. 80/649. 35/658. 90 
70 .45|678. 00/687 .55|697. 10706. 65)716. 20)725.75)735.30)744. 85|754. 39 

80 
90 

,94)773, 491783, 04/792. 59/802. 14 
- 44/868, 99/878. 54 897.63 

Revolutions per Minute to Radians per Second 

Rev. per 0O 1 2 3 4 5 6 7 8 9 

min. 
; 

0. 1047/0. 2094/0. 3142/0. 4189/0: 5236/0. 6283/0. 7330/0. 8378/0. 9425 

10 1.0472]1.1519]1. 2566/1. 3614/1. 4661|1.5708|1.6755)1.7802|1.8850)1.9897 
20 2.0944|2. 1991]2. 3038|2. 40862. 5133/2.6180)2:7227|2:8274|2.9322|3.0369 

30 3.1416]3.2463)3.3510)3 4558/3. 5605|3: 6652|3.7699|3.8746|/3.9794/4.0841 

40 4. 1888/4.2935}4: 3982/4. 5029/4. 6077/4. 7124/4. 8171/4. 9218/5. 0265/5.1313 

50 5.2360|5.3407|5.4454|5. 5501/5. 6549)5.7596|5 . 8643/5. 9690|6.0737|6.1785 
60 6.2832 6. 3879/6: 4926|6. 5973/6. 7021 6. 8068)6.9115/7.0162 7.1209|7:2257 

70 7.3304]7.4351|7.5398|7. 6445|7. 7493)7. 8540|7.9587|8. 0634/8. 1681/8. 2729 
80 8.3776/8. 4823 8.5870 8: 6917/8. 7965/8. 9012/9. 0059|9. 1106/9. 2153/9. 3201 

90 9.424819. 5295|9, 6342|9.7389/9. 8437 9.9484|10.053}10. 158|10. 263|10. 367 [eee | aco \ | | 
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Kilograms per Square Centimeter to Pounds per Square Inch 

4 Kg. per 
sq. cm. 

10 
20 

0 1 2 3 5 6 7 

aPNONT UwWwown 

8 9 

rPODPN ONANNO Ow hNO AWUKUWOH 

Pounds per Square Foot to Kilograms per Square Meter 

) Lb. per 
sq. ft. 

10 
20 

30 

40 

50 
60 

70 

80 
90 

638) 18. 843| 19 

ty: 

4.88 
48.82) 53.71 
97.65|102.53 
146,47)151.35 
195. 30/200. 18 

244,12)249.00 
292.94|297, 83 
341.77)346. 65 
390. 59/395.48 
439.42/444. 30 

07030. 1406 

2 

.76|- 14.65 
59, 
.41)112.30 
.24)161,12 
. 06/209. 94 

,89/258.77 
.71|307, 59 
53/356. 42 
36/405. 24 
18/454. 06 

3 

63.47 

4 

19.53 
68.35 

117.18) 
166,00 
214.83 

263,65 
312.47 
361.30 
410.12 
458.95 

5 

24 
73. 

122. 
170. 
219. 

268. 
Jif, 
366. 
415. 
463. 

0. 0. 
0. 7031/0. 7734|0. 8437/0. 9140/0.9843/1. 
1.4061)1.4764)1.5467|1.6171|1.6874]1.7577 
2.1092/2.1795/2.2498|2.3201|2.3904|2. 4607 
2.8123|2.8826|2.9529/3.0232|3.0935|3. 1638 

3.5153/3.5856|3.6559|3.7263|3.7966|3. 8669 
4.2184/4.2887/4.3590|4.4293/4. 4996/4. 5699 
4.9215/4.9918/5.0621/5.1324/5.2027|5.2730 
5.6245 5.694815. 7651 5.8355|5.9058)5.9761 
6.3276'6.397916. 4682/6. 5385/6. 6088|/6.6791 

41 
24 
06 
88 
71 

53 
36 
18 
00 
83 

6 

29. 
78. 

126. 
175. 
224. 

273% 
Sie 
<p le 
419. 
468. 

- 8983 
. 6014 
. 3044 

. 0075 

. 7105 
- 4136 
. 1167 
. 8197 DAnOW Ee & WHR OO 

7 

0.6328 
1.3358 

. 9686|2.0389 

. 6717/2. 7420 
. 3747|3.4450 

.0778)4.1481 

. 7809)4. 8512 
- 4839|5.5542 
- 1870/6. 2573 
- 8901/6. 9604 

8 9 
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Meter-kilograms to Foot-pounds 

M-kg. 0 1 2 3 4 5 6 7 8 9 

7,23| 14.47] 21.70] 28.93) 36.16) 43.40) 50.63) 57.86) 65.10 

79.56| 86.80) 94.03|101.26/108.49)115.73)122.96)130. 19/137. 43 

151. 89|159. 13)166. 36}173.59|180.82|188.06 195.29|202.52|209.76 

224. 22/231. 46/238. 69|245. 92/253. 15/260. 39/267. 62|274. 85|282.09 
296. 55|303.79|311. 02/318. 25/325. 48/332. 72/339. 95|347.18)354.42 

10 
20 
30 
40 

50 65/368. 88/376. 12|383. 35|390. 58/397. 81/405. 05/412. 28/419. 51/426.75 

60 441,21|448.45/455.68|462.91|470. 14/477. 38/484. 61/491. 84/499. 08 

70 513. 54/520. 78|528.01}535. 24/542. 47/549. 71/556. 94|564.17/571.41 

80 §85.87|593. 11/600. 34/607. 57/614. 80/622.04/629.27|/636.50/643.74 

90 658.20|665.44/672.67\679. 90/687. 13 694.371101.60 708. 83|716.07 
ri oe 

.277| 0 0 0 0 
-659) 1. 1 2 2 
.042| 3.180) 3. 3 3. 
.424| 4.562} 4.701) 4.839) 4. 
-807) 5 6 6 6 

.189) 7. 7.466) 7 7 

. 572) 8.710] 8.848) 8. 9. 
. 954/10. 093/10. 231/10. 369/10. 
.337)11.475)11.613)11.752)11. 
- 719}12. 858}12. 996)13. 134/13. 

L —_— 
Re COD APNE _ 

Gram-calories to Joules 

0.95511. 
3,343) 3. 
Det Sly Se 
8.118) 8. 

10, 506}10. 

12, 894]13. 
15, 282}15. 
17,670}17. 
20.057)20. 
22,.445)22. 88338 S86 



Conversion Tables 

Kilogram-calories to Meter-kilograms 

427, 854] 1281] 1708] 2135] 2562] 2989] 3416 3844 
10 4271] 4698} 5125) 5552) 5979] 6406} 6 833| 7260] 7687| 8114 
20 8541} 8968] 9395] 9 822) 10 249] 10 676] 11 103] 11 531) 11 958] 12 385 
30 12 812] 13 239] 13 666] 14 093] 14 520] 14 947] 15 374] 15 801] 16 228] 16 655 
40 17 082] 17 509] 17 936] 18 363| 18 791] 19 218] 19 645] 20 072] 20 499] 20 926 
50 | 21353] 21 780) 22 207| 22 634] 23 061] 23 488] 23 915] 24 342) 24 769] 25 196 
60 25 623| 26 050) 26 478| 26 905| 27 332) 27 759|.28 186] 28 613].29 040) 29 467 
70 29 894| 30 321) 30 748) 31 175| 31 602) 32 029| 32 456| 32 883 33 310) 33 738 
80 | 34165) 34 592| 35 019| 35 446| 35 873| 36 300| 36 727| 37 154) 37 581) 38 008 

| 90 38 435) 38 862 39 289| 39 716| 40 143| 40 570] 40 997) 41 425) 41 852| 42 279 

Meter-kilograms to Kilogram-calories 

M.-kg. 0 1 2 3 4 5 6 7 8 9 

. 00234). 00468] . 00702) .00937|.01171|. 01405). 01639]. 01873].02107 
10 |0.02342].02576|.02810|.03044|.03278|.03512!.03747|.03981|.04215|.04449 
20 |0.04683|.04917|.05152|.05386|.05620|.05854|. 06080}. 06322). 06556]. 06791 
30 |0.07025|.07259|.07493|.07727|.07961|.08196|. 08430]. 08664). 08898]. 09132 
40 |0.09366|.09601|.09835]. 10069). 17303]. 10537}. 10771]. 11006]. 11240]. 11474 
50 [0.11708]. 11942). 12176]. 12411]. 12645]. 12879]. 13113]. 13347]. 13581]. 13815 

| 60 |0.14050|. 14284). 14518). 14752]. 14986]. 15220]. 15455]. 15689]. 15923]. 16157 
| 70 0.16391). 16625}. 16860]. 17094| . 17328]. 17562|. 17796]. 18030]. 18265]. 18499) 
| g0 |0.18733|. 18967). 19201|. 19435]. 19669). 19904]. 20138). 20372]. 20606]. 20840 
| 90 J0.21074| .21309) 21543). 21777]. 22011). 22245). 22479) 22714). 22948) .23182 

British Thermal Units to Foot-pounds 

778 
7784) 8 562 

15 568) 16 346 
23 352| 24 130 
31 136| 31 914 

38 920) 39 698 
46 703) 47 482 
54 487| 55 266 
62 271} 63 050 
70 055) 70 834 

Foot-pounds to British Thermal Units 

- 00128 
. 01413 
- 02698 
. 03983 
. 05267 

- 06552 
07837 
.09121 
- 10406 

0.01285 
0.02569 
0.03854 
0.05139 

0.06424 
0.07708 
0.08993 

1557 
9 341 

17 125 
24 909 
32 692 

40 476 
48 260 
56 044 

.11691 

. 00257 

. 01542 

. 02826 

.04111 
- 05396 

. 06680 

. 07965 

. 09250 

2 335 
10 119 
17 903 
25 687 
33 471 

41 255 
49 039 
56 823 
64 606 

3114 
10 897 
18 681 
26 465 
34 249 

42 033 
49 817 
57 601 
65 385 
73 169! 

3 892 
11 676 
19 460 
27 244 
35 028 

42 811 
50 595 
58 379 
66 163 
73 947 

4 670 
12 454 
20 238 
28 022 
35 806 

43 590 
51 374 
59 158 
66 942 
7472 ra 

5 449 6 227 
13 233) 14 011 
21 017) 21 795) 22 573 
28 800| 29 579 
36 584) 37 363 

| 
44 368 45 147 
52 152) 52 931 
59 936 60 714 
67 720, 68 498; 
75 504) 76 282) 

. 00385 

. 01670 
- 02955 
- 04240 
-05524 

. 06809 

. 08094 
. 09378 

- 00514 
.01799 
- 03083 
- 04368 
. 05653 

.06937 
08222 
.09507 
.10791 
. 12076 

. 00642 

.01927 

. 03212 
. 04496 
.05781 

. 07066 
08351 
. 09635 
. 10920 
. 12205 

.00771 

. 02056 
. 03340 
. 04625 
.05910 

.07194 

. 08479 

. 09764 

. 11048 
. 12333 

. 00899). 

. 02184 
- 03469 
- 04753 
. 06038 

.07323 

. 08608 

. 09892 

.11177 
. 12462 

01028 
. 02312 
. 03597 
. 04882 
- 06167 

. 07451 
. 08736 
. 10021 
- 11305 
. 12590 

-01156 
-02441 
- 03726 
. 05010 
- 06295 

.07580 
08864 
10149) 
11434 

2719 
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Kilowatts to Horsepower 

Sect. 3 

D. 
18. 
32. 
45. 
59. 

72. 

364 
774 
184 
595 
005 

415 
85.825 
99.235 
112.65 
126.06) 

6.705 
20.115 
33.525 
46.936 
60. 346 

73.756 
87.166 
100.58 
113.99 
127.40 

Horsepower to Kilowatts 

z 3 

36. 208)}37.549 

12.069 
25.479 
38.890 
52,300 
65.710 

79,120 
92,530 
105.94) 
119.35 
132.76) 

4 5 6 

Cheval-vapeur to Horsepower 

1 2 3 4 

- 986 
- 849 
- 713 
- 576 
-439 

. 302 

. 165 
- 029 
. 892/80. 
- 755/90. 75 la 

she 
at 
21. 
$i. 
41. 

$1. 
61. 
71. 

-959 
- 822 
- 685 
- 548 
.412 

$2. 
62. 
72. 
81. 
91. 

275 
138 
001 
864 
728 

-261 
. 124 

72.988 
82.851 
92.714 

5 6 

-918 
-781 
- 644 
- 507 
371 

. 234 
-097 
- 960 
- 823 
- 687 

Horsepower to Cheval-vapeur 

2 3 4 5 6 

6. 
16. 
26. 
36. 
46. 

56. 
66. 
75. 
85. 
95. 

a 
‘7. 
2%. 
Sh. 
47. 

37 
67. 
76. 
86. 
96. 

8. 
18. 
28. 
38. 
48. 

58. 
68. 
nO 
89. 

111] 9, 
25019. 
388 29. 
527 39. 
66649. 
g05!59. 
943 69. 
082 80. 
22190 

98. 346/99, 359 100.373 
235 
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31. Values of Foreign Coins 

The following equivalents in terms of the U. S. gold dollar were established 
_ by the Secretary of the Treasury on July 1, 1929, for use in estimating the 

value of all foreign merchandise exported to the United States and expressed 

in such metallic currencies. 
frase 

3 ¥ Value Value 

; in | Monetary | in 

Country Monetary Unit | terms Country Unit terms 

of U.S. lof U.S. 

money money 

2 Argentine Rep’b’c\Peso............ $0.9648||Germany...... Reichsmark. |$. 2382 

A UESEESA ocho si «1 <'o e |Schilling sae caxiaske .1407||Great Britain. .|Pound 

|Belgium........ iy tes 2 oe . 1390 sterling... |4. 8665 

y TE: as \Boliviano....... .3650)}|Greece........ Drachma...| .0130 

TT ee 3 Mailers .¢. 32..2. .5462||Guatemala....|Quetzal. ...|1.0000 

British Colonies in Fiat. as Gourde..... . 2000 

Australasia and Honduras,..... Lempira....| .5000 

WAATAOA sn 5s co.'e'> Pound sterling. ..| 4.8665||Hungary...... Pengo... .6. .1749 

British Honduras. |Dollar.......... 1.0000]|India (British)./Rupee.....| .3650 

Bulgaria........ RIEU Sete piss als .0072||Indo-China....|Piaster*....| .4291 

GO 2 RGAE. sos ak WR | 8 er Ara. ckive es 0526 

age ee ot [ier area CM MET Jananr.....)2. 5: Mea re eos 0 4985 

Amoy....| .6513||Latvia........ |Lat Be Arie . 1930 

Canton...| .6494||Liberia........ Dollaraasent 1.0000 

Chefoo... .6230]|Lithuania..... ifase ce . 1000 

Chin Kiang] .6363||Mexico........ P@S0\.0. sree .4985 

Fuchau...| .6025||Netherlands. . .|Guilder | 

Haikwan..| .6627 (florin)...] .4020) 

Hankow..| .6094||Newfoundland.|Dollar..... 1.0000 | 

Kiaochow.| .6312||Nicaragua..... Cordoba... .)1.0000} 

Tael Nanking..| .6445||Norway.....-- KiOne weenie . 2680 

CHITA. 6 eee were Niuchwang| .6108]/Panama....... Balboa..... 1.0000 | 

Ningpo...| .6262|/Paraguay...... Peso (Argen- 

Peking....| .6350 tine). acne 9648 | 

Shanghai..| .5949||Persia......... Kiran ee ROUISA 

Swatow...| .6017||Peru........-- Iabra ae seis 4.8665 | 

Takau....| .6555||Philippine Is- 

Tientsin. . .6312 fads hha Peso... setae . 5000 | 

Yuan..... ,4221||Poland........ Zloty. . .+-|)ed1225 

Dol- | Hong Kong} | 4284 Portugal...... [Escudo..... 1.0805 | 

lar* ) British....| f° Rumania...... Hews. yeoleas . 0060 | 

Mexican..| .4315|/Russia......-. Rablet can 5146 | 

Colombia:.......|PeSO:2..-4.2000- .9733||Salvador...... Colona . 5000 

Gosta Rica. ..... OMI sea 7: co aiote's % AOS SLAM « case oi tauecae oc Baht (Tical)} .4424 

(Sel iets SS Rhee Pes Orca tyne is. s:3-5 6 1.0000||Spain....-+.7:" Peseta..... . 1930) 

Denmark....-.-. Gi eae .2680||Straits Settle- 

Dominican Re- TENS. 3 a eos Dollar? sare .5678 

PUL EC ae pats oa Wrollarare caer 1.0000||Sweden.....-- \Krona.:...| .2680 

Wenadorslesco ye POUCEe cae nein 0 .2000||Switzerland....|Franc...... . 1930 

Bey pts site « tere om Pound (100 pias- PPurke Vino -eu7 Piaster..wane 0440 

BETS Varsetels tay states 4,9431||Uruguay...... PESO... pierce 1.0342 

ESSfOnIa she ois cous ROOD: Aa ckenelriareress .2680||Venezuela..... Bolivar..... . 1930 

Finland....,....|Markka......... if .0
252||Yugoslavia....|Dinar...... .1930 

| France Bano train Wrane=sateb i its : 0392|| 

*Silver standard; other countries have the gold standard. 
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328 Thermodynamics Sect. 4 

THERMODYNAMICS 

1. Preliminary Statements and Definitions 

Heat Energy. The mechanical theory of heat asserts that heat is a form 
of energy due to the motion or configuration of the molecules of a body. Like 
mechanical energy, heat energy may of the kinetic or of the potential form. 
The summation 2 1/2 mv’ extended to the moving molecules of a system gives 
the thermal kinetic energy of the system. Considerations derived from the 
kinetic theory of gases show that the temperature of a body is a measure of its 
thermal kinetic energy. When the temperature rises, it is inferred that the 
thermal kinetic energy is increased and vice versa. Thermal potential energy 
is due to the position or configuration of the molecules of a body. Thus when 
the volume of the body is increased, work is required to separate the molecules 
against their mutual attractions, and this work is stored as potential energy. 
Again, when the state of aggregation is changed, as in fusion or vaporization, 
work is required to break down the molecular structure, and this work is stored 
in the system as potential energy. . In the case of gases, like air and nitrogen, 
the attractive forces between the molecules are so small that the thermal poten- 
tial energy is practically zero. The internal energy of a gas is therefore 
assumed to be wholly of the kinetic form. 

Units of Energy. The conventional units used in this chapter are: (1) for 

mechanical energy, the foot-pound and the horsepower-hour (hp.-hr.), which 
is equal to 1 980 000 ft.-lb.; (2) for heat energy, the British thermal unit 
(B.t.u.), which is defined as the heat required to raise the temperature of one 
pound of water from 63° to 64° F. 

Mechanical Equivalent of Heat. The numerical relation between the unit 
of heat and the unit of work has been determined very accurately from ex- 
periments. . The accepted relations are 

1 B.t.u. = 777.64 ft.-Ib. 1 hp.-hr. = 2546.2 B.t.u. 

In ordinary calculations the integral values 778 and 2546 are sufficiently accu- 
rate. The mechanical equivalent is denoted by the symbol J and the recipro- 
cal of it by A; thus, J = 778 and A = 1/J = 1/778. 

State of a System. A thermodynamic system is defined as a body or group 
of bodies capable of receiving and giving out heat or other forms of energy. 
Examples of such systems are the media used in heat engines, as water vapor, 
air, ammonia, etc. In order that a system may receive or give up energy, its 
state must change; hence the magnitudes that determine the state must 
change. It is assumed ordinarily that the system is homogeneous and of uni- 

form density and temperature throughout, also that it is subjected to uniform 

pressure. Then the magnitudes that describe the state of a unit mass are: the 
pressure p, the temperature t, and the volume v. In the case of a homo- 
geneous mixture of vapor and liquid, as wet steam, a fourth variable is re- 
quired; this is the ratio x of the weight of vapor to the weight of the mixture. 
These magnitudes, p v t and x are called the coordinates of the system. 

Absolute Temperature. Many of the equations of thermodynamics are simplified 
by taking the temperatures from absolute zero instead of from the zero of the F. or CG 
scale. The position of the absolute zero, as determined by experiments on actual 
gases, is about 273.1° below zero C., or 459.6° below zero F. Hence, denoting ordinary 
temperatures by ¢ and absolute temperatures by T, 

T =t + 273.1 for the C. scale, 

T =t + 459.6 for the F. scale. 
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Characteristic Equations. Of the three coordinates, ~, v, T; any two may 
be, in general, taken as independent and the third is then a function of these 
two. Thus in the case of a confined gas, the pressure p may be kept at any 
desired value and by the addition of heat the temperature T may be raised to 

any predetermined point. The volume v7 must, however, depend upon the 
values given to and T; thatis, visa function of pand T,asv =f (pT). Like- 
wise, taking v and T as independent, a functional relation p = ¢(v, T) must 
exist. For any substance there is such a functional relation between the 
coordinates; this relation is called the chagacteristic equation of the substance, 
The simplest characteristic equation is that which applies to an ideal perfect 
gas, namely. 

pv = BT 

For certain imperfect gases van der Waal’s equation 

igeBr a 

PY y—b ¥v 
represents the relation between /, 27, and T. The behavior of superheated 
steam is, within certain limits, represented accurately by the empirical equa- 

tion 

p(v —c) = BT —p(l + ap!/2)——, Ta 

The characteristic equation ¢(p, v, T) = 0 having three variables may be represented 
geometrically by a surface. Any possible state of the substance is represented by 
point on the surface and a change of state is represented by a path lying in the surface, 
In the case of a mixture of liquid and vapor (as wet steam), the pressure is a function 
of the temperature only, and the volume depends upon the temperature and the ratio x. 
The characteristic surface of such a mixture is a cylindrical surface cutting the pi-plane 
in the curve p = f(t). 

Changes of State. Certain changes of state of a thermodynamic system 

are of special importance. 

1. Constant Volume. The volume remaining constant, the pressure varies 

with the temperature and, in general, heat is absorbed or rejected by the sys- 

tem. 

2. Constant pressure. A change of volume involves a change of temper- 

ature. Heat is absorbed or rejected. 

3. Isothermal. If the temperature remains constant during a change of 

state, the change is said to be isothermal. In general, heat is absorbed or 

rejected. 

4. Adiabatic. An adiabatic change is one in which the system neither 

receives nor gives out heat. 

5. Isodynamic. In an isodynamic change of state the internal energy of the 

system remains constant. 

Specific Heat. The heat required to raise the temperature of a unit weight 

of a body one degree under given external conditions is called the thermal 

capacity of the body. The ratio of the thermal capacity of a substance at the 

temperature t to the thermal capacity of water at a chosen standard tempera- 

ture (17.5° C. or 63.5° F.) is the specific heat of the substance. Since at 

63.5° F. the thermal capacity of water is 1 B.t.u., it follows that the specific heat 

of a substance at temperature / is numerically equal to the thermal capacity at 

the same temperature. In the case of gaseous substances two specific heats 

are of special importance: the specific heat at constant volume denoted by cv, 

and that at constant pressure denoted by cp. For solids and liquids, these 
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specific heats are practically identical, but for gases they are considerably 

different; thus in the case of air, cp = 1.4 Cy. 

Latent Heat. During a change of state of aggregation the heat added to a 
substance is expended in performing work of disgregation, and none of it is 
used in raising temperature; that is, the heat absorbed goes to increase the 
potential energy of the system. Heat thus absorbed during fusion or vapori- 

zation is called latent heat. The heat required to vaporize a unit weight of a 
liquid depends upon the pressure under which the vapor is formed. The fol- 
lowing are latent heats of fusion for various substances in British thermal 

units per pound: 

Fceve. sh ote neon ee te . 144 €@ast ron, grey.....-.. 41.4 
Leader he ve cdose a S266 Cast iron, white....... . 59.4 

I yea rien ests cts 25.65 WAnCE ee ce ree 50.6 
DUVEr ese ne Meee 37.93 Sitar Soe Ake Gree 

2. Fundamental Laws of Thermodynamics 

Transformations of Energy. All transformations of energy are subject to 
two far-reaching general laws: (1) The law of conservation of energy, of 
which the following is a statement: The total energy of an isolated system 
remains constant and cannot be increased or diminished by any physical 
process whatever. (2) The law of degradation of energy. According to this 
law, the result of any transformation of energy is to reduce the quantity of 
energy that may be usefully transformed into mechanical work. 

Examples of the law of degradation are abundant. Work is transformed into heat 
through friction, and only a small part can be recovered; electrical energy is rendered 
unavailable when transformed into heat in the conducting system; heat flows from a 
body of higher temperature to one of. lower temperature and as a result a smaller 
fraction of it becomes available for transformation into work; in the transformation of 
work into electrical energy or of electrical energy into work, some of the high-grade 
energy is transformed into heat and is rendered unavailable. The term thermodynamic 
degeneration is sometimes applied to the inevitable loss of available energy in any 
transformation of energy; and the law of degradation may be stated as follows: Every 
natural process is accompanied by thermodynamic degeneration. 

The First Law of Thermodynamics is merely the law of conservation 
applied to the transformation of heat into work. It may be stated as follows: 

When work is expended in producing heat the quantity of heat generated 
is equivalent to the work done; and conversely, when heat is employed to 
do work, a quantity of heat precisely equivalent to the work done disap- 
pears. : 

Denoting by Q the heat converted into work, and by W the work thus ob- 
tained, the first law is expressed symbolically by the equations W = JQ and 
Q = AW. 

The Energy Equation. Let heat be absorbed by a body, at a given mass of 
gas or a saturated vapor. If the volume of the body remains constant, the 
energy absorbed must be added to the intrinsic energy of the system; as a 
result the temperature will rise, or, in the case of a liquid, vaporization will 

ensue. If, however, the volume of the system changes, external work will be 
done, and the heat absorbed will in part be used in doing this work, whereas the 
remainder will increase the intrinsic energy. In general, therefore, 

heat absorbed = increase of energy + external work. 

The change of energy depends upon the initial and final states of the system 
only. The external work depends, however, on the relation between # and » 
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during the change of state, that is, upon the path; hence the heat absorbed also 
depends upon the path. 

If a system passes through a closed cycle of processes and returns to its initial state, 
the change of energy for the cycle is zero; hence for a closed cycle the heat absorbed by 
the system is the equivalent of the external work. If the change of state is adiabatic, 
the heat absorbed is zero and the external work is gained at the expense of the 

intrinsic energy of the system. 

The Second Law of Thermodynamics is essentially the law of degradation 

of energy. Whereas the first law gives a relation that must be satisfied in any 

transformation of energy, it is the second law that gives information regarding 

the possibility of transformation and the availability of a given form of energy 

for transformation into work. A general statement of the second law is 

No change in a system of bodies that takes place of itself can increase 

the available energy of the system. 

A more concrete statement is that of Kelvin: It is impossible by means of 

inanimate material agency to derive mechanical effect from any portion of 

matter by cooling it below the temperature of surrounding objects. In effect, 

Kelvin’s statement denies the possibility of deriving work directly from the 

heat contained in the atmosphere. 

Carnot’s Cycle. The availability of a given quantity of heat energy for 

transformation into work is given by the efficiency of the ideal Carnot engine. 

In the ideal cycle described by Carnot, the medium is subjected to four 

processes: (1) It is placed in contact with a source of heat at a higher tem- 

perature T; and expands isothermally while absorbing heat Q: from the source. 

(2) It is removed from the source and expands adiabatically until the tempera- 

ture reaches the lower value T2. (3) It is placed in contact with a refrigerator 

at temperature T2, is compressed isothermally, and rejects to the refrigerator 

the heat Qo. (4) It is compressed adiabatically and arrives at the initial state. 

The heat Q; — Q2 is transformed into work, and the efficiency of the cycle is 

therefore the fraction e = Q: ~ Q2 According to Carnot’s principle, which 
1 

may be proved by the second law, all ideal reversible engines working between 

the same temperature limits JT; and T; have the same efficiency; that is, the 

efficiency is independent of the working medium and depends upon 7; and T2 

only. Hence e = f(T, T2). Kelvin proposed as a definition of temperature 

& nach Ex ; oe AR Ce Tz 
the relation 0: at From this definition, e 7, | T, As 

sume a quantity of heat Q in a body having the temperature 7, and let To de- 

note the lowest available temperature (e.g., the temperature of the atmos- 

phere). No device can transform a greater part of Q into work than the ideal 

T t 
Carnot engine; hence the available part of Q is OL — - and the remain- 

der a must inevitably be wasted. | For example, if the absolute tempera- 

ture of the source is 900° and that of the atmosphere is 540°, the available 

energy is 1 — ta = 0.4 of the total energy; therefore of 1000 B.t.u. taken 

900 

from the source not more than 400 B.t.u. can by any possible means be trans- 

formed into work and at least 600 B.t.u. is unavailable. 

Entropy. Experience shows that any actual physical process, as the change 

of state of a system, is irreversible and is accompanied by frictional effects. A 

strictly reversible frictionless process is an ideal that may be approached but 
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never attained. In the case of the ideal reversible process, there is no change 

in the quantity of available energy; but an actual irreversible process is always 
accompanied by a decrease of the amount of energy available for transforma- 

tion, or, what is the same thing, an increase of unavailable energy. An investi- 
gation of special cases shows that the increase of unavailable energy is the 

product of two factors: one is To, the lowest absolute temperature available in 

a refrigerator, the other is a term of the form 2 or fr4@. This second 

factor is called the increase of entropy of the system under consideration. 

When the conception of increase of entropy is applied to the system composed of all 
the bodies involved in a change, that is, to an isolated system, it appears that the in- 
crease of entropy is a measure of the thermodynamic degeneration produced by the 
change. According to the law of degradation every natural change is accompanied by 
thermodynamic degeneration, therefore it is accompanied by an increase of entropy. 
The following important principle is evident: The direction of a process, physical or 
chemical, that occurs of itself is such as will bring about an increase of entropy of the 
system. This principle is the foundation of the application of thermodynamics to 
chemistry. 

The Change of Entropy of a body which is.in thermal communication with 
other bodies (as a pound of air, or the steam in an engine cylinder) is illustrated 
as follows: Let the ordinate A; A (Fig. 1) represent the absolute temperature 

¢ Ti of the body in its initial state. Suppose the body 
to receive heat from external sources while its state 
changes reversibly; and let the ordinate A1A increase in 
length so as to represent the successive values of T during 
the heating and at the same time move horizontally in 
such a way that the area swept over represents the heat 

o g absorbed. The end of the ordinate must moye in a 
Ay By definite path, as AB. The horizontal distance A,B, 
Fig. 2 through which the ordinate moves represents the increase 

of entropy. If OA; is chosen arbitrarily to represent the entropy 5S, of the 
body in the initial state, then OB, represents the entropy Sz in the final state. 
The area A,A BB, represents the heat Q absorbed (provided the process is 
reversible), and the following relations between Q and the change of entropy 

exist: 
'S. T 

o-={ Tas, $.-S.={ SS 
81 7, T 

The entropy of a system, as thus defined, depends upon the state only; hence 
S may be used with 9, v, and J asa coordinate. Graphical representations.on 
the T\S-plane are specially advantageous, as the areas involved represent heat 
entering or leaving the system. If the process in question is not reversible (for 
example, as in the case of the flow of steam in a nozzle), 

this graphical representation fails. The area in this case 
does not represent the heat entering the system. 

An isothermal process is represented on the TS-plane by a 
straight line parallel to the S-axis, as 4B and CD, Fig. 2; re- 
versible adiabatic processes by lines parallel to the T-axis, as BC 
and DA. The closed cycle ABCD is the ideal Carnot cycle. o 
Area A;A BB, represents the heat Q; absorbed from the source, . | ‘ 
during the isothermal expansion AB, area ByCDAj, represents Fig. 2 
the heat Q» rejected to the refrigerator during the isothermal 
compression CD, and the cycle area ABCD represents the heat Q;— Qo 

transformed into work. The expression for efficiency e = r= 0 = not 
1 1! 

A 
i 

‘SH 

4 
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follows from the geometry of the figure. When the order of events in the cycle of Fig. 
2 is reversed, the cycle represents the operation of a refrigerating machine under ideal 
conditions. During the isothermal expansion DC heat Qo is absorbed from the cold 
body, and during the isothermal compression heat Q) is rejected toa body at tempera- 
ture T,;. The cycle area represents the equivalent of the work W that must be fur- 
nished from external sources; and Q; = Qy + AW. 

Heat Content. The functions u + pv plays an important part in many 
technical applications of thermodynamics. The energy u is measured in 
mechanical units (foot-pounds) and the product pv has necessarily the'same 

unit. The heat equivalent A‘(u + pv) is*denoted by i and is called the heat 
content of the system (per unit weight). Evidently 7, like wand sis a function 
of the state only. The heat absorbed by a unit weight of a substance at con- 
stant pressure is the change in heat content is — i;. It is frequently con- 
venient to represent changes of state on a plane having i and s as coordinates. 
In this scheme of representation, quantities of heat are represented by seg- 
ments of lines instead of by areas. 

3. Properties of Gases 

Experimental Laws. The so-called permanent gases obey quite closely the 
laws of Boyle, Charles, and Joule, namely: 

Boyle’s Law. At constant temperature, the volume of a given mass of gas 
varies inversely as the pressure. That is, the product pvis constant when T is 
constant. 

Charles’s Law. At constant pressure, the change of volume of a gas is pro- 
portional to the change of temperature. That is, (Av/At) p =constant. 

Joule’s Law. The intrinsic energy of a gas is independent of the volume 
of the gas and depends upon the temperature only. Denoting the energy of 
unit weight of gas by u, Joule’s law is expressed symbolically by the relations: 

u = f(t), du/dv = 0. “ 

Characteristic Equation. By a combination of the laws of Boyle and 
Charles the relation py = BT is obtained as the characteristic equation of a gas 
that strictly obeys those laws. Here v denotes the volume of unit weight. If 

V is used to denote the volume of M pounds of gas, the equation takes the use- 
ful form pV. = MBT. The homogeneous form piVi/T1 = p2V2/T2 is advan- 
tageous in the solution of problems that involve two states of the gas. The 
numerical value of the constant B is determined from the equation by inserting 

known values of #, v, and T corresponding to some assumed standard state. 
The following are the values of B for certain gases (English units): 

WAN eR ese NIWA SN ar aCe a 53.34 TEV GEOLEM 5 oe os wien 04 & 765.86 
OE Seton eta here oe 48.25 Carbon -dioxide......... , 35.09 
ETO SEN aia, aid! wvosa atsteadc\ > 55.10 Carbon monoxide....... 55.14 

The gas equation, may be written in the form p = ByT where y = 1/v de- 
notes the weight of unit volume. For a chosen pressure and temperature, the 
product By is the same for all gases to which the equation applies; and since y 
is directly proportional to the molecular weight m, the product Bm is likewise 
the same for such gases. This product is denoted by R and it is called the 
universal gas constant. For English units the numerical value of R = 1544; 

t A 1544 
hence the gas equation may be written in the form py = ore Ea 

It is frequently desirable to refer the specific volume or the specific weight of a gas 
to a standard state, namely, atmospheric pressure and a temperature of 32° C, In 
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this state » and y are expressed in terms of the molecular weight m of the gas by the 

relations v9 = 358.65/m and yo = 0.002788 m. 

Specific Heat of Gases. The specific heat of a gas that obeys the law 

py = BT must be independent of the volume and also of the pressure, but it 

may vary with the temperature. For moderate ranges of temperature the 

specific heats cp and cp may be assumed constant without serious error. The 

following are mean values for the range 0° to 200° C. (32° to 392° F.): 

Cp Cy k = cp/cy 

APUG ES PUES ae Sar 0.242 0.173 1.4 

Hy drogenta.2 0c ica afd 3.424 2.446 1.4 

+ Nitrogeitiin a id tices’ 0.2438 0.174 1.4 

Oxy. Genie. Fei ecls nis 0.2175 0.155 1.4 

Carbon monoxide....... 0.2426 0.162 1.3 

‘AMMONIA. s cise ss cow's soe 0.5106 0.387 1.32 

When the temperature range is large, as exemplified in the internal combustion 

engine, the assumption of constant specific heat is no longer justified. The 

experiments of Mallard and Le Chatelier, Langen, and others, show that both 

Cp and Cy increase with the temperature according to a law that is expressed 

sufficiently well by the linear relationc = a+’bt. The variation of specific 

heat with temperature is represented by the following equations, temperatures 

being Fahrenheit and m being the molecular weight of the gas: 

1, Diatonic Gases Ne, Ov, He, CO, and air. 

1 T\2 
cp = [603 + 0.12 (ae x) | 

1 T \? 
cy = 2 | 408s + 0.12 (as) | 

T = absolute temperature fahr. 

m = molecular weight. 

2. Carbon Dioxide CO2 

For T < 2900 

Cp = 0.1625 + 0.0866 —— — 0.01364 (os) ; 
1000 1000 

cy = 0.1174 + 0.0866 la — 0.01364 (Za) ; 
~~ 1000 1000 

For T > 2900 

cp = 0.2772 + 0.0955 on 

T 
Cy = 0.2321 + 0.0955 —— 
‘i. et 1000 

3. Water Vapor H:O 
T T \? 

cp = 0.4628 — 0.01533 —— + 0, — 
® Tei io (Za) 

cy = 0.3525 — 0.01533 —-— + 0.0235 (2) ” 
? 1000 © 1000 

Changes of State. For any change of state of a permanent gas the follow- 
ing relations hold. Denoting by M the weight of gas under consideration, 
the change of energy is 

U2. — Ui = JMcy(T2 — Ti) = (peV2 — piVi)/(k — 1). 
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' the change of heat content is 

Iz — I, = Mep(T2 — Ti) = A (p2Ve — piVi)k/(k — 1), 

and the change of entropy per unit weight is 

So — Si = Cp log, Ma + cy log, Re 
V1 Pi 

For certain important special changes of state the following relations exist: 
(W = external work, Q = heat absorbed.) 

(a) Constant Volume: 

9 T 

22 et OW 60 > B= Mes(Ts — Ti) = U2 — UDA: 
Pi» Tr ‘ 

Ss — S; = Mcy log. 2 

ag 
(b) Constant Pressure: 

V2 Te | pi adage W = p(V2 — Vi) = MB(T; — T;). v.77, p(V2 1) (T2 1) 

(V2 — Vi) WwW U; — 0; = A =. Q = Mop Ts — TH) =e — he 
5 

S. — S; = Mcp log. —. 
Ti 

(c) Isothermal Change of State: 

Vo Vv 
piVi = poV2, Uz —U; =0. W = MBT loge = pVi loge 7 

1 1 

V 
Q = AW. S, —S, = 2 = ABM log, a 

(d) Adiatatic Change of State: In the adiabatic change, the equation of 

the expansion curve is pv* = const. Combining this with the equation 

pv = BT, 
k-1 ee | 

V.\k-1 TT, pk (*) k T. tees hs ae = const., or (= =", Tv const., or (7) tT, F const., or si 7, 

Vi — poV Q=0. W =U; —U; = JMey (T; —T) =", S = const, 

(e) Polytropic Change of State: This change is defined by the relation 

pv" = a constant in which x is a constant. 

eee at ta eee Vv PHAN 9 Ti 

2V2 — piV Vo—piV 
W= dV = piVi2 *y-ndv = cert mnr: U,.-UN= bey nema 

V1 val 

ee 
JQ=0U.-U+W= ean i hal — piVi). 

W:U,-U;:JOQ=k—1:1—n:k—n. 
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For example, let air be compressed according to the law PVA =a constant. Tak- 

ing R= 1.4, W:U2—- Ui :JQ =04A:—0.3:0.1. That is, three-fourths of the 

work of compression is stored in the air and is manifested by a rise of temperature and 

one-fourth of it is taken away by the water jacket. 

The specific heat corresponding to the polytropic change is constant and is 

given by the relation cy = co(k —n/(1 — 1). For values of lying between 

1 and k, cy is negative. The work W and heat absorbed may be expressed in 

terms of cy; thus 
MB 

W = JM (cn — Cy)(T2 — Ti) = Ngai (T2 — Ti). Q = Men(T2 — Ti). 

T 

Also S. — Si = Men log. ry 
1 

To determine the value of » for an experimental curve, which is assumed to follow 

tne law pV” = const., measure to any convenient scale $1, Vj and po, V2 at two as- 

log Pz — log Py 
i eas ten = % sumed points A and B en compute ney eee 

ry Air Compression. The ideal indicator diagram of an 

C Po 8B air compressor without clearance is shown in Fig. 3. 

The curve AB represents the change of state of the air 
during compression. Without a water jacket, curve 
AB may be taken as an adiabatic. If a water jacket 

+ =" is used, ABisrepresented by an equation pV™ =a 

: 1 constant, and the value of lies between 1.4 and 1.0. 
Fig. 3 In practice, is usually about 1.3. 

oy 

The work represented by area A BC Dis given by theexpression W = MPU BaP) ee 

in which V; and V> denote the volumes at points A; and Ry respectively. The heat 
absorbed by the water in the jacket during the compression AB is given by 

Q= us — The work of compression is reduced: (a) by water-jacketing; 

(b) by compression in two or more stages with cooling between the stages. 

4. Saturated and Superheated Vapors 

Characteristics of Vapors. When sufficient heat is applied to a liquid the 
state of aggregation is changed from the liquid to the gaseous. The process 
is called vaporization, and the resulting gaseous product is called a vapor. As 
long as the vapor is in contact with the liquid from which it is formed it is said 

to be saturated. The leading characteristic of a saturated vapor is that its 
temperature depends upon the pressure only, that is, t = f(p). If the vapor 

is removed from the liquid and is further heated at constant pressure, the 
temperature rises above the saturation temperature given by t = f(p), and the 
specific volume increases. The vapor is then said to be superheated, and the 
difference between the temperature of the vapor and the saturation tempera- 

ture is the degree of superheat. In the case of saturated vapor, the volume of 
one pound is a function of the pressure only (v = ¢(p)), while in the case of.a 
superheated vapor the volume is a function of pressure and temperature 
(v = F(p,t)). The so-called permanent gases, air, nitrogen, etc., are in 

reality superheated vapors far removed from the saturation state, 

Vapor and Liquid Mixtures. The process of vaporization and superheating 
is shown graphically on the TS-plane in Fig. 4. Liquid at 32° F. represented 
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by point A(OA = 491.6) is heated under constant pressure. The process is 
represented by AB. At B the saturation temperature is reached, vaporiza- 
tion begins and proceeds till all the liquid is changed to vapor, as indicated by 
point C. Further application of heat superheats the vapor, as indicated by 
CD. Point B represents liquid at the boiling temperature, point C, saturated 
vapor, and point D, superheated vapor. For different pressures, points B and 
C will move along curves s’ and s’’, called the liquid and saturation curves, 
respectively. In raising the temperature from 32° to the boiling point, heat 
represented by area OA BB, is absorbed; this is the heat of the liquid (¢). To 
vaporize the liquid, heat represented by area B, BCC; is required; this is the 
heat of vaporization (r). The sum of these is the total heat of the vapor (q”). 
The area Ci:C DD); represents the heat absorbed during the superheating. OB, 
represents the increase of entropy (s’) during the heating of the liquid, and 
B,C, the further increase of entropy during vaporization. A point M between 
B and C represents a mixture of vapor and liquid, the ratio BM/BC being the 
ratio of the weight of vapor to the weight of the mixture. This ratio is de- 
noted by x and is called the quality of the mixture. 

The latent heat of vaporization r is separable into two 
parts: (1) the external latent heat, that is, the heat equiva- 
lent of the work done during the vaporization process; (2) 
the internal latent heat p, which is the heat required to 
break up the molecular structure and is stored in the steam 
in the form of potentialenergy. The total heat of steam gq” 
is practically equal to the heat content i”, and in recent 
steam tables i” rather than g” is given. 

For a mixture having the quality x (as indicated by point 
M, Fig. 4) the total heat is g’ +-xr B.t.u. per lb., and the 
energy above that of water at 32° is g’ + xp B.t.u. per lb. 
The entropy of the mixture per pound is s’ + zr/T. 

Thermal Properties of Saturated and Superheated Steam. The magni- 
tudes 7, 7’, r, p, v’’, s’, and s’’, defined in the preceding articles, are dependent 
on the temperature of vaporization. For several vapors of technical impor- 
tance these properties have been determined experimentally with more or less 
accuracy, and empirical formulas have been deduced by means of which the 
properties are expressed as functions of the temperature. In the case of water 
vapor, the older tables based on Regnault’s experiments are now known to be 
inaccurate. 

The relation between pressure and temperature of saturated steam is given 
very accurately by the formula 

log p = 10.5688080 — a — 0.0155 log T — 0.00406258 T 

t =.370\ ? t — 370\ 4 
2 ~ pea Bd ot pe EE + 0,00000140055 T 0.00002 [10 10 ( 7 ) aH ( 100 ) | . 

The relation between the volume, pressure and temperature of superheated 
steam is given by the equation 

66834 < 10° 
vy — 0.017 = 0.59495 : — (1 + 0.05129 m= 

in which -p is in pounds per square inch. 
The following formulas give the heat content and entropy of superheated 

steam. 
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,, 6188 X 107 
i = 0.320 T + 0.000063 T? — ae — p(1 + 0.0342 p/?) ——[— + 948.5, 

11792 
s = 0.73683 log T + 0.000126 T — —>— 

49504 x 10° 
— 0.254 log p — (1 + 0.03420 p'/*) =. — 0.0811. 

With p in pounds per square inch the energy u is obtained from the relation 

u =i — 0.1852 pv. 

If in the preceding formulas corresponding values of p and T at the saturation 

state are inserted, the volume, heat content, and entropy (v”’, i’, s’’) of satu- 

rated steam are obtained. 

Properties of Saturated Steam 

(Condensed from Goodenough’s “ Properties of Steam and Ammonia’’) 

Heat content, | Latent heat, 

Absolute - | Tem- B.t.u. B.t.u. Entropy _ 

Ped ol a Se eee | eed OF va. | soe 
inches o e Of Of In- Of Ftenehiier (6 1 Ib. 

mercury | Fahr. | quid| vapor Total ernal;| Jiquid ete vapor cu. ft. 
) t i’ i” r p s’ t/T s”’ v’ 

1.0 79.06} 47.1) 1095.0 1047.9) 988.7] 0.0915) 1.9455) 2.0370) 652 

2.0 101.2] 69.2)'1105.1 1036.0 974.3} 0.1316 1.8474) 1.9790) 338.9 
S20 115.1] 83.0) 1111.4] °1028.3) 965.2): 0 1561) 1.7893) 1.9474 231.4 

4.0 125.4] 93.4) 1115.9) 1022.5) 958.3) 0.1739, 1.7478, 1.9217| 176.5 

5.0 133.8 101.7) 1119.6] 1017.9) 952.8] 0.1880 1.7154) 1.9034] 143.2 

10 161.5] 129.4) 1131.4} 1002.1) 934.1} 0.2336 1.6134 1.8470). 74.8 

15 179.1) 147.0) 1138.8] 991.7, 922.0) 0.2617) 1.5526, 1. 8143}; °51.1 

20 192.4 160. 3) 1144.1] 983.8) 912.7) 0 2822 1.5089 1.7912), 39.1 

25 203.1} 170.1) 1148.3]. 977.3) 905.2) 0.2986) 1.4747| 1,7733)..31.7 

Lb. persq.in. f 

14.7 212.0} 180.0, 1151.7] 971.7) 898.8) 0.3100) 1.4469) 1.7589) 26.81 

15 213.0] 181.0 1152.2] 971.2) 898.1) 0.3135 1.4438) 1.7573! 26.20 

16 216.3) 184.3} 1153.4] 969.1) 895.8] 0.3184 1.4337) 1.7521) 24.76 

17 219.4) 187.5 1154.6] 967.1 893.5] 0.3230) 1.4242) 1.7473) 23.40 

18 222.4) 190.5) 1155.7} 965.2) 891.4] 0.3274, 1.4153) 1.7427) 22.18 

19 225.2) 193.3 1156.7] 963.4) 889.3} 0.3316, 1.4068) 1.7384) 21.09 

20 228.0) 196.0) 1157.7} 961.7) 887.3) 0.3356, 1.3987) 1.7343) 20.10 

22 233.1} 201.2) 1159.6} 958.4) 883.6] 0.3430) 1.3837) 1.7267) 18.38 

24 237.8] 206.0) 1161.3} 955.3) 880:1| 0.3499) 1.3698) 1.7197) 16.95 

26 242.2} 210.4; 1162.8} 952.4) 876.8] 0.3563) 1.3570) 1.7133) 15.73 

28 246.4| 214.6 1164.3] 949.7) 873.7| 0.3622) 1.3452) 1.7074) 14.67 

30 250.3) 218.6 1165.7] 947.1) 870.7} 0.3679) 1.3340) 1.7019) 13.76 

32 254.0} 222.4) 1166.9] 944.6) 867.9] 0.3731) 1.3236) 1.6967] 12.95 

34 257.6) 225.9) 1168.1]. 942.2) 865.2] 0.3781) 1:3137|_1.6918) 12.24 

36 260.9] 229.4) 1169.2] 939.9) 862.7) 0.3829) 1.3044) 1.6873) 11.60 

38 264,2| 232.6) 1170.3] 937.7) 860.2) 0.3874) 1.2956) 1.6830) 11.03 

ne 
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Properties of Saturated Steam—Concluded 

Heat content, | Latent hea 
: B.t.u. : B.t.u. = Entropy Vol- 

Absolute ume 
| pressure, of 

Ib. per Of | Of | wera [Jn |. of J O%8 | oF Me, 
Sq. in. Fahr. | liquid | vapor ternal | liquid P tion | V2Por |cu. ft. 

p i’ ; He g | p s’ 1/T 8” Va 

40 235.8) 1171.3) 935.5) 857.8] 0.3917] 1.2871] 1.6788] 10.51 
42 238.8) 1172.2] 933.5) 855.5} 0.3958) 1.2791] 1.6749] 10.04 
44 241.7/ 1173.2} 931.5) 853.3} 0.3998) 1.2714] 1.6712) 9.61 
46 244.5) 1174.0] 929.6) 851.2] 0.4036) 1.2640] 1.6676 9.22 
48 247.2) 1174.8] 927.7) 849.1] 0.4072) 1.2570] 1.6642! 8.86 

50 249.8) 1175.6} 925.9) 847.1] 0.4108] 1.2501) 1.6609} 8.53 

55 255.9) 1177.5} 921.5) 842.3) 0.4190) 1.2342] 1.6532] 7.80 
60 261.7; 1179.1] 917.4) 837.8) 0.4267) 1.2195] 1.6462] 7.18 

65 267.1) 1180.6] 913.5) 833.5] 0.4338) 1.2058) 1.6397] 6.66 

70 272.2) 1182.0] 909.8) 829.5] 0.4405) 1.1931] 1.6336] 6.22 

80 281.6) 1184.4] 902.8) 821.9] 0.4527] 1.1700] 1.6227) 5.48 

85 286.0) 1185.5] 899.6) 818.4) 0.4583) 1.1595) 1.6178] 5.18 
90 290.1) 1186.5) 896.4) 815.0] 0.4636) 1.1495) 1.6131] 4.905 

95 294.1) 1187.5] 893.4) 811.7] 0.4687) 1.1400] 1.6087] 4.663 

100 297.9) 1188.4] 890.5) 808.6] 0.4736) 1.1309) 1.6045] 4.442 

105 301.6; 1189.2] 887.6) 805.5} 0.4782] 1.1222) 1.6004) 4.240 

110 305.1) 1190.0} 884.8 802.6] 0.4827) 1.1138) 1.5965] 4.057 

115 308.6) 1190.7] 882.1) 799.7] 0.4870} 1.1058] 1.5928] 3.889 

120 311.9) 1191.4] 879.5) 796.9} 0.4911] 1.0982) 1.5893) 3.735 

125 315.1) 1192.0] 876.9, 794.2] 0.4950) 1.0908] 1.5858) 3.593 

130 318.2) 1192.6] 874.4) 791.6] 0.4989) 1.0836] 1.5825] 3.461 

140 324.2) 1193.7} 869.6 786.4] 0.5062) 1.0700) 1.5762) 3.226 
150 329.8) 1194.7} 864.9) 781.6] 0.5131] 1.0573) 1.5704) 3.020 

160 335.2) 1195.7) 860.5) 776.9] 0.5196) 1.0453) 1.5649] 2.839 

170 340.3) 1196.5} 856.2) 772.4] 0.5258) 1.0339) 1.5597] 2.679 

180 345.2) 1197.2] 852.0) 768.0] 0.5316) 1.0231] 1.5547| 2.536 
190 350.0) 1197.9} 847.9) 763.9] 0.5372) 1.0128) 1.5500) 2.408 

200 354.5} 1198.5} 844.0) 759.8] 0.5426) 1.0030) 1.5456) 2.292 

210 358.8) 1199.0] 840.2) 755.9] 0.5477) 0.9936) 1.5413] 2.186 

220 363.0} 1199.5} 836.5) 752.1] 0.5526) 0.9846) 1.5372] 2.090 

230 367.1) 1199.9] 832.8] 748.3) 0.5573) 0.9760} 1.5333] 2.002 
240 371.0} 1200.3] 829.3) 744.7} 0.5619) 0.9676) 1.5295] 1.921 

250 374.9) 1200.6] 825.8) 741.2] 0.5663) 0.9595) 1.5258) 1.846 

260 378.6) 1201.0] 822.4) 737.7] 0.5706) 0.9517) 1.5223) 1.777 

270 382.2) 1204.2] 819.1) 734.4] 0.5747| 0.9442) 1.5189) 1.713 

280 385.7) 1201.5} 815.8} 731.1] 0.5787) 0.9369] 1.5156) 1.654 
290 389.1) 1201.7} 812.6] 727.9] 0.5826) 0.9298) 1.5123) 1.598 
300 392.4] 1201.9] 809.4) 724.7] 0.5863) 0.9229) 1.5092) 1.545 
350 408 | 1202.5} 794.5] 709.7] 0.6036) 0.8912) 1.4949} 1.327 
400 422 1202.5] 780.6} 695.9} 0.6190} 0.8631) 1.4821) 1.162 
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Properties of Superheated Steam 

(Condensed from Goodenough’s.“* Properties of Steam and Ammonia ”’) 

i = heat content, B.t.u. per pound; s = entropy; 7 = volume, cubic feet per pound 

Temperature Fahr. 
Absolute 
pressure, 

Ib. per sq. in.| Sat | 300 | 350 | 400 | 450 | 500.| 550 | 600 650 | 700 

20 i 11157.7|1192.7|1216.5|1240.2|1263.8]1287.4|1311.1]1335.0]1359.1]1383.3 
(228.0)* { s /1.7343]1.7827|1.8131|1.8414| 1.8681] 1.8934] 1.9175|1.9406]1.9628|1.9841 

: v| 20.10] 22.37| 23.91| 25.44] 26.96] 28.47] 29.97] 31.47] 32.97]. 34.47 

40 i /1171.3/1188.0/1212.9|1237.3|1261.5|1285.6/1309.7|1333.8]1358.1/1382.4 
[267.2] s 1.6788) 1.7013|1.7331)1.7624]1.7897|1.8155| 1.8399) 1.8633) 1.8856]1.9071 | 

; vi} 10.51] 11,05} 11.85] 12.64] 13.42] 14.19) 14.95] 1.571] 16.46])17.22 

60 i /1179.1]1183.0/1209.0 1234.3] 1259.1/1283.7| 1308.1] 1332.5]1357 0/1381.6 
1292.7] s 1,6462|1.6513| 1.6845|1.7148|1.7429|1.7692|1.7940]1.8176|1.8402|1.8618 | 

i v| 7.18| 7.27|- 7.83] 8.37] 8.90] 9.42} 9.94 10,45) 10.96] 11.47] 

30 i 111844]... 5. 1205.0/1231.1}1256.6|1281.7|1306.5|1331.2|1355.9]1380.7 | 
1312.0] S 1.6227]... . .|1.6487|1.6801]1.7089|1.7357] 1.7609 | 1.7848) 1.8076] 1.8294 

‘ vi 5-48l..cosh o5-81lo 6.23) 6.64) <%,04] - 7.43] 07:82] | 8.21}° 8.59 

100 i°}188.4] 55 1200.8|1227.8]1254.0)1279.6| 1304.8] 1329.8] 1354.8]1379 7 
[327.8] g/1.6045}/. 55% 1.6199] 1.6523] 1.6820]1.7093|1.7349|1.7592|1.7822|1.8042 | 

vi) 444) .20% 4.60| 4.95} 5.28} 5.61] 5.93| 6.24] 6.55| 6.86 

120 Fike 4 Prom he 1196.4)1224.4)1251.3|1277.4]1303.0] 1328.4] 1353.6]1378.7 
[341.3] 8 |1.5893|...+ 1.5955|1.6291|1.6594)1.6874| 1.7134] 1.7379] 1.7612|1.7833 

sath By lean 9 3.79| 4.09) 4.38] 4.65} 4.92] 5.19] 5.45] 5.71 

Nay) {H1MOS7| 2 feevh.o. Le 1220.9] 1248.5}1275.2|1301.2]1326.9|1352.4 4377.7 
[353.1] $1]1.5762| 2 3SEh. 0. |1.6087|1.6400|1.6685| 1.6949) 1.7198) 1.7433]1.7656 

; vi 3228] } \OSSR 0. |) 3.48]. 3.73} °3.97| 4.21] °4.44] 4.66] | 4.89 

160 Gite bie Alay tae ae 1217.3]1245.6}1272.9|1299.3]1325.4|1351.1]1376.7 
[363.3] Ph bch 5:2 [og gia ad Ca 1.3906] 1.6226] 1.6518]1.6787|1.7039|1.7276|1.7501 

: Ae es eee ees Se 3.01), 3.24] 3.46]. 3.67) . 3.87] | 4.07]. 4.27 

£06 1114972] & icaah.o. 1213.6|1242.7}1270.5|1297.4| 1323.8] 1349.8]1375.6 
1373.1] 91.5547 cobb. 0. es 1.5741] 1.6070} 1.6368] 1.6641] 1:6896|1.7136]1.7364 

vi 62.541). oe8 wee we fo, 2-65]0 2.86} -3.06]': 3.25] 53:43]  3.6145' 3.79 

300 Pol estado sad ae 1209.8] 1239.7] 1268.1]1295.5| 1322.2] 1348.5]1374.5 | 
[381.9] s1ES456) 8b oho 1.5589]1.5927|1.6231/1.6509|1.6768|1.7010|1.7239 | 

‘ de Ie) ied 2.36] 2.56} 2.74] 2.91] 3.08] 3.241 °° 3.40 

220 Bibb eked PR ae (a 1205.9|1236.6}1265.6]1293.5|1320.6|1347.1|1373.4 
[390.0] Si 1a5 S72. le chk. tie he 1.5447|1,5794)1.6105] 1.6388] 1.6650] 1.6895|1.7126 

; Vil [a2O91G lacs dines bt 2.13], 2.31] .2.47| , 2.64] 2.79] | 2.94] 3.09 | 

240 1 11BO0S He le. be 1202.0]1233.5]1263.1]1291.4]1318.9]1345.811372.3), 
[397.5] siSaDsOeepe. 1.5314|1.5670]1.5987|1.6275| 1.6541] 1.6789]4.7022 

. vil 022/80 JO POE OLA 1.93] 2.10} 2.26] 2.41] 2.55] 2.69]° 2.83] 

260 LtIQOTD raw ts sede. thar tie J1230.3]1260.5]1289.411317.2|1344.411371.1 
[404.5] SUSI see tee te easiness res 1.5533]1.5877|1.6170]1.7439]1.6690|1.6925 

: Scat ari ah let So aces i ee be 1.922 }2.071 |2.212 |2.347 |2.477 |2.605 || 

230 U12OLS 10 Moe TT Ota [het 1227.0]1257.9|1287.2|1315.5]1342.9 ae 
[411.2] 81115156 /GHACRT.0. AO 1.5442]1.5773] 1.6071] 1.6344] 1.6597|1.6835 | 

yls654 Jo. cecfeo.e.|ee. se [20770 |1.910) ]2.045° |2.172 12.295 2.414 

300 ai eens rh age ey pA be 1223.7|1255.2|1285.1]1313.7]1341.5|1368.7 
[417.5] Pa U5) 02h ale bale ei tl bee 1.5336}1.5674|1.5977|1.6254|1.6510|1.6750| 
ee 1.638 |1.773 |1.900 |2.020 |2.136 |2.249 

| 

* The number in brackets is the saturation temperature corresponding to the pressure. 
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Example 1. Let a mixture of steam and water having a quality * = 0.96 expand adiabatically from a pressure of 120 Jb. per sq. in. absolute to atmospheric pressure. Required the properties of the mixture in the initial and final states and the work of expansion. 
In the initial state the heat’ content is aj’ + xr = 311.9'+ 0.96 & 879.5 1156.2 B.t.u., and the energy of the mixture is 4’ + xp, = 311.9 +:0.96 X 796.9 = 1076.8 B.t.u. The entropy is sy’ + 2y1/Ty = 0.4911 + 0.96 X 1.0982 = 1.5454. » The vol- ume of i lb. of dry steam at 120-Ib. pressure is 3.735 cu. ft., and the volume of a pound of the mixture is 3.735 X 0.96 = 3.586 cu. ft. 
In the adiabatic expansion the entropy rgmains constant, and in the final state, therefore, so’ + xoro/Ts = 1.5454, whence x2 = 0.852; that is at the end of the expan- sion the mixture contains nearly 15% water. The heat content in the second state 

is 180 + 0:852 < 971.7 = 1007.9 B.t.u., the energy is 180 + 0.852 X 898.9 = 945.9 B.t.u., and the volume of 1 lb. is 26.81 X 0.852 = 22.84 cu. ft. The external work is 
the equivalent of the decrease in energy, or 778 (1076.8 — 945.9) = 101 840 ft.-lb, 
per pound of mixture. The difference zy — 72 = 1156.2 — 1007.9 = 148.3 B.t.u., is 
the availabfe heat, that is, the heat that may be transformed into work in an ideal 
engine working between the pressure limits under consideration. It is also the equiva- 
lent of the kinetic energy w2/2 g of a jet flowing from a region of 120 lb. pressure into a 
region of atmospheric pressure. 

Example 2. Let steam at 200 Jb. per sq. in. absolute pressure superheated to 560° 
expand adiabatically to a pressure of 3 in. of mercury. — Required the final quality, the 
change in heat content, and the change of energy. 

By interpolation the following values are obtained for the steam in the initial state: 
# = 1300.9, s = 1.7562, » = 2.95. Consequently the energy per pound is 1300.9 — 
0.1852 K 200 X 2.95= 1191.6 B-t.u. $2 = 1.6562 =s9' +x7r9/T2 = 0.1561 + 1.789329, 
whence x2 = 0.838, the final quality. 72 = 83 + 0.838 X 1028.3,.= 945.1, wy. = 83 + 
0.838 X 965.2 = 892.2 B.t.u. The change in energy is therefore 1191.6 —892.2 =299.4 
B.t.u., and the change in heat content is 1300.9 — 945.1 = 355.8 B.t.u. 

Adiabatic Changes. An adiabatic expansion of a saturated or superheated vapor 
may be represented approximately by the equation pv™ =const. For saturated steam 
m depends upon the. initial quality and pressure and is given:by the equation m = 
1.059 + 0.000315 » + 0(0.0706 + 0.000376 p)x. For superheated steam m may be 
taken as 1.31, for superheated ammonia at 1.333, and for pes sabe sulfur dioxide as 

1.282. The final volumé V2 is given by the relation V2 =Vi (p1/p2)™ and the external 
work is then approximately W = (pV; — P2V2)/(m — 1). 

5. Flow of Elastic Fluids 

General Equation of Flow. Let an elastic fluid, as air or steam, flow along a 
horizontal tube, Fig. 5. At an assumed cross-section F, the pressure of the 
fluid is p, and the mean velocity is w); at a second 
section F2 the pressure is pe and the velocity is we. 
The principal equation of flow is (w2? — wy2)/2 g = 
J (i: — iz), in which i, and ig denote, respectively, 
the heat content per pound of fluid at sections Fy 
and F2. If section F, is taken in the boiler or 

reservoir from which the fluid is flowing, then w, = Fig. 5 
0, and the equation becomes 

w?/2g = J (it — ix) or we = 223.7 Vi — in 
In the flow of elastic fluids, the heat content 7 plays the same part as the head 
h in the flow of liquids. 

Example. Steam at-120 Ib. per sq. in., quality 0.96, flows into the atmosphere 
through a properly proportioned nozzle. Required the velocity of flow. The heat 
content 7; is 1156.2 B.t.u-per lb., and if the flow is adiabatic and frictionless the final 
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heat content i2 is 1007.9 B.t.u. Hence w = 223.7 a/ 1156.2 — 1007.9 = 2724 ft. 

per sec. 

Formulas of Discharge. The weight M of fluid flowing past a cross-section 

per second is given by the equation of continuity Fw = Mv inwhich F denotes 

the area of the section and v the specific volume of the fluid at this section. If 

the flow is through an orifice or short tube, it is found that the pressure in the 

plane of the orifice never falls below a certain value pm called the critical pres- 

sure. The ratio pm/pf1 (f1 being the pressure in the boiler or reservoir) is 

called the critical ratio. For air its value is about 0.53;’for saturated steam, 

about'0.57. If the pressure p2 of the region into which the fluid is flowing is 

greater than pm, the pressure at the orifice is p2, but if 2 is less than pm, then 

the pressure at the orifice is Pm and the discharge M is the same whatever 

the value of po. The following formulas for discharge are in current use: 

(a) Fliegner’s equations for air. 

When pe < 0.53 pi Bi 53 Berea 
V/ Ti 

When pS 0538p, M=1.06F [PL — Pe, 
1 

(b) Grashof’s Equation for Steam. Taking the area of the orifice in square 

inches and the pressure #1 in lb. per sq. in., 

M = 0.0165 Fp,°-*”. Pe < 0.57 pi. 

(c) Rateau’s Equation. This equation is empirical and is based on experi- 

mental data. 

Fp 
M = aoe (16.367 — 0.96 log pi). p2 < 0.57 Pie 

(d) Napier’s Equations. These are also empirical and rather inaccurate. 

5 Fpi 
Wh am gs SPs 

en Pi > 3 Do M = 

When Dies Sox: MG a, PU a P2) 

3 42 2 Po 

Example. Required the discharge in pounds per minute of saturated steam at 100 

Ib. pressure (absolute) through an orifice having an area of 0.4sq.in. The back pres- 

sure is less than the critical pressure, 57 lb. per sq. in. 

By Grashof’s formula: 

M = 60 X 0.0165 X 0.4 X 1009.97 = 34.493 lb. 

By Rateau’s formula: 

Be 60 X 0.4 X 100 

1000 
M (16.367 — 0.96 X 2) = 34.673 lb. 

By Napier’s formula: 
0.4 — sa X 60 = 34.286 Ib. 

The discharge may be found from the two fundamental formulas: 

w = 223.7 Vi; — io, and M = Fv]. 

The critical pressure pm is 57 lb. per sq. in. From the steam table, 7; (for 100 lb.) = 

1188.4 B.t.u.; im (for 57 Ib.) = 1144.1 B.t.u; 2m = 0.963f0m = ieee pa 

Then w = 223.7 V/V 1188.4 — 1144.1 = 1490 ft. per sec., and M = 60 X hie: S< sone 
14 

34.18 lb. 
est 
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Flow in Nozzles. When the pressure bz of the region into which a jet is 
flowing is less than the critical pressure ?m, which is the pressure existing in the 
emerging fluid, the difference pm, — 2 gives rise to a lateral spreading of the 
jet. This spreading may be prevented by the ad- , 
dition of a properly proportioned tube (Fig. 6). 
The tube must diverge so as to permit the expansion 
of the fluid required by the drop in pressure from 
Pm at the smallest section a to the external pressure 
2 at the end section b. The effect of the diverg- 
ing nozzle is to cause a solid jet to emerge with a 
velocity we given by the fundamental relation 
We=V 2g) (ij — io). = 223.7 V i: — ic. If the 
external pressure 2 is greater than pm the diverging Fig. 6 
tube is unnecessary and a simple orifice is used. In the Rateau turbine, for 
example, the drop in pressure from cell to cell is so arranged that po/p > 0.57 
and the steam flows through orifices rather than nozzles. 

On account of the length of a nozzle there is necessarily some loss of energy 
due to frictional resistances. The work of friction is converted into heat, 
which enters the flowing fluid and increases the final heat content tz to a 
larger value i2’. It is customary to take as a friction coefficient the ratio of 
the loss of energy to the kinetic energy of the jet without friction. Denoting 
the coefficient by y, its formula is 

io’ — ig 

i1 — ig 

and the actual velocity of exit wz’ is given by the relation 

we = V2 83 (1 —y) Gi — iz) = 223.7>/ 1 — y) hi — ip 
The quality of the steam at exit is increased by the heat generated through 
friction and is given by the equation 

ities 
x,/ =x,+ (i aa)¥ 

7 T2 

in which +2 denotes the quality on the assumption of frictionless adiabatic ex- 
xr x : ast ay pansion and is given by s;’ + ae =s/ + ame, Experiments indicate that 

; 1 2 
y may vary from 0.08 to 0.20, depending on the size of nozzle. 

Throttling. The throttling or wiredrawing of a fluid is merely a special 
case of flow, in which the loss by friction is excessive. The fluid in the region 
of higher pressure #1 passes through a valve or constricted passage into a region 
of lower pressure 2. The velocity is increased from wy to wo, but the in- 
creased kinetic energy is dissipated as the fluid passing the orifice enters and 
mixes with the fluid in the second region. Ultimately the velocity we is sensi- 
bly equal to the original velocity w), and therefore ig = i;. For a mixture of 
saturated vapor and liquid, the equation of throttling is iy’ + xi) = ic’ + xore. 
From this equation the value of x2 is found,-and having 2», the increase of 
entropy is determined; and the increase of entropy multiplied by Zo gives the 
loss of available energy resulting from the throttling. 

Tf steam at the higher pressure 4; is nearly dry, it becomes superheated when throt- 
tled to a much lower pressure. The equation, in this case, becomes 1)’ + 271 = i” + 
cp(to’ — tz), in which fg denotes the saturation temperature for the pressure po, fy’ the 
temperature of the superheated steam, and cp the mean specific heat for the range 
#2’ — to. By means of this equation the initial quality x; may be determined from 
observed values of ‘p2 and-ty’.- 
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6. Steam Boilers 

Types of Boilers. Steam boilers may be divided into two general classes: 

(1) fire tube boilers, in which the hot gases from the furnace pass through the 

tubes and the water surrounds the tubes; (2) water-tube boilers, in which the 

water flows through the tubes. A second classification takes account of the 

location of the furnace. In an externally fired boiler, the furnace is placed 

in a brick chamber-external to the boiler. The internally fired boiler has its 

furnace enclosed in the steel shell of the boiler itself. Marine and locomotive 

boilers are examples of the latter type. 

Horsepower. The capacity of a boiler for the generation of steam is meas- 

ured in terms of an arbitrary unit called horsepower. As defined by the Amer- 

ican Society of Mechanical Engineers, a boiler horsepower is the equivalent 

of the evaporation of 34.5 lb. of water per hour from and at 212° F. The 

Jatent heat of steam at 212° F. and atmospheric pressure is 971.7 B.t-u.; hence 

a horsepower is equivalent to the development of 33 523 B.t.u. per hour. 

Let M denote'the weight of feed water actually evaporated per hour. Also 

let iy’ denote’the heat content of the feed water at the temperature at which 

it enters the boiler, and iz the heat content of the steam in its final condition 

(wet, saturated, or superheated). Then the boiler horsepower is given by the 

formula 
M (is — ir’) 

33 523 

Boiler Capacity. The rated boiler horsepower depends upon the heating 

surface, which is the'total surface of the shell and tubes that is exposed to hot 

gases and has water on the opposite side. According to recent practice sta- 

tionary boilers are rated on the basis of 10 sq. ft. of heating surface per boiler 

horsepower. By thissystem of rating, boilers having the same heating surface 

are rated at the same horsepower. The actual capacity of one boiler may, 

however, be greater than that of another boiler of the same horsepower due 

to a more advantageous arrangement of heating surface. Most power plant 

boilers can develop from 200% to 400% of their normal rating, and many are 

operating ‘for long periods at 200% rating. However, the efficiency of the 

boiler may be decreased when it is forced to develop much more than its rated 

capacity. The decrease in efficiency is not significant until the overload 

reaches 25% (forfire tube) to 100% (for water tube). 

Boiler Performance. In estimating boiler performance the following items 

may receive consideration: 1. Efficiency. 2. Rate of combustion. 3. Evap- 

oration per pound of fuel. 4. Heat absorbed per square foot of grate surface 

per hour. 5. Percentage of rated horsepower developed. 

The overall boiler efficiency is the ratio of the heat absorbed to that supplied: 

thus 

Boiler hp. = 

M (in — is’) 
Mc H 

in which Ep = efficiency of’ boiler, furnace, and grate; 

Me = total weight of coal fired per hour; 
H = heat of combustion of 1 Ib. of coal. 

The rate of combustion may be expressed as the weight of fuel burned per 

hour (a) per square foot of projected gate surface, or (b) per cubic feet of fur- 

nace volume. The boiler. horsepower that.can. be developed is dependent on 

the rate of combustion; that is, upon the kind of fuel, size and kind of grate, 

and the quantity of air supplied. Rates of expansion as high as 200 Ib. per 

Ep = 
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hour per square feet of grade surface have been obtained in locomotive boilers, 

the high capacity accompanied by a lowered efficiency. With ordinary chim- 
ney draft the grate area should be 1/4 sq. ft. or more per rated horsepower. 
With forced draft, the area may be considerably smaller, The rate of com- 
bustion is ordinarily 10 to 20 Ib. of coal per hour per square foot of grate for 
anthracite coal and 20 to 30 lb. for bituminous coal. With forced draft these 
rates may be largely exceeded. 

Small hand-fired boilers may show overall efficiencies varying from 0.40 to. 
0.65; stoker-fired boilers may’ show efficiencies from 0.60 to 0.80, depending 

on the size of the plant, and the amount of heat saving equipment in operation. 
Large pulverized coal installations have given efficiencies of 80 to 85%, With 
superhea‘ers, air pre-heaters, and economizers in operation the efficiency of 

a large installation with mechanical stokers, or with pulverized coal may be 
pushed up to nearly 90%. It may be noted that the average all-year boiler 
efficiency is well below the high value obtained for short periods under test 
conditions. 

Heat Losses. The principal losses of heat incurred in the combustion of 
fuel in the boiler furnace are: 

i. Heat carried away by the dry chimney gases. 

2. Heat required to evaporate moisture in coal. 
3. Heat required to evaporate moisture formed’ by burning hy- 

drogen in fuel. 
4. Heat required to superheat water vapor in air supplied. 
5. Loss of heat due to incomplete combustion of fuel. 
6. Heating value of unconsumed carbon in ash and refuse. 
7. Heat radiated; also heat not accounted for. 

A tabulation of the various heat Josses, along with the heat absorbed by 
the boiler constitutes a heat balance for the boiler and furnace. From sucha 
heat balance a comparison of the various losses may be made. 

The data required for the determination of the various losses-are: Chemical 
analysis of fuel; of chimney gases, and of ash; heat of combustion of: fuel; 
relative humidity of air supplied; temperature of air supplied and temperature 
of chimney gases. 

An indication of the boiler operating conditions as regards economy is fur- 
nished by the composition of the chimney gases. With insufficient air sup- 
ply some of the carbon content of the fuel may be burned!to CO instead.of to 

€O2. The result will be a loss of heat developed amounting to about 10'150: 
B.t!u. per pound’ of carbon. The CO: content of the chimney gases is of 

special significance. Under good conditions of operation the CO: content 
will vary from:9 to:13% by volume. ¢ A value lower'than 9% usually indicates 
either excessive air supply to the fuel bed or leakage:of air through the furnace 
walls. More than 13% of CO2 may indicate an insufficient supply of air, and, 
a) small amount: of CO may be present in the gases. Many boiler plants are 

provided with automatic :CO2 recorders. 

Boiler Tests. The object of a boiler test may be: 
1. To determine the capacity and efficiency of the boiler. 
2. To compare different kinds of fuels. 
3. To compare different conditions and methods of operation. 

Boiler tests.should be conducted in. apanadatee with the boiler test code. 
prepared by. the. Power. Test. Code Committee of the American Society of 
Mechanical, Engineers. ts hs 
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7. Steam Engines 

Types of Steam Engines. Reciprocating steam engines may be grouped 

in classes in several ways. The type of valve gear furnishes one basis of 

division; thus engines may be classed as slide-valve, Corliss, four-valve, etc. 

Slide-valve engines may be either throttling or automatic, according as the 

governor regulates the work in the cylinder by throttling the steam or by 

changing the point of cutoff. Engines in which the complete expansion of 

steam takes place in one cylinder are simple engines; if the expansion requires 

two, three, or four cylinders, the engines are termed compound, triple, and 

quadruple, respectively. Engines are condensing when the exhaust steam 

passes into a condenser, non-condensing when it passes directly into the 

atmosphere. Most steam engines are double-acting, that is, work is done 

during both strokes of the piston. 

Ideal Cycle. The ideal cycle of a steam engine without clearance may be 

represented most advantageously on the temperature-entropy plane. The 

4 » point A (Fig. 7) represents the state of one pound of water 

entering the boiler; curve AB represents the heating of 

the water to the boiling temperature 7), BC represents 

vaporization, CD adiabatic expansion in the engine cyl- 

inder, and DA condensation of the exhaust steam. The 

cycle area ABCD represents the available heat, that is, 

the part of the total heat supplied that may be trans- 

formed into work. Denoting by i: the heat content of 

, B, Cy. the steam in state C and by is the heat content after 

Fig. 7 adiabatic expansion to D, the available heat is the differ- 

encei; — iz. The weight of steam consumed per horse- 

power-hour is 2546/(i1 — iz). 

Example. Referring to the examples on p. 341, it was shown that in the case of an 

engine using steam at 120-Ib. pressure, quality 0.96, and exhausting at atmospheric 

pressure, the available heat was 148.3 B.t.u. per lb. For an engine using steam at 

200-Ib. pressure superheated to 560° and with a condenser pressure of 3 in. of 

mercury, the availableheat was 355.8 B.t.u. per lb. In the first case the ideal steam 

consumption is 2546/148.3 = 17.2 lb., and in the second case it is 2546/355.8 = 7.16 

Ib. per hp. hr. 
This ideal cycle is called the Rankine cycle and is used as a standard by which to 

measure engine performance. With given limiting pressures #; and 2 and initial 

quality xe, the available heatis the maximum amount of heat that can be transformed 

into work under these conditions, and the ratio of the heat actually transformed to the 
available heat indicates the real efficiency of the engine from the point of view of 

thermodynamics. : 

T| 3B 

Indicator Diagram. The actual cycle of the steam engine differs from the 
ideal Rankine cycle in several particulars: (1) The metal of the cylinder walls 
and piston conducts heat, and there is thus an active interchange of heat be- 
tween the metal and steam, which makes adiabatic expansion: impossible. 
(2) The valves do not act instantly and there is wiredrawing of steam in passing 
through the ports. (3) The cylinder must have clearance. The result-of 
these modifications is a cycle having a smaller area than the ideal Rankine 
cycle. j 

On the v-plane the actual cycle of the engine is the diagram drawn by the 
indicator (Fig. 8). In this diagram, OV represents the line of zero pressure, 
XX the atmospheric line, OX representing atmospheric pressure and YY the 
line of boiler pressure. The length GH represents the volume swept through 
by the piston, and XG the clearance volume V,. AB is the steam line, B the 
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point of cutoff, BC the expansion curve, C the point of release, CD the ex- 
haust line, DE the back-pressure line, E the point of exhaust closure, EF the 
compression curve, and FA the admission line. A single indicator diagram 
shows graphically the pressures exerted by the 
steam on one side of the piston during two strokes. 
To determine the net steam pressure transmitted 
to the piston rod, diagrams taken simultaneously 
from opposite ends of the cylinder must be super- 
imposed. , 2g 

‘The expansion curve BC of the actual diagram may be 
represented by an equation of the form pV”= a constant. 
The usual statement is that the curve is an equilateral 
hyperbola, in other words, that » = 1, has no founda- Fig. 8 
tion. Experiments show that the value of m depends > 
upon the quality of the mixture in the cylinder at cut off; if there is a large per- 
centage of water in the mixture, falls as low as 0.85 or 0.9, whereas if there is little or 
no water present, due to use of superheated steam, m may rise to 1.2. 

The indicator diagram has two principal uses: (1) It shows the distribution 

of the steam to the cylinder, and reveals errors in the setting of the valves. 
(2) It gives the horsepower developed in the cylinder, the so-called indicated 
horsepower (i.hp.). 

Indicated Horsepower. The area of the indicator diagram is the integral 

pdV taken around the closed cycle; hence it represents the work of the cycle. 

The mean ordinate of the diagram (see Fig. 8) is found by any convenient 
method. Ordinarily the area is determined by a planimeter, and this area 

divided by the length GH gives the mean ordinate. Multiplying by the scale 
of the indicator spring (30, 40, or 60 lb. per sq. in.), the resulting product is the 
mean effective pressure (m.c.p.) in pounds per square inch. 

Let p denote the mean effective pressure, a the area of piston in square 

inches, 1 the length of stroke in feet, and n the revolutions per minute. Then 

the indicated horsepower is 
_ 2 plan 

33 000 

For a single-actimg engine, the factor 2 is dropped. For accurate cascula- 
tions, the area a should be reduced by one-half of the cross-section area of the 
piston rod if the rod passes through one head and by the whole area if the rod 
passes through two heads. The piston speed S, is given by 2 In; hencei.h.p, = 
paS/33 000. ‘ 

Brake Horsepower is the horse-power of the engine delivered at the fly- 
wheel. The difference between the i.hp. and b.hp. is the friction horsepower, 

and the ratio ae the mechanical efficiency of the engine. The brake horse- 
i.hp 

hp. 

power is determined experimentally by the use of a band brake or an absorp- 

tion dynamometer. 

Losses in the Steam Engine. The following are the principal sources of 
loss of available heat in the operation of the engine: (1) Wiredrawing in ports 
and valves, and friction in pipes. (2) Leakage past the piston and valves. 
(3) Loss due to clearance. (4) Radiation and conduction from the cylinder. 

(5) Initial condensation. 
The losses indicated in the first four items may be reduced to a minimum 

by careful design and construction. The most serious loss is due to the inter- 
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‘change of heat between steam and metal, resulting in initial condensation and 

subsequent evaporation. ‘The magnitude of this loss depends upon the condi- 

tions of operation. It is greater the slower the rotative speed of the engine, 

the earlier the cutoff, the greater the temperature range in the cylinder, and 

the greater the ratio of cylinder-wall surface to cylinder volume. The follow- 

ing are the means used to reduce the loss due to initial condensation. 

(a) Steam Jackets. The cylinder is surrounded by an annular space con- 

taining steam at boiler pressure. The condensation takes place in this jacket 

instead of in the cylinder. The jacket is most effective in slow-speed engines 

having large ratios of expansion. 

(b) Compounding. The large temperature range that accompanies a large 

ratio of expansion may be divided between 2, 3, or 4 cylinders, thus giving a 

relatively small range in each cylinder. The total loss from condensation in 

all the cylinders is less than the loss would be if the steam were expanded ina 
Single counter-flow cylinder. -The use of two or more cylinders is also advan- 
tageous mechanically; the pressures on cranks, shafts, etc., are reduced, and 
‘bylsetting the cranks at proper angles a more uniform turning moment on the 

shaft is obtained. 

(c) Superheating. The most effective means of reducing initial, condensa- 

tion is the use of steam initially superheated. By a sufficient degree of super- 
heat dry steam at cutoff may be insured, and as the rate of absorption of heat 
by. a gas issmall, the activity of heat interchange between steam and metal is 
greatly reduced. 

(d) Uni-directional Flow. Steam flows directly from the inlet to the ex- 
-haust.. The engine piston serves as a yalve at the exhaust ports, which are 
located in the cylinder walls midway between the heads. The inlet ports are 
not chilled by the low temperature exhaust steam; and the cushion steam is 
compressed to a pressure and temperature nearly equal to those of the supply 

steam. The expansion of the steam through a wide temperature range in a 
single cylinder with reduced cylinder condensation results in excellent economy 

under all conditions of load. 

Efficiency Standards. The term efficiency when applied to the steam en- 
gine may mean any one of several ratios. Let q = heat supplied to an engine 

per pound of steam, qa = available heat, the maximum quantity of heat that 
can be transformed into work in the ideal Rankine cycle, qe = heat trans- 
formed into work in actual engine, We = Jde the indicated work per Ib. of 
steam, Wb = the work obtained at the brake per pound of steam. Then 
€a = qa/q = thermal efficiency of Rankine engine, 

ee = ‘ = thermal efficiency of actual engine, 

e 2 : : 
ea = = = a = efficiency ratio (sometimes called potential efficiency), 

° 

Wb : 5 
eb = jai = brake efficiency ratio (based on work at break), 

6 

Wb 
€m = — = mechanical efficiency. 

Wa 

Two other standards are coming into use. These are B.t.u. consumed per 
indicated horsepower-hour and B.t.u. per brake horsepower-hour. Since 1 
hp.-hr. = 2546 B.t.u., the first ratio is equal to 2546 divided by the indicated 
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thermal efficiency; thus if the thermal efficiency is 0.20, the engine consumes 
2546/0.20 = 12 730 B.t.u. per hour per indicated horsepower. ; 

The really useful criterion of engine performance is the ratio ep) which is equal to the 
product ei X em. ‘The ratio ei is a measure of the extent to which the engine trans- 
forms into work the heat ga that is available for transformation, and the ratio em meas- 
ures the mechanical perfection of the engine. The product ei X em, therefore, is an 
indication of the quality of the engine both thermodynamically and mechanically. 

The Rankine efficiency ea depends upon the pressure limits used and may vary from 
0.08 to 0.30. The thermal efficiency of the actual engine varies from 0.03 to as high as 
0.25. The efficiency ratio ee usually lies between 0.60 and 0.75, but in exceptional cases 
the extremely high value 0.88 has been attained. At full load the mechanical efficiency 

em should lie between 0.80 and 0.95. Since the engine friction remains nearly con- 

stant at all loads, em may fall as low as 0.50 at lightloads. . 

Performance of Steam Engines. The following gives approximate values 

of steam consumption of various classes of steam engines (Allen and Bursley’s 

Heat Engines, third edition, p. 246): 

Steam consumption. Pounds per indicated horsepower-hour 

Simple throttling engine, non-condensing «.4..5...2022--08- 94s 33-49. 

Simple automatic engine, non-condensing... 22) -s.50s2nbe ee eee 27-34 

Simple Corliss engine, non-condensing... 0.4.4. +4.s0+ f2e seers 21.5-26 

Simple automatic engine, condensing. ... .1.ceeer ee cree creer 17-20 

Simple Corliss engine, condensing..........--++00+e+eeereeeee 19.3-21.7 

Compound automatic engine, non-condensing... wy. seen e eens 25-30 

Compound automatic engine, condensing....-.-..-<0-+++s00++ 18-20 

Compound Corliss engine, condensing... + 4-0 ersjeeresyrsrete 12-15 

Triple Corliss engine, condensing..... ern HE RR BE AER OOH 12-1/4-13 

Unifiow engine, simple, condensing, superheat.....-+-«++-+++++ 11-1/4-12 

The Economy of Pumping Engines is usually expressed in terms of duty, 

which is defined as follows: The duty is the numberof foot-pounds of work 

obtained from the pump cylinders per million B.t.u. furnished to the engine by 

the boilers. The duty is sometimes expressed as the foot-pounds of work per 

1000 Ib. of dry steam or per 100 Ib. of coal. The energy supplied by 1000 lb. 

of dry steam is somewhat indefinite, but, roughly, the work done by 1000 lb. of 

dry steam is 10 to 25% greater than the work done per million B.t.u. In view 

of the difference in quality and heat of combustion of different coals, duty 

expressed in 100 Ib. of coal is practically meaningless. Theeduty that may be 

expected of various forms of pumping engines is as follows (Allen and Bursley’s 

Heat Engines, p. 248, third edition): 

Small duplex non-condensing pumps... ..-..- +. +4 46 de eeee ees 10 000.000 

Large duplex non-condensing pumps. .-.-+-.4s00see0e bee res 25 000 000 

Small simple flywheel pumps, condensing... 020i. +e-e0s-00+ 50 000 000 

Large simple flywheel pumps, condensing... /.\..-.+- ++ ¢000+ 65 000 000 

Small compound flywheel pumps, condensing... 6... ++..0++++ 85 000 000 

Large compound flywheel pumps, condensing.......---0e++4 120 000 000 

Large triple-expansion flywheel pumps, condensing....--.-++++ 165 000 000 

Large triple-expansion flywheel pumps, condensing, of excep- 

Fionidl ECOUOMY. <.- ue ajcls fe crore vie oye clan ae og ecesee mice sae sre 180 000 000 

The efficiency ratio of a good steam engine should lie between 0.62 and 0.75. Under 

exceptional conditions it may rise to 0.80. In general, the steam consumption per 

horsepower-hour and’ the efficiency ratio vary with the load. At light loads the 

efficiency decreases rapidly as the load is decreased; for loads in excess of the engine’s 

rating, the efficiency also decreases but at a slower rate. 

Steam Engine Testing. The object of the test is'to determine the steam 

consumption of the engine and the efficiency ratio. Ifa surface condenser is 

used the steam consumption is determined by weighing the steam condensed; 
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otherwise, the water fed to the boilers must be measured, care being taken that 

all the steam produced from the feed water goes to the engine. The length of 

the engine test should be at least 5 hours, and if the test includes the boilers, it 

should continue 24 hours. The indicated horsepower is determined from indi- 

cator diagrams taken at intervals of 10 or 15 minutes; and the brake horse- 

power is obtained by the use of a brake or dynamometer. The weight of water 

reduced in pounds per hour is divided by the average indicated horsepower, 

and the quotient is the steam consumption in pounds per horsepower-hour. 

The steam consumption for the ideal Rankine engine is readily found for the 

same conditions and the ratio of these gives the efficiency ratio. 

A code of rules for conducting steam-engine tests is contained in the Trans- 

actions of the A. S. M. E., vol. xxiv. The following are extracts from the 

report of the committee: 

From Introduction to Report. The heat consumption of a steam engine plant 
is ascertained by measuring the quantity of steam consumed by the plant, calculating 
the total heat of the entire quantity, and crediting this total with that portion of the 
heat rejected by the plant which is utilized and returned to the boiler. The term 
engine plant as here used should include the entire equipment of the steam plant which 
is concerned in the production of the power, embracing the main cylinder or cylinders; 
the jackets and reheaters; the air, circulating, and boiler-feed pumps, if steam driven; 
and any other steam-driven mechanism or auxiliaries necessary to the working of the 
engine. 

X. Measurement of Feed Water. The method of determining the steam con- 
sumption applicable to all plants is to measure all the feed water supplied to the boilers, 
and deduct therefrom the water discharged by separators and drips, as also the water 
and steam which escape on account of leakage of the steam main and branches con- 
necting the boiler and engine. In plants where the engine exhausts into a surface con- 
denser the steam consumption can be measured by determining the quantity of water 
discharged by the air pump, corrected for any leakage of the condenser, and adding 
thereto the steam used by jackets, reheaters, and auxiliaries as determined inde- 
pendently. 

XIII. Indicated Horsepower. The indicated horsepower should be determined 
from the average m.e.p. of diagrams taken at intervals of 20 minutes, and at more 
frequent intervals if the nature of the test makes this necessary, for each end of the 
cylinder. 

XXI. Standards of Economy and Efficienty. The hourly consumption of heat 
. . . divided by the indicated and brake horsepower, that is, the number of heat units 
consumed per i.hp. and per b.hp. per hour, are the standards of engine efficiency 
recommended by the committee. 

XXIV. Ratio cf Economy of an Engine to That of an Ideal Engine. The ideal 
engine recommended for obtaining this ratio is . . . oné which follows the Rankine 
cycle, where steam at constant pressure is admitted into the cylinder with no clearance, 

and after the point of cutoff is expanded adiabatically to the back pressure. In obtain- 
ing the economy of this engine the feed water is assumed to be returned to the boiler 
at exhaust temperature. 

8. Steam Turbines 

Types of Steam Turbines. Steam turbines may be divided into two general 
classes: (1) The impulse or velocity turbine, which is analogous to the Pelton 
water wheel. Steam expands in a nozzle until the pressure drops to the pres- 
sure in the region in which the turbine wheel rotates, and the jet issuing with 
relatively high velocity is directed against the blades of the wheel. (2) The 
reaction or pressure turbine, which is analogous to the water turbine. In this 
type of turbine the steam flows through alternate-guide blades and moving 
blades and the pressure gradually falls through both sets of blades. The 
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essential differences between the two types are shown by the following com- 
parison: 

Impulse or Velocity Reaction or Pressure 
1. Drop of pressure in nozzles only. 1. Drop of pressure continuous in 
2. Jet may fill only part of wheel cir- guides and moving blades. 

cumference. 2. Turbine runs full. 
3. Blades may be symmetrical. 3. Blades necessarily unsymmetrical. 
4. Jet velocity high, 1000 to 3500 ft. 4. Steam velocities low, 300 to 900 ft. 

per sec. per sec. 
5. Speed of blade nearly one-half of jet ,5. Speed of blade nearly equal to ve- 

velocity for highest efficiency. locity of steam. 

Compounding. The high velocity of the steam jet resulting from a consider- 
able drop of pressure renders desirable some methods of compounding in order 
that the peripheral speed of the turbine wheels may be kept within reasonable 
limits. In most turbines pressure compounding is used. The total drop of 
pressure 1 — 2 is divided among several wheels, thus reducing the velocity 
of the jet at each wheel. The arrangement is shown in Fig.9. Steam passes 
through orifices 1, mz, etc., in the partition which divide the interior of the 
turbine into wheel chambers. The pressure drops from #; to 2 in passing 
through the first orifices, then from #2 to f3, etc. The curves p and w show 
roughly the pressure and yelocity changes. The principle of velocity com- 
pounding is shown in Fig. 10, The steam is expanded in a nozzle to the back 
pressure », thus giving a jet of relatively high velocity. The jet passes into 
the first moving wheel, then through a fixed guide, where’its direction is 
reversed, then into a second moving wheel. A second guide and a third wheel 

are sometimes added. The curves # and w show the changes of pressure and 

velocity. 

Leading Commercial Turbines. The De Laval turbine is a velocity 

turbine having a single stage. The steam expands in a diverging nozzle to the 

final pressure and the jet passes through a single wheel. 

The Rateau turbine is a velocity turbine with pressure compounding, Fig. 9. 

The ratio of pressures between successive stages is kept above the critical ratio, 

so that diverging nozzles are not necessary. The number of pressure stages 

is relatively large. The larger turbines constructed by the General Electric Co. 

are of the Rateau type. 

The Parsons turbine is a reaction or pressure turbine. The moving blades 

are mounted on a drum or rotor and the rows of moving blades alternate with 

rows of stationary blades attached to the casing. The entire annular space 

between rotor and casing is filled with steam and the pressure drops continu- 

ously as the steam passes through the stages. The radial length of the blades 

is increased from stage to stage to provide for the increasing specific volume 

ofthe steam. The Parsons turbine is made in the United States by the West- 

inghouse Company and by the Allis-Chalmers Company. 

The Westinghouse double-flow turbine is a combination of a velocity and 

pressure turbine. The steam at boiler pressure is expanded in a nozzle to a 

much lower pressure and the jet at high velocity is passed through two sets of 

moving blades with intermediate guide blades (see Fig. 10). The steam is 

then led to two rotors on opposite ends of the shaft, and the remainder of the 

expansion is the same as in the Parsons turbine. 

Performance of Steam. Turbines. The economy of a steam turbine meas- 

ured in steam consumption per horsepower-hour is not much different from 

the economy of a reciprocating engine under the same conditions. With a 

good vacuum (28 to 29 in. of rhercury) and with superheated steam the con- 
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sumption per brake horsepower-hour should lie between 10.5 and 14lb. The 
efficiency ratios shown by numerous tests lie between 0.60 and 0.78. 

Steam Turbine Speeds. Turbines of practically equal efficiency may be 
designed within wide limits of rotative speed. The peripheral velocity is the 
controlling condition so that a lower rotative speed requires an impeller of 
correspondingly larger diameter and results in greater cost. Formerly units 
having rotative speeds up to 20 000 r.p.m. were used in small turbines, whereas 
large units direct connected to electric generators were designed for speeds as 

low as 750 r.p.m. The tendency during recent years has been toward greatly 
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increased rotative speeds in the larger units which are being designed with 
speeds up to 3600 in this country and considerably higher in foreign countries. 
Units of ordinary size up to about 2500 hp. are commonly built with speeds of 
4500 to 6000 according to manufacture. Peripheral velocities now range 
from about 200 ft. per sec. for smaller units up to. 750 or more for larger units. 
Foreign practice is considerably in advance of American practice in the use of 
these high velocities, but American designers are following rapidly. 

Because of high speeds, the turbine is often used with reduction gears. The 
double helical type is used for reduction ratios up to about 15 to 1. and worm 
gears for higher ratios. Reductions up to: 100 to 1 may be obtained by single 
worm gear reductions and a ratio of about 900 has been used in at least one 
case by a compound worm gear reduction. Obviously this ratio could have 
been increased up to 10 000 if conditions demanded... These gears have been 
developed to a high degree of efficiency, durability and freedom from noise. 
The better helical gears absorb less than.2% of the power transmitted and the 
worm gears less than 10%. The considerable cost and the space occupied by 
these reduction gears are the main drawbacks to their use. ~ 

When the steam turbine is used for driving centrifugal pumps direct drive 
or gear drive is used according to circumstances, more often direct for the 
smaller units, though at sacrifice of efficiency. The general prevalence of 
alternating current power has caused paramount development of centrifugal 
pumps at the various synchronous electric motor speeds particularly in’ 60- 
cycle current, namely; approximately 900, 1100, 1400, 1800 and 3300 r.p.m., 
the latter being rarely used on account of lesser pump efficiency. For use with 
pumps of about 900 to 1400 r.p.m.-steam turbine must be geared. For pumps 
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of about 1800 r.p.m. the turbine is not infrequently used direct connected for 
simplicity and cheapness, but at a considerable sacrifice of steam economy, as 
illustrated in Fig. 11. In this figure curves 4 and B, Fig. 11, represent approxi- 
mate performance of two commercial makes, one having normal speed of 6000 
and the other of 4500 r.p.m. 

EFFECT OF SPEED ON STEAM ECONOMY USING COMMERCIAL TYPES 
OF TURBINES, SIZES UP TO ABOUT 2500 H. P. 
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Fig. 11 

Higher Steam Pressure and Superheat. Modern tendencies are toward 
greatly incréased steam pressures. Plants of ordinary size are being designed 
for pressures of about 400 lb., medium sized. utility plants, for. pressures of 
about 600 Ib., and the largest plants for pressure up to,1300 lb... Super-heat 
of from 100° to 150° F. is being used for plants of ordinary size and 200° for 
the high pressure installations. For pressures, up to about 400 lb. steam use 
by turbines is decreased roughly 10% for every 100 Ib. increase in pressure 
and 8% for every 100 degrees of superheat,,.The increase in efficiency ,at 
higher pressures is at.a lesser rate. 

In recent installations steam at a pressure of 1200 Ib. is passed through a 

turbine and is discharged at a pressure of about 450 lb,.into the steam main. 

The high-pressure turbine thus acts as a reducing valve and adds 5000 to 7000 

kw. to the capacity of the plant. 
The initial temperature of the steam has been increased along ‘with the 

pressure. At present about 750° Fahr. is the upper limit. 

Low-pressure Steam Turbines. Because of the limitation of .cylinder 

volume, the. reciprocating engine is unable to make effective use of an ex- 

tremely high vacuum. No.such restriction applies to the steam turbine, as 

the buckets in the final stages may be made long enough to pass the required 

volume of steam at-the lowest pressures obtainable. In general, the recipro- 
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cating engine is more economical than the turbine at high pressures, but the 

reverse is true at low pressures; hence a combination of reciprocating engine, 

to work between boiler pressure and atmospheric pressure, and a turbine to 

take steam from the engine and expand it to condenser pressure, is more effi- 

cient than the engine alone or turbine alone. Such combinations have found 

favor in marine engineering. In many cases low-pressure turbines have been 

installed with excellent results in existing reciprocating engine plants (see 

paper by Stott and Pigott, Trans. A. S. M. E., 1910). Rateau has applied 

the low- -pressure turbine in cases where the steam supply is intermittent, asin 

rolling mills, mine hoists, etc. The engine exhausts at about atmospheric 

pressure into a heat accumulator, which is simply a tank partly filled with 
water, and the turbine is supplied from this accumulator (see paper by 

Rateau, Trans. A. S. M. E., vol. 25). 

Resuperheating and Bleeding. The steam in passing through a turbine 
loses its superheat and begins to condense in the later stages. The presence 
of water is detrimental to stage efficiency and therefore the stages near the 
condenser end suffer more and more as the water in the steam accumulates. 
This loss may be obviated by taking the steam from the turbine before the 
saturation point is reached and superheating it a second time. Reheating is 
effective as a means of increasing efficiency, but it is expensive and is, there- 
fore, used only in the larger central stations. 

The regenerative principle is employed effectively in many turbine instal- 
lations. Steam is bled from the turbine at various stages to feed-water heat- 

ers. Bleeding presents two advantages: (1) the efficiency of the turbine is 
somewhat increased; (2) the weight of steam passing through the last stages 
is decreased, thus rendering the design of those stages more effective. 

Bleeder or extraction turbines are also used where it is desirable to extract 
low pressure steam from the turbine for various processes. 

Relative Fields of Engines and Turbines. The reciprocating engine is most effec- 
‘tive in any service of an irregular character, where varying speed is required, or where 
the direction of rotation must be reversed. The moderate rotative speed of the engine 
is also a decided advantage in many classes of service. The field in which the turbine 
is preéminent is in central power-station service. The high rotative speed of the tur- 
bine facilitates direct connection to electric generators. The turbine requires small 
floor space and comparatively inexpensive foundations. For these reasons, as well as 
low first cost, the turbine has been more generally adopted than the reciprocating 
engine in central-station service. The turbine has also been applied SAT Cee as to 
marine service both alone and in combination with reciprocating engines. 

9. Internal Combustion Engines 

Heating by Internal Combustion. An air engine is one that uses air as the 
working fluid. The term hot-air engine is usually applied, however, to an 
engine in which the air is separated from the furnace by a metal wall. Such 
engines have been failures for the reason that the air absorbs heat slowly and it 
is impossible to maintain a high temperature in the working fluid. By the 
method of heating by internal combustion the rapid chemical action supported 
by the medium itself permits the rapid heating of large quantities of air to a 
very high temperature. The medium and the furnace being within the cyl- 
inder, the metal walls can be kept at a sufficiently low temperature by a water 
jacket, and the inner surface may be exposed to high temperature without dan- 
ger of destruction. Engines that make use of the principle of internal com- 
bustion are in reality air engines, since the working medium is principally air, 
but they are generally known as gas engines and oil engines. 
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Types of Gas Engines. Internal combustion engines fall under two chief 

classes: (1) The explosion type, in which the mixture of fuel and air is drawn 
into the cylinder and ignited, thus producing an explosion and a sudden rise 

of pressure at nearly constant volume. (2) The slow-burning type, in which 
the fuel is introduced gradually and burned quietly without increase of pres- 
sure. The Otto engine is a representative of the first type, the Diesel engine 
of the second type. 

Another classification is based on the number of strokes of the piston required for 
the completion of the cycle. In the four-cycle engine four strokes are required, in 

the two-cycle engine, two strokes. Engines of small power are usually single-acting; 
large engines, are, however, usually double-acting. 

According to the class of service, internal combustion engines may be 
grouped as follows: (1) Small gas and gasoline engines for miscellaneous ser- 

vice. (2) Automotive engines for automobiles and aviation. (3) Large gas 
and oil engines for power plants. For descriptions of various types, see 
Streeter’s “‘ Internal Combustion Engines.” 

The Otto Cycle. In Fig. 12 is shown the ideal indicator diagram of the 

four-cycle Otto engine. The operations are as follows: The explosive mixture 
is drawn into the cylinder, as represented by 
ED, and compressed adiabatically (DA). p B 
The mixture is ignited, causing a rise of 
pressure, as shown by AB. The gases in 
the cylinder, which are products of com- 
bustion with an excess of air, expand adia- 
batically, as shown by BC. Finally, the if 
burned gases are in part expelled from the C 

cylinder, as indicated by DE. As a first 
approximation it is assumed that the medium E D 
throughout the cycle has the properties of 0 V 

air, that the specific heat is constant, and Fig. 12 

that the medium during the process AB : 

receives a quantity of heat equal to that developed by the combustion of 

the fuel in the actual cycle. With this assumption, the ideal efficiency of the 

ine is engine i er 

Ta Va pa | a) Cie 
=f —-——-=1 —(— =1—(— F 

4 } Ta i () Pa 

It is seen that the higher the compression pressure pg, the greater the ideal 

efficiency. 
; 

For the ideal case the temperature and pressure at the point B are deter- 

mined as follows: If qi is the heat absorbed per pound of air during the process 

AB, 
4 

qi = ¢v(Tb — Ta), whence 8 gp sSlemny 
a 

and since Va = Vb, 

Bb Lert po = pa (= +1). 

The temperature and pressure as thus calculated are never realized in practice. 

In the first place, part of the heat gi is absorbed by the water jacket; secondly, 

the properties of the actual fluid in the cylinder are not the same as the proper- 
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ties of air, and the specific heat of the fluid is not constant but increases with 

the temperature. The efficiency of the cycle when the calculation is made 

with the actual contents of the cylinder taken into consideration is not more 

than 0.8 of the efficiency deduced for the cycle with air as the medium; and the 

efficiency of the actual engine is still smaller. 

Diesel Cycle. In the Diesel oil engine, air without fuel is compressed to a 

pressure of about 500 lb. persq.in. The fuel is introduced into this air by the 

aid of a separate small air compressor, or by spraying under high pressure 
and burns without explosion. No igniting device is required, as the tem- 
perature of the air is raised by compression above the temperature of 
ignition. The fuel may be cut off ‘early or late, depending on the load. 

In Fig. 13:is shown the ideal indicator diagram of the Diesel engine in which 

air is compressed adiabatically from D to A, fuel is introduced and burns from 
A to B, with constant pressure maintained and, after cutoff at B at from one- 

400 
300 

200 

c 100 
E D 

fo} Vv 0 
Figs 13 Fig. 14 

tenth to one-sixth of the effective stroke, the gases of the combustion expand 
adiabatically from B to C, followed by their release at D with drop in pressure 
and rejection along DE. With the same assumptions as for the Otto Cycle, 
the heat added during the combustion of the fuel from A to B is 
1 =C¢p(Ty — Fa); that rejected from C to Dis g2 = éo(T¢.— Ta). Lhe 

ideal efficiency then is 

qi— 42 1 (Te — Ta) e= aq ont, 
qi k (Tp — Ta) 

Cc 
where k = a The work obtainable per pound of combustible is 

Vv 

W = Jlep(Tp — Ta) — cv(Te — Ta)] 

Fig. 14 is a typical diagram from a 4-cycle Diesel engine. The compression 
of the air to 500 lb. per sq. in. more or less raises it to a temperature sufficient 

to ignite the atomized fuel and the cycle is completed as indicated. 

In the Diesel engine the pressure during combustion is limited, whereas in 

gas engines (Otto cycle) the combustibles enter the cylinder already mixed, 

under a limited pressure to prevent precombustion; then when the electric 

spark is discharged, combustion is practically instantaneous without change 
in volume and is accompanied by an enormous pressure before expansion can 

begin. The Diesel is more efficient than the gas engine at both full and frac- 
tional loads, uses less and_cheaper fuel and lubricating oil, and has a longer life 
due to freedom from explosive shocks. 

Semi-Diesel Engines. In the so-called semi-Diesel engine compression is brought 
only to about 250-lb. pressure, the ignition of the fuel depending on a “ hot-bulb ” 
heated from an external source. This type of engine is now practically obsolete and 
way be dismissed from further consideration. 
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The two prevalent methods of introducing the fuel into the combustion 
space are air-injection and solid-injection.. The former requires a multistage 
air compressor, built as an integral part of the engine, which delivers air at 
from 800 to 1300 lb. pressure, depending on the load. A metered amount 
of fuel delivered to the fuel nozzle is atomized by the high pressure air blown 
through the nozzle at the proper time, and is carried into the combustion 
space. In the solid-injection method, fine atomization into the cylinder is 
obtained by forcing oil under 4000 to 4500 Ib. through fine spiral grooves or 
through very small holes about .016 in. in diameter. Mean effective pres- 
sures are less with solid than with air injection. Solid injection engines are 
somewhat cheaper to build than those requiring compressor equipment. They 
do not require as high compression—only 450 lb.—for ignition temperature, 

because there is no cooling effect due to injection air. 

Diesel engines are either two-cycle or four-cycle. The former have exhaust 
ports in the cylinder bore, which are uncovered near the end of the power 
stroke, and either scavenging air ports still lower down in the cylinder bore or 
else scavenging valves in the cylinder head. The scavenging air pressure, 

ranging from 3 to 6 Ib., is supplied usually by casting a compression chamber 
in the crank case, the main piston.also functioning as a compression piston on 

the down stroke, but in a few makes there is a separate scavenging pump. 

Four-cycle engines, on the other hand, require air and exhaust valves in the 

cylinder head, and the four strokes are for suction,.compression, power and 

exhaust respectively, so that only one stroke in each two revolutions is effec- 

tive. Scavenging, however, is more complete, compression is effective 

throughout the full stroke, and cylinder heating is more readily controlled. 

The air and exhaust valves and their operating mechanism, together with the 

larger cylinder required for a given output, make the four-cycle engine more 

expensive to build. The Busch-Sulzer engine, for example, js designed for 

four cycles up to 600 b.hp., with trunk pistons. Above 600 b.hp. this com- 

‘pany makes the two-cycle type with cross-head and guides and having a 

capacity up to 4000 bhp. Most makers employ one type exclusively. The 

McIntosh & Seymour engine, for example, is made only in the four-cycle type, 

up to 8000 b.hp. in 8 cylinders. Three to six cylinders are usually assembled 

in one unit. 

Efficiency. The Diesel engine is the most efficient of all prime movers de- 

pending on the combustion of fuel, and its efficiency is nearly as high in a 

small unit as in a large one (which does not hold true of other prime movers), 

efficiencies ranging from 30% to 35% at full load; that of a two-cycle engine 

is slightly less than that of a four-cycle. The efficiency is expressed in terms 

of weight of fuel per brake horsepower per hour at full and fractional loads, 

the one shown in Fig. 15 being characteristic. The efficiency throughout 

fractional loads is better maintained than for any other prime mover. Manu- 

facturers of Diesel engines generally rate them at or only a little below full 

load capacity, a 10% overload being a not uncommon limit. Lost heat ap- 

pears in the cooling water rejected at from 100° to 140° F., 20% to 34%; in 

the exhaust gases, at from 425° to 700° F., 32% to 28%; in friction and radia- 

tion, 7% to 14%. The first two are recoverable in part for heating or for 

generating low-pressure steam. Ratings are based on sea level, capacity 

decreasing 1.5%, 5% and 14.5% at elevation of 1000, 2000 and 5000 ft. above 

sea level. Lubrication of Diesel engines of best make is based on one gallon 

of oil per 2500 b. hp.-hr. for small engines to 3000 or even more for large ones. 

The engine maker’s guarantee should be imperatively required. Cooling 

water required depends on its initial and discharge temperatures, 6 to 10 
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g.p.m. being ordinarily provided (up to 30 g-p.m. in the tropics) for full load 
with 3000 B.t.u. per horsepower per hour assumed as the heat to be carried off 
by the water. The discharge temperature limit of the water ranges from 
110° F. for brackish water to 125° F. for water of 12 deg: relative hardness, 

and to 150° F. for soft water. The amount of water is thus one-sixth to one- 
tenth that required by a condensing steam plant under similar load condi- 
tions. 

Fuel Oils most suitable for Diesel engines are topped crude oils from which 
benzene, gasoline and other light oils have been distilled, if made reasonably 

free from sulfur, dirt and water. Run of oil from the still and not ‘‘ com- 
pounded ”’ from heavy residue and lighter oils is preferable. Oils with a 

Lbs. Fuel per B.H.P. Hr. 

specific gravity between 24° and 34° Baumé can be used; lighter than 34° oils 
are not satisfactory, very light ones introducing fire risk; also, light oils con- 
tain appreciably less B.t.u’s per gallon, which increase the fuel cost. Oils of 20° 
Baumé and heavier do not flow readily and even those up to 24° may require 
heating in winter to reduce viscosity if kept in exposed storage tanks. A 
lighter oil is generally used for half an hour at the beginning and end of each 
run where Mexican crudes and bunker oils are used. One pound of fuel oil 
contains 18 000 to 19 500 B.t.u’s per pound, 18 500 being assumed as the aver- 
age value. 

Fuel oil is quoted by either the gallon or the barrel of 42 gal. Oil with 
s. g. .8998, or 26° Baumé (nearly), weighs 7.5 lb. per gal., and 0.5 Ib. per brake 
horsepower, 1 gal. = 15 b.hp. 

With cost of fuelat 3 4 5 6 7, 8 cents per gal. 
the equivalent cost is $1.26 $1.68 $2.10 $2.52 $2.94 $3.36 per bbl. 

Costs. Diesel engines are heavy due to the high pressures generated in the 
cylinders, and they are high in first cost compared with a steam engine or a 
steam turbine; but in establishing comparative costs, boilers, condensers, and 
other auxiliary apparatus including piping and pump drives, coal storage and 
handling and the much larger buildings required, increase the cost of steam 
plants to such an amount that the investment, for example in a reciprocating 
triple expansion condensing pumping plant, is considerably more than for a 
Diesel engine plant; but the latter will cost more than a turbine-driven cen- 
trifugal pumping station and still more than an electric-motor-driven centri- 
fugal pumping plant. The type of equipment is governed by the relative cost 
of fuel oil, coal and electric power in the locality of the plant. 

Life and Maintenance. Experience shows the life of Diesel engines to be 
at least 25 years. 
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The brake horsepower capacity of a Diesel engine should be chosen to take 
the station peak load without exceeding its rated capacity. It has been 
found that by relieving the engine by from one-eighth to one-sixth of its rated 
full load, the maintenance charge has been materially reduced. In well 
managed plants, regular inspections are scheduled. One shut-down of several 
hours only per year is necessary for pulling pistons and cleaning rings and 
adjusting piston rods; three very short ones, four months apart, are advisable 
for inspection of air, exhaust and fuel valves; provided good oil is used and 

engine is not overloaded, they run continuously. 
Maintenance of a Diesel engine is often based on a percentage of its cost, 

say 2% per annum. It is, however, higher for small engines and it is higher 

under continuous 24-hour operation than under daily shut-down conditions, 

where $1.00 per 2500 and 5000 b.hp.-hr. will cover small and large engines 

respectively. It should not exceed $5.00 per 5000 b.hp.-hr. under continuous 

full-load conditions. A skilled chief engineer is as good an investment for a 

Diesel as for a steam plant to keep maintenance at a minimum. 

The comparative pumping costs for a city pumping plant requiring an 

average of 10 m.g.d. pumped against a head of 360 ft. with Diesel-driven 

triplex pumps, vertical triple-expansion steam pumps, turbine-driven centri- 

fugal pumps, and electric-motor-driven centrifugal pumps, are indicated in an 

extract from “ Power,’ shown in the accompanying table. 

Horsepower of Gas Engines. The indicated horsepower of a gas engine is 

given by the formula i.-hp. = plan/33 000, in which » denotes the number of 

explosions per minute. The mean effective pressure that may be obtained 

depends upon the kind of fuel. It may vary from 60 to 70 lb. per sq. in. for 

producer and blast-furnace gas, 85 to 95 Ib. for natural gas and gasoline, and 95 

to 110 lb. for alcohol. The brake horsepower of automobile engines is given 

approximately by the rule of the Association of Automobile Manufacturers, 

namely: b.hp. = d2N/2.5, in which d denotes the cylinder diameter in inches 

and N the number of cylinders. 

Performance of Gas Engines. The internal-combustion engine has intrin- 

sically a higher thermal efficiency than the steam engine. Based on coal used, 

the consumption of a gas engine with producer gas is about 30% less than the 

consumption of a steamengine. This result is obtained under most favorable 

conditions for both engines. 

A large number of tests of a gas engine and gas prod “er were made by the U. S. Geo- 

logical Survey at the St. Louis exhibition. The produccr was rated at 250 hp. capacity 

and the engine at 235 hp. at 200 r.p.m. Tests were made with a large number of coals. 

With high-grade bituminous coal the weight of coal consumed by the producer per 

brake horsepower delivered by the engine ranged from 0.95 Ib. to 1.32 lb. A steam 

engine of the same power would consume about double the weight of coal. 

The following are the results of tests of gas and oil engines of the larger sizes: 

Thermal efficiency 

Engine Fuel Brake hp. 
Per i-hp. | Per b-hp. 

evita ates aearae Natural gas....... 606 28.6 25.5 

BM edie Antara (a7 6 Natural gas....... 595 29.4 23.7 

Borsig-Oechelhaeuser... . | Coke-oven gas...-. 628 33.0 Yin 

Premier) 27S. Bh Laie Producer gas.....- 368 33.7 25.6 

Koerting. ... 0.000065 005 Producer gas....-. 341 34.0 24.1 

Westinghouse.......++-> Producer gas...... 500 30.1 25.2 

Cockerill Blast-furnace gas. . 725 31.5 26.0 

a SEIS. Che Blast-furnace gas. . 1186 33.9 28.2 

i 297 45.8 32.2 Oil rasta aiasartereietat 
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Comparison of Municipal Pumping Costs, Oil, Steam, and Electricity 
Comparative plant and operating costs for a station pumping an aver- 
age of 10 m.g.d. against 350-ft. total head, with oil, steam and electric 
equipment as indicated. 

(From “Power,” Dec. 18, 1923, Vol. 58, pp. 984-987) 

i i i iple- ion steam piny een an Deisel — triplex Triple Stony s' 

Building: 
Pumproom (basement 

to’eaves), Tt... 50... 66 X 86 X 42 54 X 88 X 52 

Boiler rooms Ft2 VOLS I 9AM Pt Joe 44 X 58 X 30 
Fuel storage, ft....... 30 X 50 XK 12 25 X 58 X& 12 

C€ostiof above items)/20e| 1580.5 [loe. ad $ 69000 $100: 000 
Equipment installed: 

3-750 b-hp. Diesels $213 600)1 12-m.g.d. unit $160 000 
3-10 m.g.d. pumps 123 750/1-10 m,g.d. unit 140 000 

1 8-m.g.d. unit 125 000 

3 300-hp. boilers 33 000 
Foundations for pump 

Seth HSV Mo kde LG eae. 11 250 4000 
Suction. and discharge 

PIPING 5 S500 = <ic hs SSE Ueiiier ce nen wim 50 000 51.900 

TOPALINVESEMCDL, «statics a ccetas e $467 600 $613 000 

Yearly operating costs: 
Labor: 1 chief engineer $3 000 |1 chief engineer $3 000 

3 assistant engin- 3 assistant engin- 
os ig Se Sata 5 400] eers.... 2.22. . 5 400 

3 oilers 4500/3 oilers 4500 
3 firemen 4500 

Fuel: 

Oil at $1.70 per bbl.*. . |9010 bbl. oil 15 31722 163 bbl. oil or < 
Coal at $6.75 per ton. ef 5700 tons coal 37 678 
Lubricating oil and : 

WESRE fee eee: SIE OT R202 DELI 1000 300 
Maintenance and repairs: 

Building, foundations, : ; 
DIPINS ns ees bk $130 250 at 0.5% 652 |$155 000 at 0.8% 775 

Machinery and equip- ~ 
TWENTE: acrp h tis spe tees c ee $337 350 at 2.0% 6 747|$458 000 at 1.5% 6 870 

Nagel gn bmg th nh ee il $36 616) $63 023 
Fixed charges: 

Interest at 5% on sink- a 
ing: fundoaeal wild to $467 600 or $23 380 |$613.000.or $30 650 

Building (assumed life 
SO, Vears teem vagy ss 0.5% on $69 000 345 10.5% on $100 000 500 

Equipment.......... 2S year life or 2.1% 3S year lifeor1.1% 
, ' ct on $398 600 8 371 on $513 000 S 643 

| ARO tall..tys.me.RSioccce th) leh MERA © skibos tavceta $32 096 $36 793 
Tatal:yearly expense..|..¢.5.......0005 $68 712 $99 816} 
a a a En eS Lee Ee teen | 

* Note. by Author. Oil at $1.70 per bbl. or 4.05 cents per gal. is low for small eastern 
plants at present (1929). An increase to 6-1/2 cents would increase Diesel engine 
costs from $68 712 to $78 000: A reduction to $5.00 per ton for coal and to 1 cent. 
per kilowatt-hour for electric current would reduce the cost of triple-expansion steam 
pumping to $90 000, steam turbine centrifugal pumping to $82 800, and electric 
pumping to $80 000. } 
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~ Comparison of Municipal Pumping Costs, Oil, Steam, and Electricity 
Comparative plant and operating costs for a station pumping an aver- 
age of 10 m.g.d. against 350-ft. total head, with oil, steam and electric 

equipment as indicated. 
(From “ Power,” Dec. 18, 1923, Vol. 58, pp. 984-987) 

7 a 

Plant equipped with 

Building: 
Pumproom (basement 

to eaves), ft 
Boiler room, ft 
Fuel storage, ft 

Cost of above items 
Equipment installed: 

|Foundations for pump 

Total investment 

' Yearly operating costs: 
Labor: 

Fuel: 
Oil at $1.70 per bbl.*.. 
Coa! at $6.75 per ton.. 
Lubricating oil and 

Maintenance and repairs: 
Building, foundations, 

piping 

Fixed charges: 
Interest at 5% on sink- 

ing fund 
Building (assumed life 

50 years) 
Equipment 

* Note by Author. 
plants at present (1929). 

costs from $68 

per kilowatt-hour for electric current would 

pumping to $90 000, steam turbine centri: 

pumping to $80 000. 

> 

50 XK 84 X 42 50 X 60 X 32 

Be Oe SO Aiea o dseve ota inpeiaene 

Dae OO Ne i er ins w 8 esse pmereeieete 
$83 000 $48 000 

1 12-m.g.d. unit $44 500/1 12-m.g.d. unit $23 200 
1 10-m.g.d. unit 40 500|1 10-m.g.d. unit 20 200 
1 8-m.g.d. unit 37 500/1 8-m.g.d. unit 13 200 

3 350 hp. boilers 38 500|Switch and wiring 400 
Transformers 6 500 

1 HOP UR as Gas 1 400 1 400 

TOR GIIA S PD 50.000 50 000 

Pe Oe $295 400 $162 900 

1 chief engineer $3 000 |1 chief engineer $3 000° 

3 assistant engin- 3 assistant engin- 

eers 5400] eers 5 400 

3 oilers 4 500|3 operators 4 500, 

3 firemen 4 500 

33 204 bbl. oil or 56 447 Electric energy at 

8 360 tons coal . 1-1/4 cents per| $68 219 
kwh ec varie } 

elele apres diwn ctato pe 600 200 

$134 400 at 0.5% 672|$99 400 at 0.5% 497 

$161 000 at 1.7% 2 737|$63 500 at 1.7% 1 080 

Bt GE JOR. $77 856 $82 896 

$295 400 or $14 770|$162 900 or $8 145 

0.5% on $83 000 415]0.5% on $48 000 240 

25 year lifeor2.1% 25 year lifeor 2.1% 

on $212 000 4460| on $114 900 2 413 

Be Svatetdy Pa yaselalsiexeierase $19 645 $10 798 

6 ean Cae $97 501 $93 694 | 

Steam turbines 
centrifugal pumps 

Electric motors, 
centrifugal pumps 

Oil at $1.70 per bbl. or 4.05 cents per gal. is low for small eastern 

An increase to 6-1/2 cents would increase Diesel engine 

712 to $78 000. A reduction t o $5.00 per ton for coal and to 1 cent 

uld reduce the 
fugal pumping to $82 800, and electric 

cost of triple-expansion steam 
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Comparative Costs of Pumping by Various Methods. An engineering com- 

pany having charge of a number of water-works has worked out the following 

comparison of pumping costs. The unit cost of pumping including cost of 

labor, maintenance, depreciation and fixed charges is about the same when: 

(a) For electric pumping, electric power costs....--- $0.01 per kw. hr. 

(b) For steam pumping by triple-expansion engines or 

steam turbines, coal of 14 000 B.t.u. costs..... $5.00 per ton 

(c) For Diesel engine pumping, fuel oil of 19 000 

Btu costs:ca beck ss Seen ee ee sepia ieee $0.06-1/2 per gal. 

(d) For gas engines, natural gas of 1150 B.t.u. costs.. $0.40 per 1000 cu. ft. 

(e) For gasoline engines, gasoline of 20100 B.t.u. 

ea] Rite aR SRA Roane OE REPL BT 5S $0.08 per gal. 

Note. The above unit prices are for comparative purposes only and do not 

represent the market values of the fuels mentioned. The high cost of opera- 

tion for a gasoline unit makes it uneconomical except for standby service. 

The above comparisons are respectively based on: 

(a) Combined pump and motor efficiency of 73.5%. 

(b) Pump duty of 130 million ft.-Ib. per 1000 lb. of steam for triple-expansion 

steam pumps, a water rate of 12.8 1b. of steam per brake horsepower per 

hour for steam turbine, and a boiler efficiency of 72 %. 

(c) 0.066 gal. of fuel oil per brake horsepower per hour. 

(d) 10.9 cu. ft. of natural gas per brake horsepower per hour. 

(e) 0.1 gal. of gasoline per brake horsepower per hour. 

eee AES 250e 
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SECTION 5 
ELECTRICAL ENGINEERING 
The following outlines of fundamental principles have been prepared 

not for electrical engineers but for civil engineers whose knowledge of 

the subject is limited —Ep1rTor-1N-CHIEF. 

BY 

F. MALCOLM FARMER 

CHIEF ENGINEER, ELECTRICAL TESTING LABORATORIES, NEW YORK CITY 
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364 Electrical Engineering: Sect. 5 

Q ELECTRICITY 

1. Definitions, Units, Fundamental Laws 

Systems of Units. There are two systems of electrical units, both of which 

are derived from the fundamental or centimeter-gram-second (C. G. S.) 

system. The electrostatic system is based on the force exerted between two 

charges of electricity; the electromagnetic system is based on the force 

exerted between a magnetic field and a conductor carrying a current placed 

in that field. Many of these units are inconvenient to use in practice, and 

certain modifications, known as practical units, have been adopted and legal- 

ized in a number of countries by international agreement. These practical 

units are used in all engineering work; C. G.S. units are frequently used in 

physical and research work. 

Electromotive Force (symbols E, e, and e.m.f.) is that which causes 

electricity to flow or tend to flow, and is analogous to hydrostatic head. The 

practical unit is the Volt, that electromotive force which, when applied to a 

circuit of one ohm resistance, will cause a current of one ampere to flow. The 

standard volt is represented by the Clark and Weston standard cells. The 

legal value of the Clark cell, when made according to certain prescribed 

directions, is 1.434 volts at 15° C. The value of the Weston cell, adopted 

by the U. S. Bureau of Standards, Jan. 1, 1911, is 1.0183 volts at 20°C; 

The Volt is equal to 108 C.G.S. units. When very small electromotive forces) or 

potentials are to be measured, the unit milliyolt, one thousandth of a volt, is frequently 

used. High potentials are often expressed in kilovolts or thousands of volts. Dif- 

ference of Potential is the difference in electrical pressure between two points in an 

electric circuit and is measured in volts. This term is often incorrectly used instead 

of electromotive force. 

Current (I, i) is the rate of flow of electricity. The practical unit is the 

Ampere, which is the current flowing in a circuit of one ohm resistance when 

an electromotive force of one volt is impressed on it. The legal standard 

ampere is that steady current which will deposit 0.001118 gram of silver 

per second when passed through a silver nitrate solution under certain 

prescribed conditions. 

The Ampere is equal to 107-1 C.G.S. units. A milliampere is one thousandth 
part of an ampere. 

Resistance (R, r) is that property of a material that opposes the flow of 
electricity through it. It varies directly with the length and inversely with 
the cross-sectional area. The practical unit is the Ohm, which is the resistance 
of a circuit in which a current of one ampere flows when subjected to an 

electromotive force of one volt. The legal standard ohm is the resistance of 
a column of mercury 106.3 cm. long and 14.4521 grams mass at 0° C. Work- 
ing standard resistances are made of resistance wire or ribbon carefully 
adjusted and standardized by comparison with the legal standard. Man- 
ganin, a copper alloy, is most extensively used because of its permanency. 
The usual sizes range from 100 000 ohms to 0.00001 ohm, and always in 

powers of 10. 

The Ohm is equal to 109 C. G. S. units. Insulation resistances are usually expressed 
in terms of the megohm or one million ohms and very small resistances in microhms, 
or millionths of an ohm. Resistivity (p) or specific resistance of a materia] is the 
resistance between opposite faces of a centimeter cube or an inch cube. Conduc- 
tance is the reciprocal of resistance, and conductivity (+) is the reciprocal of resistivity. 
Relative conductivity (usually incorrectly abbreviated to ‘“‘ conductivity ”) is the term 
most used in engineering. It is the percentage ratio of the true conductivity (i.e., 
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_ reciprocal of resistivity) of the material to that of copper of a certain specific gravity 

and specific resistance known as the International Annealed Copper Standard. Ma- 

terials are classed as conducters or insulators according as. they are of low or high 

resistivity, respectively. Insulation resistance refers to the resistance of insulating 

material measured in megohms. The dielectric strength of an insulating material is 

the high-potential voltage which ruptures that material and is usually expressed in 

volts per mil or per millimeter. 

Quantity of Electricity (Q, q) is the product of current and time. The 

practical unit is the Coulomb, which is one ampere flowing in a circuit for 

one second. : é 

The Coulomb is equal to 10-! C.G.S. units. The unit in more common use 

commercially is the ampere-hour, equal to 3600 ampere-seconds or coulombs. 

Electrical Energy (W) is the work done in a circuit or an apparatus by 

current flowing through it. The practical unit is the Joule or Watt-second, 

which is the work done when one ampere flows through a resistance of one 

ohm for one second. 

The commercial unit is the watt-hour, equal to 3600 joules; also the kilowatt-hour 

equal to 1000 watt-hours. 

Electrical Power (P) is the rate of expending electrical energy or the rate 

of doing work per unit of time. The practical unit is the Watt, which is the 

work done in one second when one ampere flows in a circuit under a pressure 

of.one volt, or P =I XE =[R. 

The commercial unit is the kilowatt (one thousand watts). One horsepower is 

equal to 746 watts. 

Capacitance or Electrostatic Capacity (C, c) of a circuit or apparatus is the 

property by virtue of which it car. hold < charge of electricity. The practical 

unit is the Farad, which is the capacity of a circuit or apparatus that will be 

charged to a potential of one yolt by one coulomb of electricity. 

The farad is so large a quantity that commercially the microfarad is generally used. 

The farad is equal to 10-9 C.G.S. units; the microfarad to 10-15 C.G. S. units. 

Self-induction of a circuit is that property which opposes any change in the 

value of the current flowing throughit. It is analogous to inertia and is due 

to the magnetic field which surrounds a conductor carrying current. When the 

current is established or changes, the field increases or decreases and the lines 

of force cut the conductor, inducing a counter e. m. f. which opposes the 

change in the current. 

Inductance (L, 1), or coefficient of self-induction, of a circuit 1s the constant 

by which the time rate of change of the current in the circuit must be multi- 

plied to give the e. m.f. induced in the circuit by such change. The prac- 

tical unit is the Henry, which is the inductance of a circuit where a change 

of one ampere per second will induce one volt e. m. f. 

A henry is equal to 109 C. G. S. units. The unit ordinarily used is the millihenry 

(one-thousandth of a henry). 

Impedance (Z) of a circuit is the resistance offered to the passage of alter- 

nating current. It depends on the frequency of the current and the resistance, 

inductance, and capacity of the circuit. It is measured’ in ohms and is equal 

to \/R? + &. ) 
Reactance (X) of a circuit is that part of the resistance offered to the pas- 

sage of alternating current which is due to the inductance and capacity of the 

circuit. It is measured in ohms and is equal to 27m — eer 

Frequency (n) of an alternating-current circuit is the number of complete 

reversals, or cycles, of the current per second. It is equal to the product of 
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half the number of poles on the generator and the revolutions per second. 

An alternation is half a cycle. 

The standard frequencies in this country are 25 and 60 cycles, although 40-cycle 

systems are in operation. A very few of the early 133-cycle systems are also to be 

found, and 15 cycles has been advocated for alternating current railways. 

Phase refers to the time relation between the current and potential in an 

alternating-current circuit, or to the time relation between the potentials in 

two ro more circuits. 

Thus, if the current and potential in a circuit reverse at the same instant, they are 

in phase. When the current reverses after the potential, it is said to be out of phase, 

and a lagging current; when it reverses before the potential, it is out of phase, and a 

leading current. A two-phase generator has two circuits in its armature and the 

e. m. f.’s generated are 1/4 cycle or 90 electrical degrees apart. Similarly, a three- 

phase generator has three circuits and the e. m. f.’s are 1/3 of a cycle or 120° apart. 

Power Factor of a circuit is the ratio of the true power passing through it 

to the product of the volts and amperes. It is equal to the cosine of the time 

angle at any instant between the potential and current. 

When the time angle is zero, that is, when the potential and current are in phase, 

the power factor is 1.00 (cosine 0°), often expressed 100%. If they are out of phase 

by 90°, the power factor will be zero (cosine 90°). 

Load Factor. The daily or yearly (or other period) load factor of a machine, 

plant or system is the ratio of the average power to the maximum power 

during the period indicated. 

The demand factor of an installation is the ratio of the maximum load 

actually taken by the installation to the total connected load (that is, the 

sum of the ratings of all apparatus in the installation). 

The diversity factor of an installation is the ratio of the sum of the maxi- 
mum demands of the various loads in the installation to the maximum demand 

of the whole installation. 

Hysteresis is that property of magnetic material which causes the induction 
corresponding to a given magnetizing force to be greater when the latter is 
decreasing than when it is increasing. 

Hysteresis loss is the energy expended in the material because of hysteresis when 
the magnetizing force is changed from one direction to the other and back again. It 
appears in the form of heat. 

Eddy Currents are stray local currents induced in those metal parts of 
electrical apparatus which are in rapidly changing magnetic fields. 

Eddy-current loss which appears in the form of heat, is the power expended by 
eddy currents flowing in these metal parts, and is equal to the product of the square 
of the current and the resistance. It is one of the largest losses in alternating cur- 
rent apparatus, and therefore parts in which this loss occurs are laminated in order to 
reduce the length of the current paths, thereby increasing the resistance and decreas- 

ing the currents. 

A Series Circuit is one in which the total current passes through each part 
of the circuit. A Parallel or Multiple Circuit is one in which the total current 
is divided among the various parts of the circuit. 

FUNDAMENTAL LAWS. The following are the more important laws 
and principles of electricity and magnetism underlying the practical applica- 

tions of electricity. 

Ohm’s Law... The current in a circuit containing no source of e. m.f. is equal to 
the potential applied at the terminals of the circuit divided by the resistance, or 

I= R This law applies to alternating-current circuits only when they are non- 
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“inductive, that is, contain resistance only. Otherwise the current is equal to the 

potential divided by the impedance, or I = . 

Laws of Series and Parallel Circuits Carrying Direct Current. In a series circuit 
the total resistance is equal to the sum of the resistances of its component parts. In 
a parallel circuit the current in each circuit is inversely proportional to the resistance 
of each branch of the circuit, and the reciprocal of the total resistance of the circuit is 
equal to the sum of the reciprocals of the branch resistances. 

Capacitances. When two or more capacitances (condensers) are connected in 
series, the reciprocal of the total-capacitance js equal to the sum of the reciprocals of 

the capacitances. If they are connected in parallel, the total capacitance is equal to 

the sum of the capacitances. It is to be noted that the law is just the reverse of that 

for resistances. 

Conductor in a Magnetic Field. When a free conductor is placed in a magnetic 

field and current is passed through it, the conductor will move. The force exerted 

will be proportional to the field strength and the current. This is the fundamental 

principle of motors. : 

Electromagnetic Induction. When a conductor is moved through a magnetic field 

or a magnetic field is moved through a conductor, an e. m. f. will be induced in it 

which will be proportional to the field strength, the rate of motion, and the length of 

conductor cutting the field. This is the fundamental principle of generators. 

Fundamental Equation for the Generation of an E.M.F. The following is the 

equation for the e. m. f. generated in (a) a coil rotating in a magnetic field at a uniform 

speed or (b) a coil which incloses an alternating magnetic flux varying in such a manner 

that a sine wave e. m. f. is generated (see Art. 2). 

where E = e. m. f., mean effective value (see Art. 2) in volts; 

n = number of complete turns in coil; 

¢= total magnetic flux (maximum instantaneous value if produced by alter- 

nating current) inclosed by the circuit. If the magnetic flux density is 

uniform (the usual case) throughout the space occupied by the coil, 

¢ = BA where B = flux density in lines per square centimeter and 

A = area inclosed by coil in square centimeters; 

f = revolutions of coil per second or frequency in cycles per second of magnet- 

izing current. ’ 

Law of Magnetic Circuits. In a magnetic circuit the total magnetic flux is equal 

to the magnetomotive force divided by the reluctance of the circuit, the relation being 

similar to Ohm’s law. The total magnetic flux (lines of force) corresponds to current 

(amperes), the magnetomotive force (gilberts) to electromotive force (volts), and 

magnetic reluctance (oersteds) to resistance (ohms). In practice it is customary 

to deal with the magnetizing force per unit length of magnetic circuit, which, when 

the magnetic circuit is of non-magnetic material, is equal to H = 4 ~NI/10 1, where 

HI = field strength (gausses) NI = ampere turns and 1 = length. When the ma- 

terial is magnetic, the magnetic induction (gausses) is B = kH, where k = perme- 

ability, a quantity which varies with the material and with B. 

Galvanic Electricity. If two unlike metals are immersed in an acid or salt solu- 

tion an electromotive force will be generated between them. The magnitude of the 

e. m. f. will depend upon the metals and:the solution used. This phenomenon is the 

basis of all electric batteries. 

Electrolysis. When electric current (direct) is passed through a solution (called 

electrolyte), it is decomposed. According to Faraday’s law, the amount of decom- 

position is directly proportional to the quantity of electricity (product of current and 

time) passed through the solution. 

Thermoelectric Effect. When a circuit is made up of two dissimilar metals and the 

two junctions are maintained at different temperatures, an e. m. f. will be established 

which will be very nearly proportional to the difference in temperature between the 

two junctions. Conversely if current is passed through a circuit consisting of two dis- 



368 Electrical Engineering Sect. 5 

similar metals, heat will be developed at one junction and absorbed at the other 

junction. This is known as Peltier effect. 

Heating Effect. When an electric current is passed through a solid conductor, the 

electric energy expended én the conductor is entirely converted to heat energy. The 

amount of heat developed is proportional to the resistance, the square of the resistance 

and the time (Joule’s law). That is, 

H = 0.2928 ’RT, 

where H = heat in British thermal units; 
T = current in amperes; 
R = resistance in ohms; 
T = time in hours. 

2. Commercial Electrical Measurements 

Commercial and Ordinary Engineering Measurements are made with 

various indicating instruments which are calibrated by various more or less 
direct methods against the primary standard or standards representing the 
quantity indicated by the instrument. 

Direct Current and Potential are measured with ammeters and voltmeters 
respectively. They are almost universally of the D’Arsonval type, in which 
a small fine wire coil is free to move in the field of a permanent magnet. In 
ammeters this coil is connected to a specially made low resistance called a 
*“ shunt.” Its deflections are proportional to the fall of potential across this 
shunt and therefore to the current flowing through it. Voltmeters differ 
from ammeters only in that the moving coil is connected in series with a 

high resistance and across the circuit to be measured instead of in parallel 
to a low resistance which is in series with the circuit. 

For moderate currents (25 amperes and less) the shunt is contained in the instrument 
case, but for larger currents it is external to the instrument and connected to the 
latter by small flexible wires. Thus, shunts as high as 25 000 amperes capacity can 
be placed in the circuit at the most convenient point. Instruments permanently 
located on switchboards are called switchboard or station instruments, as distinguished 
from portable instruments used for testing purposes. 

Alternating Current is measured with ammeters of several types, the more 
usual being the iron-disk, inclined-coil dynamometer, and hot-wire types. The 
principle of iron-disk instruments is the repulsion between the eddy currents 
induced in a very small iron disk, and the field which produces them... The 
principle of the inclined-coil and dynamometer instruments is the attraction 
and repulsion between two coils carrying current. In hot-wire instruments 

the expansion of a taut wire, when heated by the passage of a current, is 
utilized to measure the current. Some of the types are made self-contained 
up.to 300 amperes, but current transformers are usually used with larger. cur- 
rents. In all high-tension circuits (over 440 volts) current transformers are 

used irrespective of the size of the current in order to insulate the instrument 
from the circuit. 

The several values of an alternating current (and e.m.'f.) are (a) instantaneous 
value or value at any instant during a cycle, (b) mean effective value, which is the 
square root of the sum of the squares of the instantaneous values during one. cycle 
(also called effective value and root-mean-square value), (¢) average value, which is the 
arithmetical average of the instantaneous values during one alternation. or half cycle, 
(d@) maximum value, which is the maximum of the instantaneous values during one 
cycle. When the wave form is a sine curve (that is, when the variation of the instan- 
taneous values during one cycle with respect to time follows the sine law) the relations 
between these various values are as follows: 

Maximum value = 1/2 X effective value; 
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4 cg ; 
Maximum value = > X average value; 

2/2; 
Average value = X effective value; 

5 

Effecti 
See NTR TO, o = 1.11 (= form factor); 
Average value _ 22. 

Maximum value 
~ = V2 = 1.414 (= crest, peak or amplitude factor). 

Effective value 

All of these values are employed in electrical engineering but the effective value is 
the one ordinarily measured and used. This particular value is used because it is the 

_yalue which will produce the same heating effect as a direct current of the same mag- 
nitude, and it is the value indicated by all alternating-current instruments used in all 
ordinary measurements. 

Alternating Potentials are measured with voltmeters of the same types as 
the ammeters, being wound with many turns of small wire instead of a few 
turns of relatively large wire. Voltage transformers which step-down the 
voltage to the standard value of 110 volts are used when measuring high 
voltages. 

The secondaries of current transformers are usually 5, amperes capacity, but the 
instrument scales are marked to read the primary current. Similarly, the scale of the 
voltmeter may be marked to indicate the line potential although the voltage on the 
instrument is usually about_110 volts. 

Power in direct current circuits is usually measured with an ammeter and a 
voltmeter, the power in watts being the product of the amperes and the volts. 
In alternating current circuits, however, power is usually measured. with a 
wattmeter. It is a two-circuit instrument, one circuit being a fixed coil of 
a relatively few turns of relatively large wire, connected in series with the 
circuit to be measured. The other circuit consists of a coil of many turns of 

fine wire so mounted as to be free to move within the magnetic field produced 
by the fixed coil. It is connected in series with a certain amount of resistance 
and across the circuit to be measured. 

In a single-phase alternating-current circuit, having a power factor of 1.00 (which is 
practically the case where the load is incandescent lamps), the power may be measured 
with an ammeter and a voltmeter because in that case the power is equal to the 
product of the amperes and the volts. If, however, the power factor is less than 1.00 
(which is always the case where the load is all or partially motors, arc lamps, etc.), 
the power is equal to the product of amperes, volts and power factor, and a wattmeter 
is used. (The power may be measured by the less convenient “ three-ammeter ’’ or 

“ three-voltmeter ”’ method indicated in Figs. 2 and 3). 

Wattmeter Connections. The following paragraphs show the methods of 
connecting wattmeters in various kinds of alternating current circuits. Cur- 
rent and potential transformers are used with wattmeters where necessary, 

the same set of transformers being often used for all three instruments (watt- 
meter, ammeter and voltmeter) at the same time. 

Fig. 1 

Single-phase Circuit. One wattmeter connected as shown in Fig. 1 will read true 
watts. The power may also be measured with three voltmeters or three ammeters. 
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In the three volt-meter method, a known non-inductive resistance, Rg is connected 

in series with the load as shown in Fig. 2, where E, Ei, and Ey are points where volt- 

meter readings are to be taken. The power in watts 1s 

Ww = ——__— a (watts) 

Fig. 3 Fig. 4 

Similarly, in the three-ammeter method, Fig. 3, the power in watts is 

re wae) 
Two-phase Four-wire Circuit (not interconnected). Two wattmeters, connected 

as shown in Fig. 4, are sufficient, these conditions being equivalent to two single-phase 

circuits. The total power is obviously the arithmetical sum of the readings of the two 

instruments. 

Two-phase Three-wire Circuit. Two wattmeters should be connected as shown in 

Fig. 5, the total power being the algebraic sum of the two readings. This connection 

(watts) 

is correct for all conditions of load, balance and power factor. One wattmeter may 

be used as in Fig. 6, provided there is no load across the outer conductors and the 

phases are balanced as to load and power factor. 

Two-phase Four-wire Interconnected Circuit. Three wattmeters should be used, 

connected as in Fig. 7, the total power being the algebraic sum of the three readings. 

This connection is correct for all conditions of load, balance and power factor. Two 

wattmeters, one in each phase, will give the true power only when the load is balanced. 

Three-phase Three-wire Circuits. Two wattmeters should be used, connected as 

Fig. 7 Fig. 8 

indicated in Fig. 8, the total power being the algebraic sum of the two readings. With 

a balanced load, each instrument will indicate half the total power at unity power fac- 

tor, and at 50% power factor one instrument will indicate the total power, the other 

instrument indicating zero. At less than 50% power factor, one instrument will read 

negative. 

Three-phase Three-wire Circuits Balanced Load. When the load is balanced 

the power may be measured with one wattmeter by the following methods: ; 
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= . (a) With “ star ” box. or artificial neutral as shown in Fig,,9. The total power is three times the reading of the wattmeter. The resistance in each leg of the star box should be non-inductive and small compared with that of the potential circuit of the wattmeter, so that the current taken by the latter will not disturb the potential at the neutral point. 

(b) With sy” box as shown in Fig. 10. The total power is three times the watt- meter reading. This arrangement is similar to (a), one leg of the star box being replaced 

Fig. 9 Fig. 10 

with the potential circuit of the wattmeter itself. The other two legs have the same 
resistance as the potential circuit of the wattmeter. 

(c) With a “T” reactance coil as shown in Fig. 11. The total power is twice the watt- 
meter reading. The impedance of the reactance coil must be small compared with that 
of the potential circuit of the wattmeter, so that the current taken by the potential 
circuit will not disturb the potential at O. 

Three-phase Four-wire Circuits. Three wattmeters are used as shown in Fig. 12. 
The total power is the algebraic sum of the three readings. This method is correct 

for all conditions of load, balance and power factor. A three-phase “star” system 
with a grounded neutral is virtually a four-wire system and the power should be 
measured with three wattmeters. Obviously, if the load is balanced, one wattmeter 
can be used, the total power being: the indication of the wattmeter multiplied by three. 
In that case, the current coil should be connected in series with one conductor or phase 
wire and the potential coil between that conductor and the neutral. 

The Power Factor of a single-phase circuit and of each phase of a two-phase 
circuit is the ratio of the watts, indicated by a wattmeter, to the product of 
the volts and amperes. In a three-phase circuit it is the ratio of the total 
watts to the product of the average volts across the three phases, the average 

current in the three conductors and 1.73 (3). 

Electrical Energy is measured with watt-hour meters. They are essentially 
small motors in which the speed is proportional to the power and the total 
revolutions is -proportional to the energy being consumed. The moving 
element is geared to a suitable registering mechanism (similar to that of gas 
and water meters) which indicates the kilowatt-hours of energy passed 
through the meter. On direct-current circuits the whole current usually passes 
through the instrument. Alternating current meters can be used with 

potential and current transformers, and in such cases the meter readings are 

multiplied by the product of the ratios of these transformers. Single-phase 
energy is measured with one meter, two-phase with one meter in each phase, 
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or with a polyphase meter, and three-phase energy is measured either with 

two meters connected in the same manner as two indicating wattmeters or 

with a polyphase watt-hour meter which consists essentially of two single- 

phase meters with a common shaft. 

Watt-hour meters are connected into the circuit just the same as wattmeters, as 

indicated in Figs. 1 to 12 inclusive. A polyphase meter has separate terminals for each 

element and is connected just as two wattmeters would be connected. 

3. Conductors 

Electrical Conductors are materials of comparatively low resistance, through 

which electricity will flow in appreciable quantities, as distinguished from 

high-resistance materials called insulators, through which electricity will not 

pass except in minute quantities. There is no sharp distinction between the 

two, there being good and poor conductors, and good and poor insulators. 

Most metals are conductors, but only a few are used commercially. Silver 

is the best conductor, but copper is very nearly as good, and being com- 

paratively plentiful, cheap, and otherwise very suitable, it is by far the most 

generally used metal for conductors. Aluminum, which has about 62% of 

the conductivity of copper, is being used to some extent in high-voltage trans- 

mission and on heavy current switchboards where minimum weight is desir- 

able. Iron and steel have 10 to 20% of the conductivity of copper and are 

used in telephone and telegraph lines and in special cases where the current 

is small and low cost or greater strength isimportant. A bimetallic conductor 

consisting of steel wire with a shell of copper welded on the outside is used to 

a considerable extent. This material has a conductivity of 30 to 40% of that 

of copper alone, and a much greater tensile strength. Poor conductors, such 

Specific Resistance, Conductivity and Resistance-Temperature 
Coefficient of Conductors 

Specific Temperature 
resistivity, Ohms Relative coefficient, 

Material microhms resistance conductivity, | increase per 
per cm. cube Woe mil-foot per cent * degree C. 

at 0° C. at 0° C. from 0° C. 

Bilvercose\ Wicd ae elds 1.47 8.84. 108.2 0.40 
Copper, SOLES. 3.<.00. «6.050 sp 1.59 9.56 100.0 0.43 
Copper, hard drawn..... 1.63 9.80 07 195 errata ents eae . 
Copper, .castyite.< smiass 1.8 to 16 10)-S3t0 96. 4E88.S to 00 CS crue 
Gola Gs PM 222 t3:'35 71.6 0.37 

Aluminum) 2000.02. .daien 2.62 15.76 60.6 0.42 
Zine} Sekt 26. artes addin 5.75 34.6 27.6 0.40 
Platinum sf ¢. s«turtie pe 10.96 65.92 14.5 0.37 

Wom 5 ces see a rice ein 8.85 $3.2, 18.0 0.63 

Tron, SOLl CASE... <16 ays eres 75.0 451.0 Dot Pass oh oe chr 
Eron,; hardecast.wai 6. 0 98.0 589.0 1, Gus + aR. 
Steel, soft. srp.weescm ad 15.9 95.6 10.0 0.42 
Steel, glass hard........ 46 2.76 RS} 0.16 
NICK Ele 5 cco are aetna 6.93 41.7 22.9 0.62 
45) Jpeyeeen tne ea 13.0 78.2 1252 0.46 
2 Be ary Sei Sab arsed Maracas 20.4 eer 7.8 0.43 
Merctry.ebiFU. LIP TAle oF 94.1 566 7 0.09 

* In terms of the International Annealed Copper Standard (see ‘‘ Resistance,” Art 1.) 
+ International Annealed Copper Standard. 
t In order to make sound copper castings, it is necessary to add small amounts of 

other materials and these invariably reduce the conductivity. 
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Bare Copper Wire 
(Principally from Circular No. 31, Bureau of Standards) 

Resistance, 
Size | Diam- Mires Weight, Ib. Laheth, ohms at 28 Cc. 

B.&S.| eter circular ft. BAR) 

gage*) mils mils Per Per per Ib. Per Per 
1000 ft. mile 1000 ft. mile 

wer re 1152 1000 000 | 3090 16320 323 0.0108 0.0570 
> Saphe 1031 800 000 | 2470 13 040 405 0.0135 0.0713 
shes 964 700 000 | 2160 11 400 463 0.0154 0.0813 
=“ 893 600 000 | 1850 9770 540 0.0180 0.0950 
Be sy 814 500 000 | 1540 8 130 650. 0.0216 0.114 
Ais Ss 728 400 000 | 1240 6550 806 0.0270 0.1425 
Bras ine 575 250 000 772 4075 295 0.0431 0.2275 
0000 528 212 000 653 3 448 woe, 0.0509 0.269 
000 470 168 000 518 2 734 .93 0.0642 0.339 
00 418 133 000 4i1 2170 435 0.0811 0.428 
0 373 106 000 326 1721 -07 0.102 0.539 
1 332 83 700 258 1362 88 0.129 0.681 
2 292 66 400 205 1 082 88 0.162 0.855 
3 260 52 600 163 861 14 0.205 1,082 
4 232 41 700 129 686 75 0.259 1.365 

5 206 33 100 102 538. . 80 0.326 1.720 

6 184 26 300 81 427. 4 0.410 2.165 

| 7 164 20 800 64.3 339. .6 0.519 2.74 

8 128.5 16 500 50.0 264 .0 0.641 3.38 

9 114.4 13 100 39.6 209 FA 0.808 4.27 

10 101.9 10 380 31.4 165. .8 1.02 5.39 

11 90.7 8 234 24.9 131. re 1.28 6.76 

12 80.8 6 530 19.8 104. .6 1.62 8.55 

13 72.0 5 178 13-9 82. .8 2.04 10.75 

14 64.1 4107 12.4 65.5 .4 2.58 13.62 

* Down to an including No. 7 B. & S. is stranded; No. 8 B. & §. and smaller is 
solid. The mass and resistance of stranded wire are assumed to be 2% greater than 
those of the equivalent solid wire. 

These data apply to bare copper wire of 100% relative conductivity (International 
Annealed Copper Standard). The resistance of hard-drawn wire may be considered 
as about 2.5% higher than these values. The corresponding data for aluminum wire 
of 61% conductivity may be obtained by multiplying weights by 0.304, feet per pound 
by 3.29 and resistance by 1.64. 

The data for sizes larger than No. 0000 B. & S. refer to stranded cable and are 
approximate. They may be in error from 1% to 3%. 

as nickel, nickel alloys of various kinds, and platinum, are used to a great 
extent where the comparativly high resistance is desirable, as in rheostats 
and heating devices. Wire made of these materials is known as resistance 
wire. 

The cross-section of electrical conductors is usually measured in circular mils. A 
circular mil is the area of a circle of 0.001 in. diameter. The specific resistance is 
often expressed in terms ofa mil-foot, which is the resistance of a wire one circular mil 
in cross-section and one foot long. Telephone and telegraph engineers use the term 
pounds per mile-ohm, which is the weight in pounds of a conductor one mile long and 
having a resistance of one ohm. The resistance of conductors varies with the tem- 
perature, usually increasing in direct proportion to the temperature up to at least 
100° C. The increase in resistance per ohm per degree increase in temperature above 
a given standard (0° or 20° C.) is the resistance temperature coefficient. The preceding 



374 Electrical Engineering Sect: 5 

tables give data for the more common conductor materials and copper wire of standard 

sizes. 

Resistance Wires. The following materials are representative of this class 

of conductors: 

German Silver is one of the first materials used for resistance purposes. Alloy of 

copper, nickel, and zinc (the percentage in the table refers to percentage of nickel). 

Tends to become brittle if repeatedly heated and cooled and has comparatively high 

temperature coefficient (0.0002 to 0.0004 per degree C.). Resistance per mil-foot, 

195 and 290 ohms, respectively. 

Manganin. Alloy of copper, nickel, and manganese. Very low temperature coefhi- 

cient (order of 0.00001 per degree C.). Permanent if not heated excessively. Used 

extensively for precision instruments. Resistance per mil-foot, 270 ohms at 20° C. 

Thermal e. m. f., nil. 

“ Wichrome.” Trade name fora nickel-chromium alloy. Practically non-corrosive 

and has extremely high melting point (2800° F.). Used extensively in heating appli- 

ances and small electric furnaces. Resistance per mil-foot, 660 ohms at 20° C. 

“Advance.” Trade name for a copper-nickel alloy. Temperature coefficient practi- 

cally nil. Durable at moderate temperatures. Used extensively in electrical instru- 

thents and temperature measuring instruments because of high thermal e. m. f. 

Resistance per mil-foot, 295 ohms at 20° C. Thermal e. m. f., 0.043 mv. per degree C. 

Pure Nickel. High temperature resistance coefficient. Suitable for moderately 

high temperatures. Used extensively for resistance type pyrometers. Resistance 

rer mil-foot, 60 ohms at 20° C. Temperature coefficient, 0.0048 average in range 

0-100° C. 
Resistance Wire Table 

Ohms per 1000 ft. 

Size Diane | 2 eter, 18% 30% 5 , 
B. &S.| miig | German | German | Manga-| “Ni- | “Ad- Pure 

Biren pier nin chrome’’| vance Nickel 

14 64.1 47 71 65 161 71 14.6 

16 50.8 75 112 103 254 113 23.1 

18 40.3 119 179 168 412 184 37.4 

20 32.0 190 285 263 645 287 58.7 

22 25.3 302 453 421 1031 460 93.7 

24 20.1 480 720 668 1 634 726 150 

26 15.9 764 1 140 1 068 2 610 1 160 237 

28 12.6 1 210 1 820 1 700 4 160 1 850 378 

30 10.0 1 930 2 890 2 700 6 600 2 940 600 

32 8.0 3 070 4610 4 220 10 315 4 600 937 

34 6.3 4 880 7 330 6 800 16 625 7 400 1 510 

36 0 7770 11 600 10 800 21 020 11 760 2 400 

38 4.0 12 300 18 500 16 870 41 240 18 375 3 750 

L 40 Suid 19 600 29 400 30 000 73 330 32 660 6 250 

4. Direct-current Generators and Motors 

Definitions. A Generator is a machine for converting mechanical power 
into electrical power, and a Motor is a machine which converts electrical 
power into mechanical power. A direct-current generator can also: be 

operated as a motor, but commercially it is not customary to make motors 
and generators interchangeable because there are minor differences in design. 

When a loop of wire is revolved in a magnetic field, an electromotive force is induced, 
the value of which, at any instant, depends upon the speed of rotation, the strength 
of the magnetic field, and the size of the loop. The direction of the e. m. fin such a 
loop will reverse twice each revolution, hence to obtain direct current a commutator 
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is used to reverse the connection between the external circuit and this coil at the 
proper moment, thus keeping the polarity of the potential at the terminals the same. 
A number of such loops wound on an iron or steel core together with a suitable com- 
mutator constitute the armature of a generator. .The magnetic field is produced 
by two, or any multiple of two, electromagnets, called poles, which surround the 
armature. These poles and the supporting frame which completes the magnetic 
circuit constitute the field of the machine. 

Types of Generators. The various types of direct-current generators may 

be classified according to the method of exciting the field. Series Generators 
have the field windings connected in series with the armature, and hence the 
voltage depends upon the load. This type can be designed to give potentials 
of 2000 to 6000 volts, and a special form was formerly used extensively for 

series arc-lighting systems. Shunt generators have their field windings con- 
nected in parallel with the armature. The field contains many turns of 
relatively small wire and requires only a small current. The voltage is 
regulated independently of the load by increasing or decreasing the field 

current by means of a variable resistance (rheostat) which is in series with 

the field This type is little used, the compound generator being the standard 
type. In this, both a shunt field and a series field are provided, one winding 
being placed over the other. 

In the plain shunt generator the voltage decreases somewhat as the load increases 
unless the field current is increased. By winding a few turns of heavy conductor on 
the poles and passing the load current through them, the field is automatically increased 
so that the voltage can be not only kept automatically constant but even raised to 
compensate for the drop in voltage in the feeders and mains. This form of compound 
generator is said to be over-compounded. The compound generator is universally 
used for lighting and power at 125 and 250 volts, and for railway purposes at 550 to 
1200 volts. Any number of compound generators can be operated in parallel, but a 
special connection between the series fields of the several machines, called an equalizer 
is necessary to obtain satisfactory operation. . 

A Separately Excited Generator is a generator in which the field current is 
obtained from a source other than the generator itself. It is used only in 
special cases, such as low-voltage generators for electroplating and for storage- 
battery charging. Boosters are separately excited low-voltage generators in 
which the armature is connected in series with a circuit in which it is desired to 
raise the voltage. They are frequently used on circuits where the voltage is 
below normal on account of the excessive drop due to heavy loads or long 
length. Magneto generators have permanent magnets and are only built in 
small sizes for telephone signals, gas-egnine ignition, and similar purposes. 

Types of Motors. There are three general classes of motors,—series, 
shunt, and compound; like generators, they are distinguished by the method 
of exciting the field. The field of the series motor is in series with the armature 
and the characteristic feature is a large torque at low speed, which makes it 
particularly. adapted.-for railways,, hoists,,and,cranes where a high torque is 
required at starting. Shunt motors have the fields in parallel with the armature 

and are essentially shunt generators operated as motors. This is the type in 

most common use for general power purposes, as its speed decreases only a few 

per cent from no load to full load. Fig. 13 shows the characteristic relation 

between speed and torque, also between current and torque for both series and 

shunt motors. Compound motors have both shunt and series fields, and are 

either accumulative or differential, according as the series field strengthens or 

weakens the total field when the load increases. The accumulative form is 

ordinarily used, for it combines the high-starting-torque feature of the series 

motor with the constant-speed feature of the shunt motor. Where very 

uniform speed or an increase in speed is desired, the differential form is used. 
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To prevent excessive sparking in motors subject to rapidly changing loads over 

wide ranges, interpoles are provided. These are small poles placed between 

the regular poles and pro- 
vided with a winding which 

300 p is in series with the arma- 

ture. 

Speed Regulation can be 
effected by changing the volt- 
age applied to the armature or 
the amount of magnetic flux 
passing through it. The former 
is done either with a regulat- 
ing rheostat in series with the 
armature or by having several 
different voltages available to 
which the armature can be 
connected. The usual method 
of changing the magnetic flux 
is to change the field current 

ao oO 

LS) s 

= 

Per cent of Full load current 
Per cent of Full load speed 

0 - 0 by means of a rheostat. There 
0 20 40 60 30 100 are also in commercial use, in 

Per cent of Full load torque small motors, methods in which 
Fig. 13 the distance between the pole 

pieces and the armature can 
be readily changed with a hand wheel thus altering the field strength. 

Starting. Motors are not connected directly to the line when starting because the 
resistance is so low that an excessive current would flow which would injure the motor. 
When the motor is running, a generator or counter e. m. f. is produced which opposes 
the line voltage, and limits the current to the amount required by the load. A motor 
is started by reducing the line voltage to a low value by inserting resistance (starting 
rheostat) in series with the armature, the resistance being gradually cut out as the 
motor comes up to speed. These rheostats are usually provided with attachments 
which automatically cause the lever to return to the starting position whenever the 
voltage is cut off the line. 

Motor Starters, Controllers and Switches. Shunt motors up to 1/4 hp. 
and series motors up to 4 or 5 hp. may be started by connecting directly to 
the line. For larger sizes, starting resistance must be used as stated above. 

Shunt and compound motors up to 50 hp. which are started infrequently 
(i.e., two or three times an hour or less often) and without load use the face- 
plate type of starting rheostat rated for “ starting duty” only. If the motor 
must start with a load, a heavier duty size must be used. Where the speed 

is to be regulated, a similar style of rheostat is used for moderate size motors 
designated as “‘ starting and speed-control”’ rheostat. For frequent starting 
and frequent adjustment of speed as in crane, hoisting, and elevator service 
and many industrial machines, the drum-controller type of rheostat is pref- 
erable because it is of more substantial construction which is necessary for 
this more severe use and reversing the direction of rotation motor is more 

easily accomplished. Large motors are started with multiple-switch starters 
where the resistance is cut out of circuit in successive steps by separate 
switches manipulated individually but interlocked so that the proper sequence 
must be observed. In the case of very large motors, these switches are 
operated electrically by means of magnets. Provision can bé made for remote 
control of starting or for automatic starting controlled by any ordinary con- 
dition met with in industry such as water level in a tank, pressure, temper- 
ature, etc. 

It is customary to install a knife switch (double-pole) with each motor by 

means of which the motor is totally connected to and disconnected from the 
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supply circuit even though all starting rheostats, on the first step, automati- 
cally disconnect the motor. Above about 50 hp. it is desirable to use oil switches where the circuit is broken under oil instead of in the open air as in 
the ordinary knife switch. 

In addition to the switch and starting device, automatic protection of the 
motor against overloads which would burn out the motor must be provided. 
Fuses, consisting of short pieces of fusible alloy wire or ribbon which melt and 
open the circuit at a given current, are used for small and moderate size motors. 
Above 50 hp. circuit breakérs are preferable. These are quick-opening 
switches which operate automatically when a predetermined current is 
reached. 

Note. The Board of Fire Underwriters has an elaborate code of rules with which _ electric installations, including motors, must comply where the property is insured 
by fire insurance companies. 

The Capacity of generators and motors is practically always determined by the 
temperature that their insulation will withstand continuously without injury. The 
tating of such machines is therefore more or less indefinite, but the American Institute 

- of Electrical Engineers prescribes in its Standardization Rules that, at rated load and 
with a room temperature not exceeding 40° C., the maximum rise in temperature 
above the room of any part of the insulation shall not exceed certain stipulated values 
for the various types of insulation in general use. These range from 55° to 85° C, 

It is obvious that since temperature is the usual limiting factor which 
determines the capacity and therefore the rating of a motor, ventilation 
has a great influence on the rating. Ordinary applications permit the 
use of motors designed to provide maximum ventilation (known as open-type) 
but there are many industrial applications where the motor must be screened 
or partly enclosed for mechanical protection (semi-enclosed type) or entirely 
enclosed on account of dust, etc. (totally-enclosed type). A semi-enclosed 
motor will have approximately three-quarters and a totally-enclosed motor 
approximately one-half of the capacity of an open-type motor of the same 

» weight. In other words, for the same load, semi-enclosed and totally-enclosed 
motors must be larger and therefore are more expensive than the open-type 
motors. 

Selection of Motors. (See discussion of alternating current motors under 
this caption.) Each application of an electric motor must be considered by 
itself with due regard to the many factors which govern the best selection of 
type and size for the particular application. In general, as in the application 
of other engineering equipment, the best choice is that which will result in the 
lowest total annual cost for the life desired. Too large a motor results in a 
high investment cost and, because of low efficiency, a high operating cost. 
On the other hand, too small a motor means.a high depreciation cost because 
of shortened life and a high maintenance cost because of repairs and frequent 
attention required. 

Among the many factors that must be considered are: 

(a) Character of Load. The torque and speed characteristics of the load 
dictate the class of motor best suited. Thus, series motors having a large 
starting torque which decreases as speed increases and are suited to railway, 
crane, hoisting and similar applications. Shunt motors are substantially 
constant-speed and are suitable for the great majority of ordinary applica- 
tions. Cumulative compound motors are most suitable for applications 
requiring heavy starting torque but also a more constant speed with varia- 
tions in load than the series motor such as elevators, large metal-working 
tools like power hammers, punch presses, etc. 

The character of the load as to fluctuation influences the size. If the load 
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is constant in magnitude, the rating of a motor which accurately fits the load 

is easily selected. If the load varies, the best selection will depend upon the 

load cycle, i.e., magnitude of the maximum load and its duration, the mag- 

nitude of the minimum load and its duration, regularity of the cycles, etc. 

Sparking at the brushes (with resulting rapid wear of commutator and 

brushes) maybe the limiting factor rather than temperature. In well 

designed standard motors this may be taken as about one-third above the 

normal rating. In other words with an intermittent load, the normal rating 

of the motor may be 75% of the maximum load provided the load cycle is 

such that the prescribed temperat
ure limit is not exceeded. Interpole motors 

can withstand higher overloads so that a still smaller rating can be used. 

In general, the manufacturer of the device, machine or apparatus to which 

a motor is to be applied can recommend 
the most suitable class, type and size 

of motor or at least furnish the power characteristic. In driving groups of 

machines or apparatus, the diversity of use should be considered, because 

this may mean a motor as small as only one-third the sum of the powers 

required by the individual units. However, allowance usually has to be made 

for line shafts, counter shafts, etc. In installations of any considerable size, 

it is always best, where at all possible, to determine the actual power require- 

ments by a test with a temporarily-installed motor. 

(b) General Conditions as to danger of foreign objects getting into the 

motor and prevalence of dust, moisture, gas, acid fumes, etc. Standard lines 

of motors are manufactured for each of these general conditions being desig- 

nated, for example, as dust-proof where an accumulation of dust will not 

interfere with successful operation, or dust-tight where dust is totally excluded, 

weather-proof, water-proof, gas-proof, gas-tight, etc. Obviously, the open- 

type motor being the cheapest, should be used if possible. 

(c) Ambient Temperature. Where the temperature of the surrounding 

air is generally higher than the standard at which motors are rated (40° C.) 

a motor must be used which has a higher normal rating than that correspond- 

ing to the load to be carried. An approximate allowance would be about 2% 

fncrease in rating for one degree Centigrade increase in temperature above 

40° C. In very high temperature situations a motor with so-called class ““B” 

Average Efficiency and Cost of Direct-current Generators 

and Motors 

Generators 
Motors 

cs Efficiency Cost, 5 Efficienc Cost 

Size, | at fullload,| dollars a at full toad, dollars 

Wwe per cent per kw. BD. per cent per hp. 

5 83 60 1 75 90 

10 85 45 2 80 70 

25 87 35 3 81 60 

50 89 25 5 82.5 50 

100 91 20 i) 84 45 

200 92 17 10 85 P 40 

500 93 15 15 86.5 35 

1000 94 14 20 87.5 30 

1500 95 13.5 50 90 25 

2000 95 13 100 91 20 
== yt eee 

For a standard starting rheostat, add for example about 10% for a 1-hp. motor and 

about 5% for a 100-hp. motor. 
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insulation (heat-resistant) or the ordinary type with forced ventilation should 
be considered. 
: Specifications for generators should state the class of service on which the machine 1s to operate; type of machine; kind of prime mover; and whether direct-connected or belted; kilowatt capacity; voltage; speed; allowable temperature rise of commu- tator, field, and armature under continuous operation at full load and two hours at 25% overload; that no sparking should occur at any load from no load to full load 
with brushes stationary; that the machine should carry50% overload two hours with- out injury or serious sparking; efficiency at 25, 50, 75, 100, and 125% loads; and 
change in voltage from no load to full load. Specifications for motors include similar 
clauses, except that speed regulation replaces voltage regulation. : 

Cost and Efficiency of generators and motors will vary with the type and conditions 
of use. In the table on p. 378 are given approximate figures for standard high-speed 
machines for ordinary service. 

The cost of motors and generators varies greatly with the speed. Standard slow- 
speed machines are 30 or 40% more expensive than standard high-speed machines of 
the same capacity. The efficiency falls off, with decrease in load, about 1% at 75% 
load, 2 to 3% at 50% load, and 7 to 15% at 25% load. 

5. Alternating-current Generators and Motors 
Alternating-current Generators, frequently called alternators, are essen- 

tially direct-current machines without commutators, the armature circuit 
being connected directly to the outside circuit. The connection between the 
armature and the outside circuit is not reversed every time the winding passes 
from a north pole to a south pole, and vice versa, as in a direct-current gener- 
ator. Thus an e. m. f. is produced at the machine terminals which rises from 
zero toa maximum yalue in one direction, decreases to zero, reverses, increases 
to a maximum in the other direction, and again decreases to zero in the time 
that the winding passes under one north pole and one south pole. Such a 
cyclic period is called a cycle, and the frequency of the current is the number 
of cycles per second. 

Types of Generators. The most common forms of alternating-current 

generators may be divided into two types. In the revolving-armature type, 
the armature is the moving member and the field is stationary, current being 
delivered to the circuit by means of brushes resting on the revolving collector 
rings. In the revolving-field type, the field is the moving member, while the 
armature is stationary. It is wound in the frame which surrounds the field. 

The revolving-armature type is confined to generators of less than 200 or 300 kw. 
capacity. The stationary-armature type permits the direct generation of potentials 
up to 15000 volts and higher, and the economical construction and operation of 
large capacity generators for a wide range of speeds, from that of the low-head water- 
wheel to that of the steam turbine. 

Windings. There are three kinds of alternators, based on the number of circuits in 
the armature. A single-phase generator has only one circuit in its armature and two 
terminals. In a two-phase generator there are two circuits which generate e.m.f.’s 
90 electrical degrees apart. When each circuit or phase is brought out separately there 
are four terminals, for connection to a two-phase four-wire circuit. Frequently, the 
two phases are connected to each other and to the middle one of three terminals, for 
connection to a two-phase three-wire circuit. In a three-phase generator there are 

three circuits or phases in which three e. m. f.’s 120 electrical degrees apart are gen- 
erated. These circuits are interconnected with either a delta or a star connection 
requiring three or four terminals respectively. 

The accompanying diagrams indicate the relation between the currents and voltages 
in these various forms of generators and the circuits to which they are ordinarily 
connected. I and.i ate the amperes per phase, and E and e the volts per phase in 
armature and circuit respectively. 
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Fig. 14. Two-phase, Four-wire Circuit Fig. 15. Two-phase, Three-wire Circuit 

Fig. 16. Three-phase, Three-wire Fig. 17. Three-phase, Four-wire Circuit, 

Circuit, Delta Connected Star Connected 

Field Excitation. Alternators are usually separately excited. Small ma- 

chines are sometimes provided with a commutator device by means of which 

sufficient current is rectified to excite the field. A common practice is to pro- 

vide a separate generator or exciter for each alternator. This machine is 

driven from the alternator shaft by a belt or by direct mechanical connection. 

In large stations, a source of excitation common to all the generators is often 

provided. u 

Efficiency and Cost. The following table gives average conservative figures for 

the efficiency and cost of polyphase alternators. The cost figures, in particular, are 

necessarily approximate. Slow-speed machines cost more than high-speed machines, 

and high-voltage more than low-voltage machines. Hence there may be a difference 

of at least 25% in the cost of generators of the same capacity. 

Efficiency and Cost of Polyphase Alternators 

Efficiency 
Size, 

50% load 75% load | 100% load 

* Ratings are in kilowatts at 0.8 power factor. The capacity at a power factor of 
1.0 is 25% greater. The power factor of commercial and industrial loads is nearer 
0.8, hence ratings on that basis are more in accord with usual practical conditions. 
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Types of Motors. There are two general types of alternating-current 
motors—the synchronous and the induction. The synchronous motor is 
essentially an alternator operated as a motor. It has to be brought up to 
synchronous speed (the speed at which it would run if operated as a generator 
at the line frequency) by external means before it can be connected to the 
line. It will operate only at synchronous speed. : 

Synchronous motors are used as a rule only in large sizes (200 hp. and over) and 
where it is not necessary to stop the machine frequently. Such cases are in substations 
where power is converted from one frequency to another or from alternating current 
to direct current, and in large factories. } 

Induction Motors are, theoretically, transformers in which the core and the 
secondary winding are free to move, and the force which the windings of a 
static transformer exert on 

each other is utilized to 2S 500 
produce mechanical power. 
When the rotating member 
(rotor) runs at synchronous 

speed, no magnetic flux 
from the stationary member 
(stator), which is connected 

to the line, cuts the con- 
ductors, and hence no 
torque is exerted. When 
a load is applied to the 
motor, the speed falls below 
synchronism (called slip), 

and a current is induced in 
the rotor conductors which 

will produce the necessary 0 100 200 300 
torque to carry the load. Per cent of Full load torque 

speed 

coo So Ts Oo = 

se) S i=) 

— > Ss 
Per cent of Full load current 

Per cent of Synchronous 

rm So 

Fig. 18 shows the character- Fig. 18 
istic relation between speed ‘ : 
and torque, also between current and torque, of a polyphase induction motor. 

Polyphase Induction Motors (both two- and three-phases) are the most commonly 
used type. Their characteristics are similar to those of the shunt motor, in that they 
have a comparatively low starting torque and operate at approximately constant 
speed. Polyphase motors are built in all sizes from fan motors to 1000 hp. and over, 
and are used for all power purposes. There are two forms—the squirrel cage in 
which the winding of the rotor consists of heavy copper bars short-circuited on each 
other, and with no external connections; and the slip-ring form, in which the rotor 
has a regular polyphase distributed winding, into the phases of which an external 

variable resistance is connected through collector rings on the shaft. | The slip-ring 

form has a larger torque at starting than the squirrel-cage form, but its efficiency is 

somewhat lower. When induction motors are overloaded a certain definite amount 
they will stop. This load is called the maximum torque, or “stalling” load and is 

two or three times normal load. 

Single-phase Induction Motors are infrequently used (and then only in small 

sizes) because special devices are necessaty to make them self-starting. They are 

mere expensive and less efficient than polyphase motors and they unbalance the supply 

system, which is usually polyphase. 

The Series Alternating-current Motor is essentially a direct-current series 

motor with certain modifications which are necessary for operation on alter- 

nating current. It is a single-phase motor and is used in traction work where 

variable speed and variable torque are required. The repulsion motor is one 

of several forms of the series alternating-current motor. 
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Operating Data and Cost. In the following table are given approximate 

average values for the slip, power factor, efficiency, and cost of standard 

* 60-cycle polyphase motors of the squirrel-cage type. » The efficiency and cost 

of 25-cycle motors are slightly higher. As with all rotating electrical appa- 

ratus, the cost ‘varies greatly with the speed—as much as 50% in some cases. 

Polyphase Induction Motor Data 
(Squirrel-cage type) 

Standard Slip, Power factor, Efficiency, |Cost, dollars 
sizes, hp. per cent per cent per cent per hp. 

10 80 
8 85 
6 88 
6 89 
55) 90 
4.5 90 

se 90 
3.0 91 
3.0 a 

Starting. If an induction motor is connected directly to the line when starting it 
will take a current two to four times the normal full-load running current. To avoid 
the disturbance which this produces in the system, it is customary to start at a reduced 
voltage. This is obtained by means of a compensator, a single-winding transformer 
with several taps on it to which the motor is successively connected. The slip-ring 
type is started with full-line voltage on the motor but with resistance in the rotor 
circuits. This resistance is gradually cut out as the motor speed increases. 

Speed Variation. The inherent characteristics of induction motors are such that 
the speed is practically constant at a value depending on the frequency and the 
number of poles in the stator winding. Certain fixed changes in speed are sometimes 
obtained by providing a special winding by means of which the number of poles can, 
be changed. Change in speed may also be obtained with a variable resistance in the 
rotor circuits of a slip-ring motor, but the efficiency is materially decreased. 

Rating. Alternating-current apparatus, like direct-current apparatus, is rated on 
the basis of the load which it will carry without overheating. In alternators, this 
rating is the output in kilovolt-amperes, and in motors it is horsepower. The recom- 
mendations of the American Institute of Electrical Engineers for the limiting tem- 
perature rise above a room temperature not exceeding 40° C., vary from 55° C. to. 
85° C., depending upon the class of insulation used. 

The discussion of the capacity of direct-current motors (p. 377) applies 
also to alternating-current motors. 

Selection of Motors. The discussion of selection of direct-current motors 
(p. 377) applies also to alternating-current motors. 

Induction motors of the squirrel-cage type have essentially constant speed 

much like shunt-type direct-current motors and like them are the most gener- 
ally used type of alternating-current motor. Where higher starting torques 
and variable speeds are required as with elevators, cranes, etc., the slip-ring 
type is more suitable. Synchronous motors are preferable only in large sizes 
where constant speed is required. 

As far as surrounding conditions such as dust, dampness, fumes, etc., are 
concerned, it is obvious that the induction motor of the-squirrel-cage type is 
applicable to a much wider range of conditions than direct-current motors 
because of the absence of the commutator and sparking. The open-type is 
therefore very generally used with perhaps special treatment of the insulation 
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- for conditions where moisture, acid fumes, oil, etc., are present in unusual 
amounts. : 

Specifications for alternators should include, in addition to a description of the 
type of machine desired and the class of service in which it is to be used, certain per- 
formance requirements as follows: Efficiency at various loads from 50% to 125% 
normal load; voltage regulation (per cent rise in voltage when the load is reduced 
from normal value to zero) at 100% and 80% power factor; maximum voltage required 
to excite the field with 125% normal load at 80% power factor; temperature rise of 
the various parts after continuous operation at full load and 25% overload; ability 
to withstand 50% overload for one hour without injury; and ability to withstand 
running at 100% overspeed without injury. Specifications for induction motors should 
include: description of type of motor desired; purpose for which they are to be used; 
efficiency; power factor and slip at various loads up to 25% overload; maximum 
torque a* starting when connected directly to the line; maximum current required 
when starting; maximum torque and maximum load which motor will carry without 
stopping; temperature rise after continuous operation at full load and after two 
hours at 25% overload; and ability to carry 50% overload one hour without injury. 

6. Power Plants 

The term Central Station usually refers to a plant operating under a fran- 
chise for the manufacture and sale of electricity to the general public. It is 
therefore a semipublic enterprise as distinguished from a private plant, in 
which electricity is generated for private purposes. Central stations vary in 
size from 50-kw. plants in small villages to the large stations in New York and 
Chicago of several hundred thousand kilowatts capacity. Private plants 
range from single-unit plants for small office buildings and industrial establish- 
ments to the large traction and industrial plants of over 50 000 kw. capacity. 

Location. The location of hydraulic plants is obviously at the source of 
water power. Many conditions govern the location of a steam-driven central 
station. The more important are: kind of service to be rendered, whether 
alternating or direct current; concentrated or scattered area of distribution; 
size of plant; coast of real estate; and transportation facilities. Large steam 
plants must be located where an ample supply of condensing water is avail- 
able (100 to 500 gal. per kw-hr. required). Where a waterway is not available, 
cheap land, railroad facilities, and water free from scale-forming impurities 
are the more important considerations. On the other hand, it might be more 

economical for a smaller plant to be located as near the center of distribution 

as possible, regardless of other disadvantages. Gas-driven plants are usually 

private plants, and hence are located on the same premises as the. load. 

Private plants in buildings primarily used for other purposes should be located 

with due regard to the following points: effect of vibration and noise, venti- 

lating facilities, facilities for handling coal and ashes, value of the space for 

other purposes, and coal storage facilities. 

Prime Movers. The prime movers in common use for electric power gener- 

ation are reciprocating steam engines, high- and low-pressure steam turbines, 

internal-combustion engines, and hydraulic turbines. 

The Reciprocating Steam Engine is the most commonly used small and moderate 

size steam-driven prime mover. The principal types used for electric power generation 

are the simple and compound high-speed engines. Small single-cylinder engines 

receive steam at 75 to 100 Ib. pressure per sq. in., and exhaust it at about atmospheric 
pressure. . Larger engines operate condensing; receiving steam at 100 to 200 Ib. 

pressure and discharging it into a vacuum at 2 to 4 Ib. absolute pressure. 

Steam Turbines are rapidly superseding reciprocating engines above a few hundred 
horsepower because they are simpler, occupy much less space, cost less per kilowatt, 
are more efficient, can be used with steam at higher pressures and with a much higher 
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degree of superheat than is permissible with reciprocating engines, and can be built 

in much larger units—machines up to 159 000 kw. capacity are now in daily operation. 

Furthermore, high-speed generators, which are cheaper than low-speed generators, 

can be used. 
Low-pressure turbines receive steam at about atmospheric pressure and discharge 

itinto a vacuum. A much greater percentage of the energy in steam below atmospheric 

pressure can be utilized in a turbine than in the low-pressure cylinder of a reciprocating 

engine. The capacity of existing plants using condensing engines can be increased 

10 to 30% by exhausting from the engines at atmospheric pressure into low-pressure 

turbines. This additional capacity is obtained without additional fuel consumption. 

At the same time the range of loads at which maximum economy is obtained is greatly 

increased. 

Internal-Combustion Engines are operated with natural, illuminating, producer, 

and blast-furnace gases, with crude petroleum, kerosene oil and with gasoline. Where 

liquid fuels are used, an auxiliary device vaporizes the liquid before it is admitted to 

the cylinders. This very efficient class of prime movers has been handicapped for 

electric power plant work because of non-uniform angular velocity, unreliability of 

operation, limited overload capacity, and high maintenance cost. These faults are * 

rapidly being overcome and gas engines are being used quite extensively, particularly 

where very cheap fuel is available, such as the waste gases from blast furnaces. Engines 

of several thousand horsepower are in successful operation on this fuel. The therma! 

efficiency of the gas engine is from 20 to 30% and is the highest of all heat engines. 
The cost of power is therefore very low even in small sizes, especially in connection with 
producer-gas plants, where cheap grades of coal can be utilized. 

Hydraulic Turbines in power plants where the head is less than 150 ft. are usually 
of the pressure type. The turbines in the older plants are of the vertical type, but the 
lower cost and more reliable operation of horizontal generators has led to the general 
use of horizontal turbines. Where the head is high the impulse type of turbine is used. 

Approximate Steam and Fuel Consumption of Prime Movers 

Pounds of 
steam per 
kw-hr. 

Pounds of coal 
per kw-hr. 

Steam Reciprocating Engines: 
Simple, non-condensing, 25 to 200 hp........ 100 to 40 25 to 8 

High-speed, automatic, compound, condensing, 
200)40 TO0GAAD? Slaac-anat? eesti avetaue don 60 to 30 8 to § 

Simple, Corliss, condensing, 150 to 500 hp.....] 40 to 25 6 to 4 
Compound, Corliss, condensing, 500 to 5000 hp.} 30 to 18 4 to 2 
Compound and triple, four-cylinder, condens- 

Ang. -2 000 to 10-000 NPs. =. Serer ee 

Steam Turbines, high pressure: ’ 
20 to 15 2°Bt0 EUS 

Non-condensing, 10 to SO kw. ..... 2.2.20... 75 to 50 10 to 6 
Condensing, 100 to 500 kw... 2... ....- 5.00 30 to 15 4 to 2 
Condensing, 1 000 to 5 000 kw.............- 15 to 13 1 1 

Condensing, 5 000 to 50 000 kw...........-. 13 to 10 1 1 
Steam Turbines, low pressure, combined with 

reciprocating engines: 
One 1000-kw. engine with one turbine....... 
8000-kw. engine plant with one turbine..... t 
One 7500-kw. engine with one turbine....... 

Gas Engines: 
Natural 22S, SO; COcZOM HDi. os.craus is eieseeeenel se 
Producer -gas, 50 to. 2D HD.* 4... sew ccrscsece ls 3.0 to 2.0 
Wluminating. gas, 10\to 75 Dp ous ccsiesscceis oie [aes Henva|| S0 0 etOwo Curate 
Gasoline, 10 to 75 hp......... tol ctote ssars Gisinistosd aie Saini areca Oconee ecu ce 

Oil Engines: 
100 to" SOO°HP O88 FUANS SEN BOOM OL RG eT ER IIR 2 1.5 to 1.0 1b. oil 

* Complete plant 

18 
12 
10 

29 (OTS (Cllekts 
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Boilers for the production of steam are built in several different types, the 
most commonly used for power-plant purposes being the water-tube and fire- 
tube. The water-tube boiler is the safest, most efficient, and can be operated 
at the highest pressure. The small fire-tube boiler is cheaper and easier to 
operate than the small water-tube boiler, and hence is preferable for small 
plants. Boilers are arranged to reduce the piping to a minimum and make 
firing as convenient as possible. They are usually placed side by side in one 
row or in two rows facing each other. All are piped to a common pipe or 

header, but in such a way that each boiler and group of boilers can be cut off 

by conveniently located valves. a 

Rating. Boilers are rated in horsepower, an arbitrary unit equal to the evaporation 

of 34.5 Ib. of water per hour from water at 212° F. tosteamat 212° F. Boilers properly 

rated should develop their rated horsepower when fired by an ordinary fireman and 

with ordinary steam coal but boilers in modern power plants are regularly operated 

at two to four times their rating. 

Steam Piping should be well lagged and free from pockets where condensed steam 

can collect. All valves should be easily accessible. The following table gives the 

approximate size of piping required to deliver any quantity of steam at any distance 

from the boiler. This table is based on Babcock’s formula, which is as follows: 

36 \ M°L 

d / Dd® 

where » = difference in pressure between the two ends of the pipe, pounds per 

square inch; 

d = internal diameter of pipe, inches; 
M = amount of steam, pounds per minute; 

L = length of pipe, feet; 
D = mean density of steam, pounds per cubic foot. 

p = 00001321 (: Sig 

It is to be noted that authorities do not agree on what is the correct formula for 

steam flow so that for exact calculations reference should be made to the more exten- 

sive discussions of the subject in Lucke’s “ Engineering Thermodynamics,”’ Marks’ 

“ Mechanical Engineer’s Handbook ” (p. 360), etc. 

Flow of Steam through Pipes (Babcock) 

Pounds per minute with 1 Ib. loss of pressure 

eae Diameter of pipe, inches. Length, 240 diameters 

pressure, 

lb. per 

sq. in. 1-1/2 6 8 10 

’ 

50 4. 72 .8 | 226.0 | 412.2 | 665.0 

60 4. 79 .1 | 241.5 | 440.5 | 710.6 

70 4, .6 .7.| 255.8 | 466.5 °| 752.7 

80 4. aS ,5 | 269.0 | 490.7 | 791.7 

90 Se 9 .8 |. 281.4 | 513.3) 828.1 

100 5. i .6-| 293.1.} 534.6 | 862.6 

120 hy .5 19-1 31A.5. | S735T 19256 

150 6. .0 .8.| 343.0 | 625.5 |1009.2 

For any other loss of pressure, multiply by the square root of the proposed loss. 

For any other length of pipe, divide 240 by the given length expressed in diameters, 

and multiply the table figures by the square root of this quotient to get the flow for 

one pound loss of pressure. 

The resistance due to steam entering pipe = 60 diameters additional length; to a 

globe valve = 60: to an elbow = 40, or two-thirds of a globe valve. 
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Furnaces are designed for the particular class of fuel to be used. The object of a 

furnace is to transfer the heat in the fuel to the water in the boiler with the least loss; 

hence there is a certain kind of grate and arrangement of fire-walls, bafiles, flues, etc., 

best suited for each fuel, i.e., lump coal, powdered coal, fuel oil or gas. The average 

grate surface provided per boiler horsepower is about 1/4 to 1/2 sq. ft. Furnaces for 

oil, gas fuel, and powdered coal are the same as coal-burning furnaces, except that 

special burners are substituted for grates. 

Great progress has recently been made in improving furnace efficiencies through the 

use of water-cooled walls, preheated air, higher combustion temperatures, etc. 

Combustion. The sources of inefficiency in a furnace are radiation and conduction 

losses, coal passing through the grates unburnt (in lump coal furnaces), and incomplete 

combustion. ‘The unburnt coal in the ashes should not exceed 2 or 3%. Complete 

combustion means that the carbon—the source of heat in the fuel—is completely oxi- 

dized to carbon dioxide. If oxidized only to the monoxide, about two-thirds of the. 

available heat is wasted. . Incomplete combustion is usually caused by insufficient 

air supply. Too much air, on the other hand, not only lowers the temperature of the 

furnace but absorbs heat which is carried up the chimney. Frequent analysis of the 

flue gases and ash is necessary to insure that the furnace is being properly operated. 

Draft. Air is supplied to the furnaces by natural draft through chimneys or by 

forced draft, Natural draft is more commonly used and various formulas have been 

developed to express the relation between the internal area and height of chimney 

required per horsepower of boilers. Kent’s formula, based on the rather liberal 

allowance of 5 lb. of coal per boiler hp., is HP= 3.33 (A— 0.6 1/A)H, where HP= 

horsepower of boiler plant, A = inside area in square feet, and H = height in feet. 

Self-supporting steel chimneys cost about one-third as much as brick chimneys, and 

are therefore replacing brick for plants of 100-hp. capacity and less. Forced draft, 

either by pressure in the ash pit made air-tight or by suction in the flues, is used to a 

considerable extent in large power plants. The maximum capacity of the plant can 

be greatly increased with forced draft, and greater economy, under fluctuating load 

conditions, is obtained. 

Mechanical Stokers are devices for automatically carrying the coal under the 

boilers, properly burning it, and depositing the ashes in the ash pit. The principal 

forms are the rocking grate, endless chain grate, and the screw feed. The many 

advantages in large plants include economy in labor, economy in fuel because cheaper 

fuels may be used, and more uniform fires. Their use is not advisable in comparatively 

small plants where the total load varies through wide ranges, hand firing under such 

conditions being more flexible and economical. 

Approximate Cost and Heating Value of Fuels (1928)* 

Fuel Cost, dollars B.t.u. Rep 

Anthracite (rice size)........ §.50 per ton 13 000 per Ib. 4 750 000 
Bituminous: (6 . .0 Mee Be 4.00 per ton 14 000 per lb. 7 000.000 
Ofc) < MRR a oe EAL CS A 8.00 per ton 13 100 per lb. 3 300 000 
Wood, hard, dry............ 15.00 per cord 6 250 per lb. 1 850 000 
Crude petroleum..........-. 0.03 per gal. 19 000 per lb. 4 700.000 
Ketosene. (£22 0. diiteny 8.08 0.15 per gal. 17 000 per Ib. 880 000 
Illuminating gas........000% 1.25 per M.cu. ft. 750 per cu. ft. 600 000 
Natural gas ar. . eaao Oe 0.35 per M. cu. ft. 1 000 per cu. ft. | 2 900 000 

BLO S|. ARR SERRE 0.20 per gal. 18 000 per lb. 475 000 

* Prices are obviously greatly affected by market conditions, distance from source 
of supply, quantities purchased, etc. 

Generators. The type of generator used in a power plant varies with the con- 
ditions. Where the load is concentrated, near at hand, and mixed lighting and 
power, direct-current generators are used. Since, however, the cost of power 
production decreases with the size of the units and the size of the plant, the 

— om 
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trend of modern engineering is toward the concentration of power production 
in large stations with large alternating-current generator units (single units of 
over 150 000 kw. capacity of the compound type are in service), the power be- 
ing distributed at high tension to distributing centers called substations. The 
selection of the size and number of units for a plant requires careful consider- 
ation. Both prime movers and generators decrease rapidly in efficiency below 
50 or 60% load, hence the sizes should be such that those in use will always 
be well loaded. There should be enough units to carry the maximum load, 
with one as a reserve. For example, a 200-kw. plant ought to have three 
100-kw. units, a 600-kw. plant four 200-kw. units, and a 1000-kw. plant thrée 
500-kw. units. whe 

The Foundations for all apparatus should be separate from that of the 
building. They should be of ample dimensions and never less than those 
recommended by the manufacturer. Direct-connected generators, motor 
generators, and rotary converters, although self-contained, should have sub- 
stantial foundations in order to reduce the vibration and consequent wear on 

the bearings and insulation. Concrete foundations are the best and cheapest: 

they will safely carry loads of 7500 Ib. per sq. ft. The safe bearing loads of 

various soils are as follows: clay 4000 lb., coarse gravel and sand 2500 to 

3500 Ib., rock 10 000 to 30 000 Ib. 

Switchboards are designed to provide not only independent, easy and quick 

control of each generator, exciter, and feeder, but to show by means of instru- 

ments mounted on them the amount and character of the load. They are made 

up in panels of slate, marble, and artificial stone placed side by side, one panel 

for each machine and feeder. The board is usually installed along one side 

of the generator room with ample space in the front and rear. In low-tension 

alternating-current and direct-current plants, all circuits are brought to the 

switches and instruments on the board. Buses or heavy copper bars are 

mounted on the back of the board (often in duplicate) and connected to the 

various panels so that any number of generators and feeders may be connected 

in parallel. The circuits of high-tension plants are not brought to the switch- 

board but are controlled by switches under oil which are operated mechanically 

or electrically from the switchboard, the instruments being connected in the 

secondary circuits of instrument transformers. 

The very large modern stations generate high-tension alternating current 

and all generators and feeders are controlled from a miniature remote-control 

switchboard. The main switches are operated by motors controlled by small 

switches on this control board. One operator can thus handle all of the out- 

going power of a very large plant. 

Direct-current generator and feeder panels are usually provided with knife 

switches, an automatic overload circuit breaker, a voltmeter and ammeter. 

Low-tension alternating-current panels are similarly equipped, with the addi- 

tion of a wattmeter and a power-factor meter. 

Cost of Power Plants. The cost of power plants depends upon location, type of 

plant, class of service, size, etc. Hydraulic plants formerly, on the whole, cost less 

than steam plants, but now the reverse is generally the case because the after-war 

ked improvements in efficiency and 
increase in costs has been compensated by mar : x 

economy of steam plants, whereas no such improvement has been made in hydraulic 

power machinery. The average investment per kilowatt of hydraulic plant will range 

from $125 to $250 per kilowatt, but some plants cost $400 per kilowatt. This is di- 

vided, in a typical case, about as follows: hydraulic works 60%, wheels and fittings 

12%, building 5%, generators, exciters, and switchboard 15%, 4nd step-up trans- 

formers 10%. Steam plants cost from $75 to $125 per kilowatt, and an average ap- 

proximate division of the cost is: boilers and piping 15%, engines and condensers 25 %, 
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The following distribution of items which make up the cost of power in various kinds 

of plants was made by H. G. Stott (Power-Plant Economies, vol. xxv, Trans. 

A.I.E.E., 1906). This analysis was prepared nearly 25 years ago and obviously 

does not accurately apply to present day conditions. No more recent figures are 

available, but these are retained because they give a general “ picture” of the relative 

distribution of power costs. 

Relative Cost of Power 

| heaiecesi 
cating 

* Gas 
engines | 

Recipro- | engines Gas- 

cating |. -e0e™ and engine | | and 

engines turbines | steam plants steam 
turbines turbines 

|___combinea combined 

i ee ee a Pe | ee 

Maintenance: 

1. Engine,room, mechanical) 2. 57 0.51 1.54 

2. Boiler room or producer 

TOOM 2 epee soe game © 4.61 4.30 J. 52 

3. Coal- and ash-handling 

apparatus.......--+-- 0.58 0.54 0.44 

4. Electrical apparatus... . 1222 1.12 1.12 

Operation: 
5. Coal- and ash-handling 

Pabor FPR ak 2.26 2A 1.74 

6. Removal of ashes...... 1.06 0.94 - 0.80 

7. Dock rental. ......55.. 0.74 0.74 0.74 

8. Boiler-room labor.....- p EES 6.68 5.46 

9. Boiler-room oil, waste, 

CECui ts Bia selene ark sarees 0.17 0.17 0.17 

TORCOAmokys cere Sak pes oe 61.30 57.30 46.87 

WLS Water iis oii ele ais 7.14 0.71 5.46 

12. Engine-room, mechanical 

labors N10 AWS eG ore 6.71 1.35 4.03 

13; Lubrication. .....3.+-5 1.77 0.35 1.01 

14. Waste, etc... neces erent 0.30 0.30 0.30 

15. Electrical labor........ 2.02 2.52 Zoos 

Relative cost of mainte- 

nance and operation.| 100.00 79.64 75.72 

Relative investment... ..| 100.00 82.50 | .77.00 

* A proposed combination where the exhaust gases from the gas engine would be 

used to generate low-pressure steam for low-pressure turbines. Both of these ma- 

chines have a high efficiency and each would be used under the most favorable 

conditions. . 

pumps and other auxiliaries 5%, generators and switchboard 29%, building, founda- 

tions, and smoke-stack 25%, coal-handling plant 5%, and engineering 5%. 

The cost of Producing Energy depends upon a great many factors, principa] among 

which are the kind and size of plant, the cost of fuel, labor, and supplies, and the load 

factor. In hydraulic plants it will range from 0.4 to 1.0 cent per kilowatt-hour 

delivered to the transmission line. An average division of cost will be about as follows: 

interest, taxes and depreciation 65 %: labor 15%; maintenance and supplies 20%. 

The average cost per kilowatt-hour at the bus-bars in steam plants may be taken at 

about 3 cents for 250-kw. plants, 1.75 cents for 500-kw. plants, 1.5 cents for 1000-kw. 

plants, and 1.25 for 2000-kw. plants: Very large plants of 50000 kw. and over 

probably produce .power for less than 0.5 cent per kilowatt-hour. The cost in gas- 

engine plants will be less than in steam plants of the same size. This is particularly 

true of the smaller sizes. Producer-gas plants of 400 or 500 kw. can produce energy 

at a cost of 1 cent per kilowatt-hour. 
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¥. Transmission of Power 

Losses of Electrical Power occur in transmission, the principal one of which 

is that due to the resistance of the conductors. The amount of loss which 

may be economically allowed will depend upon several factors such as cost of 

producing the power, the line investment, size of the load, load factor and the 

value of the power at the point of delivery. Much greater losses may be 

allowable and much larger distances coyered under certain conditions that 

would be financially permissible under others. 

When current flows through a conductor, a loss occurs which is equal to the.product 

of the current and the fall in potential between the ends of the conductor. From Ohm’s 

law it follows that with a given percentage loss the distance that power may be trans- 

mitted will be proportional to the square of the voltage. High-voltage direct current 

js not commercially practicable, for although a moderately high voltage may be pro- 

duced by connecting generators in series, it cannot be readily reduced to low voltage 

for general distribution. On the other hand, alternating current can be transformed 

from low to very high voltage and vice versa with very simple and efficient apparatus 

called transformers. 

It is now standard practice in large concentrated systems to generate all of 

the power in one station and transmit it (usually underground) at 2200 to 

25 000 volts to various sub-stations from which it is distributed at low poten- 

tials. The distance in such cases is, however, comparatively short.. Where 

the electricity is generated by water power, it is usually necessary to transmit 

long distances to reach a sufficiently large market. In such systems it is cus- 

tomary to generate at 2200 to 15 000 volts and transform to 6600 to 220000 

volts, depending upon the distance. About 220000 volts is at present the 

highest voltage in commercial use and about 500 miles the greatest distance 

of transmission. 

Transformers are essentially large induction coils without interrupters. 

Two coils are wound on a common core built up of laminated steel. They are 

thoroughly insulated from the core and from each other with varnished cam- 

bric and similar materials. When alternating voltage is applied to one coil, the 

primary winding, an alternating flux is produced in the core. This flux 

induces an e. m. f. in the other coil, the secondary winding. The ratio of the 

voltages will be practically the same as the ratio of the number of turns of 

wire in the two coils. 

Classification. Transformers may be classified according to their application, 

whether for power purposes or for use with instruments. Power transformers may be 

either constant potential or constant current. The constant-potential transformer is 

the most usual form and is used for all general power transmission at constant potential. 

Power from two-phase generators is transmitted with two transformers, one in each 

phase. Power from three-phase generators is transmitted with three transformers 

connected delta or star and with three-phase transformers in which three transformers 

are combined by placing three sets of windings on three parts of a common magnetic 

circuit. The three-phase transformer is cheaper than three single transformers, but 

the latter method is more flexible and permits operation with only two transformers 

if one burns out. Constant current transformers convert power from low-voltage 

constant potential to constant current at variable high voltage. They are used for 

series lighting systems. Instrument transformers are used only to insulate instru- 

ments from the line and have only 10 to 200 watts power capacity. Voltage trans- 

formers are connected to voltmeters and wattmeters. They transform the high voltage 

of the line to about 110 volts. Current transformers are connected to ammeters and 

wattmeters. They insulate. the instrument from the line, and also transform the 

current to a small value, usually 5 amperes. 
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Rating. The capacity of transformers is determined by the maximum temperature 
reached in operation. This is fixed at values which will not cause deterioration of the 
insulating materials. The American Institute of Electrical Engineers recommends a 
temperature limit corresponding to 55° to 85° C. rise above a standard room temper- 
ature of not exceeding 40° C. after continuous operation, the limit of permissible rise 
depending upon the class of insulation employed. Various methods are used to 
dissipate the heat and thus increase the capacity. In self-cooled transformers the 

case is filled with oil. The oil, in addition to increasing the insulation, carries the heat 
by natural circulation from the core and coils to the sides of the tanks, from which it 
is dissipated by radiatior. and.convection. .The surface of the tank is made as large 
as possible by corri'gating and by the addition of external pipes or-reseryoirs connected 
to the tank at the top and bottom. The water-cooled type is the same as the oil- 
cooled type, with the addition of coils of pipe at the top through which water flows 
and carries off the heat. Transformers up to 500 or 600 kw. capacity are usually self- 
cooled; larger transformers may be cither self-cooled or water-cooled. 

Losses and Efficiency. The losses in transformers are of two kinds: Copper loss 
is due to the resistance of the windings and varies with the square of the load. The 
core loss is due to the rapid reversal of the magnetic flux in the steel core and is con- 
stant at all loads. In well-designed transformers these losses are about equal, except 
in distribution transformers (50 kw. and under) where the iron loss is usually not over 
half the copper loss. The iron loss in a transformer is constant irrespective of the load 
and consequently is made a smaller proportion in distribution transformers for light 
and power (see Art. 8) where the load is on only a few hours a day but the iron loss 
is constant for 24 hours. In other words, the “ all-day ” efficiency becomes more 
important. The efficiency of transformers is comparatively high, as indicated by the 
following table: 

Efficiency of Power Transformers 

Per cent of normal load 
Size, kw. 

125 100 75 | 50 25 

5 95 95.5 96 95.5 eee 

50 97 97.5 98 98.0 | 97.25 

100 97.5 98.0 98.25 98.25 97.5 

500 97.75 98.25 98.5 98.25 97.5 

1000 98.25 98.75 99.0 98.75 98.0 

3000 98.5 99.0 99.25 99.25 98.5 

5000 98.5 99.0 99.25 99.25 98.5 

These are approximate average values for three-phase, 2200-volt distribution trans- 
formers up to 500 kw. and single-phase, 44 000-volt transmission transformers over 
500 kw. The efliciency is slightly lower for 25 cycles than for 60 cycles. Also the 
efficiency is lower for high voltages than for low voltages. 

Regulation. With a constant primary voltage, the secondary voltage of a trans- 
former will increase as the load decreases due to the resistance and inductance of the 
windings. The ratio of this increase to the voltage at full load is the regulation of 
the transformer. In designing, the aim is to keep the regulation as small and the 
efficiency as high as possible. The regulation at 100% power factor of well-designed 
transformers will range from 3% for a 5-kw. transformer to 1.5% for a 1000-kw. It 
will increase very rapidly as the power factor decreases. 

Specifications usually include the following: purpose for which the transformer is 
to be used, capacity, voltage, kind of cooling, efficiency at various 100% power-factor 
loads, regulation at 100% and 80% power factor, temperature after continuous opera- 
tion at full load and after 2 hours at 25% overload, high-potential test of insulation at 
erie normal voltage and an over-potential test by operating at double voltage for 
minutes. : ; { 
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bal Cost. The cost of transformers of a given rating will depend upon the high-tension 
voitage, the frequency and the method of cooling. For example, the approximate cost 
of 5-kw., 2200-volt distribution transformers is of the order of $15 per kw. but for 
22 000 volts the cost is $50 or $60. The cost of a 5000-kw. water-cooled, three-phase 
transformer will vary from about $1.50 per kw. at 22 000 volts to the order of $2.00 
at 66000 volts. Self-cooled transformers cost 25 to 50% more than water-cooled. 
Sixty-cycle transformers are slightly cheaper than 25-cycle. 

The Transmission Line is the weakest part of a transmission system, and 
therefore, where continuity of service is at all important, requires great care 
in designing. It is essential to have ample insulation under all weather con- 
ditions; ample factor of safety in poles, conductors and insulators under all 

temperature, wind, and sleet conditions; effective protection against lightning. 

Moderate voltage lines are run on wood poles with wood cross-arms. They are set 
100 to 200 ft. apart and the conductors are carried on rigid porcelain pin-type insula- 
tors. High-voltage lines, also important heavily loaded moderate voltage lines, are 
carried on towers built up of steel shapes throughout and set 400 to 800 ft. apart. The 
conductors are suspended from the cross-arms by insulators made up of 3 to.12 or 15 
porcelain disks fastened together with flexible joints. On large systems these towers 
are either rectangular, square, or triangular in shape and are very substantially built. 

The base will occupy a space 10 to 15 ft. square, the height will vary from 40 to 60 ft., 

and they will withstand loads of 10 000 to 15 000 lb., applied at the top of the tower. 

A two-legged flexible steel tower is being extensively used on transmission lines where 

a low investment charge is essential. 
A very high voltage transmission line is usually run over a private right-of-way 50 to 

100 ft. wide with all tall and dead trees cut away on each side. To guard against 

complete shut-down due to an accident to the line, large systems are frequently pro; 

vided with a duplicate line. This line may be run beside the other, but is preferably 

run through a different part of the country so that both lines would not ordinarily 

be subjected to a lightning storm at the same time. 

The kind of material to be used for the conductors depends upon various 

factors such as topography (rough country may require some long spans 

where the strength of the conductors would be unusually important), climate 

(excessive wind and sleet storms would require high-strength conductors), 

importance of continuity of service, length of line and the economics of the 

proposition. Copper, aluminum, steel, iron, and copper-clad steel are used, 

but hard-drawn copper is by far the most generally employed. 

Size of Conductor. The size of the conductors will depend upon many conditions 

including most economical energy loss, load factor, character of the installation (that 

is, whether temporary or permanent), strength required and voltage regulation neces- 

- sary. With very high voltage, especially at high altitudes, loss due to corona (which 

is greater with smaller conductors) must also be considered. So far as the energy loss 

is concerned, Lord Kelvin propounded the law that “the most economical area of 

conductor will bethat for which the annual interest on capital outley equals the annual 

cost of energy wasted.” 

Line Drop, Efficiency and Regulation. The line drop is the difference between 

the voltage at the sending end of the line and that at the receiver end under prescribed 

load conditions. It will depend upon the resistance and reactance of the line. The 

line efficiency is the ratio of the power delivered by the line (that is, receiver load) to 

the power input at the sending end under prescribed conditions at the receiver end. 

Line regulation is the change in voltage at the receiver end where the prescribed load 

changes from no load to full load, voltage being maintained constant at the generator 

or sending end. It will depend upon, in addition to the resistance, the inductive reac- 

tance and capacitance reactance, which will vary with the frequency, and with the 

size and spacing of the conductors. 

For calculations of these quantities for long lines and very high voltages, reference 

shouldbe: made to the numerous reference books on the subject. The following 

formulas will, however, be approximately correct for short lines of moderate voltage 

where capacitance reactance and capacitance current is negligible. Es = voltage, 
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sending end; Er = voltage, receiver end; @ = angle of lag between current and 
voltage, receiver end; J = current in one conductor in amperes; R = total resistance 
of one conductor in ohms, x = total reactance of one conductor in ohms. 

E, = \/;e0s 0 FIR) + Grain d + 1X) (volts) 
Line drop = Es — Er (volts) 

Es — Er 
Regulation = Tey X 100 (%) 

Power, receiver end = ErI cos 6 (kw.) 

Power, sending end = ErI cos @ + IR (kw.) 

Er cos é@ + IR 
Power factor, sending end = worse X 100 (%) 

Er I cos 6 
Efficiency “3 xX 100 (%) 

- ErIcos#+PR 
In application, itris more convenient to use conductor-to-neutral rather than con- 

ductor-to-conductor voltage and the power in one wire only, converting back again 
in the final results. Ina single-phase circuit this means 1/2 line voltage and 1/2 total 

ee «gf 
power respectively, and in three-phase circuits, —— line voltage and 1/3 power respec- 

3 

tively. Resistance and reactance tables will be found in various handbooks. 

Conductor Spacings are fixed by experience, but for moderate voltages the distance 
between conductors in inches may be made 20+ voltage in kilovolts between conduc- 
tors. 

Conductor Stresses. The general formula usually applied to the spans assumes 
that the conductor takes the shape of a parabolic curve. It is ordinarily approximately 
true. This formula is ; 

T L’w 

8d 

where T = total tension at center of span in pounds; 
I = distance between supports (assumed same height) in feet; 
w = weight of conductor in pounds per foot; 
d = sag at center of span in feet. 

The tension at the point of support is: 

T =T+4+ wd. 
The length of the conductor between supports is approximately 

8 D? 
bra F " 

rt 3L 
The important factor of added load due to wind, sleet, snow and temperature changes 

depends of course upon the climate, and for data, reference should be made to electrical 
engineering handbooks. This added load is taken as high as 0.75 in. of ice plus 11 Ib. 
wind pressure per square foot of projected area (including ice). 

Lightning Storms are the cause of most interruptions to the service on high-tension 
transmission lines. The poles, conductors, and insulators are often struck by direct discharges. The potential of the conductors may be raised an excessive amount above that of the earth by electrostatic induction from the thunder cloud. ‘This may break 
down insulators, cause arcing over and grounding of the circuit, or set up waves of 
high potential which travel along the conductors to the power station or substation 
and seriously damage apparatus. Lightning arresters are devices for allowing exces- sive voltages to be quietly dissipated without interfering with the service. A common, but not universal, form of protection for a transmission line is a steel wire along the topmost points of the poles or towers and connected to the gound at frequent intervals. This is supplemented with special arresters wherever apparatus is connected to the line. The voltage at the receiver end of the line will depend upon the inherent regulation 
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of the line as mentioned above and the character of the load. With a low-power-factor 
load, it is customary to connect either a static or a synchronous condenser (a form of 
synchronous motor operated without load and with a field current above the normal 
value) to the receiver end of the line, thus neutralizing the lagging current and improv- 
ing the voltage regulation by raising the power factor. 

Substations are stations at the various centers of distribution where the 
high-tension power is transformed by “ step-down” transformers to low- 
tension power. It is then distributed either as alternating or direct current, 
by any of the methods described in Art. 8. 

With alternating-current distribution, the Substation contains only the transformers 
which lower the voltage to the required value, and switchboards controlling the incom- 
ing and outgoing lines. For direct-current distribution, the alternating current is trans- 
formed to direct current either by synchronous converters or motor generators. A 
synchronous converter is essentially a double-current generator,a machine which, 
when driven as a generator, will give direct current at one end and alternating current 
at the other end. If the alternating-current end is connected to an alternating-current 
supply and operated as a motor, the machine becomes a rotary converter and direct 
current will be produced at the other end. The relation between the impressed alter- 
nating-current voltage and the direct-current voltage is fixed. Variation of the direct- 
current voltage must therefore be made with auxiliary apparatus which will alter the 
alternating-current voltage. The principal devices of this kind are the synchronous 
booster, a generator in series with the alternating-current supply; the induction 
regulator, a single-winding transformer with a movable secondary coil by means of 
which the supply of voltage can be raised or lowered in smal] steps; and the split- 
pole field by means of which the wave form of the machine and therefore the alter- 
nating-current voltage can be altered. A motor generator is a synchronous or in- 
duction motor mechanically connected directly to a direct-current generator. This 
method gives complete electrical separation of the direct-current from the alternating- 
current system, and complete control of the direct-current supply. The rotary con- 
verter, on the other hand, has a higher efficiency, especially at loads less than full load, 
occupies less floor space, and is soreewhat lower in cost. The switchboards in sub- 
stations, like those in central stations, are designed to give control over each machine 
and outgoing feeder. Control of the incoming high-tension current is provided by 
means of remote-control oil switches. 

Rectifiers. Alternating currents of relatively small magnitudes are transformed to 
unidirectional current by several other methods. In the mercury-arc rectifier the 
operation depends upon the fact that if a glass (or steel) tube is exhausted to a low 
pressure, filled with mercury vapor and has.a pool of mercury at one end with a metallic 
electrode at the other, the resistance to the flow of current is low in one direction and 
high in the other. Thus a valve action is obtained which in the simple case and with 
alternating current, would permit current to flow only every other half cycle. It is 
necessary to start the action by first producing a momentary arc between the mercury 
and the other electrode, which is usually accomplished by tipping the tube for an 
instant. In commercial rectifiers there are two positive electrodes (the mercury being 
the negative electrode) which are so connected to a transformer, suitable reactances 
and the direct-current load, that both halves of the wave are utilized and a continuous 
but pulsating unidirectional current is obtained. They are built for use on two- and 

three-phase circuits as well as single-phase. 

Mercury-arc rectifiers are available having current capacities up to 40 or 50 amperes 

with glass tubes and order of 1000 kw. with steel tubes. The most common application 

of the smaller sizes is for charging storage batteries in electric vehicles, operating moy- 

ing picture arc lamps, etc. The larger rectifiers are used in electric railway work, and 
high-voltage rectifiers are employed in conjunction with constant-current transformers 
to operate series, direct-current arc-lighting circuits (see Art. 9). 

The “ Tungar rectifier ”’ employs the principle of the thermionic valve which is as 

follows: If one of two electrodes in a vacuum tube is heated to a red heat, current 

will flow between the electrodes if they are connected to an e.m.f. and the hot elec- 
trode is negative. When the hot electrode is positive, no current, will flow. These 
rectifiers are limited to about 5 or 6 amperes capacity at voltages from 7.5 to 75. 
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Mechanical rectifiers of various types have been developed in which the connec- 

tion between the alternating-current circuit and the direct-current load is reversed 

each half cycle by means of a commutator driven by a synchronous motor having the 

same number of poles as the commutator has segments, or by means of alternating- 

current electro-magnets and a pivoted, contact-making, polarized magnet which 

changes the connection every half cycle. The former type is used with X-ray appara- 

tus and the latter for charging automobile ignition batteries which require small 

currents at low voltages. 

Auxiliary Steam Plants. Many water-power transmission systems have 
auxiliary steam plants connected to the system. These plants, in addition 
to assisting the water-power plant at times of low water, are kept under a low 
head of steam, so that they will be available on short notice in case of failure 

of the transmission line, 

8. Power Distribution 

Distribution Systems. Electrical power is distributed to consumers in 
two forms, direct current and alternating current. Direct current systems 
have been considered the most suitable for general public service purposes 
in closely settled districts where the distances involved are short. Direct 
current motors are somewhat more flexible in application because of the more 
convenient speed control. With a direct current system, continuity of serv- 
ice to customers in case of accidental interruption of the supply for short 
periods can be more readily maintained because of the applicability of large 
“stand-by ” storage batteries which can be kept constantly connected to 
the system and automatically discharge into the system in case of failure of 
the supply. But the great increase in the use of electricity in recent years, 

and the development of equipment and methods for the distribution and 
utilization of alternating current power as effectively as direct current power, 
together with development of applications of electricity where alternating 
current is the more suitable, are resulting in direct current being gradually 
supplanted by alternating current even in congested districts because of the 
great economy and flexibility of distribution of the latter. Even in congested 
districts of the largest cities, electricity is being furnished in the alternating 
current form — being distributed at 2200 to 6600 volts by means of under- 
ground cables in the streets and stepped down to 110 or 220 volts at con- 

venient points for service to consumers. Alternating-current systems are 
always used where scattered districts are served because the distribution can 
be made at a higher voltage and thus greatly reduce the investment in cop- 
per. The power is usually distributed at 2200 to 6600 volts and reduced to a 
lower voltage at the consumers’ premises by small transformers called dis- 

tribution transformers at each building or group of buildings. Direct current 
is distributed by series two-wire and:three-wire systems: Alternating current 
is distributed by the series single-phase; two- and three-wire single-phase; 
three- and four-wire two-phase; and three- and four-wire three-phase systems. 

Series Systems. In both direct- and alternating-current systems all apparatus is 
connected in series and the same current passes through all. This system is used only 
for street lighting, where the smaller investment in copper required is a great advan- 
tage. The current is kept constant by automatic apparatus in the station and the 
voltage varies with the number of lamps in the circuit. Open-arc lamps require 45 to 
50 volts each, inclosed-arc lamps 75 to 80 volts each, and series incandescent lamps 
15 to 30 volts each. Forty to one hundred lamps may be burned on one circuit; 
requiring a total of 2000 to 6000 volts. Provision is made in each lamp for auto- 
matically keeping the circuit closed when the electrodes of an arc lamp become too 
short or the filament of an incandescent lamp breaks. Incandescent lamps of different 
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“current ratings (and therefore different candlepower ratings) are used on the same 
alternating-current circuit by employing specially designed individual current 

transformers. 

Two- and Three-wire Systems. The series system is not feasible for general dis- 
tribution because lamps cannot be turned on and off individually without affecting 

_ the others on the circuit, series motors are not suitable for general use, and the high 
voltage of the series system would be dangerous to life and property if carried into 
buildings. Distribution to and within buildings is therefore made with constant- 
potential multiple circuits, either two-wire or three-wire. 5 

_ Ina Two-wire Direct-current System, pairs of cables (feeders) radiate from the 
central station, each pair dividing and subdividing into other pairs (mains) running 
to the premises of the consumers. The voltage varies from 100 to 125 volts and each 
lamp and motor is connected directly across these lines, each being independent of the 
others. Single-phase alternating current is similarly distributed at high voltage to 

transformers just outside of the consumers’ premises and from the transformers 
secondary distribution is furnished at 100 to 125 volts. The two-wire system requires 

a large copper.investment to keep the potential drop within reasonable limits. Exces- 

sive drop in potential#due to too high resistance in the circuit means not only lost 

power but flickering of incandescent lamps, since the candlepower of the latter changes 

4 to 6% with 1% change in voltage. 

The Three-wire System was developed to decrease the amount of copper required. 

Two direct-current generators are connected in series and feeders are run from each 

outer terminal of the two machines and the common connection between them. The 

distribution to the consumers’.premises is made with three instead of two feeders and 

mains. The lighting load is divided, half being connected between each outer wire and 

the middle or neutral wire. Motors are connected to the outer wires in order to decrease 

the flickering of lamps which fluctuating motor loads produce. Furthermore, 250-volt 

motors are somewhat cheaper than 125-volt. motors. In the three-wire system the 

advantages of the two-wire system are retained and at the same time only 38% as 

much copper is required for the same percentage loss. By keeping the load fairly 

evenly divided, the neutral feeders and mains may be made smaller and an additional 

saving effected. 

Secondary distribution on single-phase alternating-current systems is made by the 

same method by winding the secondary of transformers for 200 to 250 volts, and con- 

necting the third wire to the center of the winding. 

Two-phase Systems. The two-phases system of distributing alternating current 

is very generally used where the load is both lamps and motors, the lamps being con- 

nected across each phase separately and motors across both phases together. Single- 

phase motors are not practicable except in small sizes, hence the two-phase system 

combines the advantages of a polyphase system for motors with those of the two--and 

three-wire systems for lamps. The current is generated with two-phase alternators 

and is distributed over four or three wires. In the four-wire system, each phase is 

distributed independently through two wires. In the three-wire system, one wire of 

each phase is common. 

Three-phase Systems of distribution are used only where the load is principally 

motors and where the power has to be transmitted considerable distances. About 

25% less copper is required than for two-phase, four-wire, systems under the same 

conditions. The current is generated in three-phase alternators, usually at 25 or 

60 cycles, and may be distributed directly to consumers up to 440 volts or transformed 

to a higher voltage for transmission to distributing centers, or directly to the con- 

sumer’s premises, where it is transformed to a low voltage. The primary distribution 

is always three-wire, but the secondary distribution may be made with four wires 

where there is a considerable lighting load. In such cases, lamps are connected 

between each of the three main wires and the neutral, while motors are connected to 

the three main wires. 

Distribution Methods. The power is delivered to the consumers’ premises 

from the power plant or substation through feeders and mains carried on poles 

or placed underground. The former method is very much cheaper and is the 

general practice outside of large cities. In congested districts, the crowded 
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conditions of the streets, the unsightly appearance of pole lines, and the 
handicapping of firemen have caused the development of the underground 

method. 

Overhead Distribution is made on wood, built-up steel, cast-iron, or reinforced- 
concrete poles 30 to 60 ft. high and spaced 50 to 200 ft. apart, depending upon the 
local conditions. The wires are carried on insulators attached to wood cross-arms. 
Glass insulators are used for low-voltage circuits and glass or porcelain insulators for 
high-voltage circuits. Wire with weather-proof covering is commonly used. The 
cost of overhead distribution depends upon the kind, quality, height, and spacing of the 
poles, upon the number of circuits, condition of the streets, and so forth. It varies 
from $750 to $2000 per mile exclusive of the cost of the wire. 

Underground Distribution is largely carried out in this country by the conduit 
system—that is, tubes of various kinds, 3 to 5 in. diameter, are laid in the ground and 
insulated conductors (cables) are pulled into them. In some special cases such as 
park and parkway lighting, armored cable is laid directly in the ground. 

Conduits are made of wood impregnated with creosote, sheet-iron pipe lined with 
cement, fiber, and vitrified clay. Wood conduit and sometimes fiber conduit is laid 
directly in the soil, but the other conduits mentioned are usually encased in concrete 
or cement mortar, a number of conduits being laid side by side. The conduit materials 
most in use are vitrified clay and fiber tubing. Clay conduits are made in single-duct 
pieces about 18 in. long, and in multiduct pieces, with any number of round or square 
holes (from two to sixteen), about 30 in. long. Fiber conduits are made up in pipes 
about 5 ft. long of treated wood pulp. Where used for multiple-duct conduits they 
are embedded in and surrounded by a casing of concrete. On account of the greater 
strength and smaller number of joints, the multiduct clay conduit is frequently 
laid directly in the ground without cement encasement, the joints being wrapped in 
burlap, and well asphalted. Manholes built of brick or concrete are provided every 
100 to 500 ft. where service connections may be made, cables pulled in and out for 
repairs, and splices made. If distribution is made at high voltage, the step-down 
distribution transformers are installed in these manholes. 

Interior Wiring. The system used for the distribution is usually continued 
through the building. The materials and methods used in wiring buildings on 
which insurance is carried must conform to the rules of the National Board of 
Fire Underwriters. The building departments of all large cities also have rules 
which must be observed. The standard methods are open or cleat work, 
molding, rigid steel conduit, flexible steel conduit, non-metallic tubing and 
armored cable. 

In Cleat Work, the wires are exposed and supported on walls and ceilings by por- 
celain cleats or knobs. Porcelain tubes are used where the wires pass through walls 
or ceilings. This class of wiring is the cheapest but is entirely satisfactory when the 
work is properly done and appearance is of secondary importance. 

In Molding Work the wires are embedded in grooved strips of wood or metal, and 
covered with a thin strip of the same material. Special porcelain fittings are used 
where apparatus is connected. (Wood molding is no longer allowed in some of the 
larger cities.) 

Rigid Steel Conduit Work consists of special soft-steel pipe run throughout the 
building and through which the wires are pulled. Steel junction boxes are provided 
through which the wires are pulled into the pipe and defective ones pulled out. This is 
the most expensive form of wiring, in first cost, but it completely protects the wires 
from mechanical injury, reduces the fire risk on the building to a minimum, and the 
maintenance cost is small, for old and defective wires can be readily replaced without 
injury to the conduit. 

Flexible Steel Conduit is a tubing of steel ribbon wound spirally in such a manner 
as to produce a very flexible steel tubing which is reasonably tight but not water- 
tight. Steel outlet boxes and junction boxes aré used as with the rigid conduit. 
Although this is a cheaper construction than the rigid pipe system it eliminates the 
unsafe features of molding work. It is particularly applicable in wiring old buildings. 
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Non-Metallic Tubing is a stiff though sufficiently flexible hose of fiber compositiop 
which is a cheap substitute for the metal conduit. It is obviously not waterproof. 

Armored Cable is similar to flexible steel conduit with the conductors included. 
The conductors are covered with suitable insulation and the steel ribbon wound 
directly over this insulation. This form of wiring is rapidly replacing the flexible 
conduit method for old buildings because conduit and wire are installed together. 

Wires and Cables. There are three general classes of wires and cables used 
in electrical work: weatherproof, rubber insulated, and lead-covered. 

Weather-proof Wire is insulated with two or three layers of cotton braid impreg- 

nated with insulating compounds. It is used only for exterior wiring, principally for 

overhead distribution. It is the cheapest form of insulation, but also the least efficient. 

Although sufficient protection is provided for pole-line purposes where the wires are 

supported on insulators, it is entirely inadequate for interior wiring. 

Rubber-covered Wire forms the greatest percentage of wire used for electrical pur- 

poses. It is used almost exclusively for wiring buildings and extensively for high- 

tension cables. There are three principal grades of rubber insulation: National Elec- 

tric Code Standard, 30% Para, and Navy Standard. All grades consist of rubber, 

ground and mixed with various kinds of powdered mineral matter together with a cer- 

tain amount of sulfur. After being applied to the wire by running through dies, it is 

vulcanized by subjection toa high temperature. The principal difference in the grades 

is in the quality and amount of rubber used. National electric Code insulation is made 

with various kinds of old and reclaimed rubber and rubber substitutes but must con- 

tain about 20% Para rubber. Before it can be used, it must be approved by the 

National Board of Fire Underwriters. Thirty per cent Para insulation contains at 

least 30% of new Para rubber gum. It is more durable than the National Electric 

Code wire and is used in all first-class interior-wiring work. Navy Standard insulation 

contains not less than 40% of new Para gum. It is used by the government on all 

battleships and is the highest grade of wire regularly manufactured. 

Lead-covered Wires and Cables include various forms of insulation and are made 

up in a great variety of ways to suit any requirement for insulation and mechanical 

protection. Lead-covered cables are used where protection from mechanical or chemi- 

cal injury is essential, as in underground distribution and under water. One, two, or 

three conductors may be in one cable. The conductors in two- or three-conductor 

cables may be side by side or one inside the other (concentric). The standard insula- 

tions are 30% rubber, paper, and varnished cambric. Paper insulation is applied in 

a narrow strip wound spirally on the copper to any desired thickness and saturated 

with suitable oil to increase the insulation and render the cable flexible. Varnished- 

cambric insulation is applied in the same manner. The capacity of wires and cables 

is fixed by the temperature at which the life of the insulation will be affected. 

The accompanying table shows the carrying capacity of various kinds of wires and 

cables based on safe temperature limits. The second column of this table gives 

capacity for wire in still air, at 125° F. The third and fifth columns give the capaci- 

ties allowed by the Fire Insurance Underwriters (National Electric Code). The limits 

given for rubber are those beyond which deterioration (when exposed to air) may 

begin. The seventh column gives capacity at 125° F.; the eighth column gives 

capacity at 175° F. for still air at about 70° F, These data apply substantially to 

the conditions existing in a standard single-duct, underground conduit. If the con- 

duit is multiduct with a loaded cable in each duct, the capacity of each cable will be 

reduced from 5 to 25 or 30%, depending on the number and arrangement of ducts 

and cables. 

The temperature of paper cables will be about 10% higher than that of rubber cables 

for the same current and thickness of coverings. Paper cables should not be operated 

over 190° F. and rubber cables over 160° F. Cables immersed in water will carry, 

for the same temperature rise, 40 to 50% more current than indicated in the table, 

and if buried in moist earth, 10 to 25% more current. 

The capacity of each conductor in a two-conductor, non-concentric cable is about 

85% of that of a single-conductor cable; in a two-conductor, concentric cable, 80%; 

in a three-conductor, non-concentric cable, 75 %; and in a three-conductor, concentric 

cable, 60%. 
; oth 

The voltage drops given in the table are per 1000 ft. of wire (500 ft. of two-wire cir- 
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Current Capacity of Wires and Cables, Amperes 

Low-tension under- 
Interior wiring ground cable, 

lead-covered 

. Bare Corre- | vy, Corre- 

mW ire | | Code” |Sponding | aise | sponding | Pubber | . Paper 
rubber | 9rop, | oo bric | __ 9TOP: RD r 
insu- | Volts per | Foi, | Voltsper| io, | cambric | 
lation | 1000 ft. FB 1000 ft. insulation 

(approx.) (approx.) 

14 12 15 38.5 18 BG25 31 FOO) ca OAS RAPA 

12 17 20 a 25 $093 hiWe heteedscpacht teed 

10 24 25 25.5 30 30.6 20 24 | 

8 42 35 22.55 40 25.6 30 36r al 
6 $9 50 20.2 60 24.2 50 60 

4 83 70 Lind. 85 JAS 75 95 | 

2 118 90 14.3 110 17.5 110 130 | 

0 170 125 12.5. 150 15.0 160 200 

00 202 150 11:39 180 14.3 190 240 

000 240 175 11.0 210 13-2 235 285 

0000 286 225 11.3 270 13.5 280 340 | 

300000 | 373 275 9.9 330 11.9 370 450;,, | 
400 000 463 325 8.8 390 10.5 460 560 

500 000 549 400 8.6 480 10.4 550 660 | 

600 000 631 450 8.1 540 oF 625 760 | 

700 000 708 500 rey 600 9.2 700 860 | 

800 000 781 550 7.4 660 8.9 770 960 | 

1000 000 | 922 650 70 780 8.4 900 1150 

* Solid wire assumed up to and including No. 0000 although in practice stranded 
wire is usually used in sizes over No. 6. Sizes above No. 0000 are assumed stranded 
and are expressed in circular mils. Stranded wire has about 2% greater resistance 
than same size solid wire. 

cuit) and are calculated from the resistance at 25° C. The copper temperature will 
be actually higher than 25° C. by an amount which will depend upon conditions so 
that the actual drop may be as much as 5% greater than these figures. 

Choice of Wiring. The selection of the type of wiring is largely a matter 
of cost from among those allowed by the Underwriters for a particular type of 
building (certain types are not permitted under certain conditions). The rigid- 
conduit, flexible-conduit and armored-cable types offer about equal protection 
from fire due to an accidental arc in circuits of moderate size. In the larger 
sizes where an arc would be heavier, the rigid conduit is preferable. The 
relative cost varies, of course, with the conditions but the following gives a 
general idea of the range for new buildings * : 

Rigid steel conduit, exposed. ... 00.0.0 0050005 + 01259 
Rigid steel conduit, concealed (i.e., installed during 

construction of bullditig)c... cscs sot se eee 100% 
JATMONEG: Cablen nec irik ead sake, RRR er 65% 
Openiswiti enka ienS< iti Gui RC a ee ee 50% 
Knob‘ or tube witingtyucxus arose. 22 Be as Qe ake tele 40% 

Before the size of wire can be decided the current loads must be determined. 
In lighting systems all branch circuits are limited to 660 watts by the Under- 

* “ Tnterior Wiring,”’ A. L. Cook, p. 244. John Wiley & Sons, Inc. 



- Power Distribution : 399 

writers. Feeders and mains are calculated on a basis of 600 watts for each 
branch circuit—the corresponding current being the total watts in each case 

divided by the nominal voltage (usually 120 volts). In the case of power 
systems, each motor over one-quarter horsepower is supplied by a separate 

branch circuit, the current being taken as the full load running current as 

marked on the nameplate. The diversity in the use of the several motors 

(over 5 or 6) may be taken advantage of in estimating feeder and main cur- 

rents and may be taken as low as 50% of the total of the nameplate currents 

where there are more than 10 or 12 motors. 

The best size of wire is determined fer each part of the circuit between the 

source of supply (entrance to building if from public utility service or switch- 

board if private plant) and the consuming equipment (lamps, motors, etc.), 

i.e., feeders, mains and branches, respectively. There are two limitations on 

the minimum size: temperature rise and voltage drop. The former is auto- 

matically provided-for by the Underwriters’ rules which limit the current for 

each size of wire (see interior wiring section of table on p. 398) and the latter 

is determined by calculation (see wiring table, p. 399). The voltage drop is 

usually limited to about 5% at the lamp in the case of lighting systems and 

10% at the motor in power systems (about one-quarter of this in branches, 

one-quarter in mains and one-half in feeders). If the size which would be 

allowed by voltage drop is less than that allowed by the Underwriters for that 

current, the latter size should be used. 

The Sale of Power. Systems of selling power are based on the direct cost of manu- 

facturing; on the investment in power-station and distribution equipment; and on 

the reserve capacity of the plant required to meet unusual demands of the consumer. 

Among the numerous systems in use, the principal ones are flat rate, straight meter 

basis, and maximum demand. In the flat-rate method a fixed price, depending 

Wiring Table 

Distances in feet which power at 100 volts may be transmitted with various sizes of 

wire at various percentages of loss. 

Size, B. & S. 
gage, per cent Current in amperes 

loss 

2 5 10 2 4 8 12 20 40 60 100 | 

Beer ee ogon 0000 | 48 900 | 24450 | 12 225 | 8150 4890 | 2445 | 1630 | 978 

SS Ee Cao ee 000 | 38750 | 19400 | 9700 | 6460 3875 | 1940 | 1290 | 775 

reine es ee RE 00 | 30 800 | 15 400 |. 7.700 | 5130 3080 | 1540.| 1025 | 616 

mee cae 0000 0 | 24450 | 12220 | 6110 | 4075 2445 | 1220 815 | 489 

pee 000 1 |19450.| 9720 | 4860 | 3240 1945 972 648 | 389 

oP, 00 2115450 | 7720] 3860 | 2575 1545 772 515 | 309 

EEN, 0 3 112250 | 6120] 3060 | 2040 1225 612, 408 | 245 

0000 1 4 9700 | 4850 | 2425 | 1615 970 4854) 323 | 194 

000 2 5 7700 | 3850} 1925 | 1280 770 385 257 |} 154 

00 3 6 6100 | 3040] 1520 | 1015 610 304 203 | 122 

0 4 7 4850 | 2420} 1210 810 485 242 161 97 

1 5 8 3 845 1.920 960 640 385 192 128 76 

2 6 9 3 050 1 520 760. 507 305 152 102 61 

3 if 10 2 420 1 210 605 403 242 121 81 48 

4 8 11 1 920 960 480 320 192 96 64 38 

5 9 12 1 520 760 380 253 152 76 2 30 

6 10 13 1210 605 302 200 121 60 40 24 

8 12 15 760 380 190 127 76 38 25 15 

10 ts ea 480 240 120 80 48 24 16 10 

12 LS res ae 302 151 75 50 30 15 10 6 | 

L = fs = eS 
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upon the size of the installation, is charged per month, irrespective of the hours of 
use. This is used only where power is cheap or the loads small. The meter system 
is the usual system employed by central stations. Various discount methods, based 
on the total kilowatt-hour consumption per month and on the size of the installation, 
are used. The maximum demand system makes the price paid depend upon the 
maximum power taken during any given period, as for instance during any 5-minute 
period in 24 hours. This system is extensively used where large quantities of energy 
are being consumed and is designed to take care of the investment in equipment not 
used except for a short time during each day. 

Meters. Where the charge for electricity is based on the energy consumed, 
the energy is measured with watt-hour meters (see p. 371). If the maxi- 
mum demand is involved in the charge it may be estimated or actually 
measured. The former practice is used extensively for small consumers 
because the expense of metering the maximum demand is not justifiable. 
Various systems are used, such as total number of active rooms, floor area or 
number of outlets in the case of a residence and total connected load (from 
nameplate data of connected motors, etc.) or trial test in the case of an indus- 
trial plant. 

Maximum-demand meters are, however, used for large customers. They 
function with the watt-hour meter and may be combined with the latter or in 
a separate case but electrically connected with the watt-hour meter. Some 

types merely indicate, by means of a pointer, the largest amount of energy 
which has been used in the fixed interval agreed upon (usually 15 or 
30 minutes) since the pointer was previously set back. When the watt-hour 
meter is read, this indication is also noted and the pointer reset at zero. 
Other types show a graphic record on a continuous tape or chart on which 
the demand is shown continuously for successive intervals and from which 
the maximum is determined by observation. 

In the rate for a large industrial plant, there is sometimes included a factor 
which depends upon the power factor since low power factor is objectionable 
to the supply company because generation and transmission capacity is used 
without a corresponding increase in energy consumption. Meters which 
record the volt-amperes (as distinguished from watts) are used for this purpose. 
Sometimes special rates for certain applications are made by the power com- 
pany if the energy is taken during certain “ off-peak ’’ hours when the plant 
equipment is not loaded—the “ off-peak’ energy being measured by a 
separate watt-hour meter which is cut in and out of circuit by means of a 
clock. 

9. Electric Lighting and IMlumination 

Lighting by electricity is accomplished by three methods: by the arc 
between two carbon pencils automatically kept a short distance apart, by the 
passage of current through rarefied gases, and by the heating of a refractory 
material to incandescence. 

The intensity of a source of light is measured in terms of a unit source called a 
candlepower. The four principal standard sources of light are (a) the British stand- 
ard candle, a spermaceti candle, (b) the English Harcourt lamp, which burns pentane 
vapor mixed with air in an Argand burner, (c) the French Carcel lamp, which burns 
colza oil with a wick, and (d) the German amylacetate lamp, which burns amylacetate 
with a wick. The British candle is nominally the standard in this country but the 
amylacetate lamp is probably the most generally used standard lamp. All of these 
standards are of course arbitrary, and are made and used in strict accordance with 
very detailed specifications in order to insure reliable and reproducible results. 

Illuminants are measured with a photometer, an instrument which gives the value 
of the unknown source in terms of a standard lamp. Because of the much greater 
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- convenience in commercial work, this standard is usually an electric incandescent 
pina van has been carefully standardized against one or more of the above primary 
standards. 

Rating of Illuminants. The theoretical standard of intensity of light, the candle- 
power, is a point of light giving a candlepower in each direction. Mean horizontal 
candlepower is the average candlepower in all directions in a horizontal plane through 
the center of the source. Mean spherical candlepower is the average candlepower in 
all directions from the center of the source. Mean hemispherical candlepower is 
the average candlepower in all directions in a hemisphere with the source as the center. 

Illuminants are now being rated in terms of the lumen which is the unit of light 
radiation. A lumen is equal to the light flux emitted by a source of one candlepower 
in unit solid angle. A source of one candlepower emits a total light flux of 47 lumens. 

All commercial illuminants have a more or less irregular distribution curve, that is, 
the candl=power is greater in some directions than in others, and in making compari- 
sons between different illuminants it is therefore necessary to be specific. Formerly, it 
was customary to rate electric lamps on a basis of the maximum candlepower obtain- 
able. Later incandescent lamps were rated on a mean horizontal candlepower basis 
and other illuminants on a mean spherical or mean hemispherical candlepower basis. 
The present practice, however, is to rate all electric illuminants on the basis of the 
nominal watts consumed. This applies particularly to incandescent lamps which are 
all labeled and described on this basis, the candlepower (or lumens) being omitted. 
This practice is the result of the wide use of reflectors, each form of which gives a 
different apparent candlepower. 

Arc Lamps are used for lighting streets, large interiors, and similar places 
where the illumination must be general but not necessarily high. Arc lamps. 
are, however, being rapidly superseded by large incandenscent lamps even 

for these applications. 

In the open arc, the earliest form of electric light, an arc is maintained between 
solid carbon rods in the open air. They are usually operated 40 to 100 in series, on 

both direct and alternating constant-current circuits. The standard sizes are 6.6- and 

9.6-ampere lamps, requiring 45 to 50 volts. Although this type is relatively very 

efficient as a source of light, it has been largely superseded by the enclosed-arc lamp, 

a lamp which is less efficient but also much less expensive to operate and gives a much 

better distribution of light. The arc is surrounded by a small, close-fitting glass globe 

which excludes the air and retards the consumption of the carbons, thereby increasing 

their life eight to ten times. These lamps are operated on both direct and alternating 

current, but more often on multiple circuits at 110 volts than on series circuits. The 

voltage per lamp is 75 to 80 and the current varies from 3.5 to 7.5 amperes. The 

magnetite-arc lamp is a direct-current open arc in which the electrodes are metallic 

copper and an oxide of iron. Its special features are long life of electrodes (about 

150 hours), high efficiency, and light distribution particularly suited for street lighting. 

The flaming-arc lamp is an alternating and direct-current open arc with small- 

diameter carbons impregnated with sodium or other similar salts which enormously 

increase the light emitted. They are the highest candlepower units in genera] use, 

2500 to 4000 cp. being given in the maximum direction, and are extensively used for 

spectacular and show purpose. 

Lamps with Luminous Rarefied Gases are not used for general illumination 

but only where the special characteristics of the light are advantageous. 

The Cooper Hewitt lamp consists of an arc in a tube 2 to 4 ft. long, in which the 

cathode is metallic mercury and the arc passes through rarefied mercury vapor. The 

light is not due to the temperature of the arc, as in the ordinary arc lamps, but to the 

luminescence of the vapor. The light is therefore green in color, red and yellow being 

almost entirely absent from the spectrum. The actinic value of the light is high, 

hence it is used for photographing and blueprinting. It is also said to be less fatiguing 

to the eyes than white light, and is therefore desirable in drafting rooms. On account 

of the unnatural greenish tint of the light it is not suitable for general use. When 

a quartz tube is used instead of glass, the lamp can be operated ata much higher current 

density, and a higher efficiency as well as a whiter light is obtained. The Cooper 

Hewitt lamp operates on either direct or alternating current. 
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The various forms of tube light employ the principle of the Geissler tube, that is, a 
continuous and silent electrical discharge takes place through gas at a low pressure in 
a sealed glass tube. The tubes are operated from small high-tension transformers. 
The color depends upon the kind of gas, neon giving the familiar pink light and 
nitrogen, a white light. 

Incandescent Lamps are almost exclusively used for interior illumination 
where relatively high and uniformly distributed illumination is required. 

An Incandescent Lamp is an illuminant in which a refractory material in the form 
of a long thin wire in a glass bulb is heated to incandescence by the passage ol electric 
current. The types are distinguished by the material of which the filament is made, 
the carbon filament being the oldest. The others in the order of development are 
metallized (specially treated) carbon, tantalum, and tungsten. The essential difference 
between these is in the temperature at which the materials may be operated, the 
temperature of carbon being the lowest and that of tungsten the highest. For the 
same amount of light, thinner filaments may be used as the permissible temperature 
increases, and therefore less power is required. Where the power required per candle- 
power in carbon lamps is about 3.1 watts, that for gas-filled tungsten lamps is 1 watt. 
or less. 

The tungsten lamp has now about completely supplanted the other kinds. It is 
made in two types. In one type (known commercially as type “B’’) the filament 
operates in a vacuum while in the other type the bulb is filled with nitrogen, argon or 
other inert gas at about atmospheric pressure (“type C”’). The latter is operated at 
a slightly higher temperature and therefore a slightly higher efficiency than the 
vacuum type. The gas-filled type is made principally in the larger sizes where the 
increase in efficiency is most pronounced. 

The accompanying table shows the approximate lumens, power consumption in 
watts per lumen, and cost of tungsten lamps. The sizes given are those most com- 
monly used. The prices are approximate for not less than 5000 lamps purchased per 
year. ; 

Luminous Output, Efficiency, and Cost of Tungsten (Mazda) Lainps 

Vacuum (Type B) Gas-filled (Type C) 

Nominal 

watts Nominal | Lumens | Approxi- | Nominal 
lumens per watt | mate cost | lumens 

15 126 8.4 $O220i9 O15. baahO. of. 88 ck aaah cep & sifns 
25 235 9.4 0920 indmuadorib.d. ek qe Ja-atiles 
40 396 9.9 OL 20 3908..2i1....Max| Ie soon 24 bas eee 
SO! 299124 Ba POT MT RPS Ta Ae tiie 515 

GO IEE OR. TIRIEU OTR OED, UES 666 
POO OT PPLE es | TR TE Oe ee 1320 

Operation of Incandescent Lamps. Incandescent lamps are used on series as well 
as multiple circuits, but series lamps are a small per cent of the total. Series lamps 
have short thick filaments, requiring 15 to 30 volts, and are often connected in the 

same series circuit with arc lamps and placed in side streets, alleys, and similar places 
where high illumination is not required. Lamps of different sizes, that is, different 
current ratings, can be operated from the same series circuit by employing a special 
type of current transformer. The continuity of the series circuit is maintained when 
a filament burns out by means of an automatic short-circuiting device in the lamp 
socket. 

The life and candle-hours of incandescent lamps are seriously affected by changes in 
voltage for although raising the voltage on a lamp increases its efficiency, the life is 
reduced at a much greater rate. The most economical operating voltage is therefore 
that where a balance is obtained between the decreased cost of energy consumption 
and the increased cost of lamp replacements. Fluctuating voltage also produces dis- 
agreeable flickering, consequently it is essential that the system be well regulated if 
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oe satisfactory service is to be obtained. The following table shows the effect of change 
in voltage on the candlepower and life of tungsten lamps (vacuum type). 

Effect of Voltage Variation on Tungsten Incandescent Lamps 

| 
Per cent Per cent Per cent 

normal voltage | normal lumens norma! life * 

90 68 435 
95 83+ 203 
100 100 100 
105 120 50 
110 142 26 

* Both vacuum and gas-filled types 

The rating, efficiency and approximate life of the principal electric illuminants are 
sho yn in the following table. 

Rating, Efficiency and Life of Electric Illuminants _ 

s . Lumens |Approximate 
Kind and type Rating per watt | life, hours 

Multiple Burning: 
Incandescent, carbon.......... 10— 60 watts 2 Sees) 500 
Incandescent, tungsten (vacuum) 10— 40 watts 7.2-10.0 1000 
Incandescent, tungsten (gas filled) 50-1000 watts 10.3-21.0 1000 
Cooper Hewitt (mercury vapor). |500 scp.* (rated max.) sry si 
Moore Type, tube light........ 8 scp. per foot 5.0 f: 
BUMESOSEO EEL, TO... ssc ete nc se 150-250 scp. 4.2 100-125 

Series Burning: 
Incandescent, tungsten gas filled, 

6.6amp...| 600- 6000 lumens | 13.8-17.8 1350 

7.5amp...| 600- 6000 lumens | 13.9-17.8 1350 

15. amp... 4 000 lumens 17.7 1350 
20 amp...| 6000-25 000 lumens | 18.7—20.4 1350 

Open arc, carbon, 6.6 amp... 260 scp. 9.3 8 
Open arc, carbon, 9.6 amp... 410 scp. 11.5 8 
Open arc, magnetite, 4.0 amp... 250 scp. 9.7 150 

Open arc, magnetite, 6.6 amp... 720 scp. 18.0 100 

Open arc, flaming............- 700-1000 scp. 25-18 15-100 

Enclosed arc, a.c., 6.6 amp... 130 scp. ; 3.8 100-125 

Enclosed arc, a.c.,. 7.5 amp... 155 sep. 4.1 100-125 

Enclosed arc, d.c., 6.6 amp... 260 scp. 6.6 100-125 

liens 

* scp. = mean spherical candlepower. 
+ Manufacturers claim several thousand hours. 

The Relative Cost of Lighting depends not only on the amount of light produced 

per watt of power consumed, but also upon the cost of power, hours of burning, initial 

investment, repairs, life, and cost of maintenance (cleaning glassware, replacing incan- 

descent lamps, renewing carbons, glowers, and so forth). Hence the relative standing 

of the various illuminants will vary with conditions applying to each case, and no 

general statement can be made that will be universally applicable. For instance, where 

the cost of energy is low or the lamps are burned only a small fraction of the time, it 

might cost less to use lamps of relatively low efficiency. 

Ulumination. Illumination is expressed in terms of the foot-candle, which 

is the illumination produced on a surface normal to, and one foot from, a 



404 Electrical Engineering Sect. 5 

source of one candlepower. The intensity of illumination varies inversely as 
the square of the distance from the source. 

Illumination of Interiors is usually effected by direct lighting, indirect, and semi- 
indirect lighting. In direct lighting the illumination is received directly from the light 
sources; in the indirect method the light sources are concealed from direct view and 
the light is reflected into the room from a highly reflecting surface, usually the ceiling. 

In the semi-indirect method, a part of the illumination is obtained by reflection and 
part by direct lighting usually by means of an inverted, translucent reflector or bowl. 
The two latter methods have the physiological advantage of removing the light sources 
from the field of vision of the eye, but they usually require somewhat more energy for 
the same amount of illumination. In direct lighting, the intrinsic brilliancy of the 
sources is (or should be) reduced by enclosing the lamp or by some other means. This 
entails a loss of the order of 15%. 

The amount of illumination which is considered desirable in various appli- 
cations is steadily increasing as the value of better artificial lighting becomes 
more appreciated. The following tabulation lists the values of the illumination 
considered desirable at the present time in a few typical applications.* The 
ranges given provide for the different conditions, such as the kind of room in 
the case of a building or the kind of work in the case of a factory. For 

example, in a residence the minimum value given is sufficient for halls and 

similar places but the highest value is for rooms where plenty of light is 
desirable, such as the living room. The Illuminating Engineering Society has 
prepared complete, detailed codes for lighting factories and school buildings, 

The candlepower required in the lamps can be readily computed for a given 
case if the distance to the lamps and the curve of distribution of light around 

the lamps are known together with the approximate reflection factors of the. 
ceiling and walls. 

Typical Illumination Values 

t Illumination, y Tilumination, 
Class of service eoenndice Class of service €xct candies 

Auditoriums... «....... 2-4 Stores, miscellaneous... . 4-8 
WRCMRRES . 5 lanes Heidel oe 3-10 Stores, clothing........ 6-12 

Churches. «. fee 3-6 Dratting oes ges Oe 10-20 
Reading rooms........ 3-10 Hngravings.. Sek cece 10-50 
Residences......0 6 6 Gsaleles 0.5-8 Machine shops......... 4-50 
Desk lighting. ......... 8-10 Foundries, « <a -t:« ssjeas 3-12 

Street Lighting. The best method of illuminating streets is that which will produce 
the most uniform illumination for the same average illumination. This lies between 
the two extremes, large units placed far apart and smaller units placed close together. 
Cost considerations have dictated the very general use of the former method, the lamps 
being of such a size and so spaced that the minimum illumination midway between 
lamps will be at least that of average moonlight or about 0.02 foot-candle. Obviously, 
the amount of illumination may be as much greater than this minimum as cost con- 
siderations will permit. The prices obtained for street lighting by electric companies 
vary from $50 to $125 per lamp per year, and the cost per mile of street will range from 
$500 per year in villages to $5000 for the important avenues in cities. ‘The cost varies 
greatly even for the same illumination because of the varying conditions such as hours 
of burning, whether all night or only a part, and whether every night or on a ‘“‘ moon- 
light schedule ”; type of construction, whether ornamental iron poles or wood poles, 
and overhead or underground distribution; cost of producing energy and so forth. 

Reflectors. Efficient artificial illumination requires that as much as pos- 

sible of the light emitted from the source fall upon the surface or objects to be 

*From “Light, Photometry and Illuminating Engineering,” W. E. Barrows, 
«ut. Graw-Hill Book Co., pp. 168-177, where nearly 300 applications are listed. 
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- illuminated. Care should be exercised to select the proper type and size of 
lamps for the particular case and to locate them where they will be most 

effective. Reflectors placed back of the lamps can be advantageously used to 
reflect the light from directions where it is useless to the object to be illumi- 
nated. Reflectors are now scientifically designed according to.the laws of 
reflection and refraction. They may be obtained with various forms of dis- 
tribution curves, either extreme concentration, moderate concentration, or 
wide diffusion. 

10. Batteries 

Primary Batteries. If two metals are placed in a liquid, an e. m. f. is gener- 
ated at che plates, the value of which will depend upon the metals and the 
liquid. Such a combination constitutes a voltaic couple. Those couples which 
produce the greatest potentials are used to a large extent as sources of elec- 
tricity for telegraphing, signals, telephones, call-bell systems, and other pur- 
poses where very small amounts of power are required. They are called 

primary cells, and a number connected together form a primary battery. The 
various kinds may be divided into two classes: closed circuit and open circuit. 
Batteries in the first class always use a fluid electrolyte. Those in the second 
class use either fluid or nonfluid electrolyte. 

Closed-circuit Batteries are those which can be discharged continuously. The most 
common battery of this class is the gravity battery, with electrodes of copper and zinc 
and a copper-sulfate electrolyte. Its construction is such that it operates best when 
kept connected to a closed circuit. The voltage of the gravity battery and the similar 
Daniell battery is about 1 volt per cell, but the current capacity is only a few hun- 
dredths of an ampere. The gravity battery is used extensively for telegraph and rail- 
way signal work. Potassium-bichromate batteries use carbon and zinc electrodes 
with a solution of bichromate of potash. These cells have a potential. of about 2 volts 
each and a comparatively large current capacity. Frequent renewal of the elements 
and electrolyte is necessary. The Edison-Lelande battery consists of zinc and copper 
‘electrodes and caustic-soda electrolyte. Its potential is about 1 volt per cell and the 
largest size wil] deliver about 7 amperes for nearly 100 hours on one charge of material. 

Open-circuit Batteries are intended to be used only on intermittent service, such 

as call bells and short telephone lines. Very large quantities are used for pocket flash 
lamps and radio sets. Practically all batteries in this class are carbon and zinc in a 
sal-ammoniac solution. The e.m.f. per cell is about 1.5 volts. Dry batteries are 
carbon-zinc-sal-ammoniac batteries made nonspillable by filling the space between the 
electrodes with sawdust or. similar material which has been saturated with sal- 
ammoniac solution. They cannot be renewed when exhausted. 

Standard Cells are cells used as standards of e.m.f. The two types in most 
general use are the Clark cell and the Weston cell. The Clark cell is made with zinc 
and mercury electrodes and a solution of zinc and mercurous sulfate. Its potential 
when made up in accordance with certain conditions is 1.434 volts at 15° C. The 
Weston cell is made with cadmium instead of zinc and the potential is 1.0183 volts 
at 20° C. Both will remain constant for years if no appreciable current is drawn. 
The Weston cell has a much lower temperature coefficient and a longer life than the 

Clark cell. 

Storage Batteries are those in which the chemical process is reversible, and 

which, after being discharged, can be restored to the original chemical con- 

dition by sending current through them in the opposite direction. In the 
best-known class, the elements or electrodes are metallic sponge lead (negative 

plate) and lead peroxide (positive plate) in a sulfuric-acid electrolyte. While 

discharging, both elements partially change to lead sulfate and when current 

is passed through the cell in the opposite direction (charging) they are con- 

verted back again to the original state. The two important methods of making 

the plates are the Planté method and the pasted or Faure method. In the 
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Planté process the lead peroxide and the sponge lead are formed by chemical 
or electrochemical means directly on lead plates from the plates themselves. 
In the Faure process various oxides of lead are mechanically applied to the 

plates and then reduced electrochemically to sponge lead and lead peroxide, 
respectively.. The Planté type batteries are usually used for stationary work 
where weight and volume are relatively unimportant. For motor vehicles, 
train lighting, and similar purposes where the maximum capacity per unit of 
weight and volume is essential, the pasted or Faure type is used. 

The Capacity of a battery is measured in ampere-hours. A capacity of one ampere- 
hour means the ability to deliver one ampere continuously for one hour. The capacity 
of a battery depends upon the amount of active material; the area of the plates; the 
amount, temperature, and specific gravity of the electrolyte; and the current at which 
discharge is taking place. In order to get as great capacity as possible per unit volume, 
the effective surface of the plates is increased by cutting or casting grooves and ridges 
in the plates and by laminating. Batteries of any capacity are obtained by putting 
additional plates in the same cells and connecting all positive plates together and all 
negative plates together. The volts per cell, however, are the same irrespective of the 
size of the plates or the number connected in parallel, the total voltage required being 
obtained by connecting cells in series. 

The capacity of a battery will vary with the temperature, increasing as the temper- 
ature of the electrolyte rises. The change per degree varies with the type of battery. 
The capacity is greater with currents below the normal rate and smaller with currents 
above the normal rate. Lyndon gives the following approximate figures for the capac- 
ity of lead batteries at high rates: 200% normal rate, 75% normal capacity; 300% 
normal rate, 58% normal capacity: 400% normal rate, 50% normal capacity. 

Rating. The standard method of rating a storage battery is the current which it 
will give continuously during 8 hours for stationary batteries, and 5 hours for vehicle 
batteries. Automobile lighting and starting batteries are rated on two bases. One, 
the lighting rating, is the ampere-hour capacity obtained when discharging at 5 am- 
peres; the other, the starting rating, is the current the battery will deliver continuously 
for 20 minutes. 

Voltage. During discharge at normal rate the voltage of a lead battery falls rapidly 
at first from about 2.10 or 2.15 to 2.0 volts per cell, and then drops slowly to 1.90 or- 
1.85 volts. Beyond this point the voltage drops rapidly. In order to maintain con- 
stant voltage on a load being supplied by a battery end cell switches are often used 
by means of which an additional cell is cut in when the total voltage drops 2 volts. 

Efficiency. There are two efficiencies of storage batteries, the watt-hour and the 

ampere-hour. Watt-hour efficiency is the ratio of the total energy delivered during 
discharge to the total energy received during charge. Ampere-hour efficiency is the 
ratio of the product of amperes and hours during discharge to that of amperes and hours 
during charge. The watt-hour efficiency of lead batteries averages 75 to 80% and the 
ampere-hour efficiency about 85 to 90%. 

Application. Storage batteries are used extensively in a great variety of applica- 
tions—railway and other signalling purposes, automobile propulsion, automobile start- 
ing and lighting, railway train lighting, emergency lighting, etc. All modern power 
plants use storage batteries as a source of power for operating switches which is 
independent of the system power. 

They are used in connection with the power supply developed in power plants of 
all sizes. In small, isolated, or private plants, a battery is often used to carry the load 
during parts of the day when the load is too small to warrant running a generator. In 
the largest direct-current central stations and substations, large batteries are often 
installed for the sole purpose of carrying the load in case of an accident necessitating 
the shutting down of the regular source of power. Such a battery is designed to deliver 
very large currents for short periods of time. It is often connected across the buses al] 
the time, so that it will deliver current automatically when the bus voltage falls below 
the normal value. 

Care. Storage batteries require intelligent care and use if reasonable life is to be 
obtained. High rates of charge and discharge, repeated discharging to voltage below 
1.70 volts per cell, and charging longer than necessary will rapidly disintegrate the 
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active material and decrease the life. The specific gravity should be kept within the 
proper limits, the battery should be charged immediately after discharge, and should be 

_ charged at occasional intervals when not in regular use. 
The most reliable indication of the state of charge or discharge is the specific gravity. 

hence in large plants readings of the specific gravity are taken at frequent intervals on 
certain representative cells called pilot cells. Autographic hydrometers have been 
devised which indicate and record the specific gravity at a point some distance from 
the cells, as for instance the switchboard. 

Cost and Depreciation. The cost of stationary type storage batteries, installed, 
_ depends on the size and particularly the kind of service. For continuous service in- 

volving frequent discharging, a long life battery with heavier plates and therefore 
more expensive may be the most economical. On the other hand for infrequent de- 
mands, the lighter plate battery with high discharge capacity and shorter life, but 

- cheaper, may be the more economical. Costs will range from about $1.25 per ampere 
per cell for small batteries of 5 amperes capacity to order of $1.00 for 500-ampere bat- 
teries. The cost will decrease slightly with larger capacities. Smal] portable bat- 
teries cost from $4 or $5 to $1.00 per ampere per cell. The depreciation of batteries 
varies enormously with the care and amount of use which they receive. The rate of 
depreciation for stationary batteries varies from 8 to 15% and for vehicle batteries 
from 20 to 50% per year. 

The Edison Battery is an alkaline storage battery quite extensively used for 
vehicle and other purposes where weight is specially important. The elements 
are nickel and iron, and the electrolyte is sodium hydrate. It is considerably 
lighter than a lead battery and, according to the manufacturers, requires less 

care and attention and has a considerably larger life. On the other hand it is 
considerably more expensive. The output per pound of cell is about 2.5 watts 
and 16 watt-hours, compared with about 1.25 watts and 12 watt-hours 
respectively for the vehicle-type lead battery. The efficiency of the Edison 
battery is, however, lower than that of the lead battery by about 15 to 20%, 
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INSTRUMENTS and MAPS 

1. Chains and Tapes 

The Engineer’s Chain has 100 links, each one foot long. Gunter’s chain, 
formerly much used in land surveys, is 66 ft. in length and has 100 links, each 
7.92 in. long. The metric chain is 20 meters in length and has 100 links, each 

20 cm. long. 

Each end link is provided with a handle, the outside edge of which is the zero point. 
Every tenth link counting from either end is marked by a brass tag having one, two, 
three or four points on the tag corresponding to the number of tens of links it marks; 
the middle of the chain is marked by around tag. The long links are connected by two 
short links for flexibility. This introduces about 600 wearing surfaces which causes 
the chain to lengthen with use. All chains should therefore be frequently compared 
with a Standard; the length is adjusted by means of a screw and nut in one handle 
which allows the length of the end link to be changed, thus putting all of the error in 
length into the end link. Chains have been quite generally displaced by the heavy 
steel tapes, which will stand rough usage and are not subject to change of length from 
wearing. 

Cloth, Metallic, and Steel Tapes are in common use. Cloth tapes stretch 
so readily that they are useless for surveying. Metallic tapes are cloth tapes 
with fine brass wires woven into them to prevent stretching. They are 
usually graduated into feet, tenths, and half-tenths and are made in lengths 

of from 25 ft. to 100 ft. It is not uncommon for metallic tapes when subjected 
to rough usage and to alternate wetting and drying to become 0.2 to 0.5 ft. 
in error in a length of 50 ft. Metallic tapes should not be used except for 
measurement of short lines where great precision is not required. 

Steel Tapes may be obtained in lengths up-to 500 ft., but the most common 
lengths are 50 ft., 100 ft., 200 ft. and 300 ft. The shorter tapes are usually 
made of thin ribbons of steel; the longer tapes are made heavier in cross-section 
so that they will withstand rougher usage and will not become kinked so readily. 
The light tapes are graduated throughout their length into feet, tenths, and 
hundredths; the heavier tapes are generally marked only at every foot, the 
first and last foot being divided into tenths; sometimes it is an additional foot 
beyond the zero point that is divided into tenths. In most tapes the zero 
point is at the outer edge of the ring attached to the end of the ribbon of steel; 
some tapes are graduated so that the zero point comes on the tape 0.2 or 
0.3 ft. from the end ring. Light tapes are not conveniently. handled in rough 
work; they become easily kinked and broken, but can be mended by riveting 
o the back of the tape a piece of an old tape of the same width. A new tape 

1s considered to be ot standard length by the U. S. Bureau of Standards at 
68° F. with a pull of 10 lb. and supported throughout its length. Although 
the steel tape varies in length slightly with variations in temperature and pull, 
still in much of the work of surveying it is accurate enough to use it without 
regard to its change in length, and for surveys which require great accuracy 

the change in length can be determined and proper corrections applied to 
measured distances. 

Special steel tapes fitted with a thermometer and with a spring-balance handle for 
registering the amount of pu!l can be obtained from the manufacturers, also tapes grad- 
uated in feet and inches for use in building construction. Pocket Steel Tapes from 3 ft. 
up are very useful in the field. 

Tapes made of nickel steel, called “Invar”’ tapes, change in length only slightly 
with change in temperature. See Art. 13. 

Steel tapes are broken usually by jerking them when. they are looped or kinked or 
by stepping on them or allowing a vehicle to pass over them in soft ground. A tape 
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properly cared for’to prevent rusting and kept intact will last until the graduations are 
worn off. 

To change measurements recorded in tenths and hundredths of a foot into inches and 
fractions, the following equivalents may be used: 

-O1 08 AZ +25 50 ae 
1/8— is aot 3 6 9 

Tf these values are memorized, decimals of a foot may be quickly transposed intoinches 
as follows: 0.44 ft. = 0.50 it. — 0.06 ft. = 6in. — 3/4 in. = 5-1/4 in. 

The Odometer is an instrument attached te a wheel of a vehicle which records the 
number of revolutions the wheel makes in traversing between two given points. If 
the circumference of the wheel is known the approximate distance can be computed. 
Sin-e the wheel travels on sloping roads in hilly country the distances recorded may be 

_ slightly larger than horizontal distances. 

The Pedometer is an instrument which records the number of steps of a walker 
carrying it. A modern form records the distance traversed by a person carrying the 
pedometer, after it has been adjusted for the length of pace of the walker. 

Decimal of Foot 

Inches 

2. Verniers 

The Vernier is a device for determining the subdivision of the smallest 
division of a scale more accurately than can be done by simply estimating the 
fractional part. Its accuracy depends upon the fact that one can judge more 
accurately when two lines coincide than he can estimate a fractional 
part of a space. The simplest form of vernier (Fig. 1) is used on 
some kinds of leveling rods. It is constructed by making the 
entire length of the vernier equal the length of 9 divisions on the 
scale, and subdividing this vernier length into 10 equal parts. In 

this way one division on the vernier equals 9/10 of a division on 
the scale, so that ab is 1/10 and cd is 2/10 of a scale division. If the 
vernier is raised until a becomes opposite b then the reading will be 
701; if raised until c comes opposite d the reading is 702. The 
number of the line on the vernier that coincides with some line on 

the scale is the number of tenths of the smallest division on the 
scale that the index point lies above the scale division just below it. 

Transit Verniers are usually made double, one on each side of 

each index, so that angles can be read in either direction. For 

transits reading to minutes the vernier scale is made by dividing 
a space equal to 29 half-degrees of arc into 30 parts, so that the 
difference in length of one division of the circle and one division 
of the vernier is equal to one minute of arc. If the vernier is 
placed so that its zero point (or the index) coincides with the 
0° mark on the circle, then the first lines on either side of the zero — Fig. 1 

of the vernier will fail to coincide with the corresponding lines on 
the circle by just one minute, the second lines on each side of the zero of the 
vernier will fail to coincide with their corresponding marks on the circle by 
just 2 minutes, and so on. If the vernier is moved along the circle so that 
the first line next to the zero of the vernier exactly coincides with its corre- 

sponding line on the circle the reading will be 0° 01’; and if the vernier is 

moved one minute more the second lines will coincide and the reading will 

be 0° 02’. Therefore in reading an angle on a transit, read the position of 
the vernier index on the circle, reading the angle in the same direction that 

_the telescope has moved and estimate roughly the number of minutes the 

index has passed over from the graduation next back of it on the circle, then 

follow along the vernier in the same direction and find the vernier line which 
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coincides with some line on the circle and add the number of this line to the 

circle reading. Thus, Fig. 2 represents a one-minute transit circle with double 

vernier which reads, if the telescope (which always moves with the vernier) 

has moved clockwise, 274° 23’. If it has moved anticlockwise it reads 85° 37’. 

For a one-minute instrument the circle is divided into 30’ spaces and there 

are 30 divisions on the vernier; a 30-second instrument has the circle divided 

into 20’ spaces with 40 divisions on the vernier; a 20-second instrument has 

the circle divided usually into 20’ spaces with 60 divisions on the vernier; 

80 
Cirele 

Fig. 2. Transit Circle with Double Vernier 

and a 10-second instrument has the circle divided into 10’ spaces with 60 

divisions on the verniers. 

Single Verniers which are to be read in either direction must be numbered 
from both ends, and the index at either one end or the other is set at 0° on 
the circle depending upon which direction the angle is to be measured. These 
single verniers are used on transits reading to 10 seconds or 20 seconds where 
a double vernier would be so long as to interfere with the standards. Another 

type of single vernier called the folded vernier is sometimes used on the 
vertical circle of transits and on alidades of plane tables. It is like any single 
vernier except that the index is the middle division of the vernier. In reading 
it, if a coincidence is not reached by passing along the vernier in the proper 
direction, it is necessary to pass to the other end of the vernier and continue 
in the same direction, toward the center, until the coincidence is found. 

Retrograde Vernier. The verniers described above are all direct verniers in which 
the smallest division of the vernier is smaller than the smallest division of the circle. 
The retrograde vernier is one in which the smallest division of the vernier is larger 
than the smallest division of the circle. It is seldom used on surveying instruments, 

8. The Compass 

The Surveyor’s Compass is an instrument for determining the difference 
in direction between any horizontal line and a magnetic needle. The needle 
is balanced on a pivot in the center of a compass-box so that it can swing free 
in a horizontal plane, the pivot being the center of a circle which is graduated 
usually to half-degrees and numbered from 0° to 90° in both directions from 
the N and S end of the compass-box. The pivot and the circle are secured 
to a brass frame on which are two vertical sights placed on the line passing 
through the pivot and the N and S points of the compass-box. When not in 
use the needle should be kept raised from the pivot by the screw and the lever 
provided for that purpose so as not to dull the pivot-point. The compass is 
connected to the tripod by a ball-and-socket joint which is clamped in position 
after the instrument has been leveled by means of two spirit levels attached 
to the frame at right angles to each other. The frame has a spindle which 
fits into the ball-and-socket joint so that after the instrument has been leveled 

it can be swung around in a horizontal plane. Since in the northern hemi- 
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sphere the N end of the needle if not counterbalanced would dip downward, 
a little counterweight is attached to the S end of the needle. 

To Use the Compass it is first set up over the proper point and leveled, 
and then sighted along the line whose direction is desired. Since the needle 
stands still and the box turns under it, the letters E and W on the box have 
been reversed from their natural position so that the reading of the needle will 
give the proper quadrant. To obtain the bearing of the line in the direction 
it is sighted it is important to follow this rule: When the N point of the com- 
pass-box is toward the station whose bearing is desired, read the N end of the 
needle (the end to which the counterbalance is not attached in northern 
hemisphere). When the S point of the box is toward the station, read the 
south erd of the needle. The term “ station’ as here used means any point 
on the survey line. Bearings are usually read to the nearest quarter of a 
degree. The bearing looking in the opposite direction along the line is called 
the reverse bearing. To avoid a parallax error the needle should be read by 
looking along the needle, not across it. 

Precautions. Before the bearing is read the glass should be tapped lightly over the 
end of the needle to be sure that it is not touching the under side of the glass. If the 
needle appears to cling to the glass it probably indicates that the glass has become 
electrified, and this difficulty can be removed by placing the moistened finger on the 

glass. 
In the use of the compass great care should be taken that no iron or steel is near the 

instrument to attract the needle from its true position. The chain, pins, ax, pocket 

knife, iron wire in a stiff hat are fruitful sources of errors. Electric currents affect the 

needle so seriously that it is of little use in cities for obtaining even an approximate 

magnetic meridian. It is customary to take the forward and reverse bearing of lines 

so that any local attraction of the needle may be detected. If the bearing of AB taken 

from Station A and the bearing of BA from Station B do not agree it indicates that 

at either A or B there is local attraction. To determine at which station it exists, take 

the bearing of BC with the compass at B, and then with the compass at C determine 

the bearing of CB. If these agree it indicates that there is no local attraction at B. 

Adjustments of the Compass. (1) The bubbles are adjusted like those on the hori- 

zontal plate of a transit (Art. 4). (2) Straightening needle and centering pivot-point: 

Bent needle may be detected by reading both N and S ends when N end is held oppo- 

site a given graduation, and then by reading both ends again when S end is held 

opposite same graduation; take needle out and bend it with pliers at the middle until 

the end reads the same in either position. Pivot may be centered by finding (by trial) 

position of maximum difference between end readings on different parts of the circle, 

and then bending pivot so that end readings agree. (3) Remagnetizing needle: rub 

with a bar magnet from center toward ends, using N end of magnet for S end of needle, 

and vice versa. 

The Pocket Compass is a hand instrument for obtaining roughly the bearing of a 

line. There are two kinds, the plain and the prismatic. The former is much like the 

the surveyor’s compass, except that it has no sights. In the prismatic compass the 

graduations, instead of being on the compass-box, are on a card which is fastened to 

the needle (like a mariner’s compass) and which moves with it. This compass is gener- 

ally provided with sights. The bearing can be read, by means of a prism, at the same 

instant that the compass is sighted along the line. 

4. The Transit and Its Adjustments 

The Engineer’s Transit, a view of which is shown in Fig. 3, has two spindles. 

one inside the other, to each of which is attached a horizontal circular plate, 

the outer spindle being attached to the lower plate and the inner one to the 

upper plate. Attached to this upper plate are two standards supporting the 

horizontal axis’ of the telescope. The motion of this horizontal axis and of 

the two spindles is controlled by clamps and slow-motion (tangent) screws. 
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On the upper plate are two spirit-levels, which are used in leveling the instru- 
ment. Most transits have four leveling screws; but those made for triangula- 
tion work usually have only three. When the instrument is provided with a 
telescope bubble and a vertical arc it is called an Engineer’s (or Surveyor’s) 
transit; if it does not have these attachments it is called a plain transit. 
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The Telescope has two lenses cemented together for its objective, and an 
eyepiece of four lenses if the instrument is an erecting transit, two lenses if 
inverting. An inverting instrument gives a much more illuminated field. 
Between the objective and the eyepiece is the cross-hair ring. The objective 
is moved away from or toward the cross-hair to focus. There is a growing 
tendency (prevalent in Europe) toward the use of an interior system of 
focusing, which was introduced as “‘ Porro’s Telescope.” This has a movable 
lens or lenses between the object glass and cross-hair, thus making the tele- 
scope barrel dust-proof; the stadia constant is zero. Its disadvantage lies in 
the fact that the additional lenses cut out light and the adjustment is not so 
completely in the hands of the operator. The line of sight, cr line of collima- 
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tion, is the straight line drawn through the optical center of the objective and 
the point of intersection of the cross-hairs. Focusing is the adjustment of the 

eyepiece and of the objective so that the cross-hairs and image of the object 
can be clearly seen at the same time. The magnifying power of a telescope 
is the amount by which an object is increased in apparent size. It is equal 

to tan 1/2 A/tan 1/2 a (or nearly A/a), A being the angle subtended by the 
object as seen through the telescope and a the angle as seen by the unaided 
eye. It may be found approximately as follows: Hold a rod a short distance. 
from the instrument and view it through the telescope with one eye; at the 
same time look at it directly’ with the other eye. It will be noticed that one 

space as viewed through the telescope will appear to cover several spaces as 
seen with the naked eye. This number is approximately the magnifying 
power o: the telescope. 

Common Special Attachments are: (1) Diagonal or prismatic eyepiece for 
sighting high altitudes. (2) A reflector attached to the telescope for illumi- 
nating the cross-hairs when working in the dark. (3) A gradienter screw for 
measuring rates of grades directly. (4) Stadia hairs, which are two extra 
horizontal cross-hairs used in measuring distances by stadia. (5) Solar 
attachment, for determining a meridian by observation on the sun. 

By Observing a Few Important Precautions much of the wear of instruments and 
accidents to them can be avoided. Neither the tripod legs nor the shoes should be 
allowed to become loose. In taking the instrument out of its box always lift it by 
placing the hands beneath the leveling base. When about to move the transit from 
one point to another be sure that the four leveling screws are properly bearing, that 
the needle is lifted, and that the clamps are set just firmly enough so that any slight 
shock will allow motion. A waterproof bag should be carried at all times to cover the 
instrument if it rains or when the instrument is exposed to dust. When the transit 
must stand out in the rain the cap should be put over the object glass; if water should 
get into the telescope, take out the eyepiece, cover the open end of telescope tube with 
cloth, and allow it to dry out. Any parts of the instrument that have been wet should 
be wiped dry, especially the vertical arc, but be careful not to touch the edges of the 
arcs. One should always avoid placing the hands on exposed graduations, as it will 
tarnish the meta]. In cleaning the lenses use a fine camel-hair brush, and for screw 
threads use a stiff tooth brush and apply a very little watch oil after cleaning, but do 

not apply oil to exposed screws. _ 

Important Adjustments of the Transit are: (1) to make the plane of the 
plate bubbles perpendicular to the vertical axis of the instrument. (2) To 
make the line of sight perpendicular to the horizontal axis. (3) To make the 
horizontal axis perpendicular to the vertical axis of the instrument. These 
three adjustments are made to depend on the principle of reversion, the effect 
of an error being doubled by a reversal of the instrument. Each adjustment 

should be repeated to test its accuracy. 

(1) Adjustment of the Bubble Tubes. Bring plate bubbles in center ot 

respective tubes by means of leveling screws. Turn 180° in azimuth; half 

the apparent error in bubbles is the rear error; so bring bubble half-way back 

by screws on the bubble tubes. Adjust each bubble independently. 

(2) Adjustment of the Line of Sight. First adjust the vertical cross-hair 

so it will lie in a plane perpendicular: to the horizontal axis. Set up and 

level the instrument. Leveling the instrument is not necessary for this part 

of the adjustment, but as it is an essential part of the second portion of this 

adjustment it is well to level at this time. Sight the vertical hair on a well- 

defined point, clamp both plates, rotate telescope about horizontal axis. If 

point does not appear to travel along the vertical cross-hair, loosen: screws 

holding cross-hair ring, and by tapping lightly on one screw, rotate ring until 
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above condition is fulfilled. Then tighten screws and proceed with the second 
part of the adjustment as follows: sight telescope at point A (200 to 300 ft. 
away), and clamp vertical axis; revolve telescope on horizontal axis and set 
a point B in line of sight and same distance approximately from instrument 
as A but in the opposite direction. Points A and B should be at about the 
same elevation. Loosen clamp, turn in azimuth and sight A again, clamp, 
revolve telescope on horizontal axis and set point C in line of sight beside point 
B. Mark or notea point D one-fourth the distance between C and B measured 
from C. To adjust, move the cross-hair ring until D is sighted by loosening 

the screw on one side of the telescope and tightening that opposite. If the 
transit has an erecting eyepiece move the ring in the direction D to C; if an 
inverting eyepiece, move ring in the same direction C to D. 

(3) Adjustment of the Standards. Set up and level the transit. Sight on 
some high point A and clamp vertical axis. Lower telescope and set point B 
in line of sight about level with telescope. Reverse telescope and turn in 
azimuth 180° and sight on B and clamp. Raise telescope until point A is 
visible and note point C in line of sight and at same height at A. If C does 
not fall on A, loosen pivot cap screws at adjustable end of horizontal axis 
and raise or lower the end of the axis by means of capstan-headed screw under 
axis. The adjusting screw should be brought into position by a right-hand 
turn, otherwise the block on which the horizontal axis rests may stick and not 
follow the screw. The cap screws should then be tightened just enough to 
avoid looseness of the bearing. 

If the instrument is badly out of adjustment it is better to bring it as a whole gradu- 
ally into adjustment rather than to attempt complete adjustment of one part at a time. 
In this way the adjustment of any part will not disturb the preceding adjustments, 
the parts are not subjected to strains, and the instrument will remain in adjustment 
longer. 

To Adjust the Vernier of the Vertical Circle so it will read 0° when the telescope 
bubble is in the center, loosen the screws holding the vernier, and tap lightly until the 
zeros coincide. This adjustment eliminates index correction in measuring vertical 
angles, provided the line of sight is parallel to the bubble tube. 

To adjcst te Jbjective Slide so it will move parallel to the line of sight. Adjust 
the line of sight as described under .)) above, but use very distant objects, then repeat 
this same adjustment using points very near by, and if in this last test there is an 
apparent error, it indicates that the objective slide does not move parallel to the line 
of sight. The adjustment is made by moving the adjusting screws of the objective 
slide so as apparently to increase the error by one-quarter of the apparent error. Then 
test adjustment of line of sight again by using distant points. The adjustments of the 
objective slide—centering the eyepiece tube, centering the circles—are usually done 
by the instrument makers. 

To Eliminate Effects of Errors in Adjustment and still obtain accurate 
results the instrument must be used as follows. To avoid errors in the plate 
bubble, level up, turn 180° in azimuth and bring bubbles half-way back by 
means of leveling screws. This makes the vertical axis truly vertical, and the 
bubbles should remain in the same parts of their respective tubes as the 
instrument is turned about the vertical axis. Errors in light of sight and 
horizontal axis are avoided by using the instrument with telescope in its direct 
and then in its reversed position and taking the mean of the results, whether 
the work is running lines or measuring angles. Errors of ‘eccentricity are 
eliminated by taking the mean of the readings of the two opposite verniers, 
and errors of graduation of the circle are nearly eliminated by reading the 
angle in different parts of the circle or by measuring the angle by repetition. 
Where only one vernier is read in determining an angle always read ‘the one 
that was set. 
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5. The Solar Attachment 

The Solar Attachment is a small instrument which is sometimes attached 
to a transit and with which a true meridian can be established by observation 
on the sun. The commonest form of solar attachment (Saegmuller’s) consists. 
of a small axis called the polar axis attached at right angles to the telescope 
and to its horizontal axis; on this axis is mounted a small telescope. Another 
form of solar attachment (Burt’s) has the small telescope replaced by a lens. 
and a screen on which the sun’s image can be thrown. This instrument is. 
provided with a special arc for setting off the sun’s declination. 

Astronomic Terms. In Fig. 4, which represents half of a celestial sphere, 
the circle NWSE is the observer’s horizon, SZPN is the observer’s meridian 

Zenith 
Z 

Co-Laq ti, Pa 

ar Distance 

Fig. 4. Celestial Sphere 

(a vertical circle through the pole, P). The circle EQW is the celestial equator, 

and AMB, parallel to the equator, is a parallel of declination, or the path of 

the sun on a certain day. The sun’s declination is its angular distance north 

or south of the equator, or arc OT; it is -+ when north and — when south. 
The polar distance of the sun is the complement of the declination, the arc OP; 

when the declination is minus (in winter) the polar distance is more than 90°. 

If the polar axis points toward the pole, the small telescope can be made to 

following the sun’s daily path by giving it an inclination to the polar axis equal 

to the sun’s polar distance and then revolving it about the polar axis. 

To Find the True Meridian by an observation on the sun with a Saegmuller 

solar: (1) Make the angle between the polar axis and the solar telescope equal 

to the sun’s polar distance at the time of the observation. This is done by 

turning the solar telescope into the same plane as the main telescope by 

sighting both on some distant object, and then making the angle between 

the two telescopes equal to the sun’s declination. Incline the main telescope 

until the reading of the vertical circle equals the declination, and clamp; then 

level the:solar telescope by means of the attached level. The angle between 

the polar axis and the solar telescope is then 90° plus or minus the reading of 

the vertical circle. 
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(2) By means of the vertical circle of the transit incline the polar axis to | 
the vertical by an angle equal to the colatitude of the place, which is 90° minus 
the latitude. The polar axis will then have the same angle of elevation as the 
celestial pole. 

(3) If the observation is in the forenoon, place the solar telescope on the 
left of the main telescope (on the right if in the afternoon); then, by moving 
the whole instrument about the vertical axis and the solar telescope about the 
polar axis, point the solar telescope at the sun. The sun’s image is brought 
to the center of the square which is formed by four cross-hairs in the solar 

telescope. The final setting is made by the tangent screw controlling the hori- 
zontal motion of the transit and the one controlling the motion of the solar 
about the polar axis. Only one position can be found where the solar tele- 
scope will point to the sun. In this position the vertical axis points to the 
zenith, the polar axis to the pole, and the solar telescope to the sun. Since 

the solar telescope is pointing to the sun the main telescope must be in the 
plane of the meridian. If all of the work has been correctly done it will be 
observed that the sun’s image will remain between the cross-hairs set parallel 
to the equator, and therefore the sun can be followed in its path by a motion 
of the solar telescope alone revolving about the polar axis. If it is necessary 
to move the instrument about the vertical axis to point the solar telescope 
again at the sun, this shows that the main telescope was not truly in the 
meridian. For good results observations should not be made near noon, or 
near sunrise or sunset when the altitude is less than 10°. 

The Sun’s Polar Distance may be obtained from the “American Ephemeris and 
Nautical Almanac,” published by the Government. The polar distance is not given 
directly, but its complement, the sun’s “ apparent declination,” is given*for each day 
and for the instant of 0h or Greenwich mean midnight. The rate of change of the 
declination, that is, variation per hour, is also given. In order to use these data for 
any given locality, it is first necessary to find the local or the standard time corre- 
sponding to midnight (02) at Greenwich. In the United States, where standard time 
is in use, the relation to Greenwich time is simple. In the Eastern time belt the time 
is exactly 5 hours earlier than at Greenwich; in the Central belt, 6 hours earlier; in 
the Mountain belt, 7 hours earlier; and in the Pacific belt, 8 hours earlier. If a cer- 
tain declination corresponds to 02 Greenwich time, the same declination corresponds 
to 72 p.m. in the Eastern belt; 62 p.m. in the Central, etc., of the preceding date. 
The declination for any other hour in the day may be found by applying the “ varia- 
tion per hour’ multiplied by the number of hours from 72 p.m. (or 6 p-m., etc.). 
Declinations marked North must. be regarded as positive and those marked South as 
negative. An examination of the values of the declination for successive days will show 
which way the correction is to be applied. It will be useful to remember that the 
declination is 0° about March 21, and increases to about June 22, when it is 
approximately 23° 27’ North; it then decreases, passing the 0° point about Septem- 
ber 22, until about December 21, when it is approximately 23° 27’ South; it then goes 
North and is again 0° on March 21. 

Atmospheric Refraction. After the correct declination is found it has still to be 
corrected for refraction of the atmosphere. The effect of refraction is to make the sun 
appear higher up in the sky than it actually is. In the northern hemisphere, when the 
declination is North this correction must be added, when South, subtracted; or alge- 
braically it is always added. The amount of refraction can readily be found by 
Comstock’s method as follows. Set the vertical hair on one edge (or limb) of the 
sun and note the instant by a watch. Set the vernier of plate 10’ ahead and note 
the time when the same edge meets the cross-hair. If 2 is the number of seconds of 
time between the observations and h is the altitude in degrees, then the refraction in 
minutes equals 20(0/hn approximately. 

The Colatitude which must be set off on the vertical circle may be obtained from 
a map, or may be determined by an observation as follows. . Set off the sun’s declina- 
tion for noon, as for any other observation, the two telescopes being in the same 
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vertical plane, and point the small telescope at the sun. ‘By varying the angle of 
elevation of the main telescope, keep the solar telescope pointing at the sun until the 
maximum altitude is reached. The angle read on the vertical circle is the colatitude. 
This observation necessarily comes near noon, but in order to be sure of the maximum 
altitude it is necessary to begin the observation some time before noon, for the maxi- 
mum does not occur at exactly apparent noon because the declination is continually 
changing, the interval between apparent and Standard noon may not be known, and 
the watch may not be exactly right. 

6. The Level and-Its Adjustments 

A Level Instrument is a telescope with a delicate spirit-level attached to 
it so that when the bubbie is in the center the line of sight is horizontal, or 
tangent to a level surface, which is a curve every point of which is per- 
pendicular to the direction of gravity. The two common types are the wye 
and the dumpy levels. In both of these instruments the telescope is mounted 
on a vertical axis about which the telescope can swing, and is leveled by means 

of four leveling screws. 

In the Wye Level the spirit-level is attached to the telescope which rests 

in two Y-shaped supports, which in turn are fastened to a horizontal bar to 
which the vertical axis is attached. The telescope can be taken out of the Y’s, 
turned end for end and replaced, when testing the bubble for adjustment. 

The Dumpy Level has its vertical axis, the horizontal bar and the sup- 
ports of the telescope all in one piece, to which the spirit-level is attached. 
The dumpy level will stand much rougher usage than the wye level, has fewer 
wearing parts and allows fully as precise work. Practically the only advan- 

tage the wye level has over the dumpy is that the adjustment of the line of 

sight can be a little more conveniently tested. The precautions in use of the 

level and its care are similar to those described for the transit in Art. 4. 

The Locke Hand Level is simply a metal tube with plain glass covers at its ends 

and with a small spirit-level on top. When looking through the tube the bubble is 

seen on one side of the tube in a mirror through a lens; on the other side the land- 

scape is viewed. When the bubble is in the center of the tube the observer can note 

where the horizontal line which appears in the center of the bubble tube cuts a rod 

and in this way do approximate leveling (see Art. 28). 

Principal Adjustments of the Wye Level are: (1) to make the line of sight 

coincide with the axis of the pivots, or parallel to it. (2) To make the line 

of sight and axis of bubble tube parallel. (3) To make the axis of the bubble 

tube perpendicular to the vertical axis. As in the transit instrument, most of 

the adjustments depend upon the principle of reversion. 

(1) Adjustment of Line of Sight. First make the horizontal cross-hair truly 

horizontal when the instrument is level. This adjustment is tested by sight- 

ing, after leveling, on a point and noting if the cross-hair appears to remain on 

the point as the telescope is revolved about its vertical axis. If an adjustment 

is necessary it is done by rotating the cross-hair ring as described in the case 

of the second adjustment of the transit. After this adjustment is made 

loosen the clips which hold the telescope in the wyes. Sight the intersection 

of the cross-hairs at a point and clamp. Rotate the telescope 180° in wyes. 

If the cross-hairs do not remain on the point they must be moved half-way 

back to the point by means of screws on the cross-hair ring, each cross-hair 

being adjusted separately by means of its proper ring screws. 

(2) Adjustment of Bubble by Indirect Method. Bring the bubble in the 

center of its tube and clamp in that position. Rotate telescope in wyes a few 

degrees around its horizontal axis; if the bubble moves, correct the entire 
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error by means of the horizontal capstan screws at one end of the bubble tube. 
Then clamp the telescope over the pair of leveling screws and bring the bubble 
into the center of the tube, lift the telescope from the wyes, turn it end for 
end, and replace in the wyes without jarring the instrument. Correct half 
the apparent error by the vertical adjusting screw of the bubble tube. 

(3) Adjustment of the Wyes. Level the instrument, then bring the bubble 
exactly to the middle over a pair of leveling screws. Then turn the telescope 
180° about its vertical axis and correct half the apparent error by means of 
the adjusting screw of the wye support. Since the bubble is brought to the 
center of the tube at each rod-reading this last adjustment in no way affects 
the accuracy of the leveling work but is a convenience. 

The Adjustments of the Dumpy Level are the same in purpose as for the 
wye level, but are, owing to the construction of the instrument, done in a 
different order and by a different procedure in some cases. They are: (1) To 
make the horizontal cross-hair truly horizontal when the instrument is level. 
(2) To make the axis of the bubble tube perpendicular to the vertical axis. 
(3) To make the line of sight parallel to the axis of the bubble. 

(1) The Adjustment of the Cross-hairs is done as described under the first 
adjustment of the wye level. 

(2) Adjustment of Bubble Tube. Level the instrument and carefully center 
the bubble over a, pair of leveling screws. Turn the telescope 180° in azimuth 
and correct half the apparent error in the bubble by means of the adjusting 
screws of the level tube. 

(3) Adjustment of Line of Sight by Direct or “Peg”? Method. Select 
points 4 and B 200 ft. or more apart. Set up the level beside A so that when 
arod is held on A the eyepiece will swing and just clear therod. Look through 
the telescope wrong end to at the rod and find the reading opposite the center 
of the field. Turn the telescope toward B and take a rod-reading in the usual 
manner, being sure that the bubble is in the middle of the tube. Then set 
up the level at B and repeat the above operation. These two sets of observa- 
tions give two independent determinations of the difference in. elevation 
between the two points. The true difference in elevation is the mean of 
these two results. Leaving the instrument at B, set the rod at A so that it 
will read the height the instrument is above B plus or minus the true difference 
in elevation between A and B. Then if the level is sighted on the target of 
the rod it will define a level line. While the bubble is in the center of its 
tube the line of sight should be brought to coincide with the target by moving 
the cross-hair ring by means of its adjusting screws. The following example 
illustrates the method: 

Instrument at Sta. A Instrument on Sta. B 
Rod-reading on Sta. A = 3.971 Rod-reading on Sta. B= 5.064 
Rod-reading on Sta. B = 4.937 Rod-reading on Sta. A = 4.036 
Diff. in elev. of A and B = 0.966 Diff. in elev. of Band A = 1.028 

Mean of two diff. in elev. = 1/2 (0.966 + 1.028) = 0.997, true diff. in elev. 
Instrument is now 5.064 above Sta. B. 
Rod-reading on Sta. A should be 5.064 — 0.997 = 4.067 to give a level sight. 

This ‘‘ peg’’ adjustment may be used for adjusting the line of sight of the wye level 
except that in the wye level after the target at A has been set at the correct elevation 
to define a level line the line of sight is made to coincide with the target by means of 
the leveling screws and then the bubble is brought to its mid position by means of its 
adjusting screws. This “ peg” adjustment is also used for the hand level. In using 
the “peg ’’method for transits the adjustment may be made either by moving the 
cross-hair ring or by moving one end of the level tube. If the cross-hair is moved the 

| 
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adjustment of the line of collimation must be tested; if the bubble tube is moved the 
vertical arc must be adjusted. 

To eliminate the effect of errors in adjustment of the line of sight, of the bubble 
tube or the wyes the observer must be sure that the bubble is in the center of the 
tube at the instant that the rod is read, and the length of the backsights and foresights 
should be made equal. 

7. Leveling Rods 

Two General Types of Rods, target and self-reading, are in common use. 
The target rods are read only by the rodman, while the self-reading rods are 
read directly by the level man. The commonest forms of target rod are the 
Boston, the New York and the Philadelphia rods; the latter may be used also 
as a self-reading rod. 

The Boston Rod is an extension target rod made of two strips one of which 

slides in a groove in the other, and provided with clamps to hold the two parts 
in any desired position. There is a scale on each side of the rod graduated to 
hundredths of a foot, each scale being provided with a vernier for reading to 
thousandths of a foot. The target is fastened to one of the strips, the other 
one is held on the ground and the target strip raised to the proper reading, 
the highest reading being 5.8 ft.; these are called ‘“‘short rod-readings.” For 
“long rod-readings”’ the rod is turned end for end and the target strip is 
raised, its highest reading being 11.4 ft. A serious objection to this kind of 
rod is that in reversing it any error in the position of the target with reference 

to the zero of the scale is doubled. 

The New York Rod has two strips arranged similarly to those of the Boston 
rod, but the circular target is movable and for short rod the target is moved 
up and down on the rod, the scale graduated to hundredths being in the face 

of the rod; it is read by means of a vernier on the target. The scale for long 

rod is on the side of one of the strips and the vernier is on the other strip. 
When used as a long rod the target is clamped to the face of the rod at the 
reading corresponding to the lowest reading on the side scale; then the target 

is raised just as in the Boston rod. 

The Philadelphia Rod is marked on its face throughout its entire length 
(extended) with red numbers to designate the feet and black numbers for the 
tenths so that it can be used as a self-reading rod. The red figures are 0.1 ft. 
high and the black figures 0.06 ft. When it is used as a target rod, it is 
operated just as the New York rod; the only difference being that the short 
scales at the center of the metal target and on the back of the rod (for long 

rod-readings) are not verniers, but these scales are graduated to 0.005 ft. and 

are used in estimating the readings to thousandths of a foot. 

Special Designs of self-reading rods are in use, the figures on the face being as a 

rule made of some definite height (0.06 or 0.08 ft.) and of a thickness of 0,01 or 0.02 ft. 

to aid in estimating the readings. Some of these rods are in three parts, giving an 

extended length of 16 ft. In nearly every respect self-reading rods are preferable to 

target rods. 

The Tape-red is a wooden rod made in one piece with a metal roller near each end 

around which is a continuous movable steel band 20 ft. long and about 0.1 ft. wide, on 

the outside of which the scale is painted so that it can be used asa self-reading rod; 

the band has a clamp to fasten it to the rod at any desired position. Unlike the ordi- 

nary rod the scale reads down instead of up. In using this rod the band is set so that 

the level sights the reading of the elevation of the bench-mark. For example, if the 

B.M. elevation is 142.36 the band is moved and clamped so that the level sights 12.36 

on the scale. When the rod is held at any other point the rod-reading plus 130 gives 

the elevation of the point. Such a rod is of great convenience in cross-section work. 
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Self-reading rods for Precise Leveling are used by the U.S. Coast and Geodetic 

Survey and are made of single pieces of wood soaked in paraffin to prevent changes in 

length due to moisture; they are made in the form of a + or a T. in cross-section. 

The graduations are marked in the metric system on a strip of invar metal attached 

to the face of the rod (Art. 25). For plumbing the rod in precise work special devices 

are used such as spirit-levels attached to brass angles or watch levels held on the corner 

of the rod. 

8. Drafting Instruments and their Uses 

It is assumed that the reader is familiar with the ordinary drafting instruments; only 

a few of the more uncommon will be described. 

The Pantograph is a jointed framework of several pieces (or arms) of wood 

or metal’ so joined as to form a parallelogram; and used for enlarging or 

reducing maps. It rests upon three points, one of which, A, is fixed and the 

other two, B and C, are movable. There are other bearing points but they 

simply support the instrument and are not essential to its principle. The 

two movable points B and C are in such positions that they will trace exactly 

similar figures. The instrument is used for copying plans either to the same 

or different scales; the latter is accomplished by varying the positions of the 

points B and C on the arms. Thus two points B and C can be attached to 

their respective arms at any desired position, but the essential condition is 

that A, B, and C shall lie in a straight line and each of the three points must 

be attached to one of three different sides (or sides produced) of the parallelo- 

gram. Any one of the three points can be the fixed point. These instruments 

are usually provided with scales on the arms indicating the proper settings 

for various reductions or enlargements. Because of lost motion in the joints 

very accurate results cannot as a rule be reached, but the best metal panto- 

graphs are sufficiently accurate for most topographic maps. 

The Planimeter is an instrument for determining the area of a figure by 

moving the tracing point of the instrument around the perimeter of the plotted 

area however irregular its shape. The most common form is the Amsler 

polar planimeter, which has two arms, one fixed in length, at the end of which 

is the anchor point which has a needle point to attach the instrument to the 

paper. The length of the other arm, the tracing arm, can be changed to give 

results in different units. At the end of the tracing arm is a point which is 

moved along the outline of the area to be measured. This arm passes through 

a collar to which the fixed arm is attached by a pivot. Connected with this 

collar is a graduated wheel which, together with a little disk which records 

the revolution of the wheel, gives the area in units depending upon the length 

of the movable arm. The planimeter rests on three points, the anchor, the 

tracing point and the periphery of the wheel. To measure an area, press 

the anchor point into the paper at a position outside of the perimeter of the 

figure, if it is not too large, and start the tracer from a definite point on the 

periphery of the area, preferably such as will bring the two arms approximately 

at right angles to each other. Read the disk, wheel and its vernier, giving four 

figures. The tracing point is then moved carefully around the outline of the 

area until the starting point is again reached, when the disk and the wheel 

area againread. The difference of the two readings gives the area in the unit 

depending upon the length of the movable arm. The setting of the scale 

marked on the movable arm for different units is given by the maker. If the 

area is so large that the anchor point cannot be set outside its limits it can be 

divided into smaller parcels and the area of each determined separately; or 

the anchor can be placed inside the area provided the area of a correction 

circle is added to the result, which value is also given by the maker. Results 

correct to within 1% may be easily obtained with this instrument. 
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The Rolling Planimeter is not anchored to the drawing. It has a tracing point at 
the end of an adjustable pivoted arm which is fastened to a frame supported on two 
rollers. The whole instrument is rolled forward and backward in a straight line while 
the tracing point traverses the outline of the area. Results correct to 0.01% are easily 
reached with this instrument. The rolling planimeter is much more expensive than 

the polar planimeter. 

The Three-armed Protractor is used to solve the “ three-point problem ” graphi- 
cally. It is similar to the ordinary protractor except that it has three arms, the middle 
one fixed at 0° of the circle and the other two movable. On either side of the 0° point 
angles can be laid off. If a point is located by two angles taken between signals 4 
and B and between Band C this point sought can be located by laying off the two 
angles one on either side of the zero point of the protractor and then moving the 
instrument about on the plan until the plotted points A, B, and C lie on the beveled 
edges of their respective arms. When this position is found the center of the protractor 

locates the point sought. 

9. Drawing Papers and Blueprinting 

Drawing Papers for Working Plans are of all grades from manila detail 

paper, which costs from 6 to 20 cents per yard, to well-seasoned mounted 

paper, which will not change greatly with changes in moisture, and which 

costs from $1.50 to $4.00 per yard, depending upon the width and quality. 

Mounted paper comes in 10-, 20-, and 30-yd. rolls and in widths of 36, 42, 

56, 58, 62 and 72in. ‘The best grades of drawing papers can also be obtained 

in sheets, either plain or mounted; the common sizes are Cap, 13 by 17; 

Demy, 15 by 20; Medium, 17 by 22; Royal, 19 by 24; Super Royal, 19 by 

27; Imperial, 22 by 30; Atlas, 26 by 34; Double Elephant, 27 by 40; Anti- 

quarian, 31 by 53 in. 

Transparent Paper, similar to bond paper, is used largely for studies and 

for temporary copies of plans. But for more permanent copies tracing cloth 

is used. Tracing paper comes in sheets of the same standard sizes as mounted 

paper; it also comes in 20- and 50-yd. rolls and in widths 30, 36, 39, 42, 57 

and 60 in., which cost from 7 to 30 cents per yard. 

Tracing Cloth is a very uniform quality of fine linen coated with a prepara- 

tion to make it transparent. This material is manufactured in 24-yd. rolls in 

widths, 24, 30, 36, 38, 42, 48 and 54 in., and costs from 75 cents to $2.00 per 

yard. Most tracing cloth has to be rubbed with powdered chalk before it 

will take ink. It has a smooth and a rough side; draftsmen should work on 

the rough side because it will take pencil lines and will not show erasures as 

much as the smooth side when process prints are made from them. In making 

a tracing of another tracing place white paper under the under tracing. From 

one tracing any number of process prints can be made. 

Cross-section and Profile Papers can be procured with colored lines, both 

on heavy paper and on transparent paper or cloth. Cross-section paper, 

divided into 4, 8, 10, 12 and 16 squares to the inch, is printed in orange, green, 

red, blue and black in sheets 16 by 20, 17 by 22 and 18 by 23 in., and also on 

smaller sheets called “‘ coordinate paper.” Cross-section papers can be pro- 

cured in 20- and 50-yd. rolls with the engraving 20, 24 and 30 in. wide, and 

also in metric units 50 cm. and 75 cm. wide. Profile papers are printed in 

green, orange and red in three scales, called Plates A, B, and C. Plate A 

has 4 spaces horizontally to the inch and 20 vertically; Plate B has 4 hori- 

zontally and 30 vertically; and Plate C has 5 horizontally and 25 vertically. 

This material is mostly manufactured in 20- and 50-yd. rolls with the engraving 

9, 10 and 20 in. wide and costs from 15 to 25 cents per yard on paper and 

$1.00 to $1.35 a yard on tracing cloth. 
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Blueprint Paper is the most common of the pcocess papers. It is a white 
paper coated on one side with a solution which is sensitive to light. When 
fresh it is a yellowish green color. The following is a formula for this solution: 
solution (a) citrate of iron and ammonia 1 part (by weight) to 5 parts of water; 
solution (0) red prussiate of potash (recrystallized), 1 part (by weight) to 
5 parts of water. These two solutions should be mixed in equal parts in the 
dark or in subdued light. The mixed solution is applied to the paper by means 
of a flat brush or sponge in a dark room or in subdued light, care being taken 
to coat the paper uniformly. Then the paper is hung in a dark room to dry 
and is stored there until used. The above coating will require an exposure of 
about 5 minutes in bright sunlight; for quick printing paper use a larger pro- 
portion of citrate of iron and ammonia. Prepared blueprint paper and cloth 
can be procured in 10- and 50-yd. rolls in widths of 24, 30, 36, 42, and 54 in. 
The paper costs from 10 to 25 cents and the cloth 50 cents to $1.50 per yard. 
In making the print expose the tracing in a printing frame (with the blue- 
print paper under it) to the sunlight a proper length of time depending upon 

the sensitiveness of the paper and the brilliancy of the light. Then remove 
the paper and wash thoroughly in water. Great care should be exercised so 
that the tracing may not become wet, for it is impossible to eradicate such 
spots on tracing cloth. 

Vandyke Paper is a sensitized paper which is printed in the same manner as blue- 
print paper, except that the tracing is put into the frame with the ink lines adjacent 
to the sensitive side of the paper. After an exposure of about 5 minutes in bright 
sunlight the print is washed for about 5 minutes in clear water and then put into a 
solution of half an ounce of hyposulphite of soda to a quart of water. It is left in this 
solution about 5 minutes and then put into clear water again for 20 minutes. This 
process gives a negative of the drawing, a dark brown paper with white transparent 
portions where the ink lines of the tracing covered the paper in printing. This Van- 
dyke print can then be used like a tracing to make other positive prints on Vandyke 
paper, giving brown lines on white background, or to make blueprints with blue lines 
and white background. This paper can be obtained in 10 and 50-yd. rolls and in 
widths of 30, 36 and 42 in.; it costs from 15 to 30 cents a yard. Blackprint papers 
are used to some extent; they require a chemical developing bath, and give a black- 
line copy of the original. 

Process-printing Machines, equipped with a brilliant artificial light, so that the 
prints may be made at any time of day or night, are common. In one of the best types 
several horizontal rollers are provided, with the light so arranged that as the tracing 
and process paper pass from one roller to another the exposure is made. The speed 
of the machine is controllable and the length of the tracing that can be printed is 
limited only by the length of the roll of paper; thus long plans or profiles can be 
printed without the necessity of frequent splicing which is required with other types 
of printing frame; furthermore the print is of uniform color throughout. These 
machines are provided with an apparatus for washing and drying the prints as fast 
as the come out. f 

Photostats are used to a large extent by engineering offices for copying, enlarging 
and reducing plans, government topographical maps, notes, deeds, and other records. 
They make a faithful copy. Even faint pencil lines of field notes can be reproduced. 
by this process. Enlargements up to about twice the original size can usually be made 
in one step; but since enlargements of the enlargements can be made, a plan of any 
desired scale can be produced by this process. A photostat of a tracing will show 
white lines on'a black background, but a positive of the same scale can be made by 
making a photostat of the negative photostat. Photostats of blue prints show black 
lines on-white background. Since all photostats go through’a fixing bath and a wash- 
ing process they shrink unevenly, as do blueprints; it is therefore advisable to draw 
a graphical scale or scales on plans which are to be photostated. : 

Engineers can obtain excellent process prints, at lower cost than they can be privately 
made, from process print companies located in all large cities. The prevailing prices 
per square foot are: for blueprints, 4 cents: for Vandyke negatives, 12 cents; for blue 
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lines from Vandykes, 7 cents; for brown lines from Vandykes, 12 cents; for red lines 
on white paper, called “ direct process,” “ ozalid,’’ or ‘“‘ red lines,” 7 cents; for direct 
process copies of tracings on tracing cloth, called “ lithoprints,” 35 cents per square 
foot; for photostats, 9 X 14 in. and under, 25 cents, and 14 X 18 in., 75 cents, and 
18 X 22 in., $1.00. 

10. Methods of Plotting Traverses 

The Precision of Plotting depends upon the purpose of the survey. If it 
has been made simply to produce a map the angles may be laid off by means 
of a protractor and the distances scaled, but it is advisable to plot the tri- 

angulation system or the traverses on which the entire survey is based by a 
more exact method, leaving the details only to be plotted with protractor and 
scale. A traverse that is closed in the field should close on the plan; any error 
of closure in the plot indicates an error in scaling some distance or in laying 
off an angle, one or both. The bearing of each line of the traverse can always 
be computed from the bearing of some one line, assumed to be correct, and 
then any line can be extended till it meets the plotted meridian and its direc- 

tion checked independently. Such checks are absolutely necessary if the 

traverse is not closed; and also the scaling of each line of the traverse should 

be checked. In the case of a closed traverse, if it closes on the plan, it is a 

good indication that it has been accurately plotted. 

Plotting by Rectangular Coordinates is a common method for accurate 

results. It consists in referring all the angle points in the traverse to a pair 

of coordinate axes; for convenience these axes are the same ones used in cal- 

culating the area if the latter is required. The advantages of this method are 

that each point is plotted independently of the others, that all plotting is 

done by means of the scale only and that the plotting can be readily checked. 

First, compute the ordinate and abscissa, called total latitude and total depar- 

ture, of each angle point of the traverse (Art. 16). If a meridian through the 

most westerly point and a perpendicular through the most southerly point are 

chosen for axes there will be no negative ordinates or abscissas, for east 

departures and north latitudes are always regarded plus values. The total 

latitude of any point is the algebraic sum of all the latitudes of the intervening 

courses beginning with the most southerly point, and similarly for the total de- 

parturebut beginning withthe most westerly point. Constructarectangle whose 

height equals the difference in latitude of the most northerly and southerly 

points and whose width equals the difference in departure of the most westerly 

and easterly points. This rectangle should be plotted very accurately by 

straight-edge and reliable triangles or by use of a beam compass, and checked 

by scaling the diagonals. To plot any point lay, off its total latitude on both 

the easterly and westerly sides of the rectangle from the southerly side. The 

point will lie on a line connecting these two points. Along this line scale off 

the total departure of the point, thus plotting the position of the point. 

Similarly all of the other points are plotted. To check a plot of this character 

scale the lengths of the traverse lines. This method is particularly useful in 

plotting closed traverses where the traverse encloses a field whose area is 

desired, for in this case the latitude and departure of the courses have to be 

computed in determining the area; but in the case of traverses that do not 

close the Tangent Method or the Chord Method is generally preferable. 

The Tangent Method consists in laying off the angles by constructing at each ver- 

tex a right triangle whose base is 10 in., or any other unit, and whose other leg is the 

natural tangent of the angle laid off in the same unit as the base. The traverse should 

first be roughly plotted with protractor and scale so as to determine its extent and 
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shape and so that the first line of the plot-can be laid in its proper place on the paper. 

This first line, AB (Fig. 5), is then drawn to the proper scale. The forward end is 

extended, say 10 in., at which point f a perpendicular is erected by using triangles. 

Fig. 5 = 

On this perpendicular the natural tangent fg of the deflection angle is scaled off and 

line Bg is drawn. This gives the direction of the second line of the traverse on which 

the proper length BC is laid off, which is in turn extended 10 in. further to form the 

base of a new right triangle in which the acute angle /Cj will be the deflection angle 

measured at that station. To check such a traverse, calculate the bearing of all the 

lines referred to any line as a meridian and draw such a meridian line accurately by 

plotting the bearing angle Am from the first line by the tangent method. Then draw 
a line Cp parallel to this meridian line so that it will intersect. the course C7 whose 
direction is to be checked, and measure the angle between this course and the meridian 
by laying off a 10-in. base and erecting a perpendicular rs and scaling rs to determine 

the tangent of the angle pC). 
When the angle much exceeds 45° itis more accurate to plot the complement of the 

deflection angle rather than the angle itself, in which case a right angle is erected at 
the station point and this is used as the base of the right triangle; in such a case and 

throughout this method it is important that the triangles used shall be true. 

In the Chord Metkod of plotting a traverse the angles are laid off by scaling off a 
chord across an arc so that it will subtend the required angle at the center of the arc. 

In detail, plot the first line 4B to scale (Fig. 6). With B as a center swing an arc 

Fig. 6 

with radius of say 10 in. Extend AB till it cuts the arc at f, from which point scale 
oft the chord fg along the arc in the proper direction. Chords for different angles have 
been published, but any natural sine table is practically as convenient, since the chord 

distance equals twice the sine distance of half theangle. The necessity for‘ multiply- 
ing by 20 can be avoided by plotting the natural sine of half the angle directly with a 
scale of 10 ft. to an inch, while the radius is scaled with a 20-ft. scale. The direction 

of any course Cs may be checked by calculating the bearings of all the lines and 
measuring the angle between a meridian line rC and the course in question Cs by draw- 
ing an arc rs as in plotting the angle, measuring the chord 7s and finding the angle rCs 
corresponding. 

; For Maps of Large Areas, such as a state or portion of a country, it is not suffi- 
ciently accurate to draw the meridians and parallels of latitude as rectangles. The 
most common form of projection used is the polyconic, in which the surface of the 
sphere representing the earth is developed on a series of cones. In the U.S. Coast 
Survey Report for 1884, Appendix No. 6, p. 135, is a table giving coordinates of curva- 
ture for plotting the parallels of latitude and meridian lines for this projection. 
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11. Finishing the Plan 

The Style of a drawing and the data which it should give depend upon the 
use to which it is to be put. On every plan, however, there should be a com- 
plete title which should be a brief description of the drawing, the owner’s 
name, the location of property, the scale, the date of the survey, the surveyor’s 
name and address. Besides these, if the plan is a land plan, a meridian line 
should be drawn and some designation as to whether it is the true or magnetic 
meridian, the limits of abutting property and the names of their present 

owners. Notes are frequently added to give such further information as is 
necessary for a correct intepretation of the plan. All essential dimensions are 
lettered in their proper places. In the case of a land plan the area is usually 
expressed in square feet or acres and lettered in the middle of the parcel; the 
lengths of the sides are lettered in the middle of each line, and sometimes the 

bearings of each side or the angles between them are given, also any stone 

bounds, iron pipes or other physical boundaries which may exist are repre- 

sented by abbreviations such as S.B. for stone bound, I.P. for iron pipe, sp. 

for spike, and stk. for stake. It is the practice of most surveyors to omit from 

the plan the calculated bearings of the lines or the angles. The bearings or 

angles are frequently of no use to the owner, but they are of great value to 

any other surveyor who may have occasion to rerun the lines of the property, 

and to fail to give them on the plan is in some instances at least withholding 

data for which the owner of the property has paid and to which he is right- 

fully entitled. Oftentimes the fact that the angles have been omitted from a 

drawing necessitates a resurvey which would have been unnecessary had the 

first surveyor given these data on his plan. 

On Working Drawings and sometimes on finished plans the traverse line 

is drawn, usually as a colored full line, the angle points being shown either by 

very small circles the center of which marks the exact point or else by very 

short lines drawn through the angle points so as to bisect the angles. Tri- 

angulation stations are represented by small equilateral triangles with the 

point in the center, stadia stations by small squares, and other auxiliary sta- 

tions by circles. The location of bench-marks is frequently represented by a 

small cross and figures thus, B.M. X 427.62. 

The boundaries of the property and the physical features, such as streets or build- 

ings, are usually drawn as full black ink lines. Shore lines are represented by black or 

by Prussian blue lines, and they should as a rule be the heaviest lines on the plan unless 

they are a very unimportant part of the plan. Whenever colors are used better results 

can always be obtained with water colors than with bottled inks. The following, burnt 

sienna, raw sienna, yellow ocher, scarlet, vermilion, carmine, sepia, cadmium yellow, 

gamboge, Hooker’s green, Prussian blue and indigo, are the colors commonly used by 

surveyors. All of these except gamboge may be used on tracing Jinen without danger of 

running, but if sun process prints are to be made from the tracing it will be found that 

Prussian blue and indigo will not print well. Some colors which do not give good 

prints may be made to do so by adding a little of some color to give it body (such as 

Chinese white or cadmium yellow) but not in quantity enough to change the original 

color. 

Lettering on a drawing should be plain so as to be easily read. Except in 

titles, the Reinhardt erect or inclined lettering is in general use. Gothic and 

Roman letters are appropriate for titles of published plans. All lettering 

should read from left to right when the plan lies with its title horizontal; 

lettering running perpendicular to the bottom should read from the bottom 

upward. Put title in lower right-hand corner of plan so that it can be read 

by turning up the corner of the sheets that lie above it in the drawer; put 
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the number of the plan in the same corner. A rolled plan should have a 

brief title on the back at both ends. Put a graphical scale on all plans to be 

reproduced photographically. 
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Border lines are not as a rule used on construction drawings, but on finished land 
plans a single line drawn 3/4 in. to 2 in. from the edge of the drawing gives a good 
appearance if the line is not too heavy. A fine line just inside of a heavier one makes 
a good border line; it is the tendency of most draftsmen to make the border lines too 

heavy. 

The Meridian should be represented on all land plans as a full arrow if it is a true 
meridian and as a half arrow if it represents the magnetic meridian, the half arrow 
head being on the side toward the declination. It should be of simple design, not too 
conspicuous in size or weight of lines. It is good practice to show both the true and 
the magnetic meridian and to letter on the magnetic the declination at the place and 
time the survey was made. : 

On Mounted Plans accurate scaling may be difficult on account of shrinkage of 
the paper. It is hence well to draw lines parallel to the borders, forming sides of 100 
or 1000 ft., so that allowance may be made in scaling after the paper shrinks. 

To Clean the Drawing use a soft pencil eraser, a sponge eraser or dry bread crumbs. 
For tracings, gasoline or benzine will remove pencil marks without affecting the ink 
lines. 

12. Topographic Signs 

Conventional Signs, which have come to be used so generally that they are 
practically accepted as standard, are used on topographic maps to show cer- 
tain physical features. A sheet of standard topographic symbols adopted 

(1925) by the Board of Surveys and Maps of the federal government is on 
sale by the U. S. Geological Survey for 40 cents. A few of the most common 
are shown in Fig. 7. They are executed with a free-hand pen except that the 
horizontal lines on the “‘ salt marsh ” signs and the straight lines in “‘ cultivated 

land ” are ruled, also fences, railroads and buildings. In all cases the symbol 
for grass and marsh land should be parallel to the bottom of the map. In the 
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grass symbol the little lines which represent a tuft of grass should all appear 
to radiate from some point below the base of the group. It is usually com- 
posed of five or seven short lines, the tops of the lines forming a curve. They 
are made beginning at the left-hand side with a short dash and increasing in 
length up to the middle line, which is vertical, and then diminishing and end- 
ing with a short dash or dot at the right-hand side. In executing “‘ water- 
lining ” the first line outside the shore line should be a light full line drawn 
just as close to the shore line as possible, and should follow very carefully 
every irregularity. The next line should be drawn parallel to the first but 
with a little more space between them than was left between the shore line 
and the first line. Then the third line should be spaced a little farther out 
and so on; five to ten lines are sufficient. The aim should be to change the 
spacing of the lines so gradually that no one place can be observed where the 
spacing suddenly increases. Water-lining, fresh marsh and salt marsh sym- 
bols are often represented in Prussian blue. A distinction is generally made 
between evergreen and deciduous trees by using different symbols, and a 
further distinction is made by using a special symbol for oak trees. The sym- 

bol for an evergreen tree is made up of five or six short free-hand radial lines 
of uniform weight, giving a star-like appearance to each individual symbol. 
They are made of different weight of lines, some much lighter than others. 

To avoid the tendency of making them in rows it is well to make irregular 
groups of the symbols in different parts of the area to be covered and to fill 
in between these groups with smaller or lighter symbols. In the symbol for 
deciduous trees it is attempted to represent the plan of a tree in foliage, with 
a slight shading toward the lower right-hand side. These little symbols are 
placed regularly over the area if they represent cultivated trees and are given 
a smoother outline than those representing wild growth, which are scattered 

irregularly over the area. On some topographic maps, such as the U. S. Geo- 
logical Survey maps, most of the topographic signs are represented in colors, 
while the U. S. Coast and Geodetic maps are all produced in black. When 

colors are used the trees should be green; the grass, a light green tint (Hooker’s 
green No. 2); water, a light Prussian blue tint; cultivated land, yellow ocher. 

Contour Lines are almost always drawn in burnt sienna water-color. Every 
fifth or tenth contour is usually represented by a line slightly heavier and a 
little darker in color. These may be drawn either with a Gillott’s No. 303 pen 
or with a contour pen. In numbering the contours just enough numbers 
should be marked so that the elevation of any contour can be found without 
difficulty. The numbers on the contours should be small figures in burnt 
sienna. A common mistake is to make the contours too heavy so that they 
subordinate some of the more important features on the map. 

Hachure Lines instead of contours are sometimes used to represent the shape of 
the surface of the ground (Fig. 7). Contour lines are first sketched lightly in pencil 

as guides in drawing the hachure lines, which are drawn normal to the contours from 
the summit downward in rows, each row touching the next preceding; the steeper 
the slope the heavier and shorter the line. All of the lines are qually spaced. 

Sub-aqueous Contours are usually represented on hydrographic maps by dot-and- 
dash black lines, the shallowest contour having one dot between the dashes, the next 
contour in depth having two dots between the dashes and so on. In some cases con- 
tours representing fathoms of water are shown as single dots for the first fathom, two 
dots and then a space for the second fathom, dots in threes for the next and so on. 
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LAND AND TOWN SURVEYING 

13. Measurements of Length 

Variations in Tape Measurements are due to erroneous length of tape, 
improper pull on the tape, careless plumbing, incorrect alignment, wind, 
changes in temperature, and sag of tape. The erroneous length of a tape can 
be discovered by comparing it with some standard; most cities have a stand- 
ard which has been established with mgre or less care. The United States 
Bureau of Standards at Washington will, for a nominal charge, standardize 
tapes. The tape should be tested at intermediate points as well as for its total 
length; its temperature and pull should be noted, and whether it is suspended 
or supported. If the tape is too long the measurements made with it are 
recorded too short, and the proper corrections should be added. 

The Amount of Pull on a tape will have a very appreciable effect upon its 
length; ordinary light 100-ft. tapes will stretch 0.01 to 0.02 ft. with an in- 
crease of 10 lb. over the ordinary pull. This increase will be different for dif- 

ferent tapes; so it is well to investigate it by fastening the ring end of a tape 
to a nail in the floor, and with the tape supported on the floor to exert different 
amounts of tension on the tape and measure them with a spring balance. In 
this manner the variations in length due to different tensions can readily be 
determined for any tape. 

Plumbing is the operation of transferring any point on a horizontal tape to 
the ground under the tape by means of a plumb-bob. Inaccuracies due to this 
process can only be avoided by using great care. It should be borne in mind, 
however, that if a line must be measured by plumbing, more accurate results 

can be obtained by measuring downhill than uphill. Even when great care 
is taking in plumbing, so much error is introduced that for accurate results it 
is better to measure the inclined distance from the horizontal axis of the 
instrument to the station mark ahead, measure with the vertical arc the angle 
of inclination of the tape, and compute the horizontal distances by means of 
the versine of the angle of inclination; horizontal distance = inclined dis- 
tance minus (inclined distance X versine angle). This computation can usually 
be done with sufficient accuracy by means of a slide rule. This method requires 
a set-up of the transit at every other tape-length. Another way to measure 
these inclined distances is to tape directly from stake to stake in one tape- 
length; set the instrument up at every other stake and measure the vertical 
angle to a point above the two station points on either side of the instrument 

equal to the distance the horizontal axis is above the stake under the transit. 

This will give the inclination of the tape. Still another method is to measure 

the inclined distance from stake to stake and obtain the difference in elevation 

by leveling. When much of this inclined work is to be done it is more expe- 

ditious to use a 200-ft. or 300-ft. tape. 

Alignment Errors are not likely to be large; lining in the tape by eye is 

for most measurements exact enough. If in measuring 100-ft. tape-lengths a 

point is 1 ft. out of line it will introduce an error of only 0.005 ft. in that tape- 

length. The error due to poor alignment may be computed by the formula 

¢—a=#?/2c, where c is the tape-length or fractional tape-length; / is the 

offset from the correct line; and a is the correct length. Thus, if one end of 

the tape is on line and the other 0.8 ft. off line the error in that one tape- 

length is 0.82/200 = 0.0032 ft. Of course there will be a similar error in the 

next tape-length, making a total error of 0.0064 ft. The shorter the tape- 

length the greater is the error due to poor alignment. 
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Errors Due to Wind can be avoided only by making measurements in calm weather, 

Decause it is impossible to determine accurately the amount of these errors under such 

variable conditions as exist when the wind is blowing. 

Temperature Changes of the ordinary 100-ft. steel tapes are about 0.01 ft. 

per 16° F. Tapes are usually made to be of standard lengths at 68° F. The 

coefficient of expansion of steel is about 0.00000645 for 1° F. Special tapes are 

made of alloys whose coefficient of expansion is very small; “ Invar” tapes 

cof nickel steel have been used in most government surveys and by many other 

engineers, the coefficient of expansion being about 1/25th that of ordinary 

steel tapes. By their use the temperature correction is eliminated except for 

very exact measurements. When ordinary steel tapes are used the temperature 

of the tape must be obtained and the temperature correction applied if exact 

results are desired. Small tape-thermometers are made for this purpose, but 

unless the thermometer is in contact with the tape and protected from the 

direct sunlight it will not register the tape temperature. Such an attachment 

is at best awkward. If the tape can be compared with a standard in sunlight 

and also in shade and the air temperature taken in the shade at both tests, 

then the correction to be made in measurements on account of temperature 

change can be readily determined if the air temperature in the shade is 

observed when the measurements are taken, for we have an empirical relation 

between the air temperatures and tape corrections. This is on the assumption, 

however, that the ratio between the tape temperature when lying in the sun- 

light and the air temperature in the shade is a constant. 

Sag. Unless the tape is supported throughout its length, which is often im- 

practicable, a correction must be applied for the sag of the tape due to its own 

weight, or, what is more commonly done, the pull is increased so as to stretch 

the tape an amount equal to the shortening due to sag. If supported at both 

ends it will hang in a curve of the form of a catenary, and the ends of the tape 

will therefore be less than its length apart, the amount of error depending upon 

the weight of the tape, the distance apart of the points of suspension, and the 

pull. With a 12-Ib. pull ona 100-ft. ribbon steel tape supported at its ends 

the effect of sag will be about 0.01 ft. This may be found for any particular 

tape by the formula, Shortening due to Sag = (L/24) (wl/t)?, where w = 

weight of tape in pounds per foot of length; ¢ = tension in pounds; / = length 

of tape in feet between supports; and L = total length of tape in feet. The 

result will be in feet. 

If a tape can be compared in a suspended condition with a standard, the shortening 

due to different amounts of sag may be determined, and then the proper approximate 

corrections applied to any measurements by judging the amount of sag. 

With a steel tape, if ordinary care is taken in plumbing and in alignment and with 

rough corrections made for temperature, an accuracy of 1 in 5000 can easily be ob- 

tained. For accuracy greater than 1 in 10 000 it is necessary to apply corrections for 

pull, temperature, alignment, and sag. 
In all measurements it is of utmost importance to distinguish between errors which 

tend to balance and those which continually accumulate, the latter being far more 

important. For those which tend to balance, the number of errors which will probably 

remain uncompensated, according to the Method of Least Squares, will be the square 

root of the total number of opportunities for error. For example, if a 100-ft. tape is 
0.02 ft. too long an accumulative error of about 1 ft. will be made in measuring a line 
one mile long. If, on the other hand, the tape-lengths are not marked closer than 

ft., the total error made by this compensating error of 0.05 will only be / 52x 

.05 = 0.36 ft. 
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14. Magnetic Variations 

Surveys with Compass and Chain cannot be relied upon to be closer than 
about 1 part in 500, since the bearings are read only to the nearest quarter of 
a degree. This method is therefore adapted only to rough surveys of wood- 
lands where the land is cheap and where there is little danger from local 
attraction of the needle. 

For Transit and Tape Surveys it is desirable in some instances to determine 
the direction of the true meridian by observations on the sun or on Polaris 
(the ‘‘ north star’), as described in Art. 44. In many cases exact bearings 
of the lines are not needed and it is sufficiently accurate to determine the mag- 

netic bearings by reading the needle. The approximate true bearings may then 
be determined by applying the declination of the needle to the observed bear- 
Ings; but in most transit and tape surveys in cities the magnetic bearings are 
so unreliable that when taken at all they are used merely for the purpose of 
plotting a needle on the map to show approximately the “‘ points of the 

compass.” 

The Declination of the needle is the angle which it makes with the true 
meridian. The needle rarely points in the true meridian; if it points east of 
the true meridian it is called an east declination. The declination of the needle 
at places east of Ohio and the Carolinas is West (in 1925), being a maximum 
of 22-1/2° in Maine; in the western part of the country it is East, being a 
maximum of 25° in the state of Washington. The average declination in 
Alaska is 20-1/2° E; Porto Rico 4-1/2° W; Canal Zone 5° E; Hawaiian 
Islands 10-1/2° E; Philippine Islands 1° E. The declination continually 

changes; these changes are called variations. 

The Secular Variation is a long slow swing, periodic in its character, and covering 

many years. In the United States all east declinations are now (1925) gradually 

decreasing and all west declinations are increasing at an average rate of 2 to 3 min, 

per year. 

The Daily Variation consists of a swing from the extreme easterly position at about 

8 a.m. to its most westerly position at about 1.30 p.m. It is in its mean position at 

about 10 a.m. and 5 p.m. This daily variation is from 5 to 15 min. of arc. 

The Annual Variation (about one minute per year) is so small that it need not be 

considered in surveying work. 

Irregular Variations, due to so-called magnetic storms, are uncertain in character 

and cannot be predicted. These variations are sometimes large. 

Isogonic Lines are lines drawn on a map so as to connect all places where 

the declination of the needle is the same at a given time. The U. S. Coast and 

Geodetic Survey has constructed isogonic charts of the United States and 

these can be obtained from Washington. These charts do not give results with 

great precision, but are useful in finding approximate values of the declination. 

They are prepared by plotting upon the map the observed declination. at 

magnetic stations located throughout the country and interpolating results at 

intermediate places. Observed declinations at these interpolated places fre- 

quently show results quite different from those given on these isogonic charts, 

so that it is necessary whenever the declination of the needle is desired with 

precision to make observations for finding the true meridian. 

Changes in Declination make it necessary in rerunning old lines to-modify the given’ 

bearings an amount equal to the change in declination which has taken place since the 

lines were first run. To determine the declination for some past date, records of the 

U. S. Coast Survey are of assistance provided they had a magnetic station in the 

vicinity of the place in question. A better way of finding the difference in declination 

is to take the magnetic bearing of any well-defined line of the old survey, such as be- 
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tween two identified stone heaps, and compare the present bearing of this line with its 

original bearing. > 

An Isogonic Chart for Jan. 1, 1925, copied from one issued by the U. S. 
Coast and Geodetic Survey, will be found on pages 434 and 435. The full lines 
are the isogonic lines, or lines of equal magnetic declination, the heavy one 

marked 0° passing through the places in the United States where the north 

end of the magnetic needle points to the true north. East of the 0° line the 
north end of the magnetic needle points west of true north, west of that line 

it points east of true north. Thus, at Boston, Mass., the declination in 1925 
was about 14-1/2° W, and at Helena, Mont., it was about 20-1/2° E. 

These isogonic lines are constantly shifting; the 0° line is moving westward at a . 
rate between 1’ and 2’ per year. On the chart a double line is seen marked “Annual 
Change 0’; at all places on that double line there was no change in declination in 
1925, at all places east of it the west declination was increasing, at all places west of 
it the east declination was decreasing. Thus, near Denver, Colo., the east declination 
decreased nearly 2’ in 1925, 

In 1926 the U. S. Coast and Geodetic Survey published a pamphlet (Serial No. 360) 
entitled “‘ Magnetic Declination in the United States in 1925,” which gives tables 
showing the magnetic declination as observed for many places since 1750. The follow- 
ing table, showing the secular change for eight places is taken from that publication. 

Secular Change of the Magnetic Declination 

70° wee 74° 76° : 
44° 42° 44° 36° 32° 

Maine | Conn. |NewYork/ N. Car.| Ga. 

Longitude 
Latitude.. 

State... 

° ° ’ ° , 

1750 934 W} 646 W;) 800W);118 W)304E BE REE a (Be ae 
1760 9 14 60. [ow 19° 1 O45 SSO | BON | hwiwwndoae «pe. 
1770 9 02 7 9S of] 16 20 LPO Loris 15 ) | 2289 1. 2. Ue Cee 
1780 9 02 SAsy: | (6185 20 09 By S48 1 3 O02) |i. Baas 
1790 909 5 40 

1800 5 48 027 9 
1810 956 6 04 6 11 0 24 5 40 359 
1820 10.31 6 29 631 012 EB] 541 4 00 
1830 11 12 7 02 7 O1 009 W] 5 35 3.53 
1840 57 7 43 7 40 0 37 5 20 3 36 

1850 
1860 
1870 
1880 
1890 

1900 
1905 
1910 
1915 
1920 
1925 

16 50.3] 12-55 13 05 
17:15 W} 13 20 W} 13 30 W 

| Annual | 
changein | 
in 1925 

57.0 

incr. 
57.0 

incr. 
57.0 

incr. 

These figures show that the variation in different decades is not the same and that 
the values of the declination are represented by a curve. The curve of sines approxi- 
mately represents these values for a given place. 
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15. Traversing with Transit and Tape 

The Transit and Tape Method is commonly used for running traverses. 
The instrument is set up at every angle point in the traverse and the angle 

measured with the transit. The distance between the angle points is measured 
with the tape. The distances are sometimes measured and recorded as sepa- 
rate distances from angle point to angle point, the angle points being desig- 
nated by letters or by numbers. Another method is to. measure the entire 
traverse from the first point, which is called “Station 0,” continuously 
throughout the traverse, each 100-ft. point being called a station. If the 
second transit point is 672.43 ft. from Station 0 it is called “‘ Sta. 6 + 72.43,” 
if the next point is 350 ft. farther it would be recorded “ 10 + 22.43 ” and so 
on, so that the station of any point is its distance from the pointeof beginning 

of the traverse measured along the traverse. 

The Precision with which the measurements should be taken will depend 
upon the object of the survey. If it is a city survey of valuable property the 
distances would be measured to the nearest hundredth of a foot, and the angles 

to 15 seconds; whereas in a farm survey the angles to the nearest minute and 
the distances to a tenth of a foot or in some cases even to a foot (by the stadia 
method) is exact enough. Transits used for general surveying work read to 
minutes or to half-minutes. It is therefore necessary in accurate surveys to 
measure the angles by repetition, as explained at the end of this article, 

to obtain results consistent with the accuracy of the tape measurements. A 
proper appreciation of the relation of distances and angles may be had if it is 

borne in mind that 0.03 ft. a hundred feet away subtends one minute. 

The Angles Measured may be the deflection angle (the angle between the 

last course produced and the next course), the interior angle, or the azimuth 

angle. In measuring a deflection angle the telescope has to be inverted, and 

any error in the line of collimation will therefore be introduced into the deflec- 

tion angle. This error may be eliminated if the angle is measured first with 

the telescope direct and then, without changing the circle reading, invert the 

telescope and “ double” the angle; half the final angle is the correct angle. 

To avoid this necessity of reversing the telescope and repeating the angles 

some surveyors prefer to measure the interior angles directly. 

For Azimuths the instrument is first set up at the point A with the circle set 

at 0°, and the lower clamp loose. The telescope is turned so as to point toward 

magnetic south or true south (true meridian is the better reference direction) 

and lower motion clamped. Then the upper plate is unclamped, B sighted, 

and the angle read in a clockwise direction. This gives the azimuth of the 

line AB, an azimuth angle being the total angle read in a clockwise direction 

from the south around to 360°. The instrument is then taken to B so as to 

obtain the azimuth of BC. Invert the telescope and backsight on A, the 

vernier remaining at the same reading it had when azimuth AB was read, - 

clamp the lower motion, turn the telescope to its direct position, loosen the 

upper.clamp and sight C. This will give the azimuth of BC referred to the 

same meridian as AB. Evidently this method does not eliminate any error 

in the line of collimation adjustment. By the azimuth method, when the 

survey is about to be closed the azimuth of the first line AB can be obtained 

by setting up again on A and using the last course as a backsight. The differ- 

ence between the first determination of the azimuth of AB and its final 

determination gives directly the total error in the angular work. 

As a check against large errors in the angles the magnetic bearing of each line should 

be read when practicable-and compared with the calculated bearing. The calculated 
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bearing of the first line is assumed to be its observed bearing; the calculated bearing 

of any line is obtained from the calculated bearing of the line next preceding combined 

with the measured angle between the two lines. 

Deflection Angles should be recorded as R (right) or L (left). The algebraic 
sum of the deflection angles of a closed traverse should equal 360°. If the 
interior angles are read, the sum of all the interior angles of a closed traverse 

should be (7 — 2) X 180°, where is the number of lines. 

The Error of Closure of a traverse in which the angles are measured to the 
nearest minute and the distances to a tenth of a foot should not exceed 1/5000. 
But where the angles are measured to 15 seconds and the distances to hun- 
dredths of a foot, a closing error of not more than 1 in 20 000 to 40 000 may 

be obtained. 

Checks on Traverses. In traverses which enclose an area there is a mathematical 
check on the distances provided the angles are correct, as shown in Art. 16. But in 
traverses which do not close there is no check on the distances other than by remeasure- 
ment of the lines (preferably in the opposite direction from the first measurement), 
except by cut-off lines which form closed traverses of portions of the survey. The angles 
can be checked by determining the true bearing of the first line of the traverse by solar 
or stellar observation, and whenever it is desired to check the angles the true bearing 
of any course can be determined by another meridian observation. The meridian can 
be determined to the nearest minute by solar observation and much closer by observa- 
tion on the pole star. 

To Measure an Angle by Repetition, set up the transit at A, set the verniers at 
0°, sight B, and clamp lower clamp. Loosen upper clamp and sight C, read and record 
the angle. Leaving the two plates clamped together, unclamp the lower clamp, and 
sight B, unclamp upper clamp and sight C, and read and record the angle. Half this 
angle should check the first angle read, and the result obtained is more exact than the 
first angle. It is evident that by repeating this process with a one-minute instrument 
for six times and dividing by 6 an angle to ten seconds can be obtained. This method 
of repetition might be carried even further, but ordinary transits are not good for 
results much closer than ten seconds. 

This method of repetition can be readily applied to laying off an angle. The angle 
is first laid off and a point set, and then the angle which has been laid off is measured 
by repetition as described in the previous paragraph. If it is found to be in error, 
say 20 sec., the point on the stake is moved in the proper direction a distance equal 
to the distance from the point set to the instrument X tan 20 sec. 

16. Areas of Fields 

Corrections of Field Notes are made before computation for area is begun. 
Errors in tape measurements due to erroneous length of tape are corrected. 
Errors in angles, provided they are not large enough to indicate mistakes, are 
eliminated by ‘‘ balancing the angles,’’ which means altering the value of those 
angles which were taken from short sights or those angles where the error. is 

most likely to lie. The calculated bearing of each course is computed starting 
from one course whose bearing is either known or assumed. 

The Double Meridian Distance Method of computing an area is as follows: 
The data are usually tabulated as shown in the computation below. The 
latitude of a course equals the distance times the cosine of the bearing; the 
departure is the distance times the sine of the bearing. North latitudes and 
East departures are regarded as positive values and South latitudes and West 
departures are negative. After these have been computed the error in latitude 
and in departure is found, which is the difference between the plus and the 
minus latitudes and the plus and minus departures. If these errors are not 
large enough to indicate a mistake in the measurements or computations then 
they are distributed among the latitudes and departures according to the fol- 
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lowing rule if it is a transit and tape survey. The correction applied to the 
latitude } ; A latitude 
} depa rae of any course is to the total error in | eipattare } as the 

atitude ' : | latitudes t : 
j taeine of that course is to the sum of all the Acari (witk- 

out regard to algebraic signs). Any knowledge of difficulties met in the field 
which would lead the surveyor to suspect that the error lay in certain lines 

should take precedence over this rule. Furthermore it is more probable that 
on account of sag of the tape and small ebstacles on the line the recorded dis- 
tances are too long rather than too short, and therefore it is not good practice 
to apply the above rule when it lengthens any of the distances. In the 
example here given, however, the rule is rigidly followed in balancing this 
survey in order merely to show its application. The algebraic sum of balanced 
latitudes and the departures should be zero. 

The next column to compute is the double meridian distance (D.M.D.) of each 
course. The D.M.D. of the first course equals the departure of the first course. The 
D.M.D. of any other course equals the D.M.D. of the course preceding plus the 
departure of the preceding course plus the departure of the course itself. The D.M.D. 
of the last course should be numerically equal to the departure of the last course but 
should have the opposite algebraic sign. The algebraic signs must be carefully ob- 
served not only in computing the D.M.D.’s but in all of this computation for area. 
If the D.M.D.’s are computed beginning at the most westerly point in the traverse 
all the D.M.D.’s will be plus. The last column of positive and negative double areas 
is found by multiplying each D.M.D. by its corresponding latitude. Half the algebraic 

sum of the double areas gives the area of the field. 

Computation for Area by Double Meridan Distance Method 

g Dis- Bude Balanced 

S ; a= Depar- Double 3 Bearings eae: re ined Lath | Depas- D.M.D. eto 8 

- tudes | tures 
ae then a ee 

AN 56° 25’ E} 540.91) + 299.20) + 450.62] +299.19] +450.66,+ 450.66) +134 833 

B |S 64° 27.5’E) 198.44/— 85.56/+ 179.05)— 85.56] +179.06) +1080.38) — 92 437 

C |S 67°50’ E} 212.46;— 80.16) + 196.76]— 80.16] +196.78)+1456.22| —116 731 

D |S 68° 34’ E} 98.13;— 35.86/+ 91.34)/— 35.86]/+ 91.35)+1744.35|— 62553 

E |S 29°17’ E| 186.75|— 162.89}+ 91.35)—162.90}+ 91.36|/+-1927,06) —313 918 

F IS 61° 26.5’E) 651.70} — 311.55] + 572.41] —311.57| +572.45, +-2590.87) —807 234 

G |S 66° 50’ W| 910.92}— 358.37] — 837.46] —358.39| —837.40 +2325.92) —833 583 

teal 45° 21’ W\1046.25| + 735.28] — 744.32|+735.25| —744.26 + 744.26| +547 217 

3845.56 Lipps: 41581.53 2) 1 544 406 
“| —1581.78 772 203 

error 
+0.09 —0.25 sq. ft. 

This result should be roughly checked by determining the area by use of the planim- 

eter (Art. 8) or by dividing it into triangles, scaling the bases and altitudes and com- 

puting the area. The agreement between the sum of the + and — latitudes and + 

and — departures is a check on the multiplication of the distance by the cosine and 

sine of the bearing. The D.M.D.’s are checked as shown above. But there is no 

check on the double areas. A good exact check on the area is to compute from the 

latitudes the double parallel distances (D.P.D.) just as the D.M.D.’s were computed 

from the departures, and then obtain double areas by multiplying each D.P.D. by 

its departure. If / is the error in latitudes and d the error in departures, the error of 

closure of the survey equals a/2 +42. Thus, the error of closure of the survey 

shown above is 0.266 ft., and 

0.092 + 0.25% = has Pinsent deasipe relative error of closure 
3845.56 3846 14 500 
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Sometimes it is not possible to follow the perimeter of the field with the traverse, 

in which case the fractional areas to be added to or subtracted from the area of the 

traverse are computed by dividing them into triangles, rectangles or trapezoids. 

Large mistakes made in the fieldwork will be detected in the computation by the 

D.M.D. method. If the latitudes and departures do not balance within reasonable 

limits, the error in departure divided by the error in latitude equals the tangent of the 

bearing of the line which would represent the error of closure, and if only one mistake 

has been made in measuring the distances it probably lies in a line having this angle 

for its bearing. 

Compass Surveys should be balanced by the following rule, because the errors are 

more likely to be due to the rough results obtained in the angles than in the distances. 

{ latitude 
The correction to be applied to the anes Ptare 

1 latitude 
departure 

Area of a Field by Rectangular Coordinates. Where the coordinates of the 

corners of a property are known the coordinate method of computing its area 

js more direct than the D.M.D. method. Let xg, xv, Xc, etc., and Ya, Yd, Yes 

etc., represent the abscissas and ordinates of points 4, B, C, etc., of the same 

area computed above by the D.M.D. method. By the rectangular coordinate 

method: the area is found as follows: Every abscissa is multiplied by the 

difference between the following and preceding ordinates, always subtracting 

the following from the preceding. The algebraic sum of these products divided 

by 2 gives the area. Expressed as a formula, this rule is 

Area = 1/2{ xa(yb — yh)+ xp(ye — ya) + Xe(ya — Yb) + xa(Ye —Yye)+.. .} 

Below is the computation by coordinates of the same area as that above. The 

origin of coordinates is 100 ft. W and 2 000 ft. S of the initial point. 

{of any course is to the total error in 

\ as the length of the course is to the perimeter of the field. 

Computation for Area by Coordinate Method 

Difference Double areas 

between 
adjacent y’s “a oP 

A 100.00 ; 2000.00 | —1034.44 |.........- 103 444 

B 550.66 | 2299.19 | — 213.63 |...-....-. | 117 637 

c. 729.72 | 2213.63 | + 165.72 120929 RWk Kate. 

D 926.50 | 2133.47 | + 116.02 LOT 29S IW 47. 

E 1017.85 | 2097.61 | + 198.76 202) BOS HE Me. 8 

F 1109.21 | 1934.71 + 474.47 SIG RST eee ee 

G 1681.66 | 1623.14 |} 4+ 669.96 | 1126645 |.......... 

H 844.26 | 1264.75 H7BTG BG | gee pe ties 318 168 

2 083 662 539 249 

de oy Ne es sel ee ee ee es ee SS eS 

Area = 1/2 (2 083 662 — 539 249) = 772 206 sq. ft. 

17. Crooked Boundaries 

Curved Boundaries, such as brooks, are often located by measuring the per- 

pendicular offsets from the traverse line which has been run alongside of the 

brook. The curvature of the boundary may be so flat and uniform that it 

will be feasible to take the offsets at regular intervals, while in cases where 

the boundary changes in direction abruptly it is necessary to take the offsets 

only at the points where these changes occur. In either case there will be the 

areas of several trapezoids to compute to find the area between the traverse 
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- line and the boundary, but if the offsets are taken at equal intervals then the computation may be made by one of the following methods: 
By the Trapezoidal Rule, Area = 1/2 d (he + 2 Dh + he’), where d = 

common interval between offsets; Ae and he’ = end offsets of the series of 
trapezoids; and 2 = sum of intermediate offsets. This rule assumes that 
the boundary is a straight line between adjacent offsets. 

Simpson’s One-third Rule assumes that between adjacent offsets the bound- 

ary isa curve (a parabola). By thisruleArea = S (he + 2 Dhoda + 4 Dheven 

+ he’), where d = common interval between offsets; he and he’ = end off- 
sets of the series; 2 Dhoaa = twice the sum of the odd offsets except the first 
and last (the 3rd, Sth, 7th, etc.); 4 Zheven = four times the sum of the even 
offsets (the 2nd, 4th, 6th, etc.). For this rule to apply there must be an edd 
number of offsets; if there is an even number, compute the area of one end 
trapezoid separately. 

To Straighten a Crooked Boundary is to run a straight line cutting the 
crooked boundary so as to make the lots on either side of the straight line 
have the same areas as they have with the crooked boundary for the division 
line. To do this, first run a trial line AB (Fig. 8), then measure proper offsets 
to the crooked boundary and compute the areas X, V and Z on each side of 
AB between it and the crooked boundary. The sum of X and Z should equal 
Y, for X + Z is the amount taken from Lot M, and Y is the amount taken 
from Lot N. If X + Z does not equal Y the 
difference isthe amount the trial line: has 
taken from one lot more than it has taken 
from the other, so this whole difference 
must be returned. For example, suppose 
the original area of Lot M = 50000 and 
Lot N = 40000. When AB is run it is Fig. 8 
found that the area of X = 300, Y = 1000, 
and Z = 500, that is, the trial line AB has made Lot M = 50000 — 800.+ 
1000 = 50200, and Lot M = 40000 — 1000 + 800 = 39 800. An area 

1000 — (300 + 500) = 200 must therefore be taken from Lot M and added 
to Lot N by running the final line AD so as to make the area ADB equal 
to 200. 

18. Old Lines 

In Rerunning Old Property Lines the surveyor must first determine where 
the original boundaries of the property lie and then survey those boundary 
lines. He should not attempt to correct the original lines even though he may 
be sure that errors exist in them. He must first of all find the physical evi- 
dence of the location of the boundaries, and failing in this he should base his 
judgment as to their location on such evidence as occupancy or dimensions 
given in deeds or the word of competent witnesses. It must not be assumed 
that a boundary is missing because it is not at once visible. Stone bounds 
are often buried two or three feet deep; the top of a stake soon rots off, but 
evidences of the existence of the stake are often found many years after the 

top has disappeared, and the supposed location should be carefully dug over 
to find traces of the old stake. 

In Interpreting a Deed it is assumed that it was intended to convey prop- 
erty the boundaries of which will form a closed traverse. Therefore, if it is 
found that the omission of a whole chain-length or the reversing of the direc- 
tion of a bearing will make a deed description close, this change in dimensions 
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may be made, for it is assumed that the description is of a closed field. Where 

the record of the original survey does not close, the deeds of adjoining property 

may be of assistance. Where artificial features are mentioned as boundaries, 

these always take precedence over the recorded measurements or angles, but 

these marks must be mentioned in the deed in order to have the force or 

authority of monuments. When the area does not agree with the boundaries 

as described in the deed those boundaries control. All distances unless other- 

wise specified are to be taken as straight lines; but distances given as so many 

feet along a wall or highway are supposed to follow these lines even if they 

are not straight. When a deed refers to a plan the dimensions on this plan 

become a part of the description of the property. 

Legal Boundaries. Where property is bounded by a highway the abutters 
own to the center line, but where it is an accepted street each abutter yields 
his portion of the street for public use; if, however, the street is abandoned 

the land reverts to the original owners. If a street has been opened and used 
for a long period, bounded by walls or fences, and there has been no protest 
regarding them, these lines usually hold as legal boundaries. In the case of a 
line between private owners acquiescence in the location of the boundary will, 
in general, make it the legal line; but if there is a mistake in its location and 
it has not been brought to the attention of the interested parties or the ques- 
tion of its position raised, then occupancy for many years does not make it 

a legal line. 

Where property is bounded by a non-navigable stream it extends to the thread of 
the stream. If the property is described as running to the bank of the river it is 
interpreted to mean to the low-water mark unless otherwise stated. Where original 
ownership ran to the shore line of a navigable river and the water has subsequently 
receded, the proper sub-division is one that gives to each owner along the shore his 
proportional share of the channel of the river; these lines will therefore run, in general, 
perpendicular to the channel of the stream from the original intersection of division 

lines and shore lines. 
A more complete statement of the principles mentioned above, particularly with 

reference to the U.S. Public Land Surveys, will be found in an address on “‘ The 
Judicial Functions of Surveyors,” by Chief-Justice Cooley of the Michigan Supreme 
Court. See Proceedings Mich. Association of Engineers and Surveyors, 1882, pp. 
112-122. 

Should all evidence of artificial boundaries of the property be missing the surveyor 
will have to use the deed description as the best evidence. Where the directions of the 
lines are given as magnetic bearings it is necessary first to determine the declination 
of the needle at the date of the survey. The declination should be stated in the deed 
or on the original plan, but it seldom does appear in either. If the date can be estab- 
lished the declination for that year and place may be obtained from the records of 
local surveyors or from past U.S. Coast Survey records. If one line can be identified 
as a boundary the difference between its present magnetic bearing and its original 
bearing gives the difference in declination directly, and all the rest of the deed lines’ 
can be run out by correcting all the bearings by this amount. The chain used in the 
original survey may have been of different length from the one now used; this can be 
readily determined by measuring the length of any of the well-defined lines of the 
property. 

19. Obstacles and Inaccessible Distances 
A Random Line is sometimes required on account of obstacles on line. If 

it be required to run the line AB (Fig. 9), neither point being visible from the 
other, a random line AX can be run. Measure the perpendicular distance BC 
and also AC. The length of 4B may then be computed and any desired point 
may be set on the line A B as follows. Suppose a point D is to be set on AB 

and that a perpendicular from D meets AC at E, then AE = AD X AC/AB, 
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and ED = BC X AD/AB. By this method, then, it may not be necessary 
to run out and actually measure the line AB. The angle CAB can be found 
from CB and AC. 

> If a straight line such as AX cannot be run, a traverse composed of several straight 
lines and angles may be made to connect A and B, and using AB as the closing side 
of a closed traverse, its length and direction may be computed (Art. 16), and also the 

coordinates of any point in the traverse may be found referred to AB so that distances 
may be laid off from the traverse which will define any desired points on AB. This 
traverse method, since it involves the measurement of angles, will not lend itself as 
readily to accurate results as the case first described where the random line is a straight 

line. In running a straight line where it is 
necessary to produce the line by reversing D 
the telescope it should always be done by 
taking the mean result of a double reversal, 
the telescope being erect in taking the first 
backsight and inverted when taking the 
second backsight, so as to eliminate any error 
in the line of collimation. 

Cc 2 °. 

as % - feces 

A D B 

Fig. 9 Fig. 10 

An Equilateral Triangular Traverse about an obstacle ‘is a special case of the above 
method. Let the obstacle be on the line AB (Fig. 10); the instrument is set up at C, 
an angle of 120° is laid off, and a stake set a sufficient distance away at D, and CD is 
measured. The transit is then set up at D and an interior angle of 60° laid off so as 
to run a line that will cut AB; this line is made equal to CD and stake Lis set. With 
the instrument at E an angle DEB is laid off equal to 120° which should be sighting 
along AB if the work has been done accurately. Evidently CD = ED =CE. This 
method is weak in accuracy owing to its dependence upon angle measurements. A 
slight error in any angle will introduce an appreciable error in CE. If CD is short the 
error in CE is small, but the error in producing EB by an angle laid off from the 
short side ED is likely to be large. { 

Running Parallel Line Past Obstacle. One of the most exact ways of pro- 
ducing a straight line past an obstacle of limited size, such as a house, is to 

run an offset parallel transit line past the obstacle as follows. The instru- 

ment is set up at C (Fig. 11) and a right angle ACC’ laid off with the transit. 

/ 
SA B’ auziliary (OH D' Line E’ ‘ff 

Fig. 11. Running Parallel Line past Obstacle 

CC’ is made any convenient distance which will bring the auxiliary line beyond 

the obstacle. Similarly, point A’ is set opposite point A, and sometimes a 

second point B’ opposite B. These points A’ and B’ need not be set by means 

of a transit set up at A and B if AA’ is short. The instrument is then set 

up at C’ and backsighted on A’, the sight is checked on B’, the telescope 

inverted, and points D’, H’ and F’ set on line. Leaving the telescope inverted, 

another backsight is taken on A’, and the process repeated to eliminate any 

error in the line of collimation. Then the transit is moved to point D’, and a 

right angle turned off, and point D set, the distance D’D being made equal 
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to C’C. Then by setting up at D and sighting ahead on F (FF’ = DD’), and 
checking on point E (EE’ = DD’), the transit line is again run forward in its 
original location. The distance C’D’ is carefully measured, which gives the 
distance CD, and thus it appears why it is so necessary that the lines CC’ and 
D’D shall be laid off at right angles by means of the transit. The other off- 
sets 4A’, BB’, EE’ and FF’ are not in any way connected with the measure- 
ment along the line; they simply define the direction of the line, so that if 
convenient it is often only necessary to show these distances as swing offsets 
for the transitman to sight on. The swing offset is given by swinging a tape 
in a horizontal arc about A as a pivot. The zero point of the tape is held at 
A, and at the distance A.A’ out on the tape a pencil is held vertically on 
which the transitman sights when the pencil appears to be swung out farthest 
from A so that his line of sight will be tangent to the arc. The offsets BB’ 
and EE’ are not absolutely necessary, but they serve as desirable checks on 
the work, and in first-class surveying they should not be omitted. For obvious 
reasons the offsets 4A’ and FF’ should be taken as far back from the obstacle 
as is practicable. 

Should the house be in a hollow so that it is possible to see over it with the instru- 
ment at A, the point F, or a foresight of some sort, should be set on line beyond the 
house to be used as a foresight when the transit is set up again on the original line. 
The distance may be obtained by an offset line around the house. Sometimes it is 
possible to place exactly on line on the ridgepole of the house a nail, which gives an ex- 
cellent backsight when extending the line on the other side of the building. 

If the building has a flat roof and it is possible to set a point on the roof exactly on 
line, move the instrument to this point on the roof, and prolong the line in this way. 
Under these conditions the transitman will have to be extremely careful in the use of 
his instrument on account of its insecure foundation. If he walks around the transit 
he will find that it affects the level bubbles and the position of the line of sight; it is 
therefore well for him if possible to stand in the same tracks while he backsights and 
foresights. Sometimes two men, one in front and one behind the transit, can carry 
on the work under these conditions more accurately and conveniently. This method 
insures an accurate prolongation of the line, but the distance through the building 
must be found by an offset method, by plumbing from the edge of the flat roof, or 
by inclined measurements. 

To Measure an Inaccessible Distance where the line is visible, as across a 
pond, several methods may be employed: 

(1) Lay off from the transit line AC (Fig. 12) a line AB which passes by the end of 
the pond so that it can be taped and set stake B; then set up the instrument at B 
and lay off ABC = 90°, point C being obtained by intersecting the main transit line. 
Measure angle CAB and side AB, from which AC = AB/cos CAB; or, better, AC = 
oe ABexsec CAB, The measurement of the angle at C and of CB will serve as 
checks. 

Fig. 12 Fig: 13 

(2) With the instrument at A (Fig. 13) and a swing offset of 100 ft. from C (some 
point on the main traverse line on the other side of the pond) measure the angle between 
CA and a tangent AB to the swing offset. AC = 100/sin CAB. 

(3) Any line AB (Fig. 14) may be laid off along the shore of a river, anda point C 
set on the main traverse line across the river, measure angles A and B, and Casa 

} 
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4 check, and from AB as a base compute AC by trigonometry. If AB is run perpen- 
evoek Ps CA and made some number of hundred feet long the computation is greatly 
simp : 

Fig. 15 

To Obtain the Distance between Two Inaccessible Points A and B (Fig. 

15) by observations from two accessible points C and D, measure DC and 

angles ADC, ADB, ACB and BCD. Compute CB in triangle CBD, AC in 

triangle ACD, and then in triangle ACB compute AB. 

To Obtain the Inaccessible Distance AB (Fig. 15) between two accessible 

points by observation on two inaccessible points C and D when distance CD 

is known. Measure angles CAD, DAB, CBDand ABC. Assume AB = 1. 

Then compute CD by the process described in the above paragraph. This 

gives a ratio between AB and CD, and since CD is known, the actual length 

of AB may be computed. 

20. City Surveying 

Staking Out Line and Grade for streets, curbs, sewers, and pavements is 

constantly done by a city engineering department. This class of work as a 

tule calls for lines and grades to the nearest hundredth of a foot. For this 

reason it is customary to use transits with the horizontal arcs graduated so as 

to read 30”, 20” or even 10”, and to use steel tapes graduated to hundredths 

of a foot.’ In some cases the spring balance and the thermometer should be 

used so as to make the proper tension and tempesature corrections (Art. 13). 

A Standard of Length is established as a rule by carefully transferring the 

length of some other standard by means of different tapes and under different 

weather conditions, or by means of tapes which have been standardized by 

the U. S. Bureau of Standards. This standard should be placed where it will 

not be exposed to the direct rays of the sun. When the tape is tested it should 

be stretched out at full length beside the standard and left there until it 

acquiries the same temperature as the standard before the comparison is made. 

Street Lines are usually marked by monuments, but the best practice 

requires that besides these monuments, which may become misplaced, accu- 

rate offsets to the underpinning of buildings along the line shall be measured 

and recorded so that if the monuments become disturbed, due to building 

operations or paving of the sidewalks, they can readily be replaced in their 

exact location. These monuments are usually ordinary stone bounds 3 or 

4 ft. long and 4 to 8 in. square on top. The bound should be long enough so as 

to rest on ground below frost. A drill-hole in the center of the top marks the 

point; a more exact method of marking is to fill this drill-hole with lead and 

drive a very small copper tack in the lead at the exact point. A copper bolt, 

with a punch hole marking the exact point, is sometimes inserted in the 

drill-hole. as 

To Set a Stone Bound in the place of a stake marking a corner, first drive four 

temporary stakes around the corner stake 3 or 4 ft. from it and in such a way that a line 
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stretched from two opposite stakes will pass over the tack in the head of the corner © 
stake. Then tacks are carefully set in the tops of these temporary stakes in such 
positions that a stretching line running from the tack on one stake to the tack on the 
opposite stake will pass exactly over the tack in the corner stake. Then the corner 
stake is removed and the hole dug for the stone bound. Care should be taken not to 
dig the hole any deeper than is necessary so that the bound may be set on firm earth. 
When the hole for the bound has been dug to the proper depth the monument is 
dropped into the hole in such a manner that it will be plumb. The fill around the 
bound should be placed with considerable care, the material being properly rammed 
as the filling’ proceeds and the bound kept in such a position that the drill-hole in the 
top of it shall-be exactly under the intersection of thestrings. It is sometimes desirable 
to put in a foundation of concrete and to fill with concrete around the monument to 
within a foot of the surface where a very substantial bound is required, or where the 
ground is so soft as to furnish an insecure foundation. 

Curved Street Lines are as a rule composed of simple or compound circular 

curves and are laid out by the method of deflection angles as explained in 

Art. 56. But the lengths of these curves are the actual length of arcs; this 
calls for a slight modification in the computations and in measuring the lengths 
from that used in railroad practice. The length of the curve in city practice 
equals the radius X the circular measure of the central angle. Since the tape 
must be stretched along chords in making the measurements the station points 
to be set by the deflection angle method will be located by measuring the 
chord subtending the arc of say 50 or 100 ft. depending upon how frequently 
the points are to be located on the curve. A convenient formula for determin- 
ing the difference in length between the arc and its chordis L — C = L#/24R?, 
where L is the arc, C is the chord, and R the radius, all in the same units. 
This formula is correct to the nearest hundredths of a foot for chords of 50 ft. 
or less where the radius is 150 ft. or greater, or for chords of 25 ft. or less and 
radii 25 ft. or greater. It is sufficiently exact to compute the results by such 
a formula with the ordinary slide rule. The deflection angle to any. point on 
the curve equals half the total. central angle multiplied by ithe ratio of its dis- 
tance from the instrument to the total length of curve (see Art. 56). 

- In Staking Out Street Grades for setting curbs, for pavement or sewer 

construction, self-reading rods, such as the Philadelphia rod, are the most 
practicable, although target rods are used to some extent. The target rod is 
particularly useful in taking an individual exact reading at any considerable 
distance from the instrument, which is required in city surveying more than 
in topographic surveying. 

A target rod is also useful in “‘ shooting in grades,”’ for curbs or sewers as follows. 
If it is a straight grade from Sta. 0 to 5 and grade stakes have been set at 0 and 5 
the instrument is set up just to one side of Sta. 0, the rod held on the grade stake at 
Sta. 0, and target clamped at the height of the telescope, then the rod is held on the 
grade stake at Sta. 5 and the telescope inclined so as to sight the target and clamped. 
The line of sight is then parallel to the grade line, and any intermediate stake may 
be set by driving it until the target coincides with the horizontal hair of the telescope 
when the rod is held on the stake. 

It often happens that the pavement is so hard that stakes cannot be driven or that. 
it is not advisable to use stakes on account of the danger to pedestrians, in which case 
the grades are marked on fences and buildings, and frequently a convenient place is 
not found at the grade height. In such cases the grade is marked one or two feet 

la 

higher or lower than the grade height and marked on the building thus Nae. mean- 

ing that the correct grade is 2 ft. lower than this mark, or DAL meaning that the 

grade is 1 ft. above this mark; the arrow points in the direction and the number gives 
the distance to measure to reach the proper elevation. 

When the grades are marked in hard pavements it is customary to drive stout 
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_ spikes flush with the ground and take the elevation of the tops of these spikes and 
make a record of the amount the several spikes are above or below grade to be given 
to the foreman. 

Both curb and sewer grades are as a rule laid out as above described. The lines 
given for such construction are usually parallel lines, 3 to 6 ft. to one side of the center 
line, and marked by stakes or spikes. 

Parabolic Vertical Curves are used to connect grades of different slope, the same 
system of computing elevations for points on the curve being used as explained in 
Art. 60. 

A Rectangular Coordinate System based upon plane surveying, disregarding the 
effect of curvature of the earth, is used in the survey of some of the large cities, such as 
Baltimore and Boston. Two arbitrary lines at right angles to each other are chosen 
as axes of a coordinate system, and all important points, such as street corners, are 
located with reference to these coordinates. One of the chief advantages of this 

- system is that any number of lost points can be easily replaced because their relation 
to the remaining located points in the city is known. 

In laying out a system of this sort a base-line is measured and a triangulation scheme 
computed as a basis, secondary triangles being formed from the larger ones, and then 
traverses are run from these triangulation points and closed on other triangulation 
points. All of the triangles are considered to be plane triangles in the computation. 
The origin of the coordinate axes is either taken so as to lie outside of the city limits or 

else, if it is inside, it is given a value such as 20 000, 20 000, so that negative values for 
coordinates are avoided. 

21. Special Problems 

Setting Batter-boards for a Building. One of the most common tasks of 
the surveyor is to set the batter-boards for the excavation and construction 

of the cellar of a new building. For a brick or stone building, the lines to be 
defined are the outside lines of the building, and the elevation desired is 

usually the top of the first floor. In 
the case of a wooden building the line 

usually given is the outside line of the 
brick. or stone underpinning, and the 
elevation given is the top of this under- 
pinning on which the sill of the house 
is to rest. Sometimes the outside line of 
the sill is desired instead of the outside 
line of the underpinning. There should 
be a definite understanding in regard to 
these points before the work of staking 
out is begun. 

The first work is to stake out the location 
of the building by accurately setting tem- 
porary stakes at all of the corners of the 
building—in Fig. 16, at A, B, C, D, Hand FP, 
A stake should be set at G also so that the 
entire work can be checked by measuring 
the diagonals AC and BG, and FD and EG. 
These checks should always be applied where 
possible. Then the posts for the batter- 
boards are driven into the ground 3 or 4 ft. 

outside the line of the cellar so that they 
will not be disturbed when the walls are Fig.16 

being constructed. On these posts, which 

are usually of 2 X 4-in. scantling, 1-in. boards are nailed. These boards are set by 

the surveyor so that their top edges are level with the grade of the top of the under- 

pinning or for whatever other part of the building the grades are required. After 

the batter-boards are all in place they should be checked roughly by sighting across 
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them; they should all appear at the same level. Sometimes, however, on account 

of the slope of the ground some of them have to be set a definite number of feet | 

above or below grade. 

Then the lines are to be marked by nails driven in the top of these batter-boards. 

The transit is set up on one of the corner stakes of the house at B (Fig. 16), for example, 

and a sight is taken on C. This line is then marked on the batter-board beyond (at g) 

and on the one near the transit (atc). Thena sight is taken along BA and this line 

is produced both ways and nails set on the batter-boards at / and d. In a similar 

manner all of the lines are marked on the batters. These points should be marked with 

nails driven in the top-edges of the batter-boards, and there should be some lettering 

on the boards to make clear which lines have been given. It is well for the surveyor 

also to show these marks to the builder or inspector and have it clearly understood 

just what parts of the structure these lines and grades govern. 

Supplying Closing Side of a Traverse. If the latitudes and departures of 

the several courses of a traverse which does not close are computed, the alge- 

braic sum of the latitudes give the latitude of the closing side and the algebraic 

sum of the departures gives the departure of the closing side (Art. 16). The 

square root of the sum of the squares of these two elements gives the length of 

the closing side, and the tangent of its bearing is its departure divided by its 

latitude. 

To Cut Off an Area by a straight line from a point on a side: Plot the field and the 

known point; draw atrial line from this point to an angle in the other side of the field so 

as to lay off approximately the required area. Then the sides and bearings of all the 

lines except the trial line across the field are known; and its length and bearing can 

be computed as explained in the preyious article, and the area of the portion cut off 

computed by the D.M.D. method (Art. 16). The difference between this area and the 

area required is a triangle whose base is the trial line and whose altitude can be readily 

computed, from which the distance along the side of the field from the end of the trial 

line to the correct point can be computed. Then the closing side can again be calculated 

and the area cut off computed by the D.M.D. method, which should this time give the 

desired result. 
To find the area cut off by a line in a given direction from a given point, let the 

cut-off line be AC. This problem may be readily solved by drawing a line from A in 

the traverse to the corner B which lies nearest the other extremity C of the cut-off 

line. The area of the portion of the traverse cut off by 4 B is then computed (Art. 16), 

and to this area is added or from it is subtracted the area of the triangle ABC. 

Athletic Grounds. In the layout of athletic grounds the matter of orienta- 

tion, so that the sun will not shine in the eyes of the players or in the eyes of 

the spectators, is of great importance. A baseball, football or tennis ground 

should therefore be laid out with its length running in a north and south 

direction, and with the grand-stand on the west side because most games are 

played in the afternoon. 

Running Tracks should be as a rule one-eighth or one-quarter mile in length, because 

on tracks of these lengths a full number of laps (or half laps) are required for the 

ordinary dashes of 220 yd., 440 yd. and 880 yd., thus bridging both the start and 

the finish of the race in front of the grand-stand. A good running track should be 

1'5 ft. wide on all portions except in front of the grand-stand, where it should be made 

20 ft. wide for use in 100-yd. dashes, in which race the contestants are usually 

“bunched.” For these short dashes the straightaway portion of the track is usually 

lengthened beyond the curve so as to allow at least 40 ft. beyond the finish line. The 

curves at the ends of an oval field-track should not be sharper than 100-ft. radius if it is 
possible to avoid it. The line for measurement of the length of a running track is 
18 in. from the pole, and in a horse race-track it is 3 ft. from the pole. A good running 
track can be made in three layers: 8 in. of rock, 2 in. of cinders, and 2 in. of 3 parts 
screened cinders to 2 parts screened clay loam. A quarter-mile track with curves of 
100-ft. radius at its ends will allow placing a football gridiron inside the oval with 
20 ft. of turf between the side lines of the football field and the running track, which 
should be about the minimum distance. One of the best example of this arrangement 
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is the quarter-mile track shown in Fig. 17. The Harvard Stadium is another 
example of this arrangement, but there the side lines of the football field are toa 
near the running track. 

Football Grounds should be Grand Stand 
360 ft. X 160 ft., and on Jevel 
ground; the goal lines are 300. 
ft. apart, but the goal posts 
are 360 ft. apart. Lines 5 yd. 
apart and parallel to the goal 
lines are laid out to aid in esti- 
mating distances made in- the ° 
plays. The goals are placed in 
the center of the ends of the 
field; the goal poles are 18-1/2 Fig. 17 
ft. apart, and the horizontal e 
cross-bar 10 ft. above the ground. It is of importance, if a good football field is 
to be made, to screen the surface material through a half-inch screen. 

A Baseball Diamond is laid out as shown in Fig. 18. The size of the field itself is 
limited only by the space available, except that the shortest distance from home plate 
to any fence between the foul lines should be 235 ft. The ground should be as near 
level as possible; there must not be more than 15 in. fall from the pitcher’s box to 
the base lines or to home plate, and the base lines should be level. Where possible 
to obtain it, there should be 90 ft. behind the home plate, with a minimum of 50 ft. 
The official junior diamond for boys under 16 years is 82 ft. square and has a pitching 

distance of 50 ft. 

Fig. 18 Fig. 19 

A Tennis Court is laid out as shown in Fig. 19. An area of 120 ft. 66 ft. is about 
the minimum for a good tennis court. It should have surface drainage by grading 
the court on a slight slope (about 6 in. per 100 ft.) from the center toward the sides. 

The net posts are placed 3 ft. outside the side lines, and are 3.5 ft. high; the net 

should be 3 ft. high at the center. 

Field Hockey grounds are laid out as shown in Fig. 20. The length is always. 

300 ft., but the width must be not less than 165 ft., nor more than 180 ft.; always. 

180 ft., if possible. 

In Lacrosse, the field is rectangular, 110 ft. long between goals which are set 6 ft. 

apart and 6 ft. high in the middle of the ends of the rectangle. The width should be not 

less than 210 ft. nor more than 255 ft.; there should be 60 to 100 ft. of level ground 

behind each goal. Each pair of goals is in the middle of a rectangle which measures 
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18 ft. crosswise of the field and 12 ft. lengthwise. In the center of the field is a circle 
of 10-ft. radius. 

{60 to 100'-+}-—$110 —+!<— 60' to 100 

o 
= 

210' to 255" 

Fig. 20a 

In Soccer the field is rectangular, not less than 165 ft. nor more than 195 ft. wide, 
and not less than 300 ft. nor more than 330 ft. long. The field is marked and goals 

300'- 330" located as in Fig. 21. 

In Basketball the rect- 
angular court is not less 
than 35 ft. nor more than 
50 ft. in width, and not less 
than 60 ft. nor more than 
94 ft. in length. The field 

is marked and the goals 
located as in Fig. 22. 

Badminton Courts courts 
are rectangular and are laid 
out as in Fig. 23. The net 

extends 8 ft. on each side of 
thecentrallineof the courts 

Fig. 21 

and at right angles toit; it is 5 ft. high at thecenter and 5 ft. 1 in. at the posts. 

In Quoits the rink should be about 80 ft. long and 25 ft. wide. The pitching dis- 
tance is 54 ft. Stiff by sticky pottery clay should be used around each iron pin so that 
the quoit will stay where it 
lands. REE idk 60' to pana = 

22. United States F 
Public Lands 

The System. The United & 
States system of surveying 38 
public lands, inauguratedin 8 
1784 and since modified by 
various acts of Congress, 
requires that public lands 

“shall be divided by north 
and south lines run accord- 
ing to the true meridian, and by others crossing them at right angles so as to 
form townships six miles square,’”’ and that corners of townships thus surveyed 
“must be marked with progressive numbers from the beginning.” Also, that 

Fig. 22 
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townships shall be subdivided into 36 sections, each of which shall contain 

640 acres, as nearly as may be, by a system of two sets of parallel lines, one 
governed by true meridians 44" 
and the other by parallels of Pole | 

latitude, the latter intersect- 
ing theformer at right angles, 
at intervalsofa mile. Since 
meridians converge, it is 

evident thattherequirement , 
that the lines shall conform 
to true meridians, and also 
that townships shall be six 
miles square, is mathematic- Fig. 23 
ally impossible. 

A surveyor whose work lies in a district formerly a part of the U. S. public 
lands should procure from General Land Office, at Washington, a copy’ of 
“Manual of Surveying Instructions for Survey of the Public Lands of the 
United States.” In this will be found all general and many specific instruc- 

tions regarding the system, only the general scheme of which is described below. 

Subdivision work is carried on as follows: First, the establishment of an 
initial point, a principal meridian, by astronomical observations, which is a 
true meridian through the initial point; and a base-line which is a true parallel 
of latitude through the intial point (Fig. 24). 

These operations are performed in different localities as a basis for surveys in those 
regions. The principal meridian is a straight line and the base-line a curve, being at 
every point at right angles to the meridian through that point. The base-line is laid 
out by first running a straight line and measuring offsets from it to locate points on 
the parallel of latitude. Two methods are used for this, called the secant method and. 
the tangent method, complete explanations of which, with tables, will be found in the 
manual issued by the General Land Office. 

Second, the division of the area into tracts approximately 24 miles square, 
by establishment of standard parallels, sometimes called correction lines, 
which are true parallels of latitude extending east and west through 24-mile 
points on the principal meridian; ' and also establishment of guide meridians, 
which are true meridians through 24-mile points on base-line and on standard 
parallels, and extending north to the intersection of the next standard parallel 

or base-line. . 

Line 

Base Line 
Base 

Since these guide meridians converge, the tracts will be 24 miles on their southern 
and less on their northern boundaries (Fig. 24). The southerly end of these guide 
meridians, where they leave the standard parallel or base-line, are called standard 
corners, and points where they meet the next standard parallel to the north are called 
closing corners. 

Third, the division of each 24-mile tract into townships (Fig. 24), each 
approximately 6 miles square, by establishment of meridionai lines, or range 
lines, which are true meridians through standard township corners, estab- 
lished at intervals of 6 miles on the base-line and on the standard parallels, 
and extending north to an intersection with the next standard parallel or 
base-line; also establishment of latitudinal lines, or township lines, joining 

township corners previously established at intervals of 6 miles on principal 
meridian, guide meridians, and range lines. 

Neglecting discrepancies in fieldwork, the east and west boundaries of all townships 
will be 6 miles in length, but the north and south will vary in length, being a maximum 
of 6 miles at standard parallel or base-line forming the southern limit of a 24-mile tract, 

and a minimum at that forming its northern limit. Townships are designated by num- 
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bering them in order north and south from the base-line and east and west from the prin- 

cipal meridian. Any series of contiguous townships or sections situated north and south 

of each other constitutes a range, while such a series in an east and west direction 

2nd} Standd 
constitutes a tier. ie 

nddrd allel “Township 2 Nort 5 

sfatslalat alata TTT Tt cea cien is 
A=Te[e[=[e[Sfe[=[=Ts] TT | be | caesit 
“eee ELE] Plemhesfortnel ee-| | RAE si SLANT 

cates its position; usually 
abbreviated to “T2N, 
R4W, 6thPM” (Fig. 
24). The half-mile inter- 
vals on range lines are 
made full 40 chains for 
the entire 24 miles ex- 
cept the most northerly 
half-mile, into which all 
excess or deficiency due 
to irregularities of meas- 
urement is thrown. 
Similarly, corners on 
east and west lines are 
so marked that excess or 
deficiency of measure- 
ments is thrown into 

Fig. 24. Subdivision of 24-mile Tract into Townships the most westerly half- 
mile of a 24-mile tract. 

Fourth, the division of each township into sections (Fig. 25), each approxi- 
mately 1 mile square (640 acres), by establishing section lines, both meridional 
and latitudinal, parallel to and at intervals of 1 mile from eastern and south- 
ern boundaries of township. The sections in all townships are numbered. 

In staking out section corners, the surveyor sets up the instrument at the southeast 
corner of the township, observes the meridian, and retraces range line northward 1 mile, 
and township line westward the same distance. This is for comparing his own meridian 
and needle observations, and length of his chain with those of the surveyor who laid 
off township exteriors. Then from the southwest corner of section 36 he runs north 
on a line parallel with the east boundary of the township, setting a quarter-section 
corner at 40 chains and a section corner at 80 chains. Then from the section corner 
just set he runs east on a random line, parallel to the south boundary of the section, 
setting a temporary quarter-section corner at 40 chains. On intersecting the range 
line he notes the falling of his random line and also the distance it overruns or falls 
short of length of the south boundary of the section. If the falling is not more than 
50 links (33 ft. representing an angular deviation of 21 min.) and if the distance over- 
tun for falls short of length of the southern boundary of section 36 by not more than 
the same amount, a return course which will join the two section corners is calculated; 
this new line is then run toward the west, the permanent quarter-section corner being 
set at its middle point. ‘ 

From the section corner just regained, the survey is now continued north between 
sections 25 and 26, the direction being changed slightly to east or west according to 
whether the latitudinal section line just completed exceeded or fell short of the desired 
length. At 40 and 80 chains on this line quarter-section and section corners, respec- 
tively, are set; from the section corner a random line is run across to the range line, 
a return course being calculated and run as before. This process is continued until 
5 of the 6 sections in the series are enclosed. Then, if the north boundary of the 
township is not a correction line, from the section corner last established a random is 
Tun north to the township boundary, and from data thus secured a true line is calcu- 
lated and run from section corner on township line back to initial corner. If the 
north boundary of township is a correction line, however, the point at which the ran- 
dom intersects this boundary is established as a closing corner, and its distance from 
the nearest standard corner is measured and recorded. In either case the permanent 
quarter-section corner is established at 40 chains north of the initial corner, the excess 
or deficiency being thrown into the most northerly half-mile. 

/ 

} 
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In a similar manner the succeeding ranges of sections are enclosed, randoms being 
run eastward to section corners previously established, and true lines corrected back. 
But, from the fifth series of section corners thus established, random lines are pro- 
jected to westward also, and are closed on corresponding section corners in the range 
line forming the western boundary of township. In correcting these lines back, how- 
ever, the permanent quarter-section 
corners are established at points 40 36. 3L 32 33 34 35 36 31 
chains from initial corners of the ran- bie (las 
doms, thereby throwing all fractional ee BET, 
Measurements into the most westerly 4 y | Township Corner 
half-miles. Reference to Fig. 25 will > (b) 
assist in understanding this method > Townabip Line 
of subdivision. 

Subdivision of Sections. When 
public lands were parceled out to 
settlers, the quarter-section was usually 
the unit area granted as a “ home- 
stead’; this required establishment of 
the quarter-section corner at the cen- 
ter of a section. Also, the subsequent 
division of original “‘ quarters” into 
“ eighties,” “‘ forties,” or other minor 
subdivisions, has necessitated the loca- 
tion of numerous corners in addition 
to those originally established by the 
government. 

The interior quarter-section corner (a) 

of a section is always located at the 
intersection of straight lines joining 
quarter corners on opposite sides of 
the section. This holds wherever the 

section may be located within a township; that is, it applies to those in north 

and west sides as well as to other sections of township. A modification of this 

method is required in west and north sides of a township; in case of sections lying 

in west range the meridional line from the quarter corner on north or south boundary 

of section is run parallel to the east line of the section; similarly, in case of sections 

lying in the north tier, the latitudinal interior line initiated at the quarter corner on 

east or west boundary is run parallel to the south line of section. The reasons for this 

procedure in these special cases are apparent from consideration of methods previously 

described for establishment of original quarter-section corners in such sections. For 

subdivisions smaller than quarter-sections the same general methods are employed. 

Corners are marked on the ground by various kinds of monuments, depending upon 

the character and importance of the corner to be perpetuated, the soil, the materials 

available, and upon other local and special conditions. Where stone is plentiful, stone 

monuments are usually set. In timbered districts, where suitable stones are difficult 

to obtain, posts are driven to mark the points. In prairie regions, where neither stone 

nor timber is available, a mound of earth may be raised over the corner, a small marked 

stone, a charred stake, a quart of charcoal, or some other permanent and distinguish- 

able mark being deposited beneath it. Occasionally, in timber lands, the corner falls 

on a spot occupied by a tree, in which case the tree itself may stand as a monument. 

Stones or posts are marked with horizontal notches, to indicate their respective posi- 

tions in the township. Section corners on range lines, including under this term prin- 

cipal and guide meridians, are marked with notches on their north and south faces, the 

number of notches being equal to the number of miles to the next adjacent township 

corner north or south. Similarly, section corners on township lines, including base- 

Iines and standard parallels, are notched on their east and west faces. Township 

corners, being located on both range and township lines, are marked with six notches 

on each of the four sides. Besides being notched, corners on correction lines are marked 

SC on their northern or CC on their southern faves, depending upon whether they are 

standard or closing corners. Section corners in interior of a township are given notches 

on their east and south faces, corresponding to the number.of miles to east and south 

Range Line or Guide Meridian 

Township Line 

Fig. 25. Subdivision of Township into Sec- 
tions and Method of Marking Corners 
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boundaries of township. Thus, the corner common to sections 20, 21, 28, and 29 

would have two notches on south and four on east face, as indicated in Fig. 25. Quarter- 

section corners are marked with the fraction “ 1/4,” those on meridional lines on their 

west and those on latitudinal lines on their north faces. Wherever possible, a monu- 

ment set at a corner is witnessed by several nearby objects which may easily be found, 

are not readily moved or obliterated, and are comparatively permanent. In timbered 

country the stone or post is usually witnessed by “ bearing trees,” situated near the 

corner. 

Field Notes of public land surveys must be returned to the General Land Office, 

giving in narrative form complete data of alignment and topographic features crossed 

or near the lines. Original notes and plats of these surveys in the following states 

have been transferred to the state authorities, from whom may be obtained copies on 

request. 

Alabama: Secretary of State, Montgomery. 
Arkansas: Commissioner of State Lands, Little Rock. 
Florida: Commissioner of Agriculture, Tallahassee. 
Illinois: Auditor of State, Springfield. 
Indiana: Auditor of State, Indianapolis. 
Iowa: Secretary of State, Des Moines. 
Kansas: Auditor of State and Register of State Lands, Topeka. 
Louisiana: Register of the State Land Office, Baton Rouge. 
Michigan: Commissioner of State Land Office, Lansing. 
Minnesota: Secretary of State, St. Paul. 
Mississippi: Commissioner of State Lands, Jackson. 
Missouri: Secretary of State, Jefferson City. 
Nebraska: Commissioner of Public Lands and Buildings, Lincoln. 
North Dakota: State Engineer, Bismarck. 
Ohio: Auditor of State, Columbus. 
Oklahoma: Commissioner of General Land Office, Washington, D.C. 
Wisconsin: Commissioners of Public Lands, Madison. 

In many, if not all, of the states named either the original records, or copies of them, 
have been distributed among the various counties of the state, and are kept for refer- 
ence and inspection in the office of the County Register of Deeds, County Surveyor, 
or other official. 

Photo-lithographic copies of township plats and field notes of surveys of the area 
covered by public lands surveys in the above states may also be obtained from the 
General Land Office, Washington, at nominal prices. In other public-land states, 
copies of records can be procured on application to the Surveyor General at the State 
Capitol, except in California and Oregon, whose Surveyors General are at San Fran- 

cisco and Portland respectively. 

Relocating Lost Corners. An act of Congress specifically provides that corners 
actually located in the field shall be established as proper corners of sections or quarter- 
sections which they were intended to designate, irrespective of whether or not they 
were properly located in the first place. A further provision is that “the boundary 
lines actually run and marked ”’ (in the field) “‘ shall be established as the proper bound- 
ary lines of the sections, or subdivisions for which they were intended, and the length 
of such lines as returned by . . . the surveyors aforesaid shall be held and considered 
as the true length thereof.” The principles upon which present practice in relocating 
corners of original surveys are based are given in “ Circular on the Restoration of Lost 
or Obliterated Corners and Subdivisions of Sections,”’ published by the General Land 
Office, Washington. 

23. Leveling for Profile 

In Leveling to Determine a Profile the line is first stationed, every 100-ft. 
point, or such other interval as is desired, being distinctly marked. The level 
is set up and a rod-reading called a backsight (B.S., or +S) taken on a point 
called a bench-mark (B.M.) whose elevation.is known. When this B.S. is 
added to the elevation of the B.M. it gives the height of instrument (H.1.). 
Rod-readings called foresights (F.S., or —S) are then read on as many station 
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points on the line as can conveniently be seen from the instrument, and the 
elevation of the point on which the rod rests when a FS. is taken is found by 

subtracting the F.S. from the H.I. Rod-readings are taken at all distinct 
changes in slope which occur on the line which is being profiled, whether 
these changes come at the full station points or not, and the intermediate 
stations are determined by tape measurements (sometimes by pacing) and are 
recorded as plus stations as shown in the sample notes below. 

Field Notes in Running a Profile 

Profile of Hudson St. Curb (West side). June 17, 1908. {| Brown, level. 
( Jones, rod. 

B.M. 
+S HL —S | Elev. | & T.P. Descriptions. 

Elev 

Kopi) gag SLU le aay ce hate 97.694) N. E. cor. top granite post S.W. 
cor. Town Hall 

See sae ores 4.24 | 100.67]....... 

SR tee ote 4528 |*100563) #2 

ne at acar | CIC 4. 33") 900-58) 2. 14 25°, 

Reve t: ees 4.38 | 100.53}...2... 
6.473| 106.623) 4.762]....... 100.150] Rim M.H. opp. house #73. 

6. See. 22 GAD’ P1008 S080 e 

4 ey eR ick Wat 6.98 100 SE Fast 

Be wish et Be 6.13 | 100.49}..u0... 

MidtionlaIsiy. v5 G15} AOD PAT adi ehs 

Soa) be 62 0735) (10043). seas 

Bri esaey. Lab. 208 6.14 | 100.48]....... 

Paes al. 3d piesa 6. £664,100. 524 .c2.ieza! 

6.071) 107.977) 4.717)......% 101,906} Top S.B. cor. Burrill St. Elev. 

6403 we betas eae | 7o43.|, 1OOTSS |) Fs). 3 101.912 
ie aESSN f 

When it is necessary to move the level to a new position to proceed along 

the line to be profiled a turning point (T.P.) is selected and its elevation 

determined to use at the next set-up of the level in finding the new HI. 

When this new HI. is found, F.S. readings are taken at the proper stations on 

the line as far as is consistent with the precision required and then a new T.P. 

is established, and so on. The readings on the B.M.’s and T.P.’s should be 

taken to one more decimal place than those taken for the profile. In the 

notes shown, for example, the readings were taken on the curb to the nearest 

0.01 ft., while those on the T.P.’s were read to 0.001 ft. The B.M.’s are all 

carefully described in the notes; as a rule T.P.’s are not described, but where 

they are taken on points easily identified it is well to describe them also. The 

distances from the level to the rod when held on the T.P. or B.M. should be 

about equal for a backsight and its corresponding foresight, so that any errors 

in the adjustment of the line of sight or wyes may be eliminated. 

If possible the levels should form a circuit, returning to the original B.M. so as to 

check the intermediate work. A common method is to check the work by readings 

on other B.M.’s which are passed in progressing along the line. When this is done 

those B.M.’s should be used as T.P.’s. 

The calculation of the level notes may be checked by finding the difference between 

the sum of the B.S.’s and F.S.’s which were taken on the first B.M., on all the inter- 

mediate T.P.’s, and the final B.M. This gives the difference in elevation. 

In taking levels for a profile it is necessary to start from some datum to which to 

refer the levels, and a B.M. whose elevation above some datum plane (such as mean 

sea level) is used if one is near the locality of the work. Ora B.M. of assumed eleva- 
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tion may be used, in which case all of the levels will refer to an assumed datum. Ata 
later period, if necessary, these levels may be connected to a sea-level datum by run- 
ning an accurate line of levels between the assumed B.M. and some other B.M. whose 

elevation referred to sea level is known. 

The Proper Length of Sights will depend upon the distance at which the rod 
appears distinct and upon the precision required. Under ordinary conditions sights 
should not exceed 300 ft. where elevations are required to the nearest 0.01 ft., and even 
at a much shorter distance the boiling of the air may prevent a precision of this degree. 

Curvature and Refraction Correction. Since a level line is a curved line 
which at every point is perpendicular to the direction of gravity and the line 
of sight of a level is along a tangent to this curve it is necessary to take this 
into account in the more precise leveling work. This correction is usually 
combined with that due to the refraction of the atmosphere; and the combined 
correction, for sights of 300 ft., is about 0.002 ft.; for 500 ft., 0.005 ft.; for 
1000 ft., 0.020 ft. These corrections are to be applied to any single rod- 
teading by subtracting from the reading; but if the rod is equally distant from 

the instrument on the foresight and backsight the effect of curvature and 
refraction is eliminated from the result. 

To Establish a Datum from tidal observations, set up a vertical staff, graduated to 
feet and tenths, in such a manner that the high and low water can be read. Read the 
positions of high and low water for each day for as long a period as practicable. The 
mean value obtained from*an equal number of high and low water observations will 
give the approximate value of mean sea level. If the observations extend over one 
lunar month the result will be fairly good; to determine this accurately will require 
observations extending over about eighteen years. 

Double Rodded Lines are frequently used when it will be impracticable to run a 
circuit or when a profile is to be made through a new country where no intermediate 
B.M.’s have been previously established. Instead of taking a foresight on a single 
T.P., foresights are taken on two different T.P.’s near together and varying in eleva- 
tion by a foot at least. When the level is set up again a backsight is taken on both 
T.P.’s and two H.I.’s computed, which should agree within whatever limits of error 
are allowable for the class of work at hand. This method of carrying on a check on 
the leveling is particularly applicable to such cases as running preliminary surveys for 
a railroad, 

24. Leveling for Cross-sections 

Cross-sections for Borrow-pits. When it is desired to determine the shape 
of the ground with a nicety such as is required for landscape architect studies 
or for computing the material taken from a borrow-pit, the area may be 

divided into squares (or rectangles) and elevations taken at the corners of 
these squares and at as many intermediate points as are necessary to deter- 
mine the shape of the ground. These surface elevations are usually taken to 
the nearest tenth of a foot, and the squares, which are anywhere from 10 ft. 
to 100 ft. on a side, are laid out with transit and tape. The corners may be 
designated by a system of letters for the lines running in one direction and 
numbers for the system perpendicular to the lettered system; for example, 
point D 7 lies at the intersection of lines D and 7, and intermediate point 

E+ 8, 6+ 4 lies 8 ft. from line E toward F and 4 ft. from line 6 toward 
line 7, The notes are kept like profile notes (Art. 23) except that the stations 
are designated as just described. The tape-rod, described in Art. 7, is of par- 
ticular use in work of this sort. 

When cross-sections are taken to determine the amount of material taken out of a 
borrow-pit, readings are taken, as described above, before the excavation is started; 
after the excavation is completed the same system of cross-section lines is again run 
out and the new elevations at corners, and intermediate points if necessary, are deter- 
mined. The quantity of material removed is computed as explained in Art. 68. 
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Road Cross-sections are taken as a basis for estimating the quantity of 
earthwork in railroad or highway construction, but by an entirely different 
method from the borrow-pit method. From the plan of the proposed road 
its alignment is staked out and a profile is taken along the center line, which 
is subsequently plotted. On this profile the grade line is drawn, which 
corresponds to the finished surface of the road. Roads are usually first 
finished to subgrade, which is below the computed surface by an amount 

equal to the thickness of the road covering, the pavement of a highway or the 
ballast in the case of a railroad. The width of the base of the road and the 
inclination of the side slopes are known. For ordinary gravel the slope is 

usually 1-1/2 ft. horizontal to 1 ft. vertical, called “‘ a slope of 1-1/2 to 1.” 

For cons‘ruction work the engineer sets grade stakes at every full station or oftener 

on the center line and at both sides where the finished slope intersects the surface of 

the ground. All three of these stakes are marked, giving the amount of “cut” or 

“ 11” to be made at these points. The cut or fill marked on the stakes where the slopes 

meet the original surface is the vertical distance from the base of the road to the sur- 

face of the ground at these points. The process of setting these slope stakes is de- 

scribed in Art. 64. 

Cross-sections for dams, for canals and other engineering structures are common 

problems for the surveyor. This work consists of making a short profile at right angles 

to the line of the structure, at intervals of from 10 to 100 ft., depending upon various 

conditions, and extending far enough on either side to include the possible location 

of the structure. These cross-section lines representing the surface are plotted for each 

station, and on them are also plotted the proposed cross-sections of the structure at 

the respective stations. This gives a complete record of the conditions before the 

work is started; and as it progresses, by the use of different colored lines, a continual 

graphical record of the work may be kept from month to month, which is the customary 

interval for making -stimates for partial payments to contractors. 

25. Precise Leveling 

Precise Spirit-leveling is like ordinary leveling except that certain refine- 

ments are introduced into the field methods and the construction and manipu- 

lation of the instrument. The characteristic features of a precise level are an 

inverting telescope of high power and good definition, provided with one 

~ vertical and three horizontal hairs, and a sensitive spirit-level of uniform 

curvature, and-a mirror or a set of prisms so adjusted that the observer can 

see the bubble while he is looking at the rod. The instrument rests on three 

leveling screws. There is a box level (or two small levels at right angles to 

each other)-for approximate leveling, and a micrometer screw by means of 

which one end of the telescope tube can be raised and lowered when centering 

the large bubble. Some of these instruments are of the wye and some of the 

dumpy type. The present Coast and Geodetic Survey level is a dumpy. 

This instrument differs from the earlier patterns in that it is made of nickel- 

iron alloy, which has a low coefficient of expansion; the bubble is placed close 

to the line of sight so that the adjustment will not be disturbed by local tem- 

perature variations; and the reflecting prisms are contained in a second tube 

at the left of the telescope, so that the observer can view the bubble with his 

left eye at the same instant that he observes the rod with the right eye. The 

level vial is provided with an air chamber for regulating the length of the 

bubble. With this instrument readings can be taken with great rapidity. 

(See Coast Survey Reports for 1900, p. 521, and 1903, p. 200.) 

The Rods used in recent precise leveling work are of the non-extensible 

self-reading pattern. They are sometimes made in the form of a cross or a 

T, but the latest rods are flat, about 1 in. X 4in.in section. The graduations 



458 Land and Town Surveying Sect. 6 

Face with 
invar strip 
removed 

© i 
o 
iva 
> 
® 

= 
3 

a oc 
oO 

£5) 2 
2 ° 
ro) = 
= o 
S = 
i = 
wo 

> 

Foot S 
(back) 3 

wo 
~ 
” 
ow 
° 
(6) 

(titi 
= eo” 

WU” 
a 

a” 

Ts 
~ on 

LT 

| oe 
Wilt: = 

=¢ 
Foot asad 

(front) > 
=< 
‘=> 
> 

Precise Leveling Rods 



Art. 25 Precise Leveling 459 

‘are on a strip of invar fastened to the wood. The rods are usually graduated 
in the metric scale, the centimeter being the smallest division. The decimeter 
marks and the figures are painted on the wood at the side of the invar strip. 
Since the telescope is inverting the figures are for convenience painted up- 

side-down. Sometimes rods are graduated to yards and hundredths. Such 
a rod is used by the U. S. Geological Survey. The foot of the rod carries a 
flat steel shoe instead of the rounded form previously used. These rods are 
provided with a spirit level and a thermometer. 

The greater part of the precise leveling is done on railway lines. The 
turning point is ordinarily a nail driven fhto a tie; sometimes the top of a 
tail is used. For leveling on highways or whenever the ordinary turning 
points cannot be used steel pins are driven into the ground. 

_ While being carried from one station to another the level should be protected 
from the sun’s rays. The cam protecting the micrometer should be turned 

so that the point of the screw is not in contact with the telescope, the nuts 
at the top of the tripod should be loose, and the central clamp should be 
tight. The level should be held so that air will not escape into or from the 
air chamber and change the length of the bubble. When the level is set up 
the tripod nuts are tightened and the tension on the central clamp screw 
released so that the leveling screws are free. The instrument is first leveled 

approximately by means of the circular level and the leveling screws. The 
telescope is then turned toward the rod and the long bubble centered exactly 
by using the micrometer screw. 

The observations are made in such a manner as to eliminate so far as pos- 
sible the recognized common errors in leyeling work, namely (1) settling of 
instrument or rod in soft ground; (2) unequal expansion and contraction of 
different parts of instrument due to temperature changes; (3) irregular refrac- 

tion near surface of ground; (4) unequal length of foresights and backsights 
(faulty adjustment of instrument); (5) use of poor turning points; (6) rod 
not held plumb, and (7) bubble not centered in tube. 

Errors due to settling of tripod or rod may be eliminated by taking two 

backsights and two foresights at each set-up, in the following order: 1, back- 

sight; 2, foresight; 3, foresight; and 4, backsight. The same result is accom- 

plished by taking the backsight first on one set-up and the foresight first on 

the next set-up. The latter is the method used by the Coast Survey. It is 

based upon the assumption that the rising or settling takes place at a uniform 

rate. Temperature errors are avoided by shading the level by an umbrella 

and by taking the readings in rapid succession. Rapidity also tends to elimi- 

nate error in the settling of tripod or turning point. Errors due to refraction 

may be partly avoided by using a high tripod, always keeping the line of 

sight away from the ground as much as possible. The lowest reading should 

be selected when‘the reading of the lower hair varies on account of refraction. 

Observations-during the’middle of the day are more likely to be free from such 

errors, but in practice leveling is carried on throughout the day. The lengths 

of backsights and foresights are balanced (nearly) on each sight by reading 

all three hairs and finding the stadia intervals from the upper and lower ones. 

The sums of the foresight intervals and the backsight intervals should be 

shown in the notes at each set-up. The red is plumbed by use of the spirit- 

level and the temperature is read frequently. 

On the U. S. Coast and Geodetic Survey leveling work two rods are used, 

the same rod being held on any T.P. first for a foresight and then for a back- 

sight. This results in the same rod being read first at every set-up. The three 

hairs are read, and the mean and the difference computed, the latter being 

the stadia interval. The lines of levels are divided (roughly) into 1 kilometer 
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sections, and each section is run forward and then backward, the allowable 

error of closure being that stated below. The longest sight allowable is 

150 meters, which can be used only under exceptional conditions. The 

difference between foresight and backsight distances must not exceed 10 meters 

on any one sight, or 20 meters in the total at any time. The adjustment of 

the instrument is tested daily, and corrected if it exceeds a specified amount. 

The allowable errors in closing a circuit in precise leveling work of various 

Surveys are as follows: U.S. Coast and Geodetic Survey, 4™™ VV kilometers; 

U. S. Lake Survey, 10™™ +/ kilometers; Mississippi River Survey, 

5mm /kilometers; U. S. Geological Survey, 0.017 ft.1/ miles. The results 

actually reached fall well within these extreme limits. A high grade of leveling, 

nearly equal to that of precise leveling, has been done many times with an 

ordinary wye or dumpy level of good construction, but usually at a greater 

cost than would have been the case if a precise level were used. 

TOPOGRAPHIC SURVEYING 

26. Barometric Leveling 

The Barometer may be used as a means of measuring differences in eleva- 

tion, since one inch in the height of the mercury column is equivalent to 

about 900 ft. in altitude. The atmospheric pressure varies also with changes 

of temperature and humidity, so that it is necessary in measuring differences 

in altitudes with the barometer to determine the amounts of these variations 

and to make proper allowance for them. The ordinary cistern mercurial 

barometer and the aneroid are used in surveying. The latter on account of 

its compactness and sensitiveness is more generally employed, but it is liable 

to derangements if subjected to great ranges of pressure or if roughly handled; 

it is also subject to errors due to temperature changes. 

Barometric Leveling is useful in making a reconnoissance or in determin- 

ing the contours for a map of very small scale. It is approximate at best, 

but with a mercurial barometer results as close as 5 ft. may be obtained by 

careful handling of the instrument, or with an aneroid in good adjustment 

results correct to 5 or 10 ft. may be obtained but not without repeating the 

observations and taking great care in the use of the aneroid. The error in 

height determined by a barometer is approximately a constant, so that the 

percentage error is much smaller for large differences in elevation than for 

small differences. The barometer does not give actual heights, but the differ- 

ence in its readings will be a function of the difference in elevation of the two 

points provided the atmospheric conditions have not changed so as to affect 

the readings. 

To Read a Mercurial Barometer the screw at the bottom of the barometer 

is-turned until the ivory point is just in contact with the mercury. The 

vernier is then raised or lowered until its lower edge is just at the height of the 

mercury column. More than one reading should be taken, and the ivory 

point should be set in contact with the mercury each time. The temperature 

of the air and of the mercury are both read when the mercury height is 

recorded. In carrying the mercurial barometer from place to place the bottom 

screw should be turned up until the mercury just fills the tube, then the 

barometer should be inverted and carried in its case upside down. 

On the Aneroid Barometer are two scales, the inner one corresponding to 

inches of mercury and the outer one to feet of altitude, the zero of the altitude 
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scale being in most instruments at 31 in. on the mercury scale. The outer 
scale should not be movable with reference to the inner scale, for the number 
of feet of altitude corresponding to one inch of mercury is different in different 
parts of the scale. Aneroids marked ‘‘ compensated ” are supposed to be 
adjusted so that changes in temperature of the instrument will not affect the 
readings. The instrument should be handled carefully in order to avoid dis- 
turbing its delicate mechanism. When it is to be read, tap the case lightly to 
be sure the instrument has adjusted itself to the changed pressure. It should 
stand a few minutes before it is read so as to allow it to come to the true read- 
ing; if should not be heated by the sun’srays or the body; and it may be held 
in*either a vertical or horizontal position when being read, but as the readings 
in these two positions are different it should be held in the same position at all 
stations. As accurate results may be obtained from small as from large 
aneroids. 

The Best Field Method requires the use of two barometers, one to remain 
at some fixed station whose elevation is known, and a continuous record of 
this instrument will give the atmospheric changes. It is assumed, since the 
other aneroid will be in use in the same general locality, that the atmospheric 
changes will be the same at both instruments. It is well to use a mercurial 
barometer at the fixed station. The second instrument (an aneroid) is read 
at the start at the fixed station. The difference between the readings of the 
two barometers at this station is an index correction to be applied to all 
readings of the moving barometer. The aneroid is then carried to the next 
station whose elevation is required, and read, and so on to as many points as 
are desired, making the time of travel between stations as short as possible. 
At each point the pressure, time and air temperature are read and recorded. 
Upon the return trip with the aneroid it will be well, as a check, to take read- 
ings again at the stations as they are passed, and upon arriving at the fixed 
station the aneroid is read again. At intervals during the day, every half hour, 
or oftener if the atmospheric conditions are rapidly changing, the barometer 
at the fixed station is read and the time, air temperature, and mercury temper- 
ature (if a mercurial) are recorded. The interpolated readings of the fixed 
barometer are entered in the notes of the moving barometer and the 
index correction applied, thereby eliminating all changes in reading except 
those due to changes in altitude. When only one barometer is used a reading 
is taken at the first station when starting on the trip and again at the end of 
the trip. The difference between these two readings represents the total change 
due to weather conditions, and interpolated readings for the times when the 
barometer was read at the other stations must be made for the first station, 
as illustrated by the example below. 

Calculating the Altitude. Differences in elevation are calculated from the 
differences in pressure either by formula or by table, or it may be found with 
an aneroid by reading directly the altitude scale which is based on one of the 
formulas. Laplace’s formula is one of the most accurate; it is 

D = 60 158.6 (log h — log H) {1 + (ta’ + ta — 64°)/900}, 
where D = difference in elevation in feet; # = height of mercury at lower 
station in inches; H = height of mercury at upper station in inches; fg’ and 
tg are the observed air temperatures in Fahrenheit degrees. The correction 
due to air temperature is often a large amount. In case a mercurial barometer 
is used H is the height of mercury at the upper station reduced to the temper- 
ature of the mercury at the lower station by 

H =h’{1 + 0.00008967 (tm — tm’)}, 
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For Determining Difference in Elevation by Barometer 

|| Ba- | | Ba- 
Ft. rom.,| Ft. rom.,| Ft. 

in. in. 

5| 21466 || 25.50] 24457 || 28.25) 27 133 | 
21533 || 25.55} 24508 || 28.30] 27179 
21590 || 25.60) 24559 |) 28.35) 27225 

: | : 21 647 || 25.65) 24610 || 28.40) 27271 

16.40} 12925 || 20.20] 18370|| 22.95) 21704 || 25.70) 24661 |) 28.45) 27317 

16.50] 13084 |) 20.25] 18434 || 23.00) 21761 || 25.75}+24712 || 28.50] 27 362 

16.60] 13 242 || 20.30|.18 499 || 23.05] 21818 || 25.80) 24 762 || 28.55) 27 409 

16.70} 13398 || 20.35] 18563 || 23.10] 21874 || 25.85) 24813 || 28.60) 27 454 

16.80| 13554|| 20.40] 18627 || 23.15] 21931 || 25.90] 24 864 || 28.65) 27 500 

16.90] 13709 || 20.45] 18691 || 23.20] 21987 || 25.95] 24914 || 28.70) 27 545 
17.00] 13.864 || 20.50| 18755 || 23.25) 22044 || 26.00) 24964 
17.10} 14017 || 20.55] 18818 || 23.30) 22 100|| 26.05) 25014 || 28.80) 27 637 
17.20] 14.169 |} 20.60] 18 882 || 23.35| 22 156 || 26.10) 25065 || 28.85) 27 682 
17.30| 14321 || 20.65] 18945 || 23.40} 22 212 |} 26.15] 25 115 |["28.90|*27 727 
17.40] 14471 || 20.70] 19008 || 23.45) 22 267 || 26.20) 25164 || 28.95) 27772 
17.50} 14621 || 20.75} 19071 || 23.50] 22323 || 26.25] 25 214 || 29.00) 27 817 
17.60] 14770|| 20.80] 19134 || 23.55] 22 378 || 26.30} 25 264 || 29.05] 27 862 
17.70] 14918 || 20.85] 19197 || 23.60) 22434 |! 26.35) 25314 || 29.10) 27907 
17.80] 15065 || 20.90} 19 260 || 23.65) 22489 |) 26.40) 25363 || 29.15) 27952 
17.90] 15211 || 20295} 19.322 |} 23.70] 22 544 || 26.45} 25412 || 29.20) 27997 
18.00] 15 357 || 21.00} 19384 || 23.75] 22 599 || 26.50). 25 462 || 29.25) 28041 
18.10] 15502 || 21.05} 19446 || 23.80] 22 654 |) 26.55} 25511 || 29.30) 28 086 
18.20] 15 646 || 21.10] 19508 || 23.85|*22 709 || 26.60) 25560 |) 29.35] 28 131 
18.30] 15789 || 21.15] 19570 || 23.90] 22 764 || 26.65) 25 609 || 29.40) 28175 
18.40} 15931 || 21.20] 19632 |) 23.95] 22 818 |) 26.70] 25 658 || 29.45) 28 220 
18.50] 16073 || 21.25] 19 694 || 24.00) 22 873 || 26:75|* 25 707 || 29.50) 28 264 
18.55] 16143 || 21.30) 19 755 ||. 24.05) 22.927 ||.26.80) 25755 || 29.55) 28 308 
18.60) 16 214]|.21.35] 19816 || 24.10} 22 982 |) 26.85) 25 805 || 29.60] 28 352 
18.65] 16284 || 21.40] 19.877 ||. 24.15] 23.036 || 26.90] 25 853 || 29.65] 28 396 
18.70) 16354 || 21.45] 19938 || 24.20] 23090]! 26.95) 25 902 || 29.70) 28 440 | 
18.75] 16423 || 21.50) 19999 || 24.25| 23144 || 27.00] 25950 || 29.75) 28 484 
18.80) 16493 || 21.55) 20060 || 24.30] 23198 |) 27.05] 25 999 || 29.80) -28 528 
18.85] 16562 || 21.60) 20120 ]} 24.35) 23251 || 27.10) 26047 || 29.85) 28572 
18.90) 16 632 || 21.65] 20181 || 24.40) 23305 ||.27.15| 26095 || 29.90) 28 616 
18.95} 16 701 || 21.70} 20241 || 24.45} 23358 || 27.20] 26143 || 29.95) 28659 
19.00|.16 769 || 21.75} 20301 || 24.50] 23412 || 27.25] 26191 || 30.00|-28 703 
19.05} 16 838 |] 21.80} 20361 || 24.55] 23 465 |} 27.30] 26239 || 30.05] 28 746 
19.10] 16907 || 21.85] 20421 |) 24,60) 23518 |) 27.35] 26287 || 30.10] 28790 
19.15] 16975 || 21.90] 20481 || 24.65] 23571 || 27.40] 26 334 || 30.15] 28 833 
19.20) 17043 || 21.95] 20540 || 24.70) 23 624 || 27.45] 26 382 || 30.20] 28 877 
19.25] 17111 || 22.00] 20600 |} 24.75] 23677 || 27.50) 26430 |) 30.25) 28920 
19.30} 17179 || 22.05] 20659 || 24.80}+23 730 |} 27.55) 26477 || 30.30) 28 963 
19.35] 17 246 || 22.10} 20718 || 24.85] 23 782 || 27.60] 26524 || 20.35] 29 006 
19.40) 17 314]) 22.15] 20777 || 24.90} 23 835 || 27.65) 26572 || 30.40) 29 049 
19.45] 17 381 || 22.20} 20836 || 24.95] 23 887 || 27.70) 26619 || 30.45] 29092 
19.50} 17448 || 22.25) 20894 || 25.00) 23940 || 27.75) 26 666 || 30.50} 29135 
19.55] 17516 || 22.30) 20954 ||. 25.05} 23992 || 27.80|.26 713 || 30.55] 29178 
19.60) 17582 || 22.35} 21012 || 25.10} 24044 || 27.85) 26760 || 30.60} 29 220 
19.65] 17 648 || 22.40) 21071 || 25.15] 24096 || 27.90] 26 807 || 30.65] 29 263 
19.70} 17715 || 22.45) 21129 || 25.20} 24148 |} 27.95] 26 854 |} 30.70] 29 306 
19.75] 17781 || 22.50) 21187 || 25.25) 24199 |} 28.00} 26900 || 30.75) 29 348 
19.80] 17 847 || 22.55] 21245 || 25.30) 24251 || 28.05] 26947 || 30.80] 29 391 
19,85] 17913 |} 22.60} 21303 || 25.35] 24 303 || 28.10) 26994 || 30.85] 29 433 
19.90} 17979 ||} 22.65] 21360 || 25.40} 24354 || 28.15) 27040]! 30.90] 29 475 
19.95] 18044 || 22.70| 21418 || 25.45] 24 406 || 28.20] 27 086 I 30.95} 29 518 

iS) oo ~ on i) ~ mn © ~_ 
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“where tm = the temperature of mercury at lower station and tm’ = the tem- 
perature of mercury at upper station. The following table condensed from 
Guyot is based on this formula. 

Example using one aneroid barometer: find difference in elevation between Over- 
look and Bald Mt. 

Station Time Barometer, inches Air temperature 
Overlook 9,25 a.m. 29.42 47° F. 
Bald Mt. 10.30 a.m. 27.15 30° 

Overlook 10.57 a.m. > 29.36 43° 

Here 10.30 — 9.25 = 1.05 = 65 min., time going up, and 10.57 — 9.25 = 1.32 = 
92 min., total time. Also 29.42 — 29.36 = 0.06 in., diff. in barometer height at Over- 
look, whence 29.42 — (0.06 X 65/92) = 29.38, probable reading at Overlook at 

~ 10.30 a.m. 

From Barometric table, 29.38 = 28 157 

27.15 = 26095 

2 062 

Temp. Corr: = 2 062[ { 1/2 (47 + 43) +30} — 64]/900 =+ 25 

Difference in elevation = 2087 feet. 

The various barometers constructed on what is known as the “ Paulin System ” 
- are capable of giving precise results. These instruments have the following character- 
istics: They have no inertia due to friction; they are free from lag, and come promptly 
to the correct reading; they can be locked so that ordinary shocks have no effect and 
the instrument can be safely transported. They are fully compensated for temperature. 

Barometers of this type are made for leveling work, for altimeters of airplanes, and 
for general use. The ranges vary from 3300 ft. for leveling instruments to 20 000 ft. 
‘for altimeters for airplanes. 

The principle involved in their construction is as follows: The force exerted by the 
vacuum chamber is opposed by that of a heavy spiral spring. When a reading is to 
be taken the spring is compressed until the vacuum box is forced back to its normal 
position. The force required to do this is read on the scale, either as inches of mercury 
or as feet of altitude. The vacuum box is always in the same condition when a reading 
is being taken, instead of being deformed and strained as with the ordinary aneroid. 
The device for determining when this balance is attained is extremely sensitive and 

the instrument can be made to read elevations directly to about 2 ft., and by estima- 
tion, somewhat closer than this. When the barometer remains in a fixed position this 
device shows at once the slightest change in atmospheric pressure. On altimeters it 
shows at once any variation in the altitude of the plane from the altitude to which it 
was set. 

This instrument cannot of course overcome variations in pressure due to atmos- 
spheric changes, any more than any other barometer can. It is necessary, therefore, 

to use two barometers if the work extends over a period and changes are taking place. 
It is also necessary to make allowance for air temperature, as usual. 

27. Trigonometric Leveling 

Finding the Difference in Elevation of two points by means of the hori- 
zontal distance between them and the vertical angle is called trigonometric 
leveling. It is used chiefly in determining the elevation of triangulation’ sta- 
tions and in obtaining the elevation of a plane-table station from any visible 
triangulation point of known elevation. In triangulation work the vertical 
angles are usually measured at the same time the horizontal angles are mea- 
sured, so as to obtain the elevations of triangulation points as well as their 
horizontal positions. The vertical angle is measured to some definite point on 
the signal whose height above the center mark of the station was determined 
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when the signal was erected, and the height of the instrument above its sta- 

tion should be measured and recorded. In the most exact work the angles 

are measured with a special vertical circle instrument. In less precise work 

an ordinary theodolite whose vertical arc reads by verniers to 30” or to 20” 

may be used, but with such instruments only single readings can be made. 

The best results with such an instrument are obtained by taking the average 

of several independent readings half of which are taken with the telescope 

direct and the other half with the telescope inverted. In every case the index 

correction, or reading of the vertical arc when the telescope is level, must be 

recorded. 

Simultaneous Observations. The chief difficulty in obtaining accurate 

results by trigonometric leveling is due to the uncertainty of the angle of 

refraction, that is, the angular deviation of the line of sight on account of 

the refraction of the air. This varies with the locality, the temperature and 

the atmospheric pressure, so that the only way its effect can be practically 

eliminated is by taking simultaneous observations between two stations, in 

which case 

b — he = Ktan } (as — as) {1 + + 
2R 12 R? 

where 1) — ke = difference in elevation of stations in feet; K = arc of the 

earth subtended between plumb lines through the two station points, approxi- 
mately equal to the distance between the two stations in feet; a1 and a are 

the simultaneously observed vertical angles; R = radius of earth at latitude 

of the stations; for most work it is close enough to use log R (in feet) = 

7.32068. 

Observation at One Station. If the observation is made at only one station 
the refraction coefficient must be known and applied to the vertical angle. 
The refraction coefficient is m = r/c, whence r = mc, where r = the angle of 
refraction and ¢ = the angle at the center of the earth between the two sta- 
tions. For a single observation 

h, + he Ke | K 

Shee roses atda—m) ee |[1+ ee + 
In this formula the letters have the same significance as in the formula for 
simultaneous observations above. In solving for te — M1, approximate values 
are first obtained by omitting the last factor; the approximate values are then 
substituted in the last factor and corrected values are computed. 

From a large number of observations the U. S. Coast Survey has determined values 
of m as follows: 

hy + ho K } 

FOr THES CYOSSING, CHEE < he. Sacre a edeis ae sunt Sivietinsers Ss o1s 0.078 
Between primary points (high elevation)................ 0.071 
For interior of the country, about........0- esse eee eeee 0.065 

Clarke, in his ‘‘ Geodesy,” gives: 

Por rays: crossing the Seay =, ve ais wes snseinteiatn essa oper eatets 0.0809 
For rays not crossing 'the/sea. ia GG SNR, ASS, 0.0750 

A Rough Determination of the difference in height may be*found by multiplying 
the horizontal distance by the tangent of the vertical angle and applying a single 
correction for curvature and refraction by the formula h = K2/1.7426, where K is the 
distance in miles between the stations and / is the correction in feet. If K is expressed 
in units of 1000 ft., then 4 = 0.02 X K? (nearly). This correction is applied so as to 
increase the difference in elevation if the vertical angle is plus, and it should decrease 
the difference in elevation if the vertical angle is minus. This method is used for the 
stadia and plane table except that for ordinary sights or for rough work the curvature 
and refraction correction is omitted. 
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28. Contours 

A Contour Line is the intersection of a level surface with the surface of the 
ground. For example, a shore line of a pond is a contour line, and if the pond 
level were raised a foot its new shore line would be the contour line of 1 ft. 
greater elevation. Contours are used to represent the shape of the ground, 
and give a means of reading elevations directly from the map. It is customary 
to locate them a whole number of feet above the datum, such as the 50-ft. 
contour, and at regular intervals, at, say, every 2 ft. or every 5 ft., the number 
of the contour is its elevation above the datum. Since the contours are taken 
equidistant vertically their horizontal distance apart gives a measure of the 
steepness of slopes. 

- Characteristics of Contours are: (1) All points on any one contour have 
the same elevation. (2) Every contour closes on itself, either within or beyond 
the limits of the map. (3) A contour which closes within the limits of the 

map encloses either a summit or a depression. In depressions there will usually 
be found a pond or a lake; but where there is no water the contours are 
usually marked in some way to indicate a depression. (4) One contour can 

never cross another except where there is an overhanging cliff, in which case 
there must be two intersections. (5) On a uniform slope contours are spaced 
equally. (6) Ona plane surface they are straight and parallel. (7) In crossing 
a valley the contours run up the valley on one side and, turning at the stream, 
tun back on the other side. Since the contours are always at right angles to 
the lines of steepest slope they are at right angles to the thread of the stream 
at the point of crossing. 
(8) Contours cross the 
ridge lines (divides) at “ts 
tight angles. 175 

Contours and Profiles. 150 

If a line is drawn across a am 
contour map, the profile Profil ne X.Y 
of the surface along that ea ee 
line may be constructed, \' 

since the points where the A ()) | 
contours are cut by the xO WU Y 
line are points of known ) 4 \ 
elevation and the hori- 
zontal distances between ( \ 
these points can be scaled ; 
or projected fromthe map. Fig. 26 
The profile shown in Fig. 

26 is constructed by first drawing, as a basis for the profile, equidistant 
lines, corresponding to the contour interval, and parallel to XY. From the 
points where XY cuts the contours, lines are projected to the corresponding 
line on the profile. Conversely, if the profiles of a sufficient number of lines 
on the map are given it is possible to plot these lines on the map, mark the 
elevations, and then to sketch the contours. 

Locating Contours. Since the topography of much of the country is due 
to stream erosion the position and fall of streams gives much information 
tegarding the location of contours. These, together with a few ridge eleva- 
tions, give information from which contours may be readily sketched. It 
should be borne in mind in sketching contours that they cross the stream at 
right angles and curve around from the hill on either side so as to represent 
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the valley; they are usually farther apart at the top and bottom of a natural 

eroded slope (where no wave action is present) than in the middle; a stream 

is usually steeper near its source than in its lower portion. 

Where the contour interval is small and much detail is desired the ground may be 

cross-sectioned (Art. 24) and from the elevation determined the contours may be 

sketched. Or the contours may be actually traced out and located by stadia. In this 

case the rodman moves up or down the slope until a level rod-reading shows that the 

foot of his rod is on a contour. The position of the rod is then located by distance 

and azimuth. 

The hand level is used to a considerable extent on railroad preliminary surveys to 

locate contours, and is satisfactory for such work because the contours are located only 

a short distance from the transit line so that the inaccuracies of hand-level work cannot 

become very great. In using a hand level for locating contours, first measure the dis- 

tance from the ground to the levelman’s eye, which may be, say, 5.2 ft. Then from a 

reading of the rod held on a point of known elevation the elevation of the eye of the 

levelman is determined. The leveler then directs the rodman uphill or downhill until 

the rod-reading is such as will correspond to the foot of the rod being on a contour. 

When this point is found it is located by tape or by pacing. Then, if the contours are 

being located on a sidehill, the levelman moves uphill past the located point on which 

the rodman stands until the levelman reads the contour interval plus 5.2 on the rod. 

When this point is reached the Jevelman is standing on a contour which is then located. 

The levelman stands on this point and the rodman travels uphill until the levelman 

reads 5.2 minus the contour interval on the rod, when the rod is resting on the next 

higher contour. In going downhill the rodman holds his rod on a contour and the level- 

man will back down the hill until he reads 5.2 minus the contour interval on the rod, 

at which point the levelman will be standing on the contour next below the rodman; 

then the rodman passes the levelman and backs down the hill until the rod-reading 

is 5.2 plus the interval, which determines the next lower contour. Sometimes profiles 

are run and the elevations plotted on the plan give a basis for sketching the contours. 

Profiles of valleys and ridges as a rule give the best data. 

29. The Stadia 

The Stadia Method is one in which distances are measured by observing 

through the telescope of a transit the space, on a graduated rod, included 

between two horizontal hairs called stadia hairs. If 

hw the rod is held at different distances from the in- 

S&S strument different intervals on the rod are included 

t 2. between the stadia hairs, the spaces on the rod being 

proportional to the distances from the instrument 

to the rod, so that the intercepted space is a 

<< measure of the distance to the rod. This method 

furnishes a rapid means of measuring distances in 

filling in details of topographic and hydrographic 

surveys. It is used either with a transit or a plane 

<< table which is provided with the two additional 

horizontal cross-hairs. It has the great advantage 

- that the intervening country does not have to be 

traveled, provides a means of measuring inaccessible 

‘ > distances such as across water surfaces, the errors of 

measurements are compensating rather than cumu- 

Fi lative, andit affords an accuracy sufficient for many 
g. 27 i : : : 

inds of work, being applicable even to surveying 

for area of such lands as wood lots or farms, for an accuracy of one part in 

500 may be attained with the stadia. The rod used may be of any desired 

pattern of self-reading rod, the Philadelphia rod being a good type for short 

distances. It is well to use a rod with the graduations represented by some 
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diagram which can be seen distinctly a long distance away, 1000 to 2000 ft. 
Portions of two of these rods are shown in Fig. 27, with the reading of the 
three cross-hairs marked in the figure. 

The Fundamental Principle of the stadia is the simple geometric proposi- 
tion that in two similar triangles homologous sides are proportional. The 
vertex of these triangles is not the center of the transit but is at a point in 
front of the objective a distance equal to F, the focal length of the objective, 

. 4 F 
so that the distance from the center of the instrument to the rod = —(s) + 

i 
(F +c), where i is the distance betweefi the upper and lower stadia hairs; 
s is the intercepted space on the rod; and ¢ is the distance from the center 
of the instrument to the objective. Evidently (F + c) is practically a con- 
stant for any given instrument; for transits it varies from 0.75 to about 1.35, 
depending upon the style of instrument. For all ordinary purposes it may be 
taken as 1 ft. for transits and 2 ft. for plane-table alidades. The other func- 
tion (F/i) s is a variable, but as it is almost always customary to have the 
stadia hairs spaced so that F/i = 100 this reduces the equation to Distance = 
100 s + 1. Every hundredth of a foot on the rod is then a measure of one 
foot of distance. 

Inclined Sights. Since it is the horizontal distance which is required it is 

necessary to reduce all inclined readings to the horizontal, and when the differ- 
ence in elevation between the instrument station and the rod station is desired 
the vertical distance also must be computed from the inclined sight. In prac- 
tice it is customary to hold the rod plumb rather than perpendicular to the 
line of sight, so that it is evident that if the line of sight is inclined it will 
subtend an interval on the rod which is too great depending upon the angle 
of inclination, a, and the distance the rod is from the instrument. By trigono- 
metric proof, with one slight assumption, it may be shown that the 

Vertical Distance = (F/i)s -1/2 sin2a + (F +c) sing 
Horizontal Distance = (F/i)s - cos?a + (F +c) cosa 

For the ordinary conditions (when F/i = 100 and F +c = 1) and making 
the approximations that sina = 1/2 sin2q@ and cosa = cos’q@ in the last 
terms of the above formulas, which are nearly correct for small angles, 

Vertical Distance = (100 X rod interval + 1) 1/2 sin2a 
Horizontal Distance = (100 X rod interval + 1) cos? a 

These are in the form used for ordinary transit work. The reduction of the 
field-notes can be best accomplished, however, by the use of tables, diagrams 
or stadia slide rules, all of which are based upon these formulas. 

The rod intervals are usually read to the nearest hundredth of a foot, giving the 
distance to the nearest foot only, so that in most topographic work, where the distances 
are not required to within a foot, the constant (F +c) may be neglected, and in such 
work there will be no need of applying the horizontal correction for vertical angles 

under 3 degrees. 

30. Stadia Fieldwork 

Points are Located by (1) the azimuth, (2) the distance, and (3) the angle 
of elevation or depression. If elevations are not required the vertical angle is 

read only to the nearest 10 minutes, for that is close enough for determining 

the horizontal distance, but if elevations are required the vertical angle should 
be read to the nearest minute and sometimes to the half-minute and the index 

correction also read for each vertical angle. The distance and azimuth 

angle are read with whatever refinement is necessary for the work in hand; 
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as a rule the distances are recorded to the nearest foot and the azimuth to the 
nearest minute, although for single “‘ shots’ which are to be plotted by use 
of the ordinary protractor the azimuth to the nearest 5 minutes is close 
enough. Traverse lines which control the survey are measured by tape or by 
stadia as the accuracy of the survey may demand. For large-scale maps it 
may be necessary to tape the distances of the control, but for small-scale maps 
the stadia method is sufficiently accurate. In the latter case the distances 
should be read both on the foresight and backsight. 

Azimuths. In starting the survey, if the true azimuth of any line is known’ 
all of the azimuths of the survey may refer to that meridian, but if no meridian 
has been established, as is frequently the case, the azimuths may be referred 
to the magnetic meridian. Azimuth angles are read from the south right- 
handed for 360°. The horizontal circle is set on 0°, the telescope turned so 
that it points toward magnetic S and the lower clamp tightened. Then if the 
upper clamp is loosened and the telescope sighted toward the next station the 
horizontal arc, if read right-handed, will give the azimuth of the first line 

referred to the magnetic meridian. The azimuth of any other line may be 
obtained by simply resetting the upper clamp as each sight is taken.. When 
it is necessary to move to the next instrument station the telescope is oriented, 
by the method explained in Art. 15, so that it will read 0° when pointing to the 
south. The bearings of the traverse lines will give a rough check on the 
azimuths of those lines. 

Distances are read by setting one of the stadia hairs on a whole footmark, 
by means of the vertical arc clamp and tangent screw, and counting the feet, 

tenths and hundredths of a foot between the stadia hairs. Great care should 
be taken not to mistake the middle horizontal cross-hair for a stadia hair. 
This can be avoided by always making a mental estimate of the distance. 
Occasionally a half-interval may be read when something obstructs the view 
of the whole interval. 

The Vertical Angles are taken by sighting the middle cross-hair on a point 
on the rod whose distance above the foot of the rod is equal to the distance 
from the horizontal axis of the telescope to the station beneath the transit. 
The distance is known as the height of instrument (H.I.); it is not the same 

as the H.I. in ordinary leveling, which is the distance of the telescope above 
the datum. When the middle hair is sighted at the H.I. point on the rod the 
line of sight is parallel to a line drawn from the station under the transit to 
the foot of the rod, and the vertical angle read is the inclination of this line, 

so that the difference in elevation of the two stations can be directly computed. 

It is sometimes impossible to set on the H.I. point on the rod owing to obstacles in 
the line of sight. In such a case the angle is taken when sighting at some convenient 
footmark on the rod, and this reading of the middle hair on the rod is recorded in the 
notes with the vertical angle. The H.I. point is sometimes marked by a red cloth 
band; its position being changed at each new set-up of the instrument. 

The Order of Fieldwork is as follows: First read the distance and record 
it, then set the middle hair on the H.I. point of the rod and the vertical hair 
on the rod. Signal the rodman to go to the next point, and while he is moving 

to the next point read the horizontal circle, the vertical arc and its index 
correction if necessary. Unless elevations are required, the H.I. is not used, 
and the vertical arc will not be read except for angles of 3° or more. 

Stadia Notes require a large amount of sketching and description of details 
in order to convey sufficient information to enable a draftsman who may not 

be familiar with the locality to plot the notes. Where the nctes are merely for 

flat topography, with no elevations, the difficulties are not grea’. The side 
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shots are numbered, and these numbers should be put on the sketch in such 
a Manner as not to be mistaken for any measured distance which may also be 
recorded on the sketch. Where the survey is for a contour map the accuracy 
of the map depends in a large measure upon the completeness of the descrip- 
tions given in the notes regarding the slope of the ground between located 
points. The elevation of points on ridges, valleys, knolls, and depressions will 
be determined in the field, but without a full description of the slopes of the 
surface the correct interpretation is often next to impossible. One method 
is to describe the shape of the ground in the notes; another method is to 
sketch contours in the notebook, showing approximately the form of the 
surface. 

31. Stadia Computations 

Reduction of Stadia Field Notes is usually done by means of tables, dia- 
grams or stadia slide rule rather than by direct use of the formulas. The 
Stadia slide rule is the most convenient when the reductions are required in 
the field as in plane-table surveys. The difference in elevation can be most 
rapidly obtained by means of a diagram or stadia slide rule, while the hori- 
zontal distances can be rapidly computed by use of a table of horizontal 
corrections which gives the distances to be subtracted from the inclined 
readings to obtain the horizontal distance, to which must be added the instru- 
ment constant (F +c). The stadia reduction tables presented here give, for 
vertical angles up to 20°, the difference in elevation for an inclined distance 
of 100 ft. If the inclined reading is 612, the instrument constant 1 ft., and 
the vertical angle 4° 42’, the difference in elevation = 6.13 & 8.17 = 50.1 ft. 
Since the rod intervals are read as a rule to only three significant figures this 
multiplication can be accomplished with sufficient accuracy by means of the 
ordinary 10-inch slide rule. The 50.1 ft. is recorded in the notes and this 
difference in elevation is applied to the elevation of the station over which 
the transit is set to give the elevation of the point desired. It will be seen 
from an inspection of the tables that a half-minute greater vertical angle 
would have increased the difference in elevation by a little less than 0.1 ft., 

which shows the importance of reading the vertical angle carefully and of 
applying its index correction. 

Even without this table vertical heights may be computed if a table of horizontal 
corrections is available. A condensed table of horizontal corrections can be made which 
can be pasted on a leaf in the back of the notebook. After the horizontal distance has 
been found by the use of this table the vertical height can be computed by multiplying 
the horizontal distance by the tangent of the vertical angle, which can be conveniently 
accomplished by use of the tangent scale on an ordinary slide rule. 

Where the vertical angle is not taken to the H.J. mark on the rod this must be taken 
into account in the working up of the column of differences in elevation as follows. 
Suppose at a point the distance read was 135, vertical angle—8° 50’ on 2.5, H.I. 4.5; 
then —(1.36 X 15.17) +2 =—18.6 ft. Here the 2 ft. is + because the vertical 
angle was taken to a point 2 ft. lower than the H.I. point. Had the vertical angle 
been a + angle the 2 ft. would still have been applied so as to increase the difference 
in elevation. 

Beaman’s Stadia Arc. Another method of simplifying the calculations of elevations 
in the field consists in using only those vertical angles for which the differences in eleva- 
tion are simple multiples of the rod interval. This principle is used in the attachment 
devised by Beaman for the vertical arc of the transit or plane table. On this attach- 
ment are marked the numbers giving multiples of the rod interval, the zero graduation 
being marked 50 instead of 0 so as to make it easier to determine which are plus and 
which minus angles. In using a transit with this attachment the observer reads the 
distance, turns the tangent screw of the telescope until the index line is opposite some 
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Reductions of Stadia Observations 

Vertical Heights for 100 Ft. Inclined Distance 
r 

Te 27 3° 4° + 6° “Ag 8° 9° 

.74 | 3.49 | 5.23 | 6.96 8.68} 10.40) 12.10} 13.78) 15.45 

.80 | 3.55 | 5.28 | 7.02 8.74) 10.45) 12.15) 13.84) 15.51 

.86-| 3.60 | 5.34 | 7.07 8.80| 10.51) 12.21) 13.89) 15.56 

.92 | 3.66 | 5.40 | 7.13 8.85] 10.57] 12.26] 13.95] 15.62 

.98 | 3.72 | 5.46 | 7.19 8.91] 10.62} 12.32] 14.01) 15.67 

204 (°3.78 | 5.52.) 7.25 8.97| 10.68] 12.38] 14.06} 15.73 

0. -09 |. 3.84 | 5.57 | 7.30 9.03} 10.74) 12.43) 14.12] 15.78) 

0. .15 | 3.90 | 5.63 | 7.36 9.08] 10.79) 12.49) 14.17] 15.84 

0. £2414 3/95) 5369 pea. 42 9.14) 10.85) 12.55) 14.23) 15.89 

0. DE AOL Tf Sako hedeae 9.20] 10.91) 12.60} 14.28] 15.95 
0. .33 | 4.07 | 5.80 | 7.53 9.25) 10.96) 12.66) 14.34) 16.00 

0.64 | 2.38 | 4.13 | 5.86 | 7.59 9.31] 11.02) 12.72) 14.40) 16.06 
0.70 | 2.44] 4.18 | 5.92 | 7.65 9.37| 11.08) 12.77] 14.45] 16.11 
0.76 | 2.50 | 4.24 | 5.98 | 7.71 9.43) 11.13) 12.83) 14.51) 16.17 
0.81 | 2.56 | 4.30 | 6.04 | 7.76 9.48) 11.19] 12.88) 14.56] 16.22 
0.87 | 2.62 | 4.36 | 6.09 | 7.82 9.54) 11.25) 12.94) 14.62) 16.28 

0.93 | 2.67 | 4.42 | 6.15 | 7.88 9.60) 11.30) 13.00) 14.67! 16.33 
0.99 | 2.73 | 4.48 | 6.21 | 7.94 9.65} 11.36) 13.05) 14.73) 16.39 
1.05 | 2.79 | 4.53 | 6.27 | 7.99 9.71) 11.42| 13.11] 14.79) 16.44 
HAL, 12 385 4) 4. S901 6533) 128.05 9.77| 11.47] 13.17] 14.84} 16.50 
1.16 | 2.91 | 4.65 | 6.38 | 8.11 9.83} 11.53] 13.22] 14.90) 16.55 

1.22 | 2.97 | 4.71 | 6.44 | 8.17 
1.28 | 3.02'| 4.76 | 6.50 | 8.22 
1.34 | 3.08 | 4.82 | 6.56 | 8.28 
1.40 | 3.14 | 4:88 | 6.61 | 8.34 
1.45 | 3.20 | 4.94 | 6.67 | 8.40 

1.51 1-3226,| 4,99.) 6573) 8.45 
TEST |) Sa Sh oo. US JL O09] Seok 
TOSSIEOONes| (On dd MOO Hei, 
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1.74 | 3.49 | 5.23 | 6.96 | 8,68 
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6 1.4 es) 

ral 1.6 229 
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Reductions of Stadia Observations—Continued 

Vertical Heights for 100 Ft. Inclined Distance 

Minutes} 10° 11° 12° 13° 14° 15° 16° 172 18° 19° 

0 17.10) 18.73} 20.34) 21.92] 23.47} 25.00] 26.50) 27.96) 29.39}) 30.78 

2 2 17.16) 18.78} 20.39) 21.97) 23.52) 25.05) 26.55) 28.01} 29.44) 30.83 

4 17.21} 18.84) 20.44] 22.02] 23.58] 25.10] 26.59) 28.06) 29.48] 30.87 

6 17.26) 18.89} 20.50) 22.08) 23.63) 25.15) 26.64] 28.10) 29.53] 30.92 

4 8 17.32} 18.95) 20.55) 22.13} 2% 68] 25.20] 26.69) 28.15] 29.58) 30.97 

10 17.37} 19.00) 20.60) 22.18) 23.73) 25.25) 26.74} 28.20] 29.62} 31.01 

12 17.43) 19.05) 20.66] 22.23) 23.78] 25.30) 26.79] 28.25] 29.67| 31.06 
14 17.48} 19.11] 20.71] 22.28] 23.83] 25.35] 26.84] 28.30} 29.72] 31.10 

16 17.54] 19.16] 20.76] 22.34] 23.88] 25.40] 26.89) 28.34] 29.76} 31.15 

- 18 17.59) 19:21] 20.81] 22.39) 23.93) 25.45! 26.94] 28.39} 29.81] 31.19 

20 17.65) 19.27| 20.87) 22.44) 23.99] 25.50] 26.99] 28.44] 29.86] 31.24 

22 17.70} 19.32} 20.92] 22.49] 24.04] 25.55] 27.04] 28.49] 29.90) 31.28 

24 17.76) 19.38) 20.97] 22.54) 24.09) 25.60] 27.09] 28.54) 29.95) 31.33 

26 17.81] 19.43) 21.03] 22.60) 24.14) 25.65] 27.13) 28.58] 30.00 31.38) 

28 17.86} 19.48] 21.08] 22.65] 24.19] 25.70) 27.18] 28.63) 30.04) 31.42 

30 17.92] 19.54] 21.13] 22.70] 24.24} 25.75] 27.23) 28.68) 30.09) 31.47 

32 17.97) 19.59] 21.18] 22.75] 24.29] 25.80] 27.28) 28.73) 30.14] 31.51 

; 34 18.03} 19.64| 21.24] 22.80] 24.34) 25.85} 27.33) 28.77) 30.19) 31.56 
S 36 18.08] 19.70] 21.29] 22.85] 24.39] 25.90] 27.38] 28.82) 30.23) 31.60 

f 38 18.14] 19.75] 21.34] 22.91| 24.44] 25,95) 27.43] 28.87| 30.28] 31.65 

40 18.19; 19.80] 21.39} 22.96| 24.49] 26.00} 27.48) 28.92] 30.32] 31.69 

42 19.86) 21.45) 23.01 24.55 26.05} 27.52} 28.96} 30.37) 31.74) 

44 19.91] 21.50) 23.06) 24.60] 26.10] 27.57) 29.01} 30.41] 31.78 

46 19.96] 21.55] 23.11] 24.65] 26.15] 27.62] 29.06} 30.46) 31.83 

2 48 20.02) 21.60| 23.16] 24.70] 26.20) 27.67| 29.11) 30.51) 31.87) 
S 50 

lo 52 
54 
56 
58 
60 

Distance] 10° 

. 100 3.0 
200 6.0 
300 9.1 
400 124 
500 4 

600 18.1 
700 7h 
800 24.2 

900 27.2 
1000 30.2 
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line on the attached arc, and then notes the rod reading of the middle cross-hair. The 
difference in elevation between the telescope and the reading on the rod is (50 minus 
the reading of the arc) times the rod interval. From this result must be subtracted 
the rod reading to give the difference in elevation between the telescope and the foot 

of the rod. Evidently no stadia tables or slide rule are needed when this attachment 
is used. 

32. The Plane Table and Its Use 

The Plane Table is an instrument by means of which points are located 
in the field by graphical methods directly on the map, which is fastened to a 
table top supported on a tripod. The accuracy of the map is usually limited 
by the accuracy of plotting rather than by the field measurements, for it is used 
mostly for small-scale maps. In the field the map must be protected from 
becoming distorted by moisture, so as to preserve the accuracy of the plot. 
The plane table is the only surveying instrument admitting of a rapid solution 
of the Three-point Problem in the field; this makes it practicable to locate 
stations independently of each other, so that errors cannot accumulate as they 
do in traversing. The most important advantage of the plane-table method 
over other topographic methods, however, is that all of the sketching is done 
in the field, where the topographer can see the form of the ground that he is 
mapping. He can sketch details at once in their proper position, without 
burdening his memory and without making elaborate notes. For this reason 
the details may be accurately sketched from a much small number of located 
points than would be required, for instance, by the transit and stadia method. 

The plane-table method has the disadvantage of requiring more time for the field- 
work than other methods, and it is also more dependent upon favorable weather than 
a method where the map is not exposed. But taking into account both the field and 
office work the plane table will prove to be much more economical than the transit 
and stadia for work in open country, and at the same time the results obtained will 
be sufficiently accurate for most topographic work. 

The Plane Table itself consists of a board, usually about 24 by 30 in., 
mounted on a tripod with a device for leveling and clamping the board, the 
Johnson ball-and-socket leveling device and clamp being the most commonly 
employed. The alidade consists of a telescope mounted on a horizontal axis 
resting in wye supports, which are connected to a metal column at the base 
of which is attached a flat piece of metal about 18 in. long having both edges 
straight and parallel to the telescope. On this base are two spirit-levels for 
leveling the table. The telescope has a vertical motion only and a vertical 
arc. The entire instrument is moved about in azimuth on the board and 
sighted as desired. 

Locating Points by Intersection. In ordet to begin a survey with a plane 
table it will in general be necessary to have on the map two plotted points 
corresponding to two points on the ground the distance between which is 
known and at least one of which can be occupied with the table. The simplest 
method of locating points by means of the plane table without measuring any 
distance is as follows: The base-line ad is plotted on the plane-table sheet, 
representing, to some scale, the measured base AB. The table is set so that 
a on the map is vertically above A on the ground and the table is leveled; then 
one edge of the alidade is placed along the base-line a} drawn on the map, 
the table is then turned in azimuth until the telescope sights the signal B, and 
the horizontal motion clamped. The line ab is now parallel to AB and the table is said to be oriented. The alidade is then placed so that the straight- edge passes through a, the telescope is sighted to some signal C, and an indefi- 
nite line drawn toward C. The point ¢ on the map (representing the signal C) 
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is somewhere on this line. If the table is now moved to B (b being set verti- 
cally over B) and the process of orienting the table and sighting toward C is 
repeated, the point c is located on an indefinite line through b; hence it lies at 
the intersection of these two lines ac and bc. The triangle abc is similar to the 
triangle A BC, and each line on the map is parallel to the corresponding line 
on the ground. In a similar manner any number of points may be located. 

Locating Points by Direction and Distance. The simplest way of locating 
points by the plane table is by obtaining the direction with the alidade and 
measuring the distance by stadia. This is the method most commonly used 
for filling in the details of a plane-table stirvey after the table has been oriented. 

Locating Points by Resection. It sometimes happens that it is desired to 
locate’a plane-table station from a base only one end of which can be occupied 
with the table. In such a case we may proceed as follows: Let A and B repre- 
sent the points on the ground at the ends of the base-line; C is the signal 
which is to be located, and ad represents the base-line plotted on the plane- 
table sheet. Set up at A, the end of the base which is accessible, and orient 
the table by sighting B with the alidade along ab. Then, centering the alidade 
on a, draw an indefinite line toward C. This line should be drawn the full 

length of the alidade. The table is then taken to C and oriented by means of 
the indefinite line just drawn. Since the position of c on the indefinite line is 
not known it is necessary to estimate its position on the map and to use this 

point in placing the table over the point C. If the alidade is now centered 
on 6 and sighted toward B, a resection line may be drawn, and this line will 
cut the first indefinite line, thus locating the point c desired. Thus, without 
going to station B, the same line has been drawn on the map that would have 
been obtained by an intersection from B. It is evident that this resection 
method may be advantageous even if B could be occupied, for the point C 
has been located without taking the time required to go to station B. The 
position of c found by this method should be checked if possible by resection 
lines from other points whose positions are known to be correct. 

The Three-point Problem. One of the great advantages of the plane 
table is that it may be set up at any place where three triangulation points 
(plotted on the sheet) can be seen and the position of this plane-table station 
located on the sheet simply by observations from this point. The position of 
the plane table is found by means of the so-called Three-point Problem, which, 
in this case, is an application of the principle of resection. The two graphical 
solutions of this problem chiefly used in plane-table surveying are known as 

(1) Lehmann’s method, or the Triangle-of-error method; and (2) Bessel’s 
method, or the Inscribed Quadrilateral. The former is a trial method, but 
it is the more rapid of the two for ordinary work and is used in practice far 
more than the latter method. Bessel’s method gives a direct solution and 
consequently requires less experience than the former. It has the disadvan- 

tage, however, that in certain positions of the signals a part of the required 

geometric construction falls outside the limits of the plane-table sheet, in 

which case the solution is not practicable. 

Lehmann’s Method. If three signals A, B, and C, have their plotted positions at 

a, b, and c, and if the table be set up at D and oriented correctly, the resection lines 

drawn from a, b, and ¢ will all pass through d, the plotted position of D. Since there 

is no means of accurately orienting the table, the position of d being unknown at the 

start, the table must be oriented approximately by estimation. If the plane table is 

not oriented exactly the three resection lines will not ordinarily pass through a com- 

mon point but will form a triangle known as the triangle of error (Fig. 28). From this 

triangle of error the true position of d may be estimated, and by a second trial a new 

triangle of error may be obtained which is smaller than the former. By successive 
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trials this triangle may be made so small that it is almost a point. In practice very few 

trials are necessary, the triangle often being reduced to a point in the second trial, so 

that the method is in reality a rapid one. , . an 

If the table is on the circumference of the circle Buren Fe Pe anew A Renee 

is i i . oint D is inside the triangle A BC it is in a favorable position 

Pall san modes ey See for an accurate location. If the table is outside 

aC this triangle there are certain positions of the 

aA signals which are not favorable, especially 

when the angles subtended by the sides of 
the triangle formed by the signals are small and 

c the middle signal is farthest from D, but if the 

Se middle signal is near D the location of d is 

D strong. 
‘b Table If D lies inside the triangle A BC then d will 

lie inside the triangle of error and vice versa. 
AB If a circle is passed through a, } and the inter- 

Fig. 28 section of the resection lines from a and 6 it will 
pass through the true position of d; similarly a 

circle through 6, c and resection lines from 6 and ¢ may be sketched and in this 
manner a close estimate of the position of d made for the second trial. The distance 
of d from any resection line is proportional to the distance of the table from the signal 
from which that line was drawn. 

33. Hydrographic Surveying 

Hydrographic Surveying is the term applied to the processes used in sur- 
veying any body of water. The determination of the topography of the 
bottom of a lake, harbor, or other body of water is one of the common prob- 
lems. In connection with such surveys the character of the material com- 
posing the bottom is dften desired. The fieldwork is usually done by first 
establishing certain points on shore, by triangulation or traverse, to which 
the hydrographic survey may be referred, and then measuring (usually from 
a boat) the depth of the water at various points and determining the position 
of these points. Besides the ordinary transit and tape outfit, a sounding-pole 
or lead-line and a boat with the necessary equipment will be required. A tide 

gage should be set up in tidal waters and in lakes where the water level changes 
rapidly. The sounding-poles are made similar to self-reading rods graduated 
to tenths of a foot. A shoe is sometimes attached to the bottom, provided 
with a cup-shaped cavity which, if smeared with tallow or soap, enables sam- 
ples of material to be collected. The lead-line consists of a long chain or a 
hemp or cotton line at the end of which is attached a lead weight. A brass 

sash-chain gives very satisfactory results, with cloth tags of various colors for 
foot-marks. Where there is not much current a 6- to 10-lb. weight will suffice 
for depths up to 40 ft. 

Methods of Locating Soundings. There are six general methods of locat- 
ing soundings: (1) The boat is rowed on a rangé at a uniform rate of speed 
and the soundings are located by time intervals. (2) The boat is rowed on 
a range line and the positions of the soundings are “ cut in’ by a transit angle 
taken on shore or by an angle taken with a sextant from the boat. (3) The 
boat may or may not be rowed on any definite range, and its position is 
located by angles taken simultaneously by two transits on shore or by angles 
taken simultaneously to shore points from the boat by means of two sextants. 
(4) The positions of the soundings are located by the stadia method. (5) The 
positions of the soundings are defined by the intersection of fixed ranges. 
(6) A wire or line is stretched across a stream from shore to shore and soundings 
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are taken at different points along this wire and located by measured distances 

from one end of it. 

Locating a Sounding by a Range and an Angle. In still water where there 

is no difficulty in keeping the boat in any desired position soundings may be 

conveniently located by keeping the boat on a range line of known position 

marked by two objects on shore, such as range poles, and then “ cutting 

in ” the position of the leadsman by means of a transit angle taken from shore 

at the instant the sounding is made. The ranges may be fan-shaped if the 

pivot-point of the system of ranges is some steeple or other object located far 

enough back from the shoré so that thelines will not diverge too rapidly. The 

recorder writes in his notebook the depths as they are called off by the leads- 

man and also the times when the soundings are made. He also notifies the 

leadstan by calling out “ Sound”’ about 5 seconds before each sounding is 

desired. The leadsman takes the soundings as quickly as possible, usually 

within two or three seconds of the desired time. In the hydrographic work 

of the Corps of Engineers, U.S. A., where nearly all of the soundings are 

located by two angles taken with transits on shore, soundings are usually taken 

at 15, 20, or 30-second intervals, and a location made each minute by the 

instrument men at the instant the signal is given by the signalman in the boat. 

The chief of party usually acts as signalman and directs the work in the boat, 

and sees that the boat is kept on the ranges (if any are used) and that the 

boat is so propelled as properly to cover the area to be sounded. The signal 

is given by holding up a flag for about 10 seconds and dropping it suddenly the 

instant the sounding is taken, at which moment the transitmen on shore take 

angles to the leadsman or to his hand if visible. In the work of the U.S. 

Engineers, white, red, and sometimes black flags are used for signaling. Both 

the recorder’s and the instrument men’s notes should show the colors of the 

signal as well as the time for each located sounding, thus giving two means 

of identifying the angles and the corresponding soundings. This double check 

is of particular value where the lines of soundings are long. In tidal waters 

the time record is required also as a means of reducing the soundings to Mean 

Low Water or to whatever other datum is used. The tide gage readings and 

times are recorded throughout the day. 

Where the soundings are taken with a view to obtaining every slight change in the 

slope of the bottom, instead of taking the soundings at a given interval of time, it is 

desirable to take them as frequently as the leadsman can conveniently handle the pole. 

In this method the boat is usually rowed on a range and the instrument men on shore 

“ cut in” only those soundings that are designated by the signalman in the boat. The 

time in this case is recorded to the nearest second. As a rule every sixth or eighth 

sounding is located. 

In plotting notes like these where the soundings are quite close together the points 

which were “cut in ” are located on the plan and the intermediate readings are inter- 

polated between them; the soundings are assumed to be equally spaced between the 

located ones. 

Locating a Sounding by Two Angles from a Boat. A common method of 

locating soundings when ranges are not used is by taking two angles simul- 

taneously from the boat to three signals, or any previously determined points, 

A, B, and C, on shore. This is an application of the Three-point Problem 

that is frequently used in plane-table work. It is essential that the signals 

or points should be fixed stations; such points as buoys or floats will not give 

satisfactory locations. 
F 

In measuring angles from a boat it is necessary to employ some instrument which 

does not require a steady support like the transit. For this reason the angles are 

usually taken with two sextants. These two angles are sufficient to locate the position 
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of the soundings, except in the one case where the boat happens to be on the circumfer- 
ence of the circle passing through the three signals between which the angles are 
measured. 

This method is less frequently employed than the “ range and angle’ method or the 
“two angles from shore’ method, because it often happens that the two angles taken 
with the sextant do not give good intersections; this is especially true when the sound- 
ings extend far from shore. Furthermore, if the signal happens to be high above the 
shore, and consequently not at the level of the boat, the angle measured will be enough 
different from the horizontal angle to introduce serious error into some parts of the work. 

The Sextant is an instrument adapted to measuring angles in any plane. 
Owing to the fact that it can be used by an observer who is on a moving 
object, such as a boat, it is especially valuable for hydrographic work. It is 

employed not only for taking angles from a boat in locating soundings but is 
also in common use for making astronomical observations which are necessary 

in determining the latitude, longitude, and time at sea. The frame ABI 
(Fig. 29) is usually of brass, on the under side of which is attached the wooden 
handle D, The index arm JE is pivoted at J, the center of the arc AB, and 

Fig. 29. The Sextant 

this arm can be swung around J as a center so that the vernier V can pass 
from A to B on the arc (or limb) and can be set at any position on the arc 
by means of the clamp C and tangent screw T. At J isa plane glass mirror 
called the index glass; it is attached rigidly to the index arm and perpendicular 
to the plane of the sextant, its reflecting surface being over the pivot about 
which the index arm revolves. Rigidly attached and perpendicular to the 
frame of the sextant is the plane horizon glass H, the upper half of which js 
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transparent and the lower half is a mirror; this glass is set so that its plane is 
parallel to the index glass when the vernier is set at 0°. The telescope is at F. 
K and L are colored glasses which are hinged so that they can be swung 
around the pivot into the path of the rays of light to protect the eye of the 
observer in making observations on the sun. 

It should be borne in mind that the angle measured with the sextant is not the hori- 
zontal angle, but is the angle lying in a plane defined by the two objects and the eye 
of the observer; the objects sighted should therefore be near the shore level unless 
the sextant is far from shore. 

The vertex of the angle is not a fixed point; it moves farther away from the instru- 
ment as the angles grow smaller for the lines defining the angle pass from the two 
objects through the center of the mirrors J and of the glass H. 

The limb AB is graduated into spaces which are really half-degrees, but on account 
of the construction of the instrument each of these is marked as a whole degree, so that 
the scale has an extent of 120 degrees. The graduations are so subdivided that the 
angles can be read in most instruments to 10 seconds; in some of the smaller instru- 
ments the vernier reads only to half-minutes. In the ordinary sextant the armiis from 
5 to 8in.in length. A pocket sextant having an arm about 2 in. long is very convenient 
for reconnaissance surveys and for filling in the details of more accurate surveys. 

To Measure an Angle with the sextant, hold the instrument by its handle in the 
right hand and turn it so that the plane of the sextant coincides with the plane through 
the two objects to be observed, with the telescope on the upper side of the sextant if 
the angle is horizontal, or on the left-hand side in the case of a vertical angle. Without 
changing the plane of the sextant twist it in the hand so as to turn the telescope 
toward the left-hand object and observe it through the upper (transparent) portion 
of the horizon glass. Then, holding the instrument as steady as possible, turn the 

index arm with the left hand until the other object appears in the silvered portion of 

the horizon glass opposite the first point. Bring the second point exactly opposite the 

first one by means of the clamp and tangent screw of the index arm. The coincidence 

of the images should be tested by twisting the instrument a little so as to make the 

reflected image move back and forth across the direct image. Read the vernier and 

apply the index correction. The telescope is not used for rapid work such as locating 

soundings; the sight is simply made through the ring in which the telescope fits. 

34. Photographic Surveying 

Arapid method of locating topographic details for construction of small-scale 

maps (say 2 or 3 miles to 1 in.) is afforded by photographic surveying. Best 

results are obtained where the country has characteristic shapes, and is not 

too thickly wooded to afford good positions for taking the views. To locate 

a point, it is photographed from two stations the positions of which are 

known. It is necessary to know the direction in which the camera was 

pointed when each photograph was taken, and the focal length f of the lens, 

The Instrument used for this work sometimes consists of a transit, so con- 

structed that standards and telescope can be removed and a camera mounted 

in their place, so that azimuth angles can be measured, or laid off, by the 

horizontal circle. The instrument is leveled and the horizontal angles between 

certain well-defined points are measured while the telescope is on the transit; 

when the camera is substituted, the same angles are laid off on the circle and 

the exposures are made. Such instruments cost about $500. 

Notches on the four sides of the camera opening yield corresponding points 

on the edges of every picture; lines are then drawn across photograph con- 

necting these four points. The vertical line is known as the principal and the 

other as the horizontal line; their intersection is called the principal point. 

If the photograph is held at distance f in front of the eye, and normal to the line of 

sight, points a, b, and ¢ on the picture will appear to cover corresponding points A, 
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B, and C in the landscape. The photograph, when held in this position, thus gives a 
measure of the angles between various points in the view, a fact utilized in plotting. 

To Plot Map, first locate positions of camera stations X and Y (Fig. 30). At each 
station draw a circle of radius f, and a radial line representing direction in which camera 

was pointed when photograph was 
taken, as Xm and Yn. Line op rep- 
resents the trace of the photograph, 
tangent to arc at m, its principal line, 
and gr represents photograph taken 
at Y, its principal line passing 
through m. To plot point a, first 
measure on the photograph op the 
distance from a to the principal line, 
and plot that distance on line po as 
ma’. Similarly, the distance na” is 
measured on the other photograph 
and plotted along trace rg. The 

plotted position of A thus lies at the intersection of Xa’ and Ya”, or ata. Inthe same manner are plotted as many points as desired. 
Differences in Elevation are computed as follows: Scale the distance of point @ above the horizontal line on the photograph. This distance divided by distance from camera station to point a’ (scaled from map) gives the natural tangent of angle of elevation or depression. The actual horizontal distance Xa is then scaled from map, after the point has been plotted, and is multiplied by tangent of vertical angle, to give difference in elevation between camera station and point a; or it can be found graphi- cally. Details of the map are now sketched from a study of the photograph, after 

characteristic points have been plotted. 

Fig. 30. Plotting Camera Stations 

35. Aerial Surveying 
\For further details, see “ Higher Surveying,” by Breed and Hosmer, 1926 Ed., 

Chap. 12.) 
In photographic surveying from land stations the sensitive plate is always vertical when exposed; photographs of fixed objects are taken from fixed stations, the posi- tions of which have been determined by survey. When photographing from an air- plane, only the terrains fixed; the camera is moving, and the plate or film is held in an approximately horizontal position. 
Airplane Mapping is now often used for surveying: electric lines, reservoirs for water power, irrigation and water supply, harbor improvements, city plan- ning, traffic studies, flood control, timber estimates. It is peculiarly adapted to regions difficult to travel. If controlled by triangulation, or by known dis- tances between fixed objects on the ground, airplane mapping is in general accurate within narrow limits; but details may suffer considerably, especially where there are sudden and considerable changes of elevation. 
The pictures are taken looking directly downward. To keep the axis of the lens as nearly vertical as possible, the camera is mounted on gimbals; the axis is exactly vertical only when the airplane is horizontal. If the terrain is level, pictures are true perspectives; if hilly, the perspective is true only of points in line with axis if the lens at moment of exposure. 

Making Exposures. The airplane flies along nearly straight, parallel courses, so spaced that pictures taken at short intervals completely cover the area to be mapped, and with sufficient overlapping to enable a draftsman to construct a relatively accurate map. 

There are 3 steps: (a) Piloting the plane in straight courses and at a proper eleva- tion. This requires experience, for if the elevation of the plane varies the area of ground shown on the plate also varies and the scale of photograph is changed—the result is similar in passing over hilly ground; (6) taking the photographs, which are timed automatically, according to speed of plane and its elevation; (c) making the map. 
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Since the plane’s fuel capacity limits the time it can remain in flight, the distance 

from the flying field influences the cost of the work. Atmospheric conditions are 

important; satisfactory pictures can be taken only when the air is free from low 

- clouds, moisture, dust, smoke and haze; generally, about one day in seven is favorable. 

Elevation of Airplane is determined by an altimeter. The height that the 

pilot endeavors to maintain depends upon focal length of camera_and scale of 

map required. Exposures are so timed that pictures overlap about 60% in 

the direction of flight, and the distance between parallel flights is so chosen 

that pictures overlap about 50% along their sides. Theoretically, this causes 

each object to be photographed four times; some of them oftener. 

This large amount of overlap is essential to make accurate maps, as the point on the 

ground corresponding to the projection of the center line of lens must appear on edges 

of adjacent photographs, so that their relative position will be known. Only the middle 

portion of each photograph is useful for accurate maps, the edges being subject to 

errors due to tilting of the camera, and high objects on the ground do not appear in 

true perspective if near the edges of the pictures. Ample overlap permits elimination 

of defective exposures, caused by excessive tilting of the camera or cloud shadows; 

it also affords opportunity to view obscure objects from more than one angle, which is 

especially valuable when a stereoscope is used in studying details. 

A Stereoscope is an instrument in which two views of the same object are seen, one 

with each eye. Two photographs are placed side by side in the stereoscope, so that 

the binocular vision is clear. Objects in the picture stand out in sharp relief, and their 

relative heights and depths are shown. Thus the ground can be examined, relative 

elevations determined, and contour maps made. An instrument called a stereograph 

is used for tracing contours from the photographs. 

Ground Control. Before beginning flying, base lines can be measured on 

the ground; white rings of cheesecloth, 3 ft. wide by 30 to 50 it. in diameter, 

or white crosses, being placed at the ends of the base. 

Tf these lines are laid out on uneven ground, or measured on slopes, and intermediate 

points are marked upon them, they serve to control details of the pictures near them; 

any photograph or part of a photograph appearing out of scale can be reproduced in 

the office to the scale indicated by the base line, provided both ends of that line appear 

on the photographs. Stations on the larger triangulation system controlling the whole 

map may also be marked by white circles or crosses, which show up distinctly in the 

pictures. For maps of large areas, the position of certain well-defined objects, which 

will appear in the photographs, are determined astronomically. 

Choice of Scale of Photographs. A scale of 1 in. = 400 ft. is about as large 

as can be readily obtained from an airplane; for larger scale, the plane must 

fly so low as to require excessive speed of the camera. 

Maps are readily made to scale of 1 in. = 800 ft., and enlarged by photographic 

process. The smaller the scale of actual exposures, the fewer the pictures needed. 

Parts of a map where details are required may be made on a scale of, say, 1 in. = 

400 ft., and the outlying portions, 1 in. = 800 ft., the latter to be enlarged to 1 in. = 

400 ft. in the office; expense is thus saved. 

Office Processes. After developing films and making prints, any prints out of 

scale are rephotographed to proper scale. The entire set is then assembled upon a 

large board, on which the triangulation lines are plotted, and the photographs are 

carefully matched one to another, only the middle portions being retained. The 

matched plan is then mounted, forming what is known as a mosaic map (see below). 

For more accurate maps, errors in scale, are corrected as stated above; errors of dis- 

placement due to objects being near the edge of picture instead of directly under the 

camera, and errors of distortion due to tilting of the camera, are corrected by geometric 

processes. : 

Kinds of Airplane Maps. 1. Mosaic, a term applied when pictures are 

fitted together from the contact prints, with no attempt to bring them to a 

particular scale (a contact print is made in direct contact with the négative, 

so that the image is the same size as that on the negative). Mosaics are useful 
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where an exact scale is not needed. In estimating timber in a forestry survey 
a mosaic gives the required information clearly, as the scale is unimportant. 
In some traffic studies, the mosaic is also satisfactory. 2. Photographic map 
results from correcting the scale errors of the contact prints as well as possible, 
by rephotographing the whole strip of connected prints, to bring all to the 
desired scale. It is often an enlargement of the original. It has been much 
used for city maps, tax maps, harbor surveys, and locating electric trans- 
mission lines. 3. Line map is one in which all errors of scale, displacement, 
and distortion have been corrected so far as possible. 

As a matter of convenience, line maps are usually made on tracing cloth, mainly by 
tracing the photographic details, for reproduction by blueprint or other process. For 
engineering projects, where contours are important, this is usually the best form of 
map. Contours placed directly on the photographs are likely to be less satisfactory 
than if kept separate, as they cover some of the detail in the photographs, and are 
themselves more difficult to read. A line map showing the main features and the 
contours, supplemented by numbered and indexed photographs, usually gives com- 
pleter information than when all is crowded on one map. In some cases, however, 
photographic maps showing contours are quite effective, and more readily understood 
by non-technical men than a contour map without photographic detail. 

Aerial Cameras: 1. Eastman, single-lens, focal-plane shutter type; focal length, 
10-20 in. 2. Air Service, devised by Major J. W. Bagley. Has 3 and 4 lenses; focal 
length, 6.5+7.5 in., with between-lens automatic shutter (see instructions, T1 Aircraft 
camera, Eng. Div., Air Service, Dayton, Ohio). 3. Fairchild, single-lens, focal 
length, 6-28 in. 4. Brock, for plates instead of films; the pictures are used in a 
special stereoscope for correcting errors of tilt and scale. 

Cost of Aerial Surveys. So much depends upon extent of the survey, dis- 
tance from landing field to the site, and frequency of clear days, that the cost 
varies greatly. Cost of the map itself also depends largely upon the amount 
of control and of the office work, which is much greater for a line map than 
for a mosaic. 

A mosaic map of an area of 25 sq. miles, in which the middle half of the area is 
photographed at 1 in. = 400 ft!, and the fringes comprising the other half at 1 in. = 
800 ft., the landing field being not over 5 miles distant, should cost $2 000-$4 000 for 
one large mosaic, made up of the middle portions of the photographs. Copies cost 
$100-$300 each. 

36. Mine Surveying 

In Mine Surveys, all accurate measurements are made with the transit and 
steel tape. Transists used in this work are provided with an auxiliary tele- 
scope attached to one side of or above the main telescope, so that it is possible 
to sight down a vertical shaft. The instrument known as the eccentric bear- 
ing transit has one telescope which can be used either in its center bearings as 
in an ordinary transit or in bearings built out over the limb of the instrument 
so as to take vertical sights. 

Transferring a Meridian into the mine is one of the important steps. This 
is usually done by setting up the transit at the mouth of the shaft and after 
taking a backsight on a surface station to take a foresight down the shaft, the 
line of sight being made as much inclined as possible, and the inclined distance measured. The transit is then set up at the bottom of the shaft, a backsight 
taken on the top station and the traverse carried into the mine. The utmost 
care must be taken to eliminate all errors of adjustment of the transit, for the 
accuracy of all the underground survey depends upon this process. Another 
and probably more accurate method of transferring a meridian into a mine is by means of two heavy plumb-bobs hung from the staging above the shaft. 
The transit is set up both above and below on this line and thus an azimuth 
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line is established between the surface and the workings. In order to have 
as long a base as possible the plumbs should be hung near the shaft casing. 

Underground Traverses are run through the passages in the mine. It is 
often necessary to introduce very short lines into the traverse, and since the 
azimuth is transferred to distant parts of the mine through these short lines 
great care must be taken to eliminate all instrumental errors by reversing the 
telescope and using the mean of the two results. The positions of walls and 
workings are located by measurements from the traverse line. The station 
points are often placed in the roof; a nail in a wooden plug is a good station 
mark. > 

Notes of Mine Surveys are kept as a rule in the form of sketches, especially the 
details, such as the location and extent of the stopes. The different station points of 
the survey are numbered consecutively. For convenience, stations on the first level 
are numbered 101, 102, etc., on the second level, 201, 202, and so on.. A column for 
vertical angles is required, for most of the traverse lines are inclined. 

To Plot the Survey the three sets of coordinates must be computed, which give all 
the data necessary to plot the mine in plan, longitudinal section, and transverse sec- 
tion. The horizontal and vertical distances equal the inclined distance multiplied by 
the cosine and sine respectively of the vertical angle, and the azimuth or bearings 
together with the horizontal distances give a means of computing the latitudes and 
departures of the courses. 

Surveying for Patent. By patent proceedings are meant the proceedings necessary 
to obtain from the government a fee-simple deed of a mining claim. Title to metal- 
liferous land as granted by the United States, conveys the right to all minerals included 
in the downward prolongation of the portion of vein cut off by the vertical end bound- 
aries of the claim. The federal law allows a claim to cover 1500 ft. located along the 
direction of a vein and 300 ft. of surface ground on either side of it. These are maxi- 
mum dimensions and may be reduced by local laws. For further information see the 
“ Manual of Instructions for the Survey of the Mineral Land of the United States,” 
issued by the Genera] Land Office, Washington, D. C. 

ASTRONOMICAL OBSERVATIONS 

37. Definitions 

Practical Astronomy treats of the theory and use of astronomical instru- 
ments and the methods of computing the results obtained by observation. 
In this branch of astronomy only the re- 
lative directions of heavenly bodies are 
considered, not the actual distances, hence 
it is convenient to regard all such bodies 
as situated on the surface of a sphere, 
called the celestial sphere, Fig. 31, the 
radius of which is infinite and the center of 
which is the center of the earth. The 
vertical at any point on the earth’s surface 
is the direction of the force of gravity at 
that point. This direction is shown by the 
plumb-line. The vertical produced upward 
pierces the celestial sphere in a point 
called the zenith. The point where this 
line pierces the sphere on the opposite side 
is the nadir. A plane through the center 
of the earth perpendicular to the vertical 

cuts the sphere in a great circle called the 
horizon. It is sometimes called the true horizon to distinguish it from the 
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sea horizon. The latter is a small circle, below the true horizon, the plane 

of which is parallel to the plane of the true horizon. 

The Earth’s Rotation upon its axis causes all celestial bodies to appear to 

revolve in the opposite direction at the same rate. To an observer looking 

along the axis from north to south all bodies appear to revolve in a right- 

handed, or clockwise, direction. The axis of the celestial sphere is the earth’s 

axis produced. The poles are the points where this axis pierces the celestial 

sphere. The celestial equator is a great circle of the celestial sphere mid- 

way between the poles; its plane coincides with the plane of the earth’s 

equator. The meridian of an observer is that great circle which passes through 

his zenith and the poles; its plane contains the observer’s vertical. The 

intersection of the plane of the meridian and the plane of the horizon is the 

meridian line. This line cuts the horizon in the north and south points. The 

prime vertical is a great circle through the zenith the plane of which is per- 

pendicular to the meridian. It cuts the horizon in the east and west points. 

The ecliptic is a great circle of the celestial sphere which the sun appears to describe 

during the year. It is inclined to the equator at an angle of nearly 23° 27’. The 

points of intersection of the equator and the ecliptic are the eqinoxes, and the 

points on the equator midway between the equinoxes are the solstices. 

38. Astronomical Coordinates 

Two Spherical Coordinates may be used to designate the position of any 
point on the sphere. The circles of reference in any system are first, a great 
circle called the primary, and second, a system of great circles perpendicular 
to the primary, called secondaries. The following systems are commonly used. 

In the Horizon System the circles of reference are the horizon and great 
circles perpendicular to the horizon, called vertical circles (Fig. 32). The 

Horizon 

Fig. 32 Fig. 33 

coordinates are called altitude and azimuth. The altitude of a point is its 
angular distance above the horizon measured on a vertical circle through the 
point. The complement of the altitude is called the zenith distance. The 
azimuth of a body is the arc of the horizon included between the meridian 
and the vertical circle through the body. It is commonly measured from the 
south point westward from 0° to 360°; it is sometimes measured from 
the north point. 

In the Equator System (Fig. 33) the circles of reference are the equator 
and great circles at right angles to the equator, called hour circles. The co- 
ordinates are called declination and right ascension. The declination of a 
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point is its angular distance north or south of the equator. Declinations are 
considered positive when north and negative when south. The complement 
of the declination is called the polar distance. The right ascension of a point 
is the arc of the equator between the vernal equinox and the hour circle 
through the point. It is reckoned eastward from the equinox from 0° to 360° 
or from 0B to 24h. The position of a point may also be designated by its 
declination and hour angle. The hour angle is the arc of the equator between 
the meridian and the hour circle through the body. It is reckoned from 
the meridian westward from 0° to 360° or from 0h to 24h. It will be seen 
that declination and right, ascension are independent of the observer’s posi- 
tion, whereas the coordinates of thé horizon system are dependent upon 
the observer’s position. 

Coordinates of the Observer. The observer’s position is defined by his 

latitude and longitude. The latitude is the angular distance of the observer’s 
zenith north or south of the equator. The longitude is the arc of the equator 

between the meridian of Greenwich (or other primary meridian) and the 
meridian of the observer. 

The American Ephemeris and Nautical Almanac contains the right ascension and 
declination of the sun, moon, principal planets and many of the stars, givén in most 
cases for the instant of Greenwich Midnight each day. For any other instant these 
coordinates must be obtained by interpolation, the variation per hour being given for 
that purpose. The Almanac also contains other data required in reducing astronomical 
observations. 

Transformation of Coordinates. For a body on the meridian let Fig. 34 
represent the plane of the meridian, and EZ the distance of the zenith north 

ost (ee 

A as 
Fig. 34 Fig. 35 

of the equator, or the latitude. PW is the altitude of the pole. The arc 
PN =arc EZ. Hence the altitude of the pole equals the latitude of the 
observer. If mis a point on the meridian the relation between the altitude 4, 
the declination D, and the Latitude L, is shown by the equation 90° — L = 
h —D. If mis south of the equator the equation still holds true if D is con- 

sidered to be negative. For a point between the zenith and the pole the rela- 
tion is expressed by L = h — p, where 9 is the polar distance of the point. 
For a point below the pole the equation becomes L =h-+p. For a body 
off the meridian Fig. 35 shows the relation between the altitude, declination, 
azimuth and hour angle of point S, and the latitude of Z, found by, solving 
the spherical triangle PZS. The sides of the triangle are the colatitude PZ, 
the zenith distance ZS, and the polar distance PS. The angles are P the 
hour angle, Z the azimuth, and S the parallactic angle. The solution may he 
effected by means of the ordinary formulas of spherical trigonometry, but it 

is usually more convenient to apply special formulas derived from the funda- 
mental relations; these will be given in the following paragraphs when 

required. 
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39. Measurement of Time 

Measurement of Time. Every celestial body passes the meridian twice 

each day in describing its apparent path around the earth, once on the upper 

side, that containing the zenith, and once on the lower side. These are called 

the upper and lower transits or culminations. A sidereal day is the interval 

of time between two successive upper transits of the vernal equinox over the 

same meridian. A solar day is the interval of time between two successive 

lower transits of the sun’s center over the same meridian. The sidereal time 

at any instant is the hour angle of the vernal equinox. The relation between 

sidereal time S, hour angle #, and right ascension R is given by the equation 

S$ =R-+t. Ifthe body is on the meridian, ¢ = 0, and for this instant S = 

R. The solar time at any instant is the hour angle of the sun’s center plus 

12h, 0b occurring at midnight. 

Mean and Apparent Time. The apparent angular motion of the sun is 

not uniform, hence for ordinary purposes it is more convenient to use the time 

kept by a fictitious sun, or mean sun, which moves along the equator uni- 

formly at the average speed of the true sun. Time kept by this mean sun is 

mean solar time. Time kept by the true sun is apparent solar time. The 

difference between the two is the equation of time, which is given in the 

Nautical Almanac for Greenwich Midnight each day. 

Example. Given the local apparent time gh 51M 528 a.m. on Jan. 9, 1928, in 

longitude 4h 44M 188 west. At Greenwich 02 the equation of time is —6™ 368.77; 

the variation per hour is —18.063. The Greenwich time is 8D 51M 528 + 4b 44m 188 

= 13h 36M 108. The correction to the equation of time is — 18.063 X 13h.6 = 

—148.41, giving — 6™ 518.18 for the corrected value. The mean local time is there- 

fore 8h 51M 528 — (— 6M 368.77) = 82 58™ 288.77 a.m. 

Astronomical and Civil Time. In astronomical reckoning the day began at 
noon, or when the sun’s center was on the meridian. This mode of reckoning 
was discontinued in 1925. The civil day begins at midnight, and, now, for 
astronomical purposes is numbered continuously from 04 to 24b. For ordinary 
purposes the civil day is divided into two parts of 128 each. From midnight 
to noon is called a.m.; from noon to midnight is called p.m. ‘Thus the time 

of 3 hours after noon may be expressed either 152 or 3 p.m. 

Longitude and Time. The hour angle of the sun at any meridian is the 
local solar time p.m. at that meridian. The hour angle of the sun at Green- 
wich at that instant is the Greenwich time p.m. The difference is the longi- 
tude of the place expressed in hours, minutes and seconds. Similarly, for the 
vernal equinox the result is the sidereal time at the two places and the differ- 
ence of time is the longitude of the place. 

An angle expressed in hours, minutes and seconds of either solar or sidereal time may 
be expressed in degrees, minutes and seconds by multiplying by 15. Every circle may 
be divided into 24 hours, or into 360 degrees; hence 15° = 1» for either solar or sidereal 

time; also 15’ = 1™ and 15’ = 18. In changing from degrees to hours the following 
relations are also convenient: 1° = 4™, and 1’ = 48, 

Example. To convert a west longitude of 166° 20’ 05’’ into time: 166° 20’ 05” = 
165° +1° +15’ +05’ +05” = 11h + 04m + 01M 4 20S + 08.33 = 112 05M 208.33. 

To convert 4h 44M 188.0 west longitude into degrees: 42 44M 188.0 = 60° + 11° + 

04" 30! =)7 19:04, 304. 

Solar and Sidereal Intervals of Time. On account of the earth’s motion 
in its orbit the sun appears to move eastward among the stars nearly 1° per 

day. This causes the sun to reach the meridian later each day as compared 
with the time of transit of the equinox. For this reason the mean solar day 

is nearly 4m longer than the sidereal day. All intervals of mean solar time 
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_ are correspondingly longer than those of sidereal time. This retardation is 
just sufficient to bring the sun back to its starting point at the end of a year, 
so that the number of sidereal days in the year is just one greater than the 
number of solar days. The year contains 365.2422 solar days and 366.2422 
sidereal days. Therefore 1 sidereal day = 0.99726957 solar day and 1 solar 
day = 1.00273791 sidereal days. Solar time might be converted into sidereal 
time and vice versa by means of these two equations, but a more convenient 
way is to calculate the correction to be added in the one case and subtracted 
in the other. This correction is nearly 108 per hour. Values of these correc- 
tions have been worked out for all hours and minutes from 02 to 24h and will 
be found in the Nautical Almanac. 7 

Example. Convert 92 26M 328.120 of solar time into sidereal time. From Table III 
Appendix to Nautical Almanac, 

For 92 26M, reduction is 1™ 328.979 
For 325.120, reduction is .088 

1M 338,067 
9h 26M 328,120 

Corresponding sidereal interval = 9h 28M 058.187 

To convert 98 28™ 058.187 into mean solar time. Table II, Nautical Almanac, gives: 

For 9h 23m 1M 338.053 
For 058.187 .014 

1M 338.067 

gh 28M 058.187 

Corresponding mean solar interval = 9h 26™ 328.120 

These results may be obtained with sufficient accuracy for many purposes by the 
following approximate rule. Express the given interval in hours and decimals, multiply 
by 10 and call the result seconds. Then subtract from this result 18 for every 64 in 
the interval. The result is the desired correction, correct within a few tenths of a 
second in ordinary cases. In the above example 94 26™ 328 = 9.44, which gives 948.4. 
The amount to be subtracted from this is 18.6, leaving 1™ 328.8 as the correction to 
reduce the given interval to siderea] units. 

Sidereal and Civil Time at any Instant. The relation between sidereal 
time SS, the right ascension of the mean sun, Rg, and the civil time T is given 
by the equation S = Rs + 12447. From the Nautical Almanac we may 
obtain the value of Rs + 12h at Greenwich midnight. By increasing this by 
the change for the number of hours in the west longitude it is reduced to the 
right ascension for local midnight. The above equation may be used more 
conveniently in the form S = Rs + 12h + T + C, in which C is the correction 

to reduce T to a sidereal interval, and Rg is the right ascension for local mid- 
night. If it is desired to find the civil time the equation is Civil Time = 
S — (Rs + 12h) — C’, C’ being the correction to reduce S — (Rs + 12h) to 
a solar interval. It will be noticed that C and C’ represent the increase in 

Rs since midnight. 

Example. To find the local sidereal time when the civil time is 9h 22™M 188.6 (a.m.), 

Jan. 7, 1928, in longitude 4 44™ 188.0 west. 

Rs +12) at Greenwich oh 
Increase in 4h 44™ 488 

Rs at local ob 
ia 

Gg 

Sidereal time = S$ 

7h 01M 478.59 
46 .70 

7h 02M 048.29 
9 22 188.60 

fers? 137 

162 25™ 558,26 

Whenever the resulting sidereal time exceeds 24) the actual sidereal time 

is found by subtracting 24h. When Rs + 12% is larger than S, 24h may be 

Hie wa 
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added to S before making the subtraction indicated by the equation for 

civil time. . 
Example. To reduce 32 10™ 008 siderea] time, Jan. 7, 1928, to the corresponding 

civil time in longitude 42 44™ 188.0 west. S must be taken as 27h 10™ 008; then 
S — (Rs + 124) = 27h 10M 008 — 7B 02™ 048.29 = 202 07™ 558.71. Subtracting 

the correction C’, we have for the civil time 202 03™ 378.82 (or 8h 03™ 378.82 p.m.). 

Standard Time. In the United States the territory is divided into time 
belts, all places in the same belt using the local time at one of the meridians 
named below. Eastern Time is that of the 75th meridian, Central Time that 
of the 90th, Mountain Time the 105th and Pacific Time the 120th meridian. 
By this arrangement the minutes and seconds of time are the same in all parts 
of the country and also at Greenwich, the clocks in the various belts differing 
by whole hours. For example, when it is noon at Greenwich it is 72 a.m. in 

the Eastern belt, 62 a.m. in the Central belt, 52 a.m. in the Mountain belt 
and 4h a.m. in the Pacific belt of the United States. 

To convert local civil time into Standard Time, take the difference in 

longitude between the meridian of the place and the Standard Meridian, 
convert this into hours, minutes and seconds, and add it to the local time if 

the place is west of the Standard Meridian, subtract if east. 

Example 1. Local Civil time = 92 26M 14Sa.m. Longitude 71° 04’ west. Find 
eastern time. 75° 00’ — 71° 04’= 3° 56’ = 15™ 448, 9h 26M 148 — 15M 445 = 9h 
10™ 308 a.m. eastern time. 

Example 2. Central time 82 p.m. = 208. Longitude = 91° west. Find the local 
civil time. 91° — 90° = 1° =4™. Then 208 — 04M = 19h 56M (= 7h 56M p.m.). 
local civil time. 

40. Altitudes 

Correcting Measured Altitudes. When the altitude of a heavenly body 
is measured with a transit or a sextant it is necessary to apply certain correc- 

tions to the observed altitude in order to obtain the true altitude. Refrac- 
tion is the bending downward of rays of light from a celestial body upon enter- 
ing the atmosphere. This causes the object to appear too high above the 
horizon. To reduce an observed altitude to the true altitude it is necessary to 
subtract a correction for this refraction, the amount of the correction depend- 
ing upon the altitude, upon the temperature of the air and upon the baro- 
metric pressure. For accurate work the correction must be taken from 
refraction tables. For rough computations it will be.close enough to take 
the refraction correction in minutes equal to the natural cotangent of the 

altitude, provided the altitude is not less about about 10°. For low altitudes 
the refraction correction is uncertain. 

Refraction Correction 
(In minutes) 

True altitude = measured altitude — refraction correction 

Alti- Refrac- Alti- Refrac- Alti- Refrac- 
tude tion tude tion tude tion 

$2 9.9 11° 4.9 17° ee | 

6 8.5 12 4.5 18 3.0 

7 y eg: 5 13 4.1 19 2.8 

8 6.6 14 Blea 20 a. 

9 57.9) 15 3.6 25 2 a4. 

10 548 16 ss 30 V7 
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Parailax. An observer on the earth’s surface sees an object at a lower 
altitude than he would if he were at the center of the earth. This is called 
the error of parallax. The displacement of the object is greatest when it is 
at the horizon and is zero when the body is in the zenith. The parallax for 
a body on the horizon is called its horizontal parallax. The correction for 
any altitude equals the horizontal parallax times the cosine of the altitude. 
The sun’s horizontal parallax is about 9”; that of the moon is nearly a degree. 

Dip. If the altitude is measured at sea it must be taken with a sextant 
and measured from the sea horizon. In this case the observed altitude must 
be referred to the true horizon by subtracting the angle of dip. The amount 
of the correction varies with the height of the eye above the surface of the 
sea. For ordinary observations the dip in minutes may be taken as the square 
root of the height of the eye in feet above sea level. 

Semidiameter. If the object observed is the sun, the moon or a planet, 
the edge (or limb) of the disk may be observed and the altitude reduced to 
the center by adding or subtracting the semidiameter. The semidiameter 
is given in the Nautical Almanac for every day at Greenwich 0h. For 
approximate work the sun’s semidiameter may be taken as 16’ in March and 
September, 15’ 45’ in June and 16’ 15’’ in December. 

41. Constellations Near the Pole 

Polaris, the Pole-Star, is a second-magnitude star situated about 1° 05’ 
from the pole. Its right ascension is about 1h 36™; consequently at the instant 

when the sidereal time is 1h 36™ Polaris is ver- | 
tically above the pole, on the meridian. Directly 4 a 40 
above Polaris at this time (1 36™) is the con- 4 

stellation Cassiopeia, shaped like an inverted letter 
W. Below Polaris is the great dipper, Ursa Major. Cassiopeia 
A line through the two stars in the outer side of go LAPP, 
the dipper bowl points nearly to Polaris, and these Py XS, 
stats are called the “‘ pointers.” As this con- “4, 
stellation is a conspicuous one the pointers are beet is 
easily recognized and may be used to identify the By 

Pole pole-star. The positions of these constellations 
are shown in Fig. 36. When the star is vertically gq nor 

above or below the pole it is said to be at +r 
culmination (upper or lower); when the star is at 
its extreme eastern or western position it is said 
to be at its greatest elongation (east or west). 
The figure shows the constellations as they appear 
when Polaris is at its upper culmination; by look- 
ing at it inverted they are seen as they appear 
at its lower culmination. By looking at the figure 

from the left and right margins of the page, the 
positions are seen for the western and eastern 

elongations of Polaris. 

42, Observations for Latitude 

By the Pole-Star. If the altitude of the pole-star (Polaris) is observed 

when the star is above the pole (upper culmination) and its maximum altitude 

found by trial, then this will be the meridian altitude. The latitude is then 

found by the equation L=h—p. The measured value of the altitude / 
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must be corrected for refraction as well as for any index error of the instru- 

ment, The polar distance is found by looking up the declination of Polaris 

in the Nautical Almanac and subtracting it from 90°. If the star is at the 

lower culmination the polar distance must be added. 

Example. Observed altitude = 43° 37’ 00”, index error =+ 30’, and refraction 
correction =— 1’ 01’’; then true altitude = 43° 36’ 29’. Since declination of star 
was 88° 44’ 35”, polar distance = 1° 15’ 25’, and hence latitude = 42° 21’ 04”. 

By the Sun at Noon. If the maximum altitude of the sun is found at noon 
this may be taken as the meridian altitude. This altitude is found with the 
transit by setting the horizontal cross-hair on the lower edge of the sun and 
following it as long as it continues to rise. When the sun drops below the 

cross-hair the altitude is read from the vertical arc. This altitude should be 
corrected for index error, refraction, semidiameter and parallax. The latitude 
is then found from the equation L = 90° — (h —D). This method applies 
also to a star when crossing the meridian. 

Example. In longitude 44.74 west, the observed altitude of the sun’s lower limb 
was 25° 06’.0; index error = + 01’.0; refraction correction = — 02’.0; sun’s semi- 
diameter = 16’.3. The corrected altitude = 25° 21.3. On this day the sun’s decli- 
nation at Greenwich 04 was — 22° 18’ 21”, the variation for 1 hour being + 19”.75. 
The change in 165.74 = +5’ 40’. The corrected declination is therefore 
—22° 12’ 41”. The formula for the latitude then gives 42° 26’.0 N. 

43. Observations for Time 

By Transit of Star. If the line of sight of a transit instrument be placed 
in the plane of the meridian the time can be accurately determined by noting 
the instant by a watch or a chronometer when some known star passes the 

vertical cross-hair. The sidereal time at the instant is the same as the star’s 
right ascension. If a sidereal chronometer is used the difference between the 
chronometer reading and the right ascension is the error of the chronometer 
on local sidereal time. If a watch is used, then this sidereal time must be 
converted into solar time of the meridian for which the watch is regulated. 
This is done by subtracting from the right ascension of the star the right ascen- 
sion of the mean sun + 125 corrected to local 0h. This result reduced to 
solar interval is the local civil time. This is reduced to standard time by taking 
the difference between the longitude of the place and that of the standard 
meridian, converting this into time, and adding it if the place is west of the 
standard meridian, subtracting if east. 

Example. Transit of Star over Meridian. Longitude, 52 20™ 108.0 west. 
Date, Oct. 5, 1928. Observed transit of 6 Aquarii = 82 50M 208.0 p.m. Right 
ascension of mean sun + 12, for Greenwich 04, = 02 53M 408.66. Increase in 
sh 20™ 108.0 = 528.60. Corrected Rs +122 = Ob 54M 338,26. 

Right ascension 8 Aquarii 21h 27M 488.39 
Rs + 12 at local oh =50). 54.33.26 

20h 33M 158,13 
Reduction to solar time = 3 22 .04 

20h 29M 538.09 
Reduction to eastern time = 20 10 .00 

Eastern time of transit = 20h 50M 038.09 
Observed time of transit =20 50 20.00 

Watch fast = 168.91 

This method is the one used in the most precise observations for time 
except that corrections are introduced to allow for the non-adjustment of the 
instrument, and the observations are recorded with great precision on an 
automatic register called a chronograph. 
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By Transit of the Sun. A similar observation may be made on the sun. 
The watch times of transit of the west and east edges of the sun across the 
meridian should be noted and the mean taken as the time for the center. 
This instant is 12h 00m 00s local apparent time. This must be reduced to 
civil time by applying the equation of time and the result converted into 

standard time as already explained. The difference between this and the 
watch reading is the error of the watch on standard time. 

Example. Transit of the Sun across the Meridian. Longitude, 71° 04-1/2’.. Ob- 
served time of west and east edges of sun, 115 30™ 088 and 11) 32™ 268, 

Local apparent time of transit of center = 12h 00™ 008 
Equation of time = 12. 07 

Local civil time = 11h 47m 538 
Reduction to eastern time = —-15 ‘42 

Eastern standard time = 11h 32m 148 
Mean of observed times = 41. 31 <17 

Watch slow = 548 

Time by Altitude of Sun. The time may be determined by measuring the 
altitude of the sun’s lower edge and noting the watch reading at the same 
instant. This altitude must be corrected for refraction, parallax, and semi- 

diameter. The hour angle of the sun is then found by solving the PZS tri- 
angle for the angle at the pole. A convenient formula for this is 

sin 1/2t = [cos s sin (s —h) 

cos L sin p 
where / is the hour angle ands = 1/2(L ++ p). The latitude Z must be 
known in order to solve the triangle; the polar distance » is found from the 
Nautical Almanac by subtracting the declination from 90°; # is the correctea 
altitude. If it is in the forenoon the resulting hour angle (converted into 
time) must be subtracted from 12h in order to obtain the apparent time. 
This apparent time must be corrected for the equation of time and then 

reduced to standard time as before. 

Example. Altitude of Sun’s Lower Limb for Time. Latitude, 42° 21’.0 N. Longi- 
tude, 4h 44™ 183.0 west. Date, Jan. 9, 1928. Mean of watch readings, gh 45m 018 

a.m. Mean of altitudes, 12° 19’.6. 

Observed altitude = 12° 19’.6 L = 42° 21’.0 log sec. = 0.13133 

Refraction = —4.4 k= 12 * Sh-6 
12° 15’.2. p =112 13.8 log csc. = 0.03354 

Semidiameter = -+16.3 2s =166° 66’.4 
12° 31.5 s = 83 33.2 logcos = 9.05032 

Parallax ~s cf s—h=71 01.6 logsin = 9.97574 

True altitude = 12° 31'.6 ; 2)9.19093 
log sin; = 9.59546 

t ° , 5 = 23° .12’/1 

Declination at Greenwich 0B = —22° 18’ 21” t°='469 249 

197.8 X 138.7 = +4 32 = 3h 95M 368.8 

Declination at $h 45m = —22° 13’ 49” Apparent time = 8h $4™ 238.2 
j fakes wi Waxed Je) Equa. of time = —6 51.3 

Civil time = 9h 01™ 448.5 

154 0 

Equa. of time at Greenwich oh = —6™ 368,77 Eastern time = 82 45™ 328.5 

: — 18,06 X 138.7. =—. 14 .52 Watch time =8 45 01.0 

Equa. of time at 85 45m = —6M 518.29 Watch slow = 3155 
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By Altitude of a Star. If a star is observed in this manner the calculation is the 
same except that the resulting hour angle must be added to the star’s right ascension 
to obtain the sidereal time. The sidereal time may then be converted into standard 
time as already explained. The sun or star should not be near the meridian, or within 

10° of the horizon, if an accurate result is sought. 

44, Determination of Longitude 

If the local time is found at two places and these times are compared, the 
difference is the difference in longitude expressed in hours. The most precise 
method of making this comparison is by means of the telegraph, signals being 
recorded simultaneously on the two chronographs which are used to record 
the observations for local time at the two places, or, by radio, the 10h 
p.m. time signal being received by a special receiving set and recorded 

on the chronograph. Longitude may also be found by carrying a chronom- 
eter or a watch from one place to the other, determining its error on the local 
time of each place and also the rate at which the timepiece gains or loses, 
in order to allow for the variation between the two observations. If M = the 
difference in longitude, e the error of the watch at the first station, e’ the error 
at the second (+ when slow, — when fast), r the gain or loss per day (+ when 

losing, — when gaining), and d the number of days between the observations, 
then M =e+dr—e’. 

Example At a place 4h 44M 188 west of Greenwich a watch was 15™ 428 slow on 
local mean time. At a place farther west the same watch was 14M 10S slow. The 
watch was gaining 68.5 daily. The second observation was made 26 hours after the 
first. The difference in longitude is then 15™ 428— 26/24 68.5— 14M 10S = 1M 258 
and the longitude of the second place is 4 45M 438, 

45. Observations for Azimuth 

By a Circumpolar Star at Elongation. The simplest and most accurate 
method of determining an azimuth or the direction of the true meridian is by 
observing the direction of a circumpolar star (such as Polaris) when at its 
greatest eastern or western elongation. An ordinary transit is used and it 
should be put in good adjustment. About half an hour before the computed 
time of elongation the transit should be set up over one end of the line whose 
azimuth is to be found, or at the point through which the meridian is desired. 
The cross-hairs must be illuminated by means of a flashlight or a lantern, 
preferably held by an assistant. Set the vertical hair on the star and clamp 
the plates. It will be observed that the star moves very slowly in azimuth, 
to the left if approaching western elongation; to the right if eastern elonga- 
tion. As the star nears its elongation it no longer moves in azimuth but will 
move vertically, downward if at western elongation, upward if at eastern 
elongation. his shows that the position of elongation has been reached. 
Now lower the telescope without disturbing its azimuth and set a point on 
a stake some 300 ft. north of the transit, in line with the vertical hair. Next 
quickly reverse the telescope, re-level the plate levels if necessary, point again 
at the star, and set another point on the stake. If these two points do not 
agree take a point midway between them. To obtain the meridian lay off 
from this last point the azimuth of the star at elongation, which may be com- 
puted as explained later, or in case of Polaris, may be taken from the table 
on p. 491. This gives a point exactly north of the transit station. 

The azimuth of any line may be found by measuring from this north point 
to the line in question. Evidently the azimuth might be found by measuring 
directly from the star to the line in question. since the azimuth of the star is 
known, provided the vernier was set to read 0° before pointing on the star> 



491 

10n t Elongat 
. 

aris a 

Observations for Azimuth 

Azimuth of Pol: 

a
o
n
t
n
r
 

S
O
 
N
E
 
K
S
 
I
 

A
N
r
A
r
m
 

T
S
 

e
i
 

m
M
n
X
n
o
a
n
m
r
 

S
O
*
N
0
 
"
S
0
8
0
 

C
o
n
n
 

o;Oo m
M
 

a
o
t
r
o
w
n
r
 

~ 

BW 

lew 

ttt 

WHOS 

SGHERNDHD 

AASOHN 

AMTHH 

CNDAS 

AMYHR 

BDSAMH 

& 

a 

SO5OS 

S6SEGSS 

SSSSS 

SSHHH 

HAHAH 

BHAA 

ANANN 

AHNMHM 

MH 

re 

Oman 

HAH 

and 

el 

aan 

anne 

ee) 

ey 

aan 

“4 

AMDNO 

MOAMN 

HCSOHO 

ONMHA 

WOWNA 

COSCON 

MOANMN 

AONMA 

a 

SBS 

| 
~4dtitdw 

wuwsoo 

Nei 

wdwon 

ADSOHAN 

AMHHSO 

KHWOASH 

ANYON 

ASATS 

w 

Oo 

SSSSS 

SSSSS 

SSSSSD 

SHAHH 

BHAA 

H 

HHAHAN 

ANAANN 

AMNMHMDM 

| 

bse 

on 

nHHH 

aH 

| 

Maas 

Mra 

aon 

a) 

el 

“4 

HODSM 

CANSCD 

HAFAN 

ANrwoMH 

AQAnot 

tmwwo 

Nomna 

ONane 

© 

@ 

| 
> 
Hotty 

wHoceon 

RN 

WHDQ 

ACDHHN 

SHHHHO 

NBOASDH 

AHHSHD 

AHAYS 

a 

SSSS6S 

SSSSS 

SSSSS 

SHAH 

H 

BHR 

AR 

BHAHAN 

ANAAN 

AHMHMM 

|Y 

baal 

CO 

ce 

oe 

oe 

oe 

oe 

SS 

Se 

et 

Soe 

Se 

be 

Be 

De 

Be 

| 

SS 

et 

St 

SASS 

Set 

Stet 

vt 

SSS 

st 

et 

_ 

rR 

~aATWMO 

AnNUwoo”M 

DANE 

ANM 

Mm 

AM 

4 

oO 

NM 

SH 

HO 

~ 

en 

oaan 

mate 

HH 

me 

tAN 

HS 

“4 

eel 

~ 

Htininw 

NMOOm~n 

ROWDAD 

oonann 

Mtinins 

Nwoaca 

6 

Hain 

N 
oo 

Sounwn 

a 

a 

SOSOS 

SSOSS 

SOOSSO 

FAN 

H) 

HAMM 

BRAMAN 

ANAAN 

BMHHMHM 

| 

2 

Cs 

Bs 

I 

ee 

Bd 

Dn 

i 
on 

i 
oe 

oe 

Se 

he 

oe 

oe 

SSeS 

St 

eS 

De 

on 

oe 

i 
oe 

Se 

i 
on 
i 

oe 

Bi 
en 

ee 

Son 

hon 

hon 

oe 

ee 

SaaS 

-_ 

A 

SAHRA NOAMN AHOMD ONBDHA AOHTMA BAAANM MOMANS MHwMOH 

m 

|> 

BMH 

wHwD 

OSCKRNR 

BDHARDSD 

SHAN 

MHHOCNR 

BDASHA 

MHONA 

SAMMN 

a 

fo 

ooooo 

oooco 

oooon 

onan 

linen 

Eben 

ine! 

Aaa 

AANA 

N 

NANNANN 

MMMM 

MH 

iS) 

= 

4 

OO 

eH 

wet 

et 

et 

et 

et 

wt 

wot 

ow 

et 

et 

wet 

ed 

wet 

wd 

De 

ee 

Be 

| 

De 

Be 

oe 

oe 

Se 

oe 

oe 

oe 

Se 

ie 

Be 

oe 

| 

_ 

= MNMOM OANGOD HAMWDH ANWNWNH NOMNM MMMOMN ANMHAT ANMAO O @ | 6H wBSSD CORND BHAAD SHANANMHM HuHwHSKnN DASHA BMHORA SASH SO 

a 

eoococo 

ooooo 

ooocn 

Poe 

ee 
nes 

hen 

iiten! 

See 

MANAN 

NANAN 

mmm 

HH 

~ 

Lal 

0 

Se 

et 

St 

we 

vt 

et 

eet 

owt 

wet 

De 

ae 

oe 

wet 

et 

et 

et 

Dn 

oe 

oe 

oe 

So 

ee 

ee 

Se 

oe 

he 

oe 

ee 

D 

Sane 

_ 

CHSOMO ANMAD HANAN BRAWAA OHNOA AWASCH MOAMHM WORM WwW 

Beat 

BL 

See 

Be 
hace 

a 
ete 

tetas 

te 

ree 

eae 

oessoco x 

Sn 

i 
oe 

oe 

i 

oe 

he tabular 

which depend on the difference between the mean 

uted using the mean declination of Polaris for the beginning 
A more accurate result will be obtained by applying to t 

This table was comp 

and apparent place of the star. 
values the following corrections, 
of each year. 



492 Astronomical Observations Sect. 6 

The Azimuth at Elongation may be computed by the equation sin Z = cos D/cosL, 
where D is the declination of the star as found from the Nautical Almanac, L the lati- 
tude of the place, and Z the required azimuth. For example, let declination of a star 
be 88° 55’ 21” and the latitude of the place be 42° 21’, then azimuth of the star at 
elongation is 1° 27’ 28”. For an eastern elongation lay off this angle to the left and 
for a western elongation lay it off to the right in order to determine the true meridian. 

Finding the Time of Elongation of Polaris. The circumpolar star generally 
used for this observation is Polaris (Art. 41). Its azimuths at elongation are 

given in the table on p. 491 with sufficient precision for the purposes of com- 

mon surveying, while the tables on pp. 492 and 493 give the time of culmina- 
tion and the interval by which elongation precedes or follows culmination. 
These tables are reprinted from ‘‘ Magnetic Declination in the United States 
in 1925,” issued by the U. S. Coast and Geodetic Survey. 

Month Correction Correction Month Correction 

January..... =0'.3 i, 3 2a +0’.2 September. . 0’.0 
February.... sae al panee..o bs October.... —0.2 

bat ‘ dots Se .3 November. . —0.5 
Who tittet 2.40.00 AitAugustt .) ot 2 December... 

Local Civil Time * of Upper Culmination of Polaris in the Year 1926 
(Computed for 90°, or 6 hours west of Greenwich) 

Civil time of | Variation Civil time of | Variation 
Date, 1926 upper per day Date, 1926 upper 

culmination culmination 

be 5 
il 

CRENwWwHAUUO! 

WWWWWWWWWWWWWWWWWWWE WW WWW WW WW WW WWW WWW WW 

* Begins at midnight and is counted from 0 to 24 hours. 

; Eastern elongation precedes and western elongation follows upper culmina- 
tion by the time interval given in table on p. 493. Lower culmination pre- 
cedes or follows upper culmination by 11h 58m.0. It should be noted that 
there are two upper culminations on one day in October (16th in 1926) and 



ype ahaa 

Xx 

Art. 45 Observations of Azimuth 493 

Mean Time Interval between Upper Culmination and Elongation 

| Lati- Time Lati- Time Lati- 
! tude interval | tude interval tude 

q h. m. / 2 h. m. ° 
10 |5 58.2 || 35 |5 56.0 || 48 
15 5n857>8 40 5 55.4 50 

20 Sin 57.4) | 42 5) Soe 52 
25 5 57.0 | 44 5 54.8 54 

30 5S 56.54 46 SD 38.5 56 

/ 

two lower culminations in April (15th in 1926). There are also two western 
elongations on one day in January and two eastern elongations on one day 
in July. 

(a) To refer the times in table on p. 492 to other years: 

m m. 
POQP UE. 8 BRS ESI AL add 1:3 1932, up to March 1....... add 4.4 
1928, up to March 1........ add 2.6 1932, on and after March 1.add 0.5 
1928, on and after March 1..subtract 1.3 NOSE rer cat: 1.5 gure aint add 2.1 
ot) a a ee ao ae add 0.1 RY ee Se ae are ee a add 3.7 

LE CR Oe << oe: 1.6 1985.5 sles SOI 254 5 add 5.3 
BRO «ci ctene oe Ripa bos ofp 4-a: aun me 0:0 add 3.0 

(b) To refer to other than the tabular days: Subtract from the time for 
the preceding tabular day the product of the variation per day and the days 
elapsed, as given below: 

[ 
Variation per day Variation per day 

Days Days 

CMpaed) ois 57a..| 3c, Se. | dm. 550, || 79°" 3m. 55s. 

m 5. m. s. 

oO ST 23 30 

7 54 27:25 

i 7 5t 31 20 

15 48 son 15 

19 45 

(c) To refer to any other than the tabular longitude (90°): Add 0.1™ for 
each 10° east of the ninetieth meridian or subtract 0.1™ for each 10° west of 

the ninetieth meridian. 

(d) To refer to standard time: Add to the quantities in table on p. 492 four 
minutes for every degree of longitude the place of observation is west of the 
standard meridian (60°, 75°, 90°, etc.). Subtract when the place is east of 

the standard meridian. 

Example. Illustrating the Use of the Polaris Tables. Find the eastern standard 

time when the eastern elongation of Polaris occurs in latitude 36° N, longitude 77° W, 

on Aug. 12, 1928. For Aug. 9, 1926, the table gives for the upper culmination 45 

26™ 468 (after midnight). Four days later (Aug. 13) it occurs 15h 40™ earlier, or at 

4h 11M 068. For the year 1928 we subtract 1.3,™ giving 40 99M 488, The correction 

for longitude is + 1/10 (90° — 77°) K0.1M = +0.13M = + 83. The correction to 



494 Astronomical Observations Sect. 6 

obtain eastern standard time is + 8™. The standard time of upper culmination on 

Aug. 13 is therefore 45 17™ 568. Eastern elongation precedes culmination by 5h 55.9, 

giving 222 22M 028 (or 108 22™ 028 p.m.) for the eastern standard time of eastern 

elongation on Aug. 12, 1928. 

Meridian by Culmination of Polaris. The time of a culmination of Polaris 

having been found by help of the above table, a rough determination of the 

meridian may be made by pointing the telescope upon Polaris at that exact 

instant. Such a determination is liable to be in error 1’ or 2’, since the star 

moves most rapidly in azimuth when at its culmination. It is always pref- 

erable to observe Polaris at elongation as explained above. 

By the Altitude of the Sun. If the azimuth of a line A B is to be determined, 

set the transit over A and set the vernier to read 0°. Sight the vertical hair 

on B and clamp the lower motion. Loosen the upper clamp, place a dark 

glass over the eyepiece, and observe the sun as follows: In the forenoon sight 

first on the right and lower edges of the sun (simultaneously) using the vertical 
hair and the middle horizontal hair, and read the watch, the vertical angle 

and the horizontal angle; take two more observations in the same way. 

Then sight on the left and upper edges, taking the same readings as before, 
and the same number of observations as before. If the transit has a complete 
vertical circle it is advisable to reverse the telescope between these two half 

sets of observations. The index error should be determined after the sights 

on the sun are finished. The error of the watch should have been determined 
previously by comparing with railroad time or by radio. After completing 

the pointings on the sun the point B should again be sighted and the 0° read- 
ing verified. (If the observation is being made in the afternoon sight the left 
and lower edges and then the right and upper edges.) Before calculating the 
azimuth the intervals between readings should be examined for errors. The 
change in azimuth per minute of altitude should be nearly the same as found 
from the four intervals. The means of the six altitudes, the six horizontal 

angles, and the six watch readings, correspond to a single observation on the 

center of the sun in some position. To obtain the true altitude the mean of 
the vertical circle readings must be corrected for index error and must be 
diminished by the amount of the refraction. (See table on p. 486.) It 
should also be increased by the parallax, which is but 9” times the cosine of 
the altitude. The latitude of the place must be known. This may be scaled 

from a reliable map to the nearest minute, or found by observation. (See 
Art. 42.) The declination of the sun must be taken from the Nautical 

Almanac. The azimuth of the sun’s center (from the north point) is then 
computed by the formula 

moe 172 Ze cos s cos (s — p) 

cos Lcosh 

in whichs = 1/2 (L+4-+ 6), and L, hk, and stand for the latitude, altitude, 
and polar distance, respectively. In the forenoon Z will be measured toward 
the east, in the afternoon toward the west. Avoid taking observations when 
the sun is near the meridian. Best results are obtained when the sun’s 
bearing is about east or west. 

The following form may be found convenient for recording and computing 
sun observations for azimuth. 
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Suggested Form 
OBSERVATION ON SUN FOR AZIMUTH 

DSRS os ae a ee eae tne eee BO atc; hys) ek nionetal Ss, daaieua hi biskuakslaip: 

isa ee Dh ee MeO TONE AIS s Teas oh este Dates loo< eradicate SC PAaA 

Object Horizontal Vertical Watch ae 

°o ’ ° ‘ h. m 3 

Mark..is@. ¢ 

Mark...... 

)Mean...... 

i.C. = error = 
Ref. = 

h= Gi Rie 
L= log sec = 
k= log sec = 
p= 

2s= 
s= log cos = 

s—p'= log cos = 

7) ae 
cos 1/2Z = 1/2Z = 

Z= 

Hor. angle = 

Azimuth = 

Example. Corrected mean of observed altitudes = 15° 22’.5. Mean of horizontal 

angles = 74° 07’.5. 
135 43™ 478 Greenwich civil time. 

Mean of watch readings = 8h 43M 478 a.m., Eastern time = 
Latitude = 42° 21.0 N. Sun’s declination at 

Greenwich 0} (or 7h p.m.) = — 21° 14’ 01”. Variation per hour = — 26.86. Cor- 

rected declination =— 21° 20’ 10”. North polar distance = 111° 20’.2. 
Li =e Ale, 216.0 log sec = 0.13133 

1 EP As) log sec = 0.01583 

p= 111 20.2 
2.s = 168° 637.7 
Set Sl 8 log cos = 8.97920 

s—p=-—26 48.4 log cos = 9.95062 

2)9.07698 
cos 1/2 Z = 9.53849 

Li OF me dcl 
ZI=" A397 54122 

Horizontal angle = 74 07-5 

Azimuth of mark = N 65° 26’.7 E 
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The azimuth of a star may be found in exactly the same way, except that the star is 
bisected with both cross-hairs and it is not necessary to note the time. The star 
observed should not be near the meridian, nor within 10° of the horizon, if an accurate 
result is desired. 

GEODETIC SURVEYING 

46. Definitions 

Geodetic Surveying may be defined as that branch of surveying in which, 
on account of the extent of the survey and the required precision of the results, 
it is necessary to consider the spheroidal form of the earth’s surface. The 
object of an extensive geodetic survey is usually twofold: first, to locate 
certain points with great accuracy in order to connect different topographic 
or hydrographic maps and furnish an accurate control of the whole survey; 
second, to furnish data for perfecting our knowledge of the form and dimen- 
sions of the earth. 

Triangulation. The most economical way of locating points with the 
accuracy required for these purposes is to establish a system of triangulation 
extending over the area. A triangulation system consists of a series of triangles 
formed by lines connecting observing stations built on prominent mountains 

or hills, or other points which it is desirable to locate. In this system of tri- 
angles the length of one side of some triangle must be known; then if all of 

the angles in each triangle are measured the lengths of all other lines in the 
system may be calculated by trigonometry. There are three types of systems 
which may be recognized: first, a series of approximately equilateral triangles; 
second, a series of central polygons, for example a row of hexagons each with 
an interior station; third, a series of quadrilaterals with both diagonals drawn. 
The first system is the cheapest when it is desired to extend the survey along 
a narrow belt, as in surveying a river. It has the disadvantage of having but 
few “ checks,” that is, few geometric conditions which must be satisfied by 
the measurements. The second system is adapted to surveying an area of 
greater width than the first. The third is the most accurate. Traverses of 
a high order of accuracy are used in flat and wooded country where triangula- 
tion would be difficult and expensive. 

Triangulation is divided into four grades, according to the accuracy finally reached 
in the computed lengths of lines. First order triangulation is that in which the average 
error of closure of a triangle is about 1” and the discrepancy between measured and 
computed bases does not exceed 1 in 25 000. In second order triangulation the average 
closure is 3’’ and the check on a base-line 1 in 10000. Triangulation of the third 
order is that in which the average closure of a triangle is 5’’ and the check on a base 
is1in 5000. Triangulation with ordinary transits or with a plane table is of the fourth 
order. 

Traverses are also divided into four grades, as follows: First order, position check 
within 1 in 25 000; second order, position check within 1 in 10 000; third order, posi- 
tion check within 1 in 5 000; fourth order, stadia, transit and tape, or wheel. 

Subdivision of Fieldwork. The process of carrying out a triangulation 
scheme may be divided as follows: (a) Reconnaissance and Preliminary Work. 
(6) Base-line Measurement. (¢) The Measurement of the Angles. (d) The 
Astronomical Observations. 

47. Reconnaissance : 
The Reconnaissance includes: (1) Making a rough sketch map of the 

region and studying the general scheme with regard to the shape of the tri- 
angles and the general distribution of stations. Very acute angles should 
not be chosen if this can be avoided. (2) Testing the lines to see that in each 
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triangle the points are visible, each from the others, and that sights will not 
be seriously interfered with by excessive atmospheric refraction or by smoke 
of nearby cities. (3) Making notes in regard to condition of roads, approaches 
to station, transportation, the lumber available, and any other details that will 
be useful when the work of measuring the angles is being carried out. 

Elevation of Signals. In ascertaining whether one station is visible from 
another it is always preferable to test the line by sighting directly over it. In 
some cases this is not practicable and it becomes necessary to obtain the result 
by calculation. Suppose for example that station A (Fig. 37) has an elevation 
of 900 ft. and it is desired to sight to station B which is 60 miles distant and 

E1.200' £1,900’ 

Fig. 37 

has an elevation of 200 ft. In this case the sight cannot be taken on account 
of the curvature of the earth’s surface, and it becomes necessary to calculate 
the height of a tower which when built on B will be visible from A. The dis- 
tance from a tangent line to the curve may be calculated from the given 
horizontal distance and the dimensions of the earth. The distance so cal- 

- culated must be decreased (by about one-seventh part) on account of the 
refraction of the atmosphere. The combined curvature and refraction is 
given with sufficient accuracy by the formula h = k?/1.743, where h is the 
offset from the tangent in feet and & is the horizontal distance in statute 

tiles. In the above example the distance which an observer at A could see 
over a surface at sea level is given by \/h X 1.743 = 39.6 miles. The remain- 

- ing distance, 20.4 miles, corresponds to (20.4)?/1.743 = 238.7 ft.; that is, the 
- lowest point which an observer at A can see has an elevation of 238.7 ft. 

_ above sea level or 38.7 ft. above B. Hence a tower 38.7 ft. high must be 
_ erected at B to make the sight possible. In practice it would be necessary 
to raise the line at least 10 ft. higher in order to avoid the errors due to high 
refraction of the air near the surface of the ground. 

In the above solution it has been assumed that the intervening ground is at sea level, 
but if there are summits between the two stations {t will be necessary to determine 
how much they rise above the sight line. Suppose that there is a hill 30 miles from 
A (on line AB) whose elevation is 75 ft. The hill is 9.6 miles from the tangent point 
and therefore the curvature correction is 53.0 ft. The top of this hill is 75 — 53.0 = 
22.0 ft. above the computed sight line, and the line must be raised 22.0 ft. at this 
point either by increasing the elevation of both stations by 22.0 ft. or by building 
the tower at B 44.0 ft. higher. 

48. Base-line 

Base-Line. To compute the lengths of the triangle sides it is necessary to 
choose some base-line, usually not the side of a principal triangle, and to 

measure its length with great accuracy, and then to connect this base-line 
with a line of the main system by means of a special system of triangles 
called the base-net or expansion. The position of the base should be chosen 
both with regard to its accurate connection with the main system and to 
convenience in the measurement of the length itself; but the accuracy of the 
connection should not be sacrificed to convenience in the measurement. 
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_ Measurement of the Base-Line may best be made by the invar tape appa- 

ratus. This tape is made of an alloy of nickel and steel which has a very low 

coefficient of expansion (from 1/25 to 1/30 that of steel tapes) and is in con- 

sequence much less affected by errors in the determination of the temperature 

of the tape during the measurements. Invar is softer than steel and is easily 

bent, but if it is wound on a reel of not less than 16 in. in diameter there is 

practically no error caused by bending the tape. The tape used in this work 

is usually 50 meters in length, and is suspended at the ends and at the middle 

point on stakes or tripods. A definite tension is given by means of a spring 

balance mounted ona special tension apparatus. The temperature of the tape 

is determined by means of thermometers clamped on to the tape. The points 

of support are carefully lined in and brought to a uniform grade. The rate of 

grade of each tape-length is determined by direct leveling or else by measuring 

the vertical angles. The positions of the end points of the tape on the inter- 

mediate stakes are marked by means of lines scratched on copper or zinc 

strips tacked to the tops of tae stakes. The ends of the base-line are marked 

by means of bronze markers set in heavy stones or concrete blocks sunk into 

the ground. The transfer of the end marks to the tape, or vice versa, is made 

by means of a transit or by a special form of plumb bob. 

In making the measurement the tape is hung on the first set of supports and care- 

fully lined in; the tension is then applied and the zero mark is set over the end bolt 

and the position of the 50-meter end of the tape is marked on the metal strip. The 

temperature is noted at the same time. The tape is then carried forward to the second 

set of supports, the zero end being set on the mark previouly made, and the operation 

is repeated. This process is continued until the final mark is reached. The base is 

measured at least twice to verify the work and to give a value of the probable error of 

the measurements. The error of the base-line should not be greater than 1/500 000th 

part of its length for the main scheme of triangulation. 

Corrections. In order to reduce the field measurements to the true length 

of base it is necessary to apply the following corrections: (1) Grade; (2) align- 

ment; (3) variation of tension from normal; (4) sag (if number of supports is 

changed); (5) temperature; (6) error in absolute length of tape at standard 

temperature and tension; (7) reduction to sea level. 

Correction for Grade may be made by the formula 

Ce =— 1/2L (a? + 1/484), wherea = h/L, 

in which L = the length of the tape or any section of it and A = the fall in 

the distance L. The second term 1/4 a* is negligible for ordinary grades, say 

less than 5%. The correction for errors of alignment may be made by means 

of the same formula. 

The Temperature Correction is made by adding to the length of the tape 

the correction Ce = L X k X (t1°— to°), where & is the coefficient of expan- 

sion for the tape used, fo° standard temperature for which the length of the 

tape has been determined, 4° the actual observed temperature, and L = 

length of tape. 

Absolute Length. The error in the length will be determined by the United States 

Bureau of Standards for a fee depending upon the nature of the test. It is advisable 

to have the comparison made under exactly the same conditions, as regards the manner 

of support, tension, etc., in order to eliminate all uncertainty in computed corrections 

for sag, tension, etc. 

Reduction to Sea Level. In order that the whole triangulation system shall be 

referred to the spheroid selected to represent the figure of the earth it is necessary to 

reduce the length ofthe base-line to what it would be if originally measured at sea level. 

Tf the elevation / of the base above sea level be determined by leveling, then the reduc- 

tion is approximately equal to — Bh/R, where Bis the length of base and R the earth’s 
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radius at the Point in question; % and R must be in the same units. (Average value of log R (in meters) = 6.80470; (in feet) = 7.32068.) 
Marking the Stations. The position of the triangulation station should be marked by a bronze marker set in a drill-hole, or in concrete, or else by a stone monument set in the ground. In addition to the center mark several witness marks should be set near by, and their azimuths and distances from the center accurately determined so that the center mark could be replaced in case it is disturbed. When a stone monu- ment is used as a mark the Precaution is sometimes taken to set another ma:k several feet below the surface to be used in case the surface marks are destroyed. 

49. Angle Measurements 
Signals. Before the angular measurements are begun signals of some sort _ are placed over the selected stations to be used for sighting when the angles are measured. In some cases these consist of a mast made of 4 by 4in.” lumber supported by a tripod and marked by black and white stripes, some- times also by flags (Fig. 38). The foot of the mast is set about 7 or 8 ft. above the ground so that the instrument may be set beneath the 

signal when measuring angles. Where it is necessary to 
build a high signal on account of woods this may be done 
by raising a tall mast made of two or three poles spliced 
together and bracing it by wire guys. Such signals are 
suitable for short lines, say up to 10 or 15 miles. For 
longer lines heliotropes or electric lights are used. A 
heliotrope is an apparatus for reflecting sunlight to a 
distant station, and consists of a movable mirror anda 
device for pointing it with sufficient accuracy so that 
the light will reach the station. In cases where it is neces- + 
sary for the triangulation instrument to be raised in 
order to see over intervening obstacles, towers are built 
over the station, consisting of an inner tripod for the 
instrument and an outer structure for the observer, the 
two being disconnected so that the observer will not Fig. 38 
disturb the instrument when moving about on the tower. : 
The latest form of tower is built of steel; these steel towers may be taken 
down and used over and over. 

Measuring the Angles. Instruments designed for triangulation differ from 
the ordinary transit chiefly in their size, in the fineness of the graduation and 
in the power of the telescope. Circles of very large diameter were formerly 
used for triangulation, but the present practice is to use circles 8 to 12 in. in 
diameter. The instrument is usually designed with three leveling screws, and 
rests either on a pier or on a tripod, according to its size. There are two types 
of instrument used in this work, the repeating instrument and the direction 
instrument, the latter being used for the most refined geodetic work. 

The Repeating Instrument. The Tepeating instrument is constructed like 
the ordinary transit except that it has three leveling screws. The telescope is 
of high magnifying power and the cross-hairs are usually of the X pattern 
instead of vertical and horizontal. The verniers read either to 10” or to 5’. 
In measuring angles in first-order triangulation the instrument is mounted on 
a tower or a heavy wooden support, and is protected from sun and wind by a 
tent or a temporary building. For work of a less precise character the instru- 
ment may be used on its tripod and sheltered by an umbrella. A common 
method of observation is to measure the angle six times by repetition, the left- 
hand signal being sighted first and then the right-hand signal, each time, the 
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telescope being in the direct position; when six repetitions have been made, 

invert the telescope and measure the angle again six times, beginning with the 

right-hand object. (The U. S. C.& G. S. practice is to measure from the right- 

hand object right-handed around to the left-hand object.) It is not necessary 

to reset the vernier on zero for the second half of the set of angles, but it may 

be left at the reading it had at the end of the first six repetitions, then at the 

end of the second half of the set it should read approximately zero again. 

Both verniers should be read at the beginning and at the end of each half-set. 

The twelve repetitions made jn this manner constitute a “ set.” For the main 

triangulation 5 or 6 sets should be measured; for second order work, 2 to 4 

sets; for third order, one or more sets according to the size of the instrument. 

In order to eliminate errors of graduation the first set may be taken starting 

with vernier A at 0°, the second set starting at 360°/mn and so on, m being 

- the number of sets proposed to be taken and n the number of verniers on the 

instrument. 

Record for a Repeating Instrument 

Sta. Blue Hill. Date, May 21, 1929. Observer, A. L. Instr. No. 1960. 

| 

Station | Time |Tel. |Rep. Ver. A. B. Mean! Angle | Final Angle 

Prospect | 42 00m | D| 0 | 0° 00’ 00” 00” 00” 
to p.m. 1 |123 28 10 | 20 | 15 : 

Shaw 6 |380 49 40 | 40 | 40 198°) 2B AG 2d 

ees 123° 28” 15.8 

rR | 0 | 20 49 40 | 40 | 4 
6 1 

0 

0 00 10|10|10 {123 28 15 .0 

The Direction Instrument. In the direction instrument the horizontal 

circle and the upper portion of the instrument can be moved independently. 

The method of repetition is not used, but the directions of signals are read in 

order of azimuth around the circle, the angles being derived from the differ- 

ences in these directions. The degrees and 5-minute spaces are read directly 

from the circle by means of one of the microscopes. For obtaining the minutes 

and seconds several micrometers (sometimes three but often two) are used. 

The angular space between the zero point of any micrometer and the last 

preceding graduation of the circle passed over by that micrometer is measured 

by means of the micrometer screw. The precision is increased by reading all 

the microscopes and taking the mean. To read a direction the circle is 

clamped in any desired position, the telescope is turned so that the cross-hairs 

(usually two vertical hairs) point at the signal; the degrees and 5-minute 

spaces are then read on the first microscope and the minutes, seconds and 

fractions of seconds are read on all of the microscopes. The mean of all the 

micrometer readings added to the reading of the index is the direction of the 

signal referred to the zero graduation of the circle. 

Use of Direction Instrument. At each pointing the first microscope is read fo! 

the degrees and 5-minute spaces and all the micrometers are read for the second: 

and fractions. After the directions of all signals have been read the telescope i: 

reversed in its bearing and the series is repeated in the reverse order. This com 

pletes one “‘position.’’ Sixteen of these positions are taken on first order work; 01 

second order triangulation 4 to 8 position are used. In order to distribute th 

readings over all parts of the 360° the circle is shifted each time by an amoun 

depending upon the number of positions to be used. Lists of initial settings are give 

in the following tables. ’ 
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Theodolite Settings when 16 Positions of the Circle are Used 

Witha Witha | With a With a 
3-micrometer 

theodolite 
2-micrometer 
theodolite 

3-micrometer 

theodolite 
2-micrometer 

theodolite 

’ 

00 

Witha With a 
3-micrometer 2-micrometer 3-micrometer 2-micrometer 
theodolite theodolite theodolite theodolite 

° , uu ° , uy ° , wt ° , aw 

1 0 00 40 1 0 00 40 <) 52 00 40 90 00 40 
2 15 01 50 2 22 01 50 6 67 01 50 112 01 50 
3 30 03 10 3 45 03 10 7 82 03 10 135 03 10 } 
4 45 04 20 4 67 04 20 8 97 04 20 157 04 20 

iH H 

50. Computations 

Reducing the Notes. The reduction of the notes and the calculation of 
results include the following steps: (1) Station adjustment. (2) Correction 
of angles for spherical excess. (3) Distribution of error of closure of triangle. 

(4) Computation of lengths of sides of triangles. (5) Reduction to center 
when angles are measured at eccentric station, and a repetition of steps 2, 
3and4. (6) Computation of the geodetic positions of the stations. (7) Figure 
adjustment. (8) Final recomputation of 4 and 6. 

The Station Adjustment is made by applying the Method of Least Squares. 
The following illustrates the method when the angles are measured by a 
repeating instrument. Let four lines OA, OB, OC, OD, radiate from the 
station O, thus giving 12 angles that can be measured. Of these only three 
are independent, and when the probable values of these are known, those 
of the others are found at once. First, for each of the measured angles an 

observation equation is written; second, from these are derived three normal 
equations; third, the solution of the normal equations gives the most prob- 
able values of the three independent angles; fourth, the most probable 
values of all other angles are then found by simple addition or subtraction. 

Example. Let the measured angles and their weights be as follows, the weights 
being numbers proportional to the numbers of repetitions: 

AOB = 55° 57’ 58.68 with weight 3 
BOC = 48 49 13 .64 with weight 19 
AOC = 104 47 12 .66 with weight 17 
COD = 54 38 15 .53 with weight 13 
BOD = 103 27 28 .99 with weight 6 
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Let 01, 02, 03 designate the observed values of AOB, BOC, COD, and let 21, 22, 23 be 
corrections to be applied to Oy, Oz, Oz, in order to give the most probable values of 
those angles. Then result the five simpler obseryation equations: 

2 =0 with weight 3 23 =0 with weight 13 
zo = 0 with weight 19 zg +23 = — 0.18 with weight 6 

2) +22 = +.0’.34 with weight 17 

Next multiply each observation equation by the coefficient of 21 in that equation and 
also by its weight, and add the results, thus finding the normal] equation for 2;; similarly 
form normal equations for sg and zg. The three normal equations are 

20 21 +17 22 = + 5.78 

17 23 +4229 + 623 = +4 .70 

629 +1923 = —1 .08 

and the solution of these gives z3] =+ 0.28, z9 =+ 0’.01, z3 =— 0.06 as the most 
probable corrections. The following are hence the adjusted values of the five observed 
angles: 

O, +2, = 55° 57’ 58’.96 

Og +22 = 48 49 13 .65 

O; + Og + 2 +22 = 104 47 12 .61 

O3 +23 = 54 38-15 .47 

Op. + O3 + %2 +23 = 103 27 29 12 

which satisfy all the geometric requirements and from which the other 7 angles are 
readily found. 

Spherical Excess. The spherical excess is the amount by which the sum 

of the three angles of a spherical triangle exceeds 180°. The amount of this 

correction depends upon the area of the triangle and upon the latitudes of the 
points. It is nearly equal to one second for each 75 square miles of area. It 
may be computed from the formula e” = be sin A/2 R? sin 1’, in which d and 
c are the sides and A the included angle of the triangle, and R the radius of 
the earth at the point; the mean value of log R (in meters) = 6.80470. For 
a more precise value use e’” = be sin A/2 RN sin 1”, in which R is the radius 
of curvature of the meridian and N the normal for the given latitude. One- 
third of the spherical excess of the triangle is to be subtracted from each 
angle, which reduces it to the corresponding plane angle. 

Error of Closure. The sum of the three plane angles will not be 180°, 
however, unless the measurements were perfectly made. A test of the accu- 
racy of the work is found in the error of the sum of these angles. In the tri- 
angulation of the U. S. Coast Survey the average error of closure for first 
order triangles is about 1”; for second order, 3”; and for third order, 5’’. 

After the spherical excess has been calculated the remaining error is due to 

Computation of Triangle Sides 

Plane angles 
heerred rec- and Logarithms 

& tion distances ‘ 

22 723.08 4.356 4673 
61° 47" 18.8 | 0’".4 61° 47’ 18.1 | 0.054 9218 

82 27 27 9/0 4 82 27 27 2] 9.996..2261 
35 45 15 4/0 4 35 45. 14.7 9.766 6415 

25 563.20 4.407 6152 

15 067.13 4.178 0306 

Note:—In this triangle the spherical excess = 0/’.9. 
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errors of measurement and is distributed equally among the three angles of 
the triangle. 

Computation of Triangles. After the triangle has been adjusted for error of closure the two unknown sides of the triangle are computed from the formula a/b = sin A/sinB. The plane angles are used for this calculation because for any triangle which occurs in practice it is sufficiently exact to calculate it as a plane triangle and it is simpler than to compute the spherical triangle. 
Reduction to Center. If owing to obstructions it is impossible to place the instru- ment over the center mark when observing the angles, it may be placed at some other point, called the eccentric station, and the angle observed with the same accuracy as 

for an angle at the center. These angles may then be reduced to the values they would have at the center mark provided the distance and direction to the center from the instrument are accurately determined. This reduction is made by computing the direc- tion of each line reckoned from the center mark as the zero degree point, and then 
calculating the difference in direction of each distant signal as seen from the instrument 
and from the center mark. This is done by solving the triangle (Fig. 39) formed by 
joining the instrument, the center mark, and any distant C D 
signal, the result being approximately s” = d sin a/D sin 
1”, where s” is the correction in seconds, d is the eccentric d S 
distance (measured with a tape), @ is the “direction” of 

E the distant station, D is the approximate calculated dis- 
tance to the distant station. The “direction”? a may have Fig. 39 
any value from 0° to 360°; careful attention should be 
given to the algebraic signs of sin a. After the corrections (s’’). have been cal- 
culated they are added algebraically to the corresponding directions previously 
found. The differences of the corrected directions then give the true angles at the 
center. 

Example of Reduction to Center 

| Stations A B Cc 

Observed 

direction 42° 14’ 20’’.0|46° 01’ 59’.1 104° 47’ 30.1 

Log sin 9.8275 9.8572 9.9853 9.6286” 

| Log 5 6, 1052 6.1025 6.0640 6.0909 

: m 
Log — 5.4422 5.4422 5.4422 5.4422 

sin —_— perenne ad 

Log S 1.3749 1.4019 1.4915 1.1617 

S HLS A +/25".2 + 3177.0 14/75 
Corrected 

direction 42°14’ 43°,7/466 02’ 24’.3|}104° 48’ 01’.1|161° 10’ 22.7 |205° 09’ 49/.1 

51. Dimensions of the Earth 

Elements of the Spheroid deduced by Clarke in 1866, and used since 1880 
in geodetic work in the United States, are: 

Semi-major axis = 6 378 278 meters = 20 926 062 feet 
Semi-minor axis = 6 356 654 meters = 20 855 121 feet 

Meridian quadrant = 10 001 997 meters = 32 814 885 feet 

Eccentricity = 0.082271 Ellipticity = 1/294.98 

The radius of a sphere which is equal in volume to this spheroid is 6 371 062 
meters or 20 902 416 ft. or 3959 statute miles. The radius 3957 statute miles 

corresponds to a sphere whose quadrant equals the elliptical quadrant. 

Hayford’s discussion of 1909 gives 6 356 909 meters for the semi-minor axis and 
1/297.0 for the ellipticity of the spheroid which best fits the North American continent. 
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Lengths of One Degree, in Meters, for the Clarke Spheroid 

7 ' 
Latitude | On meridian | On parallel || Latitude | On meridian | On parallel | 

| 

o° 110 568 111 322 45° 111 132 78 850 

5° 110 577 110 901 50 111 231 71 699 

10 110 602 109 642 55 111 326 63 997 

15 110 644 107 553 60 111 416 55 803 

20 110 700 104 650 65 111 497 47 178 

25 110 769 100 953 70 111 567 38 189 | 

30 110 850 96 489 75 111 624 28 904 

35 110 939 91 291 80 111 666 19 395 

40 111 034 85 397 85 111 692 9 735 

45 111 132 78 850 90 111 701 0) 

RAILROAD LOCATION 

52. Reconnaissance Survey 

Three Types of Survey are employed in laying out a new railroad: first, the 

reconnaissance, or an examination of the country through which the railroad 

is to run for the purpose of choosing the general route (or routes) which it 

seems worth while to investigate further; second, a topographic or preliminary 

survey of a belt of country chosen by the reconnaissance; and third, the laying 

out or location of the proposed railroad within the belt of the preliminary. 

If the reconnaissance is carelessly made the subsequent work will not rectify 

this defect. It is in the reconnaissance that most of the bad errors in railroad 
location have occurred. Although financial considerations frequently de- 

termine that a road must pass through certain towns between its termini, 

the location of the road depends largely upon the topography, and the 
choice of route upon the locating engineer. 

For a Reconnaissance the first step is to obtain the best available maps 
of the country in question. The U. S. Geological Survey maps are particu- 
larly valuable for such purposes, as their contour lines show elevations. On 

such maps routes may be sketched and a very good idea of the maximum 

grades of the road obtained. Routes which are obviously unsatisfactory are 
eliminated from further consideration and only those which look favorable 
need be thoroughly examined by traveling over them. The map will save 
much time and expense and minimize the amount of actual field examination. 
Unfortunately large portions of the country have never been surveyed and it 
is not uncommon for the engineer to find himself without any map of the 
country he is to examine, 

The engineer will travel over the most favorable routes on foot, horseback, or by 
vehicle. Distances are obtained by pacing or by odometer. Elevations are obtained 
by the use of the aneroid barometer and a hand level, and such data incorporated into 
a rough map of the proposed road. The engineer must choose not only a route which 
can be built at a reasonable cost but one that can be maintained and operated econom- 
ically. He must therefore take into consideration the grades, curvature, length of line, 
earthwork and character of the soil, bridging, tunneling and general drainage. To 
give proper weight to these matters he must be familiar with the economic principles 
of location, the relative economic value of additional length of line, of grade and 
curvature. The traffic to be accommodated by the proposed road may be heavy in 
one direction and light in the other, in which case a grade of 1% may not be as serious 
in one direction as a grade of 0.5% will be in the opposite direction. A large traffic 
also justifies an expensive line in order to save operating expense. 
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A ridge location is advantageous because of the small amount of drainage and bridg- 
ing to be provided. But it more often happens that the termini and the intermediate 
towns to be tapped are located on rivers, so that a valley location is required. Valley 
locations are very common; they frequently allow low grades but often require many 
structures to bridge the lateral streams and are more subject to washouts. Where it 
is necessary to cross from one bank of a river to another especial care in the selection 
of the bridge site must be exercised. In valley locations the grade is practically deter- 
mined by the rate of fall of the river, but in mountainous countries the rivers may be 
so steep as to be prohibitive for a railroad grade, in which case the road is purposely 
lengthened by passing up some lateral valley so as to keep the ruling grade down to 
the desired amount. In routes which cross the drainage of a country it is of the utmost 
importance to discover the lowest pass and to use this point as one of the governing 
points on the location. In very mountainous country it may be feasible in getting 
over the pass to introduce a short stretch of must steeper grade than the working 
maximum grade and to operate this grade by the use of one or more helper engines. 

In early railroading in this country crossings of highways at grade were not avoided, 
but now practically every state requires that new railroads shall be constructed with 
no highway grade crossings, a requirement which introduces another important con- 
sideration into the choice of location. 

In making the reconnaissance the engineer should not only choose routes 
from the standpoint of cost of construction, maintenance and operation, but he 
should also gather data of the industries and natural resources of the country 
through which the road is to pass. 

53. Preliminary Survey 

The Preliminary Survey is a transit and tape traverse run as near as prac- 
ticable to the probable location of the railroad from one governing point to 
another. A governing point may be a town, a river crossing, a pass or other 

fixed point on the route. Between these pcints every effort will be made to 
maintain the lowest practicable and economical rate of grade. The ruling 

grade of each engine division should be adjusted with reference to those of 
adjoining divisions and to conditions of local traffic, so as to avoid breaking and 
making up of trains. All surveys should be made with regard to future per- 
manent construction and every effort used to reduce the amount of temporary 
construction to the lowest limits. The preliminary should be run with con- 
siderable accuracy, for the location survey is to be checked against the pre- 
liminary. The distances are usually measured to tenths of a foot, and the 
deflection angles to the nearest minute. 

The Purpose of the Preliminary is to serve as a basis of a topographic survey of a 
belt of country, varying in width from 300 ft. to 1000 ft. depending upon the character 
of the country, a belt in which the located railroad will probably lie. The organization 
of the preliminary survey party is usually as follows: chief of party, transitman, two. 
chainmen, two flagmen, levelman and rodman, topographer and assistants, and axmen. 
A stake is driven at every 100-ft. station and marked with the station number. Each 
transit point is carefully marked by a nail in the head of the stake, but intermediate 
points are set to the nearest tenth only and are marked merely by stakes. A pre- 

liminary party in fairly open country will make 5 to 8 miles a day. The level party 
follows immediately behind the transit party, taking readings for a profile of the 
preliminary line. 

Topographic Details are sketched to scale on cross-section paper, using the 
elevations obtained by the level party as a basis. As a rule a 5-ft. contour 
interval is used and the contours are located by means of the hand level and 
metallic tape, as described in Art. 28. The stadia is employed in some cases 

to obtain topographic details, and a small plane table is well adapted for this 
work in open country. The plot of the preliminary map and topographic 

details together with the profile of the preliminary line should be kept up-to- 
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date so as to give the locating engineer information as regards grade and 

curvature to aid him in judging whether to push ahead with his line or to 
“back up” and run the line over somewhat different ground. A common 

scale for preliminary maps is 200 or 400 ft. to an inch. 

The preliminary survey practically fixes the general alignment and grades, 
and where more than one preliminary has been run the best one can be chosen 
from a study of the plans and profiles and from other data accumulated when 
the preliminary is made. The kinds of materials in the excavations, the 
bridge and tunnel sites, and an estimate of the cost are data which the pre- 
liminary should include. The map and profile of the best preliminary line 
form a basis for the location. 

54. Location Survey 

The Located Railroad is composed of straight track, called tangents, and 
circular cuves. On most roads a spiral is introduced between the tangents 
and curves in the trackwork, but this refinement need not enter into the loca- 

tion line. First a-trial location line is plotted on the preliminary map and 
its profile constructed from the data given by the contours on the preliminary. 
This trial line will pass through the governing points, such as bridge sites or 

passes, and will be laid out so as to make the total quantity of excavations 
and embankment a minimum, due regard being given to the grades and the 
amount of curvature in the alignment. On all curves the rate of grade should 

be flattened about 0.04% per degree of curve to neutralize the additional 
train resistance; this is called curve compensation. The drainage of the road 
is of utmost importance; it is good practice to lay out the line across flat coun- 
try a little higher than the surrounding land. The line through cuts which 
are more than 500 ft. long should be on a grade for proper drainage, which 
requires about 0.2 ft. per 100 ft.. It should be borne in mind that on account 
of the necessity for side ditches the cuts are wider than the fills and that this 
should be taken into account when judging from the profile of the relative 
amounts of cut and fill. 

Several shifts of the location line will probably be made and profiles constructed for 
each position until the best line is determined. This final line will probably cross and 
recross the preliminary traverse line many times if the preliminary has been skilfully 
run. Ties from the location line to the preliminary line are then scaled from the map 
and are used in the field in laying out the located line as determined by the office study. 
This method is called paper location. Sometimes, in a canyon for example, where 
there is no choice of location, the preliminary survey is omitted and the located line 
is run out in the field. This is called field location. 

After the location line has been actually run it may be found advisable in some 
instances not to follow exactly the line laid out on the plan. Minor changes and 
modifications may be made, for example, in fixing with care the location of stations, 
water tanks, or coaling plants and in adjusting the grades near such points so as to 
reduce the cost and disadvantage of train stops to the minimum. When train stops 
at or near the foot of a grade cannot be avoided the rate of grade should be flattened 
to facilitate the starting of trains. It is not infrequently found that stream diversions, 
even when of considerable magnitude, prove cheaper than bridging, both in first cost 
and in maintenance, particularly when the excavated material can be used in embank- 
ments. The locating engineer will give special attention to the determination of the 
necessary length of bridges and size of culverts, character and area of waterway. A 
cross-section of streams showing along the center line of the railroad, the river bottom, 
flood height and surface indications of rock should be plotted for each crossing. 
Thorough drainage is a maxim to be impressed on the mind, and the engineer must 
not be misled in so-called ‘ rainless districts.” In ravines carrying mountain torrents 
the openings’ must be left much larger than the appearance of the banks would seem 
to make necessary. 
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In Staking Out the center line of location the direction of the tangents is 
first defined and run to an intersection with adjacent tangents which locate 
the vertices of the curves. The curves are then staked out as explained in 
Art. 57. For location work a one-minute transit and 100-ft. steel tape are 
usually employed, the measurements being made to tenths of a foot. Astake 

- is driven at every full station point anda “hub” with a nail is set at all transit 
stations together with a proper witness stake. The stakes‘ at the beginning 
and end of each curve should be marked “P.C.” and “P.T.” respectively 
and should be carefully referenced by stakes set far enough on each side of the 
location to lie outside of the construction“or filling. The true bearings of tan- 
gents should be accurately determined occasionally by-solar or stellar obser- 
vation so as to check the fieldwork and for the purpose of describing the loca- 

Radius and Degree of Curve 

Degree | Radius) Degree Radius| Degree | Radius D | Rf. | LoeR || p — LoeR |p | R, ft. | LoeR 
——-_- —_—_-—_———_ ff a fa | es 

0°.0’| 20 6° 20’ | 905.13) 2.956711]| 14° 0’| 410.28) 2.613076 
10 \34377.5| 4.536274|/ 30 | 881,95) 2.945442 30 | 396.20] 2.597914 
20 17188.8 4.235244) 40 | 859.92) 2.934459]! 150 @ | 383. 06) 2.583272 
30 11459.2) 4.059154 50 838. 97/ 2.923747 30 | 370.78 2.569116 
40 8594.42) 3.934216|| no o, ge 50 6875.55 3.837308|| 7 5 Sore -913295]| 16° 0’ |. 359. 26| 2.555415 

- 903089 30 | 348.45) 2.542140 

4 2 
4 2 
3 ; 
3 ‘4 

1° 0’ |5729.65, 3.758128 20 | 781.84) 2.893118]] _-, -, 
10 4911.15, 3.691183|/ 30 | 764.49 2.883371|| 27" 0°) 338-27 piper ee 
20 |4297.28 3.633194|| 40 | 747.89 2.873840 f f 
30 |3819.83 3.582044 50 732.01, 2.864514|| 18° 0’ | 319.62) 2.504638 
40 |3437.87| 3.536289|| oo a, 3 30 | 311.06, 2.492839 8° 0’ | 716.78 2.855385 
50 3125.36 3.494900 10 | 702. 18| 2.846446|| 19° 0’| 302.94) 2.481361 

2° 0’ 2864.93 3.457115|| 20 | 688,16] 2.837687), 30 | 295.25) 2.470186 
10 |2644.58 3.422356 30 | 774.69 2.829102|| 20° 0’| 287.94) 2.459300 
20 |2455.70 3.390176|| 40 | 661.74) 2.820685 30 | 280.99] 2.448688 
30 (2292.01, 3.360217 50 | 649.27) 2.812428)| 21° | 274.37| 2.438337 

40 [2148.79 3,332193|| go g | 637,27) 2.304327 30 | 268,06 2.428235 
50, 2022.41) 3.305869)! 40 | 625.71) 2.796374|| 22° 9” | 262.04] 2.418371 

3° 0’ |1910.08 3.281051 20 | 614.56) apevive 30 | 256.29) 2.408734 
10 |1809.57) 3.257576 30 | 603.80) 2. ° 9’ , 
20 |1719.12| 3.235305|] 40 | 593.42| 2.733611] 23° ,0" | 250-79) 2. ss0sis 
30 |1637.28 3.214122|| 50 | 583.38] 2. 765955 PPA hier 5 
40 (1562.88 3.193925||10° 0’ | 573.69] 2.758674 30 | 235.65 2.372270 
50 |1494.95| 3.174627 10 | 564.31) 2.751514]} ; 

4° 0’ |1432.69! 3.156151|| 20 | 555.23] 2.744471]| 25° 0 irae et aR 
10 1375.40 3.138430] 30 | 546.44 2.737541]| 30. | 220.55) 2. 
20 |1322.53| 3.121404 40 | 537.92) 2.730721|| 26° 0’| 222.27| 2.346882 
30 |1273.57, 3.105022 50 | 529.67| 2.724008 30 | 218.15) 2.338755 
40 |1228.11) 3.089236||11° 0’ | 521.67| 2.717397|| 27° 0’ | 214.18] 2.330785 
50 |1185.78) 3.074005 10 | 513.91] 2.710887 30 | 210.36 2.322967 

° , 1146 28 3.059290 20 506.38 2.704473 28° 0’ 206. 68 2.315295 

: 4 1109.33] 3.045059 30 | 499.06) 2.698154 30 | 203.13) 2.307764 
20 |1074.68| 3.031281|/ 40 | 491.96 2.691926)) 50. 0! 109 791-2. 300370 
30 (1042.14, 3.017927 Mead a ae 30 | 196.38) 2.293108 

1011.51) 3.004972||12° 0’ | 478. 1 ji 
oH 982.64] 2.992393|| 30 | 459.28] 2.662074 pyr sede Hel as 

6° 0’ | 955.37) 2.980170/|13° 0” | 441.68] 2.645111 ia 
10 | 929.57) 2.968282 30 | 425.40) 2.628794 



508 Railroad Location Sect. 6 

tion line. Connections should be made in the location survey to all property 
lines crossed and to all government land lines and corners. 

Immediately behind the transit party comes the level party, which runs a profile of 
the center line, reading the surface elevations to 0.1 ft. and T.P.’s and B.M.’s to 0.01 ft. 
A substantial B.M. should be established every 2000 ft. and plainly marked. When 
the final alignment_has been staked out the level party, using the grade line on the 
location profile as a basis, take the cross-sections (see Art. 64) at each full station or 
oftener to determine the amount of earthwork and at the same time to give stakes 
properly marked as guides to the contractor in excavating and filling. These grades 
tefer to the sub-grade, on top of which are to be placed the ballast and track. 

55. Simple Circular Curves 

A Simple Curve is a circular curve connecting two tangents. The points 
where the curve is tangent to the tangents are called the point of curvature 
P.C. and the point of tangency P.T., these points being at the beginning and 

at the end respectively of the curve. The tangents meet at the vertex V. 
The deflection angle at V between the two tangents is the intersection angle I, 
which is equal to the central angle between radii drawn to the P.C. and P.T. 
In railroad practice the length of curve is the distance from P.C. to P.T. 
measured by 100-ft. chords (a sub-chord may occur at one or both ends of 
the measurement). The degree of curve D is the angle at the center of the 
curve subtended: by a chord of 100 ft. A chord of less than 100 ft. is called 
a sub-chord and its central angle is a sub-angle. The relation between 
D and R is expressed by the formula sin 1/2 D = 50/R. 

In the Metric System the degree of curve is usually defined as the angle at - 
the center subtended by a chord of 20 meters. The first and second columns 
of the following table give degree of curve and radius according to this defini- 
tion, while the third column gives the equivalent degree of curve corresponding 
to the definition stated on the preceding page. 

Degree of Curve and Radius for Metric System 
Degree of curve is angle at center subtended by a chord of 20 meters. 
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are true when J is less than 180°. The trigono- 

56. Elements of a Simple ‘Curve 

In Fig. 40 let J be the central angle between radii drawn to the P.C, and 
P.T. of the simple curve; this is equal to the intersection angle between the 
tangents. Also let 

Oc = Radius = R, 

ac = Chord = C, 
Vc = Tangent distance = T, 
bd = Middle ordinate = M, 
Vb = External distance = E,” 
ka = Offset from tangent = #. 

The following relations between these elements 

metric function exsec 1/2 J, used in the formulas, is 
called the external secant, and vers 1/2 J is called 

the versed sine (see Sect. 2, Art. 4). 

Central Angle I = D X L/100 (railroad practice only) 
= arc abc/R (in circular measure) = (arc abc/2 wR) X 360° 

sin 1/27 = 1/2 C/R, = (E+ )/T tani/27= T/R 

tan 1/4 I= M/1/2C = E/T vers 1/27 = M/R 
cos 1/27 =1/2C/T =M/E exsec 1/27 = E/R 

Radius R = 50/sin 1/2 D= 5730/D (approx.) = 1/2 C/sin 1/2 J=T cot 1/27 

= E/exsec 1/2 I = M/vers 1/2 I = (arc abc/I) (180°/7). 

Degree of Curve D = twice the angle whose sine is 50/R. 

Dz° = sao (approx.) = Fs (approx.) = a (approx.). 

Chord C = 2 Rsin 1/21 =2Tcosi/21 =2M cot 1/4J 

=2~WM (2 R— M) = 2 Esin 1/2 I/exsec 1/2 I 

= arc abc — (arc abc’/ 24 R*) (approx.). 

= rRI/180° = C + (C#/24 R*) approximately 
= R X (Length of arc for radius 1). See Tables 5 and 21, Sect. 1. 

Length of Curve L = 100 Z/D (railroad practice only). 

Tangent Distance T = R tan 1/2 I = 1/2 C/cos 1/27 = Ecot 1/4JI 

= WE (2 R+ E) = 71°/D approximately. 

External Distance E = Rexsec 1/21 =Ttani/4l=VT? +R? —-R 
1/2 C exsec 1/2 I/sin 1/2 I = M/cos 1/2 I 

RM/|(R — M) = E,°/D (approx.). 

Middle Ordinate M = R vers 1/21 = R- V(R + 1/2 C) (R — 1/2.C) 
= Ecos 1/2 1=1/2 C tan 1/4 J =T cot 1/2 1Xvers 1/21 

= C?/8 R (approx.) = 4 ef (approx.) = 1/414 (approx.). 

The chord for M must be the same as the chord for ¢ (see Fig. 40). 

Middle Ordinate ef = 1/4 M (approx.). 

Dadastengtoact Wikior ak chi RB HARE 
= +/(R— dh) (R— Gh) — V(R + 1/2 C) (R ~ 1/2 C) 
= M — (d#2/2 R) (approx.) = (ah X hc)/2 R (approx.). 

Offset from Tangent t = C?/2 R=Csini/27 =4M (approx.). The chord 

for ¢ must be the same as the chord for M (see Fig. 40). 

Arc abe 

oil 
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57. Laying Out Curves 

Four Methods of laying out circular curves are: (1) by deflection angles, 
(2) by offsets from the tangent, (3) by chord deflections, (4) by middle 
ordinates. It is assumed that the two tangents which are to be connected 
by a curve have been run out to an intersection and the vertex V set and I 
measured. The degree of curve being known, T is computed and the P.C. 

and P.T. stakes are set. The station of P.C. is thus established and the 

station of P.T. = Sta. P.C. + ZL. Approximately L = 100 J/D. 

The Deflection Angle Method is by far the most common and for nearly 

all railroad work it is sufficiently exact. To lay out a curve by this method 
set up the transit at the P.C., vernier 
reading 0°, and sight on V (Fig. 41). 
Lay . off deflection angle V Aa and 
measure chord Aa, thus locating point 
a. Angle VAa = 1/2 aq¢, and ag = D 

X Aa/100. Leaving the lower motion 
of transit clamped loosen the upper 

Fig. 41 clamp and lay off VAb = 1/2aq and 
measure chord ab, and so on, setting 

each stake and checking at the end of the curve on the P.T. stake. 
The total deflection angle to any point on the curve is evidently half the 

central angle from the P.C. to that point; and where the stations are 100 ft. 
apart the deflections increase by 1/2 D for each successive station. 

Deflection angle for any sub-chord = cD/200 (in degrees) 
=c X 0.3 X D (result in-‘minutes when D is in degrees) 

Example. Find deflection angles of a 6° curve connecting P.C. 8 + 41.7 and 
P.T. 12 + 73.4, the curve being to the right. 

58.3 X 0.3 X 6 = 105’ 1° 45’ to Sta. 9 
1° 45’ + 3° = 4° 45’ to Sta. 10 

4° 45’ + 3° = 7° 45’ to Sta. 11 
7° 45’ + 3° = 10° 45’ to Sta. 12 

73.4 X 0.3 X 6 = 132’ = .2° 12’ to Sta. 12 4+ 73.4 
12° 57! 

P.T. 12 + 73.4 — P.C.8 +41.7 = 431.7,= L 
4.317 X 6° = 25° .902 = 25° 54’ = I and 12° 57’ = 1/2 I. 

This checks the deflection angle from P.C. to P.T. As a rule the deflection angles 
should be computed to the nearest half-minute. 

It is better practice to lay the curves out backward, starting the chord measurements 
from the P.C., for example, while the instrument is at the P.T. In this case the circle 
is set at 0°, a sight taken on the P.C., and the same deflections used for each station as 
would be used in laying out the curve if the instrument were at the P.C. If the instru- 
ment were set up at the P.C. the circle should be set at 1/2 J, a sight taken on P.T., 
a chords measured beginning with the P.T., using the same deflection angles as 
efore. 

Intermediate Set-ups on Curve are necessary when the curve cannot be laid out 
for its entire length from either the P.C. or P.T. Set the transit up on the intermediate 
Point, then apply one of these two methods: 1. Set the circle at 0°, reverse the tele- 
scope and sight P.C., using lower clamp. Turn telescope direct and lay off the same 
deflection angle to the next station on the curve that was computed for it when transit 
was at P.C. 2. Set the circle beyond 0° so as to read the same angle that was used 
in setting the intermediate station, reverse telescope, sight P.C., and clamp lower 
clamp. Loosen upper:clamp and turn circle to read roughly 0° and see if it appears 
to be sighting along'a tangent to the curve through the intermediate point. (If the 
deflection angle has been laid off on the correct side of the circle the telescope will be 
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\ 
sighting along this auxiliary tangent when the circle reads 0°.) Turn telescope direct 
and lay off the proper deflection angle for the next point ahead on the curve, which 
will be 1/2 D if the next station is a full station from the intermediate set-up. The 
curve beyond the intermediate set-up point is 
therefore laid out like a new curve, starting at 
the intermediate point. This second method is the 
oneto be used in laying out compound and reversed 
curves with the instrument set up at the P.C.C. or 
P.R.C. (Arts. 59 and 60.) 

Offsets-from-Tangent Method. Here no 
angles are used, every point on the cyrve 

being set by measuréd distances. The first 
step is to compute the rectangular coordinates . 

of each point, the origin of coordinates being 
the P.C. and the axes being the tangent and 
the radius through the P.C. (Fig. 42). In the Fig. 42 

triangle Aa’a, ab’b, bcc, etc., the acute angles 
are equal to the central angle from the P.C. to the middle of the chord form- 
ing the hypotenuse of the respective triangles. 

xq = Aa cos Ba yo = Aa sin Ba 

xp = xa + ab cos Bp yo = Ya + ab sin Bo 
Xe = xp + bc cos Bo Vo = yp + be sin Be 

Asacheck, xc = Rsin AOc yo = R vers AOc 

In the fieldwork the transit is set up at P.C., sighted along the tangent, and points 

a’, e, f, etc., set and marked by stake and nail. Point a is located by measuring with 

one tape ya and with another tape Aa; the intersection of these two measurements 

locates a. Point bis set by intersecting the measurement yd with ad, etc. This method 

allows greater precision than the deflection angle method. It is not often used except 

in setting points where there are obstacles on the curve which prevent sighting 

across it as is required in the deflection angle method. An isolated point, such as 

c, can be set by laying off 90° with transit at f and measuring /c. 

Deflection Distance Method. (Fig. 43.) This method is employed to lay 

out a curve by the use only of tapes, plumb-lines, and lining-poles. From the 

chord or sub-chord Aa, the distances ea and Ae are first computed by 

ea =Aa’'/2R and Ae = Aa — (ae ’/2 Aa). 

Sight from A to V and set point ¢. Set a by measuring ea and Aa. If Aa 

is a sub-chord, set point d by making Ad = ea and ad = Ae. Then dafisa 

tangent to the curve through a. Compute of = ab’ /2 R, and af = ab — (b/"/2 

ab). Then sight along da and set the point f. Set point b by the ties /b 

and ab. If ab = bc, produce ab to g, making 

bg = bc. Set point c by the ties bc and gc. The 

chord deflection ge = 2 X fb. The chord deflec- 

tions can be used, then, whenever the chords on 

both sides of the last station are equal. When 

they are not equal an auxiliary tangent must 

be erected as at a. If chord Aqis very short, 

point 6 should also be set by a tangent offset 

Fig. 43 from the main tangent so that the curve will 

not be produced from too short a base. The 

chords ad, bc, etc., are often taken less than 100 ft. This method is par- 

ticularly useful in resetting a stake which has been knocked out of place. 

Middle Ordinate Method. This is employed only for short sharp curves 

which are to be laid out without the use of a transit. In Fig. 44, the 
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P.C. and P.T. stakes being in place, chord AB is measured and stake e set 
by lining it in by eye in the middle of AB. Middle ordinate ed is computed 
(M = C?/8 R approximate) and laid off perpendicular to AB by eye. Simi- 
larly points a and ¢ are located, af and cg = bc/4. 

Fig. 44 Fig. 45 

58. Curve Problems 

Parallel Tangent Problems. In Fig. 45, both curves are of same degree. 

AA’ = VW’ = BB’ = d/sinI 

Fig. 46. Both curves have the same P.C. 

R —R’ =d/versI 

PR Ve: 
a. 

Fig. 46 Fig. 47 

Fig. 47. Both curves have P.T.’s on same radial line. 
R —R’ = d/exsec I and AA’ = (R — R’) tanI 

Miscellaneous Problems. Fig. 48. The direction of the forward tangent 
to be changed at the P.T. 

R’ = R vers I/vers I’ and AA’ = R sinI — R’sin ’ 
Fig. 49. To find the station of Bona simple curve from which a tangent 

will pass through C; the radius is known. Measure B and AC. In triangle 
ACO, compute OC and AOC. In right triangle OBC, compute BOC. Then 
AOB = AOC — BOC, and Sta. B = Sta. 4 + 100 AOB/D. 

Ny 

s B 
{ a _————— O 

ie 
oO 

Fig. 49 

Fig. 50. To find by approximate field-method the station of B from which 
a tangent line will pass through C. First find by approximate method the 
station of D, where line AC cuts the curve. Station 4 is the nearer full sta- 
tion to B. (If H were nearer than A then CE should be produced until it cuts 
the curve near 4.) To find where CA cuts the curve, set point F in the middle 
of arc A BE by method of ordinates (Art. 57). If the arc FE is practically a 
straight line find the intersection of CA and FE. If the arc and chord do 
not practically coincide then set point G in the middle of arc FE by the method 
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of ordinates, and then find the intersection of AC and FG. The station D 
being known, assume point B so as to make AB slightly larger than BD and 
locate B carefully for a transit point. Set up the transit at B and lay off a 

tangent to the curve at that point. If this tangent does not pass through 
C, measure the angle between the tangent and the line 
BC, angle HBC in this case. Then move point B, 
forward or backward on the curve as the case requires, 

a distance = 100 X HBC/degree of curve. A tangent 
from this new point B should pass almost exactly 

Fig. 51. To find R of curve which shall join tangents 
AV and BV and pass through a given point C. Measure 
angle e and VC. Then sin VCO =cos (1/2 I + @)/cos 

1/2 Z. In triangle VOC, CVO = 90° — 1/2 I —a, VCO and VC are known; 

solve for radius OC. If angle VOC is very small find radius by VC sin 

a/vers AOC. 

Fig. 51. To find distance VC, given R, I anda. Solve triangle VOC 

for VC; OC = R, OV = R/cos 1/2 I, OVC = 90° — 1/2 I —a@. 

Obstacles on Curves. When obstacles occur, as frequently happens, so that the 

entire curve cannot be laid out by deflection angles from one position of the instrument, 

the difficulty can often be overcome by running out the curve as far as possible and then 

setting up the transit at the last located point on the curve and running the curve 

ahead from this intermediate set-up (Art. 57). This method is applicable when the 

obstacle is not large or when it does not lie directly on the curve. If a large obstacle 

lies on the curve proper, the curve may be run out until it meets the obstacle, both 

from the P.C. and P.T., or such obstacles. may be passed by use of the Offset-from- 

Tangent Method, the offset being measured from the main tangent or from an auxiliary 

tangent thrown off from some intermediate point on the curve. Sometimes an obstacle 

on a curve can be passed by laying off the deflection angle for a point beyond the 

obstacle, computing and measuring the long chord to that point, thus locating a station 

without making a new set-up of the transit, and regular 

chord measurements may start again from this station. 

If the P.C. is inaccessible lay off the curve from the 

P.T. as far as possible toward the P.C. and check the 
last point by the Method of Offset from Tangent. In 

applying this latter method, compute the distance along 

the tangent from the P.C. and subtract this distance 

, from 7, which gives the distance from V to the point 

on the tangent from which the tangent offset is laid 

off perpendicular to the tangent. 

Fig. 52 The vertex V is frequently inaccessible. The central 

angle I, however, can be found by connecting the 

tangents through the P.C. and P.T. by a traverse (A BC, Fig. 52). Compute AC, 

then in triangle 4VC compute AV and VC; also determine the value of J. Then 

the P.C. and P.T. stakes are set by measuring (T—AV) and (I —VC) respectively 

from points A and C. 

59. Compound Curves 

Compound Curves are formed by two simple circular curves which run in 

the same general direction and lie upon the same side of their common tan- 

gent at their point of junction. The point where these curves join is called 

the Point of Compound Curvature (P.C.C.). Where more than two curves 

are in succession the curve is called a multiple compound curve. In laying 

out compound curves in the field, each simple curve portion is laid out sepa- 

rately. From the P.C. the simple curve will be laid out to the P.C.C., and the 

common tangent is used as a basis for laying out the simple curve to the next 
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P.C.C. and so on, the methods being the same as those employed in laying 
out simple curves (Art. 57). 

Elements of Compound Curve. The following 
apply only to compound curves composed of two 
simple curves. Where there are more than two simple 

curves the formulas become quite long. In Fig. 53 it 
will be observed that all the elements marked with 
the subscript s refer to the curve of shorter radius, and 
those marked / refer to the curve of longer radius. 
Any compound curve composed of two simple curves © 
may be defined by any four of the seven elements 
marked on Fig. 53. These four elements having 

Fig. 53 been chosen the remainder may be computed by using 
the following formulas: 

Given Rs, Rj, Is, Ty; required I, Ts, Tj. Here I = 7; + 7; and 

(Rs tan 1/2 Is + R; tan 1/2 Ty) sin y 

sin I 

(Rs tan 1/2 Is + Rj tan 1/2 J;) sin Is 

sin I 

Ts = Rs tan 1/27, + 

Ty = Ry tan 1/2 7+ 

Given Ts, Rs, Rj, I; required Pypadgels. 

Ts sin — R I sig gear Somme 3 Ig = Pang, 
if s 

Ty = (Ry — Rs) sin Iz + Rs sin I — Ts cos I. 
Given Tj, Rs, Ri, I; required Ts, Ii, Is. 

Rj vers I — Ty sinI 
the dines ae ese Qh=I-Ts 

Ts = Ry sin I — (Rj — Rs) sin Is — Ti cos I. 
Given Ts, Rs, Is, I; required T;, Rj, Ij. Here Ij = I —Ts and 

Rye (Rg Ts sin I — Rg vers I 

vers Ij 

Ty = (Ry — Rs) sin Ty + Rs sin J — T; cos I 

Given Tj, Ry, Iy, I; required Ts, Rs, Is. Here Is =I — I, and 
Rj vers I — Ty sin I 

a vers Ig 

Ts = Ry sin I — (Ry — Rs) sin Is — Ty cos TI 
Given Tj, Ts, Rs, I; required Relig gloss 

Ts sin J — Rg vers J 

Rs = Rj 

tan 1/2 J; = ———_—___s__> =IJ- iad Ty + Ts cos — Ry sind fenick 
Ry =r, 4 Lt Pecos T — Re sind 

sin [3 
Given T;, Ts, Ri, I; required Reidy, Tee 

Rj vers I — Tj sin I tan 1/2 3 = ——_______—___ =j-— eae Risin I — Tj cosI — Ts ls ditches 
Ry aipptobasin Lia Paco dT 

sin Is 
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Given AB,VAB, VBA, either Rs or Ry; required either Rj, or Rs, Iz, Is, I. 
Solve the triangle AVB for AV and VB, which gives T; and Ts:J = 
VAB + VBA. Then the four elements T;, Ts, J and either Rs or Rj are 
given. The remaining elements may be computed by formulas given above. 

Compound Curve Problems. Givenasimple curve between two tangents. 

Curve is to be compounded so as to end in a parallel tangent (Fig. 54). In 
case the new tangent is inside the old tangent, as in Fig. 54, the radius of the 
original simple curve becomes R7, and vers Js; = d/(Ry — Rs). If the new 
tangent falls outside the old tangent, then the original simple curve becomes 

Rs, and vers J; = d/(Rj — Rs), o 

Fig. 54 Fig. 55 

Given a compound curve between two tangents. Required to retain the 
same radii but to change the P.C.C. so as to end in a parallel tangent. 

(a) When the new tangent lies inside the old tangent and the curve of 
larger radius is at the P.T. end (Fig. 55). 

vers ly = vers Ij my Rpaiks 

(b) When the new tangent lies outside the old tangent and the curve of 

larger radius is at the P.T. end. 

rs I;’ = vers I —_— vers Ij ite Seer apa a 

(c) When the new tangent lies inside the old tangent and the curve of 
shorter radius is at the P.T. end. 

d 

Ry — Rs 

(d) When the new tangent lies outside the old tangent and the curve of 

shorter radius is at the P.T. end. 

vers I3’ = vers Is + 

d 

Ri <r. Rs 

In the above formulas the angles with the prime mark are the new angles. 

vers Is’ = versIs — 

60. Reversed Curves 

Reversed Curves are formed by two simple circular curves which run in 

the same general direction but lie on opposite sides of a common tangent at 

their point of junction. Where these curves meet is called the Point of Reversed 

Curvature (P.R.C.). 

Connecting Parallel Tangents (Fig. 56). In this case the central angles 

are equal, the P.R.C. lies on the straight line 4 B, and BAE = 1/2 TI, 

and AB = 0/2 d (Ri + Ra) d 
rs J = ———— 

She Ri + Re 
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If both curves have the same radius, then 

vers] = ap and AB=2-~/4R 

Sieuaeh Bie 

Fig. 56 Fig. 57 

Connecting Nonparallel Tangents (Fig. 57). As in the compound curve, 
the choice of four of its elements defines the reversed curve. Given 7}, J, Ri, 
Ro; required Ji, I2, T2. 

R; vers J + T; sin J 
Sa a Th =Ie-TI 

Ri + Rz ahs 
T2 = T,cosIJ + Ri sinI — (R; + R) sin I, 

Given T2, J, Ri, R2; required J;, I2, Ty. 

R, vers I + To sin I 
Ll) = Ie = I, Uf vers I; Rit Re 2 “Ris 

X T; = Tz. cosI + Rosin + (Ri + R2) sin Ty 

The two tangents through the P.C. and P.T. are frequently so nearly par- 
allel that the intersection V cannot be readily found, in which case a line 
Vi V2 (Fig. 58) may be chosen as the common tangent and angles J; and I> 
measured, and the line Vi V2. To connect these tangents by curves having 
equal radii: 

vers Ip = 

pes Vive 

- tan 1/2 J; + tan 1/2 Ts 

Another way to define a reversed curve is, having chosen the P.C. and 
P.T. (Fig. 59), to measure the distance AB between them and also angles 
@and 8. To connect these tangents by curves having equal radii: 

AB sin C = 1/2 (cosa + cos 8) Ke Gono nb to oC 

Fig. 58 Fig. 59 

In reversed curves with nonparallel tangents at the P.C. and P.T. the line 
AB (Fig. 59) does not pass through the P.R.C. 

61. Easement Curves 

The Outer Rail on a curve should be elevated to overcome the effect of 
centrifugal force, but on straight track the rails should be level across. Hence 
at the P.C. and P.T. conflicting conditions are present; the outer rail cannot 
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be elevated and at the same time have the rails level across. The old peaisios 
was to begin to elevate the outer rail for a hundred feet or more along the 
tangent from the P.C. and P.T. and to reach its proper elevation either at the 
P.C. or a short distance beyond on the curve. This method was a make- 
shift, and considerable shock was given to the rolling stock at each end of the 
curve. To obviate this difficulty an Easement Curve is introduced between 
the tangent and the circular curve. This is a curve of varying radius which 
leaves the tangent as a very flat curve and grows sharper and sharper until 
it has the same radius as the circular curve. While the easement curve is 
developing from a very flat curve to one as sharp as the circular curve the 

outer rail is gradually elevated so that at any point from the beginning to the 

end of the easement curve the outer rail is elevated to the proper height. 

Cubic Spiral Easement Curve (Fig. 60). AV is a tangent, ABC a Spiral 

connecting the tangent and the circular curve CF, CE is the circular curve 

produced backward to E, where it is parallel to tangent AV. Let De= 

degree of curcular curve, and Re = its radius; le = 

total length of spiral AC; 7 = length of spiral from “ DAG 

P.S. to any point on spiral; se = spiral angle, angle <' g mer ZN! pce 

between radius at P.S., and at P.C.C. = angle EOC; J| 

s = angle between radius at P.S. and radius at any ! Ss ve 

point on spiral; g = AD; p = DE; i = deflection | wis # 

angle (instrument at P.S.) to any point on spiral; 1/ 

ic = deflection angle to P.C.C.; x = offset from oO 

tangent to any point on the spiral; r¢ = offset GC; Fig. 60 

y = distance from P.C. to any point on the spiral 

measured along the tangent; ye = AG. Point B is on the easement curve 

opposite D. 

The equation of the Cubic Parabola is x = y*/6 Rele. 

The equation of the Cubic Spiral is x = 1°/6 Rele. Since y practically 

equals J for the flat spirals used in railroad practice there is only slight differ- 

ence between these two curves. The proverties of the cubic spiral are: 

(1) Degree of curve varies directly with its length from P.S. 

(2) Deflection angle varies as square of length from P.S. 

(3) Offset from tangent varies as cube of length from P.S. 

(4) x¢ = 1¢3/6 Rele (the equation of cubic spiral). 

ye =1¢ — Ie*/40 Re? (this latter term is in most cases negligible). 

xe = GC = 4/3 EJ = 4/3 Re vers sc = 4. EJ =3 DE =6 DB=3 p>. 

q=Y¥e — Re sin sc and p = Xe — Rg vers Se. 

(5) se = le D_/200. 

(6) Deflection angle to any point = i = 5/3, 0. t¢ = Sc/3. 

(7) The back deflection is equal to twice the forward deflection. 

Example. Given D = 4° and Ic = 300 ft. (a) Find data to lay out spiral by 

offsets from tangent, every 50-ft. point to be set. (b) Find data to lay out spiral by 

deflection angles, every 50-ft. point to be set. 

(a) From (5), sc = 300 X 4/200 = 6°. From (4), xe = 4/3 Re vers 6° = 10.47 and 

ye = 300 — 3003/40 Rc? = 300 — 0.3 = 299.7. From (3), offset to 50-ft. point = 

503/3003 X 10.47 = 0.05, offset to 100-ft. point = 10.47/27 = 0.39, to 150-ft. point 

= 10.47/8 = 1.31, to 200-ft. point = 8 X 10.47/27 = 3.11, to 250-ft. point 125 X 

10.4/216 = 6.06... The y distances to measure along the tangent may be computed 

by the formula y =/—/3/40 R2, in which R for any point is found from (1). But this 

computation is seldom necessary; it is sufficiently accurate to compute y from (4), 

or q = 299.7 — Resin sc = 149.9, and to call the y for the 50-ft. point = 50.0. Also 

for the 100-ft. point y = 100.0, for the 150-t. point y = q = 149.9, for the 200-ft. 

point y = 199.9, for the 250-ft. point y = 249.8. 
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~ (6) From (5), sc = 300 X 4/200 = 6°. From (6), ic = 6°/3 =2°. From (2), 
deflection to 50-ft. point = 1/36 XK 2° = 0° 03’ 20”, to 100-ft. point = 1/9 X 2° = 
0°. 13’ 20”, to 150-ft. point = 1/4 X 2° = 0° 30’, to 200-ft. point = 4/9 X 2° = 
0° 53’ 20”, to 250-ft. point = 25/36 X 2° = 1° 23’ 20’. Evidently the amount of 
computation necessary for the deflection angle method is very small. 

On many railroads it is the practice to use an easement on all curves sharper than 
“1° 30’, and the sharper the curve and greater the speed of trains the longer the spiral 
should be. See Report of Committee on Track of Am. Ry. Eng. & M. W. Assoc., 
Vol. 10, Part 1, 1909. 

Example. Given Dc = 4° and p =4ft. (a) Find data to lay out spiral by offsets, 
setting every quarter point on spiral. (6) “ig data to lay out spiral by deflection 

ing every quarter point on spiral. 

stra emp xe veers rite 1/4 lc, x = 1/64 X 16 = 0.25; for 1/2Jc, x = 1/8 X 
16 = 2.00; for 3/4 lc, x = 27/64 X16 = 6.75. Then vers sc = 3 /Rc = 12/Re, 
and sc = 7° 25’.3. 

From (5), lc = (s/D) X 200 = 371.1, 
From (4), yc = 371.1 — (371.13/40 R-2) = 370.5, 

g = 370.5 — Resin 7° 25’.3 = 185.6. 

The other values of y are interpolated between these values of yc and q. 
(o) Find s as in above = 7° 25’.3. Then ic = 7° 25’.3/3 = 2° 28’.4, and 

for 1/4 point, 7 = 1/16 X 2° 28’.4 = 0° 09/.3, 
for 1/2 point, 7 1/4 X 2° 28.4 = 0° 371, 

for 3/4 point, 7 = 9/16 X 2° 28’.4 = 1° 23’. 

Fieldwork. In new locations the tangent is usually run as far as point D 
(Fig. 61), then an offset » = DC is measured, point C set and the circular 

curve run out from C tok. DV =(R+ 9) 
tan 1/2 J. Later on, when the track is to be 
laid the P.S. is located by measuring the distance 
q back from D. Then with the transit at P.S. 
the spiral is laid out by deflection angles to the 
P.C.C., where a new set-up of the transit is 
made. The back deflection (twice the forward 
deflection) is laid off to establish the auxiliary 

Fig. 61 tangent at P.C.C. from which the circular curve 
p is run to the second P.C.C. The central angle of the circular curve between the P.C.C.’s = J — sum of spiral angles on both ends. If both spirals have the same length, which is the usual case, than Ie =I —2s =] —lc¢Dc/100. Then the transit is taken to the second P.S. and the spiral at that end is run back and checked on the second 

LEON ey 

Compound Curves. Easement curves are required between the two circular curves forming a compound curve for the same reason that calls for their use between a tan- gent and a simple curve. In case of a compound curve the 
sharper curve Ds must be at an offset P inside the flatter 
curve Dj at the point where these two curves are parallel. 
First determine points A and B (Fig. 62) where the curves 
will be parallel. AB = , which defines lc and g. Locate the 
ends of the spirals C and F by measuring AC = g, and BF = Fie. 62 lc —g. Set up the transit at C, lay off an angle (clockwise) &: which equals the deflection angle XCA = 1/2 Di X q, and sight on A. If the lower motion is left clamped and the circle turned to 0° the telescope will be sighting along the auxiliary tangent CX. Then lay out the spiral by deflection angles as usual. 

The deflection angle X¥Ca = a/Ca + XCa’. The angle a/Ca is the same 
as the deflection angle to the first point on a spiral that connects a tangent and a circular curve of degrees Ds — Dj = Dz. Find the deflection angles for a spiral of the given length which will join a tangent and a Dz curve. 

ry: 
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Then the deflection angle for any point on the spiral to use in laying out the 
spiral between the compound curves = the deflecting angle found for that 
point for the spiral to connect Dz + the deflection from the auxiliary tangent 
to a point on the circular curve CA opposite the required spiral point. 

In Revising Old Simple Curve Alignment to introduce spirals, the many existing 
conditions will as a rule limit the choice of spiral and introduce special problems, one 
of the most common of which is the following: In Fig. 63, half,of a circular curve AB 
is shown. One of the methods of introducing a spiral into this alignment is to move 
this simple curve 2 to 4 ft. toward its center and then introduce a spiral on each end. 
But this requires more track shifting than is allowable under many conditions and 
another expedient is resorted to as shown tn Fig 63; the circular curve is thrown 
slightly outward in its middle portion and sharpened so that it will fall inside the 
tangent, making ED = p. Calling the distance BC = k, R the original curve and 

R2 the new curve, then 

R, — Ro +h = (k + f)/vers 1/2 I and 

AF =q — (Rj — Ro +) sin 1/27 

If the requirement is that the track shall not be thrown at any point more than 1 ft., 
then since the greatest shift comes along the circular curve between the P.C.C.’s 
assume & = 1; and then assume p about 2%. From the first equation above Ry may 
be found, and then AF, which defines the P.S., while D2 and p determine Jc. 

Fig. 64 

A Vertical Parabolic Curve is used at the vertex of a grade to avoid the 

sudden change of direction in passing from one grade to another. If the 

change of grade is very slight a vertical curve may not be needed, but it is 

customary to introduce one wherever the change in rate of grade amounts to 

about 0.2%. In Fig. 64, AV and BV represent the straight grade lines, 

AKB is the parabolic curve, and Elev. D = 1/2 (Elev. A + Elev. B). Ina 

parabola, point K is always midway between D and V, so that Elev. K = 

1/2 [1/2 (Elev. A + Elev. B) + Elev. V]. Since the offsets from the tangent 

vary as the squares of the distances out along the tangent, cc’ = ff’ = 1/16 

KV, also bb’ = ee’ = 1/4 KV and aa’ = dd’ =9/16 KV. To find the ele- 

vations of points f’, e, d’, a’, b’ and ¢’, compute on the straight grade lines the 

elevation of f, e, d, z, b and c, and then apply the distances ff, ee, and dd’. 

EARTHWORK COMPUTATIONS 

62. Classification of Grading 

Grading usually includes all excavations and embankments, ditching, 

diversion of roads and streams, foundation pits. 

Grading usually has three classifications: Solid rock, loose rock, common 

excavation; the latter is often called “earth excavation.” Additional special 

classifications are sometimes introduced into the contract. 

Solid rock usually comprises rock in solid beds or layers in its original 

position which may be best removed by blasting; and boulders or detached 

rocks having a volume of 1 cu. ft. or over (in some specifications 1/2 cu. ft. is 

this limit). 
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Loose rock comprises all detached masses of rock or stone greater than 

1 cu. ft. and less than 1 cu. yd. (or 1/2 cu. yd.) and all rock which can 

be properly removed by pick and bar and without blasting, although steam 

shovel or blasting may be resorted to on favorable occasions in order to facili- 

tate the work 

Common excavation comprises all material that does not come under the 

above two classifications. 
Where material is a mixture of loose rock and common excavation it is 

customary for the engineer to determine frequently (day by day) the per- 

centage of each as the grading progresses and receive approval of his deter- 

mination by the contractor, if possible. 
Where the quantity of excavation is not sufficient to form embankments 

this deficiency is made up from material within the limits of the job by widen- 

ing the excavations (as in a railroad), sometimes called roadway excavation. 

Such widening is included under the grading classification for excavation. 
An illustration of side excavation is the construction of an embankment for 
railroad or highway across the prairie, the embankment being made by exca- 
vating ample ditches at the side. 

Borrow is a special classification usually applied to material taken from some 
pit near an embankment when there is insufficient excavation nearby on the 
job to form the embankment. Borrow pit excavation is therefore a special 
classification, usually bid upon as a special item in contracts. It frequently 
involves the cost of land, or a royalty (2 to 10 cents per cu. yd.) for material 
taken from the land, where the borrow pit is located; it also often requires 
the construction of a suitable road to the pit. This type of excavation there- 
fore usually runs higher in cost than ordinary excavation. 

Where the quantity of excavation exceeds the quantity required for embank- 
ment the surplus is often used to raise the height of an embankment or is 
deposited in a waste bank. 

Asa rule the grading is bid upon in the form of price per cubic yard for mate- 

rials in excavation, no payment being made for embankment quantities. 
Prices submitted are: (1) solid rock; (2) loose rock; (3) common excavation; 

(4) borrow; and the contractor is paid on this basis. He is required to haul 

the excavated material to any place designated by the engineer and if this 
haul is beyond the limit of free haul he is paid for the haul (see Art. 67). 

Cross-sections in excavations are therefore taken to determine pay quan- 
tities. Cross-sections in embankment are taken to determine whether or 
not excavated material will make the embankment. 

In some special cases both excavations and embankment are paid for as 
separate items; this is termed two-way payment. 

Excavations in excess of authorized dimensions are usually not paid for 
unless the causes are beyond the control of the contractor; this applies to 
slipping of slopes and of trench sides. In trench excavation it is well to 
specify definitely the limits to which the measurement of pay quantity will 
be made, so as to avoid dispute by the contractor. This also tends to make 

the contractor careful, with the result that there is less ‘‘over-break,’’ the 
latter term referring to the amount that the excavation passes outside of the 
dimensions required. 

Another special classification not uncommon is dry excavation and wet 
excavation, the dry being defined as excavation above a certain elevation 
and wet as referring to that below a certain elevation. It is important to 
state this fixed elevation in the contract so that there may be no dispute as 
to what is meant by wet and by dry material. 
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: Clearing and grubbing is sometimes included in the item of grading. It 
involves removing all trees, stumps, brush, rubbish, etc., over the area where 

construction is to be accomplished. Such work is often paid for at a price 
per acre. It does not involve any excavation of earth or rock materials. 

The removal of the over-burden, that is, the removal of sod or loam, is 
excavation that is sometimes required to be done separately from the pest of 
the work. This is the case where loam is to be used for other purposes or where 
the excavated material would not be suitable if loam were mixed with it. 
The over-burden is usually a thin layer and where it is required to be removed 

separately the price for it is sometimes bid upon as a special item because its 

quantity is small and methods used for removal are different from those used 
for the rest of the grading. 

63. Profiles and Sections 

A Profile on which the grade line has been drawn will show the excavated 

portions above and the embankment portions below the grade line. In a 

cut, on account of the necessity of providing for drainage, the base of the 

roadbed is made wider than in fill, so that the area of cut as shown on profile 

represents more earthwork than an area of the same shape and size in the 

fill portion of the profile. Although it is true that the depth of the cut or fill 

and the shape of the ground on either side of the center line have much to do 

with the amount of earthwork, still it is found satisfactory, before the cross- 

sections have been taken, to make rough comparisons between the relative 

amounts of cut and fill by comparing the area of the cut and of the fill as 

represented on the profile; these may be determined by use of the planimeter. 

Cross-sections for the exact computa- 

tion of earthwork for pay quantities are J, a> 

determined at each full station, and oftener Lge oy 

where the shape of the ground demands it. wb a ae 

The usual form of these cross-sections Fig. 65 

(Fig. 65) is leve} across the base ab, with 4 
a straight slope extending from the ends of the base until it intersects the 

surface of the ground e and f, while its fourth side is formed by the ground 

surface ef. In determining cross-sections, enough dimensions must be taken 

to define the shape of the surface ef. Every slight elevation or hollow in 

the ground surface is not required; dimensions are taken so as to represent 

the quantity in the section and its general shape rather 

ig told a 9 than its exact shape, so that there is an opportunity 
Level Zi . 

for the exercise of good judgment. 

Three-Level Ordinary Cross-sections shown in Fig. 66, are: (1) 

Level section in which the ground service is parallel 

ae to the base. (2) Three-level section in which the 
ground service is estimated to be straight from the 

irataae obi center stake to where each side slope intersects the 

Cutand Fil surface. (3) Five-level section in which the surface 

is estimated to be straight from the center stake to 

Compound points over the ends of the base, and from these two 

Fig, 66 points to run straight to where the side slopes inter- 

j sect the surface. (4) Irregular section, where the 

sutface is very broken, requiring it to be divided into several straight slopes, 

the levels being taken where these slopes intersect and also where the two 

side slopes m2et the surface. (5) Cut-and-fill section where part of the 
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section is in cut and part in fill, These will be either in the shape of triangles 
or of shapes similar to a portion of one of the above-named sections. (6) 
Compound sections are formed when materials of different classification 
occur in the same section, such as rock covered by earth. The ordinary 

classifications are earth, loose rock and solid rock. 

64. Fieldwork 

Cross-sections are taken not only at every full station but wherever there 
is a distinct change in slope along the center line and also where the surface 
on either side of the center line demands an intermediate section in order to 
represent properly the volume included between the cross-sections. Cross- 
sections are taken perpendicular to the center line of the road, and radially on 
curves. Before this work is begun the following data should be at hand: 
(1) The center line, marked with alignment stakes at every full station and 
propery numbered. (2) Notes of alignment and profile. (3) Record of 
B.M.’s established by the preliminary or location survey party. (4) Width 
of base for cut and for fill and side slopes to use for each class of material. A 
slope of 1-1/2 to 1 means 1-1/2 ft. horizontal to 1 vertical. 

To find the Cut or Fill at the Center set up the level and find the H.I. to 
the nearest hundredth of a foot. From the profile obtain the grade elevation 
at the given station. The H.I. minus the grade elevation gives the rod- 
reading for grade, which is computed to the nearest tenth of a foot. This 
grade is usually the subgrade on top of which the ballast is to be placed. 
Take a rod-reading on the ground at the center stake; the difference between 
the rod-reading for grade and the surface’rod-reading gives the cut or fill 
at that point. It is customary to record cuts as + and fills —. The center 

cut or fill could be found by determining the elevation of the ground and 
subtracting it from the H.I., but by using the rod-reading for grade these 
computations can be readily made mentally. The surface elevation is obtained 
by adding the cut to the grade elevation, or by subtracting in the case of fill. 
A grade stake is driven on the center line and marked with the cut or fill as 
follows, ‘‘C 3.2” or “F 6.7.” 

Slope Stakes are set at the points where the side slopes meet the ground. 
These stakes are also marked, giving the amount the ground is above or below 
the base of the section; it is called the cut or fill at the side slope, but strictly 
speaking there is no cut or fill at the slope stakes. The position of a slope 
stake is found by trial as follows. In the case of a cut, estimate from the 
center cut and slope of the surface what the probable side cut will be. The 
distance from the center stake to a point on the side slope having this cut 
equals (1/2 base + cut X slope). Make this computation roughly and 
measure out this distance from the center stake and take a rod-reading at 
that point. The rod-reading for grade (distance from H.I. to base of section) 
minus this surface rod-reading gives the cut at the trial point. Compute 
the distance out from the center stake to a point on the side slope having 

this cut. If this computed distance equals the measured distance from the 
center to the rod the trial point was the correct point; if not, then a second 
trial must be made by holding the rod on another point and repeating the 
operation. The difference between the measured and calculated distances 
is an aid in judging where the rod should be held for the second trial. After 
a little practice it will be possible in most cases to set the slope stake at the 
second trial. When the correct point is found the stake is marked ‘‘C,” 
followed by the feet and tenths of height of this surface point above the base. 
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The cut and the distance from the center to the slope stakes are entered in the 
notes. The same process is then repeated for the slope stake on the other side 
at the center. Rod-readings are taken at intermediate points if they are 
needed to define the shape of the surface; their positions are located by meas- 
uring the distances from the center stake, and the cut at these points is the 
difference between the rod-reading for grade and the surface rod-reading. 

A slope-board is sometimes used in setting slope stakes and in obtaining inter- 
mediate elevations. It consists of a long straight wooden board with a spirit-level 
mounted in its upper edge. After the center cut has been obtained by means of the 
level instrument, the leveling for the side stakes 
is done by means of the level-board and a“rod. 
It is particularly useful where there is considerable 
difference in elevation between the center and _ 
side stak2s because it obviates the necessity of 
making a new set-up of the level to obtain the ~ 
side heights. 

In Passing from Cut to Fill it is customary to 
take three intermediate sections: (1) at the 
point where the cut runs out (is zero) on the 
down-hill side line, (2) where the cut is zero on 

the center line, and (3) where the fill begins on the up-hill side line, as shown by 

sections B, C and Din Fig. 67. 

65. Methods of Computation 

To Compute the Volume of earthwork between two parallel cross-sections, 

let A; and Ag be the end areas, Am the area of a section midway between the 

ends, c; and cz the center heights at the end sections, D1 and Dz, the sums of 

the side distances d; and dz (Fig. 68), / the length of the solid and V its volume. 

By Average End Areas, V = 1/2 1 (Ai + A2), 
By Prismoidal Formula, V = 1/61 (Ai + 4Am + A»), 

By Average End Areas with prismoidal correction, 

Vi= 1/2 l (Ay + Ao) or 1/12 l (c1 =e C2) (D, — Dz»). 

When the given quantities are in feet V is in cubic feet and must be divided 

by 27 to obtain cubic yards. 

Fig. 68 Fig. 69 

The Areas of Sections must be found in order to use the above formula. 

Let 6 = width of base, c = center height, s = slope. Let hr and hy be side 

heights, dy and dj be side distances, and D = dp + dy. Then 

For a Level Section, Fig. 66, A =c(b +c). 

For a Three-Level Section, Fig. 68, A = 1/2{1/2. (hr + kn) + cD} 

For a Five-Level Section, Fig. 69, A = 1/2 (cb + erdr + erdi) 

Irregular Sections may be divided into geometrical figures as in Fig. 71, or into 

triangles by drawing diagonals from where the verticals meet 

the base (or base produced) to the surface end of the next 

vertical out, beginning at the center vertical, as shown in 

5 Fig. 70. If the latter rule is followed it will be found that 

Fig. 70 the dimensions of the pairs of triangles chosen will be 

readily taken from the cross-section notes. — : ; 

It is the practice of some engineers to plot irregular sections on cross-section paper 
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f'nd to obtain their areas by use of the planimeter. This is not so rapid nor so accurate 

t method as to compute the area as shown. Where the cross-sections are plotted, 

however, it gives an excellent opportunity to record on the 

x cross-sections by different colored ink lines the progress of 

hn ah the work from month to month; this is particularly useful 

ee >” Yr where the cutting is deep or for cross-sections of dams or 

Suv canals. The dimensions of the middle-section area, used 

Fig. 71 in the three-term prismoidal formula, are found by pro- 

portion from the dimensions of the two bases. 
The prismoidal formula gives an exact volume for a prismoid, which may be defined 

as “a solid having for its two ends any dissimilar parallel figures of the same number 
of sides, and all the sides of the solids plane figures.” It applies to prisms, wedges 
and pyramids bounded by planes and to similar solids bounded by warped surfaces. 
Any solid met with in earthwork computation may be divided into these solids, there- 
fore the formula applies to all ordinary cases of earthwork. It consumes considerable 
time to compute earthwork by the prismoidal formula method, which is for many cases 
more exact than is required, consequently the method of average end areas has 
become the most common. The end area method, however, gives results almost 
always too large. To obtain an exact result by the most rapid means, compute by 
the average end area method and then apply the prismoidal correction, which gives 

the same value as the prismoidal formula. 

A general method of computing areas applicable to those that are quite 
irregular was used considerably on I.C.C. valuation work. It is an application 

of the principle of Art. 16. 
The cross-section notes should | 
show a distance and a cut (or 
fill) for every angle point in 785.0 ~2.0 
the section. Write the cuts +120 pt Bec Rf 
above grade as + and those : 
below as —. Write the dis- 
tances to right of center as 
+ and those to left as —. 
Start at any cut and proceed 
clockwise around the figure : % : iy 
multiplying every cut by (the Fig. 72 
distance for point next in 
advance minus distance for point next back) always using algebraic signs. 

The algebraic values of these quotients divided by 2 is the area. 

Example: 
- o = 

+12.0[— 10.2 — (—14.6)] = 52.8 

+ 9.4[— 2.0 — (— 35.0)] = 310.2 
+11.3[+ 10.4 — (— 10.2)] = 232.8 

+ 8.9[+4 32.3 —(— 2.0)] = 305.3 
+11.2[+11.0 —(+10.4)] = 6.7 S 
— 3.0[+ 9.0 —(+32.3)] = 69.9 

— 1.2[ 0.0 —(4+11.0)] = 13.2 

+°1.0[—12.6-—( 0.0} = 12.6 

— 1.4[-14.6-(-— 9.0] = 7.8 

f — 1.6[— 35.0 —(—12.6)] = 35.8 

1034.5 12.6 
— 12.6 

2)1021.9 
510.9-sq. ft. 
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Correction for Curvature. In making the field measurements the cross-sections on 
curves are taken along radial lines AB, CD and EF (Fig. 73). But when the earth- 
work is computed each solid is assumed to have a length equal to the chord (GH or 
HJ) and to have end sections whose planes are perpendicular to the chord. For 

example, solids KGL — MHN and OHP — QJR are computed. It will be seen that 

the solid PMH has been included twice and that WOH has been omitted. If the cross- 

section taken at H is symmetrical about the center line, then these discrepancies 

balance, but if at H there is an unsymmetrical cross-section, then a correction must be 

applied. In Fig. 74 DF has been drawn so as to form a symmetrical figure with DE. 

For the cross-section EDF BA there is no correction, but for the portion FDC a cor- 

rection must be applied. This correction may be found by an application of Pappus’ 

Theorem, “ If a plane area lying wholly on the same side of a straight line in its own 

plane revolves. about that line and thereby generates a solid of revolution, the volume 

of that solid thus generated is equal to the product of the revolving area and the path 

described by the center of gravity of the plane area during the revolution.” For the 

case of Fig. 74 there applies Correction = (1/2 b + sc) (tr — M) (dr + dl) X 0.00291 B 

a 
Section 

Fig. 74 Fig. 75 

in which 8 = sum of half the central angle under the chords GH and HJ, so that, if 

GH and HJ are each 100 ft., then 8 = Degree of curve. In above formula 6 should 

be taken in degrees. If the greater area is on the outside of the curve the correc- 

tion should be added, and subtracted when the greater area is on the inside of the 

curve. 

When Openings are Left in Embankments for bridge sites the mass ABCDEF 

(Fig. 75) must be computed separately from the rest of the earthwork. It is com- 

posed of the wedge BCEF and of the quarter cones A BF and DCE, while abc repre- 

sents a section of the toe slope along the lines BA, BF, CE or CD. The volume by 

end-area method of the wedge BCEF = 1/2 (Area CE+Area BF) X BC. The volumes 

of the cones are found by the Pappus Theorem, or Volume of cone ABF = area abe 

1/3 de K 1/22. 
The prismoidal correction should be added to the volume obtained by the average- 

end-area method. If the prismoidal correction comes out minus, the numerical value 

is to be subtracted. This formula for prismoidal correction applies to complete sec- 

tions of earthwork whose bases are of equal width and bounded at their ends by 

3 level sections, triangles or lines. The prismoidal correction for a pyramid or cone 

is one-third the volume by end-area method and is always subtracted. In applying 

the prismoidal correction to a solid bounded by irregular sections, however, it is cus- 

tomary to find the dimensions of level sections having the same areas respectively 

as the two irregular sections and determine the prismoidal correction by using the 

dimensions of these two level sections. This is an approximation which is consistent 

with the accuracy of the original measurements taken in the field to define the irregular 

sections. 

66. Earthwork Tables 

Level-Section Tables are given below for bases from 12 to 42 ft., and for 

slopes of 1 to 1 and 1-1/2 to 1. They are especially useful in making pre- 

liminary estimates, but may also be used for other sections by finding the 

heights of level sections which give equivalent areas. 

The Prismoidal Correction Tables presented here give quantities to be sub- 

tracted from volumes obtained by the method of average end areas. Here 
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c1 — cy and Dj — D2 must be in feet, and then the quantity found will be in 

cubic yards. See pp. 532 and 533. 

Triangular Prism Tables for prisms with triangular bases and 100 ft. in 

length are given on pp. 534-537. To use this table each end section is divided 

into triangles, and the base a and altitude 6 of each triangle determined in feet. 

Then 1/2 ad is the area of the triangle and 100/54 ad is the volume in cubic 

yards of the triangular prism 100 ft. long. The tables here given have been 

compiled from the triangular prism tables computed by C. Frank Allen. 
His tables, however, were computed for prisms 50 ft. in length, and for some 
methods of earthwork computation they are more serviceable than tables for 

triangular prisms 100 ft. long. 

67. Haul; and Mass Diagram 

Haul. It is the practice with many engineers to pay the contractor for 
hauling earthwork as well as for excavation. This item of haul is usually 
computed as so many cubic yards hauled 100 ft. It is obviously imprac- 

ticable to trace each cubic yard of excavation to its place of deposit in em- 
bankment, so the average haul is computed. The average length of haul is 
the distance between the center of gravity of a mass of earth in cut and the 

center of gravity of the same mass after it has been deposited in fill. This 
distance (in feet) times the quantity hauled gives the haul in units of cubic 
yards hauled one foot. The best way to treat this computation is to consider 
it in two parts: (1) compute the haul of the cut portion to a vertical plane 
where the cut ends and the fill begins, (2) compute the haul of the fill portion 
beginning at the same plane. The practice is growing to allow no payment 
for any haul found necessary and thus avoid this troublesome item. If, there- 
fore, there will be considerable haul the prices bid for excavation will run 
relatively high. 

To Find the Center of Gravity of a large mass of earthwork composed of 
several individual volumes of different shape and size it is necessary either to 
find the position of the center of gravity of each solid and treat the computa- 
tion of haul as separate loads comprising the volumes contained in a length 
of 100 ft. (or shorter), or else to assemble these 100-ft. solids in some manner 

so as to obtain the position of the center of gravity of a series of solids. The 
latter method may be applied when the individual solids are of equal lengths. 
Where the lengths are not alike, such as for example where sections have 

been taken at plus stations, the haul of the material in these volumes of odd 
length must be computed as a separate item as follows: 

If the solid had end sections of equal area its center of gravity would be midway 
between the ends, but where the end sections are unequal the center of gravity of 
the solid will lie nearer the larger than the smaller end. An expression for the distance 
from the mid-section of a volume of earthwork to its center of gravity is 

xl = 2 (Ay — Ag)/12 V7 for solid of length J 
or Xj99 = 100 (Sy — S2)/6Vy for solid 100 ft. long, 

where x and 2109 = distance in feet from mid-section to the center of gravity of solids 
of length / and 100 ft. respectively; A, and Ag = area of end sections in square feet; 
1 = length of solid in feet; S,; and Sy = volume in cubic yards of prisms each 50 ft. 
long whose end sections are Ay and Ag respectively; Vy = volume in cubic feet ina 
solid of length / and with A; and Ag for end sections; and Vy = same volume in cubic 
yards of a 100-ft. solid with A; and Ag for end sections. If the solid is less than 100 ft. 
in length then x = x99 X//100. The distance of the center of gravity from the 
end of the volume being known, its distance from any station is easily found, and the 
haul to that station will equal this distance times the cubic yards in the solid. 
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The Mass Diagram gives the best means of measuring haul and of making 
studies of the comparative economy of different schemes of haul and of 
excavation and filling. Fig. 76 represents a 
portion of a railroad profile and its mass 
diagram which is plotted as follows: At Sta. 0 
the ordinate is zero, at Sta. 1 the ordinate 
represents the quantity of earth between 
Sta. 0 and Sta. 1, at Sta. 2 it represents the 
quantity from Sta. 0 to Sta. 2. So that at 
any station the ordinate ‘represents,the 
algebraic sum of all the quantities from 
Sta. 0 up to that station, excavation being 
conside-ed positive and embankment nega- 
tive. This diagram (Fig. 76) shows that 
from Sta. 0 to 28 the cut and fill balance and that from Sta. 0 to 40 there is a 

little excess of cut. 

The Properties of a Mass Diagram are: (1) High and low points in the mass 
diagram curve occur at points of no cut and fill on the profile. (2) In the mass 
diagram descending lines denote embankment and ascending lines excavation. 
(3) The difference in length (algebraically) between any two ordinates is a 

measure of the total quantity of material between the stations at which the 

ordinates are drawn. (4) Excavation equals embankment between any two 

points where a horizontal line intersects the mass diagram. (5) The area 

between a horizontal line and the curve of mass diagram is a measure of the 

haul between the two stations where the horizontal line cuts the diagram. 

Referring to Fig. 76, the horizontal lines ab, ce, and fh are drawn in a manner ex- 

plained below. Vertical lines projected from a, b, c, d, etc., to the profile will show 

between which stations the material must be hauled, borrowed or wasted. From 

Sta. 7 to Sta. 12, for example, the material is to be hauled. The earth in excavation 

just beyond Sta. 10 is thrown over into fill, each load being carried a short distance 

at first, the distance the material is hauled increasing until material at Sta. 12 is 

hauled to Sta. 7, whichis called the limit of economical haul. If the cost of earthwork 

in cut and in fill and the cost of haul are known the length of haul beyond which it is 

more economical to waste excavated material and to borrow embankment may be 

readily calculated. This assumes, of course, that the material in cut can be wasted 

and that filling may be taken from a nearby borrow-pit, both without any appreciable 

haul or cost for material. Assuming that the economical limit of haul is 1000 ft., then 

the line ab should be drawn 1000 ft. long. Line fgh is drawn tangent to the curve at 

g, for had it been drawn lower than g, fg would be greater than 1000 ft., and had it 

been drawn a little higher than its present position then point f would fall further to 

the right and point #4 further to the left, with the result that more material would be 

wasted between Sta. 24 and 31 and more borrowed beyond Sta. 39 than is nere shown, 

and this extra material would be wasted and borrowed while it was more economical] 

to haul it. The line fg as drawn, then, represents the best economy. Similarly the 

line cde is in the most economical position. It is drawn so as to make the sum of the 

areas above cd and below de a minimum, and these are a minimum when cd = de. 

This is the most economical condition as regards the cost of earthwork because, had 

cd been drawn any lower, it would have decreased the waste at Sta. 16 and increased 

the waste at Sta. 25 by exactly the same amount, but it would have made the sum of 

the two areas cut off by the horizontal line larger than at present, and this would 

have meant an increase in the amount of haul which is measured by these areas. 

Evidently the amount borrowed from Sta. 0 to 7 is the ordinate at a, the waste from 

12 to 16 is the difference between the ordinates at b and c, and the waste from Sta. 25 

to 31 is the sum (algebraic difference) of the ordinates at ¢ and f. The beginning of 

a borrow is shown at Sta. 40. 

Free Haul. It is sometimes provided that no payment shall be made for 

earth hauled less than a specified distance. The haul of any material carried 
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Level Sections, Slopes 1 to 1. Cubic Yards for 100 Ft. in Length 

Base in feet 

12 14 16 18 20 22 24 26 

48 56 63 70 78 85 93 100 | 

104 119 133 148 163 178 193 207 

167 189 211 233 256 278 300 322 

237 267 296 326 356 385 415 444 

315 352 389 426 463 500 537 574 | 

400 444 489 533 578 622 667 711 
493 544 596 648 700 752 804 856 | 

593 652 711 770 830 889 948 1007 | 

700 767 833 900 967 1033 1100 1167 | 

815 889 963 1037 1111 1185 1259 1333y4 1 

937 1019 1100 1181 1263 1344 1426 1507" | 
1067 1156 1244 1333 1422 1511 1600 1689 | 
1204 1300 1396 1493 1589 1685 1781 1878 | 
1348 1452 1556 1659 1763 1867 1970 2074 
1500 1611 1722 1833 1944 2056 2167 2278 

1659 1778 1896 2015 2133 2252 2370 2489 
1826 1952 2078 2204 2330 2456 2581 2707 
2000 2133 2267 2400 2533 2667 2800 2933) '} 
2181 2322 2463 2604 2744 2885 3026 3167 
2370 2519 2667 2815 2963 3111 3259 3407 

2567 2722 2878 3033 3189 3344 3500 3656 
2770 2933 3096 3259 3422 3585 3748 3911 
2981 3152 3322 3493 3663 3833 4004 4174 
3200 3378 3556 3733 3911 4089 4267 4444 
3426 3611 3796 3981 4167 4352 4537 4722 

3659 3852 4044 4237 4430 4622 4815 $007 
3900 4100 4300 4500 4700 4990 5100 5300 
4148 4356 4563 4770 4978 5185 5393 5600 
4404 4619 4833 5048 5263 5478 5693 5907 
4667 4889 Sill 5333 5556 5778 6000 6222, | 

4937 $167 5396 5626 5856 6085 6315 6544 
5215 5452 5689 5926 6163 6400 6637 6874 
5500 5744 5989 6233 6478 6722 6967 7211 
5793 6044 6296 6548 6800 7052 7304 7556 
6093 6352 6611 6870 7130 7389 7648 7907 
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Level Sections, Slopes 1 to 1. 

Depth 
in 

feet 

CONIA aAhwnre 
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Cubic Yards for 100 Ft. in Length 

Base in feet 

28 30 32 34 36 38 40 42 

107 | 115 122 130 137 144 152 159 
222'| 237 252 267 281 296 311 326 
344: 367 389 All 433 456 478 500 
474} 504 533 563 593 622 652 681 
611} 648 685 722 759 796 833 870 
7561 800 844 839 1 933 978 1022 1067 
907 | 959 | 1011 | 1063 | 1115 | 1167 | 1219: | 1270 

1067} 1126} 1185} 1244] 1304 | 1363 | 1422] 1481 
1233 | 1300 |° 1367 | 1433 | 1500 | 1567 | 1633 | 1700 
1407 |: 1481 |’ 1556 |. 1630 | 1704 |: 1778 | 1852. | 1926 
1589 | 1670 | 1752 | 1833. |) 1915 | 1996 | 2078 | 2159 
1778 | 1867 | 1956 | 2044 |: 2133. |° 2222 | 2311 | 2400 
1974 | 2070 | 2167 | 2263. | 2359 | 2456 | 2552| 2648 
2178 | 2281 | 2385 | 2489 | 2593 | 2696 | 2800 | 2904 
2389 | 2500 | 2611 | 2722 |: 2833 | 2944 | 3056 | 3167 
2607 | 2726 | 2844 | 2963°|- 3081 | 3200 | 3319 | 3437 
2833 | 2959. |. 3085 |. 3211 |° 3337 |. 3463 | 3589.) 3715 
3067. | 3200 | 3333 | 3467 | 3600 | 3733 | 3867} 4000 
3307 | 3448 | 3589 | 3730 | 3870 | 4011 | 4152 | 4293 
3556 | 3704 | 3852 | 4000 | 4148 | 4296 | 4444 | 4593 

3811 | 3967 | 4122 | 4278 | 4433 | 4589 | 4744 | 4900 
4074 | 4237 | 4400 | 4563 | 4726 | 4889 | sos2 | 5215 
4344 | 4515 | 4685 | 4856 | 5026 | 5196 | 53674 5537. 
4622 |. 4800 | 4978 | 5156 | 5333 | 5511 | 5689 | 5867 

| 4907.| 5003. | 5278 | 5463 | 5648 | 5833 | 6019 | 6204 

5200 | 5393 | 5585 | 5778 | 5970. | 6163 | 6356 | 6548 
5500 | 5700 | 5900 | 6100 | 6300 | 6500 | 6700 | 6900 
5807 | 6015 | 6222 |° 6430 | 6637 | 6844 | 7052 | 7259 
6122.| 6337 | 6552.4 6767. | 6981 | 7196 | 7411 | 7626 
6444 | 6667 | 6889 | 7111 | 7333 | 7556 | 7778 | 8000 

6774} 7004 | 7233 | 7463 | 7693 |° 7922) |) 8152. | 8384 
111 | 7348 (0 7585 | 7822 | 8059 | 8296.| 8533 | 8770 
7456.| 7700. | 7944 | 8189 | 8433. | 86789} 8922 | 9167 
7807 | 8059 | 8311. | 8563 | 8815 | 9067 | 9319 | 9570 
8167 | 3426 | 8685 | 38944 | 9204 | 9463 | 9722 | 9981 

3533 | 8800 | 9067 | 9333 | 9600 | 9867 | 10133 | 10400 
007 |. 9181 | 9456 | 9730 | 10004 | 10278 | 10552 } 10826 
9289 | 9570. | 9852. | 10133 | 10415 | 10696 | 10978 | 11259 
9678 | 9967 | 10256 | 10544 | 10833 | 11122 | 11411 | 11700 
10074 | 10370 | 10667 | 10963 | 11259 | 11556 | 11852 | 12148 

10478 | 10781 | 11085 | 11389 | 11693 | 11996 | 12300 | 12604 
10389 | 11200 | 11511 |.11822 | 12133 | 12444 | 12756 | 13067 
11307 | 11626 | 11944 | 12263 | 12581 | 12900 | 13219 | 13537 
11733 | 12059 | 12385 | 12711 | 13037. | 13363 | 13689 | 14015 
12167 | 12500 | 12833 | 13167 | 13500 | 13833 | 14167 | 14500 

12607 | 12948 | 13289 | 13630 | 13970 | 14311 | 14652 | 14993 
13086 | 13404 | 13752 | 14100 | 14448 | 14796 | 15144 || 15493 
13511 | 13867 | 14222 | 14578 | 14933 | 15289 | 15644 | 16000 
13974 | 14337 | 14700 | 15003 | 15426 | 15789 | 16152 | 16515 
14444 | 14815 | 15185 | 15556 | 15926 | 16296 | 16667 | 17037 

149221 15300 | 15678 | 16056 | 16433 | 16811 | 17189 | 17567 
15407 | 15793 | 16178 | 16563 | 16948 | 17333 | 17719 || 18104 

| 15900 | 16293 | 16685. ! 17078 | 17470. + 17863__| 18256 _| 18648 



530 Earthwork Computations Sect. 6 

Level Sections, Slopes 1-1/2 to 1. Cubic Yards for 100 Ft. in Length 

Base in feet 

12 14 

50 57 
111 126 
183 206 
267 296 
361 398 

467 $11 
583 635 
711 770 
850 917 

1000 1074 

1161 1243 
1333 1422 
1517 1613 
1711 1815 
1917 2028 

2133 2252 
2361 2487 
2600 2733 
2850 2991 
3111 3259 

3383 3539 
3667 3830 
3961 4131 
4267 4444 
4583 4769 

4911 5104 
5250 $450 
5600 5807 
5961 6176 
6333 6556 

6717 | 6946 
7111 7348 
7517 7761 
7933 8185 
8361 8620 

8800 9067 
9250 9524 
9711 9993 

10183 | 10472 
10667 | 10963 

11161 | 11465 
11667 | 11978 
12183 | 12502 
12711 | 13037 
13250 | 13583 

13800 | 14141 
14361 | 14709 
14933 | 15289 
15517 | 15880" 
16111 | 16481 

16717 | 17094 
17333 | 17719 
17961 | 18354 



Art. 67, Haul; and Mass Diagram §31 

Level, Sections, Slopes 1-1/2 to 1. Cubic Yards for 100 Ft. in Length 
Depth Base in feet 

in | 
feet | 28 30 32 34 36). 38 

1 109 117 124 131 139 146 

4 230 244 259 274 289 304 

3 361 383 406 428 450 472 

4 504 $33 563 593 622 652 

5 657 694 731 769 806 843 

6 822 867 911 956 |~ 1000 1044 

7 998 1050 1102 1154 1206 1257 

8 1185 1244 1304 1363 1422 1481 

9 1383 1450 1517 1583 1650 1717 

41 13591 | 13894 14198 14502 14806 15109 

SESS aRES 
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Prismoidal Corrections in Cubic 

Ci — Co = 1 2 3 4 5 6 ve 8 9 

D; — Dz 
0.1 0.03 | 0.06 | 0.09 | 0.12 0.15 0.19 0.22 0.25 0.28 
0.2 0.06 | 0.12 | 0.19 | 0.25 0.31 Q.37 0.43 0.49 0.56 
0.3 0.09 | 0.19 | 0.28 | 0.37 0.46 0.56 0.65 0.74 0.83 
0.4 0.12 | 0.25 | 0.37 | 0.49 0.62 0.74 0.86 0.99 1.11 
0.5 0.15 | 0.31 | 0.46 | 0.62 0.77 0.93 1.08 1,23 1.39 

0.6 0.19 | 0.37 | 0.56 | 0.74 0.93 1.11 1.30 1.48 1.67 
0.7 0.22 | 0.43 | 0.65 | 0.86 1.08 1.30 1.51 1.73 1.94 
0.8 0.25 | 0.49 | 0.74 | 0.99 1,23 1.48 1.73 1.98 2.22 
0.9 | 0.28 | 0.56 | 0.83 | 1.11 1.39 1.67 1,94 2:22 2.50 
1.0 0.31 | 0.62 } 0.93 | 1.23 1,54 1.85 2.16 2.47 2.78 

PS 0.34 | 0.68 | 1.02 | 1.36 1.70 2.04 2.38 2512 3.06 
1.2 0.37 | 0.74 | 1.11 } 1.48 1.85 2522 2.59 2.96 3.33 
1,3 0.40 | 0.80 | 1.20 | 1.60 2.01 BAL 2.81 3.21 3.61 
1.4 0.43 | 0.86 | 1.30 | 1.73 2.16 2.59 3.02 3.46 3.89 
1.5 0.46 | 0.93 | 1.39 | 1.85 2.31 2.78 3.24 3.70 4.17 

1.6 0.49 | 0.99 | 1.48 } 1.98 2.47 2.96 3.46 3.95 4.44 
1.7 0.52 | 1.05 | 1.57 | 2.10 2.62 3.15 3.67 4.20 4.72 
1.8 0,56 | 1.11 }.1.67 | 2.22 2.78 3.33 3.89 4.44 5.00 
1.9 O59n 4. Weed. 76 PEZI35 2593 3.52 4.10 4.69 5.28 
2.0 0.62.) 1.23 | 1.85 | 2.47 3.09 3.70 4.32 4.94 5.56 

2.1 0.65.] 1.30 {1.94 | 2.59 3.24 3.89 4.54 Sold 5.83 
2.2 0.68 | 1.36 | 2.04 | 2.72 3.40 4.07 4.75 5.43 6.11 
2.3 O:71| 1.42.) 2.13 p 2084 3.55 4.26 4.97 5.68 6.39 
2.4 0.74 | 1.48 | 2.22 | 2.96 3.70 4.44 SJB) &, 5.93 6.67 
2.5 O277e| 1.54) 2.31- S209 3.86 4.63 5.40 6.17 6.94 

2.6 0.80 | 1.60 | 2.41 } 3.21 4.01 4.81 5.62 6.42 ige* 
2.7 OPSS" | 1. 6¥=1 92°50 153.33 4.17 5.00 5.83 6.67 7.50 
2.8 0.86 | 1.73 | 2.59 | 3.46 4.32 3.19 6.05 6.91 thine) 
2.9 OF9O™ F796 12.09 [se 4,48 S37. 6.27 7.16 8.06 
3.0 0.93'| 1.85 |°2.78 | 3.70 4.63 5.56 6.48 7.41 8.33 

3.1 OEVG= TOF | 2 ae Tans 4.78 5.74 6.70 7.65 8.61 
3:2 OrooN) 19S. 12.96) 13.95 4.94 3.93 6.91 7.90 8.89 
3.3 1,02 | 2.04 | 3.06 | 4.07 5.09 6.11 fem ls 8.15 er ye 
3.4 1.0577 2100S. 55 [20 GVA 6.30 739 8.40 9.44 
3.5 1.08 | 2.16 | 3.24 | 4.32 5.40 6.48 7.56 8.64 9.72 

3.6 1.41-°) 2.22 | 3.33 |. 4.44 5-96 6.67 7.78 8.89 | 10.00 
3.7 1,14.) 2.28.) 3.43 | 4,57 Svihed 6.85 7.99 9.14 | 10.28 
3.8 UUs AS RESIS) 01 MOC AIM eS) 5.86 7.04 8.21 9.38 | 10.56 
3.9 1.20.) 2.41, ).3.61, [4.8L 6.02 TQ 8.43 9.63, |, 10.83 
4.0 1.23 | 2.47 | 3.70 | 4.94 6.17 7.41 8.64 9.88 1 10 41 
4.1 1,27.| 2.53 -) 3.80 |.5,06 6.33 7.59 8.86 | 10.12 | 11.39 
4.2 1,30 | 2.59 | 3.89 |. 5.19 6.48 7.78 9.07. | 10.37 | 11.67 
4.3 1,33] 2.65 | 3.98 | 5.31 6.64 7.96 9.29 | 10.62 | 11.94 
4.4 1.36 | 2.72 | 4.07 |.5.43 6.79 8.15 9.51 | 10.86 | 12,22 
4.5 1.39 | 2.78 | 4.17 | 5.56 6.94 8.33 9.72.) 14.11. | 12.50 
4.6 1.42 | 2.84 | 4.26 | 5.68 7.10 8.52 9.94 | 11.36 |'12.78 
4.7 1.45. | 2.90} 4.35 |.5.80 7.25 8.70 | 10.15 | 11.60 | 13.06 
4.8 1.48 | 2.96 | 4.44 | 5.93 7.41 8.89 | 10.37 | 11.85 | 13.33 
4.9 1.51 | 3.02 | 4.54 | 6.05 7.56 9.07 | 10.50 | 12.10°| 13.61 

Ny ba Sn: 1.54 | 3.09 | 4.63 |.6.17 7.72 | 9.26 | 10.80. | 12.35 |,13.89 

Cy —Co = 1 2 3 4 5 6 qj 8 9 



Art. 67 * Haul; and Mass Diagram - 533 

Yards for a Solidity 100 Ft. Long 

c) —C2 = 1 2 3 4 5 6 . 8 9 

D; — Dez 
Lp T-5/\.5.19 -2-42 | p-30 7.87 9.44 | 11.02 | 12.59 | 14.17 

oy 1.60 | 3.21 | 4.81 | 6.42 8.02 9.63 | 11.23 | 12.84 | 14.44 

5.3 1.64 | 3.27 | 4.91 | 6.54 8.18 9.81 | 11.45 | 13.09 | 14.72 

5.4 1.67 | 3.33 | 5.00 | 6.67 8.33 | 10.00 | 11.67 | 13.33 | 15.00 

ao 1.70 | 3.40 | 5.09 (6.79 8.49 | 10.19 | 11.88 | 13.58 | 15.28 

5.6 1.73 | 3.46 | 5.19 | 6.91 8.64 | 10.37 | 12.10 | 13.83 | 15.56 

S7: 1.76 | 3.52 | 5.28 | 7.04 8.80 | 10.56 | 12.31 | 14.07 | 15.83 

5.8 1.79 | 3.58 | 5.37 | 7.16 8.95 | 10.74 | 12.53 | 14.32 | 16.11 

5.9 1.82 | 3.64 | 5.46 | 7.28 “D104 10°93] 12.75 | 14557 | 16739 

6.0 1.85 | 3.70 | 5.56 | 7.41 9.26 | 11.11 | 12.96 | 14.81 | 16.67 

6.1 fs || 3. Fa-|) 5. 65-| 7-53 9.41 | 11.30 | 13.18 | 15.06 | 16.94 

6.2 1.91 | 3.83 | 5.74 | 7.65 9.57 | 11.48 | 13.40 | 15.31 | 17.22 

6.3 1.94 | 3.89 | 5.83 | 7.78 9.72 | 11.67 | 13.61 | 15.56 | 17.50 

6.4 1.98 | 3.95 | 5.93 | 7.90 9.88 | 11.85 | 13.83 | 15.80 | 17.78 

6.5 2.01 | 4.01 | 6.02 | 8.02 | 10.03 | 12.04 |] 14.04 | 16.05 | 18.06 

6.6 2.04 | 4.07 | 6.11 | 8.15 | 10.19 | 12.22 | 14.26 | 16.30 | 18.33 

6.7 2.07 | 4.14 | 6.20 | 8.27 | 10.34 | 12.41 | 14.48 | 16.54 | 18.61 

6.8 2.10 | 4.20 | 6.30 | 8.40 | 10.49 | 12.59 | 14.69 | 16.79 | 18.89 

6.9 2.13 | 4.26 | 6.39 | 8.52 | 10.65 | 12.78 | 14.91 | 17.04 | 19.17 

7.0 2.16 | 4.32 | 6.48 | 8.64 | 10.80 | 12.96 | 15.12 | 17.28 | 19.44 

fig 2-19 | 4.38 | 6.57 | 8.77 | 10.96 | 13.15] 15.34 | 17.53 | 19.72 

(ia4 2.22 | 4.44 | 6.67 | 8.89 | 11.14 | 13.33 | 15.56 | 17.78 | 20.00 

T.3 2.25 | 4.51 | 6.76 | 9.01 | 11.27 | 13.52 | 15.77 | 18.02 | 20.28 

7.4 2.28 | 4.57 | 6.85 | 9.14 | 11.42 | 13.70 | 15.99 | 18.27 | 20.56 

Tes 2.31 | 4.63 | 6.94 | 9.26 | 11.57 | 13.89 | 16.20 | 18.52 | 20.83 

7.6 2.35 | 4.69 | 7.04 | 9.38 | 11.73 | 14.07 | 16.42 | 18 TH | 2049 

Dal, 2.38 | 4.75 | 7.13 | 9.51 | 11.88 | 14.26 | 16.64 | 19.01 | 21 39 

7.8 2.41 | 4.81 | 7.22 | 9.63 | 12.04 | 14.44 | 16.85 | 19.26 | 21 
67 

7.9 2.44 | 4.88 | 7.31 | 9.75 | 12.19 | 14.63 | 17.07') 19.51 | 21:94 

8.0 2.47 | 4.94 | 7.41 | 9.88 | 12.35 | 14.81 | 17.28 | 19.75 | 22.2
2 

8.1 2.50 | 5.00 | 7.50 |10.00 | 12.50 | 15.00 | 17 50 | 20.00 | 22.50 

8.2 2.53 | 5.06 | 7.59 |10.12 | 12.65 | 15.19 | 17 72-\ 20.25 || 22.78 

8.3 2.56 | 5.12 | 7.69 |10.25 | 12.81 | 15.37 17.93 | 20.49 | 23.06 

8.4 2.59 | 5.19 | 7.78 |10.37'] 12.96 | 15.56 | 18 15 | 20.74 | 23,33 

8.5 2.62 | 5.25 | 7.87 {10.49 | 13.12 | 15.74 | 18 36 | 20.99 | 23.61 

8.6 2.65 | 5.31 | 7.96 |10.62 | 13.27 | 15.93 18.58 | 21.23 | 23.89 

8.7 2.69 | 5.37 | 8.06 {10.74 | 13.43 | 16.11 18.80 | 21.48 | 24.17 

i 8.8 2.72 5.43 | 8.15 |10.86 | 13.58 | 16.30 | 19.01 | 21 73 | 24.44 

| 8.9 2.75 | 5.49 | 8.24 |10.99 | 13.73 | 16.48 19.23 | 21.97 | \24.72 

9.0 2.78) 5.56 | 8.33 |11.11 | 13.89 | 16.67 | 19 44 | 22.22 | 25.00 

9.1 2.81 | 5.62 | 8.43 |11.23 | 14.04 | 16.85 19.66 | 22.47 | 25.28 

9.2 2.84 | 5.68 | 8.52 |11.36 | 14.20 | 17.04 19.88 | 22.72 | 25.56 

9.3 2.87 | 5.74 | 8.61 {11.48 | 14.35 | 17.22 20.09 | 22.96 | 25.83 

9.4 2.90 | 5.80 | 8.70 |11.60 | 14.51 | 17.41 20°34 >| Z3S21 "| 260 ta 

9.5 2.93 | 5.86 | 8.80 |11.73 | 14.66 17.59 | 20.52 | 23.46 | 26.39 

9.6 2.96 | 5.93 | 8.89 |11.85 | 14.81 | 17.78 | 20 74 | 23.70 | 26.67 

9.7 2.99 | 5.99 | 8.98 |11.98 | 14.97 | 17.96 | 20 96 | 23.95 | 26.94 

9.8 3.02 | 6.05 | 9.07 |12.10 | 15.12 18245°| 217477) 24220/|:27.22 

9.9 3.06 | 6.11 | 9.17 |12.22 | 15.28 | 18.33 | 21.39 24.44 | 27.50 

10.0 3.09 | 6.17 | 9.26 |12.35 | 15.43 | 18.52 | 21 60 | 24.69 | 27.78 

ca — Cy — 1 fy 3 4 5 6 7 8 9 
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Triangular Prisms. Cubic Yards for 100 Ft. in Length 
ORR iiesc Joga ger tate mninete rie a 

Height Width in feet 

O00 WHOOnrnt NIAAA UP P PW WBHWONHHKF KF ROO 

-_ _—_ 

pre COCO 

For explanation see p, 526. Continued on next page 
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Triangular Prisms. Cubic Yards for 100 Ft. in Length 

Width in feet 

in 5 

feet 4 5 6 7 8 9 

10.0 | 18.5 37.0 55.6 74.1 92.6 | 111.1 | 129.6 | 148.2 | 166.7 

10.2 | 18.9 37.8 56.7 75.6 94.4 | 113.3 | 132.2 | 151.1 | 170.0 

10.4 | 19.3 38.5 57.8 77.0 96.3 | 115.6 | 134.8 | 154.1 | 173.3 

z 10.6 | 19.6 39.3 58.9 |, 78.5 98.2 | 117.8 | 137.4 | 157.0 176.7 

10.8 | 20.0 40.0 60.0 80.0 | 100.0 | 120.0 | 140.0 | 160.0 | 180.0 

11.0 | 20.4 40.7 61.1 81.5 | 101.9 | 122.2 | 142.6 | 163.0 | 183.3 

11.2 | 20.7 41.5 62.2 83.0 | 103.7 | 124.4 | 145.2 | 165.9 | 186.7 

11.4 |} 21.1 42.2 63.3 84.4 | 105.6 | 126.7 | 147.8 | 168.9 | 190.0 

11.6 | 21.5 43.0 64.4 85.9 | 107.4 | 128.9 | 150.4 | 171.9 | 193.3 

: 11.8 | 21.9 43.7 65.6 87.4 | 109.3 | 131.1 | 153.0 | 174.8 | 196.7 

12:0 | 22.2 44.4 66.7 88.9 | 111.1 | 133.3 | 155.6 | 177.8 | 200.0 
12.2 | 22.6 45.2 67.8 90.4 | 113.0 | 135.6 | 158.2 | 180.7 | 203.3 
12.4 | 23.0 45.9 68.9 91.9 | 114.8 | 137.8 | 160.7 | 183.7 | 206.7 

12.6 | 23.3 46.7 70.0 93.3 | 116.7 | 140.0 | 163.3 | 186.7 | 210.0 

12.8 | 23.7 47.4 TP st 94.8 | 118.5 | 142.2 | 165.9 | 189.6 | 213.3 

13.0 | 24.1 48.1 ee) 96.3 | 120.4 ; 144.4 | 168.5 | 192.6 | 216.7 

13.2 | 24.4 48.9 fie 97.8 | 122.2 | 146.7 | 171.1 | 195.6 | 220.0 

13.4 | 24.8 49.6 74.4 99.3 | 124.1 | 148.9 | 173.7 | 198.5 | 223.3 

13.6 | 25.2 50.4 75.6 | 100.7 | 125.9 | 151.1 | 176.3 | 201.5 | 226.7 
> | 13.8 | 25.6 Ln a 76.7 | 102.2 | 127.8 | 153.3 | 178.9 | 204.4 | 230.0 

14.0 | 25.9 51.9 77.8 | 103.7 | 129.6 | 155.6 | 181.5 | 207.4 | 233.3 

14.2 | 26.3 52.6 78.9 | 105.2 | 131.5 | 157.8 | 184.1 | 210.4 | 236.7 

14.4 | 26.7 53.3 80.0 | 106.7 | 133.3 | 160.0 | 186.7 | 213.3 | 240.0 

14.6 | 27.0 54.1 81.1 | 108.2 | 135.2 | 162.2 | 189.3 | 216.3 | 243.3 

14.8 | 27.4 54.8 82.2 | 109.6 | 137.0 | 164.4 | 191.9] 219.3 | 246.7 

15.0 | 27.8 55.6 83.3 | 111.1 | 138.9 | 166.7 | 194.4 | 222.2 | 250.0 
15.2 | 28.1 56.3 84.4 | 112.6 | 140.7 | 168.9 | 197.0 | 225.2 | 253.3 

—| 15.4 | 28.5 57.0 85.6 | 114.1 | 142.6 | 171.1 | 199.6 | 228.2 | 256.7 

15.6 | 28.9 57.8 86.7 | 115.6 | 144.4 | 173.3 | 202.2 | 231.1 260.0 

15.8"| 29.3 58.5 87.8 | 117.0 | 146.3 | 175.6 | 204.8 | 234.1 | 263.3 

16.0 | 29.6 59.3 88.9 | 118.5 | 148.2 | 177.8 | 207.4 | 237.0 | 266.7 
16.2 | 30.0 60.0 90.0 | 120.0 | 150.0 | 180.0 | 210.0 | 240.0 | 270.0 

16.4 | 30.4 60.7 91.1 | 121.5 | 151.9 | 182.2 | 212.6 | 243.0 | 273.3 

16.6 | 30.7 61.5 92.2 | 123.0 | 153.7 | 184.4 | 215.2 | 245.9 | 276.7 

16.8 | 31.1 62.2 93.3 | 124.4 | 155.6 | 186.7 | 217.8 | 248.9 | 280.0 

17.0 | 31.5 63.0 94.4 | 125.9 | 157.4 | 188.9 | 220.4 | 251.9 | 283.3 

97¢2? || 31:9 63.7 95.6 | 127.4 | 159.3 | 191.1 | 223.0 | 254.8 | 286.7 

VF24> |) 32.2 64.4 96.7 | 128.9 | 161.1 | 193.3 | 225.6 | 257.8 | 290.0 

‘| 17.6 | 32.6 65.2 97.8 | 130.4 | 163.0 | 195.6 | 228.2 | 260.7 | 293.3 

17.8 | 33.0 65.9 98.9 | 131.9 | 164.8 | 197.8 | 230.7 | 263.7 | 296.7 

18.0 | 33.3 66.7 | 100.0 | 133.3 | 166.7 | 200.0 | 233.3 | 266.7 | 300.0 

18.2 | 33.7 67.4 | 101.1 | 134.8 | 168.5 | 202.2 | 235.9 | 269.6 | 303.3 

18.4 | 34.1 68.1 | 102.2 | 136.3 | 170.4 | 204.4 | 238.5 | 272.6 | 306.7 

18.6 | 34.4 68.9 | 103.3 | 137.8 | 172.2 | 206.7 | 241.1 | 275.6 | 310.0 

18.8 | 34.8 69.6 | 104.4 | 139.3 | 174.1 | 208.9 | 243.7 | 278.5 | 313.3 

19.0 | 35.2 70.4 | 105.6 | 140.7 | 175.9 | 211.1 | 246.3 | 281.5 | 316.7 

19.2 | 35.6 71.1 | 106.7 | 142.2 | 177.8 | 213.3 | 248.9 | 284.4 | 320.0 

19.4 | 35.9 71.9 | 107.8 | 143.7 | 179.6 | 215.6 | 251.5 | 287.4 | 323.3 

19.6 | 36.3 79.6 | 108.9 | 145.2 | 181.5 | 217.8 | 254.1 | 290.4 | 326.7 

19.8 | 36.7 73.3 | 110.0 | 146.7 | 183.3 | 220.0 | 256.7 | 293.3 | 330.0 

Continued on next page 
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Triangular Prisms. Cubic Yards for 100 Ft. in Length 

Height Width in feet 

in - ] ] 

feet 1 2 3 4 5 6 7 8 9 

So hGo nat UNO GI NO Wat LOO I Ol DOWN OI Ow 

Continued on next page 
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Haul; and Mass Diagram 

Triangular Prisms. Cubic Yards for 100 Ft. in Length 
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Width in feet 

8 
6 
5 
3 
2 

0 
9 
7 
6 
4 

3 
1 
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9 
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0 
9 
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9 
7 
6 
4 
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1 
0 
8 
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Z 
7 
2 
7 
2 

6 
1 
6 
1 
6 

0 
5 
0 
5 
0 

4 
9 

9 
4 

9 
3 
8 
3 
8 

is 
> 
2 
7 
2 

7 
2 
6 
1 
6 

1 
6 
0 
5 
0 

5 
0 
4 
9 
4 

9 
4 
9 
3 
8 

For explanation see p. 526. 
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beyond this free-haul limit is called overhaul. The limits of free haul and 
the method of computing overhaul have been defined by the Amer. Ry. Engrs. 
and M. of W. Assoc. in its 1921 Manual. 

“ The limits of free haul shall be determined by fixing on the profile two points, one 
on each side of the neutral grade point, one in excavation and the other in embank- 
ment, such that the distance between them equals the specified free-haul limit and 
the included quantities of excavation and embankment balance. All haul on material 
beyond this free-haul limit will be estimated and paid for on the basis of the following 
method of computation: 

“All material-within this limit of free haul will be eliminated from further considera- 
tion. 

“The distance between the center of gravity of the remaining mass of excavation 
and center of gravity of the resulting embankment, less the limit of free haul as above 
described, shall be the overhaul distance. 

“Overhaul shall be computed in units of one cubic yard moved 100 ft. and com- 
pensation to be rendered therefor shall be computed on such units. 

“In case material is obtained from borrow-pits along the embankment and runways 
constructed, the haul shall be determined by the distance the team necessarily travels. 
The overhaul shall be determined by multiplying the number of cubic yards so hauled 
by one-half the round distance made by the team, less than freehaul distance. The 
runways shall be established by the Engineer.” 

68. Borrow-pits 

In railroad construction it is often more economical when the length of 
haul becomes great to borrow material from near-by borrow-pits to form 
embankments. To calculate the amount of earth taken from a borrow-pit 
it is customary to divide the surface of the ground where the pit is to be exca- 
vated into squares and to take levels at.each corner of these squares, and at 
intermediate points when the slope of the surface is not straight from corner 
to corner. Then when the excavation is completed the same system of 
square cross-section is again staked out and elevations are taken at the cor- 
ners and at the necessary intermediate points. Care should be taken when 
the first system is staked out that it extends far enough to include the entire 
area which may possibly be covered by the borrow-pit. The field-work of 

laying out these cross-sections is done as explained in Art. 24. The differ- 

ence between the original and the final elevations at the corners gives the 

lengths of the vertical edges of a series of vertical truncated rectangular prisms. 
Toward the edges of the borrow-pits, where the slopes occur, there probably 
will be several triangular and trapezoidal truncated prisms. Let A = area of 
right section of truncated prism, /, he, h3, etc. = the lengths of the vertical 
edges of the prism, and V = volume of prism; then 

For Truncated Triangular Prism, V =A X (hi + hy +h;)/3. 

For Truncated Rectangular Prism, V = A X (h, + ho + hz '+ hy)/4. 

When Additional Heights have been taken at intermediate points the computation 
is made as follows: (1) When an intermediate level is taken in the center of the square 
or rectangle, the’ volume of the rectangular prism is computed by the formula given 
above, and to it is added algebraically the volume of a pyramid having the rectangle 
for its base and the center height minus the average of the four corner heights for its 
altitude. The volume of this entire solid would then be expressed 

V =A (hi the + hg + hy)/4 +A {he — (hi + he +h +hy)/4}/3 

in which he = altitude of prism along its center vertical line. 
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(2) When an intermediate level is taken’at the middle of one side of a rectangle 
the volume of the rectangular prism is computed as usual, and to it is added the 
volume of a pyramid having the rectangle for its base and the difference between the 
additional height and the average of the heights at the two corners which lie at the 
extremity of the side on which the additional height has been taken. If the additional 
height is 45 and it is taken on the side where the end heights are /3 and /y respectively, 
then an expression for the entire volume would be 

V =A (hi + he +hs + by)/4 +A {hy — 1/2 (hs + hy} /3 

(3) When intermediate heights are taken at any other point in the rectangle except 
in the center of the rectangle or in the middle of one of its sides, then the rectangular 
prism should be divided into four triangular prisms; the additional height forms the 
vertical edge at one of the corners of each of these four triangular prisms. 

In arranging the data for computation it is 

customary to lay out the borrow-pit in plan on \-20-r1<-29 21-39 
cross-section paper and to mark at each corner Se ON 
the depth of excavation, and to sketch any 
lines representing the proper subdivision of the 
rectangles or trapezoids as given in the field 

notes. A plan of a portion of a borrow-pit is 
shown in Fig. 77, and by the above method 
the volume of excavation will be found to be 
1057 cu. yd. Where there are several rect- 
angular prisms having the same area of cross- 
section A the computation of the quantity of 
earthwork may be simplified as follows: Vol- 
ume of Assembly of Truncated Rectangular 
Prisms = A ($1 +2 $2 +363 +4 f4)/4 in 
which ~,; = sum of heights common to one 
prism; $2 = sum of heights common to two 
prisms; 3 = those common to three; p4 = Fig. 77 
those common to four prisms. & 

Measurements of Dredged Material are taken in two ways, (1) measure- 
ment in place, and (2) scow measurement. For the measurement-in-place 

method soundings.are taken before and again after the dredging work is done, 
and'the volume of the material which has been removed is computed either 
by the Average End Area Method or by the Borrow-Pit Method. If the 

dredging covers a large area, contours may be drawn showing the shape of 
the bottom before and after the dredging has been done, and these may be 

used as bases of vertical solids. Where a channel has been dredged, some- 
times it is more convenient to compute the volume as a series of horizontal 
solids with vertical end sections similar to a railroad excavation. In channel 
dredging the contractor is usually required to form the bottom at a given 
grade and the side slopes at a given slope, in which case it is not necessary to 
take cross-sections after the work is done, but soundings are taken as the 
dredging progresses to insure that the excavation is of proper depth. 

When Scow Measurements are used to determine the quantity dredged each 
pocket of the scow is carefully measured and its capacity computed. When the scows 
have been loaded with the dredged material the surveyor or inspector makes a note 
of the number of full pockets; if they are not full he measures the distance down from 
the top of the coaming of the scow to where he estimates that the material in a pocket 
would come if it were leveled off. The volume of this small rectangular prism is cal- 
culated and deducted from the capacity of the corresponding pocket. For each scow 
in use tables giving the quantity in each pocket at various distances below the top of 
coaming are usually prepared for convenience. These scow measurements should be 
taken just before the tow starts for the dumping ground. When scows remain moored 
for a day or so before being towed to the dumping ground some of the materia] in the 
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pockets leak out through the bottom doors if they are not tightly closed, and much 
material may find its way back again into-the dredged portion of the channel. In the 
case of a deck scow where the material is piled on the deck any practical and con- 
venient method may be used to determine the volume, the measurements depending 
upon the shape of the pile. For rock the amount taken out can be calculated by ob- 
taining its weight, and this is ascertained by determining the displacement of the scow 
before and after loading. 

Earthwork Computation from Contours is used in many landscape problems 
for determining an approximate value of the quantity of earth to be moved 
in a proposed grading project or in connection with a grading problem to form 
the shape of the final surface of a certain locality after a definite quantity of 
material has been removed from it. The use of contours in earthwork compu- 
tations has been confined almost exclusively to preliminary estimates, but the 
principles invglved in such computations are sufficiently sound so that as 
accurate determinations may be made in this way as by any of the other more 
common forms of earthwork computation, provided the contours are deter- 
mined in the field with sufficient accuracy. It is frequently necessary to use 
a map, however, in which the contours have been determined by means of the 
stadia method or by some method of sketching their positions, using as a basis 
several characteristic points which have been located by the transit and the 
elevation of which has been determined by leveling. It is not customary or 
economical to define the contours accurately enough to admit of computing 
earthwork for payment of contracts because the borrow-pit method (Art. 68) 
is more readily adapted to this problem. For preliminary studies of all grad- 
ing problems, however, a contour map is invaluable; its use can be extended to 
determining approximate quantities of earthwork without the necessity of any 
additional fieldwork, so that it is adapted to preliminary estimates. 

There are three general methods of computing earthwork from data given 
on a contour map: (1) by computing directly the amount of cut or fill between 
successive contours; (2) by assuming a horizontal plane below the lowest 
part of any of the earthwork and first computing the volume of earth between 
that plane and the original surface, and afterward computing the volume be- 
tween the same plane and the proposed surface; the difference between these 
two volumes will be the amount of excess cut or fill; (3) by drawing on the 
plan first a line of no cut or fill, a second line representing, say, 2-ft. cut or fill, 
a third line of 4-ft. cut or fill, and so on, and finally computing the volume 
between these successive 2-ft. layers. In all three cases the most practical 
way of determining the areas of the end sections is by means of a planimeter. 
The volumes are preferably computed by the end-area method. 

Some surveyors use the prismoidal formula in problems of this nature by either inter- polating by the eye the middle area or by treating every other area at a contour plane as a “ middle area.” The error in sketching the contours, in scaling the map, in the shrinkageofthepaperon which the map is drawn,and theuncertainty in the amount of shrinkage in the earthwork are large enough to offset any advantage which the pris- moidal formula may have over the end-area method in point of accuracy. The end-area method therefore is in practically all instances not only as exact as is the map upon which the computations are based, but is also sufficiently exact for preliminary estimates. 

Method (1). The simplest application of this problem is illustrated by Fig. 78, in which the full lines are contours representing the shape of the existing surface, while the dash-line contours represent the proposed shape of the ground; the dotted lines are construction lines marking the limits of the solids to be computed. Such solids as ANB-FQE, EQF-JTI , ITJUK-MVL repre- sent excavation. and solids like BOC-GRF and FRG-J are embankment. The 
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solid AN B-FQE is substantially an inclined prismoid having two parallel 
horizontal bases whose areas are ANB and FQE, the perpendicular distance 
between these being the contour interval, in this case 2 ft. To compute the 
volume of solid AN B-FQE, first determine the area of the parallel bases A BN 
and EFQ by planimeter. The perpendicular distance between these bases 
is the contour interval, 2 ft. The volume is therefore computed by averaging 
the end areas and multiplying by the contour interval. All the other six exac- 
vation solids here shown should be computed in a similar manner; solid CD- 
HSG is a wedge. The solid FRG-J is a pyramid whose base is FRG and whose 
altitude is 2 ft. e 

Method (2). Where the problem is so complicated that the quantities of 
earthwork cannot be readily separated into prisms, wedges, and pyramids, as 
was done in Fig. 78, it can be solved by computing the quantity of earth by 
method (2). Such a treatment is particularly applicable to the problem of 

Fig. 78 

determining the excess of cut or fill in a given grading project as represented 
by a set of proposed contours. It can be applied to determining the actual 

amount of cut and of fill, but for this purpose it is not so convenient of appli- 

cation as method (1). 

Method, (3). This method is particularly applicable when the original 
ground is very irregular and the proposed surface is to have an entirely differ- 
ent shape, so that the proposed contours do not cut many of the original con- 

tours of the same elevation. The first step in this process is to mark at every 
intersection of a new with an old contour the cut (or fill) and then to connect 
by means of a smooth curve the successive points of equal cut. These new 

curves will enclose areas which are the horizontal projections of irregular sur- 
faces which are parallel to the final surface of the land and which are (if the 

contour interval is 2 ft.) at the line of no cut or fill, at 2 ft., 4 ft., etc., above 

the final surface. The solids included between these 2-ft. irregular surfaces 

are layers of earth each 2 ft. thick, and their volumes are computed by deter- 
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mining the areas of their horizontal projections and applying the usual end 
area method for volumes. To find the volume of the solid included between 
the curves of 2-ft. cut and the curves of 4-ft cut, for example, take for the 
upper surface the area within the dotted 2-ft. line as a plane surface; for the 
lower surface, the area within the dotted 4-ft. line; then multiply the mean of 
these two areas by 2 ft. in this case (the difference between the 2-ft. and 
4-ft. lines). The solids at the top or bottom of these layers may be treated 
as wedges or pyramids, 
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MECHANICS OF SIMPLE STRESSES 

1. Tension, Compression, Shear 

Stress is the internal force which, when a body is subjected to external 
forces, tends to hold the molecules in their original relation and to preserve 

the integrity of the body. Stresses are measured by the same units as forces, 
namely, in pounds, tons, kilograms. 

Unit Stress is the measure of intensity of a stress. It is the quotient ob- 
tained by dividing a total uniform stress by the number of units of area over 
which the stress is distributed. Unit stresses are expressed in pounds per 
square inch, tons per square foot, kilograms per square centimeter, and 
the like. ‘ 

Physicists usually use the term stress in place of unit stress, and measure stress in 
pounds per square inch or kilograms per square centimeter. Confusion between the 
two uses of the term will be avoided if the units used are always stated. 

Ultimate Stress. If the external forces acting on a body are increased to 

such an extent that the internal force or stress is no longer able to preserve the 
integrity of the body, rupture occurs. Ultimate stress is the greatest stress 
which can be produced in a body before rupture occurs. Ultimate unit 
stress is the ultimate stress on one unit of area. It is customary to compute 
it on the basis of load and the original size of cross-section. Ultimate stress 
and ultimate strength are interchangeable terms. The ultimate stress in 
tension is called the tensile strength of a material. 

Tension is the name for the stress which tends to keep two adjoining planes 
of a body from being pulled apart under the influence of two forces acting 
away from each other. If a bar of uniform cross-section is hung vertically 
from a rigid support, and a load of 2000 Ib. suspended at the lower end, a 
tensile stress is developed in every section of the bar. In order that equilib- 
rium may obtain, the internal stress or tension in the bar due to the load 
must equal the external force or load, or 2000 Ib. 

Compression is the name for the stress which tends to keep two adjoining 
planes of a body from being pushed together under the influence of two forces. 
acting toward each other. A brick pier of uniform cross-section supporting 
a column carrying a load of 40 short tons will be subjected to a compressive 
stress due to the load. When equilibrium obtains this stress must equal 
40 short tons. If the area of the pier is four square feet, the unit stress in 
the pier due to the load will be 10 short tons per square foot. 

Shear is the name for the stress which tends to keep two adjoining planes 
of a body from sliding one on the other under the influence of two equal and 
parallel forces acting in opposite directions. The forces which induce shear- 
ing stresses in a body are termed Shearing Forces, and usually are but slightly 
separated, so that their action is similar to that of a pair of shears, whence 
the name Shear. When two flat plates, secured together by means of rivets, 
are subjected to forces which tend to pull the plates apart by sliding one on 
the other, as in the case of the plates of a boiler under internal steam pressure, 
shearing stresses are induced in the rivets which hold the plates together. 
Unless otherwise noted, shearing stress is assumed to be distributed uniformly 
over the section upon which its acts, although this is rarely, if ever, exactly 
true. 

Axial Forces and Axial Stresses. When forces producing tension or com- 
pression act on a body of symmetrical form in such a way that their resultant 
coincides with the axis of the body, they are termed Axial Forces, and the 
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stresses induced thereby, Axial Stresses. In simple axial tension or com- 
pression alone, the stress is usually assumed to be distributed uniformly over 
every section of the body normal to the direction of the force, although this is 
rarely exactly true. 

Axial tension and compression are the two commonest forms in which stress is met 
with in engineering structures. An example of simple axial tension is to be found in a 
vertical eyebar in a bridge truss, where the only force acting on the bar is along its 
axis. A horizontal eyebar or one inclined to the vertical, while acted upon by axial 
forces transmitted through the end pins, is also subjected to a force acting normal to 
or at an angle with the axis, due to the weight of the bar, which produces stresses not 
axial, so that the resultant stress in the bar is not uniformly distributed over each 
section, and the case is not one of simple axial tension. 

A short vertical prism, whose length does not exceed about six times the least side 
or diameter, is subjected to simple axial compression under a load the resultant of 
which passes through the centers of gravity of the end sections. If the length of the 
prism is more than eight or ten times its least side or diameter it becomes a Column, 
and although the resultant force is still axial as regards the end sections, some bending 
is assumed to have taken place in the shaft of the column, resulting in an unequal 
distribution of stress over a given section, and the case is not considered one of simple 
axial compression. 

Formulas for Simple Stresses. Let P be any force producing tension, 
compression or shear, A the area over which the induced stress is uniformly 
distributed, and S the unit stress; then 

Pp P 
P=SA Ss A A S (1) 

which are expressions usually assumed to apply to all cases of simple axial 

tension, compression, or shear. Two quantities being given the other one 
can be found. 

Factor of Safety, Working Stress. In order that the safety of a structure 
shall be assured, there must be no danger of rupture in any of dts members. 
To secure this assurance of safety the stress induced in any member by any 

load which the member will be called upon to carry must never approach the 
ultimate strength of the material. The Working Stress for any material is 
the unit stress which, by experiment, has been found safe to allow in that 
material and still give a proper degree of security against structural failure, 
and is the unit stress to be used in determining the sizes of structural members 
of that material. The Factor of Safety is the number by which the ultimate 
stress must be divided to give the working stress. If in formula (1) S$ is 
taken as the ultimate stress, m a factor of safety, and Sy» the safe allowable 

stress or working stress, then Sw = S/n. 

The purpose of the factor of safety and the working stress is twofold: first, to guard 
against undiscoverable defects in the structural material employed, which defects 
reduce the ultimate strength of the material; and second, to provide against the 
possibility of an increase in the load to be carried due to unforeseen circumstances. 
The selection of the working stress and the factor of safety therefore depends, first, 
upon the degree of definiteness with which the ultimate stress for the particular 
material is known. Thus, the factor of safety for steel or iron is smaller than for 
timber, since the ultimate strength of each of the various grades of steel or iron is very 
nearly a constant quantity, while there is a wide variation in the values for the 
ultimate strength of timber obtained from different specimens of the same variety. 
Second, upon the definiteness with which the loads to be carried can be computed. 
Thus, when “ dead ” load capable of exact calculation forms a large proportion of the 
total load to be carried, as in the truss members of long and heavy bridges, the factor 

. of safety is smaller than when live or moving loads form a large proportion of the 
total load, as in the case of girders supporting traveling cranes or heavy moving 

machinery. 
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Riveted Joints, such as the longitudinal joints in boilers, are examples of 

simple stress and are usually designed or investigated by formula (1). 

Case I. Lap joint with single riveting. 
(Fig. 1.) Here the shear in each rivet comes 

P= | © — P in one cross-section only and is termed 
ix “single shear.”” Let a = the pitch or rivet 

f | ind Akied spacing, d = the diameter of the rivets, ¢ = 
jp Ss —>p the thickness of the plates, P = the load to 

be transmitted from one plate to the other in 
the distance a, S; = the unit tensile stress 

eo produced in the plates by the load P, Sc = 
Fig. 1. Single Lap Joint the unit compressive stress produced in the 

plates where the rivets bear against them 

(commonly called “ bearing ’’), Ss = the unit shear produced in the rivets; 

then 
Pp Pp Pp —— Serie = ——— 

t(a — d) td 1/47rd* 

Case II. Lap joint with double riveting. (Fig. 2.) Asin Case I, the rivets 
are in single shear. Using the same symbols as before, 

St 

ois 
LM A OE aN, 

P oe 

Fig. 2. Double Lap Joint Fig. 3... Butt Joint 

Case III. Butt joint with single riveting. (Fig. 3.) In this case the 
shear in the rivets comes in two cross-sections and is termed “double shear.” 
Using the same symbols as before, 

Pp Pp Pp 
St =o Ss =— => 

t (a — d) vs pit ed 2 1/4re 

2. Deformation under Stress 

Deformation is the amount of the change in the shape of a body caused 
by the action of an external force. Deformations are measured by the same 
unit as the linear dimensions of a body, namely, inches and millimeters. Ifa 
weight is suspended at the end of a steel bar, the effect of the weight is to 
increase slightly the length of the bar. This increase is the deformation. 

Hooke’s Law. Whenever a body is subjected to an external force a stress 
and an accompanying deformation result. From experiment it has been 
found that when the unit stress does not exceed a certain limit, which limit 
varies with each particular material, the stress bears a constant ratio to the 
accompanying deformation. Thus, if a weight W, suspended from a steel 
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bar produces an elongation of 1/100 in., a weight of twice W will produce 
an elongation of 2/100 in., and a weight of three times W will produce an 
elongation of 3/100 in. 

Stress and Strain. The word strain has been frequently used for the internal force 
in a body, or stress. It is present practice, however, to use the word strain as a syno- 
nym for deformation only. Thus the expression “ stress and strain ”’ is equivalent to 
the expression ‘‘stress and deformation.” . Owing to the conflicting meanings of 
the word Strain it has been suggested that it be avoided, the word Deformation 
being used in its place. Physicists usually define strain as the deformation per 
unit length. , y 

Kinds of Deformation. Deformation may be of three kinds: elongation, 
or increase in length, due to tension; shortening, or decrease in length, due to 
compression; detrusion, or the slipping of one plane on another, due to shear. 

Elasticity and Set. It has been found by experiment that up toa certain 
limit, a body deformed under stress will return to its original shape when the 
stress is removed. This ability to return to its original form after deformation 
is termed Elasticity. If the unit stress is increased, however, beyond such 
limit, it is found that the material undergoes a Set, or certain amount of 
permanent change, and is no longer capable of returning to its original shape 

when the stress is removed. 

Elastic Limit. The elastic limit of a material is the highest unit stress 
to which that material may be subjected and still return to its original shape 
when the stress is removed. 

Proportional Limit. The proportional limit of a material is the highest 

unit stress for which the deformation is proportional to the stress, or, in other 

words, the highest unit stress for which Hooke’s law holds. 

With actual materials it is probable that some very slight inelastic action occurs 

under any stress whatever, and that Hooke’s law is a very close approximation rather 

than a rigid statement of fact. For the common structural steels and the usual 

degree of precision in laboratory tests the elastic limit and the proportional limit are 

nearly coincident, and the terms are, for practical purposes, interchangeable. 

Various methods of determining the proportional limit or other practical “limits ” 

closely related to it are in use. Some of these are discussed on p. 608. 

Modulus of Elasticity. The modulus of elasticity of a material is the con- 

stant which, within the proportional limit, expresses the ratio between unit 

stress and unit deformation. Thus, let E = the modulus of elasticity, P = 

an axial force, A = the cross-sectional area of a bar, S = the unit stress 

produced by the force P, or P/A, d = the deformation produced by the force 

P in a bar of length /, and d/l = e; then 

Since / and d are linear dimensions, ¢ is an abstract number, and E is expressed 

in the same units as S, such as pounds per square inch, tons per square foot, 

or kilograms per square centimeter. 

Coefficient of Elasticity, and Young’s Modulus are expressions sometimes used 

for the Modulus of Elasticity. They are not know in general use in the United States, 

Modulus of Elasticity being the generally accepted expression for the quantity E. 

Deformation within Elastic Limit. The moduli of elasticity of materials 

measure their relative ability to resist deformation under unit stresses within 

their proportional limits. The above formula may be written in the form 
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d = SI/E. For the same unit stress S, d decreases when £ increases: It will 
thus be seen from a comparison of the various moduli of elasticity (Art. 3) that 
for the same unit stress timber in tension will be deformed ten times as much 
as cast iron, and cast iron about twice as much as steel. This formula may be 
employed to determine the total deformation of a bar of a length/ when S 
and £ are known. 

From the values of the proportional limit and the moduli of elasticity in tension 
(Art. 3) the unit elongation at the proportional limit may be computed for each of 
the common structural materials, as follows: 4 

1 1 
For timber —— = 0.0020 For wrought iron —— = 0.0011 or timber = Toug S00 

1 
For medium steel aay = 0.0012 

57 

The ultimate elongation, or the elongation at rupture, cannot be so readily com- 
puted, since beyond the proportional limit the ratio of the unit stress to the unit 
deformation is a constantly varying quantity. 

3. Phenomena of Stress 

Stress-deformation Diagrams. The action of a bar under stress may be 
represented by a curve the ordinates of which represent unit stresses and the 
abscissas the corresponding unit deformations. For all unit stresses below the 

Fig. 4. Stress-elongation Diagram 

proportional limit the stress-deformation curve will have the form of a straight 
line, since the formula S = Ee is an equation which represents a straight line 
through the origin of coordinates, the slope of which is represented by E. 
Beyond the proportional limit the curve will take various forms and radii of 
curvature, depending upon the material. The end of the curve will represent 
the point of rupture, and the greatest ordinate will represent the ultimate 
strength of the material. The stress-deformation curve constructed from 
information derived from actual experiment, a sufficient number of points of 
the curve being plotted to determine accurately its curvature, affords in most 
cases the most satisfactory method available for determining the proportional 
limit of the material, the proportional limit being represented by the ordinate 
of the point of tangency between the straight line and the rest of the curve. 
Fig. 4 is a typical stress-deformation diagram, being that. for medium steel 
in tension. The curyes for cast iron and timber are shown for comparison. 

The stress-deformation curve has various forms depending upon the material in question and whether the stress is tension or compression. In some cases the curve is 
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of such form as to make it difficult to locate the proportional limit with accuracy. In 
the case of medium steel in tension (Fig. 4) the point of tangency between the straight 
line and the rest of the curve is fairly well defined, but in the corresponding curve for 
medium steel in compression the transition from the straight line to the curve is more 
gradual, and the point of tangency is more difficult to locate. Thus again, timber and 
cast iron have curves entirely different from medium steel or wrought iron, in that they 
are curved throughout their length and, for cast iron especially, the proportional limit 
cannot be at all definitely fixed. 

Yield Point. In tests for the determination of the elastic properties and 
ultimate strength in tension of such metals as structural steel and wrought 
iron it is noted that after the elastic and proportional limits have been 
exceeded a point is reached where the unit elongations increase rapidly without 
any increase in the unit stresses. The unit stress at this point is termed the 
yield point. 

The yield point is often confused with the elastic limit and the former is given for 
the latter in many reports of tests, owing to the facility with which the yield point may 
be determined with some testing machines. It is that point where the scale beam of the 
testing machine drops and remains down until the operating screws have stretched 

the metal a certain amount. After an interval the bar again rises and the stress in the 

specimen increases. The yield point is beyond the elastic limit—for structural steel 

from 3000 to 6000 Ib. per sq. in. beyond it. Yield points are observed only in ductile 

metals, such as wrought iron and steel. i 

-Elasticity and Set. The portion of the stress-deformation curve between 

the origin of coordinates and the elastic limit represents the range of unit 

stress and unit deformation within which the material will return to its original 

shape upon the removal of the stress. Beyond the elastic limit a body under 

stress only partly recovers its original shape upon the removal of the stress, 

the body being more or less permanently deformed. The amount of this 

permanent deformation is termed the Permanent Set. Thus a bar of wrought 

iron subjected to a tensile stress of 30 000 lb. per sq. in. shows a unit elongation 

of 0.003 in. perin. Upon the removal of the stress the bar will show a recovery 

of, say, 0.001 in. per in., having a permanent set of 0.002 in. per in. 

Ultimate Strength and Stress at Rupture. The ultimate strength of a 

material is represented by the greatest ordinate in the stress-deformation dia- 

gram and is the greatest nominal unit stress to which the material may be 

subjected before rupture. The ultimate strength of a material as indicated by 

the stress-deformation diagram is not necessarily at the point of rupture. 

The stress-deformation curve for such materials as steel and wrought iron 

shows a decided drop after the ultimate strength has been reached, and the 

end of the curve corresponds to a nominal unit stress in some cases consid- 

erably below the ultimate strength. 

To determine the unit stress in direct tension or compression divide the applied load 

by the area of cross-section of the original bar before the loads were applied. This is 

not strictly correct, since when the bar is approaching rupture the area of cross-section 

is considerably reduced. If after the ultimate strength has been reached the actual 

load, as indicated by the scale beam of the testing machine, could be divided by the 

actual area at the moment that particular load is acting, it would probably be found 

that the curve, if properly constructed, would curve upward beyond the point of 

ultimate strength. 

Ultimate Deformation. Since there can be no general expression for the 

relation between stress and deformation beyond the elastic limit, it is not 

possible to determine the ultimate deformation, or deformation at the point 

of rupture, save by actual experiment. Ultimate deformations are rarely 

determined save in the case of tension tests, where the ultimate deformation 

becomes the ultimate elongation. It is usually expressed in per cent, and is 
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Average Properties of Structural Materials 

Modulus of Elastic limit 
elasticity and propor- Ultimate strength 

tiona! limit 

Weight So 
per Ten- 

Material cubic | Tension sion Ten- | Com- 
foot, com- Shear | com- | Shear) <:, | pres- | Shear 
pounds] pression pres- sion 

| sion 

PounJis per square inch 

Cast iron:... ... 450 |15 000 000} 6 000 000 * * 20 000| 80 000 5 etc 

Wrought iron. 480 |27 000 000/10 000 000) 30 000; 18 000} 50 000) 31 O00T| 40 000 | 

Medium steel.| 490 |30 000 000/12 000 000} 35 000} 21 000) 60 000) 40 000t| 48 000) 

Nickel steel as 
rolled (3.5% 
nickel)..... 490 |30 000 000|12 000 000) 42 000) 25 000) 85 000) 48 000T| 68 000 

Mintheres sss 35 1 500 000 300 000} 3000!...... 8000; 8000 500 

‘ along along | 
grain grain 

Stone...:.... 165 5000 000} 2700000; * ¥ i dicthems 6 000 1500 

(Brickworks ogsh7b29 [der sipmsgvedssde ei * at Pe een By F700 hk 
Terracottama- 

sonry...... 120. Dievepye mieten | hire cles wiser * Bel ares ge SOOO! Tis cscs 0.5 
Portland ce- 
ment concrete 

HUSA Aye TA * ASO 2-500 QOOHFEN TS. ~ * 150! 2000 Tt 
_Gypsum...... 80 1000 000}......... + * | iS gee £400 dite.cas / 

* No well-defined elastic limit or proportional limit. 

+ Strength in shear greater than strength in tension; in shear tests a tension failure 
on an oblique plane takes place. 

{No well-defined ultimate in compression. The yield point, which is slightly 
higher than the proportional limit, is the practical ultimate. 

found by determining the amount that a measured length of bar has elongated 
after rupture and dividing the amount of this elongation by the original 
measured length. Thus, if a measured length of 8 in. of a bar before testing 
increases to 10-1/2 in. at rupture, there would be 31.2 per cent ultimate 
elongation. The elongation after fracture is considered to be an index of the 
ductility of the material. 

4. Methods of Fracture 

Brittleness. A material which can be only slightly deformed without rup- 
ture is termed brittle. Brittleness is relative, no material being perfectly 
brittle, that is, capable of no deformation before rupture. Many materials 
are brittle to a greater or less degree, glass being one of the most brittle of 
materials. Brittle materials have relatively ‘short stress-deformation curves, 
the deformations of which they are capable before rupture being relatively 
very small. Of the common structural materials cast iron, brick, and stone 
are to be considered brittle in comparison with steel. Brittle materials rup- 
ture without appreciable reduction of area, and show a clean, sharp fracture, 
no flow of material taking place before rupture occurs. 
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Plasticity is the ability of a solid to change shape without fracture. A 

perfectly plastic material is one in which an applied load however small 

produces a permanent deformation. 

Brittleness and plasticity are opposite terms. Materials which have a high degree 

of plasticity have no brittleness, and rupture with considerable reduction of area. 

The reduction of area at rupture may be considered the measure of the plasticity or 

brittleness of a material, a large reduction of area indicating a high degree of plasticity 

and little or no reduction of a area indicating a high degree of brittleness. 

Ductility is the ability to undergo great stretch without fracture. 

Toughness is the ability to withstand high stress together with great defor- 

maticn. Toughness is an index of the ability of a material to withstand 

impact without complete fracture. Toughness is measured by the area under 

the stress-deformation diagram for a material, or, less exactly, by the product 

of ultimate strength and elongation after fracture. 

Fracture under Tension. Figs. 5, 6, 7 represent typical fractures under 

tension. Fig. 5 shows the fracture of a brittle material like hard steel, with 

a very small reduction of area. Figs. 6 and 7 show the 

fracture of more plastic materials, such as wrought iron 

and steel, with a typical cup fracture as for structural 

steel (Fig. 6), and a fibrous fracture as for wrought iron 

(Fig.7), the reduction of area in both cases being marked. 

Fracture under Compres- 
mm sion. Figs. 8, 9, 10 represent 

| the rupture of materials under 

compression. For very brittle 
materials, such as brick (Fig. 
8) fracture frequently occurs 

Fig.5 Fig.6 Fig.7 Fig.8 Fig.9  Fig.10 along planes nearly parallel to 

the direction of the applied 

load with little or no increase in area. This is probably due to lateral defor- 

mation. ‘For more plastic materials, such as timber (Fig. 9), fracture occurs 

along planes inclined to the direction of the load. A perfectly plastic material 

(Fig. 10) under its ultimate stress has a large increase in area without any 

shearing planes of fracture. 

Relation of Shear to Tension and Compression. A body subjected to a 

force producing direct tension or compression has induced in it shearing 

stresses along certain planes of that body. 

Thus if an axial force P be applied to a bar 

(Fig. 11) along any plane a — a inclined to 

the direction of the force, P may be re- 

solved into two components, P; and Pz, 

acting respectively norma] and parallel to 

the plane a—a. The component P2 paral- 

lel to a —a produces a shearing stress over Fig. 11 

the plane a@ —a. For all planes making i 

angles 0° or 90° with the direction of the force P the shearing unit stress will 

be zero. It will be of maximum intensity along planes inclined 45° to the 

direction of P, and its value will be one-half of the direct tensile or compres- 

sive unit stress. Thus, if S be the tensile or compressive unit stress, the 

maximum shearing unit stress Ss along planes inclined 45° to the direction of 
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In a body subjected to shearing stress, such as a shaft in torsion, there are set up 
tensile or compressive stresses on oblique planes. If in the body shown in Fig. 12 

there is set up shearing stress along the plane mn 
there is set up shearing stress of equal intensity along 
planes at right angles to mn and tensile or compres- 
sive stress, along an inclined plane pp. If pp makes 
an angle of 45° with mm the shearing unit stress on 
bp becomes zero and the tensile or compressive unit 

nv stress is a maximum and its intensity is equal to that 
Pp of the shearing unit stress along mn. The strength of 

Fig. 12 a body is sometimes determined by stresses along 
oblique planes. Many brittle materials have great strength in compression, less strength in shear, and still less strength in tension. Under torsion such materials fail by tension along inclined planes; under compres- sion they fail by shearing along inclined planes. 

5. Work and Resilience 

External Work. When a load P is applied to a bar and a deformation @ tesults, a force has acted over a certain path in producing this deformation and therefore a certain amount of work has been expended. When the force P is applied in small increments or is increased in amount gradually from zero up to P, the elastic limit of the material not being exceeded, the mean force which has acted to produce the deformation is 1/2 P, and the path over which the force has acted is the deformation d. If K is the amount of work expended, K = 1/2 Pd. Or, if A is the cross-section of the bar, / its length, S the unit stress produced, and e the unit elongation under the unit stress cy then this formula becomes K = 1/2 SeAl, which is an expression for the external work required to produce deformation within the elastic limit. The factor 1/2 Se is the external work per unit of volume, the volume of the bar being AJ. 

Resilience is the amount of work which may be stored up in a body in the form of stress energy, and which may be recovered when the force producing the stress is removed. When the force is within the elastic limit, and it has been applied gradually so that no energy has been converted into heat, from the law of the conservation of energy the resilience must equal the external work. The resilience of a bar may be expressed, therefore, by the last formula, which, after making the necessary substitutions, may be written K = 1/2 (S*/E)Al. When S is the elastic limit of the material, the factor 1/2 S°/E is termed the Modulus of Resilience. 
The above formulas apply to a bar under tension, compression, or uniform shear- In the case of tension and compression the deformation or path of the force is normal to the planes of the body over which the stress is distributed, and parallel to the length, 1; while in the case of shear the deformation is parallel to the planes over which the stress is distributed and normal to the length 7. It should be further noted that the formulas apply only to elastic resilience, that is, to the resilience within the elastic limit of the material. 

Work Required for Rupture. Since beyond the elastic limit the deforma- tions are not proportional to the stresses, 1/2 P does not express the mean value of the force acting. The formula K = 1/2 (S?/E) Al therefore does not express the work required for deformations after the elastic limit of the material has been passed, and cannot express the work required for rupture. The work per unit volume required to produce deformations beyond the elastic limit or for rupture may, however, be determined from the stress- deformation diagram, as it is measured by the area included between the 
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axis of abscissas, and the stress-deformation curve up to the deformation in 

question. 

6. Cylinders and Rollers 

Thin Cylinders. Under the internal pressure of water or steam, a pipe or 

a cylindrical boiler tends to rupture longitudinally along an element. The 

internal force or pressure acts normally to the inner surface and with equal 

intensity at all points. The tendency to rupture is resisted by the tensile 

strength of the material. .When the thickness of the material is very small 

compared with the diameter, the stfess may be considered uniformly dis- 

tributed over the thickness without appreciable error and the case is con- 

sidered one of a thin cylinder. Ordinary pipes and boilers are considered thin 

cylinders. 

Let R be the unit pressure (Fig. 13), d the diameter of the pipe or boiler, 

1 its length, ¢ the thickness of the shell, and S the unit stress in the material. 

From a principle of hydrostatics the force which tends 

to produce rupture is /dR. The total resisting stress is t 

2tS. In order that equilibrium may obtain, the resist- 

ing stress must equal the pressure; hence 
v 

Ss d R 
2tS =dR Py cine Ane (1) 

This is the formula commonly used in investigating 

pipes, or the cylindrical shells of boilers, under internal 

pressure. 

The Head of a Cylindrical Boiler under pressure tends to tear away from 

the cylindrical shell by transverse rupture under a force of 1/47d?R. This 

tendency is resisted by the tensile stress in the material distributed over an 

area equal to rdf. The stress S being considered uniformly distributed over 

the thickness /, 

Fig. 13 

Ss d 
adtS = 1/47d’R or Rat (2) 

A comparison of formulas (1) and (2) shows that in a thin cylinder the resist- 

ance to transverse rupture is twice the resistance to longitudinal rupture. 

Cylinders under External Pressure, such as fire tubes in a boiler, fail by collaps- 

ing, the pressure tending to distort the cross-section of the cylinder from a true circle 

to an ellipse. While the formula 2 1S = Rd applies to cylinders under external pres- 

sure as long as the cross-section remains a true circle, actual experience shows that 

irregularities of manufacture result in distortion, which the continued pressure tends 

to increase. No rational method being available for the investigation of cylinders 

under external pressure, recourse has been made to empirical methods. For tubes 

having a ratio of length to diameter greater than 6 and a ratio of thickness to diameter 

greater than 0.03, Carman and Carr found that the collapsing pressures are given by 

the following empirical formula for lap-welded steel pipe: 

RS aa — 1025 3) 

in which R is the external pressure in pounds per square inch, d is the external 

diameter in inches, and # is the thickness of the tube in inches. (Univ. of Ill. Eng. 

Expt. Sta. Bulletins 5 and 99.) 

Thick Cylinders. When the thickness of metal in a pipe or cylinder is such 

that the difference between the internal and the external radius is large 

rompared with the mean radius, the stresses due to the internal pressure 
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cannot be considered as uniformly distributed over the sectional area of the 
annulus, and formula (1) therefore does not apply. The most widely used 
formula for the design and investigation of thick cylinders is Lamé’s formula 
as modified by Clavarino. Let 7; and re (Fig. 14) be respectively the internal 

and external radii, R; the pressure per square inch 
on the inside of the cylinder, R2 the pressure per 
square inch on the outside of the cylinder, S the 
equivalent tangential unit stress (E times unit de- 
formation) at a distance x from the axis of the 
cylinder. Then assuming the factor of the lateral 
contraction, or Poisson’s.ratio, to be 1/4, 

25.2 
[2 r?Ri — 212? Ro + : a (Ri — Ro) 

402-1) 
It will be noted that S decreases as x increases, 

Fig. 14 wherefore S will be a maximum when x = ri, or at 
the inner surface, and will be a minimum when 

x = ro, or at the outer surface. When S is positive the stress is tension; when 
negative, compression. Under ordinary conditions Ro may be neglected in 
comparison with Rj, being usually only the atmospheric pressure of 15 lb. per 
sq.in. _ Usually only the maximum pressure, or that on the inside of the 
cylinder, is required. Therefore, making R, = 0 and x = 7, formula (4) 
becomes 

Ri(2 r;? +5 Tr.) 
S = "5 

4 (r.’— 1°) (5) 

which is generally employed for common cases of investigation or design. 
In a thick cylinder, in addition to the tangential stress S, which may be either ten- sion or compression depending on the relative values of nm, ro, Ri and Ro, there is a radial compressive stress R which will have its maximum value at the inner surface, where it will equal Ri, and its minimum value at the outer surface, where it wil] equal Rp. 

Cylindrical Rollers are commonly used in providing expansion bearings at the ends of long girders and trusses, to provide for the difference in length 
due to temperature changes. These rollers are 
designed to travel between steel plates and to W Ww 
transmit the load from the upper to the lower comin mri 
plate, each roller taking its proper proportion of C= 
the total load (Fig. 15). = 

Let W be the load carried by one roller of a 
length / and a diameter d, and let S be the maxi- 
mum compressive stress in the roller and E the Ww Ww F 
modulus of elasticity for the material; then Fig. 15 

iS Jo W2E\ 1/3 

le @e 
or 

3W E \ 1/2 

se (=) (5) 
The first formula is generally used for the investigation of cylindrical rollers, the load W, the length /, and the diameter d being given; while the second is the proper formula for the design of rollers with a given load, working stress and modulus of elasticity. If w is the load per unit of length of roller, or 
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w= W/l, then this formula becomes w= 2/3 dS(2\S/E)1/. Substituting 

S = 25.000 and. E = 30000 000 there results w = 680d for steel. The rule 

for bridge rollers given in recent specifications is w = 600d. 

From tests by McDaniel at the University of Illinois the safe load in pounds per 

inch of length for hardwood rollers rolling on hardwood planks would seem to be 

about 25 times the diameter in inches. 

These formulas are deduced under the assumption that the plates are not deformed. 

Experiments seem to indicate, however, that the plates are deformed as well as the 

rollers. The formulas err on the side of safety. 

Ball Bearings. “The permissible load on a hardened steel ball as deter- 

mined by Stribeck from experimental data is given by the equation 

V’ = 565 d? for balls bearing against flat, hardened steel surfaces, and 

W = 1400 d? for balls supported in a hardened steel race in the shape of 

a groove with a radius = 2/3d 

In the above W is the load in pounds, and d tne diameter in inches. 

7. Repetitive and Impact Stresses 

Fatigue of Metals. It is a well-known fact based on experiment and 

general experience that stresses which can be applied to a body a few times 

without causing apparent structural damage may, if applied a great many 

times, cause failure. If a polished surface on a heavily stressed part of a body 

is examined under a microscope as stress is repeatedly applied, minute flaws 

will be seen to develop and spread, finally developing cracks. The phenomenon 

of failure under repeated stress is known as Fatigue of Metals. Progressive 

Fracture would be a better term. 

A view formerly common was that under repeated stress metal “ crystallized.” 

This view became common because it seemed to explain the fact that under repeated 

stress even ductile materials fail by snapping sharply off, and the fracture has a 

crystalline appearance. The gradual spread of minute cracks would cause the same 

result, the effect of the crack being to reduce the available area resisting stress and 

to set up localized stresses of high intensity at the ends of these cracks. The crystal- 

lization theory of failure under repeated stress has given way to the progressive 

fracture theory. 

The Endurance (or Fatigue) Limit. Tests on specimens of various metals 

subjected to repeated stress in specially designed testing machines show that 

Specumen 
ae) Broken 

Cold-drawn Steel 
Screw Stock + 

Endurance Limit 
000 Lbs. per Sq. In: 

Computed Stress (S) 
Lbs. per Sq. In: 

wp 1 _ 10 100 

Number of Cycles of Stress for Fracture (N)-in Millions 

Fig. 16. 

for nearly every metal tested there is a fairly well-defined limiting unit stress 

below which the metal can withstand hundreds of millions of repetitions of 

stress without fracture. This limit can best be determined for any metal by 

a series of tests of specimens using various unit stresses. The results of this 

series is plotted in a stress-cycle, or S—N diagram. Fig. 16 shows a typical 
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ee. RECS Values of unit stress are plotted as ordinates and number 
of cycles of stress for fracture are plotted as abscissas (in Fig. 16 the abscissas 
are plotted to logarithmic coordinates). The unit stress for which the S—NV 
diagram becomes horizontal locates the Endurance Limit (or Fatigue Limit) 
for the metal tested. In Fig. 16 the endurance limit is 40 000 lb. per sq. in. 

The endurance limit most commonly determined is that under cycles of 
completely reversed flexure. The table on p. 558 gives values of endurance 
limit under reversed flexure for a number of structural metals. 

Endurance Limit for Various Ranges of Stress. For cycles of stress involv- 
ing a complete reversal of axial stress (tension followed by compression) the 
endurance limit is found to be nearly the same as for tests under reversed 
flexure. In this connection it should be noted that it is exceedingly difficult 
in machine or structural parts to obtain pure axial stress free from flexure, 
and also that small localized flexural stresses which have no practical effect 
on static strength of ductile metals may have a marked effect on the strength 
under repeated stress. 

For cycles of flexural or axial stress involving partial but not complete 
reversal the following formula has been found to give safe values for rolled or 
forged steel and iron: 

3 (FL)_1 i Mi (1) 
in which (FL)_; is the endurance limit under cycles of completely reversed 
stress, 7 is the ratio of the (numerical) minimum stress during a cycle to the 
maximum stress (r is—for partially or completely reversed stress; for com- 
pletely reversed stress r = — 1.0), and (FL)’ is the endurance limit under 
cycles of stress with the range r. If r = 0 (stress varying from 0 to a maxi- 
mum), (FL)’ = 3/2 (FL)_y. If during a cycle the stress varies from a 
given value in tension to 1/4 that value in compression, r = —1/4, and 
(FL) = 4/3 (FL)_,. 

Formula (1) may be used safely for cycles of non-reversed stress (7, positive) 
but if it gives values above the elastic limit of the metal, the danger of failure 
by inelastic distortion is greater than the danger of failure by progressive 
fracture, and the elastic limit is the criterion of strength rather than the 
endurance limit. 

Endurance Limit under Repeated Shearing Stress. Test data for tests 
under cycles of shearing stress (such as would be set up in a shaft under torsion) are rather meager, but available data indicate that the endurance limit under cycles of shearing stress may safely be taken as 50% of the endurance limit under cycles of flexural stress. 

Correlation of Endurance Limit with Other Strength Properties. The endurance limit of a metal seems to be more closely correlated with the tensile strength than with the elastic limit. This is not surprising in view of the fact that fatigue failure consists of a gradually spreading fracture of the metal. For rolled or forged steel or iron the endurance limit is usually about 50% of the tensile strength, or 250 times the Brinell Hardness Number. For sound steel castings the ratio of endurance limit to tensile strength is about 0.40, for cast iron about 0.33, and for non-ferrous metals the ratio varies from 0.25 to 0.50. 

Localized Stress and Fatigue Failure. In designing parts to be subjected to non-repeated loading many localized stresses are commonly neglected (for example, the localized stress at the edge of a rivet hole, which may be two or three times the value computed by the formulas on p. $46). This practice 
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is justified for static loading of ductile metals because the localized overstress 

does not cause appreciable distortion of the part as a whole. However, under 

repeated stress a minute area of overstressed metal may serve as a starting 

point for a spreading crack which ultimately causes failure of the piece, and 

such failure, if it occurs, comes suddenly without warning, just as if the 

piece were gradually sawed through with a hacksaw. 

Designers should pay especial attention to avoiding notches, sharp 

shoulders, small holes, and other sources of localized stress in parts subjected 

to repeated loading. If such localized stress cannot be avoided (for example, 

in the case of a screw thread) allowance should be made for the localized 

stress. 

The Stress-concentration Factor for localized stress is the ratio of the stress 

actually existing at the point of localized stress to the value of the stress as 

computed by the ordinary formulas of mechanics of materials, which take 

no account of such localized stress. The accompanying table gives safe 

values for typical stress-concentration factors. 

Stress-concentration Factors for Typical Localized Stresses 

r = radius at bottom of groove or at shoulder. 

d = diameter or thickness of piece. 

‘Tocation Stress-concentration 
factor 

Hole in plate, width not greater than one-sixth width of plate. 3.0 

Bottom of U.S. Standard Screw Thread. ......-+----++++ 4.0 

Shoulder on piece: r/d = 0.5.1... see eeeeernretecenees 1.6 

Tih. = BoB elds anie ie siden vo oe Tae ae Be 1.9 

GE m= Os Dea elo doo o'e oxpe wtmoia sin'¥ip tin othe Sioa PY 

G)O = ON iipdacic avceceer yee views alee 2.8 

PI 23 OOS Dod sce 0s 110 + wpe dria «ins aie Saw 

Groove in piece: 17/d = 2.0...----eeeeerererseeeeteeets 2.6 

Adame BOs toon 2c oye wei niee ole pon nla oes, 3.0 

AEH oa ever rennceewns cece renees Bak 

PID OD Foe ono Be vc ols ebpieieye we €* Le 5.4 

FID =O eis oa eee paar es area seeters 8.0 

Corrosion-fatigue. Tests by McAdam and others show that under the 

simultaneous action of a corroding agent and repeated stress the endurance 

limit of a metal may be greatly reduced. Under the corroding action of a 

stream of fresh water at ordinary room temperature the endurance limit of 

heat-treated alloy steel may be reduced as much as 50%. Structural steel 

as rolled is less affected, and the various “ stainless ’’ steels and irons are even 

less affected than structural steel. 

Detection of Fatigue Cracks before Final Failure. Whenever it is feasible 

to make a periodic examination of a structural member subjected to repeated 

loading there is a fair chance of detecting a fatigue crack before disastrous 

failure occurs. Such cracks have been detected in practice for boiler plates, 

car axles, and bridge members. A careful visual examination will sometimes 

disclose the crack. Examination with a magnifying glass is still better. A 

method in successful use consists in rubbing the suspected part with oil, 

wiping the oil off the surface, coating the surface with a wash of whiting, and 

when the whiting is dry striking the piece so as to set up slight bending 

stresses. Some of the oil which has seeped into any fatigue cracks is forced 

out, discoloring the white coating and locating the fatigue cracks. 
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Static and Dynamic Loads. A load at rest, producing no change in the 
unit stress S, or a load which is increased gradually by increments from 0 up 
to P, is termed a Static Load, and unless otherwise noted is the load usually 

understood in the discussion of structural members. Many structural mem- 
bers, however, are subject to load applied so rapidly that the momentum of 
deformation causes strains and stresses beyond the “ static” values. Such 
loads are termed Dynamic Loads. It is obvious that the effect of a dynamic 
load may be much greater than the effect of the same load applied in small 

increments. 

Impact is a word used to denote the effect of a moving load. The blow of 
a hammer is a good example of impact, the velocity w'th which the weight 
of the hammer or the load is mov’ng when it strikes being an important factor 
in the effect produced. If P is a load in motion with a veloc.ty V at the 
moment of striking a horizontal bar, the energy due to the velocity, or the 

kinetic energy, could be expressed by PV?/2 g, in which g is the acceleration 
due to gravity. If is the height through which a load must fall in order to 
acquire the velocity V, then V?/2 g = h, and the kinetic energy of the moving 
load may be expressed by Ph. The load P striking the bar produces a stress 
which increases from 0 up to Q, with a corresponding deformat on increasing 
from 0 up to dj. The energy stored in the bar ‘s evident y expressed by 
1/2 Qdi, which must be equal to the external work provided no energy has 
been expended as heat or in giving velocity to the bar, or 1/2 Qdi = Ph. 
If d is the deformation produced by a static load P, then di/d = Q/P, whence 
by combining and solving for Q and d; there results 

2h\ 1/2 2h\ 12 a=r()" a =4(2) 
from which it appears that 0 and d; increase with / or, in other words, with 
the velocity with which the load is moving when impact occurs. If the bar 
is vertical instead of horizontal the external work expended is expressed by 
P (kh + d;). Substituting this value for the external work above, 

1+2h\ 1/2 1/2 
Q-P+P(-=2t) a = +a(+4?) 

It is obvious that these formulas are valid only when the stresses do not exceed 
the elastic limit of the material. : 

Compared with actual experiments the above formulas give values somewhat too 
large. This is due to the fact that some of the external work is not effective in pro- 
ducing stress, it being expended in giving motion to the bar and in producing heat, 
the heat being caused by the friction between the displaced molecules. For light bars, 
however, the values given by the formulas give results approximately correct. 

Rupture from Impact. Since the stresses caused by moving loads increase 
with the velocity of the load, it is obvious that rupture may be caused by 
impact provided the load has the requisite velocity. The above formulas, 
however, do not apply, since they are valid only for stresses within the elastic 
limit. There being no rational formulas for rupture due to impact, the only 
information available has been obtained: through experiment. The relation 
between the work required for rupture from impact and the work required 

under static loads has been determined by Hatt. From nearly 200 experi- 
ments he determined that the work required for rupture from impact was 
about 30% greater than that required by static loads. From available test 
data it does not seem that the ultimate elongation under impact (dynamic) 
loads is widely different from that under static loads. 
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Live Load Stresses, Coefficient of Impact. In computing stresses in struc- 
tural members two classes of loads are usually considered; the dead load, or 
the weight of the various parts of the structure, and the live loads or the 
superimposed loads which the structure has been designed to carry. The 
effects of these two loads are usually computed separately. The stresses 
due to the dead loads are computed from static loads in the ordinary manner, 
the actual stresses increasing gradually as the structure is built. Stresses 

due to the live loads, however, may often be considerably greater than those 
due to corresponding static loads, since ynder some circumstances the loads 
are dynamic loads, as when a heavy, rapidly moving train runs onto the 
floor system of a bridge. It is evident, therefore, that in computing stresses 
due to various live loads proper allowance should be made for the dynamic 
effect. The Coefficient of Impact is the factor by which the corresponding 
static stress must be multiplied in order to give the amount that the live-load 
stress exceeds the corresponding static stress. Thus let S be the corresponding 
static unit stress due to a live load W, and z the coefficient of impact. Then the 
amount that the live-load stress exceeds the corresponding static stress 
would be zS and the total stress S + 7S. Values of the coefficient of impact 7 
have been determined by empirical methods, the values varying with existing 
conditions. The coefficient of impact varies widely for different parts of a 

structure. For example, the coefficient of impact for the floor-beams of a 
railroad bridge would be much higher than the coefficient of impact for the 
chord members of the trusses. At present no general rule can be given for 
determining values of this coefficient for structural parts. See Sect. 8, Art. 10. 

It should be noted that the meaning of the word impact as here used differs some- 
a 

what from its strict theoretical meaning. The use of the terms “impact” and “ co- 

efficient of impact”’ in connection with live-load stresses is, however, very general. 

8. Combined Stresses 

Combinations of Axial Forces. Assume a bar of a cross-section A acted 
upon at the same time by a number of axial forces some of which produce 
tension and some compression. Assuming those producing tension to be 
positive and those producing compression negative, five forces may be repre- 
sented by Pi, Po, P3 and — Pi, — Pz. Let the unit stress in the bar be S. 
It is obvious that the unit stress in the bar is equivalent to the stress produced 

by a load represented by the algebraic sum of the several loads acting, or S = 
(P, + P2 + P3 — Pi — P2)/A. If the forces represented by Pi and — P; 

and P, and — P» have the same numerical values, then S = P3/A. P3 
represents the algebraic sum of the forces acting, and being positive indicates 

tension. 

Change in Cross-section. A body subjected to a simple axial load suffers 

lateral deformation. If the load is tensile the cross-section is diminished; 
if compressive, the cross-section is increased. When the elastic limit of the 

material is not exceeded, experiments show that the lateral unit deformation, 

or change in diameter or other lateral dimensions, bears a constant ratio to 

the linear unit deformation. Let this ratio be expressed by ». Let a bar of 

a diameter d and a length / under a unit stress S within the elastic limit have 

a linear unit deformation e then the total linear deformation under the unit 

stress S' will be represented by el, and the total lateral deformation, or change 

in diameter, will be expressed by ped. If d’ is the diameter and ’ the length 

of the bar while under the stress S, then 

For tension, V=(1+el and d= (1 —pe)d 

For compression, l’ = (1 — e)l d’ = (1+ pe)d 
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The quantity p is sometimes called the “factor of lateral contraction ’’ but 

more commonly Poisson’s Ratio. Recent tests by Jasper indicate that for 

rolled metals Poisson’s ratio varies from 0.19 to 0.27; 0.25 seems to be a 

fairly representative value. For concrete Poisson’s ratio is about 0.15. 

Shear under Tension or Compression. A body under tensile or com- 

pressive forces is subjected to tensile or compressive stresses in planes normal 

to the direction of the forces, and to shearing stresses between planes inclined 

to the directions of the forces, the intensity of the shear varying with the 

inclination of the planes. Assume two forces Pi and P2 acting on a bar at 

right angles to each other, producing apparent normal unit stresses of $1 

and S>. Let S’ represent the maximum shear’ng stress. ‘Then from the rela- 

tion existing between the maximum shear and tension or compression, if 

S; and S2 have the same sign, 

S’ =.1/2 Sy or 1/2 Se, whichever is greater. 

If S; and S2 have opposite signs, 

SU = 1/2S, —"S2) 

The planes in which the maximum shearing stress occur are found to be those 

which make angles of 45° with the directions of the two forces. 

A bar of cast iron 1 sq. in. in cross-section under a compressive load of 2400 Ib. is 

subjected to unit stresses Sy = 2400 and Sz = 0. The maximum shearing stress is 

S’ = 2400/2 = 1200. 

Effect of Lateral Deformation. Under the action of two (or three) stresses 

at right angles, or under the combined action of axial stress and shearing 

stress, the lateral deformations set up have no effect on the stresses developed, 

but they do affect the deformations at any point. For example, a boiler 

shell is subjected to circumferential tensile stress due to the bursting action 

of the steam pressure, and also to axial stress due to the pul of the boiler 

heads.. The lateral contraction due to the axial pull does not affect the 

circumferential stress, but does affect the circumferential stretch due to the 

bursting pressute, and the resulting circumferential unit deformation is less 

than the circumferential unit deformation due to bursting pressure alone. 

If the shell were subjected to axial compression the unit circumferential unit 

deformation would be greater than that due to bursting pressure alone. 

Four Theories of Failure of Materials. When structural damage is done 

to the material ina member is it caused by stress or by deformation? Or is 

it caused by shearing stress on some oblique plane? Or is it caused by the 

energy stored up in the) stressed material? 

The Maximum Strain Theory (St. Venant’s) holds that deformation is 

the vital factor in causing failure of material. Using this theory as a basis 

for calculation it is necessary to take account of the lateral deformation 

accompanying axial stress; Poisson’s ratio must be considered. 

The Maximum Stress Theory (Rankine’s) holds that stress is the vital 

factor in causing failure. This is the theory on which the common formulas 

for strength are based. Using this theory no account is taken of lateral 

deformation accompanying axial stress; Poisson’s ratio is not considered. 

The weight of experimental evidence seems to show that the maximum stress 

theory is not strictly true, yet in most cases it is sufficiently accurate for 

everyday use. Its use is most doubtful for members subjected to tension 

in one direction and compression at right angles to the tension. 

The Maximum Shear Theory (Guest’s) holds that shearing stress is the 

vital factor in causing failure. If this theory is used a bar under a simple 
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axial load is in danger of failure from the shearing stresses on a’ plane making an angle of 45° with the axis of the bar. The value of the shearing unit stress on this 45° plane is one-half that of the axial unit stress. 
The Maximum Energy Theory (Haigh’s) holds that the energy per unit volume stored up in the stressed part is the vital factor in causing failure. 

This theory necessitates the consideration of axial stresses, lateral deforma- 
tions, and shearing stresses. 

Experimental Evidence for the Various Theories. Recent experimental 
studies of these theories have been made by Becker (Univ. of Ill. Eng. Expt. 
Sta. Bull. 85), by Matsumura and Hamabe (Memoirs of the Coll. of Eng., 
Kyoto Imperial University, Feb., 1915), and by Haigh (Proc. British Assn., 
1919 and 1921 Report of Comm. on Complex Stress). A combination of the 
maximum strain theory with a consideration of shearing stress seems to fit 
the test results fairly well. The maximum energy theory seems to fit test 
data except for the case of axial stresses of the same sign and of nearly equal 
magnitude acting at right angles to each other. The maximum shear theory 
seems to give results on the safe side for nearly all cases. For nearly all cases 
of structural design the common Rankine formulas seem safe. 1 

The different theories give the same results for simple axial stress and for 
simple shearing stress. For the combinations of axial stress and shearing 
stress usually found in practice the different theories do not yield widely 
differing values. For combinations of tension in one direction with compres- 
sion at right angles to it there is some question as to the safety of the Rankine 
formulas. 

9. Miscellaneous Cases 

Eccentric Loads in a Rectangular Bar. An eccentric load is one whose line 
of action does not coincide with the axis of the bar upon which it acts. In 
concentric or axial loading the load, or if there are several loads all acting at 
the same time, their resultant, coincides with the axis of the bar. The result 
of an eccentric load is an uneven distribution of stress over the area of cross- 
section, the unit stress in one portion of the cross-section being considerably 
greater than in another portion, the actual variation depending upon the 
position of the resultant load with reference to the axis. 

Let P be a load acting on a rectangular bar (whose area is A) at a distance 
e from the axis of the bar, e being measured in the direction of the width d 
(Fig. 17). Were the load P axial the unit 

stress S would be the same all over the area "3, d 
of cross-section and would be S = P/A. 
The load P being eccentric, P/A expresses .._] Y =a Ye 
only the average unit stress, the maximum P 

unit stress and the minimum unit stress i Sy 
varying from the average an amount de- ve 
pendent upon the position of the load. Fig. 17 
Let mn be any section and 5S; be unit 

stress along edge nearer to P and S» unit stress along opposite edge. It has been 
found that the intermediate’ stresses between S; and S» will vary uniformly 
or as a straight line, so that the plane figure (Fig. 17), of which S; and Sy 
are two parallel sides, is a trapezoid. In order that equilibrium may obtain, 
the resultant stress must equal P, and its line of action must be in the same 
line as P. From these two conditions of equilibrium it results that 

P 6e P 6e 
Si “F (1 +5) S2 oF (i aS) 
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and these formulas are applicable alike to cases of tension or compression. 

The same result might have been obtained by considering the bar subject 

to an axial load P and bending moment Pe. 

Making e = 0 in the formulas, 5S; = P/A, and So = P/A, which is a case of axial 

loading. When e = 4/6, Si = 2 P/A and Sz = 0, which indicates that when the 

resultant force is at the edge of the middle-third the maximum stress is twice the 

average stress and the minimum stress is zero. Making e greater than d/6, the sign 

of the stress Sg changes, indicating a change from tension to compression or vice 

versa. A brick pier 5 ft. X 4 ft. in cross-section, loaded at a point 1 ft. from the 

center of the top in the direction of the width, with a load of 16 000 Ib., would have 

a maximum unit compression of Si = (16 000/20)(1 + 6 X 1/4) = 2000 and a stress 

on the opposite edge of the pier of Sp = (16 000/20)(1 — 6 X 1/4) =— 400. The 

minus sign indicates a change in stress, Or tension. 

Centrifugal Stress in a Revolving Bar. If a weight is secured to an axis 

of revolution by means of a cord or a bar, and is made to revolve about that 

: axis at a certain radius, a tensile stress is generated 

in the cord or bar. Let P be a weight revolving 

about an axis B (Fig. 18) at a radius 7 from the 

axis to the center of gravity of P and with a ve- 

locity V. Let Q be the centrifugal tension gener- 

ated. Then from mechanics Q = PV?/gr, in which 

/é is the acceleration due to gravity, the mean value 

of which is usually taken as 32.16 ft. per second 

per second. Let ” be the number of revolutions 

Fig. 18 per second; then V = 2 xmr and Q = (4 Pxn?r)/g, 

which gives the centrifugal stress in the member 

securing the weight to the axis when that member has no appreciable weight, 

as would be the case were it a cord. If the connecting member is a bar of 

a length / and weight W, then 1 

4Pr’n 2? 2 ots aie ag Seen oy qa Le cveWh ee 

In this formula a portion of the stress Q is due to the weight P revolving with 

its center of gravity at a distance 7 from the axis, and a portion is due to the 

weight of the bar revolving with its center of gravity at a distance 1 /2 1 from 

the axis. Q in this case is the stress in the bar at the axis. The stress ina 

simple bar revolving about an axis at one end varies from Q at the axis to 0 

at the outer end. If w be the weight of the bar per unit of volume and 4 its 

cross-sectional area, the stress Q’ at any point distant x from the axis is 

= 2wA(P — x’) rn? 

g 

Q’ 

Giving Q’ its proper value and making « = 0, the number of revolutions required 

to rupture a bar of any given size, length, and material may be found. Thus the 

number of revolutions required to rupture a steel bar one square inch in cross-section 

and 4 ft. long will be found by substituting in the formula «= 0, / = 4 ft., A=1, 

w = 3.4lb., Q’ = 60 000 lb. per sq. in., g = 32.16; then m equals about 42 revolutions 

per second. 

Revolving Thin Hoop. A thin circular hoop having a thickness ¢ and a 
radius r (ft.) revolving about its center generates a tension in the hoop due to 
the centrifugal force acting radially in a manner similar to the action of an 
internal pressure on a section of a thin cylinder. If S is the tensile unit stress 
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(lb. per sq.-in.) in the hoop, W = weight of a piece of the material 1 in. 
square by 12 in. long, and the other symbols as above, then 

a 4 a re ‘ios 4 (xnr)?>W 

4 
which applies only when ¢ is very small compared with the radius r. 

Revolving Thick Hoop or Solid Wheel. Let a thick hoop have an inside 
radius of 7; and an outside radius of rz, and let R be the radial unit stress and 
S the tangential unit stress, at a distance x from the axis, due to the angular 
velocity 2am. Other symbols remaining as above, then 

2752 

—— (2) (w7rn?) (x2 + Tr,” Pee Tabs — a) 
2¢g x 

S= (3) (wan?) (12 te pe fe x) 
2g 2 & 

For a solid wheel, such as a millstone or a grindstone, 7; = 0 and r2= 7. 
Whence, when x=0, the unit stresses at the center are R=S =3/2 (nr)? w/g. 
When x =7, then R = 0, and S = (rnr)?w/g is the tangential stress at the 
circumference. The above formulas are deduced by supposing that the revoly- 
ing body does not change its form, but they give the correct actual stresses 
at the circumferences. For the center of a solid wheel, the above formula for 
S does not take account of lateral deformation, but the equivalent simple 
radial and tangential stresses (the strain equivalents) corresponding to the 
actual deformation are 3/2 (1 — #) (rnr)w/g. Were p is Poisson’s Ratio, or 
the factor of lateral contraction. For a solid steel wheel, the simple unit 

stress corresponding to the deformation (the strain equivalent) at the axis is 
9/8 (anr)?w/g, but if there be a very small hole at the axis it is two times 
as great. All these formulas apply only when the elastic limit of the mate- 
tial is not exceeded. 

Temperature Stresses. All structural materials undergo changes in length 
due to changes in temperature. The Coefficient of Expansion for any 
material is the factor which expresses the change per unit of length for each 
degree of temperature. A bar or other structural member of a length J under 
a change in temperature of ¢ degrees will, if free to move, undergo a change 
in length of tin, n being the coefficient of expansion. If the bar or member 
is fixed so that the change in length cannot occur it is evident that there is 

generated in the bar or member a stress equal in amount to that required to 

produce a deformation of “lm or a unit deformation mw. If E is the modulus 
of elasticity and S the unit stress produced, then 

Ss 
Ez or S = mE 

from which it is seen that .S is independent of the length of the member. 

Average values for the coefficient of expansion based on one degree (Fahrenheit) 
are as follows: = 0.000 006 2 for cast iron, 0.000 006 5 for steel, 0.000 006 7 for 
wrought iron, 0.000 005 0 for brick and stone, and 0.000 005 5 for concrete. 

Shrinkage of Hoops. A hoop surrounding a cylinder such as a reinforcing 
band on a gun or a tire on a wagon wheel or locomotive driver, is usually 

held in place by turning the hoop to an inside diameter slightly smaller than 
that of the cylinder it is intended to surround, and then expanding it by heat 
until large enough to fit, the shrinkage in cooling holding it securely in place. 
In such a hoop a tangential stress is produced in the hoop and a radial pressure 
in the cylinder which it encloses. When the thickness of the hoop is small 
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compared with its diameter, all the deformation produced may be considered 
as confined to the hoop. The tension in the hoop will be proportional to 
its change in diameter. Let d = the diameter of the cylinder to be enclosed, 
which is assumed to be the same after the hoop is in place. d; = the diameter 
to which the hoop has been turned. S = the tangential unit stress. E = 
the modulus of elasticity. R =the radial unit stress acting on the inside 
of the hoop, and # = the thickness of the hoop. Then 

E (d — dy) 2tS 
SS) 7 and R aa 

The values found for S from this formula are somewhat too large since some change 
jis made in the diameter d due to the radial pressure. For thick hoops such as the 
bands on heavy guns more exact formulas are usually employed. 

Internal Friction. In 1893 the discovery was made by Hartmann that 
lines of stress became visible on polished metal specimens, these lines remain- 

ing after the removal of the load if the elastic limit had been exceeded. On 
a cylindrical specimen these lines are two sets of helices; on a flat specimen 
they are two sets of straight lines. In tension they make angles with the axis 
greater than 45°, in compression the angles are less than 45°. These lines indi- 

cate the direction of planes along which sliding or shearing is occurring. 
Internal friction occurs along these planes from the theory of which Merriman 
deduced the ratio between the shearing and compressive strength of brittle 
materials (Mechanics of Materials, 1910, p. 380) finding 0.13 for anthracite 

coal, 0.18 for sandstone, 0.23 for hard brick, 0.29 for concrete, and 0.35 for 

cast iron. 

BEAMS, COLUMNS, SHAFTS 

10. Moments and Shears 

Flexure or Bending is the phenomenon which occurs when a straight 
bar is subjected to a force or a combination of forces so applied that the axis 
of the bar is caused to assume the form of a curve. The phenomenon of 
flexure is a combination of the three simple stresses of tension, compression, 
and shear. Thus a horizontal bar simply supported at the ends under the 
influence of its own weight assumes the form of a curve, concave upward, and 
is undergoing flexure. The fibers on the convex side of the bar are elon- 
gated and therefore are in tension, while the fibers on the concave side are 
shortened and are therefore in compression. Shear is taking place between 
each vertical plane of the bar and the one adjoining, between the middle of 

the bar and each support. The structural members which are ordinarily 
subject to flexure are called beams and are usually horizontal members, 
carrying loads acting vertically. Flexure, however, is not confined entirely 
to beams, since it may occur in any member of a structure under the influence 
of loads other than axial loads. Even in the case of a strut or column which 
is under compression, flexure may occur when the acting forces are eccentric 
with respect to the axis. 

A Simple Beam is a horizontal member simply supported at the ends so that all 
parts have free movement in a vertical plane under the influence of vertical loads. 
Simple beams. are the commonest structural members. Under ordinary loading the 
upper fibers are in compression and the lower fibers in tension. A Cantilever Beam 
is a member with one end projecting beyond the point of support, free to move in a 
vertical plane under the influence of vertical loads placed between the free end and 
the support. The fibers in the upper side of such a beam are in tension and those in 
the lower side in compression. A beam with one end rigidly fixed in a brick wall and 
the other end free is an example of a cantilever beam. Constrained beams are those 
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rigidly fixed at one or both points of support. A beam with one or both ends rigidly 
built into brickwork is an example. A Continuous Beam is one having more than two points of support. More than two points of support cause a distribution of stress 
similar to that in a constrained beam. 

Neutral Surface and Neutral Axis. Any beam under flexure takes the 
form of a curve. The fibers of the beam on the concave surface are sub- 
jected to compression, while those on the convex surface are subjected to 
tension. It is obvious that these stresses must decrease toward the middle of 
the depth of the beam; therefore at some,point in the depth of the beam there 
is a-surface where the fibers are neither in tension nor in compression and 
where no deformation is taking place. This surface is termed the Neutral 
Surface. The trace of this surface or plane on any cross-section of the beam 
is termed the Neutral Axis of that section. 

From experiment it has-been shown that where the elastic limit of the material has 
not been exceeded the deformation in any fiber and in consequence the stress in that 
fiber is proportional to its distance from the neutral surface. It may also be demon- 
strated analytically that the neutral surface passes through the center of gravity of 
the cross-section, and that for beams of symmetrical cross-section loaded in a 
plane of symmetry or at right angles thereto the neutral axis is perpendicular to the 
plane of the load. 

End Reactions. In order that equilibrium may obtain in any vertical 
system of forces acting in one plane, as in the case of the loads and reactions 
of beams, it is known from analytical mechanics that, first, the algebraic sum 
of all vertical forces must equal zero, and second, the algebraic sum of all mo- 
ments must equal zero. From the first of these laws it is apparent that the 
sum of the reactions must equal the sum of the loads. In a simple beam when 
the loads are systematically placed with reference to the supports, as in the 
case of loads uniformly distributed, such as the weight of the beam itself, or 
equal concentrated loads placed at equal distances from the supports or center 
of beam, each reaction will equal one-half the sum of the loads. When the loads 
are not systematically placed the reaction at each support may be ascertained 
from the second of thelaws stated above. — 
Thus consider the system of loads, Fig. 
19. Taking moments about the left 
support R2 X 20 — 4000 * 5 — 5000 X 

8 — 10000 K 10 = 0, or Rez = 8000 lb. 
Similarly moments taken at the right 
support give R; = 11000. It will be 
noted that the sumof the reactions equals 

19 000, the sum of the loads thus ful- Fig. 19 
filling the first law of equilibrium. When 
some of the loads are uniformly distributed over a portion of or the whole 
of the beam the same method may be applied to find the reactions by con- 
sidering the uniform loads ds concentrated at their centers of gravity. 

Vertical Shear. At every section in a beam two equal and opposite forces, 
the one on the right and the other on the left of the section, tend to shear the 
beam at that point. This shearing tendency is greatest at the reactions where 
the shearing forces are each equal in amount to the reaction. The vertical 
shear at any section is the measure of the shearing tendency at that section 
and is equal to the algebraic sum of all the forces to the left of that section, 
upward forces or reactions being taken as positive and the downward forces 
or loads being taken as negative. The vertical shear may be either negative 
or positive, depending upon the relative values of the loads and reactions to 
the left of the section. 
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Figs. 20a and 20) illustrate diagrammatically the vertical shear. Fig. 20a shows a 

beam with a uniform load of 100 Ib. per ft., the vertical shear at each support being 

equal to the reaction of 1000 lb. at that support and gradually decreasing to zero at 

the center. Fig. 20b shows diagrammatically the vertical shear under concentrated 

20!- 

100 lbs. per linear foot 

LLL 
Zs 

Fig. 20 

loads, the vertical shear between the left reaction and first load being 6000 Ib., between 

the first and second loads 2000 lb., at the center zero, between the second and third 

loads 2000, and between the third load and the right reaction 6000 lb. 

The Bending Moment at any section is the algebraic sum of the moments of 

all forces on the left of that section, moments tending to cause rotation in the 

game direction as the hands of a clock being taken as positive, and those tend- 

ing to cause rotation in the opposite direction being taken as negative. The 

bending moment at any section is the measure of the flexural stress at that 

section. 

In Fig. 21a let the beam have a length / and be loaded with a uniform load of w lb. 

per lin. ft. The left reaction will then be wi/2, and if M be the bending moment at the 

distance x from the left support, then M = 1/2 wlx — 1/2 wx2, whence it is seen that 

Fig. 21 

M =0 when x = 0, and M = 1/8 wi? when « = 1/21.. In Fig. 216 let the beam be 

loaded with the loads Pi, Ps, P3. The reactions Rj and Reg may be found by the 

principle of moments. The bending moment at any point between the first and second 

loads will be M = Rix — Pym. 

Maximum Bending Moment. Ina cantilever beam the maximum bending 

moment is at the support irrespective of the position of the loads. In a 

simple beam the point of maximum bending moment, or the dangerous sec- 

tion in a beam, is at the point where the shear passes through zero, that is, 

where the shear changes from positive to negative, or vice versa. This point 

may be located in any system of loading by beginning at one reaction and 
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subtracting the loads in order from the reaction until a point is reached where 
the sum of the loads equals the reaction. 

In Fig. 202 the bending moment under a uniformly distributed load is illustrated diagrammatically. From the expression for the bending moment’ at any point, M = -1/2 wlx — 1/2 wx, it will be noted that the bending moment at’ any section may be represented by the corresponding ordinate of the plane figure (Fig. 20a) formed by the straight line 2b and the parabola acb. It will be noted that the maximum ordinate is at the center, coinciding with the axis of the parabola, and that at the supports the ordinates are zero. 
- 

11. Formulas for Flexure 

Conditions of Equilibrium. The investigation of beams is governed by 
the following three conditions of equilibrium, which hold for any section: 

Sum of all tensile stresses = sum of all compressive stresses. 
Resisting shear = vertical shear. 
Resisting moment = bending moment. 

Resisting Shear. At any section in a beam the internal forces must equal 
the external forces in order that equilibrium may obtain. At any section, 
therefore, some internal force must oppose and be equal to the vertical shear 
at that section. This force is the shearing stress in the material and is called 
the Resisting Shear. Let V be the vertical shear at any section, Ss the maxi- 
mum unit shearing stress at that section and A the area of the section. ‘The 
average shearing stress at the section is — 

Vv 
S’s = —- rer 

The shearing stress is not, however, uniformly distributed over the cross- 
section and the maximum shearing stress on the section is 

kV oa 
ee as (1) 

in which is a constant depending on the shape of the section. Fora rectangle 
kis 1.50, for a triangle & is 1.33, and for a circle & is 1.33. Values of factors-for 
determining maximum shearing stress in I beams and channel beams are given 
on pp. 666-677. 

In a beam the shearing stress is greatest at some point neat the center of depth and 
is 0 at the extreme fibers. At any point in a beam the horizontal shearing unit stress 
is equal to the vertical shearing unit stress at that point. Wooden beams which are 
weak in shear along the grain are in special danger of failure by horizontal shear. 

Resisting Moment. The bending moment at any section tends to cause 
rotation about that section. The tendency to rotate is resisted by the moment 

of tensile and compressive stresses in the material at that section, which act 
as an internal couple. This internal couple is called the resisting moment. 
Let S be the unit stress at any extreme fiber on the surface of the beam due 
to the bending moment and c the distance from that fiber to the neutral 
surface, M the resisting moment or its equal, the bending moment; then 

iy Ben wth ks Si Mc 
M;=—: sor) ; S == (2) c I 

in which J is the moment of inertia of the section about a gravity axis. 

This is the common flexure formula. Strictly speaking it applies only to beams 
loaded in the plane of a principal axis of the cross-section (e.g., a plane of symmetry). 
However, in practice most beams are so loaded, and this formula may usually be used- 
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Properties of Common Sections of Beams 
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If a beam is bent by a lateral force acting 
obliquely to an axis of symmetry of the cross-section, or if the beam section 
has no axis of symmetry, in general, the extreme unit stress is different from, 
and frequently greater than, the value given by formula (2). The neutral 
axis of a cross-section under oblique loading is not perpendicular to the 
plane of the load, but makes with it an angle @ as illustrated in Fig. 23. 
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To determine the extreme unit stress set up by oblique flexure it is necessary 
to know three properties of the cross-section: Jy, the moment of inertia about 
some gravity axis, Jz, the moment of inertia about a gravity axis perpendicular 
to the axis for Jy, and J, the product of inertia about the axes for Jy and Jz. 
The product of intertia of an area about two axes at right angles is equal to 
the sum of the products of each elementary area and the x-coordinate and the 
y-coordinate of the elementary area, or J = 2 xy dA. J may be either + or 
—, differing in that respect from the moment of inertia which is always +. 

NN. Neutral, Azis ; 
|¥ -M,shows Direetion of Flerure 

O, Center of Gravity of Section 

Fig. 23 

Tf the cross-section of a beam has an axis of symmetry the value of J for 
this axis and the one at right angles toitis 0. If this is not the case, J may 
be determined for the common structural shapes by the following graphical 
method. In Fig. 24 lay off CA = Iz and AB = Jy. On CB asa diameter, 
with center at O, draw a circle, called the dyadic circle. In the tables of 

properties of sections (pp. 673-676 and 679) the minimum radius of gyra- 
tion of the section rmin is given, then Imin = 7?min A, A being the area 
of the cross-section: In Fig. 24 lay off CD =Jmin,.and with radius, OD 
draw circle DKF. Then AK perpendicular to CB gives, to scale, the value 
of J, which is measured in (inches)*, as are the moments of inertia... Again 
note that J may be either + or —. 

Note that @ is not the same 

iG es 0) AF 8B Angle as ain Fig. 23 

Fig. 24 Fig. 25 

Note that @ is not the same angle as @ in Fig. 23 

Tf now a beam is subjected to oblique flexure, and the plane of the bending 

moment makes an angle 6 with the X axis, as illustrated in Fig. 25, the 

extreme unit stress will be at one of the corners of the cross-section. It is 

usually possible to tell by inspection which corner will develop the maxi- 

mum unit-stress, but in case of doubt try two or more corners. As an illus- 

tration, in Fig. 25 the extreme unit stress will be developed at either R or N, 
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and it is to be noted that for R the x-coordinate is — and the y-coordinate +, 

while for N both coordinates are —. The maximum unit stress is 

Izly —J 

y (Iy sin 6 — J cos 8) + % Uz cos@ — J sin @) 

in which M denotes the bending moment in inch-pounds, and x and y are the 

coordinates of the critical corner. 

For sections for which either the X axis or the Y axis is an axis of sym- 

metry (I beams, H beams, and T beams), and which are obliquely loaded, J 

becomes zero, and 

M 
Smax ee 0’ and Q = 

Izly 

a= y Iy sin @ + x Iz cos 6 

The above treatment of oblique flexure is based on the work of Otto Mohr 

and of Land. © For a full discussion see L. J. Johnson, Trans. Am. Soc. C: EX, 

Vol. LVI, p: 169 (1906). 

For detail of drawing the dyadic circle is that used by Prof. H. M. Westergaard of 
” 

the University of Illinois. Strictly speaking, where the term “ axis of symmetry ” is 

used the term “ principal axis” would be more precise. The principal axes of an area 

are two axes at right angles for one of which the moment of inertia is a maximum, and 

for the other a minimum. For a pair of principal axes the product of inertia is zero. 

An axis of symmetry is always one of the principal axes of an area. 

The Moment of Inertia of an area with reference to any axis may be defined 

as the sum of the products obtained by multiplying each elementary area 

of-cross-section, da, by the square of the distance of that particular elementary 

area from the axis. The moment of inertia is represented by J, and 

I = Yz’*da 

in which g is the distance of the elementary area da from the axis. The 

Moment of Inertia is a factor depending on the shape of the cross-section. 

From the above expression it will be found that the values of Z will be greatest 

fot sections having the largest area at the greatest distance from the axis of 

reference. Unless otherwise noted, the axis of reference is always.a gravity 

axis of the section. 

Section Modulus. This is the term I/c in the common flexure formula 

for the resisting moment. It is the measure of the resisting moment or the 

strength of a beam of given cross-section and is largely used as a basis of 

computation in the design and investigation of beams. In the table Fig. 22 

are given the values of the moment of inertia J and of the section modulus 

I/c for the various sections most commonly used in structural design. 

Investigation and Design. Formulas (1) and (2) are the formulas com- 

monly used in the design and investigation of beams. Except in cases of 

short spans and heavy loads the question of resisting shear is not usually the 

controlling factor. Having obtained the bending moment from the condi- 

tions of loading in any particular case of design, and having assumed a proper 

working value for S, formula (2) is solved for Z/c and the proper beam selected. 
In the investigation of beams, M is determined from the conditions of loading 
and from the kind of beam employed. The proper substitutions are then made 

in formula (2) and the equation solved for S, which may be wither tension or 
compression, A comparison of the value of S with the allowable working 
stress for the material will determine the degree of stability. See also the 
tabulated statement on p. 588 of the various ways in which beams may fail. 

Effect of Combined Shearing and Bending Stress. In a beam of I-sec- 
tion or channel section both the shearing stress and the bending stress at the 
junction of web and flange may be high, and the combination of the two 
stresses sometimes causes stress on an jnclined plane which is greater than the 
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direct stress in the extreme fibers of the flange. This effect of combined 
stresses is rarely of importance except for deep beams with short spans. If 
Sz is the maximum stress on an inclined plane at the point under considera- 

tion, S’ the direct bending stress at the junction of web and flange, and S’s 
the shearing stress at the same point, which is slightly less than the shearing 
stress for the same cross-section at the neutral axis, then 

St = 1/28’ + V(S's)? + (1/2 8’)? 
See also paragraph on Flexure and Tension, p. 598. 

Elastic Curve. In a horizontal beam under a system of vertical loads 
the fibers in the upper surface are shortened, while those in the lower surface 
are elongated. This causes the beam to deflect downward and the neutral 
surface .o assume the form of a curve whose radius of curvature at any sec- 
tion is dependent upon the bending moment at that section and the moment 
of inertia of the section. ‘ 

Thus in Fig. 26 let mn represent the elementary section di of a beam whose length 
is / and let b’b and c’c represent two sections separated by the distance di. These sec- 
tions, before bending, are assumed to be parallel; after bending, the sections produced 
intersect at some point o, the distance om being the radius of curvature R. Let 
c’\c) be drawn parallel to b’b through m._ The distance c’;c’ represents the deformation 
of the upper fibers in the length dl, and the 
distance ccy represents the corresponding 
deformation in the lower fibers. Let c’c’; be 
represented by e; then e = (S/E)dl, in which 
Sis the unit stress producing the deforma- 
tion e, and E is the modulus of elasticity. 
Let ¢ represent the distance from the neutral 
surface to the extreme fiber; it then follows 
that R/dl = c/e; whence R = EI/M, which 
expresses the value of the radius of curva- 
ture Rat any section in terms of the modulus 
of elasticity, the moment of inertia and the Fig. 26 
bending moment at the section. When 
M =0, R = infinity, or the curve at that point is a straight line; when M is a 
maximum, R is a minimum, or the curve is the sharpest. If the curve is referred to 

a system of coordinate axes in which x represents abscissas or horizontal distances 
and y ordinates or vertical distances, giving K its value as determined for very flat 

curves by the differential calculus in terms of +, y and /; then 

= EI = (3) 

which is the general differential equation of the elastic curve of any beam under any 
system of loading expressed in terms of the modulus of elasticity, the moment of 
inertia and the bending moment. 

Slope of Beams. For a beam the integration 
d’y dy faZqauZ+e 

d Ri Pet : 
gives an expression involving 2 the change of slope, or inclination of the 

elastic curve for any section of the beam. C is a constant of integration 

depending upon loading and upon end conditions. A beam so rigidly held 

that under bending action the slope remains horizontal at a support is said 

dy 
to be fixed at that support, and at the suppor Ps (0 

Deflection. In formula (3), assuming the origin of coordinates at one 

support, where the deflection of a beam is zero, y becomes the deflection at 
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any point at a distance x from the support or origin of coordinates.’ Sub- 
stituting proper values for EZ, J, and M, integrating twice, and giving proper 
values to the constants of integration, the value of y, or the deflection, may 
be determined for any point in the beam. 

12. Beams of Uniform Cross-section 

Values for shear, V, and for moment, M, at any section; for maximum 
moment, Mmax, for slope, dy/dx, and for deflection, y, at any section, and for 
maximum deflection, ymax, are given in the accompanying table for a number 
of common kinds of beams of uniform cross-section. 

It is possible to combine values given in the table for different loadings to 
give values for loadings not given in the table. For example, by combining 
the values for a beam loaded with two symmetrical loads with the values for 
a beam loaded at one point in its span values for a beam with three loads may 
be obtained. 

A beam with ends and loads overhanging the supports may be treated as 
a combination of a cantilever beam and an end-supported beam. 

Shear at any section, 

Ya V = P (constant); 

Moment at any section, 

M=-—P(l—>x); 

4 M max = — P. 7 at O; 

ii LUTTTTIN  Bavetion of sone 
Shear diagram dy/dx = (—P/EI) (lx — x?/2); 

Equation of elastic curve, 
ms) 

== P/E) (=- =) 3 

Maximum deflection, 
Fig. 27. Cantilever Beam, Con- 

centrated Load at Outer End. ymax = — P/3/3 EI at A. 

Shear at any section, 

A VY sy — whol, 

Vmax = W at bis 

Moment at any section, 

x? 
M= = Ww (in -2+5), 

Mmax = — W1/2 at O; 

aba rttrigsrste oe Equation of slope, 
L. 2 3 

0 dylax = —(wien(=-2 45 : 

HNN 2 eh, gag 

(e ' Equation of elastic curve, 
Moment x2 3 iA 

diagram y = — (W/ED) (@ -= + a) 

Fig. 28. Cantilever Beam, Maximum deflection, 
Uniform Load. ymax = — WI3/8 EI at A. 
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Shear at any section, 

x oe 
V=W{1-2-+4+-}); (\=2} +p): 

Vmax = W at O; 

Moment at any section, 

gr gtk Me Wi — Seen (4 ye *) ; 
| Mriax = — WI1/3 at O; 

Shear diagram Equation of slope, 

W [ x CMa toe othe dylde = (eh ssi ult 311 2 2); 
Equation of elastic curve, 

W [x x4 x° 1? 

y= Bleu ar eae) 
Fig. 29. Cantilever Beam, Wf{aximum deflection 

Load Increasing Uniformly oe 
from Free End to Support. ymax = — WH/15 El at A. 

Shear at any section, 
x? 

Vmax = W at O; 

Moment at any section, 
x3 

= 7 = Sec =] . M=W (: spe 

Mmax = — 2/3 WI at O; 

Equation of Slope, 
! il W a? a4 2 

dy/dx = —|— —- —, — sla); 
en y 4 a ro a ) 
| Wl Equation of elastic curve, 

: “Moment diagram v= Wy e = x6 — lie : 

EB\ 6, 60 P08 ¥ 

Fig. 30. Cantilever Beam, «Gul ng ee Was 
Load ‘Increasing Uniformly Vriax = — — = at A. 
from Support to Free End. 60 EI 

Total Load =W Shear at any section, 

V, = W for OA; 

V = Wa) for AB; 

Moment for any section, 

= w (12-5) for 04; by s ll 

B 
W 2 =—— (l — for AB; 

Moment M 2b @ #)" for , 

diagram b 

M =-W(i-j)ao, 
Fig. 31. Cantilever Beam. Uni- ae 2 

_ form Load Over Part of Beam. 
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End reactions, Ra = RB = P/2; 

Shear at any section, V = + P/2; 

Moment at any section, 

M = Px2 for AC; 

Mmax = Pl/4 at C; 

Equation of slope, 

dy_P (#_PY. 
dx  EI\4 16)’ 

Equation of elastic curve, 

Pf{x Px 

 ltns.. B spa Et ae - te 
BLOM AEE See Maximum deflection, 

Fig. 32, Beam Supported at 3 
Ends, Concentrated Load at ymax = — Pr 
Middle of Span. 48 EI 

at mid span. 

End Reactions, 

Ra = P(i — k); 
Rp = Pk; 

Shear at any section, 

V =P (1 — k) for AC; 

V = — Pk for CB; 

Moment at any section, 

M =P (1 — k)x for AC; 

M = Pk (l — x) for CB; 

Mmax = Pki (1 — k) at C; 
Equation of slope, 

= = 2 —p2 ke 2 dy/dx = oi | bx (Ge-w+4)1 
for AC; 

P Fe I Fie erg (hr nate eG : dy/dx Z (is 5 5 5) # for CB 

marae of elastic curve, 

po ea 24 23 4 sai k)x3 —(2k—3k? +#?)/?x] for AC; 

Sean 2] 9]? 2 y =l- 8+ 3lx? —kPx —2P e+ REP lk 

for CB; 

Maximum deflection, 
A Moment diagram B 

Fig. 33. Beam Supported at PI3 2 { 3/2 
Ends, Concentrated Load at ymax = ———(1—#) (js =) 
Any Point in Span. 3 
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End reactions, 

= Rp =P 
Shear, 

V = P for AC, O for CD, —P for DB; 
Moment, 
M = Px for AC, Pd for CD, P(l—x) for DB; 
Mmax=FPd at any section between C and D; 

4 Equation of slope, 

d 54 Pp 2 oven i dy/dx TEI (x? + d dl) for AC; 

Pd 1 
dy/dx = El (: — ) for CD; 

Slopes for DB symmetrical with those for AC. 
Equation of elastic curve, 

y= rien (= a 

2 
Fig. 34. Beam Supported at y = (Pd/EI) 6 -! —-— ae a) for CD; 

Ends with Two Equal, Sym- 2 2 6 
metrical, Concentrated Loads. Flastic curve for DB symmetrical with. that 

for AC. 
Maximum deflection, 

rae 
= Bi ae ymax 74 EI (4d 3 1?) at mid span. 

End reactions, ; 
Ra = Rp =W/2; 

Shear at any section, 
‘ ib. We. sat V=Wwe——; 

Total Looa=W J 
' W 

: B Vmax = + 7 at supports; 

~——— saat oe. Moment at any section, 
W. Wx? ye 0, 
2 21 

- —} wi 
Shear diagram Mmax = 73 at mid span; 

Equation of slope, 

a 2 = stg (o# = FF) 
fll HN dx 24 EI i 

Equation of elastic curve, Moment diagram 

Fig. 35. Beam Supported at W (2 ities * 2% Px) : 
Ends, Uniform Load. ae 

Maximum deflection, 

oe we 
= t mid span. 

ymax ~~ 384 El” " 
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End reactions, 
Total Load = W 

D 1 DB pga Set b) 
21 

W(2a+5) 

neh 

Shear at any section, 

V = Rag for AC; 

V = Ra —“ (=a) for CD; 

V = — Re for DB; 

Moment for any section, 

M = Ragx for AC; 

Ww 
M = Rax — aa (x — a)? for CD; 

pipiens M = Rp (l — x) for DB; 
Fig. 36. Beam Supported at 

Ends, Uniform Load over Part Mmax =-R (ae > atx=a eae 
of Span. 2W Ww 

End reactions, 

Ra = Rp = W/2; 
Total Load on Beam =W Shear at any section, 

2 24 
A (9) B ven Ww (F—2E 2) tor ac; shear 

ee er Be diagram symmetrical about mid span; ! ; oo 
I I Vmax = + W/2 at supports; 

.; Moment at any section, 

a 4 C B M = Wx (-3 —--+- 3 35) for AC; moment 

Shear diagram 
diagram Se As about mid span; 

Mmax —= W1/12 at G2 

Equation of slo ope, 

| i is Er(47 51+ en ~ 5) 
eg — San nie Ns Pill Dye #7 Graiten— a Moment diagram Equation of elastic curve, 

Fig. 37. Beam Supported at y= = We Loe ae, # soy x xt : Ends, Load Increasing Uni- BP N32 127 30 30 2)’ f ly f ter to End: . é Beye sro mn eater, to: ates Maximum defiection, 

3. WB 
max = Sola tie. 

320 EI en ee ee ee ee 

Sect. 7 
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End Reactions, 

Ra = Rp = W/2; 

Shear at any section, 

er \-—1 
=—-—W 0+ - =) for AC; 

Shear diagram symmetrical about mid span; 

Vma¢ = + W/2 at supports; 

Moment of any section, 

M ll 8 

ae Nie 

| 
wW\|d sal 4 sa bd 

Equation of slope, 

dy _ -24 eet ew ye 
or. 4 + 96 dx 

Equation of elastic curve, 

Moment diagram Pe ahs is BixpaSui - 
EI\302 12° 96)’ 

Fig. 38. Beam Supported at 
Ends, Load Increasing Uni- Maximum deflection, 
formly from Ends to Center. we 

ymax = 6 pT at mid span. 

See aes 

End reactions, 

= W/3, Rp = 2/3 W; 

Bp Shear at any section, 

V=—W (xe /P — 1/3); 

— Vmax = — 2/3 W at B; 

Moment at any section, 

Wx 
M = 3" me set 1) § 

0.128 WI at x = 0.5771; 

Equation of slope, 

oa er 

=> 

M max 

A Shear diagram . 

4 fl il [| i | 
Moment diagram 

dx TH 6 180 

Equation of elastic curve, 

Ihe »--E(- atm") EI \o0? 18 

i deflection 
Fig. 39. Beam Supported at Maximum de i 

Ends, Load Varying Uniformly 2; we es 

from One End to the Other. ymax = 0.0131 Er at « = 0.521. 

a ee 
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End reaction at B, 

Ra = 11/16 P; 
Shear at any section, 

V = + 11/16 P for AC; 
V = — 5/16 P for CB; 

Moment at any section, 

M = P (11/16 x — 3/162) for AC; 
M = 5/16 P (l — x) for CB; 

Moment at mid span, 
Mc = 5/32 Pi; 

| Moment at fixed end, 

A (6) Ma = — 3/16 rl; 
Shear Inflection point (M changes sign) atx= 3/111; 

diagram Equation of slope, 

ant a3 — #12) for AC; 
ds,~ BI \32 16 

B d Pee S 5 
2 poe ae i te — Sat — FD for CB; 

Moment diagram dx EI \16 32 
Equation of elastic Bae 

: Px? (1A 

Fig. 40. Beam Fixed at One ee “EI \96 a 32 1) to AC; 
End, Supported at the Other, P/S 5 ¥ Px B 
C trated Load at Mid = — Ix? —— x3 —— 4 _—]f : pace rate 0a. y Er a(S a ae r _ ra) or CB; 

Maximum deflection, 

PR 
Vmax = — 0.0093 EI at x = 0.553 J. 

Shear for AC, 

= (P/2)@-3# +); 
Reaction at supported end. Shear for CB, 

Re=V => GH -2*); 

Moment for any section, Ne 
a eer M =! fe Q-38 +2)-1(2h-3# +29] 

2" for AC; 

y getie ete (3 k= BS) 47 (3-3 B)] for CB; 

Moment at fixed end, 
Moment diagram 

Ma= —~k-3R +m; 

Fig. 41. Beam Fixed at One Moment under load, 
End, Supported at the Other, Pl 
Concentrated Load at any Mc = —(32 —423 + be). 
Point. *) 



Art. 12 Beams of Uniform Cross-section 581 

End reaction at B, 

Rp = 3/8 W; 

Shear at any section, 

v= -w(% - sis); 

Vmax = 5/8 W at fixed end; 

Moment at any section, 

Moment at fixed end, 

Ma = — WI1/8; 

Maximum moment in span, 

Mmax = 9/128 W1 at x = 5/81; 

Inflection point (M changes sign) at x = 1/4; 
Equation of slope, 

dx EI \6l 

Equation of elastic curve, 

Fig. 42. Beam Fixed at One peeks Wx? ca a5 5 e+ L ¢ 
End, Supported at the Other, 2 Sama R Ap is:igg 00 167m 
Unitorm Load. Maximum deflection, 

WT tes ees 
ymax = 0.00543 =r at x = 0.5781. 

Shear at any section, 

13 
= V 7? 

Moment at any section, 

x 1 
M = P (= = +) for AC; 

Moment diagram symmetrical about mid span; 
Moment at fixed ends, 

Ma = Mp =— P18; 

Moment at mid span, 

Mc = + PI/8; 
Inflection points (M changes sign) at x = 1/4 

andx = 3/41; 

Equation of slope, 
ay Px /x l ' 
te El ( ) for AC; 

Equation of elastic curve, 

74 ( : ) for AC; 
Fig. 43. Beam Fixed at Both ot EWV\I2 16 

Ends. Concentrated Load at Slope curve and elastic curve symmetrical 

Mid Span. about mid span; 
Maximum deflection, 

= we at mid span 
pmee =~ 199 ET al 
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V=PA—3k? +2) for AC; 

V = — PR (3 — 2) for CB; 

Moment, 

C Moment at fixed ends, 

Ma = — Plk(1—2k+#*); 
iM B Mp = — Pik? (1 — 2); 

\ 
Moment 
diagram Moment under load, 

Me = Plk*? (2 —4k +2 k?). 

Fig. 44. Beam Fixed at Both 
Ends, Concentrated Load at 
any Point in Span. 

Shear at any section, 

v= w(F-42); 

Vmax = + W/2 at ends; 

Moment at any section, 

Moment at fixed ends, 

Wl 
Ma = Mp = — be? 

Moment at mid span, 

Wl 
ry 

Inflection points (M changes sign) atx =0.2111 
and x = 0.789]; 

Equation of slope, 

Mc = 

dx EL NG Ly Awe 

Equation of elastic curve, 

Fig. 45. Beam Fixed at Both y a (z St ae) 
1g. 45. Beam Fixed at Bo f< .  oEe nneeenS Pre! |e Ends, Uniform Load. EI \241 12 24 

Maximum deflection, 

wi 
ymax = at mid span. ~~ 384 EI pp ree Te 
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13. Beams of Uniform Strength 

General Principles. The common flexure formula for the investigation 

and design of beams, M = SI/c, indicates that the stress S varies with the 

bending moment. In beams of uniform strength, S must be constant. There- 

fore from the flexure formula, since the bending moment varies, the quantity 

I/c, or section modulus, must be made to vary with the bending moment, in 

order to provide uniformity of strength for all sections under various condi- 

tions of loading. Only beams which are rectangular in cross-section will 

be considered. From the table in Fig.,22, I/¢ = 1/6 bh’. Substituting in 

the flexure formula there results 
M = 1/6 Sbh? (1) 

from which beams of uniform strength may be designed, giving proper values 

to the bending moment M, determined from the conditions of loading. 

Deflection of Beams of Uniform Strength. The accompanying table gives 

values for dimensions, stresses, and deflections for the common kinds of 

uniform strength beams. (Figs. 46, 46a, 46), 46c.) 

Dimensions Stresses, and Deflections for Uniform Strength Beams with 

Rectangular Cross-section 

At the ends of the beams where shear governs the design, the dimensions 

of the cross-section must be increased. 

I. Cantilever beam, constant depth, load at outer end. Fig, 46. 

x T’ 

6 Pl 
Fiber stress due to flexure, S = he 

1 

6 PH 

Eb\h® 

Note. A flat spring made up of a number 

of leaves held together by a band acts 

approximately like a beam of varying width. 

8 = the sum of the widths of the leaves 

piled together at any section. 

Il. Cantilever beam, constant width, load at outer end. Fig. 464. 

Depth, A = Vi width = b. 

Depth = A; width, 6 = bi 

Maximum deflection, ymax = 

- 

6 Pl 
Fiber stress due to flexure, S = ha 

1 

Maxi deflecti cae aximum deflection, ymax = Z>3: 

— Fig. 46¢ 

Ill, Beam supported at ends, constant depth, load at mid span. Fig. 460. 

2 bix ' 

Depth = h; width, b =~. Poko 

ib he dakar SE Fiber stress due to flexure, 5 = 2 be 

: aettect ee Tek 
Maximum deflection, ymax = 8 Ebh* 

See note under I, above. Fig. 46 
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IV. Beam supported at ends, constant width, load at mid span. Fig. 46c. 

iy ap =e Depth, k = In V+ width = 5; 

3 Pl 
Fiber stress due to flexure, S = = —. 

: 2 bhy* 

7 d deflect; tvOUPB Fig. 46c Maximum deflection, ymax = > Eb 

In the table of beams of uniform strength, the bending moment has been assumed to be the controlling factor. The shearing strength of the material, however, would 
modify a number of these forms near the ends, and this fact should be taken into account in actual practice.» While the discussion of beams of uniform strength is of considerable interest, theoretically, it is of little practical value, except in the case of plate girders, which are designed in a manner somewhat different from that discussed above, and 
in the case of flat springs. 

14. Continuous Beams 

A Continuous Beam is one for which there are more than two supports. In the discussion here given it will be assumed that the supports are all on one level and that the beam is of constant cross-section. The expressions for the resisting shear, for the resisting moment SJ/c, and the differential equa- tion for the elastic curve M = EI (d°y/dx*) apply to continuous beams with the same force as they do to simple, cantilever, or constrained beams. The elements which must be determined in order to apply these expressions are the vertical shears and the bending moments under various conditions of loading. Since the number of reactions will always be greater than two, it is obvious that they cannot be determined by the usual method of moments. It will be noted, moreover, that the several reactions of a continuous beam will depend for their values upon the elastic behavior of the beam under load. Therefore, instead of determining the bending moments from the reactions in the case of continuous beams, the process must be reversed and the bending moments must be determined from the elastic behavior of the beam under load and the reactions and vertical shears determined from the bending moments. 
General Formulas. As in the case of simple beams, the vertical shear at any section is the algebraic sum of the reactions and the loads on the left of that section. Let V be the vertical shear at any section distant x to the Tight of any support. Let V’ be the vertical shear at a section to the right of but immediately adjacent to the support. Let =P; denote the sum of the con- centrated loads on the distance x, and let w be the uniform load per linear unit; then 

V=VW —wx-—2P, (1) 

Assume any two supports of a continuous beam. The bending moment at any section distant « from the left support being the algebraic sum of the moments of all forces to the left of that section, rotation in the direction of the hands of a clock being considered positive, and rotation in the Opposite direction negative, assuming M’ the moment at the left support, then 
M = M’ + Wx — 1/2 wx? — PP, (x — kl) (2) 

in which-& is a fraction less than unity and / the distance between supports. If M” be the moment at the right support, there results the Telation 
VU =M”’ —M’+1/2we+>P, (1 — kl) (3) 
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From formulas (1), (2), and (3) it appears that V and M can always be deter- 
mined, when M’ and M”, or the bending moments at the supports, are known. 

Theorem of Three Moments for Uniformly Distributed Load. For the 
purpose of determining the bending moments at the supports, which from the 
preceding paragraph it appears are necessary for the determination of the 
bending moment and the vertical shear at any section, the relation existing 
between the moment at any support in a continuous beam and the moments 

at the supports on either side is utilized. This relation between the moments 
at any three consecutive supports constitutes the theorem of three moments. 
In Fig. 47 let M’, M’, and M’” be the moments at any three consecutive 
supports in a continuous beam, and 
let V’ aud V” be the vertical shears 

_on the right of the supports where 
the moments are respectively M’ 
and M’. Let the span between the 

first and second supports be J’ and 
between the second and third sup- 
ports /’”, and let the uniform load on Fig. 47 
the first span be w’ per linear unit, 
and the uniform load on the second span w” per linear unit. From the prop- 
erties of the elastic curves, and by substituting for V’ and V” their values 
in terms of M’, and M”, and M’” obtained from the use of formula (3), 

there follows the relation 

’ 
w' per a 

M’ Lin. Ft. M” Lin Fe. mM” 

MY +2M”"(U4+) + Ml = -1/4wl*-1/4wl® (4) 

Formula (4) is the general expression for the theorem of three moments under 

uniform loads. When w’ = w’ and when/’ = I’, or, in other words, when the 

load is uniform throughout and equal to w per linear unit and the spans equal, 

formula (4) becomes 
MW’ +4M"+M” = —1/2w? (5) 

Formulas (4) and (5) are used as follows: In any continuous beam of m spans 

there will be 2 + 1 supports, and assuming the beam not to overhang the end 

supports, there will be n — 1 unknown moments, the moments at the end sup- 

ports being each zero. An equation in the form of (4) or (5) is written for each 

of the unknown moments at the supports, and the solution of these equations 

will give the unknown quantities M’, M”, M’”’, and the like. Substituting 

M’ and M” in formula (3), the vertical shear V’ at a support may be deter- 

mined, from which the bending moment at any point may be found by means 

of formula (2) The accompanying Fig. 48 gives reactions, shears, and bend- 

ing moments for continuous beams with uniform load over from two to five 

equal spans. 

Theorem of Three Moments for Concentrated Loads. If M’, M”, and 

M’” are the moments at three successive supports of a continuous beam 

shown in Fig. 49, and P’ and P” are concentrated loads ia the two spans 

considered, P’ being distant an amount a from the support where the moment 

is M’, and P” being distant an amount b from the support, where the moment 

is M’”, then the theorem of three moments becomes 

va(V? — a2) P’b (2 — be 
MU 2M" (vl) +r =F 8 i oP _ ) 6) 
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Tn all cases load per unit length =w 

Loads 210 0.37511 825!" 375) oom 
[> a >. ann 

il Poe . Moat! V Motart 0.375. 1.25 0375 oes 0.378 . 
wl wl wl aT wl 0.125ul Two Spans 

REACTIONS SHEAR MOMENT 

0.08 5 0.025 = 0.08 
WPAN QE 

SC. 
> wl? Load =3wl 0.4wl 0.5wl 0.6wl 9 4 4 

Tae Pai a Ty 
Oe Ti Wk 9268 jal 6 

cS wl 92 2 wl wl wl wl wl wl wl wl Three 
REACTIONS SHEAR MOMENT Spans 

0.393 0.586 0.464 0.607 
Load = 4wl wl wl wl wl 

TTT 
i l i i 

0.393 1.143 0.928 1.143 0.393 . 5361 
0.464 0.536 0,393 
wl 

wl wl wl wl wl er a] * 
REACTIONS SHEAR 

0.077 0.036 0.036 0.077 
wl? ee wl? wil? 

Four Spans 

0.107 0.071 0.107. 
wl? wl? wl? 

MOMENT 

0.395 0.526 0.500 0.474 9-60 
Load = 5wl wl wl wl wl ir 

(IIL ARGOS pe 
1 i l iT 

0.395 1.131 0.974 0.974 1.131 0.395 0.395 
wh wl wl wl wl wl 4 0.605 0.474 0.500 0:526 yy 

wl we. wl wl 
REACTIONS 

SHEAR 
0.078 9.033 0.046 0.033 0.078 
wl? wl? wl? wl? wl? 

0.105 ye “aye 0.105 
MOMENT 

Fig. 48. Continuous Beams with Uniform Load and Equal Spans 
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If ail the spans are the same length /, and all the loads are equal and located 
at the mid-points of the spans this reduces to 

M’ +4M”+M” =—3/4Pl 

For a combination of uniformly distributed load and concentrated load or for 
spans containing more than one concentrated load the moments and shears 
may be computed separately j / 
for uniformly distributed , — 

loading and for single con- 
centrated loads in each 
span, and the resulting 
moments and shears super- 
posed for the combined 
loading. Fig. 49. . Continuous Beam Notation 

15. Tests of Beams 

Phenomena. In the discussion of beams, the general flexure formula 
M = SI/c and the formulas for deflection are based upon the assumption that 

the values of E for stress and deformation below the neutral axis are the same 

as for stress and deformation above the neutral axis. While in most cases 
there is a slight difference between the value of EZ determined from compres- 

sion tests and its value determined from tension tests, for the materials of 

which beams are usually constructed (steel, wrought iron, or timber), the dif- 

ference is so slight that they may be assumed to be the same, as is usually done, 

without appreciable error. The formulas for the resisting moment and -deflec- 

tion are obviously valid only when the stresses produced are within the elastic 

limit. Beams under test loads, when the loads are small compared to the 

ultimate capacity and the deflections slight, exhibit phenomena which tend 

to confirm the assumption made regarding the distribution of stresses and the 

deflection. In tests on beams the measured deflections agree closely with the 

computed deflections and are proportional to the applied loads, as is indicated 

in the deflection formulas, up to a certain point, beyond which the deflections 

are found to increase more rapidly than the loads, indicating the elastic limit 

of the beam. 

Modulus of Rupture. Since the expression M = SJ/c is no longer valid 

after the elastic limit of the material has been exceeded, it cannot be applied 

to determine actual conditions after that point has been reached. For pur- 

poses of comparison of brittle materials, however, it has been found convenient 

to determine the value of S from this formula when M equals the bending 

moment causing rupture. The value of S thus obtained for any material is 

termed the modulus of rupture and is usually found to lie between the 

ultimate tensile and the ultimate compressive strength. It is to be noted that 

the modulus of rupture does not express the actual stress in the extreme fiber 

of a beam, but is a quantity useful only as a basis of comparison. 

Average values for the moduli of rupture of common structural materials are as 

follows, in pounds per square inch: 

Bricks ostecisrefs waneeleeidd 800 Pim Ber aarerseste sacl sseuere 9 000 

SEONG os cinloe nie Se sedon sens 2000 Cast iron ot, os: } so ouay 440 000 

It has been noted from tests that the shape of cross-section and the ratio of diameter 

to span affect to some extent the value of the modulus of rupture. 

The manner of failure of beams under test depends upon the material of which they 

are constructed and the relative shape. Beams of brittle materials, such as plain 

concrete, stone or cast iron, fail by the fibers giving way in tension. In other cases 
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where the material is less brittle and more plastic, such as timber, the beam fails by 
the crushing of the compression fibers. Beams of ductile materials, such as structural 
steel, bend when the yield point is reached and no value for the modulus of rupture 
can be obtained. Beams that are very deep in comparison to their length sometimes 
fail by the material shearing off near the supports. This manner of failure is, how- 
ever, rare, except in the case of plain concrete or stone beams, where failure some- 
times takes place along a diagonal line near a support. 

16. Methods of Failure of Beams 

The accompanying table gives-a number of kinds of typical failures of beams 
with the general precaution to be observed in order to prevent such failures, 

Typical Failures of Beams and General Methods of Prevention 

Kind of beam Danger of failure by Precaution against failure 

Rupture or excessive 
deformation of ex- 
treme fibers. 

Sufficiently large section modulus, 
ifs. 

Long-span I beams and 
channel beams; long- 

span timber beams. 

Sidewise buckling of 
compression fibers. 

Additional material on compres- 
sion side; sidewise bracing, low 
working stress in flexure formula, 
S = Me/I. 

Short-span beams..... Buckling of web of 
beam. 

Sufficient thickness of web to resist 
diagonal column action; stiffening 
angles riveted to web. 

Short-span beams with 
thin webs. 

Excessive shearing 
stress in web. 

Sufficient thickness of web. 

Wooden beams....... Horizontalshearalong 
neutral axis. 

Sufficient breadth of beam to allow 
low working stress in shear. 

Short beams, beams 
with short end-bear- 
ings, beams carrying 

Crushing of web ad- 
jacent to load or to 
end-bearing. 

Sufficient thickness of web to carry 
compression under load or over 
bearing block; stiffening angles 
riveted to web and fitted against 
flange of beam under load or over 
bearing block. \ 

concentrated loads. 

17. Resilience and Impact on Beams 
Resilience of a beam is the measure of its elastic resistance to external work. 

If in a simple beam a load P is gradually applied at the center until the beam 
comes to rest with a deflection of f, the load P has acted over the path f with 
a mean intensity of 1/2 P, so that the external work K producing the deflection 
fis K = 1/2 Pf. This formula will also express the resilience of the beam pro- 
vided the load P has been applied so that no energy has been lost in producing 
heat. For any beam of length / and under any conditions of loading, the work 
K may be expressed in terms of the volume of the beam by substituting for P 
its value obtained from the general flexure formula for the particular con- 
dition of loading, and substituting for f its value obtained from the proper 
deflection formula, thus: 

a? /r\21 S$? 
K = — f— ELBaLS 

b (2) 2E Ay 
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in which a is a coefficient depending upon the kind of beam and the manner 
of loading being 1 for a cantilever loaded at the end, 2 for a cantilever with 
uniform load, and 4 for a simple beam loaded at the middle; 0 is a coefficient 

obtained from the formula for deflection, being 3 for a cantilever loaded at the 
end and 48 for a simple beam loaded at the middle and 7 is the radius of gyra- 

tion of the section with respect to the neutral axis and is equal to J T/A, 
where A is the sectional area. The quantity Al is the volume of the beam. 

Stresses Due to Impact. The effect of a weight falling upon a beam is 
to produce a deflection considerably greater than would be produced by the 

same weight being applied to the beam gradually or in small increments. Let 
P be a load which when falling from a height # on a horizontal beam produces 
a maximum deflection d;. The work performed in producing this deflection 
is therefore P (kh + d,). Let S; be the unit stress in the extreme fiber pro- 
duced by the load P falling from the height # and S the unit stress produced 
by a static load P, and let d be the deflection which would be produced by the 
Static load P. The elastic limit not being exceeded, the deflections are pro- 
portional to the unit stresses or di/d = Si/S, or if Q be the static load which 
would produce the deflection di, then di/d = Q/P, or Q/P = Si/S. If none 
of the energy is lost in producing heat or giving movement to the beam, the 
external work and the internal energy stored in the beam at the moment the 
deflection reaches d; may be expressed by 1/2 Qd1, whence 1/2 Od; = P (kh + d,), 
whence by combination with the above 

1/2 1/2 
s.=s+s(1 +2) and a =a 4a(1 +22) 

These formulas give the maximum unit fiber stress and the maximum deflec- 
tion due to the dynamic load P. In place of # in the above discussion its 
value V2/2 g may be substitured, in which V is the velocity at the moment of 

impact and g the acceleration due to gravity, usually taken at 32.16 feet per 

second per second. S may be obtained from the general formula for flexure, 

M = SI/c, and d from the proper formula for deflection under a static load. 

If a force P moving horizontally with a velocity V strikes a beam the ends of which 
are secured against horizontal movement, producing a lateral deflection dj, the work 
expended in producing this deflection may be expressed by Pd, whence 

S, = S (2h/d)1l? and dy =d (2 h/d)}/? 

give values for the maximum unit stress in the extreme fiber under impact from a 

horizontal load moving with a velocity V, in which A = V2/2 g. 

18. Columns 

A Column is a structural member in which the length is such compared 

with its least lateral dimension that failure under compression is most likely 

to occur by the rupture of the material in the extreme fiber owing to flexural 

stresses accompanying lateral deflection. Any compression member in which 

the length exceeds 8 or 10 times its least lateral dimension is usually termed 

a column, strut, or post. 

Columns differ from other compression members in that in a column it is assumed. 

that an unequal distribution of stress is liable to take place, resulting in flexure and. 

lateral deflection. While theoretically an axial load in a perfectly straight symmetrical 

member can produce only uniformly distributed stresses with consequently no flexure, 

actual experience teaches that when the length exceeds 8 or 10 times the least lateral 

dimension appreciable flexure will result owing to the fact that it is practically impos- 

sible to construct an absolutely straight and symmetrical member and to load it 

absolutely axially. It is evident, moreover, that under compression a lateral deflection 
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once present, due to whatever cause, tends to increase with a corresponding increase 

in the flexural stress. 

The Length of a Column is usually taken as the distance between the 
points at which it is rigidly secured against lateral deflection. A long com- 
pression member with a number of points of support dividing it into several 
sections may consist of several columns as in the case of the columns ina high 
steel building. In determining the unsupported length of each section, how- 
ever, only such points of support are to be considered as will prevent deflection 

of the column in any direction. 

Radius of Gyration. Since the strength of a column is so largely dependent 
upon its ability to resist flexural stress, the moment of inertia of its cross- 
section is an important factor in the determination of its carrying capacity. 
In place of the moment of inertia, however, for the purpose of comparison 

it has been found more convenient to use the Radius of Gyration, which is 

a linear dimension. If J is the moment of inertia of a section with reference 
to an axis, A the area of the section, and 7 the radius of gyration with reference 

to that axis, then the value of the radius of gyration in terms of the area and 
the moment of inertia may be found from the relation r? = I/A. Unless other- 
wise noted the radius of gyration is always taken with respect to the axis 
through the center of gravity of the cross-section. 

The axis of a column is a line drawn through the centers of gravity of the cross- 
sections. If the column be perfectly symmetrical the moment of inertia and the 
radius of gyration will be the same for every axis through the center of gravity of 
every section. In many columns used in structural design the cross-sections are not 
perfectly symmetrical, and there are therefore several values for the radius of gyration, 
depending upon the position of the axis through the center of gravity. In the design 
of columns, therefore, it is necessary to know the value for the least radius of gyration 
in each particular case. 

The radius of gyration for a circle is d/4, where d is the diameter. For a rectangle 
of height d and width 6 the radius of gyration for am axis parallel to d is 0.289 6 and 
that for an axis parallel to b is 0.289 d. For sections of rolled beams and shapes the 
values of the radius of gyration are given in Arts. 46-48. 

The Slenderness Ratio of a column is the number obtained by dividing 
the length by the radius of gyration. The length and the radius of gyration 
both being linear dimensions, the slenderness ratio is an abstract number. 
The radius of gyration and the length must be expressed in the same linear 
unit, and since it is current practice'to give the radius of gyration in inches, it 
is necessary also to reduce the length of the column to inches before the slen- 
derness ratio can be obtained. 

Condition of Ends of Columns. The strength of a column being dependent 
largely upon its ability to resist lateral deflection, the condition of the ends 
has a marked effect upon the carrying capacity. The various conditions which 
may exist at the ends of columns are usually divided into four classes. Columns 
with round ends are such that at the bearing at either end there is perfect 
freedom of motion, as would be the case were there a ball-and-socket joint 
at each end. Columns with hinged ends are such as have perfect freedom 
of motion at the ends in one plane, as would be the case of compression mem- 

bers,in bridge trusses where the Joads are transmitted through end pins. 
Columns with flat ends have the bearing surface normal to the axis of the 
column and of sufficient area to give at least partial fixity to the ends of the 
columns against lateral deflection. Columns with fixed ends have the ends 
rigidly secured so that under any load the tangent to the elastic curve at the 
ends will be parallel to the axis in its original position. 

Experiments prove that columns with fixed ends are stronger than columns with 
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either flat, hinged, or round ends, and that columns with round ends are weaker than 
any of the other types. Columns with hinged ends are equivalent to those with round 
ends in the plane in which they have free movement, while columns with flat ends 
have a value intermediate between columns with fixed ends and columns with round 
ends. It often happens that columns have one end fixed and one end hinged or have 
various other combinations. Their relative values may be taken as intermediate 
between those represented by the condition at either end. 

Euler’s Formula. Let A be the cross-sectional area of a column whose 
length is / and let P be an axial load under which the column is considered to 
assume a small lateral deflection /. Were the column absolutely straight and 
loaded absolutely axially and the material homogeneous it is evident that the 
load P could produce no lateral deflection. The deflection f, however, is 

assumed to be present, due to whatever cause, the load P being just sufficient 
to maintain the deflection f without the column returning to its original posi- 
tion or deflecting further. Assuming the origin of coordinates at one end-with 
abscissas measured in the direction of the length and ordinates representing 
the deflections, the elastic curve assumed by the column would have the 
differential equation Eld*y/dx? =— Pf. From the integration of this equa- 
tion and the determination of the constants of integration there results 

P = n?7°EI/l? (1) 

in which E has its usual value and m is a number dependent upon the inclina- 
tion of the tangent of the elastic curve at the ends. Giving to m proper values, 
formulas may be written for the several conditions of ends. For round ends 
n is taken as 1 and formula (1) becomes P = 7EI/I?, or, since I = Ar’, in 
which 7 is the radius of gyration, 

P/A = 7°E (r/l)? (2) 

For a column with fixed ends is taken as 2, and formula (1) becomes 

EI Pp P\2 ; ton jr ee ld psy Ae) fe P=47 iD or i «ne (5) (3) 

Formula (1), of which formulas (2) and (3) are special cases, is the general form ot 
Euler’s formula for long columns. It is to be noted that the quantity /, or the deflec- 
tion, doesnot appear. Theload Pin Euler’s formula, therefore, is the load which would 
be required to maintain in the column any deflection which it might happen to have. 
A decrease in the load P would cause the column to return to its original position, 
while an increase in the load P would cause the deflection to increase indefinitely. The 
value of P in formula (1), therefore, may be taken as the ultimate strength of the 
column. For very long columns, where small loads produce marked lateral deflections, 
experimental results agree very closely with values computed from Euler’s formula. 
It will be noted that Euler’s formula does not involve the crushing strength of the 

material. For short columns failure occurs by crushing, not by flexure. For columns 
with values of J/r from 50 to 150 failure occurs by a combination of crushing and 
flexure. For short columns Euler’s formula does not apply at all, the criterion being 

the ultimate in compression for brittle materials, or the yield point in compression 

for ductile materials. For columns with a value of //r less than that about 150 Euler’s 

formula gives results distinctly higher than those observed in tests. Euler’s formula 

is rarely used in practice. 

Rankine’s Formula is widely used for the design and investigation of 

columns employed in engineering practice. It is a modification of the formula 
which for many years was in current use under the name of ‘‘Gordon’s for- 
mula.”’ Rankine’s formula is based on the assumption that columns in 

engineering practice are intermediate between long columns and short prisms 

failing by a combination of direct compression and flexural stresses accom- 

panying lateral deflection. While under an axial load a perfectly straight 

column will be stressed uniformly over its entire cross-section, any variation 
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in structure will produce uneven distribution of stresses, resulting in lateral 
deflection, which must be taken into account in safe design. Thus in a column’ 
in which P is the direct load, A the cross-sectional area, and S; the compressive 

stress due to bending, the maximum unit stress in the column will be expressed 
by P/A + S;. Determining the values of S; from the ordinary phenomena 
of flexure assuming that flexure action in columns is analogous to that in beams 
and taking into consideration the condition of ends of the column, Rankine’s 
formula may be wirtten 

Pp Ss 

A 1+¢(l/r)? 

in which S is the maximum stress in the column, P the axial load, A the area 
of cross-section, / the unsupported length of the column, r the radius of gyra- 
tion of the cross-section, and ¢ a number depending upon the condition of 
the ends of the column and material of which it is constructed. The values 
of ¢ for various conditions are determined experimentally. Wide variations 
in the values are found in columns of different shapes and materials. Rankine’s 
formula in the form above stated is applicable to the investigation of columns 
in which the factors P, A, ] and r are known and ¢ is assumed for the given 
conditions. The value of S then determined when compared with the ultimate 
strength and yield point of the material will determine the factor of safety 
and the degree of stability of the column. 

In Rankine’s formula the average values for $ given in the accompanying table are 
to be used: see also Sect. 2, Arts. 2, 8 and 28, paragraphs on columns. 

Columns 
Columns Columns 

Material both ends fixed | 0 end fixed, 4 oth ends round 
one end round 

Timber 3.0.5, Oe gowricees 1/3000 1. 95/3000 4/3000 
Gastiron 928.00 b eee 1/5000 1.95/5000 4/5000 
Wrought iron joss. Rte ole. 1/36 000 1.95/36 000 | 4/36 000 
Structural steel.) ei ooe.u Jol 1/25 000 1.95/25 000 4/25 000 

The value of S to be used in the design of columns should be the allowable compres- 
sive unit stress, while for computing in cases of Tupture it should be the ultimate com- 
pressive unit stress for brittle materials or the yield point in compression for ductile 
materials. Rankine’s formula should be used between the limits of 20 and 150 for 7/r. 

Straight-line Formula. The plotted results of actual tests on columns 
show that the relation between ultimate load and J/r is fairly well represented 
by a straight line, for columns which fail by flexure of the whole column, and 
not by local collapse. For a value of J/r = 0 the average unit stress on the 
section, P/A, is equal to the ultimate in compression for brittle materials and 
to the yield point in compression for ductile materials. From the point thus 
determined the straight line representing the average results of tests is drawn 
tangent to the curve of Euler’s formula for the material. The equation of 
the straight line is 

P/A=S—Cl/r 

in which S is the unit stress at the ultimate in compression for a brittle 
material or at the yield point in compression for a ductile material, and C is 
a constant determined by experiment. 

The accompanying table gives average values of S and C for structural 
steel, cast iron, and wood. The loads given by the straight-line formula using 
the constants in this table are ultimate loads: 
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Ultimate nena Constants for the Straight-line Column Formula 
P/A =S—Cl/r 

Materia! and end condition Limit of //r 

Structural steel: 

Reina eds A BET Oe Se 35 000 160 
Pixedichds! 2eeEss RII I SAS A, | Ae He 35 000 320 
One end round, one fixed.............. 35 000 240 

4 - 

Cast iron 

Roune ends. sa. Fe REY 34 000* 90 
Pixedhenas ks 2h... BARS 34 000* 160 
One end round, one fixed.............. 34 000* 115 

Wood: 

POT ONG Sic, «| 2 fa, ofa aes) aie Tis b> JOwes - 5 000* 75 
Direct Ca eo ef, ooo vn we Saw egrets 5 5 000* 150 
One end round, one fixed.............. 5 000* 112 

* This is less than the ultimate in compression for small specimens of cast iron or 
wood, but from tests of full-size columns seems to be the value to be used for full-size 
castings or timbers which may contain defects. 

For purposes of design the straight line formula is usually put in a form which gives 
working loads directly. Both the constant S and the constant C are divided by a 
factor of safety. Examples of such straight-line formulas for working loads on columns 
are given in Sect. 12, Art. 8, for structural steel columns; in the same article for cast- 
iron columns; and Sect. 9, Art. 3, for wooden columns. In a general way, in the 
straight-line formula P/A represents the average unit stress on the cross-section of the 

column at the middle of its length, and C’/r represents the unit stress at the extreme 
fiber on the concave side due to flexure. S represents the stress at the extreme fiber 
on the concave side due to both direct compression and flexure. 

Eccentric Loads. In many column designs the loading will not act along 
the axis of the column but at some distance from the axis; such loads are called 

eccentric loads, and the distance from the axis is called the eccentricity. It is 
evident that the greater the eccentricity the greater the flexural stresses, and 
that the unit compressive stress S on the most compressed side of the column 
will be greater than for axial loading. Let P be the load at distance z from 
axis of column; then Pz = M, the moment at axis. If the amount of unit 
stress along the side nearest the load is called S, then Rankine’s formula may 
be written in the following form: 

s-it rst) +3) 
where c = distance from axis of column to side of greatest compression. The 
straight-line formula may be notified for eccentrically loaded columns as 
follows: 

(P/A) (1 + cz/r?) =S —Cl/r 

Shear in Columns. For columns built up of two or more members held 
together by lattice bars the shear is of importance because the stress in the 
lattice bars is due mainly to shear in the column. The distribution of flexural 

stress in actual structural columns is too irregular to permit a satisfactory 

analysis for shear. Tests at the University of Illinois and general successful 
practice in the design of large columns indicate that the total shear on any 
cross-section of a column may be taken as not greater than 2.5% of the axial 
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load, and that the lattice bars may be designed to take the stress corresponding 
to this shear. 

If P is the axial load on the column, then the shear at any cross-section may be taken 
as 0.025 P. If there are lattice bars on each side of the column and 6 is the angle 
which the lattice bars make with the axis of the column then the load carried by each 
bar is 0.025 P/2 cos @ for single latticing and 0.025 P/4 cos @ for double latticing. 
The average stress in the lattice bars should be very low as they themselves are often 
long, slender and eccentrically loaded columns. The average stress for a lattice bar 
should not be over 5000-6000 Ib. per sq. in. Lattice bar design is further discussed 
in Sect. 12, Art. 29. 

19. The Behavior of Columns under Load 

Steel Columns may be either one-piece columns, such as H-section columns, 
or built-up columns, such as latticed channel columns. Fig. 50 shows various 

forms of cross-section for structural steel columns, and others are shown in 
Sect. 12, Art. 29. When loaded to failure well-designed steel columns fail 
by buckling of the whole column, showing points of infiection if the test 
column is fixed-ended. Columns made up of very thin parts may fail by local 

“‘ wrinkling ”’ of metal. The Manual of the Am. Ry. Eng. Assn. specifies that 

eee es 
Fig. 50. Sections of Steel Columns 

the minimum thickness of web for a built-up steel column shall be 1/30 the 
width between the lines of rivets connecting it to the flanges, and that the 
minimum thickness of cover plate shall be 1/40 the distance between nearest 
rivet lines. 

Several series of tests of full-size steel columns have been made, during recent years, 
at the U. S. Bureau of Standards (see Technologic Papers 101 and 328). Various 
types of structural steel column were tested and the values of //r ranged from 15 to 90. 
The columns were tested “‘ flat-ended.” The yield point of the metal seemed to be 
the outstanding factor governing column strength. The effect of slenderness U/r) 
was less than that indicated by the ordinary column formulas, which, in general, 
seem to give results on the safe side. The strength of structural steel in compression 
was found in some cases to be distinctly less than the strength in tension. No marked 
superiority was found for any particular type of column, but columns made up of 
channels connected by batten plates were found to be weaker than columns in which 
the flange members were connected by latticing. 

Cast-iron Columns. The majority of designers at the present time have turned 
from the use of cast-iron columns to those of steel, but yet there seems to exist in the 
mind of some designers an impression that cast iron fulfills the necessary qualification 
as a material for columns. Tests of full-size cast-iron columns have been made at the 
Watertown Arsenal and at Phoenixville, Pa., and both series of tests showed that for 
short columns the strength in compression is much less than the strength of small test 
specimens of cast iron. This is probably due to the imperfections always present in 
iron castings. The cross-section of cast-iron columns is usually a hollow circle. For 
short columns failure of test columns takes place by shearing on an inclined plane; 
for long columns failure takes place by rupture on the convex side. Failure of cast- 
iron columns is always a sudden, shattering failure. Where the load is concentric and 
the stresses can be accurately determined, cast iron is used, by a good many designers, 
in certain places where steel would be more expensive. It is important that a very 
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careful inspection be made of the cast iron and all pieces with flaws and blowholes 
be rejected. 

Wood Columns are usually-square in cross-section. Tests of full-size wood 
columns show lower strength for short columns than is shown by compression 

tests of small specimens of wood, the cause being, doubtless, the presence of 
defects and the non-homogeneity of the material. Wood columns fail less 

suddenly than cast-iron columns, but more suddenly and completely than 
steel columns. Wood columns are especially sensitive to effect of length 
on strength. 

Brick and Terra Cotta Columns usually have low values of J/r so that 
length does not play much part in determining their strength. The care used 
in laying up the brick or the terra cotta tile, and the strength of the mortar 

_-used are important strength factors. -If loaded to the danger point brick and 
terra cotta columns are liable to fail very suddenly and to collapse completely. 
See p. 645. 

Concrete Columns are discussed in Sect. 11. 

20. Torsion of Shafts 

If a straight bar of material such as a round shaft be thoroughly gripped 
at one end and a twisting force applied at the other end, a state of stress is 
set up in the bar called torsion. The angle through which a fiber of unit’s length 
is turned is called the angle of torsion. The twisting of the bar is produced 
by two couples, one consisting of the applied force with its lever arm, and one 
at the grip, with its lever arm. The conditions of equilibrium are that the 
moments of these couples must be equal. 

Resisting Moment is the couple acting at the grip multiplied by its lever 
arm. If S is the unit shearing stress acting at a distance ¢ from the axis of 
the bar, then S/c = the unit shearing stress at a unit’s distance from axis of 

bar, and Sz/c would be the unit stress at any distance z from the axis. If this 
is considered to act over an elementary area da, then the moment of this 
stress, at distance z from axis, about axis would be da.Sz*/c, and the sum- 

mation of this between proper limits would be the resisting moment. The 
summation of da multiplied by z* is the sum of the products of each elementary 
area X square of its distance from the axis of bar. This expression is called 
the polar moment of inertia and is represented by the letter J. 

The Polar Moment of Inertia of an area is the moment of inertia about an 
axis which is perpendicular to the plane of the area. It is equal to the 

sum of the moments of inertia of the area about two axes which are in the 

plane of the area, which intersect at the point where the axis of the polar 

moment of inertia pierces that plane, and which are at right angles to each 

other. For torsion the polar moment of inertia about an axis through the 

center of gravity of the area is of most importance. The polar moment of 

inertia of a circle is 39 d+, twice its moment of inertia about a diameter. 

Torsion Formula for Round Shafts. Considering a force P acting at one 

end of a shaft at a distance e from the axis, the moment of this force about 

the axis is equal to Pe. The resisting moment at the gripped end would be 

SJ/c, and from the conditions of equilibrium SJ/c = Pe, or S = Pec/J, 

which is the torsion formula for round shafts. 

The twist of a circular shaft of length / subjected to a twisting moment Pe 

is 9 = Pel/JF in which F is the modulus of elasticity of the material in shear, 
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and @ the angle of twist in radians. Values of F for various materials are 
approximately: 

Steel (all cradGsyn nce. o.okes sas ah ahd keane 12 000 000 
WIOUCKC TEOU hits, Serre ns sop nts e men 10 000 000 
ASE WOR a negate orn Rese ye oor aes, neon che wine ee 6 000 000 

Solid and Hollow Shafts. In the design of a solid round shaft J = wd4/32 
and ¢ = 1/2 d. These values substituted in the preceding formula give Pe = 
1/16 wd3S. If the shaft is to be designed for the transmission of power, d = 
68.5 (H/nS)1/3, where H is the horsepower transmitted, » the number of 
revolutions per minute, S the allowable unit stress in pounds per square inch. 
On account of the greater strength of hollow round shafts over solid shafts 
of the same section area the former are often used for large sizes or where 
light weight is essential. In the design of hollow round shafts the value of J 
must be expressed in terms of the inner and outer diameters. Letting d; be 
the outer diameter, dz the inner diameter, J = 1/32 a (d,\4 — ds‘), and c = 
1/2 di, the torsion formula then becomes S(d;4 — de)/d; = 321000 H/n. In 
hollow shafts as in hollow beams the material is removed from the axis 
where it is but little stressed and placed where it can resist the twisting moment 
more efficiently. It is obvious that the formulas for solid and for hollow shafts 

become the same when d® equals (d;4 — ds4)/d;._ When the section areas are 
equal then d? must equal (d;? — ds”). From these two equations the ratio of 
strength of a hollow shaft to a solid shaft of the same section area is 
(2 d\? — d?)/dd. 

Shafts with Non-circular Cross-section. The distribution of shearing 
stress in such shafts, while somewhat similar to the round shafts, is more 
complex. As an example, it has been found from experiments that no shear- 
ing stress exists at the corners of a rectangular shaft, while at the middle of 
the wide side the shearing unit stress is greater than at the middle of the 

long side. For any section with re-entrant angles, such as an I section, the 
stress at the apex of the angle is, theoretically, infinite, and practically there 
is a minute area of very high stress which may not be important under static 
loading, but forms a nucleus for cracks under repeated loading. The accom- 
panying table gives values for the approximate stress set up under torsion in 
shafts of various cross-section. The values are those determined by Bach, 
and later modified by Kommers as the result of experiments on specimens of 
brittle material. 

Shaft Couplings. When two lengths of shafting are to be joined together 
the connection is made with a coupling. The bolts used in such coupling 
transmit the torsion from one length of shafting to the other and therefore 
are subjected to shearing stress. This shearing stress is similar to that in the 
body of the shaft and is the greatest upon the side of the bolt most remote 
from the axis of shaft. If J, represents the polar moment of inertia of one bolt 
with respect to the axis of shaft, being equal to the polar moment of inertia 
of its cross-section about its axis plus the section area of the bolt into the 
square of the distance between the axis of shaft and axis of bolt, then in order 
that the strength of bolts and shaft be the same J/e = Jin/cy, c1 being distance 
of the most remote fiber of bolt from axis of shaft, and 2 the number of bolts. 
Calling D the diameter of shaft, d the diameter of each bolt, and # the distance 
between axis of bolt and axis of shaft, and substituting the values of J and 
Jy in the equation J/¢ = Jyn/ci, an expression for finding the proper diameter 
of the bolts would be formed. As this equation with proper substitutions is 
an awkward expression for finding the value of the diameter, it is general 
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practice to assume the shearing stress uniformly distributed over the area of 
the bolts. On this assumption c) = hk, J; = 1/4 rd?h?, and J/e = 1/167D3, 
Equating the equation J/e = J\n/c1, with the proper substitutions it reduces 

Shearing Stress under Torsion in Shafts of Various Cross-sections. 

S, maximum unit shearing stress, in pounds per square inch 
Pe, twisting moment in inch pounds 

| Cross-section sige 4 Cross-section s 
Fig. 5la Fig. 51b 
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For a shaft of any cross-section not having re-entrant angles St. Venant gives an 
approximate expression for the angle of twist measured in radians, 

We 1’PeJ 

Beta 

in which A is the area of cross-section and the other symbols have the same significance 
as in the preceding paragraphs. 

to D?= 4 nhd? andd = 1/2 (D?/nh) 1/2, from which if 7 is known the diameter 
of bolt necessary can be found. The value found from the approximate 
formula is about 10% larger than the value found from the accurate formula. 

21. Combined Stresses 

Flexure and Compression. The ordinary manner of determining the 

amount of compression existIng in a bar under an axial force is to consider 

the axial compression and the compression produced by flexure. Thus, calling 
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S.the maximum unit stress due to the axial force and the flexure, Sq the axial 

compressive stress, Sy the unit compressive stress due to flexure, then S = 

Sy + Sa, where Sy = Mc/I and Su = P/A, I being the moment of inertia, 

c the distance of the extreme fiber, and A the area of cross-section. If the 

member is slender, a more exact method must be used in finding the total 

compression. Calling M the bending moment due to the transverse loads, P 

the axial load, e the deflection, then the total bending moment is M + Pe 

and Sy = (M + Pe) c/I._ The value of e may be assumed to equal al?S7/8 Ec 

from the action of beams under transverse loads. Substituting this value of 

e, the maximum unit stress on the concave side of the column is 

Mc 

Pp I 

Swat ae 
BEI 

in which E is the modulus of elasticity, ] the span, and a and 8 members 

depending upon the arrangement of ends and the kind of loading of the beam. 

a B 
Cantilever beam loaded at end. ...........-eeee ee eeeee 1 3 
Cantilever beam uniformly loaded............-..+--00+ 2 8 

Simple beam loaded at middle. .........--..--+s+-+-+5 4 48 
Simple beam uniformly loaded.........--.-....++-005: 8 384'5 
Beam fixed at one end, supported at other, uniform load. 8 186 
Beam fixed at both ends, loaded at middle............. 8 192 
Beam fixed at both ends, uniformly loaded............- 12 384 

In Flexure and Tension the method of finding the total amount of tension 
is similar to that for flexure and compression. Calling S the maximum unit 
stress due to the axial force and flexure, Sq the axial tensile unit stress, Sy; 
the tensile unit stress due to flexure, then S = Sa + Sy, where Sy = Mc/I 
and Sq = P/A. Fora more exact formula, let M@, equal the bending moment 
that produces the stress S, M the bending moment due to flexure, P the axial 
load or force, e the decreased deflection; then M; = M — Pe, and using the 
same reasoning as in the more exact method of flexure and compression, the 

maximum tensile unit stress is 

Mc 
Pp 7 

pe Rem 
BEI 

the value of a@ and 6 being the same as given in the previous paragraph. 

Flexure and Torsion result when a shaft is supported by hangers and 
loaded with pulleys for the transmission of the horsepower H. Find the 
flexural unit stress from S = 32 M/ad* and the torsional unit stress from 
Ss = 321000 H/nd*. Then the maximum tensile and compressive unit 
stresses S; and Sc, and the maximum shearing unit stress Ssn, are given by 

St =Sce =1/28++/S2+ (0/28)? Ssn = VS + 0/28)? 
The above formulas may be used whether the shaft is solid or hollow by sub- 

stituting the proper values for d. If shaft is round and hollow (d;4 — d4)/d; 
should be substituted for d%, where d, equals outer diameter and dz equals 
inner diameter. 

Using the maximum strain theory the maximum “strain equivalent ”’ 
(EX unit deformation) is 

Te =1/2(1 —p)S + (1 +p) VS? + (1/2 S)? 
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in which 9 is Poisson’s ratio. For steel may be taken as 1/4, and the above 
equation becomes 

Tt = 3/8S + 5/4 V/Ss? + (1/2 S)? 

22. Miscellaneous Cases 

Eccentric Forces are sometimes applied longitudinally to the ends of a 
simple beam, instead of along the axis, in order that they may not increase 
the deflection of the beam. Let P be an eccentric tensile force acting at the 
distance e above the centers of gravity of the end sections, let f be the deflec- 
tion and M the bending moment before the application of P. Then 

P (e+f) =M, whence the distance e should be e= pot When P is a com- 

pressive force it is applied below the axis at the distance e = Piaf As an 

approximation for both cases e = >: 

Curved Beams. [If the axis of a beam is curved the neutral axis no longer 
passes through the center of gravity of a cross-section, but is shifted towards 
the concave side of the beam. The maximum unit stress is increased by the 
curvature of the beam. The Winkler-Bach analysis for curved beams is the 
most widely used (see Appendix 1, Bulletin 18, Eng. Exp. Sta., Univ. of Ill.). 

Wilson and Quereau, at the University of Illinois, from a study of the 
Winkler-Bach formula, have developed the following approximate formula, 
which, with an error not exceeding 15%, fits a large range of beams with 
cross-sections in the form of rectangles, ellipses, circles, trapezoids, T-sec- 
tions, I-sections, and channel sections. 

I 1 1 
k=10 +052, (+. +3) (1) 

in which # = a correction factor by which the stress determined by the ordi- 
nary “ straight beam ” formula (formula (2), p. 569) is to be 
multiplied to give the extreme unit stress for the concave 
side of the curved beam. 

I =the moment of inertia of cross-section. 
c =the distance from the axis through the center of gravity of 

cross-section to the extreme fiber on the concave side of the 
curved beam. 

6 = the maximum breadth of the cross-section. 
R = the radius of curvature of the centroidal line of the beam. 

Helical Springs. A helical spring is formed by winding a wire closely around 
a cylinder which is then removed. Let d be the diameter of the wire, D the 

mean diameter of the helical coil, V the number of coils, P the londigitunal 

axial compressive load on the spring, and F the modulus of elasticity for shear- 
ing. The stress produced in the wire is one of shearing. The unit stress Ss 
and the shortening e of the spring are approximately 

8 DP >; 8ND'P 
rd? ems 

when P is a tensile load then e is the elongation of the spring. These formulas 
are valid only when Ss does not exceed the shearing elastic limit of the wire 
which is from 0.5 to 0.6 of the elastic limit in tension. 

Ss = 



600 Beams, Columns, Shafts Sect.i7 

Circular Plates. A flat circular plate of radius r and thickness ¢ supports 
a uniformly distributed load of p per square unit The flexural unit stress S 
of tension or compression at the middle of the plate is given by 

S = m (r/t)*p 

where m is a constant which varies with the kind of material and method of 

support. 
Wrought iron and steel Plain 

and cast iron concrete 
Plate supported around the circumference. m = 1.12 m =1.27 
Plate fixed around the circumference..... m =0.75 m = 0.85 

For a circular plate which carries at the middle a load of # lb. per sq. in. 
uniformly distributed over a circle of radius ro, the value of S is, for a sup- 
ported plate, 

S=m (: + 2 Nap log 2) (ro/t)?p 
0 

in which m has the same values as above. Example: when 7) = 1/47, then 
S is 0.26 (r/t)?p for cast iron and for steel. 

Elliptical Plates. Let 2a and 2b be the axes, ¢ the thickness and p be the uniform 
load per square unit. The plate tends to crack along the longer axis, and the greatest 
unit stress is 

in which the above values of m for circular plates may be used. 

Rectangular Plates. Let 2 a be the shorter and 2 5 the longer side; when 
the plate is fixed at the corners, then above formula for the elliptical plate 
may be used with above values of m for a circular supported plate. For a 
square plate of side 2 a and supported on edges S = 9/8 m (a/t)2p, while for 
one fixed on all edges S = 3/4m (a/t)? p in which m has above values for 
supported and fixed circular plates. 

Sqaure Panels. Let an unlimited plate have many supports dividing the plate into 
many square panels, 2a being the side of each panel. The greatest unit stress S in the 

plate is S = 8/9 m (a/t)2p in which m has the values given above 
for circular fixed plates. This applies to the flat stayed plates of 

(Oo) steam boilers. 

Hooks. When a hook sustains a load P there exists in 
the bend of the hook combined tension and flexure. Let e 
be the distance from the line of action of P to the center of 

(| gravity of the cross-section at the bend, c the distance from 
/) that center of gravity to the inner edge of the bend, A the area 

and r the least radius of gyration of the cross-section then 

P ce 
S$=k-(1+— 

Fig. 52 A ( di 3) 
gives the tensile unit stress at the inner edge of the bend in which & is the 
correction factor for curved beams given by formula (1), p. 599. 

Circular Ring. When a circular ring of mean radius R is pulled in the direction of 
a diameter by two tensile forces each equal to P, the maximum bending moment is at 
the section, where P is applied, where it equals 0.318 PR and the unit stress is 

_ 0.318 KPR 
~ 0.098 d 

in which & is the correction factor for curved beams given by formula (1), p. 599, and 
d is the diameter of the cross-section of the ring. 
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TESTING AND INSPECTION 

23. Testing Apparatus 

Testing Machines for determining the strength of materials of construction 
are of various types. A testing machine consists of a mechanism for apply- 
ing a large force to a test specimen and a mechanism for determining the 
magnitude of the force applied. 
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Fig. 53. Screw-power, Compound-lever Testing Machine 
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The Screw-power Compound-lever Testing Machine (Riehlé or Olsen 
Machines) is the type in most. common use in the United States, and it is, 

shown in diagram in Fig. 53. Power is supplied by a belt drive or by a direct- 
connected motor, and the power is transmitted through a series of gears to 

vertical screws which operate the crosshead of the machine. The force applied 
by the belt is multiplied many times by the gearing and the screws. This 
multiplied force is applied to the test specimen by the crosshead. If the specis 
men is a tension specimen it is placed between the crosshead and the upper, 

head of the testing machine, if it is a compression specimen or a crossy 
bending specimen it is placed between the crosshead and the weighing table. 
In any event as the crosshead moves downward the specimen transmits 
downward pressure to the weighing table. The weighing table is supported 
on compound levers, LiL/1, Fig. 53, which are fitted with knife-edge bearings, 
and these compound levers transmit the force, reduced, to a simple lever, Lz, 

Fig. 53, which, in turn, transmits the force, still further reduced, to the weigh- 
ing beam. As load is applied the beam is kept in balance by moving the poise, 



602 Testing and Inspection Sect. 7 

the position of which indicates the load on the specimen, when the beam is 
in balance. 

For Flexure Tests, I-beams may be placed upon the weighing table, with 
suitable bearing blocks on their top flanges to support the beams to be tested, 
or the machines may be arranged with wings extending from the side and 
forming a part of the weighing table. The method of applying and registering 
the load is the same as in the compression test. 

Hydraulic Pressure Testing Machines. The hydraulic press is a simple 
and comparatively inexpensive mechanism for applying the large forces 
required in testing machines. By using a pressure gage the total force on a 
ram of known size may be estimated with a fair degree of accuracy if the fric- 

tion of packing against the ram is determined. The ordinary Bourdon 
pressure gage should be calibrated frequently, and very frequent adjust- 
ments made for zero reading. 

The Amsler testing machine is made with rams so carefully ground to fit 
the cylinder that no packing is necessary, and the error due to friction is no 

larger than the error due to friction in knife-edge lever weighing devices. 
The pressure is measured by the load on a small piston which moves a pendu- 
lum so that the position of the pendulum bob indicates the force. This is a 
self-indicating weighing device, which eliminates much of the personal equa- 
tion of balancing a weighing beam. The Amsler testing machine can be 
handled by a single observer, even when measurements of deformation are 
made, and is very rapid in its operation. 

The Emery Testing Machine uses hydraulic pressure to apply the load 

to the specimen and transmits the load from the specimen to a hydraulic pres- 
sure cylinder, or pressure box, in which the plunger is replaced by a plate 
mounted on a thin metal diaphragm. This pressure box is filled with liquid 
and connected by means of a pipe to a smaller pressure box fitted with a 
plate and diaphragm, and the load on the smaller pressure box is weighed by 
means of a compound-lever balance. This hydraulic weighing device is ex- 
tremely sensitive, and its accuracy is high. A recent model of the Emery 
machine uses a Bourdon pressure gage in place of the small pressure box and 
the compound-lever balance. The Bourdon gage is fitted with a special ad- 
justment for zero load. 

Calibration of Testing Machines. For small loads, testing machines may 
be calibrated by means of standard weights applied directly. For loads up 
to about 30 000 Ib. testing machines may be calibrated by means of standard 
weights applied at the ends of a pair of simple levers of known leverage. 

For larger loads the readings of the weighing mechanism of the testing 
machine may be checked against the elastic deformation of a standardized 
elastic member (a bar in tension, a block in compression, an elastic ring in 
flexure). The elastic member must have been previously calibrated by loading 
with standard weights, or with weights applied through simple levers of known 
leverage. At the U.S. Bureau of Standards is a dead weight calibrating 
apparatus with a capacity of 100000 Ib. Elastic calibrating devices up to 
1000 000 are on the market. 
A fairly accurate calibration of a testing machine may be carried out by 

tests of a number of tension test pieces cut from a bar of mild steel. Half of 
these test pieces are tested to destruction in the machine to be calibrated, 
and half in a testing machine which has been standardized by one of the 
methods previously mentioned. The comparison of the average tensile 
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strength of the two sets of specimens gives a measure of the accuracy of the 
testing machine under calibration. 

Detailed specifications for calibrating testing machines are given in the 
1927 Standards of the American Society for Testing Materials. 

Accuracy and Sensitiveness of Testing Machines are two distinct character- 
istics. A machine is accurate if the readings of the machine agree closely with 
the actual loads applied by the machine. A testing machine is sensitive if a 
small change of load is indicated by a distinct movement of the beam or other 

weighing mechanism. A testing machine may be very sensitive, and yet very 

inaccurate. 

Machines for Torsion Tests are of two types. In the Thurston type of 
machine one end of the specimen is held by a chuck in a horizontal spindle 
in the top of an A-frame. The other end is held in a similar manner in a 
parallel frame. One spindle is rotated by means of a worm gear and crank. 
The motion is transmitted through the specimen to the other spindle, to 
which is attached a weight on the end of a vertical bar. Any motion of this 
spindle will move the weight out of the vertical, and a torsional stress in the 
specimen results. The position of the weight will then be a measure of the 
stress, since its moment will be proportional to its deviation from the vertical. 

Another form of machine consists of two parallel heads in which are chucks for 
holding the specimen, one head being operated by gears and the other attached to a 
weighing system, consisting of a compound lever. The moment in inch-pounds 

is read from a scale beam. 

Abrasion Machines are used for determining the toughness or resistance 

of road materials to wear. The Deval machine is widely used. It consists of 

four cylinders 20 cm. in diameter and 34 cm. in depth, inside, mounted ona 

shaft at an angle of 30° with the axis of rotation. A charge of 5 kilograms of 

broken stone is placed in each cylinder, each charge consisting of 50 pieces. 

The cylinders are rotated 10 000 times at the rate of 30 to 33 per minute. 

The percentage of loss is computed from the amount of worn-off material 

that will pass through a 1/16-mesh screen. 

For Abrasion Tests of paving brick, the cylinder or rattler adopted by the National 

Brick Manufacturers’ Association is used. This consists of a barrel 20 in. in length, 

inside, and whose cross-section is a fourteen-sided polygon, inscribed in a circle 

28-3/8 in. in diameter, supported on trunnions. The heads are made of cast iron, 

and the staves are of steel. The space between the staves must not exceed 5/16 in. 

The charge fot bricks of “ block-size ” is ten bricks and with these bricks are placed 

in the rattler ten cast-iron spheres 3-3/4 in. in diameter and 300 lb. of cast-iron spheres 

1-7/8 in. in diameter. These cast-iron spheres are weighed after every ten tests and 

when a large sphere is found to weigh less than 7 Jb. or a small sphere less than 3/4 lb. 

new spheres are substituted. 

The charge is rotated 1800 times at the rate of 29.5 to 30.5 per minute, and the per- 

centage of loss is calculated in terms of the weight of the dry brick composing the 

charge. The average of five tests on separate charges of brick is considered an official 

test. (See p. 617.) For fuller details see 1927 Standards of the American Society 

for Testing Materials, Part II, p. 126. 

Extensometers are used for measuring the small elastic deformations within 

the elastic limit, and for detecting the stress at which the elastic limit is ex- 

ceeded. An extensometer consists essentially of two clamps which are fastened 

to the test specimen, and one or more micrometer devices by means of which 

a very small change of distance between the clamps can be measured. For all 

accurate measurement of elastic deformation of tension or compression. speci- 

mens the extensometer should be attached so as to measure deformation along 

two or three symmetrically spaced axial lines on the specimen. Types of 
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micrometer devices used in extensometers are: the screw micrometer, in which 
a very small axial motion of a screw is accompanied by a large circumferential 
motion of a dial attached to the screw; clockwork dial gages; multiplying 
levers; microscopes; and the “ optical lever ” in which a very small angular 
motion of a mirror changes the direction of a reflected ray of light. Extensom- 
eters for general use usually measure deformations to the nearest ten-thou- 
sandth of an inch. 

The Strain Gage is a special form of extensometer which can be attached 
to a specimen or moved from one gage line to another between readings. It 
consists of a pair of trammel points PP’, Fig. 54, attached to a frame F. One 

TID. 

WypcomehQ[]  t—@#7 tj} 

Fig. 54. Strain Gage 

of the points, P, is movable and the motion of this point is measured by means 
of some micrometer device, M, usually a clockwork dial gage. The trammel 
points are conical in shape, and are made of hardened steel. On the specimen 
there are laid out gage lines along which deformation is to be measured, and at 
the ends of each gage line are drilled small holes 4h’ into which the trammel 
points fit. The strain gage may be clamped to a specimen, or the reading of 
the strain gage may be taken under zero load, the instrument removed, and 
after an increment of load has been applied another reading taken, the differ- 
ence in the readings being the deformation. Corrections for temperature 
deformations are made by taking readings on a “ standard bar ” which is not 
subjected to stress, but is subjected to the same temperature changes as the 
specimen or structure under test. In skillful hands deformations can be meas- 
ured with a strain gage to the nearest ten-thousandth of aninch The strain 
gage can be used to measure deformations in a structure or machine as well 
as in a test specimen. One instrument can be used for a large number of gage 
lines. In a test of stress determination in a reinforced concrete floor slab in 
the Soo Line Freight Terminal in Chicago measurements of deformation along 
over 1000 gage lines were made, and five strain gages were used. For detailed 
discussion of the use of the strain gage see Proceedings of the American Society 
for Testing Materials, Vol. XIII, p. 1019. 

Recording Extensometers. One form of extensometer indicates changes 
of length by the change of electrical resistance of a pile of carbon disks when 
slightly compressed. This extensometer can be used as an indicating instru- 
ment, or, by the use of a mirror galvanometer recording the throw of its 
beam of light on a sensitized photographic film, as a recording extensometer. 
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It is especially useful for measurements in which the observer cannot con- 

veniently be near the place where the deformation occurs. 

See Proceedings of the American Society for Testing Materials, Vol. 23, Part II, 

p. 392 (1923), and Vol. 27, Part Il, p. 522 (1927), articles by Peters and Johnston. 

Another type of extensometer indicates changes in length by the change of 

impedance in an alternating-current electric circuit when the air gap between 

an electric magnet and its armature is slightly changed. This type may be 

used as a recording extensometer by the use of an oscillograph (a.c. galva- 

nometer with very short period of vibration). It is also useful when it is 

convenient for the observer to be at a disfance from the place where deforma- 

tion occurs. 

This type of instrument has been used by the Westinghouse Elec. & Mfg. Co., and 

by Prof. Earl Smith of Iowa State College. 

A very simple form of recording extensometer is called the stremmatograph. 

In this form changes of length are recorded directly by the motion of a needle 

point over a plate of lightly smoked glass. This record is afterward examined 

under a microscope fitted with a micrometer eyepiece. The stremmatograph 

has been used successfully by P. H. Dudley and by Talbot to measure strains 

in railroad rails under moving trains. 

See Trans. Am. Soc. C. E., Vol. LXXXII (1918), Progress Report of Committee 

on Stresses in Track. 

For measuring the dimensions of cross-section of a test specimen micrometer calipers 

are usually used. For measuring the relatively large deformations beyond the yield 

point, and the elongation of tension test specimens after fracture measurements with 

dividers and steel scales are sufficiently accurate. 

The Speed of Testing has an appreciable effect on the values determined 

for the mechanical properties of many structural materials. The accompany- 

ing table gives the requirements for speed in testing iron and steel as given in 

in 1928 Tentative Standards of the American Society for Testing Materials. 

In testing steel and wrought iron in gage lengths of 2 and 8 in. in accordance with 

the specifications of the American Society for Testing Materials, the speed of the 

machine, by which is meant the speed of the crosshead when the machine is running 

idle, shall conform to the following requirements: 

The crosshead speed of the testing machine shall be such that the beam of the 

machine can be kept balanced, but in no case shall the values given in the following 

table be exceeded: 

Maximum crosshead speed for 

Specified minimum tensile Gage length, | testing machine in determining, 

strength of material, in. in. per minute 

Ib. per sq. in. _—_———$$——$—$—$— 
Yield point |Tensile strength 

0.50 2.0 
80 000 or under....-----+-- } 

5 bog 610 

0.25 1.0 

Over 80 000... eeeeeres earns ry 

In determining the elastic limit by method I of the American Society for 

Testing Materials, described on p. 608, the crosshead speed for a specimen 

with a 2-in. gage length shall not exceed 0.125 in. per min. In determining 

the limit by method II (see p. 608), the crosshead speed shall not exceed 

0.025 in. per in. of gage length per min. 
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Large Testing Machines in the United States. The U.S. Bureau of Stand- 
ards has a compression testing machine of 10 000 000 lb. capacity, and another 
machine of 2 400 000 lb. capacity in compression and 1 200 000 Ib. in tension. 
Several other government laboratories, college laboratories, and commercial 
laboratories have machines of 1 000 000 Ib. capacity or more. The National 
Tube Co., Pittsburgh, Pa., has a torsion testing machine of 1 500 000 in-Ib. 
capacity. 

24. Tests and Test Specimens for Metals 
This article is based largely on the Standards and the Tentative Standards of the 

American Society for Testing Materials. 

Tension Test Specimens for wire or for round bars usually consist of full- 
size pieces of the wire or the bar. Specimens of round bars are usually about 
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W*+ 0.003" to 0.005" 

Nominal Thickness of Sheet: 
0.005"to 0.250" 

| W+0.003"to 0.005” 

18 in. long, and the elongation after fracture is measured over a gage length 
of 8in. Specimens for plate and shape material are usually of the form shown 
in Fig. 55a for material 1/4 in. thick and over. For material under 1/4 in, 
thick the specimen shown in Fig. 55d is recommended. 

Note:- The Gage Length, 
Parallel Section, and 
Fillets shall be as Shown, 
but the Ends may be of 

’ ’ any Shape to fit the 
[<x 9-__5| Holders of the Testing 

Gage Length Machine 

for Elongation 
after Fracture 

Fig. 56 

For thick plate material, forgings, large pieces, and general use in tension 
tests the specimen shown in Fig. 56 is recommended, Fig. 57 shows two 
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designs of end for the specimen shown in Fig. 56, both of which have given 
satisfactory service. The gradual transition in cross-section from ends to 
middle of length is especially important in specimens of brittle metals. 

Radius not less than 4" 33 Radius 
Parallel Section 

~<—Gage Length 2" Gage’Length 2'—> 
ries Parallel Section | Standard 

42"over all 5" over all Thread 

(a) SPECIMEN WITH () SPECIMEN WITH 
SHOULDERED ENDS THREADED ENDS 

Fig. 57 

Grips for Tension Test Specimens. For long bars of ductile metal and for 

the flat specimens shown in Fig. 55 wedge grips with file-toothed faces are 

satisfactory (see Fig. 58). For short specimens and for 

specimens of brittle metals wedge grips are not satis- 

factory, usually causing fracture at the edge of a grip- 

ping wedge. For such specimens it is necessary to use 

the machined specimen (Figs. 56 and 57). Fig. 59a 

shows a satisfactory gripping device for machined speci- 

mens with screw ends, and Fig. 59b shows a device for 

machined specimens with shouldered ends. Both these 

_ devices transmit the applied force to the heads of the 

testing machine through spherical-seated bearings. For 

very brittle metals, such as cast iron, even the spherical- 

seated bearings shown in Fig. 59 are not always effective 

in avoiding bending stresses in the specimen. The grip- 

ping device shown in Fig. 60, known as the Robertson 

shackle, has proved satisfactory for testing specimens of 

brittle material, and it is an excellent device for gripping 

any machined tension test specimen. 

The gripping device is shown as used with threaded end 

specimens. A similar device fitted with split sockets would 

be used with shouldered specimens. 

For specimens of thin sheet metal ordinary wedge Ss 

grips are liable to cut the specimen near the edges of 

the grips, causing a tearing action rather than an axial 

pull. The self-aligning wedge grips shown in Fig. 61 

(known as Templin grips) have proved satisfactory for Fig. 58 

tests of thin sheet metals. 

Preparation of Tension Test Specimens. All machined surfaces on speci- 

mens should have a smooth finish. All shoulders should have generous fillets. 

If specimens of rolled metal are sheared from plates or shapes. or are roughed 

out with a cutting torch, at least 1/8 in. of the metal should be removed from 

the sheared or burnt edges of the specimen. For steel castings test coupons 

are usually attached to the casting, and the specimens machined from these 

coupons. The coupons should remain attached to the casting until the 

annealing or other heat treatment of the casting is completed. 

Tension Specimen 
for Rod or Wire 
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Determination of the Elastic Limit in Tension Tests. The determination 
of elastic limit as defined on p. 547 logically involves the application and 
release of a series of increasing loads on the specimen until there is observed 
a set after the release of a load. This procedure is very slow, and since for 
many metals experience does not indicate any significant difference between 

the elastic limit so determined and the proportional limit, the determination 
of the proportional limit is regarded as a satisfactory determination of the 
elastic limit. It is obvious that the precise value obtained for elastic limit, or 
for proportional limit, depends on the delicacy of methods and instruments 

Spherical Spherical 
; Bearing 

Upper Head Upper Head 
of Testing of Testing 
Machine Machine 

Solid VA 
Clamping Z 

Ring 

-ECIMEN WITH SPECIMEN WITH 
THREADED SH Conde 
ENDS 

Movable Head Movable Head 
of Testing of Testing 
Machine Machine 

(a) (b) 

Fig. 59 

used. It becomes necessary, therefore, that in any test the method used shall 
be clearly stated. The following methods are in common use for determining 
a value designated as the elastic limit: 

Method I is suitable for metals of a fair degree of ductility. An exten- 
someter, reading to 0.0002 in. (usually with a 2-in. gage length), shall be 
attached to the specimen. When the specimen is in the testing machine and 
the extensometer attached the testing machine shall be operated so as to 
increase the load on the specimen at a uniform rate. The observer shall watch 
the elongation of the specimen as shown by the extensometer and shall note 
the load for which the rate of elongation shows a sudden increase. The unit 
stress corresponding to this load shall be reported as the elastic limit. 
Method II (the J. B. Johnson method) is somewhat more delicate than 

method I and is suitable for tests of metals of rather low ductility. The 
elastic limit is taken as that unit stress at which the rate of deformation is 
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50% greater than the initial rate of deformation. It is necessary to take a 
series of readings of load and stretch, or to use an autographic or a semi- 
autographic recording device to obtain a stress-strain diagram. Fig. 62 
shows such a diagram. The initial rate of deformation is given by the ratio 
mn/Om; ng = 0.5 mn, mg = 1.5 mn, and the slope of Og represents a rate of 
deformation 50% greater than the initial rate. O’q’ is drawn parallel to Og 
and tangent to the stress-strain diagram. The point of tangency J locates 

the elastic limit. In using method II it is recommended that the extensometer: 

To Fit Gripping Device 
on Testing Machine 

Machined at the 
Hardened Same Setting 

Fig. 60 

be of such sensitiveness that it will indicate a change of one ten-thousandth 

of the gage length. 

Determination of the Yield Point in Tension Tests. The yield point is 
the unit stress at which there occurs a marked increase of deformation without 
an increase in load. Two methods for determining yield point are in use. 

Method I (“‘ Drop of the Beam’”’). Load is applied to the specimen at a 

steady rate of increase and the operator keeps the beam in balance by running 

out the poise. At the yield point the increase of load ceases temporarily, but 

the operator, running out the poise at a steady rate, runs it a trifle beyond 
the balance position, and the beam of the machine drops for a brief but 
appreciable interval of time. In a machine fitted with a self-indicating 
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weighing device there is a sudden halt in the motion of the load-indicating 
pointer, corresponding to the drop of the beam. The load at the “ drop” or 
the ‘‘ halt ” is noted and the corresponding unit stress reported as the yield 
point. 

Method II. An observer with a pair of dividers watches for visible elonga- 
tion between two gage marks on the specimen. When visible stretch is 

Spherical Bearing 
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ESSSOSSI SHS -- Bw 

XSQAANAAAAARY 

Spherical Bearing 

SECTION THROUGH 
STEEL BALL 

Fig. 61 

observed the load is noted and the corresponding unit stress reported as the 
yield point. The gage length should not be greater than 2 in. 

It should be noted that many metals do not have a well-defined yield point. 
Significance of Elastic Limit and of Yield Point. Using careful methods of 

testing and especially avoiding high speeds of pulling, the yield point, if 
sharply defined, may be regarded as a satisfactory index of the elastic strength 
of a ductile metal. For metals of a good degree of ductility which do not show 
a clearly marked yield point method I for elastic limit gives a satisfactory 
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index of elastic strength. For metals of fair ductility method II gives a 
satisfactory index of elastic limit (method II may also be used for metals of 
high ductility). For metals of low ductility (e.g., cast iron) none of the 
methods previously mentioned, nor any other as yet proposed, give a satis- 
factory index of elastic strength. It is 
doubtful whether any elastic limit should 
be reported in tests of such metals. 

Determination of Tensile Strength 
(Ultimate). The tensile strength of ,a 
material is determined by dividing the 
maximum load carried in a tension test 
by the criginal area of cross-section of the 
specimen. It is important that, the speed 
of testing should not be so high as to render 
uncertain the balancing of the beam of the 

testing machine, or to cause “‘ surging’ of 
the indicating mechanism of a self-indicat- 
ing load measuring device. 

Stress or Load 

Determination of Elongation and Reduc- , Strain or Strainometer Reading 

Hon.of Area after Hracture.. The measure- ps 6». “riistrating Method II for 
ment of elongation of a tension test Determining Elastic Limit 
specimen after fracture can be made 
with sufficient accuracy by means of a pair of dividers and a scale. In 
general, the elongation should not be measured on any specimen which breaks 

outside the middle third of the gage length. The measurement of reduction 
of the dimensions of specimen after fracture may be made by the direct 
measurement with a micrometer of the smallest cross-section of the specimen. 
For round specimens this measurement can best be made by holding the 

broken pieces together in a 
vise or between centers and 
then measuring the average 
diameter of the smallest sec- 
tion by means of a micrometer 
fitted with rathersharp points. 

Compression Test Spec- 
imens. Fig. 63 shows spec- 

imens for compression tests. 
The short specimen is used for 
tests of such metals as bearing 

SHORT MEDIUM-LENGTH metals, which in service are 
SPECIMEN SPECIMEN used in the form of a thin 

Fig. 63 plate or shell. The medium- 
length specimen is useful for 

general use in compression tests. Compression specimens of metals should 
have all machined surfaces smooth and all ragged edges smoothed off. 

Bearing Blocks for Compression Specimens. Both ends of a compression 
test specimen should bear on a carefully machined plane surface. The bearing 
blocks should be made of hardened steel or faced with hardened steel. One 
end of the specimen should bear on a sphérical-seated bearing block. Fig. 64 

shows a satisfactory arrangement of specimen and bearing block. The bear- 

ing block should be at the upper end of the specimen. It is important that 

the center of the spherical surface should be in the flat face which bears on 
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the specimen; otherwise lack of parallelism between faces of the specimen 
sets up bending action in the specimen. 

The object of using a spherical-seated bearing block is to give the specimen 
as even a distribution of initial load as 
possible. Owing to friction, the spherical- 
seated bearing cannot be relied on to adjust 
itself to bending action which may be set 
up after the test is started. 

Determination of Elastic Limit, Yield 
Point and Compressive Strength. The 
methods used for determining elastic limit 
and yield point in compression tests are, 
in general, the same as those used in ten- 
sion tests. The compressive strength is 
determined by dividing the maximum 
load by the original area of cross-section 
of the specimen. 

In the case of a material which fails in 
compression with a shattering fracture the 

Cross - Head of 
Testing Machine 

WEIGHING TABLE OF compressive strength has a very definite 

TESTING MACHINE value. In the case of materials which do 
Fig. 64 not fail by a shattering fracture the value 

obtained for compressive strength is an 
arbitrary value depending on the degree of distortion which is regarded 
as indicating complete failure of the material. 
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Note: - Pattern for Specimen 
to have Sufficient Taper to 
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Fig. 65 

Flexure Tests are used in determining the strength qualities of cast iron. 
For gray iron castings the standard test specimen is an “ arbitration bar,” 
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the specifications for which are given by the 1927 Tentative Standards of the 
American Society for Testing Materials as follows: | 

’“ The mold for the bars is shown in Fig. 65. The bottom of the bar is 0.05 in. 
smaller in diameter than the top, to allow for draft and the strain of pouring. The 
pattern should not be rapped before withdrawing. The flask shall be rammed with 
green sand, a little damper than usual, well mixed and put through a No. 8 sieve, 
with a mixture of 1 to 12 bituminous facing. The mold shall be rammed evenly and 
fairly hard, thoroughly dried and not cast until it is cold. The test bar shall not be 
removed from the mold until cold enough to be handled. It shall not be rumbled 
or otherwise treated, being simply brushed off before testing.” 

The arbitration bar is loaded at the center of an 18-in. span, as shown in Fig. 66, and 
the load is applied at such a rate that 20 to 40 seconds are required to produce a deflec- 
tion of 0.1 in. 

_ For cast-iron pipes the standard test specimen is 26 in. long, 2 in. wide, and 
1 in. thick, and is loaded at the middle of a 24-in. span. 

Hardness Tests of Metals in common use are the Brinnell test, the Rockwell 

test and the Scleroscope test. In the Brinnell test a hardened steel ball of 
known diameter is pressed against 
the surface of the metal to be Cross Head of 
tested, the pressure exerted and Testing Machine 

the diameter (or depth) of the LLL, 
resulting permanent impression 
being noted. The smaller the 
indentation the harder the metal. 
The hardness is indicated by a 
“ hardness number,”’ which is the 
quotient obtained by dividing the 
pressure by the spherical surface 
of the indentation. The standard Fig. 66 
steel ball used is 10 mm. in diam- 

eter, and the standard pressure is 3000 kg. for the harder metals, and 500 

kg. for the softer metals. A modification of the Brinnel] test which is used 

to some extent is the Ludwik cone test, in which a hardened steel conical 

point is used in place of a steel ball. 

In the Rockwell test a steel ball 1/16 in, in diameter (the Rockwell “B” 

test) or a conical diamond point (the Rockwell ‘‘ C ” test) is pressed against 

the surface of the specimen with a small but definite initial load. Then a 

load of 100 kg. (““B” test) or 150 kg. (“C” test) is applied by means of a 

weight acting at the end of a compound lever. This weight is removed 

leaving the small initial load still on the penetrating point and the depth of 

impression is measured by means of a micrometer dial gage attached to the 

indenting point. This gage is graduated to read directly an arbitrary system 

of hardness numbers corresponding (inversely) to the depth of impression. 

The Rockwell ‘“‘ B ” numbers are different from the Rockwell “ C ” numbers. 

Weighing Table of Testing Machine 

The Scleroscope consists of a diamond-pointed plunger weighing 1 gram which 

drops vertically down the inside of a graduated glass tube to the surface of the metal 

to be tested, which is placed at the lower end of the tube. The height of rebound is 

measured, and is a measure of the hardness of the metal. 

Brinnell tests, Rockwell tests, and scleroscope tests possess the great advantage 

that they may be made without damage to the material which is to be used, instead 

of being vicarious tests on samples chosen to represent the material. They are espe- 

cially useful in testing the uniformity of different parts of the same piece, for example, 

the uniformity of hardness of the different teeth of a gear wheel. 

In a general way there seems to be a fairly well defined relation between the Brinnell, 

Rockwell, and scleroscope hardness, and the tensile strength for the different grades of 
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iron and steel. (See paper by R. R. Abbott, Proc. American Society for Testing 
Materials, Vol. XV, Part II, p. 42.) The relation between Rockwell number and 
Brinnell number is rather complicated and varies somewhat for different metals. (See 
Petrenko in Technologic Paper 334 of the U. S. Bureau of Standards.) 

Impact Tests of Metals are sometimes made for the purpose of determining 
toughness, that is, the ability to resist without actual rupture a combination 
of high stress and great deformation. Tough metals resist heavy accidental 
overload without shattering failure. In impact tests the amount of energy 

required to rupture or permanently deform the test specimen is the quantity 

measured rather than the stress. In general, the results of an impact test may 
be predicted by measuring the area under the load-deformation diagram for 
a static test of the specimen, though there may be some variation introduced 
by the very rapid application of load in an impact test. 

The Master Car Builders’ Drop Testing Machine is an impact machine con- 
sisting of a framework fitted with a hoist and a weight which can be varied from 
1640 lb. to 2000 lb. and which can be dropped from a height varying from 0 to 50 ft. 
The specimen is supported on an anvil weighing 20 000 Ib. and the anvil is supported 
on heavy springs. With this machine tests are made of rails in flexure, of car couplers 
in tension, of car axles and locomotive axles in flexure. Impact tests of cast-iron 
car wheels are made on a machine somewhat similar to this. Drop tests are made 
by delivering on a test specimen one or more blows from a given height, and observing 
signs of failure in the test specimen. 

The Charpy Impact Testing Machine is used for tests of small specimens of metal 
under impact. The specimen is held in a horizontal position and is in flexure over a 
short span. It rests against the vertical face of an anvil. The impact is furnished 
by a pendulum which is let fall from a predetermined height, striking the specimen 
at the bottom of its swing. The pendulum is of known weight, and is so hung that 
its center of percussion is at the point of impact against the specimen. After breaking 
the specimen the pendulum continues its swing, and an indicating apparatus shows 
the maximum height to which it rises. The energy supplied by the pendulum is the 
product of its weight and its height of fall; the energy left after the fracture of the 
specimen is the product of its weight and the height of rise; the difference is the energy 
required to break the specimen. Specimens for the Charpy machine are notched at 
the middle of their length to insure a sharp plane of fracture, and the uniformity of 
size of specimen and of size and shape of notch is very important. 

The Izod Machine acts on a principle similar to that of the Charpy machine. 
The Izod specimen is a short notched cantilever beam held vertically and struck by 
a swinging pendulum. The energy required for fracture is measured in a manner 
similar to that used with the Charpy machine. The significance of the results of 
either Charpy or Izod tests is a matter of considerable uncertainty. 

‘Repeated-stress Testing Machines. The commonest type of repeated- 
stress testing machine uses a specimen which acts as a rotating beam (either 
a simple beam or a cantilever beam). Known weights producing computable 
unit stresses are hung on the specimen, and for every revolution of the speci- 
men there is a cycle of stress involving a complete reversal of flexural stress. 
A revolution counter records the number of revolutions necessary to cause 
fracture. For the general method of determining the endurance limit (fatigue 
limit) by the use of such a testing machine see p. 555. 

The Haigh repeated-stress testing machine sets up cycles of repeated axial 
stress (tension-compression) by the use of low-frequency two-phase. alter- 
nating current electromagnets. The force developed is measured by the 
current induced in coils of wire on the armature which is attached to the 
specimen, and which is caused to vibrate between the poles of the pair of 
magnets. The Haigh machine is a very expensive machine, capable of a high 
degree of accuracy. 

For descriptions of other types of repeated-stress testing machine see 
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Bulletins 124, 136, 142, and 152 of the Engineering Experiment Station of the 

University of Illinois. 

Tests of Magnetic Permeability of steel and iron seem to give some indica- 

tion of the hardness, strength, and uniformity. They possess the great advan- 

tage that the test does not destroy the sample tested, and hence may be made 

on the actual parts to be used. Magnetic tests as an indication of hardness 

or strength are not standardized yet, but hold promise of future usefulness. 

The variation of magnetic qualities in a bar or disk of metal has been used 

as a means of locating small invisible flaws. (See article by J. A. Capp, Proc. 

American Society for Testing Materials, Vol. 27, Part II, p. 268 (1927)). 

Macroscopic and Microscopic Examination of Metals. The term macro- 

_ scopic is applied to the examination of metals either by the unaided eye or 

by the use of a glass magnifying not more than 10 diameters. The term 

microscopic is applied to the examination by means of a magnifying lens or 

lenses yielding magnifications greater than 10 diameters. In both types of 

examination the surface of the metal is polished. Usually for macroscopic 

examination polishing with fine emery paper is sufficient; for microscopic 

examination emery paper polish is usually followed by a polish with jewelers’ 

rouge or with very fine alumina. In most cases, after polishing, the surface 

of the metal is etched; nitric acid, picric acid, copper chloride, and ammonium 

persulfate are among the etching agents used. For inspection purposes the 

etched surfaces are examined by direct observation; where a permanent record 

is desired a micrograph of the surface is taken by means of a photographic 

camera attached to the microscope. For macrographs an ordinary camera 

may be used. 

Macroscopic examination brings out the general features of the internal 

structure of the metal, but not the details. Macrographic examination has 

proved useful in showing the presence of segregation of ingredients in metals, 

the presence of small cracks and flaws, the “‘ grain ” or flow lines in forgings, 

and the slag streaks which distinguish wrought iron from steel. 

Microscopic examination brings out the details of crystalline structure of 

metals. It shows the size and shape of the crystalline grains, the homoge- 

neity of the internal structure, the presence of fine bands of segregated 

material, the presence of “slip bands ” due to inelastic action, and the 

presence and growth of minute cracks. Magnifications commonly used for 

micrographs are 100, 500, 1000, and 1500 diameters. Micrographs with good 

detail have been made with a magnification of 3600 diameters. 

X-ray Examination of Metals. X-ray apparatus has been used for the 

examination of metals with two distinct purposes in view: (1) to reveal 

internal defects, and (2) to determine the geometric pattern in which the 

atoms of a metal are arranged—the space lattice. X-ray examination for 

internal defects in metals is made with a very powerful X-ray apparatus. 

Defects have been shown in steel up to 4 in. thick. X-rays penetrate alumi- 

num much more easily than they do steel, and lead much less easily. Defects 

shown by X-ray examination are not magnified, and the examination can 

detect no flaw smaller than one which could be detected by the unaided eye 

if the defect were on the surface of the metal. The technique of handling 

the powerful X-ray apparatus is very difficult, and unless elaborate pre- 

cautions are taken to enclose the whole job in a thick lead chamber, there is 

great danger from X-ray burns and injury to the eyes of the attendants 

and persons in nearby rooms. 

X-ray determination of the space lattice of a metal is'as yet a problem for 

the physicist rather than the testing engineer The wave length of X-rays is 
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much shorter than that of ordinary light rays, being of the order of magnitude 
of the distance between atoms. By the dispersion and reflection of X-rays as 
they pass through thin sheets of metal, or through finely powdered metal, it 
is possible to construct a diagram of the geometric arrangement of the atoms 
in a crystalline grain of metal—a diagram of the space lattice of the metal. 
This application of X-rays is known as X-ray spectroscopy, and it holds 
great promise for the more fundamental study of the atomic structure and 
the inherent strength of metals. 

25. Tests of Stone and Brick 

The Specific Gravity Test for stone shall be made on a specimen that has 
been dried to constant weight at a temperature of 212° to 230° Fahr. After 
removing all sharp corners and grains that are loose, the specimen shall be 
carefully weighed, then placed in water and put under the receiver of an air 
pump and all bubbles of air exhausted. The weight in water shall be noted 
and the specimen removed from the water and all surplus surface moisture 
removed either with a cloth or blotting paper. After again weighing, the 
specific gravity will be determined from the formula Sp. Gr. = Wt. of dry 
stone in air + (Wt. of saturated stone in air — Wt. of saturated stone in 
water). Where an air pump is not available, the specimen may be weighed 
in the water after an immersion of 24 hours, all surface air bubbles being re- 
moved with a small brush or feather. 

Tests for Crushing Strength of stone shall be made on cubes, the size of 
which will depend upon the capacity of the testing machine. Specimens 
shall be sawed out and not chiseled. They shall be tested on their natural 
beds, and the opposite faces shall be ground parallel and tested between steel 
plates in a machine having a spherical socket in the crushing head. At least 
three specimens shall be tested, and the load at which the specimen first 
cracks and the ultimate resistance shall be noted in the report. 

Transverse Strength of stone shall be determined by placing a beam whose 
length is not less than 10 times its depth on slightly rounded knife-edges and 
applying a load at the center. The modulus of rupture shall be computed by 

3 Wi 
the formula R = 2 ba’ where W is the center load, J the span, 6 the width, 

and d the depth. 

The Absorption Test shall be made by drying the stone to constant weight at a 
temperature of 212° to 230° Fahr., carefully weighing, then placing in water for 
48 hours. At the end of this period the stone shall be removed from the water, all 
surplus water wiped off and the stone reweighed. The percentage of water absorbed 
shall be noted in terms of the original dry weight of the stone. 
In the Freezing Test, five clean stone cubes of the same size shall be dried, weighed, 

and immersed in water for 24 hours. They shall then be alternately frozen and thawed 
twenty-five times. After the final thawing, they shall again be dried in an oven, and 
all loose particles removed. The loss of weight shall then be noted. 

The Quenching Test shall consist of heating the stone specimens to 500° to 600° Fahr., and plunging them while hot in water of a temperature of about 70°. The 
loss due to spalling or disintegration shall be noted in terms of the weight of the 
original dry stone. 

Toughness Test for rock. The following is from the 1927 Standards of the 
American Society for Testing Materials (Part II, p. 464): 

es Test pieces shall be cylinders 25 mm. in diameter and 25 mm. in height, cut perpendicular to the cleavage of the rock. One set of three specimens shall be drilled 
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perpendicular and another parallel to the plane of structural weakness of the rock, 
if such plane is apparent, otherwise one set of specimens shall be drilled at random. 

“Any form of impact machine which will 
comply with the following essentials may be 
used in making the test: 

“(a) A cast-iron anvil weighing not less 
than 50 kg. firmly fixed upon a solid founda- 
ton; 

“(b) A hammer weighing 2 kg., arranged 
so as to fall freely between suitable guides; 

““(c) A plunger made of hardened steel andl 
weighing 1 kg., arranged to slide freely in a 
vertical direction in a sleeve, the lower end of 
the plunger being spherical in shape with a 
radius of 1 cm.; 

AEZAA 

i 
. 

“(d) Means for raising the hammer and for 
dropping it upon the plunger from any specified 
height from 1 to not less than 75 cm., and 
means for determining the height of fall to 
Roproximatery: i sre OTP a sdea? 0} ZS Ue 1, Eleemenieee 

*(e) Means for holding the cylindrical test f 
specimen securely on the anvil without rigid 
lateral support, and under the plunger in such 
a way that the center of its upper surface shall, 
throughout the test, be tangent to the spherical 
end of the plunger at its lowest point.” 

Fig. 67 shows, in diagram, the testing 
machine. 

The test consists of a 1-cm. fall of the ham- 
mer for the first blow, a 2-cm. fall for the second 
blow, and an increase of 1-cm. fall for each 
succeeding blow until failure of the test spec- 
imen occurs. 

Paving Brick are tested for abrasion in 

the method described on p. 603. 

26. Miscellaneous Tests 

Tests of Strength of Wood have not been standardized to an extent which 
allows their inclusion in specifications for timber, but compression tests, 
flexure tests, shearing tests, and impact tests are frequently made. Compres- 
sion tests are made both along the grain and across the grain. Compression 
specimens are usually rectangular blocks, and should be tested with spherical- 
seated bearing blocks. Wood has a rather poorly defined proportional limit in 
compression. In compression along the grain there is a well-defined ultimate. 

Shearing tests along the grain are made by the use of shearing blocks placed in 

the testing machine, or for larger specimens by testing short, deep beams. The 

shearing strength of wood along the grain is of great importance. F. lexure tests 

both of small selected specimens and of large beams are common. In flexure 

tests the failure may be by longitudinal shear along the neutral axis, by com- 

pression along the upper side of the beam, or by tension along the lower side. 

Impact flexure tests show the shock-resisting qualities of wood. Hardness 

tests are made by using a steel ball 0.444 in. in diameter, and noting the load 

which causes the ball to penetrate to one-half its diameter. 
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Special Tests of Materials, Structures, and Machines 

Structural part, 
machine part, 

structure, machine 
or material tested 

Floor panel of build- 
ing. 

Riveted joints..... 

Rivets, metal plates 

Car couplers and 
coupler yokes. 

Wire TOp@sw.cci as 

Brake beams for rail- 
way cars. 

CReit in Phteh tise 

Large pipe........ 

Gear teeth........ 

Engraver’s plates... 

Strain insulators for 
electric transmis- 
sion lines. 

FV CDAIS% cisus oisuaaves 

WOlGMHB A s.c't eee 

Test 

Proof test with dead load, not 
to destruction. 

Proof test with dead load or 
with moving load. 

Tests of samples to destruc- 
tion. 

Shearing test of samples to de- 
struction using special shear- 
ing tools. 

Tests of samples to destruc- 
tion in tension or torsion. 

Tests with hydrostatic pres- 

sure. Proof tests with pres- 
sures somewhat above work- 
ing pressures. 

Proof tests, tests of samples 
to destruction under tension 
and impact tension. 

Tests of samples to destruc- 
tion in tension. 

Tests of samples to destruc- 
tion in flexure. 

Proof tests of entire chain in 
tension, tests to destruction 
of sample sections. 

Hydrostatic pressure proof 
test. 

Scleroscope or Rockwell test 
for uniform hardness. 

Brinnell, Rockwell, or sclero- 
scope tests for uniform hard- 
ness of samples. 

Proof load in tension, tension 
test of samples to destruc- 
tion. 

Tension test of sample eye- 
bars to destruction. 

Compression tests of models 
or samples to destruction. 

Measurements 

Deflections, tensile and com- 

pressive deformations in 
beams and columns. 

Deflections, tensile and com- 
pressive deformations in 
various members. 

Ultimate load, slip of rivets. 

Ultimate load, results depend 
on hardness of shearing tools 
used. 

Ultimate load. 

Observation of leaks, cracks, 
Or permanent distortion of 
parts. 

Ultimate load, distortion un- 
der proof load. 

Ultimate load, observation of 
manner of fracture. 

Ultimate load, deflections. 

Set after removal of proof load, 
ultimate strength. 

Observation of leaks, cracks, 
or other evidence of failure. 

Hardness for various teeth. 

Hardness at various points. 

Evidences of failure under 
proof load, ultimate strength. 

Yield point, ultimate load, 
stretch. 

Yield point, ultimate load, de- 
flection, axial compression. 

Tests of concrete and of cement are discussed in Sect. 11 of this hand- 
book. Further discussion or tests of road materials are given in Sect. 20. 

The Turner-Hatt impact testing machine is in common use in the United States 
for impact testing of wood. This machine consists of an anvil on which the specimen 
is placed, and of a weight which can be dropped from various heights. Attached to 
the weight is a pencil which draws a record on a rotating drum. From this record 
the deflections of the specimen can be measured, as the weight is dropped from suc- 
cessively increasing heights until rupture occurs, or until the deflections increase ab- 
normally, showing that the proportional limit has been passed. Another method 
of making an impact test consists in dropping the weight from such a height that the 
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specimen is fractured by one blow. The pencil attached to the weight traces a curve 
on the rotating drum whose steepness is a measure of the velocity of the falling weight. 
Measuring the velocity of the weight before and after fracture of the specimen the 
energy absorbed in fracturing the specimen can be determined. For detailed descrip- 
tion of tests of timber, see the 1927 Standards of the American Society for Testing 
Materials, Part II, p. 635. 

Special Tests of materials, structures, and machines are often made. The 
table on p. 618 gives some such tests. 

27. Inspection 

A Shop Inspector has duties suggested largely by the specifications govern- 
ing the work. Primarily his duties are to see that workmanship, method of 
fabricating material, and finished product are all in accordance with the plans 
and specifications, a complete set of which should be furnished him. The 
tools needed are inside and outside calipers, micrometer calipers, rule, steel 
tape, testing hammer, and report blanks. In structural work he should 

measure finished material, particularly with reference to field connections, 
examine abutting joints to see that they are full and square, test all rivets with 
a light hammer and have all loose or cock-headed ones cut out and replaced, 

should see that all members are free from twists, kinks, or bends, that pin 
holes are at right angles to the web of the member, countersunk rivets are 
chipped, that surfaces for rollers, splice plates, and bearing plates have been 
planed, that eyebars intended for the same pins should when piled all take 
the right pins at both ends at the same time, that threaded ends are wrapped 
with burlap, or otherwise protected against damage in transportation, etc, 
All accepted material should be marked with the inspector’s private stamp, 

The Cold Bend Test is of great importance as a shop test of ductility. It is 

made by bending cold a specimen of iron or steel fiat on itself or round a 

mandrel of specified diameter. The bending may be accomplished either by 

pressure or by blows of a hammer. During and after bending the specimen 

must develop no cracks. For detailed requirements for cold bend tests of 

metals see the 1927 Standards of the American Society for Testing Materials, 

Part I. 

Flattening or Upsetting Tests are made on rivets, on boiler tubes, and on 

pipes. Boiler tubes are also subjected to flanging tests in which a flange is 

formed on a cold specimen of tube. In flanging, upsetting, or flattening tests 

the distortion of the specimen must be accomplished without the development 

of cracks. 

Hot Bend Tests and Quench Bend Tests are made on wrought iron, and 

quench bend tests are also made on material for boiler flues. Hot bend tests 

are made at a cherry-red heat, and quench bend tests are made after heating 

the specimen to redness and cooling in water. For both tests the specimen 

must bend round a mandrel of specified size without cracking. 

Nick Bend Tests are made on wrought iron to show the fibrous structure 

and show the absence of scrap steel in the iron. A sharp nick is made across 

a test bar, whichis then bent, opening out a cross-section. For round bars the 

specimen is nicked 25% around the circumference, for rectangular bars it ia 

nicked along one side. The tool used to nick the bar has a 60-degree cutting 

edge, and the depth of the nick is not less than 8 nor more than 16% of the 

diameter or the thickness of the specimen. For the finest grades of iron the 

fracture at the nick shall be entirely free from bright crystalline spots; for 

cheaper grades not over 10% of the fractured surface shall show crystalline. 
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Wrought iron shows a gray, fibrous section, while the presence of scrap steel 

is indicated by bright, crystalline spots. This is a valuable shop test, but is 

not entirely conclusive. 

IRON, STEEL, AND OTHER METALS 

28. Cast Iron 

Cast Iron is a saturated solution of carbon in iron, the amount of carbon 
varying ordinarily from a minimum of 1.7% to about 4%, depending upon 
the amount of silicon, sulfur, phosphorus, and manganese present in the 
solution. Other elements may also be present, but they are considered 

impurities. 

Metallurgy. In the production of cast iron two steps may be necessary: First, the 
preparation of the ore for the blast furnace, involving the washing or dressing of the 
ore, and the calcination; and, second, the reduction in the blast furnace. In the 
case of the richer ores the first step is not always required, and this is the condition 
in the United States. The purpose of the roasting or calcination is the expulsion of 
volatile ingredients. The reduction or smelting of the ore is accomplished in a blast 
furnace, which, as the molten metal is drawn off at the bottom through the tapping- 
hole, is kept filled to the top or throat by adding metal in the form of iron ore, fuel in 
the form of coke, and flux, usually in the form of limestone, allowing the charge to 
work down: By means of tuyeres near the base of the furnace, a supply of air, or 
“blast,” under a pressure of from 3 to 9 lb., is provided to maintain combustion at 
sufficiently high temperatures to reduce the ore. The molten iron is tapped from 
time to time near the bottom of the furnace. The fiux combines, in the process of 
reduction, with the earthy matter of the ore and of the fuel, forming the slag. The 
slag, being very much lighter than the iron, floats on the surface of the molten metal 
and is tapped off near the top of the melting zone, through the cinder notch or cin- 
der fall, into trucks called cinder tubs, by which it is transported to the cinder heap. 

Pig Iron is the term applied to the form in which cast iron is obtained 
from the blast furnace. Pigs are usually cast in casting machines consisting 
of traveling metal molds, although some pigs are cast in open sand molds. 
A pig of iron weighs approximately 100 lb. and is approximately 3 ft. long. 
Machine-cast pigs are in the shape of rather thin slabs with rounded bottom 
side; sand-cast pigs have approximately equal width and depth with rounded 
bottom side. In its more restricted sense, cast iron is the form assumed 
after it has been again melted and cast into the finished form. 

Composition. Commercial pig iron varies widely in chemical composition, 
depending on the uses to which it is to be put. The tendency of the present 
day is to purchase pig iron according to analysis instead of by grades. The 
constituents of good commercial pig iron vary as follows: Carbon from 2 to 

4%; silicon from 0.5 to 5.0%; sulphur from 0.005 to 0.3%; phosphorus 
from 0.62 to 1.50%; and manganese from 0.10 to 1.75%. But these limits 
are by no means fixed. 

Carbon. The amount in cast iron is largely dependent on the presence of other 
elements. While 4% is the ordinary maximum, the carbon may run as high as 7% 
if much manganese is present. The presence of silicon in large proportions, on the 
other hand, may reduce the solubility of the carbon to as low as 1%. The percentage 
of carbon present in cast iron in the combined form influences very largely the physical 
properties of the cast iron; thus, to get the maximum tensile strength, the combined 
carbon should be about 0.47%; for the maximum transverse strength it should be 
about 0.70%, and for the maximum crushing strength it should be over 1%. The 
hardness of cast iron increases regularly with the increase in the percentage of com- 
bined carbon. In Gray Iron the carbon exists almost wholly as graphite, having been 
precipitated as such in the process of solidifying. The graphite, known as “ kish,”’ 
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gives the iron a somewhat spongy nature and a dark color. The condition is brought 
about in part by slow cooling, which tends to produce large crystals as well as graphite 
carbon. In White Iron the carbon is almost wholly combined and the iron has a more 
homogeneous texture, lighter appearance, and is composed of smaller crystals. Rapid 
cooling in solidifying tends to produce white iron. In Mottled Iron the proportions 
of combined and graphite iron are nearly equal, the fracture having, as the name 
indicates, a mottled appearance, due to the dark gray portions in the white matrix. 

Silicon. The amount in cast iron determines, to some extent, the suitability of the 
material for various purposes. A certain amount is always desirable. Up to 0.8% 
it increases the hardness of the iron, but above that point it makes the iron soft and 
brittle. Silicon gives the iron a gray appearance, and if the proportion of silicon is 
large the iron is gray and highly crystalline. The shrinkage of cast iron is largely 
influenced by the presence of silicon, decreasing as the amount of silicon increases. 
A small proportion of silicon makes sound castings, free from blowholes. 

Sulfur. The presence of sulfur is generally considered objectionable. A quantity 
greater than about 0.08% produces what is known as red shortness, that is, brittle- 
ness when in a heated condition. This condition makes the material unfit for use- 

Phosphorus. The effect of phosphorus is to increase the fusibility and fluidity of 

the metal. Its presence, therefore, is desirable for light and ornamental castings, where 

well-defined impressions in the mold are wanted. At the same time, it tends to increase 

the brittleness of the iron. The maximum amount should not exceed 0.7% in good 

foundry pig for ordinary castings. 

Manganese. This element is present in most pig iron and the amount varies 

greatly. For foundry use its presence is of no benefit when it exceeds about 1.0%. 

The value of the pig iron to the steel maker, however, increases in proportion to the 

amount of manganese present. Its presence prevents the absorption of sulfur in 

remelting. Hardness and closeness of grain are produced by the presence of man- 

ganese. Spiegeleisen, so called on account of its white glistening fracture, is a pig 

iron containing a large proportion of manganese, that is, from 5 to 20%. It is very 

hard, resisting cutting by cast-steel tools. When the proportion of manganese rises 

above 20% reaching sometimes as high as 80%, it is known as ferro-manganese. 

The Grades of Pig Iron. Pig iron was formerly classified by grades, such 

as No. 1 soft, No. 2 soft, No. 1 foundry, No. 2 foundry, forge pig, etc., but 

to-day the practice is to buy pig iron by chemical analysis rather than by 

trade names of grades. Specifications for buying pig iron by analysis are 

given in the Standards of the American Society for Testing Materials. 

The accompanying table gives typical anaiyses of pig iron for various uses. 

All values are in per cent. 
——— 

Graphite Com- Phos- Man- 
earbdtl bined | Silicon | Sulfur phorus ganese 

carbon 
Use 

| Bessemer pig, for mak-| 3.50 |0.05-0.10|1.00-2.00|Not more| Not more 0.25 

| ing steel by the acid than 0.05] than 0.10 

Bessemer process or 
the acid open-hearth 

process. 

| Basic pig, for mak-| 3.50 {0.05-0.10)Not more|Not more 0.30-1.00 0.25 

ing steel by the basic than1.00 |than 0.05 

open-hearth process. 

Malleable pig, for mak-| 0.10 3.00 |0.75-2.00|Not more} Not more 0.10 

ing malleable cast iron than 0.05|than 0.200 

Foundry pig, for general)3.15-3.90|0.05—0.10 0.75—4.00|0.02—-0.08} 0.10-1.00 |0.20-0.25 

casting. 
ee. 
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Molding is the preparation of hollow molds to receive the molten metal. 

A wooden or metal pattern of the shape of the finished piece is prepared and 

imbedded in molding sand placed in wooden boxes so arranged in two parts, 

called the lower and upper flasks, that after the molding sand is thoroughly 

rammed and packed around the pattern, the upper flask may be taken off, the 

pattern withdrawn and the flask replaced and secured, leaving on the interior a 

hollow space of the size and shape of the finished piece. An opening is left 

through which the molten metal is poured into the mold. Smaller holes are 

also provided connecting with the hollow interior, to allow for the escape of 

the air and other gases that may be generated during pouring. When the 

finished casting is to be hollow a core is employed. Fig. 68 shows the cross- 

section of a mold ready to receive the molten iron. This particular mold is 

for a cast-iron pulley. 

Wooden Patterns are generally made of thoroughly seasoned white pine or 

mahogany, the wocd being carefully shellacked to keep the pattern from warp- 

ing or being otherwise affected by moisture. 

BV ee 

‘meal AULA 

metal, in which case after being cast they 
are filed and scoured smooth, warmed and 

coated with wax. Aluminum patterns are 
coming into rather wide use. Patterns are 
sometimes also made of plaster of Paris, 
especially for highly ornamental castings 
in architectural iron work. The shrinkage 
of cast iron in cooling must be allowed for 
in the making of the patterns. The usual 
allowance is 1/8 in. per foot, but this cannot 

be laid down as a hard and fast rule, as the shrinkage varies with the relative 
dimensions of castings and with the character of the metal. 

If much used, patterns are often made of 

Fig. 68 

Molding Sand consists chiefly of silica, 90 to 95%, which makes the sand sufh- 
ciently refractory; alumina and magnesia, 3 to 8%, which furnishes the necessary 
cohesion and plasticity to the sand; oxide of iron, about 1.5%; lime about 0.5%; 
and sometimes a small quantity of coal dust. Fine sand compacts too much, pre- 
venting the gases from escaping readily and causing blowholes in the castings, while 
coarser sand lacks cohesion and makes inferior castings. 

Green Sand Molds are made of molding sand and are the molds most generally 
used, being most readily made and cheap. Dry Sand Molds are molds which have 
been baked in an oven to fix their shape and to give a hard surface. Loam Molds 
are generally used for large castings. They are built up of brickwork to the rough 
outline of the casting and are then finished off on the surface with loam laid on by 
@ trowel. 

Chills are metal molds used for certain castings, such as car wheels, where a hard 
surface is wanted, this being produced by the sudden cooling of the hot metal as it 
comes in contact with the comparatively cold surface of the mold. 

Cores are used for the production of the hollow spaces in castings, and are made of 
baked sand and clay formed into shape and fixed in the molds. For large cylinders 
and other large castings, the cores are built up of brickwork to the approximate size 
and the surface finished off by facing with loam. For water pipes and similar castings 
the brickwork is often replaced by iron tubes. 

The Cupola is the usual means for remelting pig iron to produce cast iron in its more 
restricted sense, namely, the finished castings. It consists of a cylindrical shaft pro- 
vided with one or two rows of tuyeres near the base, through which air is forced at a 
pressure of about one-half pound per square inch. The charge consists of pig iron 
and coke in the proportion of about 200 lb. of coke for each ton of metal. A little 
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limestone is usually also introduced as a flux. The molten metal drawn off at the bot- 
tom is poured into the molds by means of cup-shaped ladles fitted with long handles, 
one of which has a cross bar for tipping the ladle in pouring, or, for larger work, in 
ladles carried on wheels or by cranes and tipped by gears. 

Malleable Castings are made in the same manner as ordinary castings, but 
are subjected to a further annealing process. Only small castings can be 
treated in this way. The castings are placed in cast-iron boxes called annealing 
pots, with decarbonizing material packed around them. For the decarbonizing 
agent an iron oxide in the form of hematite ore or forge iron scale is used. 
Only white iron low in sulfur can be used, and generally the best charcoal cast 
iron is selected. The castings, packed as stated, are placed in an oven in 

which the temperature is quickly raised and the castings kept at a cherry-red 

heat for three to five days, depending on their size, after which the furnace is 
allowed to cool slowly. The effect of this process is to make the castings ‘‘ mal- 
leable ”’ and to nearly double their strength. Castings of this kind may be 
bent cold, forged, or welded to a greater or lesser extent. They are used for 
pipe fittings, iron handles for tools, wheels, pinions, small parts of machinery, 

etc. 

Semi-steel is the somewhat misleading trade name given to cast iron in the produc- 
tion of which 30 to 60% of steel scrap is used. With great care in foundry practice 

such “ semi-steel ” may be produced having higher strength than ordinary cast iron. 

The Air Furnace which is sometimes used instead of a cupola to melt cast iron 
comprises a hearth on which fuel is burned and a separate chamber in which the pig 
iron and scrap are melted without direct contact with the fuel. Air furnace iron is 
freer from impurities than is cupola iron, but is much more expensive. Except for 
producing malleable cast iron the air furnace is not very extensively used. 

The Fusibility of Cast Iron is dependent on the percentage of carbon and some of 
the other elements. The average fusion point is about 2200° Fahr. Its heat con- 
ductivity is 35.9, silver being 100. 

The Specific Gravity of cast iron varies with its composition from about 
6.9to 7.5. It is usually taken at 7.22 (water at 2° F. being unity) correspond- 

ing to a weight of 450 Ib. per cu. ft. In a general way the specific gravity 
increases with the strength of the metal and the number of remeltings. 

The Coefficient of Expansion of cast iron may be taken at 0.000 0062 for 
1° F. as an average. If exposed to continued heat, cast iron becomes perma- 
nently expanded 1-1/2 to 3%, a fact that must be remembered in installing 
grate bars or other castings exposed to heat. 

The Modulus of Electricity varies from 12000000 to 14000 000 lb. per 
sq. in. for ordinary commercial cast iron, and from 16 000 000 to 18 000 000 
for special grades of strong cast iron, such as are used for ordnance. 

The Elastic Limit. Cast iron has no clearly defined elastic limit either in 
tension or compression. For malleable iron the yield point in tension is about 
30 000 Ib. per sq. in. 

The Ultimate Strength in Tension for ordinary castings can be taken at 
15 000 to 18 000 lb. per sq. in., and for special grades of iron or for alloys of 
nickel with cast iron at 40000 to 60000. Malleable iron has a strength of 
about 50 000 lb. per sq. in. 

Compressive Strength. 80000 lb. per sq. in. may be taken as the average 
ultimate strength in compression. Tests show as low as 44 500 and as high 
as 215 000 Ib. per sq. in. 

Modulus of Rupture. The average value may be taken as 35 000 lb. per 

sq. in., the tests varying from a minimum of 9700 to a maximum of 80 000. 
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_Shear and Torsion. Under torsion cast iron fails by tensile strain on an 
inclined section so that it is not safe to consider the shearing strength of cast 
iron as greater than the tensile strength. 

Defects. The most common defects in cast iron are (1) blowholes, caused 
by the formation of steam when the hot metal comes in contact with the damp 
molding sand: (2) sand holes, and (3) roughness of surface, due to breaking 
down of the mold in spots; (4) cold-shuts or cold-shorts, which are seams 
caused by the too rapid congealing of the metal so that it does not completely 
fill the mold or join together solidly at points where two streams of iron meet, 
and (5) cracks resulting from uneven shrinkage in parts of the castings of 
unequal thickness. The last is sometimes not discoverable until the casting 
is put under load. Castings to be acceptable should present smooth, clean 
surfaces with all angles true and sharp, and should be soft enough to be 
dented on the edges by a hammer blow instead of breaking off. 

For Cast-iron Pipe the metal shall be “ of good quality and of such character as 
shall make the metal of the castings strong, tough and of even grain, and soft enough 
to satisfactorily admit of drilling and cutting.” (Standard Specifications, American 
Society for Testing Materials.) For strength tests, see p. 613. 

For Cast-iron Car Wheels the metal shall be soft, clean gray iron, closely approxi- 
mating the following composition: Graphitic carbon 3.25%, combined carbon 0.60%, 
silicon 0.70%, manganese 0.60%, phosphorus 0.40%, sulfur 0.14%. 

For Gray Iron Castings, that is, ordinary castings, the following standard 

specifications have been adopted by the American Society for Testing Mate- 
rials (1927 Standards): 

Unless furnace iron is specified, all gray castings are understood to be made by the 
cupola process. 

The sulfur contents to be not over following percentages: Light castings, 0.10; 
medium castings, 0.10; heavy castings, 0.12. 

In dividing castings into light, medium, and heavy classes, the following standards 
have been adopted: Castings having any section less than 1/2 in. thick shall be known 
as light castings. Casting in which no section is less than 2 in. thick shall be known 
as heavy castings. Medium castings are those not included in the above classification. 

Transverse Test. The minimum breaking strength of the “Arbitration Bar ” under 
transverse load shall be not under 1500 Ib. for light castings, 1750 for medium castings, 
and 2000 for heavy castings. In no case shall the deflection be under 0.20 in. (See 
p. 613.) 

Borings. from the broken pieces of the “Arbitration Bar ” shall be used for the sul- 
fur determinations. One determination for each mold made shall be required. In 
case of dispute, the standards of the American Foundrymen’s Association shall be 
used for comparison. 

Castings shall be true to pattern, free from cracks, flaws, and excessive shrinkage. 
In other respects they shall conform to whatever points may be specially agreed upon. 

The inspector shall have reasonable facilities afforded him by the manufacturer to 
satisfy him that the finished material is furnished in accordance with these specifica- 
tions. All tests and inspections shall, as far as possible, be made at the place of 
manufacture prior to shipment. 

For Malleable-iron Castings the 1927 Standards of the American Society 
for Testing Materials specify tensile tests for acceptance. 

The tension test specimen is a round specimen machined from a test lug on a casting 
7-1/2 in. long, 5/8 in. in minimum diameter, and with a 2-in. gage length. Such 
tension tests shall show a yield point of not less than 30 000 Ib. per sq. in., a tensile 
strength of not less than 50.000 lb. per sq. in., and an elongation in 2 in. of not less - than 10%. Malleable castings shall be made from iron melted either in an air furnace, 
an open-hearth furnace, or an electric furnace. 

Working Unit Stresses for cast iron depend upon the character of the 
applied loads and upon the grade of metal. Common average values for 
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tension fibers of flexure members are 4000 lb. per sq. in. for steady loads and 
3000 lb. per sq. in. for variable loads, while for compression values about four 
times as great may be used. In shearing the working unit stresses may be 
taken as about the same as those for tension. The properties of castings 
depend upon the quality of the ores and upon the method of manufacture. 
€old-blast pig produces stronger iron than hot-blast pig, but it is more 
expensive. Drying the air before admitting it to the blast tends to secure 

uniformity of product. The darkest grades of foundry pig make the smoothest 
castings, but they are apt to be brittle; the lightest grades make tough cast- 
ings, but they are apt to contain blowholes,or imperfections. 

~ Very low unit stresses should be used when cast iron is subject to repetitive stresses 
alternating from tension to compression; probably 2000 Ib. per sq. in. is the highest 
value allowable. Cast iron is a brittle material which is unsuited to resist shocks, 
and since 1900 it has not been used in bridge construction. It is not generally used, 

in direct tension. 

29. Wrought Iron 

Composition. Wrought iron is a product of the reverberatory furnace, and 
is composed principally of ferrite (pure iron) and slag (iron silicate); in these 
exist small amounts of impurities, an idea of the percentage of which can be 
obtained from the following analysis (Macfarlane): 

Common wroughtiron Best wrought iron 

Oc 5 a ee aS ee 0.05 0.06 
PHSSDROLMS - tise «Oe Selo ols 0.35 0.18 
RECs Se caine atale 0.06 0.04 

fest pate pe goes A na ert 0.23 0.20 
WE ae pANCS Cre oo ates wg Av ope Roo 0.06 
She iietes. «ois SATA DOLL Le aisS 2.80 

Metallurgy. Wrought iron is made in a reverbatory furnace from pig iron 

and less frequently from molten metal taken directly from the blast furnace. 

This method of manufacture is known as the puddling process. The furnace 

consists essentially of a firebox, puddling or working chamber, suitable draft 

openings and flue. The working chamber is provided with openings for the 

purpose of charging and working the metal, and for the removal of slag and 

the puddled metal. There are two distinct puddling processes, Wet Puddling 

and Dry Puddling. 

In the Wet Process the hearth of the furnace is felted with high-grade iron ore or 

mill scale which acts as an oxidizing agent for reducing impurities. The reduction of 

impurities occurs in different stages, namely in the melting-down stage, during which 

most of the silicon and manganese and some of the phosphorus are removed; in the 

clearing stage, during which phosphorus and sulfur are removed, and in the boiling 

stage, during which carbon is removed and most of the remaining phosphorus and 

sulfur. Since pig iron melts at a much lower temperature than metallic iron, as the 

mass becomes purified it assumes a pasty condition. It is then collected in balls 

weighing about 80 Jb., carried to the squeezers or a forge and most of the slag expelled. 

The resulting bars are then run through roughing rolls, the rolled bars trimmed, and 

thereafter known as “ muck bar.” The muck bars are then cut up into short lengths, 

and these short lengths are “‘ box piled ” in alternate layers with lengthwise and cross- 

wise bars. These box piles are tied together with wire, placed in a furnace and heated 

to welding heat, and then rolled out into plates, rods, or other shapes. The piling 

and rerolling removes slag, and gives a metal with interlacing fibers of slag. 

In the Dry Process, which is infrequently used, white pig iron is charged and sub- 

jected to the action of an oxidizing flame. The oxygen in this case is supplied by the 

furnace instead of from the fettling. 
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Appearance. A section of a wrought-iron rod or plate when polished shows 

more or less regular laminations of slag and iron. By notching one side of a _ 

bar and bending one end away from the notched side, the iron will break 

along the slag laminations and give a fracture known as “barking.” If a 

bar is notched all around and then struck a blow heavy enough to cause it to 

break, the fracture will be coarsely crystalline; when broken in tension, the 

fractured section is'generally irregular and fibrous. 

To distinguish between Wrought Iron and Soft Steel (Iron Age, Dec..\23, 

1909): The sample is cleaned from grease and scale and immersed in a solu- 

tion of the following: water, 9 parts; sulphuric acid, 3 parts; muriatic acid, 

1 part. The acids are poured into the water and the mixture allowed to cool. 

The specimen is allowed to remain in the solution for 15 or 20 minutes, when 

it is removed and rinsed in water. The fibers will now show plainly, or if 

not, the process is continued. Soft steel dissolves uniformly and without the 

fibrous structure found in wrought iron. 

Grades. Wrought iron may be graded as follows: (1) Charcoal iron, the 
purest grade of wrought iron; (2) Puddled iron, classified according to quality 
into stay-bolt iron (grade A) and merchant iron, grades B and C; (3) Busheled 
scrap, a heterogeneous product made from iron scrap; steel is frequently 

mixed with the iron scrap, causing considerable irregularity in the resulting 

product. 

Properties. Wrought iron possesses the important qualities of toughness, 
ductility, malleability, and weldability, but its properties are only slightly 

changed by tempering. 

Coefficient of expansion.. 0.00000648 per degree F. (Clarke) 
Electrical conductivity... 0.16 (Cu = 100) (Lazare Weiler) 

Melting temperature. ... 2732° to 2912° F. (Pouillet, Claudel, Wilson) 
Specifigyheat... Seas ee oe 0.1138 (Réntgen) 
Specific gravity...<-.... 7.4 to 7.9 (Kent) 

Tension. The average results of a great many tensile tests made at the 
Testing Laboratory of Columbia University on good wrought iron for general 
purposes give the following: 

Yield pomteibs per sda. cas fas hee cane ee 31 000 
Ultimate strength, Ib. per sq. in.............. 51 000 

Blongation in Sapper Cent coc. oe os wee wean AM | 

Reduction Orared, Per CONt. wlan coc vse viel ere 30 
Modulus of elasticity, lb. per sq. in........... 28 200 000 

Shear and Torsion. J. Platt and R. F. Hayward (Proceedings Inst. C. E., 
Vol. 90) give the following values for “‘ crown ”’ best wrought iron which had 
an ultimate tensile strength of 48 400 lb. per sq. in.: 

Ultimate strength in single shear, lb. per sq. in. 42 050 
Elastic limit in torsion, lb. per sq. in......... 20 530 
Modulus of elasticity in torsion, lb. per sq. in.. 12 800 000 

Compression. The ultimate compressive strength of good wrought iron is 
not well defined. Practically, its yield point in compression should be con- 
sidered as the ultimate for compression. This yield point is about the same 
as the yield point in tension. 

The Strength of wrought iron is affected by its chemical composition, the 
mechanical work and heat treatment it has undergone, and also varies for 

different temperatures. Wrought iron has a well-defined yield point in both 
tension and compression which is from 2000 to 4000 lb. per sq. in. higher than 
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the elastic limit. Beyond the yield point wrought iron is a plastic material 
which flows rapidly as the maximum strength is approached. The ultimate 
strength in tension increases with the amount of carbon, which, however, is 
rarely greater than 1/10 of 1 per cent. The strength of iron entirely free from 
carbon and phosphorus is probably between 39 000 and 40 000 lb. per sq. in. 

Effect of Work of Rolling on Wrought-iron Plates (Holley) 
aa | 

Thickness Elastic Ultimate Elongation Reduction 

in limit, strength, in 8 in., of area, 
inches lb. per sq. in.| 'b. persq.in.| per cent per cent 

i/4 32 400 51 800 41-2 18.4 

1/2 31 180 49 760 14.2 22.0 

5/8 30 775 50 200 1555 De 

3/4 30 400 49 050 16.0 22.4 

The effect of the work of rolling on circular sections exhibits the same variation, that 
is, a material increase in the strength of the bar results from a reduction of the cross- 
section. 

Wrought-iron Wire is manufactured by cold drawing through dies. Tensile 
tests on wire (U. S. Report on Tests of Metals, 1897) have given 110 000 lb. 

per sq. in. for wire 0.01 in. in diameter and 65 280 lb. per sq. in. for wire 
0.2 in. in diameter. A rod 0.8 in. in diameter of the same kind of material as 
the wire gave 50 000 Ib. per sq. in. 

The Effect of Temperature upon the ultimate strength of wrought iron is 
shown by the following table (M. Rudeloff, Trans. Internat. Soc. Testing 
Materials, 1909). 

ve 

Temper- Ultimate Elonga- Temper- Ultimate Elonga- 
ature, strength, tion, ature, strength, ation, 

degrees C. lb. persq.in.| per cent degrees C. |Ib. per sq.in.| percent 

20 49 300 30.5 250 70 700 23.0 

50 | 51 400 25.5 300 68 600 30.0 

100 | 54 300 16.0 350 57 100 35.0 
150 | 60 700 14.0 400 46 100 40.0 

200 | 67 100 sg BIR eget ore ar ta (Ne Seep ey al MP abe cle ie fh 

Effect of Reheating and Rerolling. Within limits, puddled iron is much 
improved in quality by being cut up, piled, reheated, and rerolled or ham- 
mered. However, it is found that only in special cases is it advantageous to 
reheat puddled iron more than twice. The following figures (Johnson) show 

the effect of reheating and rerolling on the tensile strength: The original bar 
had a tensile strength of 43 900 Ib. per sq. in.; after the second working this 
rose to 52 860 |b. per sq. in., and after the sixth working it became 61 820 lb. 
per sq. in.; the tensile strength then diminished with the number of workings 
until after the twelfth working it became the same as that of the original bar. 

Uses. Wrought iron is used for spikes, nails, bolts and nuts, wire, chain 
rod, horseshoe bars, sheets and plates, stay bolts, pipes and tubing, third 
rails, armatures, electro-magnets, and in the manufacture of crucible steel. 
Wrought iron is sold as ‘‘ merchant bar ” for subsequent working into various 
wrought shapes. 

Wrought iron was extensively used in bridge and building construction prior to 1890, 
but since 1900 structural steel has entirely taken its place on account of being about 

20% stronger, as also lower in price. The permissible tension P on a wrought iron 
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chain of the usual form is P = 0.4 d? S for open links and P = 0.5 d? S for stud links, 
where d is the diameter of the metal and S is the safe working unit stress (Good- 
enough and Moore, Bull. Univ. Ill., No. 18, 1907). 

Behavior under Stress. Good wrought iron shows a fibrous structure when 
broken by tension or flexure. A stress exceeding the elastic limit causes a 
permanent set and raises the elastic limit higher than before. It is a funda- 
mental rule that working unit stresses should not exceed the elastic limit. 
Under variable loads the allowable unit stress which is specified should seldom 
be greater than one-half of the elastic limit. 

Defects. The principal defects in wrought iron as classified by Turner are 
rough edges, spilly places and blisters. To these might be added the presence 
of excess of slag. Rough edges are due to careless workmanship, imperfec- 
tions in the rolls, and also to red shortness. Spilly places are spongy or irregu- 
lar spotted parts, noticed particularly in sheets and occasionally in all kinds 
of wrought iron. They are generally attributed to imperfect puddling. 

Specifications for wrought iron for various uses are given in detail in Part I 
of the 1927 Standards of the American Society for Testing Materials. 

Working Unit Stresses for wrought iron will depend upon the kind of 
loading, the highest being for steady loads and the lowest for alternating 
stresses or shocks. The following values are for wrought iron of an average 
quality and these may be increased 30% for the very best grades. All values 
are in pounds per square inch. 

Steady Stresses or Alternating 
Stress Not Reversed Stress 

Ab chstonereareteyoca ok 14 000 7000 
Compression. ..... 13 000 7000 
Shear (torsion)... . 8 000 5000 

Wrought iron has a decided “‘ fiber ”’ due to the slag entrained in the process of roll - 
ing. The above values for tensile strength and working unit stresses apply to those 
along the fiber, and about 12% is to be deducted from them for cases where the ten- 
sion acts across the fiber. 

30. Classification of Steel 

Steel and Iron. Steel was originally produced directly from pure iron ore 
by the action of a hot fire, which did not remove the carbon to a sufficient 
extent to form wrought iron. The modern processes, however, involve thefusion 

of the ore, and the definition of the United States law is that ‘‘ steel is iron 
produced by fusion by any process, and which is malleable.’’ Chemically, 
steel is a compound of iron and carbon generally intermediate in composition 
between cast and wrought iron, but having a higher specific gravity than 
either. 

Per Cent of Carbon Specific Gravity Properties 

Gastaron?.... 5 to 2 ips Not malleable, not temperable 
Steelie ll). 2 9L S00, 0402 7.8 Malleable and temperable 
Wrought iron.. 0.30 to 0.05 C34 Malleable, not temperable 

. It should be observed that the percentage of carbon alone is not sufficient to 
distinguish steel from wrought iron; also, that the mean values of specific 
gravity stated are in each case subject to considerable variation; further, only 
the hard steels are much affected by tempering, the softer grades resembling 
wrought iron, 
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Manufacture. The four principal methods are the crucible process, the 
electric-furnace process, the open-hearth process, and the Bessemer process. 
In the crucible process impure wrought iron, with carbon and a flux, is fused 
in a sealed vessel to which air cannot obtain access; some high grades of tool 
steel are thus made. In the electric-furnace process steel is refined out of con- 
tact with air by heat produced by means of an electric arc. In the open-hearth 
process pig iron is melted, scrap and iron ore being added until the proper 
degree of refining is secured. In the Bessemer process pig iron is completely 
decarbonized in a converter by an air blast and then recarbonized.to the 
proper degree. The metal from the openthearth furnace or from the Bessemer 
converter is cast into ingots which are rolled in mills to the required forms. 
The open-hearth process produces steel for machines, shafts, axles, springs, 
armor p.ates, rails, and for structural purposes. The Bessemer process mainly 
produces steel for railroad rails and for the cheaper grades of structural steel. 
A combination method known as the duplex process is sometimes used. In 
this process the refining action is started in a Bessemer converter, and after 
partial refining the molten steel is transferred to an open-hearth furnace, where 
the refining process is finished. The following description of these methods 
is taken mainly from Kent’s Mechanical Engineers’ Pocket Book: 

Crucible Steel is commonly made in pots or crucibles holding about 80 Ib. of metal. 
The raw material may be steel scrap; wrought iron with charcoal; cast iron with 
wrought iron or with iron ore; or any mixture that will produce a metal having the 
desired chemical constitution. Manganese in some form is usually added to prevent 
oxidation of the iron. Some silicon is usually absorbed from the crucible, and carbon 
also if the crucible is made of graphite and clay. The crucible being covered, the steel 
is not affected by the oxygen or sulfur in the flame. The quality of crucible steel 
depends on the freedom from objectionable elements, such as phosphorus, in the mix- 
ture, on the complete removal of oxide, slag, and blowholes by ‘“‘dead-melting”’ or 
“ killing ’” before pouring, and on the kind and quantity of different elements which 
are added in the mixture, or after melting, to give particular qualities to the steel, such 
as carbon, manganese, chromium, tungsten, and vanadium. 

Bessemer Steel is made by blowing air through a bath of melted pig iron. The 
oxygen of the air first burns away the silicon, then the carbon, and before the carbon 
is entirely burned away, begins to burn the iron. Spiegeleisen or ferro-manganese is 
then added to deoxidize the metal and to give it the amount of carbon desired in the 
finished steel In the ordinary or “‘ acid ”’ Bessemer process the lining of the converter 

1s a siliceous material which has no effect on phosphorus, and all the phosphorus in 
the pig iron remains in the steel. In the “ basic”? or Thomas and Gllchrist process 
the lining is of magnesium limestone, and limestone additions are made to the bath, 
so as to keep the slag basic, and the phosphorus enters the slag. Basic Bessemer steel 

is not made in the United States. 

Open-hearth Steel. Any mixture that may be used for making steel in a crucible 
may also be melted on the open hearth of a Siemens regenerative furnace, and may be 
desiliconized and decarbonized by the action of the flame and by additions of iron ore, 
deoxidized by the addition of spiegeleisen or ferro-manganese, and recarbonized by the 
same additions or by pig iron. In the most common form of the process pig iron and 
scrap steel are melted together on the hearth, and after the manganese has been added 

to the bath it is tapped into the ladle. In the Talbot process a large bath of melted 

material is kept in the furnace, melted pig iron, taken from a blast furnace, is added 

to it, and iron ore is added which contributes its iron to the melted metal while its 

oxygen decarbonizes the pig iron. When the decarbonization has proceeded far 

enough, ferro-manganese is added to destroy iron oxide, and a portion of the metal is 

tapped out, leaving the remainder to receive another charge of pig iron, and thus the 

process is continued indefinitely. In the Duplex Process melted cast iron is desilicon- 

ized in a Bessemer converter, and then run into an open hearth, where the steel- 

making operation is finished. The open-hearth process may be either acid or basic, 

according to the character of the lining. The basic process is a dephosphorizing one, 
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and is the one most generally available, as it can use pig irons that are either low or 
high in phosphorus. 

Electric-furnace steel. Instead of using the gas flame of an open-hearth furnace 
the heat of an electric arc may be used to heat a charge of steel, which can be kept out 
of contact with air under a protecting blanket of molten slag. The purifying ingre- 
dients, iron oxide, manganese dioxide, etc., are in the slag, and the impurities are 
absorbed by it. Electric heat is very uneconomical for producing low temperatures, 
but much more economical for producing high temperatures, such as are used in the 
final refining stages of steel making. The electric furnace is sometimes used for the 
final stages of the steel making process, the earlier stages being carried out in an open- 
hearth furnace or a Bessemer converter. 

Carburizing steel consists in heating it below its melting point in contact 
with material rich in carbon. Charcoal is sometimes used, also gas rich in 
carbon. There are a number of special carburizing compounds on the market. 
This gives the steel a “‘ case” or skin of high-carbon steel with a “‘ core” of 
lower-carbon steel. 

Case Hardening consists in a carburizing process followed by suitable heat 
treatment. Case-hardened steel is used for service in which severe surface 
wear has to be resisted, and for giving a strong material at the surface of the 
metal, where strength is especially needed in parts subjected to bending or to 
torsion. A very thin skin of hardened steel may be given to soft steel by 
heating it in contact with a cyanide salt and subsequently heat-treating; this 
is called cyaniding. 

The Physical Properties of steel depend upon method of manufacture, the 
heat treatment, and chemical composition, the carbon having a controlling 
influence upon strength. Phosphorus increases strength, but it promotes 
brittleness; manganese increases strength in a less degree, and it promotes 
malleability; sulfur causes red-shortness or a tendency of the steel to crumble 
while being rolled; and silicon increases hardness. Acid steel is regarded 
as of higher quality than basic steel having the same percentage of carbon. 
Since 1900 more than. three-fourths of the open-hearth steel produced in the 
United States has been basic, the Bessemer product on the other hand being 
entirely acid. 

The products described above are sometimes called carbon steel, because carbon is 
the controlling element in regard to strength. When the strength is largely governed 
by other elements the steels are called alloy steels. 

The Methods of Manufacture greatly influence the strength of steel. 
Forged steel is stronger and more reliable than cast steel. Heat treatment 
by annealing and tempering has also a marked influence. 

Forging and drawing greatly increase the strength of steel. Forging under a hammer 
or press renders the material more compact and increases both specific gravity and 
strength. The process of drawing steel bars into wire has a similar result, and wire has 
been made having a tensile strength of 300 000 Ib. per sq. in., while the wire used 
for the cables of suspension bridges usually has a tensile strength of from 150 000 to 
200 000 lb. per sq. in. By compressing steel while it is fluid, the strength may also 
be increased, and this process is used for the steel from which large guns and hollow 
shafts are made. 

Annealing consists in raising cold steel to a light red heat and then allowing it to 
cool slowly. This process reduces the ultimate strength, but it increases the ductility. 
Quenching consists in plunging heated steel into a bath of water or oil, or by applying 
these fluids to its surface. The hardness of the steel and its ultimate strength are 
thereby much increased. Tempering consists in heating quenched steel to a tem- 
perature somewhat below that required for annealing. 

Steel Castings have in recent years replaced steel forgings for many struc- 
tural and machine parts. Their tensile strength is not widely different from 
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that of steel forgings of the same chemical composition, but their elastic limits 
and their fatigue strengths average about 20% lower. Their strength and 
ductility are usually markedly improved by suitable heat treatment, usually 
an anneal to relieve internal strains. Detailed specificationsefor steel castings 
are given in Part I of the 1927 Standards of the American Society for Testing 
Materials. Steel castings are usually made by the open-hearth process, 
although some high grade castings are made by the electric-furnace process. 

Carbon is the’controlting’element in regard to strength of plain-carbon steels, 
and the same is the case with. respect to yltimate elongation. The higher the 
percentage of carbon, within a reasonable limit, the greater is the strength 
and the less the ultimate elongation. The strength, especially for high-carbon 
steels, depends on the heat treatment used. F ully annealed high-carbon steel 

- is not very much stronger than low-carbon steel. 

General Classes. According to the percentage of carbon and its capacity 
for taking temper or being welded, steel may be classified as follows: 

Soft, 0.05-0.20 C........ Not temperable, easily welded 
Medium, 0.15-0.40 C..... Slightly temperable, weldable 
Hard; 030-0:70 ©). 2% 12: Temperable, welded with difficulty 
Very hard, 0.60-1.00 C... Highly temperable, not weldable 

Uses. Plain carbon steel is frequently classified with reference to its uses, 
and the following classification gives a rough general idea of the elastic and 
ultimate strength and of the Brinell hardness of steels for various uses. Wide 
variations from these values occur for individual cases. 

Elastic Tensile Brinell 
r limit, | strength, |, ?7™e 

Steel Ib. per Ib. per hardness, 

/ sq. in. sq. in. number 
| 

BICOL LOR SLVCES, ole chere x 5% Rat oie ord Ao ente A & 25 000 50 000 100 
Steel for plates and shapes.............02+-- 35 000 60 000 120 
Machinery steel as rolled............0+0005- 40 000 75 000 145 
Machinery steel, oil quenched.............;. 65 000 100 000 200 
He AICI Cael OT IG GG, Tas a a a 45 000 90 000 180 
Axle steel quenched and tempered 65 000 100 000 200 ( 
Spring, steel, oil quenched... .)42,« «(..+/00 0:4 +04 «6 95 000 180 000 350 | 
UEOm OH SOLE SLEEL WILE onata:n «ye,0blolose-o77 aie wp elk ode * B5.O00 tears dae 

Pelorticuile SECC WEEE J Biapo<csaa abe tndies oe seaeayis * 200/000 Vs: deieis opts 

* Elastic limit poorly defined. 

31. Structural Steel 

Specifications. The following clauses give essential features of the specifi- 
cations for structural steel which have been adopted by the American Society 

for Testing Materials and the American Railway Engineering Association: 

1. Structural steel shall be made by the open-hearth process. (Structural steel for 
buildings may be made by the Bessemer process.) 

2. Each of the three classes of structural steel shall conform to the following limits 
in chemical composition: Sulfur shall not exceed 0.05%; phosphorus shall not exceed 
0.06% when the steel is made by the acid process and not exceed 0.04% when it is 
made by the basic process. 

3. There shall be two classes of structural steel for bridges, buildings, locomotives, 
cars, and ships, namely, rivet steel and structural] steel, which shall conform to the 
following physical requirements: Rivet steel shall range in tensile strength from 
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46 000 to 60.000 Ib. per sq. in., have a yield point not less than 0:5 of the tensile 

strength, and the percentage of elongation in 8 in. shall be 

1 500 000 

tensile strength 

Soft steel shall range in tensile strength from 55 000 to 68 000 Ib. per sq. in., have a 

yield point not less than 0.5 of the tensile strength, and the elongation in 8 in. shall 

not be less than 25%. 
4. For each increase of 1/32 in. in a flat specimen above a thickness of 3/4 in., a 

deduction of 1/4 shall be made from the above specified percentage of elongation. 

For each decrease of 1/32 in. below a thickness of 5/16 in., a deduction of 1-1/4 shall 

be made from the above-specified percentage of elongation. 
5. For details of cold bend tests see the 1927 Standards of the American Society 

for Testing Materials, Part I. 
6. The standard specimens are shown in Figs. 55a and 56. The flat specimen is 

used for plates and shapes, and the 2-in round specimen for pins, rollers, and bars. 

Rivet rounds and small bars are tested full size. 
7. One tensile test specimen shall be taken from the finished material of each melt 

or blow, but in case this develops flaws, or breaks outside of the middle-third of its 
gage length, it may be discarded and another test specimen substituted therefor. 

8. Material which is to be used without annealing or further treatment shall be 
tested for tensile strength in the condition in which it comes from the rolls. Where it 
is impracticable to secure a test specimen from material which has been annealed or 
otherwise treated, a full-size section of tensile-test specimen length shall be similarly 

treated before cutting the tensile-test specimen therefrom. 
9. For the purpose of this specification, the yield point shall be determined by 

careful observation of the drop of the beam or halt in the gage of the testing 

machine. 
10. In order to determine if the material conforms to the chemical limitations pre- 

scribed. in paragraph No, 2 herein, analysis shall be made of drillings taken from a 
small test ingot. 

11. The variation in cross-section or weight of more than 2-1/2 % from that speci- 
fied will be sufficient cause for rejection, except in the case of sheared plates, which 
will be covered by special allowances tabulated in the 1927 Standards of the American 
Society for Testing Materials. 

When plates are ordered to gage, a variation of more than 1/100 in. below that 
specified for any dimension will be sufficient cause for rejection. 

12. Finished material must be free from injurious seams, flaws, defective edges, or 
cracks, and have a workmanlike finish. 

13. Every finished piece of steel shall be stamped with the melt number and name 
of the manufacturer and steel for pins shall have a melt number stamped on the ends. 
Rivets and lacing steel, and small pieces for pin plates and stiffeners, may be 
shipped in bundles, securely wired together, with the melt number on a metal tag 
attached. 

14. The inspector representing the purchaser shall have all reasonable facilities 
afforded to him by the manufacturer to satisfy him that the finished material is fur- 
nished in accordance with these specifications. All tests and inspections shall be made 
at the place of manufacture, prior to shipment. 

Structural Nickel Steel. The following is a summary of the principal items 
in the specifications for structural nickel steel as given in the 1927 Standards 
of the American Society for Testing Materials: 

1. The steel shall be made by the open-hearth process. 
2. The phosphorus content shall not exceed: for acid structural steel, 0.05%; for 

basic structural steel, 0.04%; for acid rivet steel, 0.04%; for basic rivet steel, 0.03%. 
The sulfur content shall not exceed: for structural steel, 0.05%; for rivet steel, 
0.45%. The nickel content shall not be less than 3.25%. 

3. The following table summarizes the requirements as to tensile strength and 
ductility, 
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Eyebars, | 

Properties considered tie ey 
rollers 

annealed 

| Tensile strength, lb. per sq. in.... 90 000- 
i : 105 000 

Yield point, min. lb. per sq. in... 52 000 

Elongation, in 8 in., per cent., min. 2 IS dace RIKI tas ab 20* 
‘ oh tensile str. | tensile str. 

| Elongation, in 2 in., per cent., min.} ........ 18+ 16T 20t 
Reduction of area, per cent., min.. 25 25 

* Flat test specimens from plates and shapes. 
t+ Round test specimens from pins and rollers. 

4. For plates, shapes, and unannealed bars over 1 in. in thickness a deduction of 
1/4 from the percentage of elongation specified in the above table shall be made for 
each increase of 1/32 in. thickness above 1 in., to a minimum of 14%. 

5. The test specimens are similar in size and form to those used for structural 
carbon steel. 

6. For details of cold bend tests see 1927 Standards of the American Society for 
Testing Materials, Part I. 

Structural Silicon Steel. The following is a summary of the principal 
items of the specifications for structural silicon steel as given in the 1927 
Standards of the American Society for Testing Materials. 

1. The steel shall be made by the open-hearth process. 
2. The phosphorus content shall not exceed: for acid steel, 0.06%; for basic steel, 

0.04%. The sulfur content shall not exceed 0.05%. The silicon content shall not be 
under 0.20%. 

3. The tensile strength shall be between 80000 and 95 000 lb. per sq. in.; the 
yield point shall be not less than 45 000 lb. per sq. in.; the percentage of elongation 
in 8 in. shall not be less than 1 500 000/tensile strength; and the reduction of area 
shall not be less than 30%. 

4. For material over 3/4 in. in thickness a deduction of 1/4 in the percentage of 
elongation and of 1/2 in the reduction of area shall be allowed for each increase of 
1/16 in. in thickness, with a minimum value of 14% for elongation and 24% for reduc- 
tion of area. 

Items 5 and 6 for structural nickel steel apply to structural silicon steel. 

Steel Castings should not contain over 0.07% of phosphorus, or over 0.06% 
of sulfur. The minimum physical qualities prescribed by the American 
Society for Testing Materials are: 

Soft Medium Hard 
Castings Castings Castings 

Tensile strength, lb. per sq.in..... 60000 70 000 80 000 
Yield point, lb. per sq.in......... 0.45 of the tensile strength 
Elongation, per cent in 2 in....... 24 20 17 
Reduction of area, per cent...... - 35 30 25 

Rivets. The ultimate strength of steel rivets as determined by various 

British authorities from experiments on riveted joints, assuming that the 

distribution of load was uniform on all rivets and that the friction of the plates 
is negligible, varied for iron from 42 582 to 62 362 Ib. per sq. in., and for steel 
from 49 683 to 80 035 lb. per sq. in. Tests made at the University of Illinois 
gave average bearing strengths of 36950 for boiler rivet steel, 40 950 for 

structural rivet steel, and 37950 lb. per sq. in. for wrought iron. These 

values were, respectively, 76.4, 74.5, and 77.6% of the tensile strengths of 

the same material. The tests were made on 1/2, 3/4, and 1-in. rivets in single 
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and double shear. More recent tests made by the American Railway Engi- 

neering Association on riveted steel joints gave for the rivets an average shear- 

ing strength of 48 580 lb. per sq. in. 

Working Unit Stresses for members of roof and bridge trusses are given in 

Sect. 12. Working stresses under repeated loading may be taken as approxi- 

mately one-third the endurance limit for the range of stress to which the metal 

is subjected. See p. 558. It is important to allow for localized stress in 

parts subjected to oft-repeated loading. 

32. Alloy Steels 

Three basic limitations of plain carbon steels are, according to Aitchison: 

1. The impossibility of obtaining high strength with reasonably high 

toughness. 
2. Irregularity in toughness, even with rather moderate strength. 
3. A mass effect in hardening, making uniformity unlikely throughout 

parts of large masses. 
By introducing alloying elements other than (usually in addition to) carbon, 

steels may be produced with tensile strength ranging from 80 000 to 250 000 

Ib. per sq. in. with a good degree of toughness and ductility. Such steels are 
capable of more effective heat treatment than plain carbon steels, especially 
in large masses. The accompanying table gives the general effects of various 
alloying elements; it is a summary of a table given by R. H. Aborn in the 

Iron Age for March 5, 1925. 

Alloy steels give more trouble with shrinkage cavities (pipes) in ingots, and 
are more difficult to forge and stamp to shape than are low-carbon steels, 
and seem to be fitted for use where there are demanded properties which 
cannot be furnished by plain carbon steels. 

In addition to nickel steel and silicon steel which are mentioned on p. 633, 

certain complex alloy steels are in common use, such as: 

Chrome-nickel steels. Range of content, nickel, 1.5 to 3.5%; chromium, 
0.7 to 1.5%; carbon, 0.2 to 0.4%. Similar in physical properties to nickel 
steel, but have higher elastic strength for same ductility, harder than nickel 
steel, more susceptible to heat treatment, more liable to embrittlement by 
improper heat treatment. 

Chrome-vanadium steels. Content about 1.5% chromium, 0.2% vana- 
dium. More easily machined than chrome-nickel steels, cleaner steel due to 
deoxidizing effect of vanadium, freer from scale and seams than steels con- 
taining nickel. 

Chrome-molybdenum and chrome-nickel-molybdenum steels. Content, 
molybdenum, 1.0% minimum. Has advantages of chrome-vanadium steels 
over chrome-nickel, quenching and tempering ranges of temperature par- 
ticularly large; disadvantages, loss of molybdenum by volatilization with 
resulting non-uniform composition, narrow range of temperature for forging. 

Alloy steels have been widely used in the construction of long-span bridges. 
Owing to their increased strength over plain carbon structural steel lighter 

members can be used, thus diminishing the dead load on the bridge structure. 
It should be noted that the stiffness (as measured by modulus of elasticity) 
of alloy steels is not greater than that of ordinary structural steel, so that the 
elastic stiffness of such long-span structures is somewhat less than that of 

structures of plain carbon steel. In the case of long columns the strength is 
to some extent a function of the modulus of elasticity, and hence alloy steel 

loses some of its strength-increasing property when used in long columns. 
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Effect of Alloying Elements in Steels 

Alloying Rinnient General effect 

Deoxidizes; desul- 
furizes; stiffens 
atomic structure; 
gives finer crys- 

Manga- | talline grains. 
nese 

(Mn) 

Stiffens atomic 
structure; gives 

Nickel | finer crystalline 
(Ni) structure. 

Deoxidizes; _ stiff- 
ens atomic struc- 
ture; gives finer 
crystalline struc- 
ture. 

Silicon 

(S1) 

Deoxidizes. 

Forms carbide or 

double carbide; 
more stable than 

Chromi- | iron carbide. In- 
um tensifies harden- 
(Cr) ing and embrit- 

tling effect. 

Similar to chromi- 
um. Forms ex- 

Tung- | tremely stable 
sten carbide. 

(WwW) 

Specific effect 
Advantages 
and uses 

Up. to 2% acts 
mainly to deoxi- 
dize, desulfurize, 
and to increase 
strength. _ 

10-12% gives an 
amorphous struc- 
ture, with a great 

Standard deoxi- 
dizer. 

Great resistance to 
abrasion. Used for 
mining and milling 

resistance to abra-| equipment, safes, 

sion. frogs, switches, 
curved rails. 

Up to 4% increases}Makes heat treat- 
tensile strength 
without great loss 
of ductility. 

ment of large pieces 
possible with gain 
of strength. Used 
for structural and 
machine parts. 

Up to 1-3/4% in- 
creases elastic 
strength with lit- 
tle loss of ductil- 
ity. 

Standard deoxidi- 
zer. Used for 
structural steel, 

spring steel (with 
manganese). 

Lessens harmful ef- 
fect of gases in 
steel. 

Standard degasifier. 
Used up to 0.05%. 

635 

Disadvan- 
tages 

'Extremely dif- 
ficult to ma- 
chine. 

Scale formed in 
rolling; rough 
surface. 

Silico-manga- 
nese steel not 
very tough. 

Tendency to 
cause graph- 
ite formation 
if used in ex- 
cess. 

Gives great hard- 
ness; -makes 
quenching _ effec- 
tive for consider- 

able depth. 

Gives very fine crys- 
talline structure; 

quenching effect 
not so deep as that 
of chromium. 

Very effective in 
adding strength. 

Used for cutting 
tools, ball bear- 
ings, cold rolls, 9- 
16% “stainless ” 
irons and_ steels 
with nickel for gen- 
eral machine steels. 

Gives great cutting 
hardness, even at 
quite high temper- 
atures. Used for 
cutting tools, per- 
manent magnets. 

Danger of em- 
brittlement 

with certain 
heat treat- 
ments, 

Increased 
strength ac- 
companied by 
brittleness, 
not suited for 
structural 
steel. 

Similar to chromi- 
um and nickel. 

Next tocarbonmost|Allows very effec- 

effective hardening 
element. 

tive control of heat 
treatment. Used in 
combination with 
chromium, vana- 
dium, or nickel. 

Expensive; er- 

ratic in qual- 
ity; volatil- 
izes from sur- 
face layers on 
rolling. Ten- 
dency to 
seams and 
brittleness. 
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Effect of Alloying Elements in Steels — Continued 

General effect 

Deoxidizes; _ stiff- 
ens atomic struc- 
ture; gives fine 
crystalline struc- 
ture; forms car- 

intensifies 
hardening and 
embrittling effect. 

Specific effect 
Advantages 
and uses 

Deoxidizing effect/Forms fluid slag in|Expensive. 
(0.1%); hardening} deoxidizing, giving 
agent; high elastic] clean metal; in- 
and tensile 
strength. 

hibits growth of 
crystalline grains. 
Used for spring 
steel; with other 
elements for ma- 
chine steel. 

Alloy steels and heat-treated high-carbon steels are more susceptible to 
injury by grooves, holes, sharp shoulders and other causes of high localized 
stress than are the ordinary low-carbon structural and machine steels. 

Invar steel is a special nickel steel with a nickel content of 36%. It has a coeff- 
cient of thermal expansion of 0,0000015 in. per inch of length per degree Fahrenheit 
as compared with 0.0000066 for ordinary steel. It is used for measuring tapes and 
scales. 

33. Welding of Steel 

Welds in steel may be divided into two classes: (a) welds made while the 

metal is heated to a plastic stage, and (b) welds made by actual fusion of the 
adjacent metal in the parts joined. In plastic welding the edges to be joined 
are pressed or hammered together. Wrought iron and soft steel can be thus 
welded without much difficulty, high-carbon steel can be welded by a skilled 
workman, while cast iron cannot be thus welded. 

Plastic Welding is sometimes done in a forge fire, as is the case when the 
ordinary blacksmith shop welds rods or chain links, or the heat may be 
supplied by means of an electric current passing through the parts to be 
welded. Special welding machines are used for the welding of rods and the 
seams of vessels by this resistance heating method; such machines are to be 
distinguished from the machines for making electric welds by fusion of the 
metal, which are noted a little later. 

Fusion Welding. If the edges of two adjacent pieces of metal are heated 
to fusion and then allowed to cool the process is known as fusion or autogenous 
welding. The high localized temperature required for such fusion may be 
obtained by the heat of a flame of acetylene gas burning in pure oxygen, by 
the heat of an electric arc, or by the heat from superheated molten iron pro- 
duced by the burning of a mixture of iron oxide and aluminum. 

Oxyacetylene Welding. In this process the oxygen and the acetylene are 
fed through a blowpipe and ignited at its tip. The flame has a temperature 
of approximately 5000° F., and a narrow strip of metal at the junction of the 
parts is fused. Usually additional metal is added to the joint by melting into 
it a small steel or iron rod. If an excess of oxygen is supplied to the torch it 
becomes an effective cutting, or more correctly burning, tool. The heated 
steel burns in the presence of the excess of pure oxygen, and a narrow gash 
in the iron or steel is burned. The oxyacetylene torch is widely used to cut up 
iron and steel scrap. 

Electric Arc Process. In this process of fusion welding an arc is struck. 
between the metal to be welded and an electrode, usually an iron or steel rod, 
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held in an insulator and guided by the gloved hand of the operator. The heat 
of the arc melts the electrode and also melts metal at the surface to be joined. 
The strength and soundness of the weld depend to a considerable degree on 
the composition of the welding rod used. In England welding rod coated 
with some fluxing material is widely used. With coated rod there is some 
danger of slag inclusions in the weld unless the welding is very skillfully done. 
Oxidation at the weld is minimized by surrounding the arc with a jet of burn- 
ing reducing gas, such as hydrogen; such a reducing atmosphere around the 
arc seems to serve the purpose of a coated rod without the danger of slag 
inclusions. Automatic welding machinés are available for manufacturing 
purposes, and their use both cheapens the welding process and increases the 
uniformity of the welds produced. 

Thermit Process. Fusion welding by means of the heat generated by the 
burning of iron oxide and aluminum is carried out in the thermit process, 
which is patented. A specially prepared mixture of aluminum and iron oxide 
is placed in a crucible andignited. The heat of the resulting combustion raises 
the temperature of the mass to about 4800° F., and there is produced super- 
heated molten iron which is poured around the joint to be melted, melting 
the edges and forming a solid casting at the joint. 

Uses of Welding. Forge welding is confined to the welding of rods and 
small pieces. Plastic welding by the use of electric current is essentially a 
manufacturing process, and is used in quantity production of welded rods, 

' tanks, etc. Thermit welding is used for welding heavy sections, such as rail 
joints, punch frames, and large shafts. Fusion welding either by the oxy- 
acetylene process or by the electric arc is very widely used for general repair 
work and for manufacturing processes. It is being used to some extent as a 

substitute for riveting in structural work, and its more general use in buildings 
and pressure drums is under consideration at the present time. A recent 

development of electric welding is the building up of machine frames of struc- 
tural shapes welded together. 

Strength of Welds. Plastic welds, if skillfully made and if hammered while 
cooling, form almost perfect joints, and the structure of the metal in such 
perfect welds is very similar to the structure in good forged steel. However, 
it is not safe to count on more than 75% of full strength for machine-made 
plastic welds, nor more than 50% of full strength for forge welds. 

Fusion welds are steel castings at the joint, and the crystalline structure is 
that of a steel casting rather than that of rolled steel. Welds made under 
carefully controlled shop conditions involving automatic welding machinery 
are frequently produced which show strength under static load equal to that 
of the material welded. Under repeated load, available test data indicate 
that fusion welded joints cannot be counted on for more than 50% of the 

strength of the material welded. Welded joints made under field or repair 
shop conditions are not so strong as joints made by automatic machines under 
carefully controlled manufacturing conditions. 

In using the fusion welding processes one of the marked sources of weakness 
is the presence of cooling strains set up by the unequal cooling of different 
parts. Where the welded parts can be heat-treated (usually normalized) or 

can be hammered while cooling such procedure should always be carried out. 

34. Non-ferrous Metals 

Aluminum is a white, malleable, and very light metal, its specific gravity 
being 2.75 when rolled and 2.55 when cast. It is almost non-corrodible, since 
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even sulfuric acid has little efect upon it. Pure cast aluminum has a tensile 
strength of about 18 000 Ib. per sq. in. When rolled into plates or drawn into 
wire this is raised to 30 000 or 40 000 lb. per sq. in. with an elastic limit one- 
half as great. On account of the softness of the pure metal it is usually 
alloyed with copper, iron, tin, or zinc. (Art. 35.) 

Common impurities in aluminum are silicon and iron. It can, however, be obtained 
99 or 99.5% pure. In making castings the great shrinkage must be taken into account. 
The melting point of pure aluminum 1150° F. 

Its electric conductivity ranks next to that of copper among the commercial metals. 

Copper is a reddish, malleable and ductile metal which can be drawn or 

rolled and also cast; its specific gravity varies from 8.9 in the first form to 
8.6 in the second. It unites with oxygen at a red heat and melts at about 
1900° F. It does not corrode in dry air. Its most important use is for electric 
conductors. 

Copper wire has a tensile strength of about 50000 Ib. per sq. in. and a 
poorly defined elastic limit of about 37 000 lb. per sq. in. owing to the stiffen- 
ing due to drawing; by annealing it may be softened and both ultimate 
strength and elastic limit thus lowered. Copper plates 1/4 to 3/4 in. thick 
have tensile strength of 32 000 lb. per sq. in. Cast copper has a tensile 
strength of about 25 000 lb. per sq. in. and a very poorly defined elastic limit 
of about one-third of this value. The strength of copper rods decreases as the 
temperature rises above 100°, the loss in strength being 16% at 500° F. 

Small cylinders of annealed copper are used to measure the high pressures developed 
by the explosion of powder in guns, the pressure being inferred from the shortenings 
which the cylinders undergo. In this way pressures as high as 30 000 Ib. per sq. in. 
have been noted. 

Copper is alloyed with zinc, tin, and other metals to produce many useful alloys 
which are used in the arts and in engineering. (See Art. 35.) 

Tin is a white, malleable metal of specific gravity 7.3. Commercial tin 
contains as impurities copper, iron, bismuth, and other metals. It melts at 
450° F., and hence is often used for safety plugs in steam boilers. Its main 
commercial use is as a coating in the manufacture of the tin plates which are 
used for roofing, for household utensils, and for cans. 

Roofing tin is thin sheet steel coated with an alloy of about 25% tin and 75% lead. 
A box of 112 sheets 14 by 20 in. in size will cover approximately 192 sq. ft. of roof 
with the flat-seam method of laying. For the standing-seam method a box of 112 
sheets 20 by 28 in. in size will cover closely 370 sq. ft. 

Lead has a low strength and is almost devoid of elasticity, but is very 
plastic, so that it flows readily under stress. The weights per square foot of 
sheet lead ordinarily rolled are 2-1/2, 3, 3-1/2, 4, 4-1/2, 5, 6, 8, 9, 10 Ib. and 
upward. Small lead pipes are often lined with tin in order to prevent the lead 
from dissolving in the water; the common commercial sizes of these are 1/4 
and 1/2 in. The use of lead pipes in bath rooms should usually be confined to 
the waste pipes. Lead melts at 625° F. 

Zinc, called spelter when cast, has a tensile strength of about 9000 lb. per 
sq. in. and about 24 000 lb. per sq. in. rolled into thin plates. It is mainly 
used in coating iron and steel surfaces (galvanizing) in electric batteries, and 
for making brass and other alloys. Its melting point is 780° F. 

Nickel is a ductile, hard, and tough metal. It is mainly used for plating 
and in alloys. Its melting point is about 3000°, so that it is very difficult 
to fuse. Not corrodible from the atmosphere:. Its tensile strength, rolled 
and annealed, is about 70000 lb. per sq.in. (See Art. 31.) 
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_ Mercury is a silver-white metal which is liquid at common temperatures. 
It boils at 680° F. and freezes at —38° F. When liquid its specific gravity 
tanges from 13.58 te 13.59. Its coefficient of cubical expansion for temperatures 
from 32° F. and 212° F. is 0.000101 per degree. 

For other metals and for other properties of those above briefly described see Sect. 13, 
Art. 5. For atomic weights see Sect. 3, Art. 1. 

35. Non-ferrous Alloys 

An alloy is a mixture of two or more metals which is made by combining» 
them when in a molten condition. The mixture is usually only mechanical, 
although some slight chemical union may take place in special cases. It is 

-impossible to predict the properties of an alloy from the properties and pro- 
portions of its constituent metals. 

Brasses are alloys of copper and zinc, the most valuable of which have from 
60 to 80% of copper and from 40 to 20% of zinc. Brass can be cast or rolled. 
It is harder than copper. Tensile strength of castings is about 20000 lb. 
per sq. in. The mean specific gravity of cast brass is 8.95. 

Delta metal is brass with a small amount of iron. Its strength and ductility when 
rolled are equal to those of medium steel; when cast, its tensile strength is about 
45 000 Ib. per sq.in. Its resistance to corrosion is high. 

Tobin bronze is an alloy of copper, tin, and zinc. It is of high tensile strength, is 
very non-corrodible, and can be obtained either in castings or in rolled sheets. 

Strength of Copper-Zinc Alloys (Brasses) 
Based on the report of the U. S. Board to Test Iron, Steel, and Other Metals, the 

teport of Roberts Austen to the British Alloys Research Committee, and tests by 
J. M. Lohr. 

Ultimate strength, 
Ib. per sq. in 

Composition, per cent 

Compression 
Tension cast 

Cast Rolled 

9 000 24 000 5 000 
9 000 10 000 55 000 
7 000 TPO) o|, yaree Fone 

30 000 65 000 115 000 
47 000 77 000 90 000 
48 000 61 000 75 000 
38 000 53 000 65 000 
37 000 50 000 55 000 
35 000 51 000 45 000 
33 000 50 000 39 000 
32 000 45 000 37 000 
31 000 41 000 30 000 
25 000 40 000 40 000 

Copper-Tin Alloys are called bronzes. The tin is added to harden the 
copper, and the alloy is denser, harder, and more fusible than copper. Bronze 
for making statues has about 87% copper, 7% tin, 3% lead, and 3% zinc. 

Bronze for medals has only 2% tin. Bronze is used to a slight extent for 

telegraph and telephone wires. Bronzes containing more than 24% of tin 
have insufficient strength for practical uses. 



640 Iron, Steel, and other Metals Sect. 7 

Strength of Various Non-ferrous Metals and Alloys 
Average values for strength based on test data from various testing labora- 

tories. Data are lacking for values of strength in compression. 
of such data a safe practice would be to consider the ultimate in compression as 
having a value equal to the elastic limit in tension. 

In the absence 

| Copper, cask... . 2s 
Hard drawn 

2 Brce: s Uge rent be Ree poe 
| Lead alloy, cast 
Nickel, rolled and an- 

Rolled and annealed 
Cold-rolled. .. 2.2... 
Hard-drawn wire... 

Duralumin, rolled and 
heat-treated. .... 

60-40 Brass, cast..... 
Rolled and annealed 
Cold-drawn....... 

‘Phosphor bronze, cast. 

Rolled and annealed 

Cold-drawn 

Aluminum bronze, cast 
Hot-rolled 

Manganese bronze, cast 

Rolled 

Monel metal, hot-rolled 

Cold-rolled and an- 

| Copper, 95; 

Approximate composition, 
per cent 

Copper, 100 
SOPPET; WOOL. woke t fee Soe oe mee 
Zinc, 100 

Zinc, 100 

Lead, 95.5; antimony, 4.5....... 
Nickel, 100 

Nickel, 100 
Aluminum, 
Aluminum, 
Aluminum, 
Aluminum, 

Aluminum, 96; magnesium, 1.5; 
copper, 2.5; iron and silicon, 
trace 

Copper, 60; zinc,"40............ 
Copper, 60; zinc, 40............ 
Copper. GO; Zing 40. .cmls was. 
Copper, 95; tin, 5; phosphorus, 
trace 

Copper, 95; tin, 5; phosphorus, 
trace 

tin, 5; phosphorus, 
trace 

Copper, 90; aluminum, 10...... 
Copper, 90; aluminum, 10....... 
Copper, 90; aluminum, 10....... 
Copper, 60; zinc, 39; iron and 
manganese, 1 

Copper, 60; zinc, 39; iron and 
manganese, 1 

Nickel, 67; copper, 28; iron, sili- 
con, carbon and manganese, 5 

Nickel, 67; copper, 28; iron, sili- 
con, carbon and manganese, 5 

Strength in 

tension 
Weight, ". oe Ib. per sq. in. 

cu. in. | Blastic| Ulti- 
limit mate 

0.310 | 8000 | 25000 
0.321 | 30000 | 40000 
BI95G04., AE IG, 9 000 
0.253 | 4000 | 24000 
0.411 800 | * 2700! 
0.380 | 4000] 6400 
0.340 | 12000 | 70000 

0.340 | 70000 | 165.000 
0:93 of lec 13 000 
0.097 | 8500 | 14000 
0.097 | 20000 | 30000 
0.097 | 30000 | 40000 

0.102 } 19000] 55000 

0.310 | 12000 | 35000 
0.310 | 16000 | 60000) 
0.310 | 43000 | 96000) 
0.320 | 16000 | 32000 

0.320 | 13000 | 46000 
| 

0.320 | 60000 | 85000 

| 0.270 | 25000 | 60000) 
0.270 | 30000 | 70000 
0.270 | 80000 | 90000 
0.30 | 30000 | 70000) 

0.30 | 45000 | 70000 

0.32 | 48000 | 88000) 

0.32 | 60000 | 110000] 

J 
* Under long-continued static load lead will flow very slowly under stresses as 

low as 500 lb. per sq. in. 

Phosphor Bronze is an alloy of copper and tin containing less than 1% of 
phosphorus. For hard castings of great strength from 4 to 10% of tin and 
from 0.5 to 1.0% of phosphorus is used. It is remarkable for its complete 
fluidity, so that most perfect castings can be made. 
journal bearings, valve seats, and even for cannon. In the form of wire it is 
has been used for telephone service. It is hard and tough, and its ultimate 
tensile strength may range from 40 000 to 100 000 Ib. per sq. in. 

It has been used for 
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Copper-Zine-Tin Alloys have been made in large numbers and are also 
called bronzes, or sometimes composition metals. The strongest of these was 
found by Thurston to be that which had 55% of copper, 44:5% of zinc, and 
0.5% of tin, the tensile strength of a cast bar being 68 900 lb. per sq. in. 
With 55% copper, 40% zinc, and 5% tin the tensile strength was 28 000 lb. 

per sq. in. : 

Aluminum Bronze has from 5 to 12% aluminum with from 95 to 88% 
copper. These alloys have high ductility and great strength. With 6% 
aluminum it has a modulus of elasticity of about 18 000 000 Ib. per sq. in. 
It has a high shrinkage in casting. 

Composition of a Few Miscellaneous Alloys, in Per Cent 

Name Copper| Zinc Tin | Lead |Bismuth| Other metals 

| Naval brass..... 62 37 1 ery Chat 4 ae ee ee 
Bush metal...... 80 10 5 apein k peve St oe 
Gold bronze. .... 89.5 5.6 2 PP, SS oR 

| Engine brass..... 76.5 sk Bey 11.8 AG SRE | 2 aa mee 
| Spring brass..... 66 33 tera Ieniotads. bt, 0 
German silver....| 55 25 s\n teehee tlh TeLb St Leon nickel, 20 
Britannia metal. . 1.9 EE el eS een 4 antimony, 16.2 
Buciblealloy. ace Nw om sic tales vega 25 25 50 
RESTS le ION ie reco © :eiasvemro |p mee miepe« 13 27 50 cadmium, 10 
Hard-type metal.}........ Fe ee cece ok CEM xis cee pus oe antimony, 25 

* Fuses at 93° C. * Fuses at 60° C. 

Manganese Bronze is an alloy with a copper content of about 60%, a zinc 

content of about 38.5%, an iron content of about 1.5%, and a trace of man- 

ganese. The manganese * cleanses ” the metal of oxide. Manganese bronze 

has a high strength and also a high ductility. Its elongation in 2 in. is about 

25%. It resists corrosion remarkably well either in salt water or in fresh 

water, and is used for propeller blades and other submerged parts of ships. 

Duralumin is an alloy having aluminum for its principal ingredient, with 

small percentages of magnesium, copper, iron, and silicon. By “‘ aging” and 

heat-treating it can be given a tensile strength about that of structural steel 

while its weight per cubic inch is but little greater than that of aluminum. 

Its elastic strength and its fatigue strength are relatively low. Under the 

influence of salt water some heats of duralumin corrode badly, but, in general, 

it is highly resistant to corrosion. It is used in airplane construction and in 

other machines where extreme lightness combined with good strength is 

required. 

Monel Metal is an alloy whose principal constituents are nickel and copper 

with small amounts of iron, silicon, carbon, and manganese. It is made from 

special ores containing these constituents. It is highly resistant to corrosion, 

and can be made about as strong as structural steel. It is used for steam tur- 

bine blades, tubing, and other parts exposed to corrosive agents. 

Bearing Metals. A group of soft alloys of low strength is used mainly for 

forming the surfaces of bearings in machines, Steel rubbing on steel soon 

gives a rough torn surface. Steel rubbing on cast iron gives a smooth surface, 

but cast iron is so brittie that it is in danger of cracking in service. For heavy 

loads brasses or bronzes are used for bearing metals. They serve excellently, 

but are expensive. For bearings carrying light loads alloys of lead, antimony, 

and tin are used, These alloys have a low melting point and can be cast in 
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place. One alloy in common use has the composition, lead 80%, antimony 
20%. ‘“‘ Babbitt Metal,” much used for high-grade bearings, has the com- 
position, tin 89%, copper 4%, antimony 7%. 

Platinite is an alloy of iron with 42 per cent of nickel which has the same coefficient 
of expansion as glass and hence may be used in glass to prevent cracking under heat. 

; 36. Corrosion of Metals 

Steel and Iron. The corrosion of structural steel and iron my be divided 
into five classes: (1) atmospheric, (2) water-immersion, (3) soil, (4) chemical, 
and (5) electrolysis. In atmospheric corrosion there is present a large excess 
of oxygen, and the quantity of moisture which reaches the surface of the 
metal, and the time of contact between metal and moisture are factors of 
prime importance. Structural steel with a copper content of 0.2% is more 
resistant to atmospheric corrosion than ordinary structural steel. 

For steel immersed in water the amount of dissolved oxygen in the water 
and the acidity or alkalinity of the water are prime factors in producing 
corrosion. In general, acidity tends to increase corrosion, and alkalinity to 
decrease it. 

In soil corrosion and chemical corrosion the chemical ingredients coming in 
contact with the steel are the prime factors, rather than the variations in 
composition of the ordinary structural steels and irons. 

Disastrous corrosion by electrolysis by stray currents from power circuits 
sometimes occurs, but it can be guarded against in nearly all cases by suitable 
electrical precautions. 

Corrosion of structural steel takes place rather slowly, and careful inspec- 
tion of structural steel parts will give ample warning before corrosion has 
gone far enough to cause structural danger. 
Mechanism of Corrosion. Iron when first brought into contact with moist 

air or with water containing dissolved oxygen goes into solution at a high 
initial rate. This initial rate is quickly retarded by an invisible film of 
hydrogen formed on the iron, and by films of the products of initial corrosion. 
If these films are sufficiently hard and dense they may stop the progress of 
corrosion altogether. Free oxygen, however, tends to combine with the film 
of nascent hydrogen formed, and to remove it, thus permitting the further 
Progress of corrosion. Acidity also facilitates the progress of corrosion by 
the prevention of the formation of protecting films, and by the evolution of 
nascent hydrogen. 

Corrosion of Wrought Iron, Steel and Cast Iron. The relative corrodibility 
of steel and wrought iron is a matter of dispute among chemists and engineers. 
It seems fairly certain that for either metal care in manufacture and homo- 
geneity of metal are very vital factors in producing metal with a minimum of corrodibility. Ordinary cast iron seems to be rather more resistant to corro- sion by water than either wrought iron or steel, and it is frequently used for the larger sizes of water pipes in spite of its brittleness. 

Protection against Corrosion. Painting is the commonest means used for protecting structural steel against corrosion. Paint to be effective should be renewed every three or four years, so it is not suitable for protecting parts which cannot be reached for ordinary repainting. Clean metal is essential for the placing of an effective coat of paint. This may be secured by sand blasting and the use of a wire brush. Railway engineers report that the cost of cleaning and painting the structural steel of bridges averages about 50 cents 
per ton per year. 

Asphalt or coal tar rubbed molten over a priming coat on the steel give 
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good protection against water. A layer of rich concrete about 2 in. thick is 
_ perhaps the best protective coating for structural steel. 

For further reference see Frank N. Speller, ‘‘ Corrosion, Causes he Pre- 
vention’ (McGraw-Hill, N. Y.) 

Galvanizing iron or steel consists in coating with zinc. Zinc is resistant to 
atmospheric corrosion, and a coating of zinc blankets the iron or steel against 
attack. Moreover, zinc is electro-positive with respect to iron, and when two: 
metals are in contact the one which is electro-positive with respect to the 
other tends to corrode, protecting the electro-negative metal against corrosion. 

The common galvanizing process is the hot dip process, in which the metal 
to be coated is first cleaned (pickled) with acid, then washed, then dipped in, 
or drawn through, a bath of molten zinc. The thickness of coating of zinc 
depends on the temperature of the bath and the time the iron stays in the bath. 

The approximate weight of zinc used for coating iron and steel is given by 
the following figures, which are based on the current Standards and Tentative 
Standards of the American Society for Testing Materials. 

Sheetsysa5 aatt su: Pate 2 Ls. Lanes 1.75 to 2.75 oz. per sq. ft. 
Wine). - testes staat 3-4$ Hesiseatins 0.70 to 0.80 oz. per sq. ft. 

Wire fencing: 
Wire less than 0.12 in............ 0.35 to 0.70 oz. per sq. ft. 
Wire, 0.12 in. or more............ 0.20 to 0.35 oz. per sq. ft. 

Chain-link fence fabric: 
Galvanized before weaving........ 0.50 to 0.70 oz. per sq. ft. 
Galvanized after weaving......... 0.12 oz. per sa. ft. 

A heavy coating of zinc offers greater resistance to wear than does a light 
coating, but is more likely to crack and spall if the metal is bent than is a light 
coating. For galvanized plates or wire which have to be bent and shaped 
sometimes even lighter coatings of zinc are used than the minimum values 
given in the above table. Tests for the weight of zinc per square foot on wire 

or sheet are made in the laboratory by removing the zinc by chemical means 
and noting the loss of weight. Field tests sometimes employ chemical removal; 
sometimes the weight of zinc per square foot is estimated by the rise of tem- 
perature produced by attacking a standard sample of plate with a standard 
chemical reagent; and a third field test consists in determining the amount 
of hydrogen evolved from a given area of plate by the attack of a standard 
solution of hydrochloric acid and antimony chloride. See the 1927 Standards 
of the American Society for Testing Materials, Part I, p. 343. 

Galvanizing is a fairly effective protection to iron and steel exposed to 
atmospheric conditions, unless the zinc coating is cracked or worn off mechan- 

ically. For iron or steel submerged in water galvanizing is less effective than 

it is for iron or steel in air. 
Besides the hot dip method of galvanizing, iron or steel is cometimes coated 

with zinc by electroplating. Sherardizing is the process of coating iron or 
steel with zinc by the condensation of volatilized zinc dust. The bond between 
zinc and iron seems to be stronger for sherardized iron than for ordinary 
galvanized iron. Sherardizing is used on small pieces of hardware, parts of 

agricultural implements, wire clips, pipe fittings, etc. 

Other Metal Coatings. Nickel, chromium, and cadmium plated on the 
surface of metal are used to protect against corrosion. Tin plate consists of 
sheet steel coated with molten tin. Any “ pin hole ” defects in the tin coating 
may lead to serious corrosion of the metal underneath. 

Stress and Corrosion. Metals under stress, especially stress beyond the 
yield point, corrode more rapidly than do unstressed metals. Corrosion under 
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repeated stress has already been discussed in Art. 7. Certain boiler waters 
seem to be particularly liable to cause dangerous corrosion at points of high 
localized stress around the riveting of boiler shells. This ‘‘ caustic embrittle- 
ment,” as it is called, can usually be prevented by adding suitable chemicals 
to the boiler feed water. 

Stainless Iron and Steel. Iron and steel containing 13% or more of chro- 
mium are much more resistant to corrosion than are ordinary structural 
steels. Chromium in iron seems to cause the formation of a dense hard 
film of oxide on the surface of the metal, which acts as a protection against 
further corrosion. The name “ stainless ’”’ iron or steel is given to such high- 
chromium metals. Stainless iron and steel present problems of manufacture 
and of fabrication of no small difficulty, and at present are rather too expensive 
for general structural use; their use, however, is rapidly growing. 

The Non-ferrous Metals (Arts. 34 and 35) and their alloys are non- 
corrodible compared with iron or steel. Aluminum is one of the most non- 
corrodible. Lead dissolves in water to a slight extent, but carbonates or sulfates 
of lime deposited upon it from the water form a film on the surface which pre- 
vents further action. Nickel resists corrosion to a high extent. On zinc coatings 
a thin skin of zinc carbonate forms in the atmosphere which prevents corrosion. 

NON-METALLIC MATERIALS 
37. Stone 

Data for Building Stones of Good Quality 
Values based mainly on test data from the Watertown (Mass.) Arsenal 

Absorp- 
Com-_ Shear- | Modu-| Modu- | Coeffi- | tion of 

Weight,| pressive ing lus of lus of cient of | water, 
Kind of stone | lb. per |strength,|strength,|rupture,| elasticity,|expansion|per cent | 

cu. ft. | Ib. per | Ib. per | lb. per] Ib. per per of 
Sq. in. | sq. in. | sq.in.} sq. in. | degree F.| weight 

of stone 

160 15 000 1800 1 200. | 5 900 000 

Granite, range... { to toc cut, 360 to to | 
170 26 000 2800 2 200 | 9 800 000 

Average...... 165 20 200 2300 1 600 | 7 500 000|0.0000040) 0.5 

135 6700 | 1200 500 | 1000000 

Sandstone, range to to to to to 
150 19 000 2500 2 200 | 7 700 000 

Average...... 140 12 500 | 1700 1500 | 3 300 000/0.0000055| 5.0 

140 3200 | 1000 250 | 4000 000 

Limestone, range { to to to to to 
180 20 000 2200 2700 |14 700 000 

Average...... 160 9 000 1400 1200 | 8 400 000|0.0000045| 7.7 

160 10 300 1000 850 | 4000000 | 
Marble, range... to to to to to 

180 16 100 1600 2300 |12 600.000 
Average...... 170 12 600 1300 1500 | 8 000 000/0.0000045| 0.4 

170 UE OOO S Sam. te 7 000 }13 900 000 
Slate, range..... to to to to 

180 30000 “1251. 11 000 |16 200 000 
Average...... 175 SS1000 1 ASA 8 500 |14 000 000|0.0000058] 0.5 

Trap, average...| 185 20 000252. cob. shee Ayes OIRO wake Piet bee 
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Trap. This name is applied to a class of eruptive rocks, notably those of the Hudson 
River Palisades. Its most important properties are not among those in the table, for 
its most notable characteristics are resistance to wear and a high degree of binding 
power when powdered and moistened. Few tests have been made on its strength. 

Artificial Building Stones. These as a rule are lower in compressive strength than 
the natural building stones, and without special test they may be rated with common 
building brick with a compressive strength of 3000 to 4000 lb. per sq. The Arsenal 
Tests for 1906 give for four varieties of “‘ manufactured stone ” values ranging from 
2570 to 3390 Ib. per sq. in. 

38. Brick and Terra Cotta 

Bricks are commonly made of clay, whose chief characteristics are a plas- 
ticity when wet and a rocklike hardness after being heated to a high tempera- 
ture. Pure clay, or kaolin, is white, and is employed in the manufacture of 
china and porcelain ware, whereas the lower-grade clays are used in making 
building brick. Bricks are also made from pulverized shale, which is simply 
a clay that has been consolidated through geological processes. The more 
siliceous shales and clays are adapted to the manufacture of vitrified paving 
blocks. At the present time building bricks are also made from sand and lime. 

Clay Bricks may be broadly classified as building and paving. The former 
include the common and the pressed bricks. Of more limited and yet impor- 
tant use are enamel brick, glazed brick and fire brick. The enamel brick 
are those that have a coating of enamel on one or two sides, while the body of 
the brick is usually of fre clay. Glazed bricks differ from enamel bricks in 
being coated with a transparent glass instead of an opaque enamel. Fire 

brick are ordinarily made of a mixture of flint clay and plastic clay. They are 
usually white, and are used in lining fire boxes and passages. 

Defects. The finished brick may be defective because of errors in manu- 

facture or because the clay contains harmful materials. Notable among these 
are limonite and pyrite. When the brick is fired, limonite concretions will 

cause fused blotches and weak spots, while pyrite burns away, leaving flaws 
in the brick. 

Terra Cotta is a burnt clay product made in the same general way as brick. 
Hard terra-cotta blocks and tile are made by burning clay at a very high tem- - 

perature. Porous or soft terra cotta, sometimes called terra-cotta lumber, .s 
made by burning a mixture of clay and straw or sawdust. The straw or saw- 

dust burns out, leaving a light, porous material. Nails and screws can be 
driven into porous terra cotta, and it can be cut with a wood saw. Terra- 
cotta lumber is weaker than hard terra cotta. Terra-cotta building blocks 

are made hollow with walls 3/4 in. to 1 in. thick. 

Sand-Lime Brick are made from an intimate mixture of sand and lime in 
proportion of about 16 to 1, molded in a press, and hardened in a Jarge cylinder 

Properties of Brick of an Average Good Quality 

Weight | Crushing | Shearing ‘Modulus of|Modulus of} Absorp- 
. per strength, | strength, | rupture, | elasticity, tion, 

Kind cu. ft., | Ib. per Ib. per Ib. per lb. per | per cent 
Ib. sq. in. sq. in. sq. in. sq. in. of weight 

Common.... 125 4 000 1000 600 2 000 000 15 

ACE wnaerataie bee 130 6 000 1000 800 3 000 000 10 

Paving...... 150 10 000 1400 2000 7 000 000 2 

Sand-lime.. . 115 ~ 3000 800 450 1 000 000 12 
SLRETLALCOLCAsatl cosia 5 cus o-8 EROOU. all cactus ialeitstixs 800 J... eee eee 13 
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filled with steam at 125 Ib. pressure. The bonding is a result of the union 
between the sand and lime which forms calcium silicate. 

Average Compressive Strength of Brick Masonry 

Ultimate stress in 
Brick or block used Mortar compression on test 

pier, Ib. per sq. in. 

Vitriffed brick w..\. o. 2a ee seen 1-3 Portland cement 2800 
Baceibrickss aie... Se antes oe 1: 3 Portland cement 2000 | 
Racerbrick a. anivzmedses sae. tee ..| 1:3 lime mortar 1400 
Common:brick)..u,.o3-jnat sed cece 1: 3 Portland cement 1000 
Common Buck... «P93 mt thawentie ots 1 : 3 lime mortar 700 
Hard terra-cotta block........... 1: 3 Portland cement 3000 
Sandee Divek, Ole. sone ees sere 1:3 Portland cement 750 
Sand-lime’ brick "UM J). or. sc plae 12s lime Mortars, .5 | 500 

4 

* Estimated from the relative strength of individual sand-lime bricks and common 
bricks. 

Strength of Brick Masonry. As in the case of stone masonry, brick 
masonry is always used in compression. The strength in compression of brick 
masonry is much less than the strength of individual bricks. The strength 
depends not only on the strength of the bricks, but to a large degree on the 
strength of the mortar joints, and on the skill used in laying the brick. The 
preceding table, based on test data from the Watertown Arsenal, Cornell 
University, the U. S. Bureau of Standards, and the University of Illinois, 
gives average values for ultimate strength in compression. 

39. Timber 

Classes of Timber Trees. Wood, as a building material, is produced by 
the spermatophyta, or seed-bearing trees, which may be divided into three 
groups, the conifers, the broad-leaved, and the tropical trees. The conifers 
and the broad-leaved trees produce the structurally valuable timbers and 
give rise to the general classification of timber in the lumber trade into Soft 
Woods (pines, spruce, cedar, cypress, larch, and fir) and Hard Woods (oak, 
walnut, maple, chestnut, hickory, ash, boxwood, whitewood, etc.). Of the 
tropical trees the products are the bamboos, palms, and rattans. Between 
the hard woods and the soft woods there is no sharply defined distinction in 
hardness, some of the hard woods, such as the basswood, poplar, and sycamore, 
being softer than the pines. 

The conifers and the broad-leaved trees are known as the outward-growing or exoge- 
nous trees. The structure consists of three parts, the bark, the sapwood, and the heart- 
wood. On the outside of the tree trunk is found from 1/4 to 2 in. or more of bark or 
protective tissue. Asa structural material this is valueless and is always removed soon 
after the tree is felled, as it hastens the decay of the wood. Inside of the bark there is a 
soft portion made up of thin-walled cells which constitute the living portion of the tree, 
called the sapwood. Arranged in a circle inside of this soft tissue are many fibrous 
bundles making up the middle of the stem, giving it strength and stiffness and known as 
the heartwood. As the stem grows, new and branching bundles of these hollow fibers 
appear under the bark and form each season an annular ring. At the end of the season 
growth stops, to be resumed the following spring; and the rapid open growth of the 
spring against the slow and condensed growth of the summer gives rise to the peculiar 
marking in the bundles which indicates each year’s increase. The last few tings formed 
constitute the sapwood, usually from 1/2 to 4 in. in thickness and light in color. The 
rings inside of the sapwood form the heartwood. The rings are interrupted by plates 
of tissue or radial cells communicating between the pith at the center of the tree and 
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the soft tissue on the outside. These form the medullary rays. In the pine, the sap- 
wood constitutes 40 to 60% of the cross-section of the tree, and the time required for 
sapwood to transform into heartwood varies from a few years in the case of the fir to 
many years in the oak tree. The approximate composition of all woods when dry is 
nearly uniform and consists by weight of the following elements: 49% of carbon, 
6% of hydrogen, 44% of oxygen, and 1% of ash. 

White Ash. Heavy, hard, very elastic, coarse-grained, and compact. Tendency 
to become decayed and brittle after a few years. Color, reddish-brown, with sapwood 
nearly white. Used for interior and cabinet work, but unfit for structural work. 

Red Ash. Heavy, compact, and coarse-grained but brittle. Color, rich brown, 
with sapwood a light brown sometimes streaked with yellow.. Used as a substitute 
for the more valuable white ash. 

Green Ash. Heavy, hard and coarse-grained; brittle. Color, brown, with lighter 
sapwood. Used as a substitute for white ash. 

Balsa. Extremely light, about half the strength of white pine. Appearance like 
poplar. Used for heat insulation and, when waterproofed, for life preservers. 

White Cedar. Soft, light, fine-grained, and very durable in contact with the soil; 
lacks strength and toughness. Color, light brown, darkening with exposure. Sapwood 
very thin and nearly white. Used for water tanks, shingles, posts, fencing, cooperage, 

and boat building. 

Red Cedar. Strong pungent odor repellent to insects. Very durable and compact, 
but easily worked and brittle. Color, dull brown tinged with red. Used as posts, 
sills, ties, fencing, shingles, and lining for chests, trunks, and closets. 

Chestnut. Light, moderately soft, stiff, and of coarse texture. Shrinks and checks 
considerably in drying; works easily. Durable when exposed to weather. Color, 
heartwood dark and sapwood light brown. Used for cabinet work, cooperage, railway 
ties, telegraph poles, and exposed heavy construction. 

Cypress. One of the most durable of woods, light, hard, close-grained but brittle. 
Easily worked, polishes highly and gives a satiny gloss. Color, bright clear yellow 
with nearly white sapwood. Used for interior finish and cabinet work, but used as 
extensively in the South as pine is in the North, 

White Elm. Heavy, hard, strong and tough and very close-grained. Difficult to 

split and shape, but warps badly in drying. Capable of high polish. Color, light clear 

brown often tinged with red and gray, with broad whitish sapwood. Used for car, 

wagon, boat, and shipbuilding, bridge timbers, sills and ties, and furniture, also barrel 

staves. 

Greenheart. Very heavy, strong, durable heartwood, dark green to dark chestnut 

color, free from knots. Used for shipbuilding, docks, implements, rollers. 

Gum. Heavy, hard, tough, compact and close-grained. Tendency to shrink and 
warp badly in seasoning. Not durable if exposed. Takes high polish. Color, bright 

brown tinged with red.. Used in the manufacture of furniture, wagon hubs, hat blocks. 

Hickory. Medullary rays very numerous and distinct. Heaviest, hardest, toughest, 

and strongest of American woods. Very flexible. Color, brown, with very thin but 

valuable sapwood nearly white. Used for carriages, sleighs, handles, and bent-wood 

implements. Unfit for building material because of extreme hardness and liability to 

attack of boring insects. 

Hemlock. Brittle, splits easily and likely to be shaky. Soft, light, not durable, 

with coarse and uneven grain. Color, light brown tinged with red and often nearly 

white. Used for cheap rough framing timber, crates and packing boxes. 

Locust. Heavy, hard, strong, and close-grained. Very durable in contact with 

ground. Hardness increases with age. Color, brown and rarely light green, with 

yellow sapwood. Used for posts and turned ornaments. 

Lignum Vite. Exceedingly heavy, hard, resinous, difficult to split and work, and 

has a soapy feeling. Color, rich yellow brown varying to almost black. Used for small 

turned articles, tool handles, and sheayes of block pulleys. 

Hard Maple. Heavy, hard, strong, tough and close-grained. Medullary rays 

small but distinct. Curly and circular inflexion of fibers gives rise to “curly maple ” 
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and “ bird’s-eye maple.’ Susceptible of good polish. Color, very light brown to 
yellow. Used for flooring, interior finish, and furniture. 

White Maple. Fine-grained, hard, strong, and heavy. Characteristics of grain 
the same as hard maple and more marked. Light colored. Used for flooring and 
furniture. 

Mahogany. Strong, durable, and flexible when green, but brittle when dry. Free 
from shakes and less liable to attacks of dry rot or worms. Rapid seasoning causes 
deep shakes. Color, red-brown of various shades and degrees of brightness, often 
varied and mottled. Inferior qualities contain large numbers of gray specks. Used 
for interior finish, handrails, patterns, etc. 

White Oak. Heavy, strong, hard, tough, and close-grained. Checks if not carefully 
seasoned. Well-known silver grain and capable of receiving high polish. Color, brown, 
with lighter sapwood. Used for framed structures, shipbuilding, interior finish, 
carriage, furniture making, and railway ties. 

Chestnut Oak. Very durable in contact with soil. Color, dark brown. Used for 
railroad ties. 

Live Oak. Very heavy, hard, tough, and strong. Difficult to work. Color, light 
brown or yellow, with sapwood nearly white. 

Red and Black Oak. More porous than white oak and softer. Color, darker and 
redder than white oak. Used for interior finish and furniture, and railway ties. 

Palmetto. Light but difficult to work when dry. Very durable under water and 
Yess subject to attacks of teredo. Color, light brown, with dark-colored fibers. Used 
for wharf piles, canes and handles. 

White Pine. Light, soft and straight-grained and easily worked, but not very 
strong. Color, light yellowish brown often slightly tinged with red. Used for interior 
finish and pattern making. 

Red Pine (Norway Pine). Light, hard, coarse-grained, compact, with few resin 
pockets. Color, light red, with a yellow or white sapwood. Used for all purposes of 
construction. 

Yellow Pine (Long-leaf). Heavy, hard, strong, coarse-grained, and very durable 
when dry and well ventilated. Cells are dark colored and very resinous. Color, light 
yellowish red or orange. Cannot be used in contact with ground. Used for heavy 
framing timbers and floors. As house sills, sleepers, or posts it rapidly decays. 

Yellow Pine (Short-leaf Pine). Varies greatly in amount of sap and quality. Cells 
broad and resinous, with numerous large resin ducts. Medullary rays well marked. 
Color, orange, v;ith white sapwood. Used as a substitute for long-leaf pine. 

Oregon Pine (Douglas Fir). Hard, strong, varying greatly with age, conditions 
of growth, and amcunt of sap. Durable but difficult to work. Of two varieties, red 
and yellow, of which yellow is the more valuable. Color, light red to yellow, with 
white sapwood. Used in all kinds of construction. 

Poplar (Whitewood). Soft, very close and straight-grained, but brittle and shrinks 
excessively in drying. Warps and twists exceedingly, but when dry will not split. 
Easily worked. Color, light yellow to white. Used in carpentry and joinery. 

Redwood (California). Light, soft, coarse-grained, and easily worked. Durable in 
contact with soil, but brittle. ‘‘ Shrinks lengthwise as well as crosswise.” Color, dull 
red, resembling pine. Used far railroad ties, fence posts, telegraph poles, and general 
building material. 

Alaska Spruce (Sitka Spruce). Light, soft, medium strength. Heartwood, light, 
reddish brown; sapwood, white; trees very large. Used for general structural pur- 
poses; also for airplane frame-work. 

Red Spruce. Light, soft, close and straight-grained and satiny. Color, light red 
and often nearly white. Used for piles, lumber, and framing timber, submerged cribs 
and cofferdams, as it well resists decay and the destructive action of crustacea. 

White Spruce. Similar to black variety, but not socommon. Color, light yellow, 
sapwood indistinct. Used as lumber for construction. 
Tamarack (Larch). Wood like pine in appearance, quality and uses. Used for 

telegraph poles, railway ties, and in shipbuilding. 
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White Walnut (Butternut). Light, soft, coarse-grained, compact, and easily worked. 
Polishes well. Color, light brown, turning dark on exposure. Used for interior finish. 

Black Walnut. Heavy, hard, strong, and checks if not carefully seasoned. Coarse- 
grained but easily worked. Color, rich dark brown, with light sapwood. Used for 
interior finish and cabinet work. 

Standard Names for Structural Timber. The following classification of 
standard commercial names for structural timber is from the 1927 Standards 
of the American Society for Testing Materials: 

1. Southern Yellow Pine. This term includes the species of yellow pine growing in 
the southern states from Virginia to Texas, that is, the pines hitherto known as long- 
leaf pine (Pinus palustris), short-leaf pine (Pinus echinata), loblolly pine (Pinus 
taeda), Cuban pine (Pinus heterophylla) and pond pine (Pinus serotina). 

Under this heading, two classes of timber are designated: (a) dense southern yellow 
_ pine and (5) sound southern yellow pine. It is understood that these two terms are 
descriptive of quality rather than of botanical species. 

(a) Dense southern yellow pine shall show on either end an average of at least six 
annual rings per inch and at least one-third summer wood, or else the greater number 
of the rings shall show at least one-third summer wood, all as measured over the 
third, fourth, and fifth inches on a radial line from the pith. Wide-ringed materia] 
excluded by this rule will be acceptable, provided that the amount of summer wood as 
above measured shall be at least one-half. 

The contrast in color between summer wood and spring wood shall be sharp and 
the summer wood shall be dark in color, except in pieces having considerably above the 
minimum requirement for summer wood. 

(5) Sound southern yellow pine shall include pieces of southern pine without any 
ring summer-wood requirement. 

2. Douglas Fir. The term “ Douglas Fir” is to cover the timber known likewise 
as yellow fir, red fir, western fir, Washington. fir, Oregon or Puget Sound fir or pine, 
northwest and west coast fir. 

3.. Norway Pine, to cover what is known also as “‘ Red Pine.” 
4. Hemlock, to cover Southern or Eastern hemlock; that is, hemlock from all 

states. east of and including Minnesota. 
5: Western Hemlock, to cover hemlock from the Pacific coast. 
6. Spruce, to cover Eastern spruce; that is, the spruce timber coming from points 

east of and including Minnesota. 
7. Western Spruce, to cover the spruce timber from the Pacific coast. 
8. White Pine, to cover the timber which has hitherto been known as white pine, 

from Maine, Michigan, Wisconsin and Minnesota. 
9. Idaho White Pine, the variety of white pine from western Montana, northern 

Idaho, and eastern Washington. 
10. Western Pine, to cover the timber sold as white pine coming from Arizona, 

California, New Mexico, Colorado, wap and Washington. a bere is the timber some- 
times known as ‘“‘Western Yellow Pine,” or ‘‘ Ponderosa Pine,” or “‘ California White 
Pine,” or ‘(Western White Pine.” 

11. Western Larch, to cover the species of larch or ‘euanradk: from the Rocky 
Mountain and Pacific coast regions. 

12. Tamarack, to cover the timber known as “ Tamarack,” or “ Eastern Tamarack,” 
from states east of and including Minnesota. 

13. Redwood, to include the California wood usually known by that name. 

Sizes of Timber. The following is summarized from the 1927 Standards of 
the American Society for Testing Materials. 

Joist and Plank (joists, rafters, scaffold plank, factory flooring, etc.): 

Nominal thickness.......... 2 to 4 in. 
Nominal width......+-.++-. 4 in. and wider 
Standard thickness. .....--.+ Nominal thickness less 3/8 in. fin- 

ished on one or two sides 

StandacG Widths: sina 0sies 6 2 to 7 in., nominal width less 3/8 in. 
finished on one or two sides 

8 in. and wider, nominal width less 
1/2 in. finished on one or two sides 
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Beams and Stringers (Beams, girders, stringers, etc.): 
Nominal: thicknéss 4710's sigs. Bae. 5 in. and wider 
Nominal width. aun do aces Sor o emo erknn Seal « 8 in. and wider 

Posts and Timbers (posts, caps, sills, timbers, etc.); 
Nominal sizevje jin see eles gat oie she oem he 6 by 6 in. and larger 

Rough structural joist and plank shall not be thinner than the nominal dimension 
Jess 1/4 in., and not narrower than the nominal width less 1/4 in. for sizes 2 to 7 in. 
inclusive, -and less 3/8 in. for sizes 8 in. and wider. 

Rough structural beams and stringers, and posts and timbers shall not be smaller 
than the nominal size less 1/4 in. for sizes 7 in. and less, and less 3/8 in. for sizes 8 in. 
and over. 

Sawing. The manner in which the stick of lumber is sawed from the tree 
has a remarkable influence upon its qualities and behavior, and the selection 
of cutting is determined by the character of the wood and the purpose for 
which it is destined. Flat sawing consists in cutting the timber tangential to 
the annular rings. Rift sawing is cutting the boards out of the log in such a 
manner that the annular rings are cut through as nearly as possible in a radial 

direction. Rift sawing and flat sawing give rise in the lumber trade to the 
terms edge grain and flat grain respectively. Rift sawing is done for the 
sake of the beauty of the grain thus obtained, as well as to expose the edge of 
the hard bands of summer wood. Edge-grain lumber shrinks and checks less, 
does not sliver, and wears more evenly and smoother than flat-grain lumber. 

Air Seasoning. In the preparation of lumber for construction purposes, it 
is necessary to expel the moisture from the pores of the wood by the process 
of seasoning. The drier the timber, the less likely is it to shrink and decay. 
Natural seasoning consists in exposing the planks and boards, after sawing, 
to a free circulation of the air. The lumber is placed on skids in large square 
piles under shelter ina dry place, the layers being separated by three or four 
narrow strips or boards laid in the opposite direction. The lowest layer 
should be at least 2 ft. from the ground. At frequent intervals the decayed 
pieces are removed and the timber repiled. The time required for thorough 
seasoning varies from one to three years, depending upon the character of 
the wood, the purpose to which it is to be adapted, and the dimensions. 
Green wood contains from 30 to 35% of water. Air seasoning reduces this 
to 12 to 15%. 

Artificial Seasoning or Kiln-drying hastens the evaporation of the moisture but 
at the same time tends to cause a rapid drying of the surface and ends of the material 
and a slow or imperfect drying of the interior. This may impair both the strength 
and elasticity of the wood. The timber is stacked in a drying kiln and exposed toa 
current of hot air, the temperature depending on the kind and the dimension of the 
stack. Sometimes the heat is supplemented by the employment of vacuum pumps. 
The best temperature to be employed depends on the kind and dimensions of the 
lumber, and varies from 100° F. for oak to 200° F. for pine. The time required depends 
on the thickness of the stack. About four days is necessary for one-inch pine, spruce, 
or cedar boards. Hard woods are usually dried in air from three to six months and 
then placed in the drying kiln from six to ten days. Kiln drying reduces the mcisture 
content ‘of wood to less-than 10%. 

Shrinkage. The concentric annular zones of wood are made up of pores 
or cells enclosed by walls of cellulose and are pierced at right angles by plates 
of similar fibers. As the average width of cell is 1/100 of the length, the greatest 
shrinkage will take place in the cross-section of the fibers or tangentially to 
the annular rings. This is known as the circumferential shrinkage. By rift 
sawing the medullary rays are cut across the length, in which direction 
shrinkage is least. Flat sawing produces lumber which checks and cracks to 
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a greater extent in shrinking. The average values for shrinkage in width are: 

Hard woods: radial, 3-8%}; tangential, 7-14% 
Soft woods: radial, 3-6%; tangential, 5-8% 

The longitudinal shrinkage is usually less than 0.1%. The change in volume is 
therefore due to radial and tangential shrinkage, and expressed in percentage is 
approximately twice the figures given, as shrinkage takes place in two directions by 
approximately equal amounts. 

The harder timbers are more compact in structure, with thicker cell walls, and there- 
fore produce the greater shrinkage. The opposite effect to sarinkage is produced by 
the absorption of moisture, and protective ¢hecks must be resorted to in applying 
timber to construction; the expansion joints in wooden block pavement serve as 
checks. A roadway 40 ft. wide has been observed to expand 8 in. 

Decay of Timber. The life of timber depends on its manner of felling, 
_ seasoning and working, and timber is subject both in its growing and con- 

verted states to decomposition and attack of animal and vegetable life. The 
proper time of year for cutting the tree is important. In the spring and late 
summer the sapwood contains an abundance of moisture with starches, 
sugars, and oils in solution, which tend to hasten its decay. In the drier 
summer months and in winter the growing and conducting cells are less 
active or altogether dormant, and the best wood is secured if the tree is cut 
during those seasons. Oak is claimed to be more durable if cut just after the 
leaves have fallen. 

Trees are felled with the ax or saw, and hewed lumber is commonly accepted as 
more durable than sawed lumber, as the former process closes the cells at the cut and 
prevents the absorption of moisture. The agencies which produce the decay of wood 
may be classed as follows: alternate moisture and dryness, heat and confined air, 
bacteria and fungi, insects and worms. Well-seasoned wood in a uniform state of 
moisture or dryness, when well ventilated, should never decay. Timber kept con- 
stantly immersed may soften and weaken but does not decay; the elm, elder, oak, 
and birch in this condition possess great durability. 

Dry Rot. This is caused by the fermentation and breaking down of the 
chemical compounds of wood when a certain fungus is introduced in the pres- 
ence of moisture. These lower organisms excrete ferments which dissolve 
out parts of the cell wall and crumbling of the wood follows. Dry rot is 
prevalent in ill-ventilated places, such as the wall pockets at the ends of floor 
timbers, and is often prevalent in the core of timber columns in mill con- 
struction. The growth of the fungus is stimulated by moderate warmth, 
presence of damp, and lack of ventilation. In practice the decomposition is 
often accelerated by the use of unseasoned wood, the surfaces of such unpre- 
pared timber often being painted and tarred. Dry rot is indicated by the 
swelling of the timber, a change in color, the material gradually becoming 
covered with moldiness and emitting a musty odor. Sometimes reddish 
and yellowish spots appear on the timber and the fibers are gradually reduced 
to a powder. It is difficult to eradicate when once established, the only 
remedy being to remove all traces of the fungus and to disinfect the wood. 

Wet Rot. Moisture, especially in the presence of warmth, will dissolve 
out the substance of the cell walls of sapwood and cause the decay of lumber. 
Wood felled between the months of April and October is especially subject 
to wet rot. Common Rot is manifested by the presence of external yellow 
spots on the ends of timber sticks and often by a yellowish dust in checks 

and cracks, especially where the pieces are in contact. The cause of common 
rot is improper seasoning in badly ventilated sheds. 

Teredo. Of the worms most destructive to wood, the Teredo navalis, or 
shipworm, a species of mollusk, is the most active. It deposits its eggs on 
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timber immersed in water, from which soon emerge small but rapidly develop- 
ing worms. The head of the worm is equipped with a shell-like substance 
shaped like an auger, by means of which it bores its way into the timber in a 
direction generally parallel to the grain. As it progresses it lines the hole 
with a calcareous deposit and maintains communication with the outside 
through two small lids at the external opening. The teredo continually in- 
creases in size as its boring progresses, and specimens varying from 1/4 to 
1/2 in. in diameter and 15 in. to 6 ft. in length have been found. Its habitat 
is the salt water of the warmer climates, though occasionally found in cold 
water. It avoids fresh water entirely, always prefers clear to muddy water, 
and is most active in the vicinity of calcareous shores. It may be found at 
work from half tide level down to the ground. 

The Limnoria or gribble (Limnoria terebrans), is a crustacean about the size of a 
grain of rice and resembles the wood louse. It is able to swim, crawl, and jump, and 
requires both air and water for existence. In contradistinction to the teredo, it works 
only to a depth of 1/2 in., devouring the wood by means of claws or mandibles. The 
surface of the wood becomes undermined and brittle and is finally washed away, 
exposing a new surface to the action of the worm. The limnoria devours wood at the 
rate of 1 to 3 in. per annum, and is always found in large colonies, as many as 20:00 
having been observed on a surface 12 in. square. It is found both in cold and in warm 
water, being capable of inhabiting colder climates than the teredo. It has a preference 
for s‘liceous shores, and confines its work to a space between high and low water 
marks. It is usually most active in brackish waters at low-water level. 

The Lycoris fucata is a little worm with numerous legs, somewhat similar to the 
centipede. It lives in the mud and crawls up piles inhabited by the teredo, against 
which it is an active enemy. It enters the tunnel, devours the teredo, enlarges the 
entrance to the burrow and lives in it. 

Impregnation of timbers with creosote is a rather uncertain protection for piles 
but seems to be somewhat more effective for piles in cold water than for piles in the 
warmer tropical waters. Creosote becomes ineffective if there exists or is formed in 
the pile a crack extending from the surface to the center where the creosote has not 
penetrated. & 

Various protective coatings, paints, asphalt, etc., have been applied to piling in the 
hope of preventing or retarding the attack of marine borers. Such protection is 
temporary at best. It becomes ineffective at any point where the surface is broken. 
No coating for which records are available has proved an effective protection over a 
period of years in water infested by active borers. 

Tile pipe of burnt clay have been used for protective armor on piling. Tile is 
effective but is so brittle that it is in very great danger of being broken by the impact 
of vessels and floating logs against the piling. Copper sheathing makes an excellent 
non-corrosive armor for piles. It is, however, very expensive and is in danger of 
being stolen from piles in lonely locations. Timber piles have been successfully 
covered by concrete and not at very great cost but usually where permanent piles are 
required it is best to use precast concrete piles. They generally cost less per ton of 
load to be supported than wooden piles treated by a permanent cover of metal, tile 
or concrete. 

Certain timbers from South American countries are found containing many minute 
grains of silica. These timbers give some promise of being somewhat resistant to rapid 
destruction by borers. They are under study at the present time. Hard wood resists 
the borers very much better than the softer woods; it is therefore recommended that 
oak or hickory instead of pine be used if the piles are not to be treated or protected. 
Piles from palm trees, on account of their structure, are not attacked by borers. 
Some of the hard tropical trees such as the Jucaro of Cuba are almost teredo proof. 
Wooden hulls are often protected against the teredo by copper but sometimes by 

wood sheeting. This outer sheeting is quite effective until destroyed by borers 
because they will not usually cross a joint between timbers. 

Under the general auspices of the National Research Council an extensive investiga- 
tion of marine borers has been carried out in Los Angeles Harbor by Col. Wm: G. 
Atwood, U.S. Army. It was shown that marine borers could exist in water of lower 
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salt content than had been previously supposed, and that creosote impregnation, properly carried out, and certain metallic armors, notably cast iron, were the most effective defence found against borers. (See The Military Engineer for May-June, 
1923, and for Nov.-Dec., 1924.) 

Classification of Lumber (Simplified Practice Recommendation No. 16, 
U. S. Department of Commerce). Lumber is the product of the saw and 
planing mill, not further manufactured than by sawing, resawing, and passing 
lengthwise through a standard planing machine, cross-cut to length and 
matched. 

Use Classification 
Yard Lumber. Lumber that is less than 6 in. in thickness, and is intended 

for general building purposes. 

Structural Timbers. Lumber that is 6 in. or over in thickness and width. 
Factory or Shop Lumber. Lumber intended to be cut up for further 

manufacture. 

Size Classification 
Strips. Yard lumber less than 2 in. thick and under 8 in. wide. 
Boards. Yard lumber less than 2 in. thick, 8 in. or over in width. 
Dimension Lumber. All yard lumber except boards, strips, and timbers; 

that is, yard lumber not less than 2 and under 7 in. thick, and of any width; 
this includes (1) Planks, yard lumber not less than 2 and under 4 in. thick 
and 8 in. and over wide; (2) Scantlings, yard lumber not less than 2 and under 
6 in. thick and under 8 in. wide; (3) Heavy joists, yard lumber not less than 
4 and under 6 in. thick and 8 in. or over wide. 

Timbers. Lumber 6 in. or larger in least dimension. 

Manufacturing Classification 

Rough Lumber. Undressed as it comes from the saw. 

Surfaced Lumber. Lumber that is dressed by running through a planer. 
It may be surfaced on one side (S1S), two sides (S2S), one edge (S1E), two 
edges (S2E), or a combination of sides and edges, (S1S1E), (S2S1E), (S1S2E), 
or (S4S). 

Worked Lumber. Lumber which has been run through a matching machine, 
sticker, or molder. Worked lumber includes: (1) Matched lumber, which is 
edge dressed and shaped to make a close tongued and grooved joint at the 
edges or ends when laid edge to edge or end to end; (2) Shiplapped lumber, 
which is edge dressed to make a close rabbetted or lapped joint; (3) Patterned 
lumber, which is shaped to a patterned or molded form. 

40. Data for Timber 

Tests of Strength of Wood. The elastic limit of wood is not so clearly 
defined as is the elastic limit of structural steel. The values for elastic limit 
given in the table on p. 657 are values of the proportional limit as determined 
by tests with an extensometer. The tensile strength of wood is slightly higher 
than the compressive, but is rarely of practical importance, on account of 
the difficulty of attaching a piece of wood in tension without making the 
critical stress a shear along the grain. Wood is weak in shear along the grain, 
and in timber beams the shearing strength nearly always has to be considered. 

Time Element in the Strength of Wood. Under long-continued steady load 
wood will fail under stresses much lower than those found at the ultimate 
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strength in laboratory tests, which cover only a few moments. Under long- 

time loading test pieces of wood have broken under stresses only a little 

above 50% of the ultimate as given by short-time laboratory tests. This 

very pronounced time effect is one of the reasons why working stresses for 

timber are low as compared with ultimate strength. 

Effect of Moisture on Strength of Wood. Up to a moisture content of 

about 25% for soft woods the fibers absorb water and are weakened and 

softened by it. For moisture content above this “‘ fiber saturation point ”” 

water no longer affects the strength and stiffmess of wood. The effect of 

moisture content is shown in the accompanying table, which is based on the 

results of tests by the U. S. Forest Service, principally by H. D. Tiemann. 

Effect of Long Seasoning. Tests by A. C. Alvarez at the University of 

California on wood from the interior timbers of old buildings which had stood 

for some 37 years showed that Douglas fir and redwood did not deteriorate 

in strength with age when preserved from decay. 

Effect of Slope of Grain (from 1927 Standards of the American Society 
for Testing Materials). ‘‘ Slope of grain, resulting either from diagonal saw- 
ing or from spiral or twisted grain in the log, is limited in accordance with the 
recommendation of the Forest Products Laboratory based on the results of 
detailed study of the effect of cross and spiral grain upon strength, and the 
weakening of material by checks which invariably develop and, without 
exception, follow the grain. There is not much reduction in strength from 
cross grain until an angle of grain of 1 in 40 is reached. From that slope in 
a beam an angle of 1 in 20 reduces the strength about one-eighth; 1 in 15, 
about one-quarter; 1 in 11, about three-eighths; and 1 in 8, about one-half. 
In a post or column an angle of grain of 1 in 15 reduces the strength about 
one-eighth; 1 in 11, about one-quarter; 1 in 8, about three-eighths; and 1 
in 6, about one-half.” 

Working Stresses for Timber are given in Sect. 9 on Timber Structures. 

Inspection. The inspection of timber must be undertaken with two view- 
points, namely, the quality of the stock and the dimensions of the pieces; 
and all condemned pieces must be plainly marked with paint or branding iron. 
Strong and durable timber possesses the following characteristics: It is 
obtainable from the slowest-growing trees, as indicated by the narrowness 
of the annular rings. Wood containing the least amount of resin or sap in 
the pores is the strongest and most durable. The wood should be uniform 

in substance, straight in fiber, free from large and dead knots and all flaws, 
shakes, and blemishes. Freshly cut, sound timber smells sweet and shows a 
firm and bright surface with silky luster when planed. The ‘surface should 

Effect of Moisture on Strength of Wood 
Based on test data from U. S. Forest Products Laboratory 

Values are given in per cent of strength of oven-dry wood (moisture content negligible) 

Moisture content, per cent 
of fiber saturation point 10 | 20 | 30 | 40 | 50 | 60 | 70 | 80 | 90 |100 

Modulus of rupture, flexure..... 91 | 82 | 73: | 66 | 60.| 55 | 50 | 46 | 43 "39 
Ultimate compression along grain| 88 | 76 | 66 | 57 | 48 | 43 | 37 | 33 | 30 | 28 
Ultimate shear along grain..... 93 | 85 | 77 | 70 | 64 | 58 | 54 | 51 | 48 | 46 
Modulus of elasticity, flexure...| 94 | 88 | 83 | 79 | 75 | 72 | 69 | 66 | 64 | 61 
Modulus of elasticity, compres- 

SlOni Along. REAM cose eae leraud wicks 93) 85.4) 77) TL 660! 630) 59 S74) 54552 

~ «dog 
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never be woolly, and when cut should not clog the teeth of the saw. In 
highly colored woods, strength of color is generally indicative of strength and 
durability. Sound timber when struck lightly or scratched at one end trans- 
mits the sound to the ear placed at the other extremity through sticks of 
lumber 50 ft. in length. Sound material is sonorous when struck, while 
decaying timber gives forth a dull sound. Dull, chalky appearance and dis- 
agreeable odor are signs of bad timber. In the absence of the usual external 
signs, dry rot may be detected by boring test holes in the wood for the 
appearance and odor of the wood dust. 

Relation of Strength of Wood to its Specific Gravity 

Based on the work of Newlin and Wilson of the U. S. Forest Service. (See Bulletin 
676 of the U. S. Department of Agriculture.) 

G is the specific gravity of the wood, based on the weight oven-dry and the volume 
at the time of test and the condition when tested. 

All values are in lb. per sq. in. 

Strength property Green wood Air-dry wood 
| 
| 
Flexure under steady load: Fs ie 

Plastic limit; .:.. TAU LIR. AOR? 10 300 WG5 19 000 WG5 
| Modulus of rupture..........200000e00 ees 18 500 VG5 26 200 W/G5 

Modulus of elasticity. .......s..4.5000050- 2 500 000 G 3 000 000 G 

Impact flexure with 50-lb. hammer: ee wai 
issnciinies ee ee eee on eee 23 500 WG5 35 000 WG 
Modulus of elasticity... 26.450. iis- ss ...-| 3000 000G 3 550 000 G 

Compression parallel to grain: sey 1%. 
icin Wedel. 06) Soci) aay mobs kee eee 6 800 WG5 11 000 WG5 
Mittinate strengths .%.. 6 ac lipre'+ es so oe oc 6 900 G 12 000G 
LOG UMS OLETASESCLUY Sip coho oo o'n do oid 'n 5 0-50 wei 2 860 000 G 3 500 000 G 

Compression perpendicular to grain: sity 
Mca MEM sity ys tao cls AASB AAG Hie Wi 2 900 WG9 5 200 WG9 

Shear along grain H ape ee 
PREATO BERCEICUN > © 9.4 Beeios oyel> ofa sryis.b > wiaisie tage 2 65 4 4 Ultimate strength | 650 VG 3 poe VG 

Volume shrinkage of wood, per cent, 28 CG. 
Radial shrinkage of wood, per cent, 9.5G. 
Tangential shrinkage of wood, per cent, 17G. 

Defects. The following are adopted as standard by the 1927 Standards of 

the American Society for Testing Materials, Part II, p. 697. The diameters 
of knots and. holes are mean or average diameters: 

Knots. A sound knot is one which is solid across its face and which is as hard as 

the wood surrounding it; it may be either red or black, and is so fixed by growth or 

position that it will retain its place in the piece. A loose knot is one not firmly held 

in place by-growth or-position. A.pithknot is a sound knot. with a pith hole not 

more than 1/4 in. in diameter in the center. An encased knot is one whose growth 

rings are not intergrown and homogeneous with the growth rings of the piece it is in. 

The encasement may be partial or complete; if intergrown partially or so fixed by 
growth or position that it will retain its place in the piece, it shall be considered a 
sound knot; if completely intergrown on one face, it is a watertight knot. A rotten 

knot is one not as hard as the wood it is in. A pin knot is a sound knot not over 

1/2 in. in diameter. A standard knot is a sound knot not over 1-1/2 in. in. diameter. 

A large knot is a sound knot more than 1-1/2 in. in diameter. A round knot is one 

which is oval or circular in form. A spike knot is one sawn in a lengthwise direction. 
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Knots in timber do most damage when located near the faces or edges of structural 

pieces. Knots near the center of length of a piece are more injurious than those near 

the ends. 

Detailed rules concerning the grading of timber with knots or other defects are given 

in the 1927 Standards of the American Society for Testing Materials, Part Il, pp. 

581-603. . 

Pitch Pockets are openings between the grain of the wood containing more or less 

pitch or bark. These shall be classified as small, standard, and large pitch pockets. 

A small pitch pocket is one not over 1/8 in. wide. A standard pitch pocket is one not 

over 3/8 in. wide, or 3 in. in length. A large pitch pocket is one over 3/8 in. wide, 

or over 3 in. in length. A pitch streak is a well-defined accumulation of pitch at one 

point in the piece. When not sufficient to develop a well-defined streak, or where 

the fiber between grains, that is, the coarse-grained fiber, usually termed Spring 

wood is not saturated with pitch, it shall not be considered a defect. Wane is bark, 

or the lack of wood from any cause, on edges of timbers. 

Shakes are splits or checks in timbers which usually cause a separation of the wood 

between annual rings. A ring shake is an opening between the annual rings. A 

through shake is one which extends between two faces of a timber. 

Rot, dote, and red heart are forms of decay which may be evident either as a dark 

red discoloration not found in the sound wood, or as the presence of white or red rotten 

spots, and shall be considered as defects. 

41. Preservation of Timber 

Preservative Processes. The average life of timber used in the United 

States which is subject to decay, is about 8 years; its life can be extended to 

12 years either by a chemical impregnation of the wood cells or by an exterior 

application of a preservative coating which will penetrate the fibers. Creosote 

oil is the preservative in most common use. 

Preservation. The general method followed in the commercial treatment 

of timber with creosote involves the following steps: (1) seasoning the timber, 

(2) steaming the timber in a large cylinder to soften the wood fiber, (3) 

removal of air and moisture from the wood fibers by means of a vacuum 

pump, (4) admission of creosote oil to the evacuated chamber—the oil pen- 

etrates some distance into the timber, (5) the application of pressure forcing 

the preservative into the innermost fibers of the timber, and (6) the removal 

of pressure, after which the excess of creosote is allowed to drip off the timber 

and run into a tank. 
A simpler process for treating small lots of timber consists of soaking the 

timber pieces in an open tank of hot creosote. This process does not impreg- 
nate timber so thoroughly as does the pressure-vacuum process, and it is 

wasteful of creosote. 
Creosote is a rather expensive preservative, and other preservatives have 

been tried. Zinc chloride is violently poisonous to timber-destroying bacteria, 
can be forced into the inner fibers of wood, and is cheaper than creosote. 
However, zinc cloride is soluble in water, whereas creosote is not, and zinc 

chloride is an effective preservative only in extremely dry regions. 
The following table gives approximate weights of creosote required per 

cubic foot of timber for various services. 

Railroad ties: 
Hard) wood onrvit. CEU 58 U0, GIS NSP SRORIIE. 6-14 Ib. per cu. ft. 
Soft WROOGIS TAS REIS US. OR Peg 13-20 lb. per cu. ft. 

Dimensibnultimberseeta ol. 8s SOR OS REIN 15-20 lb. per cu. ft. 
Piles ID URS, Fe BA PUES THD RO Oa 20-30 Ib. per cu. ft. 
Poles and posts, treated by open tank method for a 

length of 7 ft: 
Chéstnut polest Waa sis Hs Gets A RG 21 Ib. per pole 
Western ‘pine poles oc) 2.0 0G, AGS. oS 65 Ib. per pole 
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Properties of Timber 

Based mainly on Bulletin 556 of the U. S. Department of Agriculture (Forest 
Service) by Newlin and Wilson. Values are for wood tested green. Values for 
green timber are more reliable as a guide for structural use than values for dry 
timber, since in service the outer fibers of dry timber may readily reabsorb water. 

For working stresses see Sect. 7, Art. 1. 

Strength in Strength in & 
flexure, compression, o 

lb. per sq. in.~ Ib. persq.in. | OZ] . 
wel ag 

: 3. | Ys 
- rs) 2 3 Ke g Z| 2 be 
8 | 2 |@ |s | Bs] es] ee 

Kind of timber o & 2 g | o's] 2g] ou 
3 z | 3 eee 
fe 3 C1] “=o B=] q = 9 a °| 8 ae) 

9: & ea Oe A Ps hee at Bee 
s|=| 31 88 |22/2.|22/ 28) ess 
at = i f-- ee g 23) 30 oe 
™l1 3] 8 | Se lol/H8\ esi 88 Bes 
Oo = ° o- Ss 2 S& cisea| ean 

Bla| 4 = Bobb Py ot Boob Bie bb 

Pee et visit nt aie cae. 9 900|1 490 000 
Cedar (white).......| 2 4200] 640 000 

Cedar (réd).) «fee: - 3300] 5200} 950000] 2500} 2800} 310) 720) 210 

DORESERUTE 1a ce wprte eee 3100} 5 600} 930000} 2000) 2500} 380} 800] 430 

IGYDECSS aco v.c0.0 0 $j0,4 5 3800) 6500/1 070 000] 2700) 3200) 440) 820| 270 

SDR: citi cid » ois vale oe 3600) 6 900|1 030-000} 2300] 2900) 390) 920] . 560 

Kem! (black)... +. «.. 4000] 7000/1 030 000| 2400} 3000) 600/ 1100) 570 

Gum (blue)......... 7600] 11 2002 010 000] 4900] 5200] 1020) 1550] 640 

Par kory ye NE 5700} 10 500|1 470 000) 3500| 4400] 1270} 930) 680 

Hemlockic.i2....ci85 3700| 6 300|1 080 000) 2500} 3000) 420) 860} 290 

Locust, .<w> io. shat 7200] 12 000\1 570 000} 4800} 5600} 1420) 1710} 850 

‘SES Oe eee 4200| 7500/1 230 000} 2500] 3200} 570) 1150). 630 

Mak (witite)(1/- 71." 4700| 8 300/1 250000] 3000} 3600} 830] 1250} 770 

Oak (chestnut)......- 4600| 8000/1 370 000} 2900] 3500) 660} 1210) 690 

Oak (red and black). . 3700! 7 700\1 290 000] 2300) 3200) 730) 1120) 740 

Pine (white)......... 3400} 5300/1070 000} 2400} 2700| 310) 640) 260 

Pine (western white). . 3500| 5700/1 330000] 2800) 3100} 300} 710} 250 

Pine (red or Norway). 3700| 6400/1 380 000) 2500| 3100} 360) 780} 190 

Pine (yellow long leaf). 5400! 8700/1 630 000| 3800] 4400| 600] 1070} 290 

Pine (yellow short leaf) 4500| 8 000|1 450 000! 3600| 3800} 480) 890) 330 

Pine (western yellow). 3100) 5 200'1010 000} 2100] 2500} 340) 680) 280 

Pine (Oregon or Doug- 

1 Th eae ee seca y OCA 3815000} 7.800|1 580000} 3400] 3900] 530) 910) 200 

Spruce (red). «0 -- == 34/3400] 5700/1 180000} 2400) 2700) 350) 770) 220 

Spruce (white)....... 3313300! 5400} 980000] 2300| 2400) 270 670| 200 

'Tamarack (or larch). .| 47/4400 7300/1 300 000] 3100] 3600] 520} 890) 240 

hepincae choy WA 5815400] 9500/1 420000] 3600] 4300} 600) 1220 570 

Kyan’s Process.—The timber is steeped in a solution of corrosive sublimate, 1 part 

of bichloride of mercury to 99 parts of water for a period (at least 5 to 10 days) suffi- 

cient to insure thorough penetration of the preservative. Sublimate is comparatively 

insoluble in water and remains in timber for a longer time than salts like zinc chloride. 

Great care must be exercised in handling corrosive sublimate as it is a deadly poison. 

it should not be used as a preservative where domestic animals can lick the treated 

parts. 

Physical Properties.—Strength tests of the U. S. Forest Service in 1907 (H. F. 

Weiss, American Wood Preservers’ Association, 1913) showed that both zinc chloride 

and creosote reduced the transverse strength of timber, though only toa slight extent 



658 Non-metallic Materials Sect. 7 

in the case of creosote oil. Transverse and compression tests made by H. B. 
MacFarland (Vol. XIV, American Railway Engineers’ Association, 1913) on long leaf 
pine showed greatly increased strength after one year for creosote treated wood. 
When tested immediately after treatment the strength was inferior. Thoroughly 
seasoned timber is stronger than green timber. Some processes tend to increase the 
moisture content and others to diminish it. If creosote is applied to green wood, the 
strengthening action of water evaporation is retarded. On the other hand, zinc 
chloride may cause a chemical dissolution of the wood fiber, thus weakening the 
structure. Zinc chloride is non-flammable, and wood so preserved is more fire-resisting 
than non-treated wood. (H. F. Weiss, American Wood Preservers’ Association, 1913.) 
Zinc-treated wood ignited at a temperature of 500° C., 19% of the wood by weight 
being consumed. Freshly creosoted wood ignited at 225° F., 27% of the wood by 
weight being consumed. Creosoted wood is adapted for exterior work subject to 
moisture and is especially effective against marine borers. (See p. 652.) 

42. Plywood 

Manufacture. Plywood is made by gluing together thin layers of wood. 
The grain in one layer is at right angles to the grain in the next layer. An odd 
number of layers is used. It is important that the layers of wood are all split 
or sawed the same way from a stick of timber, and that the moisture content 
is approximately the same for all layers. If these precautions are not taken 
the plywood will tend to warp due to uneven stresses in the different layers. 

Strength of Plywood. A limitation of the use of large boards is the differ- 
ence in strength of wood in various directions. The tensile strength of wood 
parallel to the grain may be as much as twenty times the strength perpen- 
dicular to the grain, and the shearing strength parallel to the grain is much 
lower than the shearing strength across the grain. In plywood the strength 
is approximately equal in all directions and is equal, approximately, to the 
mean of the strength with and the strength across the grain.. As plywood is 
built up of thin layers it becomes feasible to use a high grade of wood in its 
manufacture. 

Woods Available for Plywood. Basswood, redwood, poplar, maple, birch, 
and red gum are domestic woods which can be cut into the thin sheets neces- 
sary for making plywood. Basswood, redwood, and poplar are not often used 
for the face layers. 

Plywood is used mainly in the shape of thin sheets, and is of importance in 
manufacture of automobiles, street and railway cars, airplanes, and boats. 

The strength of glue joints, such as are used in manufacturing plywood, are 
discussed on page 662. 

Tensile Strength of Plywood 
Based on test data from the U. S. Forest Products Laboratory, Madison, Wis. 

a Tensile strength|Tensile strength 
ee ~ agaist of 3-ply plywood| of single-ply 

Species pelea ) at test, parallel to grain veneer, 
‘6 He , per cent of faces, parallel to grain, 

: Ib. per sq. in. lb. per sq. in. 

Basswood........ 28 9.2 6 900 10 300 
Yellow birch...... 45 8.5 13 200 19 800 
Maple, soft....... 38 8.9 8 200 12 300 

hardsi; deat 46 8.0 10 200 15 300 
Yellow poplar..... 34 3.4 7 400 11 100 
Reed gum can coin te 36 Busi 7 800 11 800 
Redwood........ 28 9.7 4 800 7 200 
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43. Cements and Plasters 

For natural and portland cement see Sect. 11. For lime and lime mortar see 
Sect. 10, Art. 12. Hydraulic lime is obtained by burning limestone containing from 
10 to 20% of clay. Magnesian lime is the term applied to limes containing more 
than 5% (usually 30% and over) of magnesia. It has the characteristics of being 
slow slaking or cool, but sets more rapidly and makes a stronger mortar than the 
high-calcium limes. Lime is never used alone as a binding material, as it shrinks 
very much in drying. One part of lime paste is combined with 3 or 4 parts of sand, 
the resulting mortar being about equal in volume to that of the sand. 

Grappier Cements are made by grinding lumps of unburned limestone and 
overburned material which remains when a hydraulic lime is slaked. If 
lime silicezte predominates in the mixture, grappier cement approximates to 
portland. 

Lafarge Cement is a hydraulic grappier cement manufactured at Teil, 
France. It contains a small percentage of iron and soluble salts and does not 
stain porous stone masonry. 

Plasters are classified by E. C. Eckel as (1) those produced by incomplete 
dehydration of gypsum (CaS0Ox), the calcination being carried on at a temper- 
ature not exceeding 400° F., and (2) those produced by complete dehydration 
of calcium sulphate at a temperature exceeding 400° F. Plaster of paris is 
a product of the first class, no foreign material being added to the gypsum 
during or after calcination. Cement plaster is also of the first class, but is 
manufactured from an impure gypsum, or by the addition of certain impur- 
ities during manufacture to act as a “‘ retarder ’’ to the plaster. In the second 
class are included flooring plaster, commercially known as calcined plaster, 
being pure calcined gypsum, and also hard-finish plaster, obtained by adding 
alum or borax during manufacture. Structural gypsum weighs 80 lb. per 
cu. ft. and cement plaster about 115 lb. per cu. ft. 

Common or Lime Plaster is made of quicklime and sand in which hair or 
fiber is beaten up and thoroughly incorporated with the lime paste. Wall 
plasters are made by the addition of lime and retarder to the calcined plaster, 

The Strength of Plaster as determined from tests by Woolson is shown by 
the following tables (see Proceeding, American Society for Testing Materials, 

Vol. X, p. 328). 

Tensile Strength of Plaster 

Values given in pounds per square inch 

1: 3 lime mortar Kind of lime 1:5 lime mortar 

Age |1 mo.|3 mo.|6 mo. 

High-calcium (quicklime)..... 39 
High-calcium (hydrated lime). 79 
Dolomitic (quicklime)....... 124 
Dolomitic (hydrated lime).... 122 

The Compressive Strength of Gypsum varies from 70 lb. per sq. in. to 

3000 lb. per sq. in., depending on the amount of water used in mixing the 

gypsum paste, the completeness of drying out, the foreign ingredients in 

the gypsum, and the process of calcination used. For highest strength the 

least possible amount of water should be used in mixing. From 33 to 38% 
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Compressive Strength of Plaster 

Values given in pounds per square inch 

Kind of lime 1 : 3 lime mortar 1:5 lime mortar 

Age |1 mo.|3 mo.|6 mo.|/2 mo.|1 mo./3 mo. 6 mo.|12 mo. 

High-calcium (quicklime).....| 160 | 120 130 230 

High-calcium (hydrated lime).| 180 750 | 740 750 

Dolomitic (quicklime)....... 370 | 350 | 340 355 

Dolomitic (hydrated lime)....] 270 | 530 | 710 1035 

of water is necessary to make the gypsum paste sufficiently plastic to fill 

molds. From tests by W. A. Slater for the U. S. Gypsum Co. it was found 

possible to produce regularly gypsum having a compressive strength of 

1400 Ib. per sq. in. when a few days old. The modulus of elasticity was found 

to be about 1 000 000 Ib. per sq. in. 

44. Miscellaneous Materials 

Leather as an engineering material is mostly applied in the manufacturing 

of belting for transmission trains. The best quality of well-tanned oxhide is 

cut into strips of from 4 to 6 ft. long and usually about 3/16 in. in thickness, 

which are scarfed, spliced, or cemtented end to end to make the desired length 

of belt. According to the strength required, these are in turn cemented or 

riveted together in thickness to form “single” or ‘“‘ double ” belts. Under 

light loads, the “single belt” gives the greater adhesion, but under heavy 

loads the “(double belt ’? proves the more satisfactory. The “ flesh side ”’ or 

inside of the belt is customarily jlaced next to the pulley, as it gives the best 

wear, although when placed grain side to the pulley the belt is less liable to slip. 

The weight of a hard well-tanned belt leather is about 62-1/2 lb. per cu. ft., whereas 

the tensile strength of a good quality is about 650 lb. per inch of width of single belt. 

When spliced or riveted, the tenzcity is about one-half of the above figure, and when 

laced about one-third of the strength is developed. A safe working tension may be 

taken at about 50 lb. per inch of width. 

Rawhide or untanned leather, finds many applications in textile machinery con- 
nections, looms, ships’ tiller ropes, «tc., and also in the manufacture of high speed 
gear wheels. When sound, it is much stronger than tanned leather and gives greater 
resistance to violent impact. Its tensile strength may be taken as one-half greater 
than that of tanned leather. 

India Rubber is used for belting, sheets for packing, tires, electrical insula- 
tion, hose, etc. The rubber used by the engineer is generally vulcanized by 
heating and incorporating it with 7 to 30% of sulfur to render it less readily 
softened by heat and hardened by cold. When vulcanized with 30 to 40% 

of sulfur, it forms the various qualities of ebonite used in the manufacture 
of rules, scales, curves, etc. India-rubber belts are made by weaving cotton 
canvas of the required length and width, which is then coated with the 
vulcanized rubber. These are made 2, 3, or 4-ply, according as the power to 

be transmitted requires the strength of 2, 3, or 4 thicknesses of belt. Rubber 
belts are superior to leather belts in strength, usually run truer and more 
smoothly, are perfectly impervious to water, and give a higher coefficient of 
friction. However, when overloaded they are apt to be injured by the 'ten- 

dency to slipping. 
The tensile strength of good quality soft rubber varies from 800 to 1200 lb. 

per sq. in., and the elongation before fracture is about 600%. Under com- 
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Tensile Tests of Rubber Belting 
From Watertown Arsenal Reports 

: ; Tensile 
Width Actual dimensions, per tional strength, 
and mm. ft. area Ib. Remarks 
kind on 
of , Per in.| fracture 

belt | Length) Width | TiCK-| 1p. oz.| Sq.in.| Per | of 
ness ~ Sq. in. width 

851 
839 
979 
711 

At face of jaws 
3 in. from jaws 
12 in from jaws 
At face of jaws 
10 in. inside 

gaged length 
of 30 in. 

Near middle 

819 

776 

1116 
1014 
1358 
1236 
1311 
977 

1123 

4 in. from jaws} 
At jaws 
Near middle 
At face of jaws 
At middle 
At face of jaws 
16-3/4 in. from 

face of jaws 

Tensile Tests of Leather Belting 
From Watertown Arsenal Reports 

Tensile 
Width strength, 
and Ib. Remarks 
kind “1 i on 

er in. racture 

gai Per of 
Sd. 10. | width 

Single 
2 in. | 60.00 5045 1091 |1 in. from jaws 
6 in. | 60,20 2537 560 |At scarf joint 
6 in.*} 60.11 2219 533 |At scarf joint 

12 in 60.11 3917 705 |At scarf joint 
12 in. | 60.30 a > A 1557 373 |At scarf joint 
VOR ES Tay «eet eo BRR, Eat ia | eg = a | ae Doe 3598 863 |5 in. from jaws 

Double In jaws of ma- 
2in 60.00 4025 1690 chine at end 

of scarf joint 
4in 59.55 4931 1623 |At scarf joint 

6in. | 60.18 4309 2027 |At scarf joint 
6 in.*| 59.93 5166 2066 |At scarf joint 

12 in 59.90 4090 1595 |At scarf joint 
12 in. | 60.06 4424 1591 |4 in. from jaws| 
24 in. | 60.00 ; 2760 1297 |At scarf joint 
30 in 59.90 12 . 88 2717 1169 |At scarf joint 

* Waterproofed. 
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pressive load good soft rubber is shortened 50% under a stress of from 500 
to 800 lb. per sq. in. The outstanding property of rubber, which makes it 
unrivaled as the material for automobile tires, is its capacity for absorbing 
energy. Stressed to a good working stress rubber under tension will absorb 
about ten times as much energy per cubic inch as will spring steel, and under 
compression about 3.75 times. 

Glass. The tensile strength of common glass varies from 2000 to 3000 Ib. 
per sq. in., and the compressive strength from 6000 to 12 000 Ib. per sq. in. 
A series of transverse tests were undertaken on common glass at the Water- 
town Arsenal. Sheets of common window glass 2 ft. 6 in. long by about 
4.95 in. wide and 0.121 in. thick were subjected to a central.load with.an un- 
supported length of 2 ft. The modulus of rupture varied from 3000 to 4000 
Ib. per sq. in and the modulus of elasticity from 10 000 000 to 11 000 000 lb. 
per sq. in. 

Ice at 32° F. weighs 57.5 Ib. per cu. ft., its specific gravity being 0.922 
(water at 62° F. = 1). Its volume relative to water is 1.0855. Its melting 
point decreases from 32° F. at the rate of 0.0133° F. for each additional 
atmospheric pressure. Its specific heat is 0.504 (water = 1). Some German 

experiments made in 1885 gave a tensile strength of 142 to 223 lb. per sq. in. 
Tests made by the U.S. Engineer Corps on 6- and 12-in. cubes, gave crushing 
strengths varying from 100 to 1000 Ib. per sq. in. depending on the structure 
of the ice and the purity of water from which it was formed. Before crushing, 
ice in cubes will compress from 6 to 30%. The sustaining capacity of ice is 
not definitely determined; 2-in. ice is considered safe for infantry, 4-in. ice 
for cavalry or light guns, 6-in. ice for heavy field guns, and 8-in. ice for loads 
not over 1000 lb. per sq. ft. on sledges. Railway trains have been run across 
ice which was 15-in. thick. 

The expansive force of ice is given by Trautwine as probably not less than 30 000 lb. 
per sqjft. The coefficient of expansion, as given by Ganot, is 0.000052. By its expan- 
sion a sheet of ice 150 ft. in width has been known to tip a masonry bridge pier weighing 
1000 tons 2 in. out of plumb, and in another instance to move masonry piers on pile 
foundations from 2 to 12 in. out of line. The expansive effect in river or lake ice, how- 
ever, does not make itself felt until the ice is at least 5 in. thick. 

Freshly fallen snow weighs from 5 to 12 Ib. per cu. ft.; compacted or wet snow 

weighs from 15 to 50 Ib. per cu. ft. 

45. Paints and Oils 

A Paint consists of a vehicle and a pigment; and many paints have a drier 

added. The whites, as white lead and zinc white, form the base upon which 
nearly all tints are made by the addition of colored pigments called stains. 
Red lead and oxide of iron may also be used as bases for paint without using 
a white base or they may be used as stains. The usual vehicle for the base 
is linseed oil. Its function is to enable the paint to be spread and also to form 
a binder for the paint materials after drying. Spirits of turpentine is often 
used as a paint thinner. Its function is to make the paint work more smoothly. 
The drying of the paint is often hastened by the addition of a drier, whose 
function is to hasten the solidification of the linseed oil by making its oxidation’ 

more rapid. 

White Lead is a combination of lead carbonate and lead hydrate. The 
former gives the opacity or body, while the latter gives the saponifying and 
binding properties. White lead is supplied to the trade ground in linseed oil. 

It is a good drier of this oil, and very little artificial drier need be added to a 

white-lead paint. . 
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Zinc White is the oxide of zinc. It is a permanent white pigment, and so 

is well adapted to interior decoration. Sulfureted hydrogen gases have no 

discoloring effect upon it, while such gases will darken a white-lead paint. 

Red Lead isa double oxide of lead. Itis usedasa constituent of a priming 
paint for new woodwork, and its excellent anti-corrosive properties make it 

the best primer for coating ironwork. It excels all other pigments in with- 

standing abrasive wear. It is a strong drier of linseed oil, solidifying it in a 

short time, and it is for this reason that the pigment is sold in the dry powdered 

state. For the highest grades of red lead the content of lead monoxide 

(litharge) should not exceed 4%, for a lower grade 13% is allowable. 

Raw Linseed Oil is produced by pressing flaxseed. Boiled linseed oil is 
prepared by heating the raw oil either alone or with a drier such as red lead. 
Boiled oil dries in about one-half the time that the raw oil does. For this 
reason the boiled oil is much used for exterior work. For interior work and 
for grinding up colors the raw oil is used. Linseed oil is subject to adultera- 
tion by the addition of cotton-seed, resin, hemp, mineral, and fish oils. As 

substitutes, fish oil, cotton-seed oil, and Chinese tung oil are used. 

Spirits of turpentine is a solvent or diluent used with paints and varnishes. It is 
also employed for mixing pigments in making flatting colors for interior decoration. 
It is often adulterated with mineral oil. As substitutes, benzine and naphtha are used. 

Staining Colors or Pigments are used for tinting paints which have a white base 
such as white lead or zinc white. The most common black pigments are the soot and 
charcoal blacks. The best known red pigments are Venetian red, which is an earth 
with ferric oxide as the coloring agent, and red lead. The brown pigments are burnt 
umber, and the raw and burnt siennas, which resemble umber in composition. The 
green most used is chrome green, a pigment compounded of Prussian blue and chrome 
yellow. The standard commercial mixture of chrome green contains three parts of 
base to one of chrome green. Prussian blue is the common blue pigment which has 
great strength of coloring matter. Another important pigment is the ultramarine blue, 
an artificial chemical product of complex composition. As this latter pigment has 
some sulfur, it should not be mixed with white lead but should be used with zinc white 
as a base. 

Graphite Paint is prepared by mixing graphite with boiled linseed oil to which a 
small percentage of drier has been added. It is an excellent paint for iron. One objec- 
tion to this paint is that it mars easily under slight abrasion. 

Protection of Iron Work under Water. Refined coal tar dissolved in a 
vehicle makes the most durable paint coating known for iron under water. 
Asphalt paints made by dissolving asphaltum in some suitable vehicle such 
as naphtha or benzine is also used for this purpose. Coal tar has been espe- 
cially effective as a protector for cast iron water pipe. 

Varnish is made by dissolving gums or resins in oil, turpentine or alcohol. 
The primary purpose of varnish is to furnish a smooth, hard, transparent 
coating for a surface. Hardness and toughness are somewhat contradictory 
requirements for varnish both of which can be fairly well met in high-grade 
varnishes. Quick drying and durability are two contradictory requirements 
which have not been reconciled in any varnish. ; : 

For general reference on Paint and Varnish see Sabin, The Technolégy of 
Paint and Varnish, 3d Edition, New York, 1927. 
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STANDARD MARKET SIZES 

46. Rolled Structural Beams 

Structural Beams and Shapes should be ordered by weight per foot or by 
the thickness wanted. A variation of 2-1/2% either way is allowed in the 

nominal weight of the shape. Unless otherwise arranged, structural shapes 
are cut to lengths as ordered with an extreme variation of 3/4in. For cutting 
with a less variation, an extra charge is made. 

The increase of weight in standard I beams and channels is secured by increasing the 
web unifurmly in thickness for the depth ofjthe beam. This results also in an increased 
width of flange equal to the increase in web thickness. Increase of weight of Beth- 
lehem beams and girders is secured by increase of both web thickness and depth of 
beam. In angles the increase is made by increasing uniformly the thickness of the 
two legs. The effect of the spreading of the rolls to secure this additional thickness 
is to increase the length of the legs, amounting to about 1/16 in. for each 1/16 in. 
increase in thickness. As most sizes,- however, are rolled in finishing grooves, the 
exact dimensions are generally maintained for different thicknesses. In Z bars the 
increase is made by increasing uniformly and by equal amounts the thickness of web 
and both legs. T shapes do not admit of any variation in weight, and are rolled only 
to fixed dimensions and weights. 

Flanges of standard I beams and channels have a uniform slope of 2 in. per ft., or 
16-2/3%. Flanges of Bethlehem I and girder beams have a uniform slope of 12-1/2%. 
On standard I beams and channels small fillets have a radius of 0.6 of the minimum 
web thickness, and large fillets a radius of the minimum web thickness plus 0.1. 

The Section Modulus of the tables is the moment of inertia of the shape 
divided by the distance of the center of gravity from the top or bottom of 
the section. It is used to determine the fiber stress per square inch in a beam 
or other shape, by dividing it into the bending moment expressed in inch- 

pounds. It may also be used to guide in the selection of a beam, or other 

shape, required to sustain a girder load, by dividing the bending moment, in 

inch-pounds, by the allowable fiber stress per square inch, and finding the 

required shape in the tables. In those shapes which are not symmetrical about 

the neutral axis there are, for each case, two section moduli; and in the 

tables the smaller is always given. The fiber stress calculated from it will be 

the greater stress and would generally be the one sought. 
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Properties of Standard I Beams 

Dimensions are given in inch units 

Wiatn| sick 

, 

798|3010.8 .9 
737|2940.5 8 
675|2869.1 .6 
625/2811.5 9 

747 4 
686 - 2 .0 
624 ‘ i 25 

563 3 7 =e J 
500 : : ‘9 
873\1648.3}] 7.51 164.8 4 
800)1599.7| 7.59 160.0 ES 
726\1550.3| 7.68 | 155.0 ods 
65311501.7| 7.78 | 150.2 0 
600)1466.3} 7.86 | 146.6 .8 

641/1263.5| 7.60 | 126.3 
56711214.2| 7.71 121.4 .9 

500/1169.5| 7.83 | 116.9 a) 

796|1256.5| 6.91 | 139.6] 51.9 
714|1216.6| 7.00 13532 8 
632/1176.8| 7.10 | 130.8 9 
500) 1161-8 7.20.) 126.9 ae 

711] 917.5] 6.70 | 101.9 bit 
629] 877.7| 6.80 97.5 .4 
547| 837.8] 6.92 93.1 .3 
460] 795.5| 7.07 88.4 52 

868} 687.2) 5.61 91.6 6 
70| 659.6] 5.69 87.9 .8 

672| 632.1| 5.78 84.3 i 
590| 609.0] 5.87 81.2 -0 

648] 508.7| 5.63 | 67.8] 17.0 
550) 481.1) 5.74 64.2 .0 
.452| 453.6} 5.88 60.5 .0 
"410| 441.8] 5.95 | 58.9] 14.6 
.810| 319.3] 4.46 ‘shey4 3. 
.687| 301.6] 4.55 50.3 0 
.565| 284.1] 4.66 47.3 .8 
“460| 268.9| 4.77] 44.8] 13.8 
.428| 227.0| 4.72 | 37.8] 10.0 
“350| 215.8| 4.83 | 36.0] 9.5 
-741| 158.0| 3,68 | 31.6] 9.4 
.594| 145.8] 3.78 O91 3S. 
.447| 133.5] 3.91 26071. 76 
"310| 122.1| 4.07 | 24.4] 6.9 
.724| 111.3] 3.30 | 24.7| 7.3 
561} 101.4] 3.40 22.5) 6.4 
.397| 91.4] 3.54 2063) Ss6 
.290| 84.9] 3.67 F829) V5ia2 

* Shearing stress factor multiplied by shear at a section (in pounds) gives the maxi- 
mum shearing unit stress in the web of the beam (in pounds per square inch). 



Art. 46 Rolled Structural Beams 667 

Properties of Standard I Beams—Continued 

Dimensions are given in inch units 

25.5 | 7.43 | 4.262} 0.532] 68.1 | 3.03 | 17.0 | 4.7 0.80 | 0.284 
8 23.0 | 6.71 | 4.171} 0.441) 64.2 | 3.09 | 16.0 | 4.4 0.81 | 0.338 

20.5 | 5.97 | 4.079] 0.349) 60.2 | 3.18 | 15.1 | 4.0 0.82 | 0.420 
18.4 | 5.34 | 4.000) 0.270} 56.9 | 3.26 | 14.2 | 3.8 0.84 | 0.535 

20.0 | 5.83 | 3.860} 0.450] 41.9 | 2.68 | 12.0 | 3.1 0.74 | 0.381 
ig £7.56] 909, | 32755) 0.345] 38-9 [2.771 11, 1-1 2.9 0.76 | 0.486 

15.3 | 4.43 | 3.660) 0.250) 36.2 | 2.86 | 10.4 | 2.7 0.78 | 0.655 

17.25] 5.02 | 3.565} 0.465] 26.0 | 2.28 Sede, Leo 0.68 | 0.432 
. 14.75) 4.29 | 3.443) 0.343) 23.8 | 2.36 be Doky Zed 0.69 | 0.625 

} 12.5 | 3.61 | 3.330) 0.230) 21.8 | 2.46 7.3 | 1.8 0.72 | 0.830 

14.75) 4.29 | 3.284) 0.494) 15.0 | 1.87 6.0 |] 1.7 0.63 | 0.495 
5 12.25) 3.56 | 3.137] 0.347) 13.5 | 1.95 3.451 1.4 0.63 | 0.684 

| 10.0 | 2.87 | 3.000) 0.210} 12.1 | 2.05 BS} 152 0.65 | 1.093 

10.5 | 3.05 | 2.870} 0.400} 7:1 | 1.52 Sa 1 120 0.57 | 0.755 
4 9.5 | 2.76 | 2.796) 0.326) 6.7 | 1.56 3.3 | 0.91°| 0.58 | 0.912 

8.5 | 2.46 | 2.723) 0.253) 6.3 | 1.60 3.2 | 0.83 | 0.58 | 1.160 
7.7 | 2.21 | 2.660) 0.190) 6.0 | 1.64 3.0 | 0.77 | 0.59 | 1.510 

FF) Bele) ZP509P 0.3491. 42'9) V\E..15 1.9 | 0.59 | 0.52 | 1.147 
3 6.5 | 1.88 | 2.411] 0.251; 2.7 | 1.19 1.8] 0.51 | 0.52 | 1.535 

5.7 | 1.64 | 2.330} 0.170] 2.5 | 1.23 1.7 | 0.46 | 0.53 | 2,250 

* Shearing stress factor multiplied by shear at a section (in pounds) gives the maxi- 
mum shearing unit stress in the web of the beam (in pounds per square inch). 

Comparative Tests on standard I beams and Bethlehem special I beams and girder 
beams, made at the University of Pennsylvania, gave following values of the modulu- 
of rupture in pounds per square inch as an average of three specimens in each case. 
The 15-in. beams were 15 ft. in span, the others were 20 ft. in span. 

Standard I, 15-in., 42-lb., central loading, wv | > no NR So oO 

Standard I, 15-in., 42-lb., quarter point loading, S = 34700 
Standard I, 24-in., 80-lb., quarter point loading, S = 33000 
Bethlehem I, 15-in., 38-lb., central loading, S = 46 100 
Bethlehem I, 15-in., 38-lb., quarter point loading, S = 37 900 
Bethlehem I, 24-in., 72-lb., quarter point loading, S = 34 600 

Girder beam, 15-in., 73-lb., centralloading, | S = 53 900 
Girder beam, 15-in., 73-lb., quarter point loading, S = 41 100 
Girder beam, 24-in., 120-lb., quarter point loading, 8 = 4 a 
Girder beam, 30-in., 175-lb., quarter point loading, 

The modulus of elasticity for the 31 beams tested was nearly constant, its average 
value being 26 300 000 lb. per sq. in. This value, deduced from the full-size tests, was 

somewhat less than that obtained from the tensile tests on specimens cut from the 
flange, web and root of the several beams; this average was 28 700 000. 

The Bethlehem Structural Beams are wide-flange I sections rolled by the 

Grey universal beam mill. Instead of the horizontal grooved rolls of the ordinary 

beam mill, the Grey mill has both horizontal and vertical rolls, by which the 

flanges and web of an I-beam shape are each produced by simultaneous com- 

bined rolling operations acting at right angles. This method of rolling makes it 

possible to obtain wider flanges than can be produced by the ordinary beam mill, 
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Properties of Bethlehem I Beams 
Dimensions are given in inch units 

30-1/8 | 129.0} 37 5566.5) 12. 
3 121.0] 35 5213.6] 12. 
29-7/8 | 115.0] 33 4886.8] 12. 
28-1/8 | 104.0] 32. 4285.5] 11. 
28 97.0} 30. 3993.8] 11 
27-7/8 | 91.0| 26.86] 9. 14] 11. 
26-1/8 | 98.0) 28.47] 9. .9| 10. 
2 91.0] 26.55] 9. -8| 10. 
25-7/8 | 85.5| 24.89] 9. :2| 10. 
24-3/32 | 104.5] 30.63] 9. 7) "9. 
24 99.5] 29.15] 9. ‘7| 9. 
23-29/32| 95.5] 27.79] 9. ig} 9! 
24 84.5] 24.75] 9. iy 9. 
24-3/32 | 79.5] 23.17] 9. 13UE69s 
24 73.5] 21.52] 9. 14| 9. 
22-1/8 | 67.5] 19.84] 8. 5} 9. 
22 62.5] 18.38] 8. 14} 9. 
20-3/32 | 78.0] 22.77| 8.9 13/58) 
20 73.0] 21.37] 8. 18] 8. 
20-1/8 | 64.5] 18.79] 8. eld Bs 
20-1/16 | 62.0] 18.11] 8. ree 
20 59.5] 17.33] 8. ST} 28: 
18-1/8 | 74.0] 21.61] 8. .0| 7. 

| 18 69.0] 20.20] 8. wayaon. 
| 17-7/8 | 64.5] 18.79] 8. 25h ory 
| 18-1/8 | 54.5] 15.95] 7. aS Maye 
| 18-1/16 | 52.0] 15.22] 7. Al a 
| 18 49.0] 14.32] 7. oS oat 
1-15 71.5| 20.79] 7. 4] 6. 
15-1/8 | 59.5] 17.32] 7. BAW 
15 54.5| 15.87] 7. 15] 6. 
14-7/8 | 50.5] 14.66] 6. 18] 6. 
15-3/32 | 42.5] 12.39] 6. .8| 6. 

| 15-1/32 | 40.0] 11.68] 6. lh: 
| 15 38.5] 11.26] 6. 14] 6. 
12-1/8 | 44.0] 12.97] 6. dit 8 
12 40.0) 11,80] 6. eal 5, 

| 12 28.0] 8.28] 6. 16 5. 
| 10-3/32 | 26.0] 7.61] 5. 7) 4. 
1 23.5| 6.89] 5. 9) 4. 
9-1/16 }| 22.0] 6.45] 5. 9) 3. 

20.5] 6.02] 5. ASh Se 
8-1/16 | 19.0] 5.62] S. 9) 3. 

17.5] 5.14] 5. Salk es 

* Shearing stress factor multiplied by shear at a section (in pounds) gives the maxi- 
mum shearing unit stress in the web of the beam (pounds per square inch). 



Rolled Structural Beams 669 

Properties of Bethlehem Girder Beams 
Dimensions are given in inch units 

¢ Radi-} Sec- 
b ° ment | us of | tion | ment | us of | stress 
or, of in- | gyra- | mod- | of in- | gyra-| fac- 

ertia, | tion, | ulus, | ertia, | tion, | tor * 
h I r I/c 1 BS rT: 

30-1/4 .0 9148.8] 12.50] 607.5] 628.5] 3.28 | .049 
30-1/8 .0 8651.1] 12.48] 576.7) 589.4] 3.26 | .052 
30 .0 8181.0] 12.45] 547.6] 552.0] 3.23 | .055 

28-1/8 .0 6988.7| 11.70] 497.1] 496.2] 3.12 | .057 
28 .0 6577.9} 11.68] 469.9] 462.8] 3.10 | .061 

26-1/8 .0 5576.6] 10.91] 427.0] 432.8] 3.04 | .064 
26 .0 5237.1] 10.89} 402.9] 402.7] 3.02 | .070 
25-7/8 .0 4930.6] 10.84] 381.0] 375.0] 2.99 | .071 

24-1/8 .0 4451.1] 10.11] 369.1] 383.3] 2.97 | .072 
24 .0 4174.2] 10.09] 347.9} 356.4] 2.95 | .076 
23-7/8 .0 3912.4] 10.05} 327.7] 330.7] 2.92 | .081 

24-1/8 .0 3844.8] 10.09] 318.8] 278.2| 2.72 | .080 
24 m0) 3585.3] 10.08] 298.8] 256.9] 2.70 | .087 
23-7/8 .0 3340.6| 10.04} 279.8] 236.7] 2.67 | .092 

20-1/8 .0 3106.6] 8.46) 308.8] 384.5] 2.97 | .081 
20 .0 2932.3| 8.43} 293.2] 360.9} 2.96 | .085 
19-7/8 -0 2760.6| 8.39} 277.7] 337.6] 2.94 | .089 | 

20-1/8 .0 2505.5| 8.47) 249.1] 260.1} 2.73 | .095 | 
20 .0 2340.2| 8.43] 234.0] 240.8} 2.71 | ,100 
19-7/8 0 2184.0} 8.39] 219.7] 222.3) 2.68 | .104 

18-1/4 .0 1725.7| 7.68) 190.5] 211.3] 2.69 | .,119 
18-1/8 .0 1593.4| 7.66] 177.0) 192.2) 2.66 | .129 | 
18 e 1472.8). 7.61| 164.7}.174.9] 2.53°).. 135 | 

15-1/8 0 1666.2| 6.24) 220.4] 347.3) 2.85 | .092 
15 .0 1577.7| 6.21] 210.4] 328.3) 2.83 | .096 
14-7/8 .0 1490.7} 6.18] 200.4] 309.5] 2.82 | .100 

15-1/8 .0 1306.3} 6.35] 172.8] 231.2] 2.67 | .118 
£5 .0 1271832) 6/32] 162.4) 214.3) 2.65.1 o0Z6 
14-7/8 .0 1134.7] 6.29] 152.5] 198.4] 2.63 | .133 

15-1/8 5 968.5) 6.43) 128.1) 143.0) 2.47 | .155 

15 .0 883.8) 6.40] 117.8] 128.9] 2.45 | .171 | 

14-7/8 0 806.4] 6.36] 108.4] 115.8] 2.41 | .178 | 

12-1/8 BS 589.0} 5.14] 97.2] 132.1],.2.43 | .182 | 

12 A) 538.41, 5,124 089. 7|..119.7) 2.41 | cot9si | 

11-7/8 .0 491.7| 5.07] 82.8] 108.3] 2.38 | .208 

12-1/8 0 103 479.9] 5.20] 79.2) ,95.8| 2.32 | .224 

12 aS L 431.8] 5.16] 72.0) 84.9) 2.29 | 243 

11-29/32 a 9. 396.9| 5.13} 66.6] 76.9) 2.26 | .258 

10-1/8 .0 9. 275.5| 4.36} 54.4] 66.4) 2.14 |] .306 

10 é BS) 9. 244.7| 4.33) 48.9] 58.2) 2.11 | .345 

9-29/32 An) 8. 223.8| 4.30] 45.2} 52.6) 2.08 | .359 

9-1/8 43.5 8. 193 18}! 3.92)" 42.5) * 511310202 9.650 

9 h 38.5 8. 170.3} 3.89] 37.9| 44.4} 1.99 | .399 

8-15/16| 36.0 8. 158.9] 3.88} 35.5} 41.0] 1.97 | .424 

8-1/8 37.0 > 8. 131.1] 3.49} 32.3] 38.7) 1.90 | .417 

8 : 33.0 . 8. 114.2] 3.45] 28.6] 33.2] 1.86 | .462 

7-7/8 29.5| 8.69] 7.99 29 | 100.7|. 3.41] 25.6] 28.4] 1.81 | .482 

* Shearing stress factor multiplied by shear at a section (in pounds) gives the maxi- 

r-um shearing unit stress in the web of the beam (pounds per square inch). 
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Properties of Standard H Beams 

Dimensions are given in inch units 

Axis XX 

Radi-| Sec- 
us of 

gyra- 

oo Oo OFS AW > na MAND ~10000 

rn 

w on “NOOO mor 

* Shearing stress factor multiplied by shear at a section (in pounds) gives the mazi- 
mum shearing unit stress in the web of the beam (in pounds per square inch). 

Properties of ‘‘Junior ” I Beams 
(Jones & Laughlin) 

Dimensions are given in inch units 

Axis XX 

Mo- | Radi-| Sec- 
ment | us of | tion 
of in- | gyra- | mod- 
ertia, | tion, | ulus 

r I/c 

-531}11.20 

-171] 9.06 

- 809) 7.19 

-449) 5.62 

- 086) 4.28 

Ni gal Only 

- 353] 2.26 

* Shearing stress factor multiplied by shear at a section (in pounds) gives the maxi- mum shearing unit stress in the web of the beam (in pounds per square inch). 

67.19 
49.83 
35.95 
25.31 
17.13 
11.10 
6.77 DN Www 
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47. Rolled Structural Shapes 

- Properties of Bethlehem Rolled Steel H Column Sections 
Continued on page 672. 

Dimensions are given in inch units 

For XX For YY 
as neutral axis | as neutral axis 
(see Fig. 69) (see Fig. 69) 

Mo- | Sec-|Radi-| Mo- | Sec-|Radi- 
tion |ment| tion | us of]ment| tion | us of 

of in-] mod-|gyra-|of in-| mod-|grya- 
ertia | ulus | tion |ertia | ulus | tion 

I/4d rt 

.0 17|105.7} 26.9) 3.40} 35.8) 8.9} 1.98 
i 17}121. 5] 30.4! 3.46] 41.1) 10.3) 2.01 
.0 50]139.5) 34.3] 3.48] 47,2] 11.7] 2.03 
aS 83}158, 3} 38.4) 3.51] 53.4) 13.2] 2.04 

.0 18]/177.7| 42.4] 3.54] 59.8) 14:7] 2.05 
0 53|197. 8] 46.5] 3.57] 66.3] 16.3) 2.07 
oe 90/218. 6} 50.7} 3.60) 73.1] 17.8] 2.08 
.0 27|240.2|) 54.9} 3.63) 80.2} 19.4] 2.09 
.0 6|262.5] 59.2]°3.65] 87.1] 21.0] 2.11 

ej 05|285.6] 63.5) 3.68] 94.4] 22.7] 2.12 
0 309.5) 67.8) 3.71|101.9) 24.4] 2.13 
.0 333.5] 72.1) 3.75}109.2) 26.0) 2.14 

5.5 359.0] 76.6] 3.77)117.2] 27.8) 2.16! 

BS. 385.3] 81:1] 3.80)125.1] 29.6] 2.17° 

.0 263.5] 53.4] 4.28] 89.1] 17.9] 2.49 

.0 296.8] 59.4] 4.32}100.4] 20.1] 2.51 

oe 331.9] 65.6] 4.35}112.2] 22.3) 2.53 

a 368.0] 71.8] 4.37|124.2] 24.6] 2.54 

.0 405.2] 78.1] 4.40]136.5] 27.0] 2.56 

.0 443.6] 84.5] 4.43]149.1] 29.4) 2.57 

a 483.0] 90.9] 4.46}162.0] 31.8) 2.58 

a, 523.5] 97.4) 4.49]175.1) 34.2] 2.60) 

.0 565.2/103.9| 4.52]/188.6] 36.7] 2.61 

99.5 607.0|110.4} 4.55)201.7 zit 2562 

105.5 651.0]/117.0] 4.58}215.6 .7| 2.64 

114.5 696.2/123.8] 4.61/229.9 43] 2.05 

117.5 742.7|130.6| 4.64|244.4 .9| 2.66) 

123.5 790.4|137.5| 4.67|259.3 oO 2207 

The clear distance between the flange fillets or the depth of the 

flat surface of the web available for connections, is 6.14 in. for 

the H 8 sections, 7.67 in. for the H 10 sections, 9.21 in. for the 

H 12 sections, and 11.06 for the H 14 sections. 

All columns having the same section number are from the same 

rolls. Whenever possible it is advisable to confine the selection of 

column to the same section number. : 

The section modulus is needed when the sections are to be used 

as beams, and also when columns are subject to bending. 
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Properties of Bethlehem Rolled Steel H Column Sections—Cont. 

Dimensions are given in inch units 

Sec-| Weight| Depth Width Thick-|Area 

For XX 
as neutral axis 
(see Fig. 69) 

For YY 
as neutral axis 
(see Fig. 69) 

nate ta sec tein ‘al Bec] He- Mo- | Sec- Ms 23 
ber ft. tion sn Hy web | tion |ment tion | dius ment | tion | Cus 

~ |mod-| of - |mod-| of 
of in- a-| of in- a. 
actin: ulus |&yt ertin ulus gyr 

I tion I tion 

d b t A I j1f2d]"r 19 249 f" 

64.5 | 11-3/4} 11.92] .39 |19.00) 499.0] 84.9] 5.13] 168.6] 28.3] 2.98 
71.5 | 11-7/8] 11.96] .43 |20.96| 556.6] 93.7] 5.15] 188.2] 31.5] 3.00} 
78.0 | 12 12.00} .47 {22.94} 615.6]102.6] 5.18] 208.1] 34.7] 3.01 
84.5 | 12-1/8) 12.04) .51 |24.92) 676.1]111.5] 5.21] 228.5] 37.9] 3.03 
91.5 | 12-1/4] 12.08] .55 |26.92] 738.1]120.5] 5.24] 289.2] 41.3] 3.04 

98.5 | 12-3/8) 12.12] .59 |28.92] 801.7]129.6] 5.27] 270.1] 44.6] 3.06 
105.0 | 12-1/2] 12.16] .63 |30.94} 866.8/138.6] 5.30] 291.7] 48.0] 3.07 

H 12) 112.0 | 12-5/8] 12.30} .67 |32.96] 933.4|147.9] 5.33 313.6} 51.4) 3.08 
118.5 | 12-3/4) 12.23] .70 |34.87]/1000.0]156.9] 5.36] 335.0] 54.8] 3.10 
125.5 | 12-7/8) 12.27] .74 |36.91]1069.8]166.2] 5.38] 357.7] 58.3] 3.11 

132.5) 93 12.31) .78 }38.97/1141.3]175.6] 5.41] 380.7] 61.9] 3.13 
139.5 | 13-1/8) 12.35] .82 |41.03]1214.5]185.0] 5.44! 404.1] 65.4] 3.16 
146.5 | 13-1/4) 12.39} .86 |43.10]1289.4)194.6] 5.47] 428.0] 69.1] 3.15 
153.5 | 13-3/8) 12.43] .90 |45.19}1366.0]204.3] 5.50] 452.2] 72.8] 3.16 
161.0 | 13-1/2] 12.47] .94 |47.28]1444.3]214.0] 5.53] 477.0] 76.5] 3.18 

83.5 | 13-3/4] 13.92 -43 124,46) 884.9]128.7] 6.01] 294.5] 42.3] 3.47 
91.0 | 13-7/8| 13.96] .47 126.76] 976.8]140.8! 6.04] 325.4] 46.6) 3.49 
99.0 | 14 14.00) .51 |29.06}1070.6|153.0] 6.07] 356.9] 51.0] 3.50 

106.5 | 14-1/8} 14.04} .55 |31.38/1166.6]165.2} 6.10] 387.8] 55.2 ByoL 
114.5 | 14-1/4) 14.08] .59 |33.70/1264.5]177.5] 6.13] 420.3] 59.7 ER 

122.§ | 14-3/8) 14.12 -63 |36.04/1364.6]189.9| 6.16] 453.4] 64.2] 3.55 
130.5 | 14-1/2] 14.16] .67 |38.38|1466.7|202.3] 6.18] 486.9 68.8] 3.56 
138.0 | 14-5/8] 14.19) .70 |40.59)1568.4/214.5] 6.21] 519.7 73.3) 3.58 
146.0 | 14-3/4) 14.23 -74 142.95}1674.7|227.1] 6.24] 554.4] 77.9] 3.59 
154.0 | 14-7/8) 14.27 -78 |45. 33/1783. 3]239.8] 6.27] 589.5] 82.6 3.61 

162.0 | 15 14.31 -82 |47. 71/1894. 0]252.5] 6.30] 626.1] 87.5] 3.62 
170.5 | 15-1/8} 14.35 -86 |50. 11/2007. 0/265.4] 6.33] 662.3] 92.3 3.64 H 14} 178.5 15-1/4| 14.39 -90 }52.51/2122.3|278. 3] 6.36] 699.0] 97.2] 3.65 
186.5 } 15-3/8) 14.43] .94 154.92/2239.8|/291.4] 6.39 736.3]102.1| 3.66 
195.0 | 15-1/2} 14.47) .98 |57.35|2359.7/304.5] 6.41 774,2|107.6] 3.68 

203.5 | 15-5/8] 14.51] 1.02 |59.7812481,9]1317.7| 6.44 812.6]112.0] 3.69 
211.0 | 15-3/4] 14.54] 1.05 |62.07)/2603. 3]330. 6! 6.48] 349 8)116.9] 3.70 
219.5 | 15-7/8| 14.58] 1.09 |64. 52/2730. 2|344.0] 6.51 889.3/122.0] 3.71 
227.5 | 16 14,62] 1.13 |66. 9812859. 61357.5| 6.53] 929 4/127.1| 3.72 
236.0 | 16-1/8] 14.66] 1.17 169. 45/2991. 5|371.0 6.56] 970.0/132.3] 3.74 

244.5 | 16-1/4] 14.70] 1.21 71.94/3125. 8}384.7] 6.59/1011.31137.6 32753 
253.0 | 16-3/8} 14.74] 1.25 |74.93|3262.7 398.5} 6.62/1053.2/142.9| 3.76 261.5 | 16-1/2| 14.78] 1.29 |76.93]3402.1 412.4) 6.65}1095,.6]148.3] 3.77 270.0 | 16-5/8] 14.82] 1.33 |79.4413544.1 426.4! 6.68/1138.7|153.7| 3.79 278.5 | 16-3/4| 14.86] 1.37 |81.97|3688.8 440.5] 6.71/1182.4]159.1] 3.80 287.5 | 16-7/8] 14.90] 1.41 |84.50|3836.1/454.7 6. 74/1226. 7|164.7}) 3.81 
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Properties of Standard Angles with Equal Legs 
Dimensions are given in inch units 

See paragraph on Unsymmetrical Loading of Beams, p. 570 

Distance 
of Moment} Radius | Mini- 

2 Lb.. Area {center of of of mum 
Size per of gravity | inertia, |gyration,| radius of 

ft. section from axis XX | axis XX | gyration, 
back of | or YY | or XY | axis QQ 
flange 

A xory I r |_tmin 

8X8 56.9 16.73 2.41 98.0 2.42 1.55 
8x8 54.0 15.87 2.39 93.5 2.43 1.56 
8x8 51.0 15.00 2.37 89.0 2.44 1.56 
8x8 48.1 14.12 2.34 84.3 2.44 1.56 
8X8 45.0 13.23 2.32 79.6 2.45 1.56 
8x8 42.0 12.34 2.30 74.7 2.46 1.57 
8x8 38.9 11.44 b Jed oS 69.7 2.47 DS 7 
8X8 35.8 10.53 iL 64.6 2.48 1.58 
8X8 eae 9.61 2.26 59.4 2.49 1.58 
8x8 29.6 8.68 2.21 54.1 2.50 1.58 
8X8 26.4 Vela 2.19 48.6 2.51 1.58 

6X6 37.4 11.00 1.86 35 45 1.80 1.16 
6X6 5 bes) 10.37 1.84 33.47 1.80 1.16 
6X6 3 52 9.73 1.82 38 a9 1.81 Ae 17 
6X6 31.0 9.09 1.80 30.1 1.82 1517 
6X6 28.7 8.44 1.78 28.2 1.83 117) 
6X6 26.5 7.78 1.75 26.2 1.83 1.17 
6x6 24.2 7.11 1.73 24.2 1.84 1.17 
6X6 21.9 6.43 v.78 DLS 1.85 1.18 
6X6 19.6 Pals 1.68 19.9 1.86 1.18 
6X6 7) 5.06 1.66 L7af 1.87 1.29% 4] 
6x6 14.9 4.36 1.64 15.4 1.88 1.19 

5x5 30.6 9.00 1.61 19.6 1.48 0.96 
5x5 28.9 8.50 1.59 18.7 1.48 0.96 
5x5 27 «ie 7.98 4.57 17.8 1.49 0.96 
5x5 25.4 7.47 1.55 16.8 1.50 0.97 

5x5 23.6 6.94 ¥..52 We 7 1.50 0.97 
5x5 21.8 6.40 1.50 14.7 ee fl 0.97 

5x5 20.0 5.86 1.48 13.6 2 0.97 

SIXS 18.1 §.31 1.46 12.4 £',.53 0.98 

5X5 16.2 4.75 1.43 1143 1.54 0.98 

5x5 14.3 4.18 1.41 10.0 1 0.98 

5X5 12 3 3.61 1.39 8.7 1.56 0.99 

4x4 19.9 5.84 1.29 8.1 1.18 0.77 

4X4 18.5 5.44 POTS [pif 1.19 0.77 

4X4 Ff 5.03 Y.25 (ey 1.49 0.77 

4X4 5 he 7 4.61 1.23 6.7 1.20 0.77 

4x4 14.3 4.18 2.21 6.1 1.21 0.78 

4X4 12.8 3.75 1.18 5.6 1.22 0.78 

4X4 11.3 3.31 1.16 5.0 1.23 0.78 

4x4 9.8 2.86 1.14 4.4 1.23 0.79 

4x4 8.2 2.40 1.12 3.7 1.24 0.79 

4X4 6.6 1.94 1.09 3.0 1.25 0.79 
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Properties of Standard Angles with Equal Legs—Cont. 
Dimensions are given in inch units 3 

x - . 

See paragraph on Unsymmetrical Loading of Beams, p. 570 

Distance 
° Moment} Radius 

Lb. Area | center of of 
per of gravity | inertia, |gyration, 
ft. section from axis XX | axis XX 

ack of 
flange 

A xory 

3-1/2 X3-1/2 13/16 Ra 5.03 1.17 53 Lie 0. 
3-1/2X3-1/2 | 3/4 16.0 4.69 1.15 5. 1. 0. 
3-1/2 3-1/2 11/16 14.8 4.34 1,12 4. Tt; 0. 

3-1/2 3-1/2 5/8 13.6 3.98 1.10 4. iz 0. 

3-1/2 3-1/2 9/16 12.4 3.62 1.08 4. Ls 0. 

3-1/2 X3-1/2| 1/2 11.1 3.25 1.06 3. 15 0. 
3-1/2 X3-1/2 | 7/16 9.8 2.87 1.04 3. ile 0. 
3-1/2 X3-1/2 | 3/8 8.5 | 2.48 1.01 Ds 1. 0. 
3-1/2 X3-1/2 5/16 2 2.09 0.99 2. ce 0, 
3-1/2 X3-1/2 1/4 5.8 1.69 0.97 2 1. 0. 

<8) 5/8 1055 3.36 0.98 es 0. 0. 
3X3 9/16 10.4 3.06 0.95 2. 0. 0. 
3X3 1/2 9.4 2.75 0.93 qe 0. 0. 
3X3 7/16 8.3 2.43 0.91 ae 0. 0. 
oS) 3/8 a2 2.4% 0.89 ve 0. 0. 
3o<3 §/16 6.1 1.78 0.87 i: 0. 0. 
axX3 1/4 4.9 1.44 0.84 “- 0. 0. 

2-1/2 X2-1/2 1/2 Tae 2.25 0.81 iF 0. 0. 
2-1/2 X2-1/2 7/16 6.8 2.00 0.78 ls 0. 0. 
2-1/2 2-1/2 3/8 59 Das 0.76 0. 0. 0. 
2-1/2;X2-1/2 5/16 5.0 1.47 0.74 0. 0. 0. 
2-1/2 2-1/2 1/4 4.1 1.19 0.72 0. 0. 0. 
2-1/2 2-1/2 3/16 3.07 0.90 0.69 0. 0. 0. 
2-1/2 X2-1/2 1/8 2.08 0.61 0.67 0. 0. 0. 

22 7/16 5.8 1.56 0.66 0. 0. 0. 
ZK? 3/8 4.7 1.36 0.64 0. 0. 0. 
2X2 5/16 3.92 1.15 0.61 0. 0. 0. 
2X2 1/4 3.19 0.94 0.59 0. 0. 0. 
2K2 3/16 2.44 0.71 0.57 0. 0.6: 0. 
2X2 1/8 1.65 0.48 0.55 0. 0. 0. 

1-3/4 X1-3/4 7/16 4.6 1.34 0.59 0. 0. 0. 
1-3/4 X 1-3/4 3/8 3.99 L.1% 0.57 0. 0. 0. 
1-3/4 X 1-3/4 5/16 3.39 1.00 0.55 0. 0. 0. 
1-3/4 X 1-3/4 1/4 7 0.81 0.53 0. 0. 0. 
1-3/4 X 1-3/4 3/16 Zaha 0.62 0.51 0. 0. 0. 
1-3/4 X 1-3/4 1/8 1.44 0.42 0.48 0. 0. 0. 

1-1/2 1-1/2 3/8 S05 0.98 0.51 0. 0. 0. 
1-1/2 X1-1/2 5/16 2.86 | 0.84 0.49 0. 0. 0. 
1-1/2 K1-1/2 1/4 2.34 0.69 0.47 0. 0. 0. 
1-1/2 X1-1/2 3/16 1.80} 0.53 0.44 0. 0. 0. 
1-1/2 X1-1/2 1/8 1523 0.36 0.42 0. 0. 0. 

1-1/4 & 1-1/4 5/16 2.33 0.68 0.42 0. 0. 0. 
1-1/4 X1-1/4 1/4 1.92 0.56 0.40 0. 0. 0. 
1-1/4 1-1/4 3/16 1.48 0.43 0.38 0. 0. 0. 
1-1/4 1-1/4 1/8 1.01 0.30 0.35 0. 0. 0. 

15<1 1/4 1.49 0.44 0.34 0. 0. 0. 
— oe 1.16 0.34 0.32 0. 0. 0. 
x /8 0.80 0.23 0.30 0. 0. 0. 



z 

Art. 47 Rolled Structural Shapes 675 

Properties of Angles with Unequal Legs 
Dimensions are given in inch units 

See paragraph on Unsymmetrical Loading of Beams, p. 570 

Distance ps Moment of Radius of 
center o inertia i 

s Lb. Area _ gravity gyration 

Size deneinig ae ool from backs Axi ‘ Min 
ft. } tion of flanges << Axis | Axis hse 

ee YS xX 00 

t A y x I l’ r Tmin 
| 

*8 X6 1 | 44.2| 13.00] 1.65 | 2.65 | 38.78} 80.78] 1.73 | 2. 1 
*8 X6 15/16 | 41.7) 12.25 1. 63_)-2..68 J 36,85) 76.59) | 1.,i73. 1.2. ie 
*8X6 7/8 39.1) 11,48) 1.61 | 2.61 | 34.86] 72.32) 1.74 | 2. I 
*8 X6 13/16 | 36.5) 10.72, 1.59 2.59 | 32.82) 67.92) 1.75 | 2. J 
¥*8X6 3/4 33.8). 9.94 | 1.56 | 2.56 | 30.72] 63.42) 1.76 | 2. hg 

*8X6 11/16] 31.2}. 9.15 | 1.54 | 2.54 28.56] 58.82) 1.77 | 2. 1° 

*8 X6 5/8 .| 28.5 8.36 | 1.52 | 2.52 | 26.33] 54.10) 1.77 | 2, 1. 
*8X6 9/16 | 25.7) 7.56) 1.50 | 2.50 24.04) 49.26 1.78 | 2. 1: 

*8X6 1/2 23.0, 6.75 | 1.47 + 247-2168) 44; 31) 115/79) | 283 . be 

47 3-1/2} 1 | 32.3 9.50) 0.96 | 2.71) 7,53} 45.37] 0.89 | 2. 0. 
*7 X3-1/2| 3/4 24.9 7.31 | 0.87 | 2.62 6.08} 35.99 0.91 | 2. 0. 

*7 X3-1/2| 1/2 17.0, 5.00 | 0.78 | 2.53 4.41] 25.41) 0.94 | 2. 0. 

6x4 1 30.61 9.00 |: 1.17 .| 2.17 | 10.75} 30.75) 1.09 | 1. 0. 

6x4 15/16 | 28.9 8.50 1,14 | 2.14 | 10.26} 29.26] 1.10 | 1. 0. 

6x4 7/8 27,2}, 7.99 | 1.12 | 2.12 OL 750 27.40) tx tied: 0. 

6X4 13/16 | 25.4, 7.47 | 1.10 | 2.10 | 9.23] 26.15) 1.11 | 1. 0. 
6x4 3/4 23.6 6.94 | 1.08 | 2.08 8.68} 24.51) 1.12 | 1. 0. 

6x4 11/16} 21.8) 6.41 | 1.06 2.06 Batt 22582i-0 1350) My 0. 

6x4 5/8 20.0, 5.86 | 1.03 | 2.03 fed) ep UST 0) 4 Te Kal ip 0. 

6x4 9/16 | 18.1, 5.31 1.01 | 2.01 6.91} 19.26 1.14 | 1. 0. 

6x4 1/2 16.2) 4.75 | 0.99 | 1.99 652i 12240) (t. 255 ad. 0. 

6x4 7/16 | 14.3 4.18 | 0.96 | 1.96 5.60} 15.46 1.16 | 1. 0. 

6x4 3/8 12.3) 3.61 | 0.94 | 1.94 4.90] 13.47; 1.17 | 1. 0. 

6 X3-1/2 1 28,9) 8.50 | 1.01 | 2.26 7.21] 29.24) 0.92 | 1. 0. 

6 X3-1/2| 15/16 | 27.3) 8.03 | 0.99 | 2.24 6,88) 27.84 0.93 | 1. 0. 

6 X3-1/2| 7/8 25:7) 7.55 °\°0.97 | 2.22 6.55] 26.38 0.93 | 1. 0. 

6 X3-1/2| 13/16 | 24.0 7.06 0.95 | 2.20 6,20] 24.89 0.94 | 1. 0. 

6X3-1/2| 3/4 22.4| 6.56 | 0.93 | 2.18 5.84 23.34 0.94 |} 1. 0. 

6 X3-1/2| 11/16 | 20.6) 6.06 | 0.90 | 2.15 5 AT 2A. 1410, 95 IL. 0. 

6 X3-1/2} 5/8 18.9) 5.55 | 0.88 | 2.13 5.08] 20.08) 0.96 | 1. 0. 

6X3-1/2| 9/16] 17.1) 5.03 | 0.86 | 2.11 4.67| 18.37) 0.96 | 1. 0. 

6X3-1/2} 1/2 15.3 4.50 | 0.83 | 2.08 4,25] 16.59) 0.97 | 1. 0. 

6X3-1/2| 7/16 | 13.5) 3.97 0.81 | 2.06 3.81) 14.76) 0.98 | 1. 0. 

6 X3-1/2| 3/8 11.7) 3.42 | 0.79 | 2.04 3.34] 12.86) 0.99 | 1. 0. 

5 X3-1/2| 7/8 22.7| 6.67 | 1.04 | 1.79 6.21] 15.67} 0.96 | 1. 0. 

5 X3-1/2| 13/16 | 21.3 6.25 2.102 bets 5.89] 14.81) 0.97 | 1. 0. 

5 X3-1/2| 3/4 19, 8) 5.84 |. 1.00 | 1.75 5.55) 13.92) 0.98 | 1. 0. 

5 3-1/2] 11/16 | 18.3 §.37 10.97 | 4.72 5.20} 12.99 0.98 | 1. 0. 

5 X3-1/2| 5/8 16.8) 4.92 0.95 | 1.70 4,83] 12.03] 0.99 | 1. 0. 

5 X3-1/2| 9/16] 15.2) 4.47 | 0.93 | 1.68 4.45] 11.03} 1.00 | 1. 0. 

§ X3-1/2| 1/2 13.6 4.00 | 0.91 | 1.66 4.05} 9.99) 1.01 | 1. 0. 

5)X<3-1/2| 7/16.) 12,0 3.53 | 0.88 | 1.63 3.63) 8.90| 1.01 | 1.5 0. 

5 X3-1/2| 3/8 10.4 3.05 | 0.86 | 1.61 3.18] 7.78 1.02 1. 0. 

5 X3-1/2| 5/16 8.7) 2.56 | 0.84 | 1.59 2.72] 6.60) 1.03 | 1. 0. 

Spe 13/16 | 19.9} 5.84 | 0.86 | 1.86 3.71] 13.98) 0.80 | 1. 0. 

KS 3/4 18.5| 5.44 | 0.84 | 1.84 3.51] 13.15) 0.80 | 1. 0. 

5x3 11/16 | 17.1) 5.03 0.82 | 1.82 3.29 12.28) 0781, "| {ts 0. 

pe) 5/8 15.7| 4.61 | 0.80 | 1.80 3:06] 11.37) 0.82 | 1. 0. 

5X3 9/16 | 14,3) 4.18 OFT L797 2.83] 10.43) 0.82 | 1. 0. 

* Angles ma 
mand a slightly 
not always available to the purchaser. 

rked with an * are listed by some steel makers as special angles, and com- 

y higher price per pound than standard angles, and, in small lots, are 



676 Standard Market Sizes Sect. 7 

Properties of Angles with Unequal Legs—Cont. 
Dimensions are given in inch units 

See paragraph on Unsymmetrical Loading of Beams, p. 570 

Distance of Moment of Radius of 
ne center of inertia gyration rag OAS ape eee Saat nee 

o backs ‘ 
sec- pry Beis | Axis | Axis | Axis | Axis om 

ve ARE xxt} a r r r’ | fmin 

EIS 1/2 12.8) 3.75 | 0.75 | 1.75 | 2.58 | 9.45 | 0.83 | 1.59 | 0.65 
5X3 7/16 | 11.3] 3.31 | 0.73 | 1.73 | 2.32 | 8.43 | 0.84 | 1.60 | 0.65 
nee 3/8 9.8 2.86 | 0.70 | 1.70 | 2.04 | 7.37 ; 0.84 | 1.61 | 0.65 
> xs 5/16 8.2) 2.40 | 0.68 | 1.68 | 1.75 | 6.26 | 0.85 | 1.61 | 0.66 

*4 X3-1/2] 13/16 | 18.5} 5.43 | 1.11 | 1.36 | 5.49 | 7.77 | 1,01 | 1.19 | 0.72 
*4X3-1/2} 3/4 17.3) 5; 06k 1.09 | 2.34 1S. 18 7532-11-00 7 11. 20'4" B. 72 
*4 3-1/2] 11/16 | 16.0) 4.68 | 1.07 } 1.32 | 4.86 | 6.86 | 1,02 | 1.21 | 0.72 
*4 3-1/2] 9/8 14.7| 4.30 | 1.04 | 1.29 | 4.52} 6.37.) 1.03] 1.22] 0.72 
*4 3-1/2) 9/16 | 13.3) 3.90 | 1.02 | 1.27 | 4.17 | 5.86 | 1.03 | 1.23 |} 0.72 
*4 3-1/2! 1/2 11-9] 3550.) 1.00 °P 2.25 (7S. 79 Se32* 1 Of F es v2 
*4X3-1/2| 7/16 10.6, 3.09 | 0.98 | 1.23 | 3.40 | 4.76 | 1.05 | 1.24 | 0.72 
*4 X3-1/2| 3/8 9:17 2.67") 0.967 2.22 PF 2. 99 aris OG) To 259008.73; 
*4 3-1/2] 5/16 77 22254) 0.93.8 ETS 1b2. 59 PSa5on| 1 0x0) 11. 268-0: 73) 

4X3 3/4 16.0} 4.69 | 0.92 | 1.42 | 3.28 | 6.93-| 0.84 |] 1.22 | 0.64 
4x3 11/16} 14.8) 4.34 | 0.89 | 1.39 | 3.08 | 6.49 | 0.84 | 1.22 | 0.64 
4X3 5/8 13.6, 3.98 | 0.87 | 1.37 | 2.87 | 6.03-) 0.85 | 1.23 | 0.64 
4X3 9/16 | 12.4) 3.62 | 0.85 | 1.35 | 2.66 | 5.55 | 0.86 | 1.24 | 0.64 
4X3 1/2 11.1) 3,25 | 0.83 | 1.33 | 2.42 | 5.05 | 0.86 | 1.25 | 0.64 
4X3 7/16 9.8) 2.87 | 0.80 | 1.30 | 2.18 | 4.52 | 0.87 | 1.25 | 0.64 
4X3 3/8 8.5) 2.48 | 0.78 | 1.28 | 1.92 | 3.96 | 0.88 | 1.26 | 0.64 
4x3 5/16 7.2, 2.09 | 0.76 | 1.26 | 1.65 | 3:38 | 0.89 | 1.27 | 0.65 

3-1/2 X3 3/4 14.7) 4.31 | 0.96 | 1.21 | 3.15 | 4.70 | 0.85 | 1.04 | 0.62 
3-1/2 X3 11/16 | 13.6) 4.00 | 0.94 | 1.19 | 2.96 | 4.41 | 0.86 | 1.05 | 0.62 
3-1/2 X3 3/8 12.5) 3.67.) O0.92)-) 2.19 72.76 P4ents) OV8y | LOG KO. 62 
3-1/2 X3 9/16) 11.4) 3.34 | 0.90} 1.15 | 2.55 | 3.79 | 0:87-4 1.07 | 0.62 
3-1/2 X3 1/2 10.2} 3.00 | 0.88 | 1.13 | 2.33 | 3.45 | 0.88 | 1.07 | 0.62 
3-1/2 X3 7/16 9.1) 2.65 | 0.85 | 1.10 | 2.09} 3.10 | 0.89 | 1.08 | 0.62 
3-1/2 X3 3/8 7.9} 2.30 | 0.83 | 1.08 | 1.85 | 2.72 | 0.90 | 1.09 | 0.62 
3-1/2 X3 $/16 6.6} 1.93 | 0.81 | 1.06 | 1.58 | 2.33 | 0.90 | 1.10 | 0.63 

3-1/2 X2-1/2} 11/16} 12.5) 3.65 | 0.77 | 1.27 | 1.72 | 4.13 | 0.69 | 1.06 | 0.53 
3-1/2 X2-1/2} 5/8 11.5} 3.36 | 0.75 | 1.25 |.1.61 | 3.85.| 0.69 | 1.07 |. 0.53 
3-1/2 X2-1/2] 9/16 | 10.4) 3.06 | 0.73 | 1.23 | 1.49 | 3.55 | 0.70 | 1.08 | 0.53 
3-1/2 K2-1/2| 1/2 9.4) 2.75 | 0.70 | 1.20 |,1.36 | 3.24.| 0.70 | 1.09 | 0.53 
3-1/2 2-1/2] 7/16 8.3} 2.43 | 0.68 | 1.18 | 1.23 | 2.91 | 0.71 | 1.09 | 0.54 
3-1/2 X2-1/2] 3/8 U2) 22111 O66") LG 1.09 12°56) O72) HOC. 54 
3-1/2 X2-1/2| 5/16 6.1) 1.78 | 0.64] 1.14 | 0.94 | 2.19 | 0.73 | 1.11] 0.54 
3-1/2 X2-1/2| 1/4 4:9) 1.442) O.68-) L120 20. 78 --1280'| 10.74) Lee 54 

3X2-1/2| 9/16 9.5} 2.78 |.0.77 | 1.02 |.1.42 | 2.28] 0.72 | 0.9% | 0.52 
3X2-1/2] 1/2 8.5} 2.50 | 0.75 | 1.00 |,1.30 | 2.08] 0.72.] 0.91 | 0.52 
3X2-1/2| 7/16 7,6) 2522) 0.73 | 0.98 1. 18°) 1288, 110.73 | 10:92.) 0.52 
3X2-1/2 3/8 6.6) 1.92 | 0.71 | 0.96 |,1.04 |} 1.66] 0.74 | 0.93 | 0.52 
3X2-1/2| 5/16 5.6} 1.62 | 0.68 | 0.93 |,0.90 | 1.42 | 0.74 | 0.94 | 0.53 
3X2-1/2| 1/4 4.5) 1.31 | 0.66 | 0.91 | 0.74 | 1.17 | 0.75] 10.95 | 0.53 

2-1/2 X2 1/2 6.8} 2.00 | 0.63 | 0.88 | 0.64 } 1.14] 0.56 | 0.75 | 0.42 
2-1/2 X2 7/16 6.1] 1.78 | 0.60 ; 0.85 | 0.58 | 1.03} 0.57 | 0.76 | 0.42 
2-1/2 X2 3/8 5-3} 12555) 0.58, | 0.83 0.58 | 0:94) | 10.58) (0. 7220. 42 
2-1/2 K2 5/16 4.5} 1.31 | 0.56 | 0.81 |. 0.45 | 0.79 | 0.58 | 0.78 | 0.42 
2-1/2 X2 1/4 3.7/ 1.06 | 0.54 | 0.79 | 0.37 | 0.65 | 0.59 | 0.78 | 0.42 
2-1/2 X2 3/16 2.8 0.81 | 0.51 | 0.76 | 0.29 | 0.51 |:0.60 | 0.79 | 0.43 

* Angles marked with an * are listed by some steel makers as special angles, and com- 
mand a slightly higher price per pound than standard.angles, and, in small lots, are 
not always available to the purchaser. 



Rolled Structural Shapes 677 

Properties of Standard Channels 
Dimensions are given in inch units 

- 

+4 % (28 Axis XX is 

S| P| ge [gas 3 
Bs oy ° a DB] 4 $ 

=| 8| =| 2 (Ses/Setee] 3/5 [ost o 
3 S S 2 |okul $2] 0% ae | & as | €5 

$)/ S| a] & [322] 25/26/88 | a8) 35) 33 
x ° = 3 |B 5] 68 SB om | Om 3B gs 

A < = & jA Ss |e jn |e] em a 

A b t x yf r Vet |e 1" r’ 

55.0 16.11 |-3.814] 0.814] 0.82 |429.0] 5.16] 57.2 12,1 0.87) 0.106 

50.0 14.64] 3.716| 0.716] 0.80 |401.4] 5.24 §3.6111.2 10,871 BO) 119 

43.0 | 13.17 | 3.618|0.618| 0.79 |373.9| 5.33] 49.8/10.3 | 0.88] 0.136 
40.0 |11.70| 3.520 | 0.520| 0.78 |346.3| 5.44] 46.2| 9.3 | 0.89) 0.159 
35.0 10.23 | 3.422 | 0.422 | 0.79 |318.7} 5.58 42.5] 8.4 | 0.91] 0.192 

33.9 | 9.90| 3.400] 0.400| 0.79 [312.6] 5.62| 41.7| 8.2 | 0.91] 0.201 

40.0 | 11.73| 3.415 | 0.755 | 0.72 |196.5] 4.09] 32.8] 6.6 | 0.75] 0.143 
35.0 10.26 | 3.292 | 0.632 | 0.69 {178.8} 4.18 29.8) 5.9 | 0.76} 0.169 

30-0 | 8.79 | 3.170 | 0.510| 0.68 |161.2| 4.28] 26.9] 5.2 | 0.77) 0.205 
35.0 | 7.32 | 3.047 | 0.387 | 0.68 143-5] 4.43] 23.9] 4.5 | 0.79] 0.264 
50.7 | 6.03 | 2.940 | 0.280 | 0.70 1128.1] 4.61] 21.4] 3.9 | 0.81] 0.353 

35.0 | 10.27| 3.180 | 0.820| 0.70 |115.2] 3.34] 23.0] 4.6 | 0.67) 0.160 
30.0 | 8.80 | 3.033 | 0.673 | 0.65 |103.0| 3.42] 20.6] 4.0 | 0.67) 0.191 
25.0 7.33 | 2.886 | 0.526| 0.62 | 90 7) 3.52) 18.1] 3.4 | 0.68] 0.238 

50.0 | 5.86 | 2.739 | 0.379| 0.61 | 78.5] 3.66] 15.7| 2.8 | 0.70] 0.323 
15-3 | 4.47|2.600| 0.240| 0.64 | 66.9| 3.87| 13.4] 2.3 | 0.72) 0.487 

95.0 | 7.33|2.812| 0.612! 0.62 | 70.5] 3.10] 15.7] 3.0 | 0.64] 0.234 
20.0 | 5.86 | 2.648 | 0.448] 0.59 | 60.6] 3.22] 13.5] 2.4 | 0.65) 0.311 
150 | 4.39 | 2.485 | 0.285 | 0.59 | 50.7| 3.40] 11.3) 1.9 | 0.67) 0.470 
13.4 | 3.89] 2.430|0.230| 0.61 | 47.3] 3.49] 10.5] 1.8 | 0.67} 0.573 

2t.25| 6.23| 2.619 | 0.579] 0.59 | 47.6] 2.77] 11.9] 2.2 | 0.60) 0.278 
i8°73| 53.49 | 2.5271 0.487! 0.57 | 43.7| 2.82| 10.9) 2.0 | 0.60] 0.326 
16.28 | 4.76| 2.435 | 0.395 | 0.56 | 39.8] 2.89| 9.9] 1.8 | 0.61} 0.394 
is ble 4.02 | 2.343 | 0.303 | 0.56 35.8) 2.99] 9.0] 1.5 | 0.62) 0.502 

i115 | 3.36 | 2.260] 0.220| 0.58 | 32.3] 3.10} 8.1) 1.3 | 0.63) 0.675 

19.75] 5.791 2.509|0.629| 0.58 | 33.1] 2.39| 9.4] 1.8 | 0.56] 0.295 
i723} 5.05] 2.404] 0.524] 0.56 | 30.1] 2.44] 8.6] 1.6 | 0.56) 0.349 
14°75| 4.32] 2.299 | 0.419 | 0.54 | 27.1] 2.51] 7.7) 1.4 | 0.57) 0.427 
ey Sab) 3.58 | 2.194] 0.314 | 0.53 Asi 2.591" 6.91 122 0.58) 0.557 

9.8 | 2.85|2.090|0.210| 0.55 | 21.1] 2.72| 6.0) 0.98) 0.59) 0.805 

15.5 | 4.54] 2.279|0.559| 0.55 | 19.5] 2.07] 6.5} 1.3 | 0.53] 0.384 

13.0 | 3.81} 2.157 | 0.437 | 0.52 | 17.3] 2.13] 5.8] 1.1] 0.53) 0.480 

10s | 3.07 | 2.034 | 0.314| 0.50 | 15.1] 2.22] 5.0] 0.87) 0.53} 0.648 

8.2 | 2,39] 1.920 | 0.200 | 0.52 | 13.0] 2.34] 4.3] 0.70) 0.54) 0.985) 

1.5 | 3.36|2.032|0.472| 0.51 | 10.4] 1.76] 4.1] 0.82) 0.49] 0.537 

910 | 2.63 | 1.885 | 9.325| 0.48 | 8.8) 1.83} 3.5] 0.64] 0.49) 0.763 

6.7.| 1.95] 1.750; 0.190| 0.49 | 7.4] 1.95] 3.0) 0.48) 0.50) 1.245 

7.25| 2.12|1.720|0.320| 0.46 | 4.5] 1.47| 2.3} 0.44) 0.46) 0.976 

6.25| 1.82| 1.647} 0.247| 0.46 | 4.1] 1.50| 2.1] 0.38) 0.45) 1.240 

84 | 1.56|1.580|0.180| 0.46 | 3.8] 1.56] 1.9] 0.32] 0.45) 1.649 

6.0 | 1.75| 1.596] 0.356| 0.46 | 2.1] 1.08} 1.4] 0.31) 0.42) 1.156 

$10 | 1.46| 1.498] 0.258) 0.44 | 4.8] 1.12] 1.2) 0.25/0.41) 1.620 

a1. | 4.19] 1.410| 0.1701 0.44 | 1.6] 1.171 1.11 0.20) 0.41) 2<405) 

* Shearing stress factor multiplied by shear at a section (in pounds) gives the maxi- 

mum shearing unit stress in the web of the beam ‘in pounds per square inch). 
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Properties of Standard T Shapes 

Dimensions are given in inch units 

Distance Axis XX 

Area | center 
of gravity | Mo- | Sec- 

ion. from | ment! tion 
10n | back of | of | mod- 

flange jinertia| ulus 
y I I/c 

+6 | 3.99 0.75 2.6 1.18 | 0.82 | 5.6 2.22 | 11.49 

5 X2-1/2 | 11.0 |. 3.24 0.65 1.6 0.86 | 0.71 | 4.3 1.70 | 1.16 

4-1/2 X3-1/2 | 15.9 | 4.65 LAt S-4 2543 1.06.01 37 1.65 | 0.90 

4-1/2 <3 10.0 | 3.00 0.75 2.1 0.94 | 0.86 | 3.1 1.38 | 1.04 

4-1/2 X2-1/2 9.3 | 2.79 0.60 1.2 0.65 | 0.68] 3.1 1.38 | 1.08 

4x5 12.3 | 3.54 1.51 8.5 2.43 | 1.56] 2.1 1.06 | 0.78 

4X4-1/2 | 11.6 | 3.36 1.31 6.3 1.98 | 1.38 | 2:1 1.06 | 0.80 

4x4 10.9 | 3.21 LOLS 4.7 1,64 |) £:23°2-9 1.09 | 0.84 

4x3 953: Zev S 0.78 2.0 0.88 | 0.86 | 2.1 1.05 | 0.88 

4X2-1/2 7.4 | 2.16 0.60 1.0 0.55 | 0.70 | 1.8 0.88 | 0.91 

4X2 7, 9} 2e3n 0.48 0.6 0.40 | 0.52 | 2.1 1.05 | 0.96 
4x2 6. 7) 295 0.51 0.54 | 0.34 | 0.51 | 1.8 0.88 | 0.95 

3-1/2 X4 12.8 | 3.75 1.25 oS 1.98 | 1.21 | 1.89 | 1.08 | 0.72 
3-1/2 X4 10.0 | 2.91 Ls 4.3 1.55 | 1.22 | 1.42 | 0.81 | 0.70 
3-1/2 X3-1/2 | 11.9 | 3.45 1.06 Key 1.52 | 1.04 | 1.89 | 1.08 | 0.74 
3-1/2 X3-1/2 9.34 2.70 1.01 3.0 £1951) TOS 1) 1°42 | (OLSP A440) 73 

3-1/2 X3 11,0; 4° 33,22 0.88 2.4 1.13.) 0. 87'|) 1.88.1 11.08 116. 77 
3-1/2 X3 8.7 | 2.49 0.83 1.9 0.88 | 0.88 | 1.41 | 0.81 | 0.75 
3-1/2 X3 7.7 | 2.28 0.78 1.6 0.72 | 0.89 | 1.18 | 0.68 | 0.76 

3x4 11.9 | 3.48 R232 G2 1.94 | 1.23 |] 1.21 | 0.81 | 0.59 
3x4 10.6 | 3.12 1.32 4.8 1.78 | 1.25 | 1.09 | 0.72 | 0.60 
3x4 oS irs 1.29 4.3 1.57 | 1.26 | 0.93 | 0.62 | 0.59 
3X3-1/2 |-11.0 | 3.21 1.12 355 1.49 | 1.06 | 1.20 | 0.80 | 0.62 
3 X3-1/2 9.8 | 2.88 1.11 was 1.37 | 1.08 | 1.31 | 0.88 | 0.68 
3X3-1/2 8.6 | 2.49 1.09 2.9 1.21 | 1.09 | 0.93 | 0.62 | 0.61 
3X3 10.1 | 2.94 0.93 Bas: 1.10 | 0.88 | 1.20 | 0.80 | 0.64 
3X3 9.0 | 2.67 0.92 221 1.01 | 0.90 | 1.08 | 0.72 | 0.64 
3X3 7.9 1 2.28 0.88 138. 0.86 | 0.90 | 0.90 | 0.60 | 0.63 
3X3 6.8 | 1.95 0.86 1.6 0.74 | 0.90 | 0.75 | 0.50 | 0.62 
3 X2-1/2 6.2 | 1.80 0.68 0.94 | 0.52 | 0.73 | 0.75 | 0.50 | 0.65 

2-3/4 X2 Th, a AG 0.53 ToL 0.75 | 0.71 | 0.62 | 0.45 | 0.54 
2-1/2 X3 6.2 | 1.80 0.92 1.6 0.76 | 0.94 | 0.44 | 0.35 | 0.51 
2-1/2 X2-3/4 BLD th, Mord 0.83 1.2 0.60 | 0.83 | 0.44 | 0.35 | 0.51 
2-1/2 X2-1/2 5.6 | 1.62 0.74 0.87 | 0.50 | 0.74 | 0.44 | 0.35 | 0.52 
2-1/2 X1-1/4 3.0 | 0.84 0.29 0.094) 0.09 | 0.31 | 0.29 | 0.23 | 0.58 
2-1/4 2-1/4 4.2 | 1.20 0.66 0.51 | 0.32 | 0.67 | 0.25 | 0.22 | 0.47 

2X2 3.7 | 1.08 0.59 0.36 | 0.25 | 0.60 } 0.18 | 0.18 | 0.42 
2 1-1/2 3.2 | 0.90 0.42 0.16 | 0.15 | 0.42 | 0.18 | 0.18 | 0.45 

1-3/4 X1-3/4 3.2 | 0.90 0.54 0.23 | 0.19 | 0.51 | 0.12 | 0.14 | 0.37 
1-1/2 X1-1/2 2.0 | 0.54 0.44 0.11 | 0.11 | 0.45 | 0.06 | 0.07 | 0.31 
1-1/4 1-1/4 1.7 | 0.45 0.38 0.06 | 0.07 | 0.37 | 0.03 | 0.05 | 0.26 
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Properties of Standard Z Bars 
Dimensions are given in inches 

See paragraph on Unsymmetrical Loading of Beams, p. 570 

monvent of Radius of 
: » inertia gyration 

Width | Thick-) pp, 
of + € per (Mini- 

flange | .%, | ft. Axis | Axis | Axis | ™Um) 
YY | XxX | YY | 6 

b t 3 r rf Tinin 

3-1/2 3/8 45.6 |, £. 9.11 2.05 » 1.41 0.83 
3-9/16 7/16 £3.31) 5; 20,95 hh  Zogoe4 1283 0.84 
3-5/8 1/2 21.0 | 6. 12.87 | 2.36 | 1.44 0. 84 

3-1/2 9/16 | 22.7 | 6. 12°59 |. 228-4 1.37 0.81 
3-9/16 5/8 2.4 1 7, 14.42 22S, 4 1.69 0.82 
3-5/8 11/16 | 28.0 | 8. 16.34 | 2.29 | 1.41 0.84 

3-1/2 3/4 29.3 | 8. 15:44 | 2.21] 1.34 0.81 
3-9/16 13/16 | 31.9] 9. i p27-1 (2.0241 1.96 0.82 
3-5/8 7/8 34.6 |10. £9,138'% 2.2257 1.87 0.83 

5 3-1/4 5/16 | 11.6 | 3. 6.18 | 1.98 | 1.35 0.75 
5 3-5/16 3/8 13.9 | 4. 7.65 1,99° 11.387 0.76 
5 3-3/8 7/16 16.4 | 4. 9.20 1.9971: 13S 0.77 

5 3-1/4 1/2 17.9 W'S. 9F05-|° 1581-7 1.31 0.74 
5 3-5/16 9/16 | 20.2 | 5. 10.51 1.94) } 2.83: 0.75 
5 3-3/8 5/8 22.6 | 6. 12.06 1292.4 1,385 0.76 

5 3-1/4 11/16 | 23.7 | 6. i Nee Wf 1.84 | 1.28 0.73 
5 3-5/16 3/4 26.0 | 7. 12.83 1.85 | 1.30 0.75 
5 3-3/8 13/16 | 28.3 | 8. 14.36 | 1.86 | 1.31 0.76 

4 3-1/16 1/4 ee ee 4.23 14624 1.33 0.67 
4 3-1/8 5/16 10.3 | 3. 5.46 12:62 |) 1.34 0.68 
4 3-3/16 3/8 17.4 WS, 6.77 1.62 | 1.36 0.69 

4 3-1/16 7/16 13.8 | 4. 6.73 1750 h Lee 0.66 
4- 3-1/8 1/2 15.8 | 4. 7.96 ioe tek 0.67 
4- 3-3/16 9/16 17.9 WF 3, 9.26 1/55 T 1335 0.69 

4 3-1/16 5/8 18.9 | 5. S73 h 1748-7) 1925 0.66 
4 3-1/8 11/16 | 20.9 | 6. 9.95 L748 E27 0.67 

_4 3-3/16 3/4 23.0 | 6. 1.24 1.49 | 1.29 0.69 

3 2-11/16 1/4 627 V1 2.81 1521 \}) 1219 0.55 
3 2-3/4 5/16 8.4 | 2. 3.64 {ic 1.2% 0.56 

3 2-11/16 3/8 O87 24 3.92 1516) 1517 0.55 
3 2-3/4 7/16 | 11.4] 3. ATS DTT eh L519 0.56 

3 2-11/16 1/2 ULES ?'S Se 4.85 P212E 2315 0.55 
3 2-3/4 9/16 14.2 | 14. 5.70 112s) 1517 0.56 

48. Bars and Plates 

Commercial Sizes of Steel Bars commonly kept in stock in warehouses are 
as follows (values in inches): Rounds, 3/16 to 1-1/8 advancing by 16ths; 

1/14 to 4-3/4 advancing by 8ths; 5 to 8 advancing by 4ths. Squares, 1/4 to 

5/8 advancing by 16ths; 3/4 to 2 advancing by 8ths; 2-1/4 to 3-1/2 advancing 

by 4ths; 4 to 5 advancing by halves. Flats, thickness, 3/16 to 1/2 advancing 
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Square and Round Steel Bars 

or ference of 
diameter, round bar, 

in. in. 

1/16 1963 
1/8 .3927 
3/16 .5890 

1/4 . 7854 
5/16 -9817 
3/8 1.1781 
7/16 1.3744 

1/2 ‘ 1.5708 
9/16 ‘he < 1.7671 
5/8 she il 1.9635 

11/16 re 1 2.1593 

3/4 a die 2.3562 
13/16 : 1. 2.5525 
7/8 Vhs 2 2.7489 

15/16 ot 25 2.9452 

1 oe 2” 3.1416 
1-1/16 a 3. 3.3379 
1-1/8 4. 30 3.5343 
1-3/16 4. 3. 3.7306 

1-1/4 3s 4, 3.9270 
1-5/16 5 4. 4.1233 
1-3/8 6. Se 4.3197 
1-7/16 _. 5, 4.5160 

1-1/2 7. 6. 4.7124 
1-9/16 8. 6. 4.9087 
1-5/8 8. a 5.1051 
1-11/16 9. ts 5.3014 

1-3/4 8. 5.4978 
1-13/16 8. 5.6941 

1-7/8 9. 5.8905 
1-15/16 6.0868 

2 6.2832 
2-1/8 6.6759 
2-1/4 7.0686 
2-3/8 7.4613 

2-1/2 7.8540 
2-5/8 8.2467 
2-3/4 8.6394 
2-7/8 9.2284 

3 4248 
3-1/4 210 
3-1/2 996 
3-3/4 781 

14 

by 16ths; 5/8 to 1-1/4 advancing by 8ths; 1-1/2 to 2 advancing by 4ths. 
2-1/2 and 3; width, 3/8 to 6 advancing by 8ths. 
advancing by 16ths; 5/8 to 2 advancing by 8ths. 

Hexagons, 1/2 to 9/16 
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Weight of Rolled Steel Plates in Pounds per Linear Foot 

Thickness of plate in inches ; 

3/16 | 1/4 | 5/16 | 3/8. |.7/16 | 1/2 | 9/16 | 5/8 |11/16 |..3/4 

638} 0. 1.28) 21.49} p2.70} 91.92), 2.127 (2.34) 2555 
iaTL®. 1.59} 1.86} 12.12] 2.39) .2.65| ;2.92). 3,19 
957} 1. 1.92) 2.23) 2.55} 2.87| 3.19} 13.51) (3583 
148i} ¥. 2.23| 2.60} 2.98) 3.35) 3.72) 4.09) -4,47 

207, 1 2.55! 2.98] 3.40] 3.83) 4.25} 4.67) 5.10 
44) 1. 2.87) 3.35] 3.83) 4.30}, 4.78] 5.26) 5.75] 
59°} 2. 3.19}, 3.72) 4.25] 4.78) 5.31) 5.84) 6.38 
75 ip 2s 3.51} 4.09} 4.67] 5.26} 5.84) 6.43} 7.02 

OLaK 205 3.83} 4.46] 5.10} 5.74] 6.38) 7.02] 7.65 
07 th 2. 4.15} 4.83) 5.53] 6.22] 6.91], 7.60] 8.29 
23 wz 4.47; 5.20) 5.95} 6.70) 7.44} 8.18) 8.93) 
39 | 3. 4.78} 5.58| 6.38) 7.17) 7.97| 8.76) 9.57 

55} 3. 5.10} 5.95]. 6.80] 7.65} 8.50} 9.35] 10.20 
71 | 3: 5.42] 6.32} 7.22] 8.13}, 9.03] 9.93} 10.84 
87 | 3. 5.74| 6.70] 7.65) 8.61} 9.57} 10.52} 11.48 
03 | 4. 6.06} 7:07} 8.08} 9.09] 10.10) 11.11) 12,12 

19 | 4. 6.38) 7.44) 8.50] 9.57) 10.63) 11.69) 12.75 

35 | 4. 6.69| 7.81] 8.93} 10.04] 11.16] 12.27] 13.39 

51 | 4. 7.02| 8.18} 9.35] 10.52] 11.69] 12.85) 14.03 

67 | 4. 7.34) 8.36| 9.77| 11.00} 12.22) 13.44] 14.67 

83 | 5. 7.65| 8.93} 10.20] 11.48] 12.75] 14.03] 15.30 

99 | 5. 7.97| 9:29} 10.63} 11.95] 13.28) 14.61] 15.94) 

14 | 5. 8.29) 9.67] 11.05] 12.43] 13.81] 15.20] 16.58 

30 | 5. 8.61] 10.04] 11.48] 12.91) 14.34) 15.78] 17.22 

3 8.93] 10.41] 11.90] 13.39] 14.87] 16.36] 17.85 

62 | 6. 9.25] 10.78] 12.32] 13.86] 15.40] 16.94) 18.49 

78 | 6. 9.57| 11.16] 12.75] 14.34] 15.94] 17.53] 19.13 

94 | 6. 9.88] 11.53) 13.18] 14.82] 16.47} 18.12] 19.77 

6. 
7. 
(fe 
7. 

( 
de 
8. 
8. 

8. 
8. 
8. 
9. 

Op 
oF 
a, 

n 

Approximate rules for computing weights of bars, plates, and prisms: A wrought- 

iron bar one yard long and one square inch in section weighs 10 lb. Steel is about 

2% heavier than wrought iron. Cast iron is about 6% lighter than wrought iron. 
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Weight of Rolled Steel Plates in Pounds per Linear Foot —Continued 

Thickness of plate in inches 
S a ee een aniketese sas << fem YE SS Seer 
in 

inches |13/16| 7/8 15/16 1 1-1/16) 1/1-8 | 1-3/16 1-1/4 | 1-5/16} 1-3/8 

1 2.76| 2.98) 3.19] 3.40} 3.61] 3.83) 4.04 4.25) 4.46] 4.67 

1-1/4 3.45] 3.72] 3.99} 4.25} 4.52 .78| 5.05} 5.31] 5.58) 5.84] 

1-1/2 4.14] 4.47| 4.78] 5.10) 5.42] 5.74] 6.06} 6.38) 6.69 7.02 

1-3/4 4.84] 5.20] 5.58] 5.95] 6.32] 6.70) 7.07) 7.44 7.81); 8.18 

7 5.53] 5.95] 6.38] 6.80] 7.22] 7.65} 8.08} 8.50 8.93) 9.35 

2-1/4 6.21| 6.69] 7.18] 7.65} 8.13} 8.61] 9.09] 9.57) 10.04) 10.52 

2-1/2 6.90} 7.44] 7.97] 8.50] 9.03} 9.57] 10.10} 10.63) 11.16 11.69 

2-3/4 7.60) 8.18} 8.77] 9.35} 9.93] 10.52] 11.11] 11.69) 12 27| 12.85 

3 8.29| 8.93] 9.57] 10.20] 10.84] 11.48] 12.12] 12.75] 13.39] 14.03 

3-1/4 8.98] 9.67| 10.36] 11.05] 11.74] 12.43] 13.12] 13.81] 14.50] 15.20 

3-1/2 9.67} 10.41] 11.16] 11.90] 12.65] 13.39] 14.13] 14.87] 15.62] 16.36 

3-3/4 10.36| 11.16] 11.95] 12.75] 13.55] 14.34] 15.14] 15.94] 16.74) 17.53) 

4 11.05] 11.90] 12.75] 13.60] 14.45] 15.30} 16.15] 17.00] 17.85] 18.70 
4-1/4 | 11.74] 12.65] 13.55] 14.45] 15.35] 16.26] 17.16] 18.06] 18.96) 19.87 
4-1/2 12.43] 13.39] 14.34] 15.30] 16.26] 17.22] 18.17] 19.13} 20.08] 21.04 

4-3/4 13.12] 14.13] 15.14] 16.15] 17.16] 18.17] 19.18} 20.19) 21.20) 22.21 

5 13.81] 14.87] 15.94] 17.00] 18.06] 19.13] 20.19] 21.25] 22.32] 23.38 

5-1/4 14.50] 15.62] 16.74] 17.85] 18.96] 20.08] 21.20] 22.32] 23.43] 24 54/ 

5-1/2 15.19] 16.36] 17.53] 18.70] 19.87] 21.04] 22.21] 23.38] 24.54] 25.71 

§-3/4 15.88} 17.10] 18.33] 19.55) 20.77| 21.99] 23.22] 24.44] 25.66] 26.88 

6 16.58] 17.85] 19.13] 21.40] 21.68] 22.95] 24.23] 25.50] 26.78] 28.05 

6-1/4 17.27| 18.60] 19.92] 21.25] 22.58] 23.91] 25.23] 26.56} 27.90] 29.22 

6-1/2 17.95| 19.34] 20.72] 22.10] 23.48} 24.87) 26.24] 27.62] 29.01] 30.39 

6-3/4 18.65] 20.08] 21.51] 22.95] 24.39] 25.82] 27.25] 28.69) 30.12] 31.56 

7 19.34] 20.83] 22.32] 23.80] 25.29] 26.78] 28.26} 29.75| 31.23) 32.72 

7-1/4 | 20.03) 21.57}-23.11] 24.65) 26.19] 27.73] 29.27) 30.81] 32.35) 33 89 

7-1/2 20.72| 22.32] 23.91) 25.50] 27.10] 28.68) 30.28] 31.88) 33.48] 35.06 

7-3/4 | 21.41] 23.05] 24.70) 26.35} 28.00] 29.64] 31.29] 32.94) 34.59] 36.23 

8 80] 25.50] 27.20] 28.90| 30.60] 32.30] 34.00] 35.70] 37.40 
8 5 

8 
8 

Stone is about one-third the weight of wrought iron. Brick is about one-fourth the 
weight of wrought iron. Timber is about one-twelfth the weight of wrought iron. 
Concrete is slightly lighter than stone. 
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| 49. Bolts and Nuts 

Standard Screw Threads 
(A. S. M. E.) 

National Fine-thread Series 
(above 1/4 in. known as S. A. E. threads) 

Recommended for general use in 
automotive and aircraft work, and 
where special conditions require a 
fine thread. 

National Coarse-thread Series 
(known also as U. S. Standard) 

Recommended for general ase in 
machines and structures. 

| 4 | Diameters, Areas, 4 Diameters, Areas, 
& in. sq. in. & in. sq. in. 
J - —— 

me tae 3 Bull seal ete Le % ize 2 23 s 3 Size 2% oe 3 ES 3 

SAE ors te eel Te F $1418 E| 2 8 & 
|e Be Sag aca Quah a em ate te eo 
& mid fo) < i ma ia ~Q < 

No. 0} 80 |-.060} .044 .0028} .0015 

No. 1| 64 +073) .053) .0042] .0032}| No. 1] 72 | .073} .055) .0042) .0023 

No. 2| 56 -086) .063) .0058) .0032]} No. 1] 64 | .086] .066 .0058] .0034 

No. 3| 48 099; .072| .0077| .0041|| No. 3] 56 | .099) .076) .0077| .0045 

fs = d A 4 . 4} 48 | .112} .085) .0099] .0057 
No. 5| 40 | .125| .092] .0123) .0066|| No. 5} 44 | .125) .096 .0123| .0072 

6| 40 | .138} .106) .0150} .0088 

No. 8} 32 .164) .123] .0211; .0119]| No. 8] 36 | .164} .128) .0211] .0129 
No. 10} 24 | .190] .136| .0284) .0145]}] No. 10] 32 | .190) .149, .0284) .0174 
No. 12 | 24 | .216| .162} .0366| .0206]) No. 12] 28 | .216] .170 .0366| .0227 

1/4 in.| 20 | .250} .185] .0491] .0269|| 1/4 in.| 28 | .250) .204 .0491] .0326 
5/16in.| 18 | .312| .240) .0767| .0452|| 5/16in.| 24 | .312) .258 .0767| .0524 
3/8 inl| 16 | .375| .294) .1105| .0679)| 3/8 in.| 24 | .375) .321) .1105) .0809 
7/16in.| 14 | +438) .345) .1503} .0935|| 7/16in.| 20 | .438) .372  .1503) .1090 
1/2 in.| 13 | .500} .400| .1964) .1257|| 1/2 in.| 20 | .500) .435 .1964) .1487 

.562| .454] .2485) .1619|| 9/16in.| 18 | .562] .490 .2485, .1888 

.625) .507| .3068) .2019|| 5/8 in.| 18 | .625) .553 .3068) .2400 

.750| .620| .4418] .3019]| 3/4 in.| 16 | .750| .669 .4418) .3513 

.875| .731| .6013| .4197|| 7/8 in.| 14 | .875) .782, .6013] .4805 
w 32! > a o | cull conllll aeel 

worn 

lin. 8 |1.000} .838) .7854] .5515}/1in. 14 |1.000} .907 .7854) .6464 
1-1/8 in 7 |1.125] .939| .9940] .6925]|1-1/8in.| 12 |1.125)1.017) .9940] .8119 
1-1/4 in 7 |1.250)1.064/1.227 8891||1-1/4in.| 12 |1.250]1.1421.227 |1.024 
1-1/2 in 6 |1.500]1.284/1.767 11.295 |}1-1/2in.| 12 |1.500)1.3921.767 |1.521 

all 2 a ~ un oO = cS Oo So nN iS Oo mn = ~ rs n 1-3/4 in. 

_ 

2 in. 
2-1/4 in. 
2-1/2 in. 
2-3/4 in. 

> ~~, ia 

Ko} S ve} 

mwwnr 

~ aN N=) 

a NN WK HY 

on So =) 

Noes 

am <y on 

» w S So (=] iS n x mn ~_ fo) n we} an i we co 3in. 
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Bolt Heads and Nuts 

Rough and Semi-finished, Square and Hexagonal 

{A. S. M. E.) 

All dimensions are given in inches 

; Bolt heads Nuts 
= 

8 Width Minimum Width Minimum 
x} across width across Nomi across width across Nomi 
.~] 

= 
= 

3 flats corners et flats corners on 

| Maxi-| Mini.| Hex- height Mari-| Mini_| Hex- uw height 

A | mum | mum |agonal Square mum | mum |agonal|°¢U#*© 

1/4 0.375] 0.363] 0.414] 0.498 11/64|| 0.438) 0.425] 0.485] 0.584 7/32 

5/16 | 0.500) 0.484) 0.552) 0.665 13/64|| 0.562] 0.547] 0.624) 0.751 17/64 

3/8 0.562] 0.544] 0.620) 0.747 1/4 0.625) 0.606} 0.691] 0.832] 21/64 

7/16 | 0.625] 0.603} 0.687} 0.828 19/64 0.750} 0.728} 0.830} 1.000] 3/8 

1/2 0.750] 0.725] 0.827] 0.995] 21/64 || 0.812] 0.788] 0.898) 1.082 7/16 

9/16 | 0.875) 0.847] 0.966) 1.163 3/8 0.875) 0.847| 0.966) 1.163) 31/64 

5/8 0.938] 0.906] 1.033) 1.244) 27/64 || 0.938) 0.906) 1.033) 1.244) 35/64 

3/4 1.125] 1.088} 1,240) 1.494) 1/2 1.125] 1.088) 1.240) 1.494] 21/32 

7/8 1.312] 1.269] 1.447) 1.742) 19/32 1.312] 1.269) 1.447] 1.742] 49/64 

1 1.500] 1.450] 1.653] 1.991] 21/32 |] 1.500} 1.450] 1.653] 1.991] 7/8 
1-1/8 | 1.688] 1.631] 1.859) 2.239) 3/4 1.688) 1.631) 1.859) 2.239) 1 

1-1/4 | 1.875] 1.813] 2.067] 2.489) 27/32 1.875) 1.813] 2.067] 2.489] 1-3/32 

1-1/2 | 2.250] 2.175] 2.480] 2.986) 1 2.250) 2.175) 2.480] 2.986] 1-5/16 

1-3/4 | 2.625] 2.538] 2.893) 3.485] 1-5/32 2.625) 2.538] 2.893] 2.485) 1-17/32 

2 3.000} 2.900) 3.306) 3.982] 1-11/32}]| 3.000) 2.900) 3.306, 3.982) 1-3/4 

2-1/4 | 3.375] 3.263) 3.720) 4.480) 1-1/2 3.375] 3.263) 3.720) 4.480] 1-31/32 

2-1/2 | 3.750] 3.625] 4.133) 4.977) 1-21/32]| 3.750) 3.625) 4.133) 4.977) 2-3/16 

2-3/4 | 4.125] 3.988] 4.546] 5.476) 1-53/64|| 4.125) 3.988) 4.546) 5.476) 2-13/32 

3 4.500} 4.350] 4.959) 5.973] 2 4.500] 4.350) 4.9591 5.973] 2-5/8 

Upsetting reduces the strength of iron, so that bars having the same diam- 
eter at root of thread as that of the bar, invariably break in the screw end, 

when tested to destruction, without developing the full strength of the bar. It 
is therefore necessary to make up for this loss in strength by an excess of metal 

in the upset screw ends over that in the bar. Lengths of upset ends for use 

with turnbuckles of standard length (6 in. between heads) and with clevises 
should be 1 in. longer than specified in table, and additions for upset should 
be correspondingly increased. 
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Upsets on Square and Round Steel Bars 

All dimensions are given in inches 

Size of upset Square bars | 

Se | | se | | “= r=] 

3 8 Me BO ri: 3 | 28 
3k }e-4 3 18 | eel e 3 |e) 

4 |) $3 a3 3] Sa 1814) |£s} 
he S jae be | be © Od) uo a 4 & se 
Sep w la 116}. .s pied be eel Oo) 1 i a 
s/| * |g \e8] 14183) 33 | S4|\ se] s |) *! 8 les B) ¢ | 3 83] ¢| B28) os |es! 88) 2 | ¢/| 8 | 8s 
{}2\2)3 8) 2) 225) 2° Fis?) 218) 212 

| | 

5/8 | 0.307 4-1/236.8| 7/84 0.731) 0.420 9 ed ete PRA: Parity! la 
3/4| 0.442 3-7/824.4,1 4 0.837) 0.550 | 8 BEM st0.8. ee |. OF, de 

Mage Lsitcejeeve |e es] 151/84 © |0.940) 0.694 |7 4 3/4|0. 563) 3-1/2|20.6 
7/8 | 0.601;5 48.3] 1-1/44 © 1.065 0.891 |7 5-1/4] 7/8 |0.766,4 ° |16.3 

0,785) 4-3/834.7| 1-3/8 4 . |1.160, 1.057 }6 | 6 j.....Je wl te. 
1-1/8 | 0.994 3-7/830.3] 1-1/2 4 1.284, 1.295 | 6 7-1/2}1  |1.0004 — |29.5 
4-1/4 | 1.227) 3-7/823. 5] 1-5/8 4-1/21.389, 1.515 | 5-1/2) 8-1/2] 1-7/8|1.266 -4-1/2|19.7 
1-3/8 | 1.485}.3-1/2)17.4] 1-3/4 4-1/21.490| 1.744/5 |10 |-....].....)..... 
hat Hee eeeeslees | 1457/8 4-1/21.615, 2.049 /5 | 11-1/2] 1-1/4|1. 563 4-1/2|31.1 
1-1/2| 1.767 4-5/830.3}2 (5 © |1.712| 2.302 | 4-1/2/13 | 1-3/8|1. 891) 4-1/8]21.7 
25/8| 2.074| 4-1/4,27.8| 2-1/8 5 |1/837|'2.651' }4-4/2)15  |.....].....)...., 

1-3/4| 2.405/4  25.7| 2-1/4 5 |1.962) 3,023 | 4-1/2,18 | 1-1/2/2. 250) 4-3/4|34.0 
1-7/8 | 2.761) 4-1/8 23.9) 2-3/8 5-1/22.087,.3.410 |4 | 20 | 1-5/8|2. 641) 4-5/8|29.6 

3.142) 3-7/818.3| 2-1/2 5-1/22.175, 3.716 |4 |24 | 1-3/4]3.063) 4-1/4|21.3 
2-1/8 | 3.547| 3-5/817.1| 2-5/8, 5-1/2\2.300, 4.155 |4 | 28 J... [rece efecens st 
LAO ae a ee 2-3/4 6 (2.425, 4.619 }4 | 30 | 1-7/8|3. 516) 5-1/8/31.4 
2-1/4 | 3.976] 4-5/828.5| 2-7/8 6 2.550, 5.107 3-1/2 34 |2 |4,000 4-3/4]27.7 
2-3/8 | 4.430) 4-3/822.6} 3 |6 2.629) 5.430 | 3-1/2) 38 2-1/8|4. 516| 4-3/8]20.2 
2-1/2 | 4.909| 4-3/821.3| 3-1/8 6-1/22.754 5.957 | 3-1/2/50|.....].....]....-,.00. 
2-5/8, 5.412, 4-1/420. 3) 3-1/4 6-1/22.879, 6.510 | 3-1/2 50 | 2-1/4|5.063, 5-1/8|28.6 
2-3/4 | 5.940 4-1/419.3] 3-3/8 7 |3.004)7.088 | 3-1/4 65 |... fd 
AB AS: fiaizo dhl 3-1/2, 7 [3.100 7.548 | 3-1/4 65 | 2-3/8|5. 641) 6-1/8/33.8 
2-7/8 | 6.492, 5-1/2)25.9| 3-5/8 8 [3.225 8.170 | 3-1/4...... 2-1/2|6. 250) 6-1/4|30.7 

7.069, 5-1/422.2| 3-3/4, 8 3.317, 8.641 | 3-4/4..... 2-0. -fovses| deo 
3-1/8 |, 7.670 5-1/821.3|.3-7/8 8 |3.442) 9.305 |3 0 fesse. 2-5/8|6. 891, 6-3/4|35.0 
3-1/4 | 8.296, 4-7/820.7|4 |8  |3.567\9.994|)3  |...... 2-3/4|7.563,6 [25.1 
3-3/8| 8.946 6 [26.6|4-1/4.9  |3.79811.33 | 2-7/8)...... 2-7/8|8.266 8  |37.0| 
3-5/8 |10.32 | 4-1/2'23.6] 4-1/2 9 _|4.02812.75 | 2-3/4...... 319.000 7-1/2141.7 

Standard Cast Washers are proportioned to the bolt as follows: The diameter of 

the larger or bearing surface is 4 times the diameter of the bolt plus 1/4 in.; the 

diameter of the smaller surface (against which the bolt head or nut bears) is twice 

the diameter of the bolt plus 1/4 in.; the thickness is equal to the diameter of the 

bolt; and the bolt hole is 1/8 in. larger than the diameter of the bolt. 
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Weight in Pounds of 100 Bolts with Square Heads and Nuts 

Length Diameter of bolts, inches 
under 
head to | 

point, in.| 1/4 |5/16|-3/8 |7/16| 1/2 | 5/8 ‘aya | 7/8 | 1 |1-1/4|1-1/2| 1-3/4) 2 

1-1/2 | 4.0] 7.0/10.5]15.2/22.5] 39.5] 63.0].....]....[-..-.[-2 20 Jeers e [anes 
1-3/4 | 4.4| 7.5]11.3]16.3/23.8] 41.6] 66.0].....]....].----]e-ae-]eeee eles 
2 4.8] 8.0|12.0/17.4|25,2] 43.8] 69.0/109.0} 163].....].....]...-. 

2-1/4 | 5.2] 8.5]12.8]18.5|26.5| 45.8] 72.0)113.3) 169].....]....]...-.].-.. 
2-1/2 | 5.5] 9.0/13.5]19.6]27,8| 48.0} 75.0/117.5] 174].....J.....]...2. | 
2-3/4 | 5.8] 9.5/14.3/20.7)29.1 50.3) 78: 0/1258) 190). ise). .&.|. 

3 6.3]10. 0/15. 0}21.8)30.5] 52.3} 81.0|126.0] 185) 358 | 589) 900)1312 
3-1/2 | 7.0/11.0/16.5|/24.0/33.1] 56.5] 87.0)134.3| 196) 375 | 613} 934/1355) 
4 7.8|12.0|/18.0/26.2/35.8| 60.8} 93.1|142.5} 207] 392.| 638] 967)1399 

4-1/2 | 8.5]13.0|19.5/28.4]38.4] 65.0] 99.1]151.0] 218) 409 | 662) 1001)1442 
5 9.3]/14.0/21. 0/30. 6/41.1] 69.3|105.2)159.6) 229) 426 | 687] 10341486 
5-1/2 |10.0]15.0]22.5/32.8/43.7| 73.5/111.3/168.0) 240] 443 | 711) 1068/1529) 

6 10.8]16.0|24.0/35.0|46.4) 77.8)117.3|176.6] 251] 460 | 736| 1101/1573] 
6-1/2 | 25.5/37.2|49.0| 82.0/123.4|185.0| 262] 477 | 760] 1135|1616 
7 27.0/39.4/51.7| 86.3|)129.4/193.7) 273] 494 | 785| 1168|1660 

7-1/2 28. 5/41. 6)54.3] 90.5]135.0/202.0| 284) 511 | 809] 1202]1703 
8 30.0/43.8|59.6) 94.8/141.5/210.7| 295| 528 | 834] 1235]/1747 
9 46.0/64.9]/103.3]153.6]227.8| 317| 562 | 883] 1301/1835 

10 . 48. 2|70.2]111.8)165.7|244.8] 339) 596 | 932] 1368)1922 
il 50.4]75.5|120.3|177.8|261.9| 360] 630 | 982] 1435|2009 
12 .|52. 6/80. 8/128. 8]189.9|278.9| 382) 665 | 1031] 1502/2096 

Per in. 
cad | 1.4] 2.1] 3.1] 4.2 

[Genel 

Permissible Variations in the Sizes of Hot-rolled Steel Bars 
(1927 Standards of the American Society for Testing Materials) 

Variations in size, in. 
Rounds, squares, and hexagons: ie 

sizes specified Under Over 

Wi 801) 2 tS INCHUISE Ge sms eie aus trickle or ak ieee 0.007 0.007 
OVer- 1/230 5-tOM ne SRCIUISIVE sy crerovepateany syyreetens ches 0.010 0.010 
Over, Thine to) 2 ein eimclusnvelics. cis ae, sre stece eceeleras 1/64 1/32 
Over ain’ to's ins MOUSIVEs.. ewes we Pee 1/32 3/64 
Over Sie 'to°S in. Tnclasrvey eS IED 2k? PRE, 2 1/32 3/32 
Over 5' in. to" int, inclusive.) SS. JUN Sea 1/16 1/8 

Variations in |Variations in thickness, under or over, 
width, in. in., for thicknesses specified 

Flats: SN a 
widths specified 3/16 in. |Over 3/16)Over 1/2| Over 1 

Under | Over or to 1/2 in.| to 1 in. | to 2 in. 
under | inclusive |inclusive|inclusive 

Up to 1in., inclusive...}| 1/64 1/32 0.006 0.008 OSO1O) spins cesschers 
Over 1 to 2in., inclusive) 1/32 3/64 0.008 0.012 0.015 1/32 
Over 2 to 4in., inclusive, 3/64 1/16 0.010 0.015 0.020 1/32 

Over 4 to 6in., inclusive, 1/16 3/32 0.010 0.015 0.020 1/32 
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50. Sheet Metal, Board Measure 
Dimensions of Sheets of Corrugated Iron 

Covering Width of Number of | Jigth with | Width of Length 
corrugation, corrugations a lap of one sheet after | of longest 

Ww to sheet corrugation sheets corrugation 

2-1/2 10 24 in. 26 in. 10 ft. 
1-1/4 /19-1/2 > 24in. 26 in. 8 ft. 

3/4 34-1/2 25 in. 26 in. 8 ft. 

Weight of Corrugated Iron 
Weight calculated for sheets 30-1/2 in. wide before corrugating 

Weight per square of 100 sa. ft. 
when laid, allowing 6 in. lap in —— 
length and 2-1/2 in. or one cor- ue ht 
rugation lap in width for sheet paar 

lengths of sq: ft., 

flat, 
5 ft. | 6 ft. | 7 ft. | 8 ft. | 9 ft. | 10ft.| Ib. 

365 | 358 | 353 |-350 | 348 | 346 2.95 

275 | 270 | 267 | 264 | 262 | 261 2.31 
196 | 192 | 190 | 188 | 186 | 185 1.74 
156 | 154 | 152 | 150 | 149 | 148 1.46 
123.) Z1-} 119 | 118.70 117 | 117 1.22 
101 99 97 97 96 95 1.06 

Number of Square Feet of 2-1/2-in. Corrugated Iron, Required to 
Lay One Square of 100 Sq. Ft. with Side Lap of One Corrugation 

Length Length of end lap 

The United States standard gage, adopted by act of Congress in 1893, is 
in general use by manufacturers of sheet steel, and the above table gives the 
thickness and weight of corrugated iron in accordance with that standard. 
For weight per square, 5% should be added to figures given in the table of 
weights when sheets are laid with one and one-half laps, and 10% when laid 
with two laps. If the corrugated iron is to be painted, 2 Ib. per sq. ft. should 
be. added to weights given inthis table. The 2-1/2-in. corrugation is the one’ 
generally employed for roofing and siding, and the regular lengths of sheets 
are 6, 7, 8, 9, and 10 ft. 

The transverse strength of a sheet of corrugated iron is found by the formula 
W = 90000 tbd/l, in which W = the uniformly distributed load in pounds that will 
produce failure, ¢ is the thickness of the sheet in inches, b is the width of the sheet 
in inches, d is the depth of corrugations in inches, and / is the unsupported length 
of the sheet in inches, 
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For Roofing and Siding of buildings, corrugated iron is applied directly upon steel 

purlins or studding by means of clips of hoop iron, placed not more than 12 in. apart, 

United States Standard Gage for Sheet Iron and Steel 

Adopted as standard by Amer. Rail. Mas. Mechan. Asso. and the Asso. of Amer. Steel 

Manufacturers 

| [armas Mazer laneron| weit 
Number | thick- | thickness BIREO, 1 Per Pde Sal. 

of ness in in thick- in pounds a of 

gage |fractions| decimal | ™°SS ae i gage 
of parts of an milli- 

an inch inch meters of steel 

0000000 1/2 Fs ibe 9 ‘ 99.601 | 0000000 

000000 | 15/32 . 46875 ce P . 93.376 | 000000. 

00000 7/16 .4375 ye 5 a z 87.151 | 00000 

0000 | 13/32 .40625 10. 4 : 80.926 | 0000 

000 3/8 Bi ih) 74.701 |} 000 

| 00 | 11/32 . 34375 68.476 | 00 

0 5/16 Pe i7'2-] 62.251 | 0 

1 9/32 . 28125 56.026 | 1 
2 | 17/64 . 265625 52.913] 2 

3] 1/4 |.25 49.800 | 3 
4 | 15/64 . 234375 46.688 | 4 
5 cra . 21875 43.575 | 5 

6 | 13/64 . 203125 40.463 | 6 

7 3/16 . 1875 37.350 | 7 

8 | 11/64 . 171875 34.238 | 8 

9 5/32 . 15625 31.125 | 9 

| 10 9/64 . 140625 28.013,|10 

11 1/8 -125 24.900 | 11 

12 7/64 . 109375 21.788 |12 

13 3/32 . 09375 18.675 |13 

14 5/64 .078125 15.563 |14 

15 9/128 |.0703125 14.006 }15 

16 1/16 . 0625 12.450 |16 

17 | 9/160 |.05625 
18 | 1/20 0S 
19 | 7/160 |.04375 
20 | 3/80 .0375 

21 | 11/320 |.034375 
22 | 1/32 |.03125 
23 | 9/320 |.028125 
24 | 1/40 |.025 
25 | 7/320 |.021875 
26 | 3/160 |.01875 
27 | 11/640 |.0171875 
28 | 1/64 |.015625 
29 | 9/640 |.0140625 
30 | 1/80 |.0125 
31 | 7/640 |.0109375 
32 | 13/1280 |.01015625 
33 | 3/320 |.009375 
34 | 11/1280 }|.00859375 
35} 5/640 .|.0078125 
36 | 9/1280 |.00703125 
37 | 17/2560 |.006640625 
38 | 1/160 |.00625 

11.205 |17 
9.960 |18 
8.715 |19 
7.47Q |20 
6.848 |21 
6.225,|22 
5.603_|23 
4.980 |24 
4.358 |25 
3.735 |26 
3.424 |27 
3.113 128 
2.801 |29 
2.490 130 

2.179 131 
2.023 |32 
1.868 |33 
1.712 |34 
1,556 {35 
1.401 |36 
1.323; }37 
1,245,138 ODO SOO oo oooooseesescese ORR RHR RB BDH W WWE PRUUNUAAnT 100 

7 7 
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Section Areas of Rectangular Plates, in Square Inches. 

36 Thickness of plate, in inches 

as l r 
3% 
5-3 1/8 | 1/4 | 3/8 1/2 5/8 | 3/4 7/8 1 /1-1/4 | 1-1/2 

1 1250, -2500,- .3750| .500, .6250 .9375, .8750, 1.00} 1.250) 1.500 

1-1/2 | .1875, .3750, .5625) 750, . 9375). 1,125 | 1.312_| 1.50) 1.875] 2, 500 

2 .2500 .5000 -7500 1.00 | 1,250 | 1.500 | 1.750 2.00] 2.500} 3.000 

2-1/2 a5 | -6250 .9375 1.25 1.562 | 1.875 | 2.188 | 2,50) 3.125] 3.750 

3 -3750, 7500 1.125 | 1.50 | 1.875 2.250 | 2.625 | 3.00} 3.750} 4.500 

3-1/2 | .4375,  .8750) 1.312 | 1.75 | 2.188 | 2.625 | 3.062 | 3.50} 4.375] 5,250 

4 .5000 1.000 | 1.500 | 2.00 | 2.500 3.000 | 3.500 | 4.00} 5.000] 6.000 

4-1/2 | .5625, 1.125 | 1.687 | 2.25 | 2.812 | 3.375 | 3.937 | 4.50) 5.125] 6.750 

5 .6250 1.250 | 1.875 | 2.50 | 3.125 | 3.750 | 4.375 | 5.00) 6.250] 7.500 

5-1/2 | .6875 1.375 | 2.062 | 2.75 | 3.438 | 4.125 | 4.812 | 5.50] 6.875] 8,250 

6 .7500 1.500 | 2.250 ) 3.00 3.750 | 4.500 | 5.250 | 6.00] 7.500] 9.000 

6-1/2 | .8125, 1,625 | 2.438 | 3.25 4.062 | 4.875 | 5.688 | 6.50} 8.125] 9.750 

7 ~8750, 1.750 | 2.625 | 3.50 | 4:375 5.250 | 6.125 | 7.00} 8.750)10.50 

7-1/2 | .9375 1.875 | 2.812 | Xe 3 | 4.688. | 5.625 | 6.562 | 7.50! 9.375/11.25 

: 8 1.000 2.000 | 3.000 | 4.00 5.000 | 6.000 | 7.000 | 8.00/10.00 |12.00 

8-1/2 }1.062 | 2.225 | 3.188 | 4.25 | 5.312 | 6.375 | 7.438 | 8.50/10.62 |12.75 

9 L125 | 2.250 3.375 | 4.50 | 5.625, | 6.750 | 7.875 | 9.00)11.25 13.50 

9-1/2 |1.188 | 2,375 | 3.563 | 4.75 | 5.938 | 7.125 | 8.312 | 9.50)11.88 |14,.25 

10 1.250 | 2.500 | 3.750 | 5.00 | 6.250 | 7.500 | 8.750 10.0 12.50 |15.00 

10-1/2 |1.313 | 2.625 3.938 | 5.25 6.563 7.875 | 9.188 pen? 13.12 15,75 
| | 

11 1.375 | 2.750 | 4.125 | 5.50 | 6.875 | 8.250 | 9.625 |11.0 |13 75 |16.50 

11-1/2 |1.438 | 2.875 | 4.312 | 5.75 | 7.188 | 8.625 10.06 |11.5 {14.38 |17.25 

12 1.500 | 3.000 | 4.500 6.00 | 7.500 | 9.000 10.50 12.0 {15.00 |18.00 

12-1/2 |1.563 | 3.225 | 4.688 | 6.25 | 7.812 | 9 375 |10.94 {12:5 |15.62 118,75 

113 1.625 | 3.250 | 4.875 | 6.50 | 8.125 | 9.750 11.38 (13.0 |16.25 |19.50 

114 1.750 | 3.500 | 5.250 | 7.00 | 8.750 |10.50 |12.25 |14.0 /17.50 |21,00 

15 LSID | dd 30 | Dop Jo 5U, 1195515, 11.25, | |lonle 15.0 18.75 |22.50 

16 2.000 | 4.000 | 6.000 | 8.00 10.00 12.00 14.00 16.0 |20.00 |24.00 

17 2.125 | 4.250 | 6.375 | 8.50 10.62 {12.75 14.88 |17.0 |21.25 |25.50 ‘ 

18 2.250 | 4.500 | 6.750 | 9.00 11.25 \13 50 |15.75 |18.0 |22.50 |27,00 

19 2.375 | 4.750 | 7.125 9.50 11.88 |14 25 |16.63 |19.0 |23.75 |28.50 

20 2.500 | 5.000 | 7.500 10.0 12.50 15.00 17.50 |20.0 |25.00 |30,.00 

21 2.625 |.5,250 | 7875 |10,5°. 13.12 .|15.75, 118.38) |21.0. 126,25 131.50 

22 2.750. | 5.500 | 8.250 |11.0 13 75 (16.50 |19.25 |22.0 |27.50 |33.00 

23 2.875 | 5.750. | 8.625 11.5 |14.38 17.25 |20.13 |23.0 |28.75 |34.50 

24 3.000 | 6.000 | 9.000 12.0 15.00 |18,00 {21.00 |24.0 |30.00 |36.00 

26 3.250 | 6.500 | 9.750 13.0 16 25 119.50 |22.75 |26.0 |32.50 |39.00 

28 3.500 | 7.000 |10.50 14.0 |17.50° |21.00 (24.50 (28.0 |35.00 |42.00 

30 3.750 | 7.500 |11.25. |15.0. |18.75° |22.50 |26.25 |30.0 |37.50 |45.00 

) 32 4,000 | 8.000 |12.00 16.0 |20.00 |24.00 28.00 32.0 |40.00 |48.00 

\34 4.250 | 8.500 |12.75 |17.0 |21.25 |25.50 (29.75 |34.0 |42.50 |51.00 

36 4.500 | 9.000 |13.50 (18.0 |22.50 (27.00 |31.50 |36.0 |45.00 |54.00 
38 . |4.750 | 9.500 |14.25 |19.0 |23.75. |28.50 |33.25 |38.0 47.50 |57.00 

40 [5.000 |10.00. /15:00. |20. 25.00 |30.00 |35.00 |40.0 |50.00 |60.00 

“This multiplication table is applicable to any kind of material, but it is especially 
useful in computations on the plates which are used in the beams and members of 

steel structures for roofs and bridges. 

which encircle the purlin or stud. Numbers 20 and 22 are the gages most frequently 

used for roofs, and numbers 22 and 24 for siding. The sheets are either painted or 

galvanized, preferably the latter. 
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Feet Board Measure, for Stuff 1 In. Thick 

| 

i 0833] .1667| .2500| .3333| 4167, .5000 .5833 . 6667, .7500 1.00 
1-1/4 | .1042| .2083} .3125| .4167| .5208] .6250 .7292 .8333, .9375 1.25 
1-1/2 | .1250| .2500| .3750| .5000| .6250) .7500 .8750 1.000 1.125 | 1.50 
1-3/4| .1458] .2917| .437°, .5833| .7292| 8750 1.021 | 1.167 1.313 | 1.75 

2 1667| .3333| .5000| .6667| .8333| 1.000 | 1.167 | 1.333 1.500 | 2.00 
2-1/4 | .1875| .3750| .5625| .7500| .9375| 1.125 | 1.313 | 1.500 | 1.688 | 2.25 
2-1/2 | .2083| .4167| .6250| .8333|1.042 | 1.250 | 1.458 | 1.667 1.875 2.50 
2-3/4 | .2292| .4583| .6875| .9167|1.146 | 1.375 | 1.604 | 1.833 2.063 2.75 

3 2500] .5000} .7500/1.000 |1.250 | 1.500 1.750 2.000 2.250 3.00) 
3-1/4 | .2708| .5417] .8125/1.083 |1.354 | 1.625 | 1.896 2.167 2.437 | 3.25 
3-1/2 | .2917| .5833| .8750/1.167 |1.458 | 1.750 | 2.042 | 2.333 | 2.625 | 3.50) 
3-3/4 | .3125| 6250] .9375|1.250 |1.563 | 1.875 | 2.188 | 2.500 2.812 | 3.75) 
4 3333| .6667|1.000 |1.333 |1.667 | 2.000 | 2.333 | 2.667 3.000 4.00) 
41-/4] .3541) .7083/1.062 |1.416 |1.771 | 2.125 | 2.479 | 2.833 | 3.187 | 4.25) 
4-1/2 | .3750| .7500|1.125 |1.500 |1.875 | 2.250 | 2.625 3.000 3.375 | 4.50) 
4-3/4 | .3953] .7917|1.188 |1.584 |1.979 | 2.375 | 2.776 | 3.167. 3.562 | 4.75 
5 4167| .8333|1.250 |1.667 |2.083 | 2.500 | 2.917 | 3.333 3.750 | 5.00 
5-1/2 | .4583| .9167|1.375 |1.833 |2.292 | 2.750 | 3.208 | 3.667 4.125 5.50 
6 -5000/1.000 |1.500 |2.000 |2.500 | 3.000 3.500 4.000 4.500 6.00. 
6-1/2 | .5417|1.083 |1.625 |2.167 |2.708 | 3.250 | 3.792 | 4.333 | 4.875 | 6.50) 
7 _5833|1.167 {1.750 |2.333 |2.917 | 3.500 | 4.083 | 4.667 | 5.250 7.00 
7-1/2 | .6250|1,250 |1.875 |2.500 |3.125 | 3.750 |.4.375 | 5.000 | 5.625 | 7.50 
8 -6667|1.333 |2.000 |2.667 |3.333 | 4.000 4.667 5.333 6.000 | 8.00) 
8-1/2 | .7083|1.417 |2.125 |2.833 [3.542 | 4.250 | 4.958 | 5.667 | 6.375 | 8.50 
9 .7500]1.500 |2.250 |3.000 |3.750 | 4.500 | 5.250 | 6,000 6.750 9.00 
9-1/2 | .7917|1,583 |2.375 |3.167 |3.908 | 4.750 | 5.542 6.333 | 7.125 | 9.50 

10 -8333|1.667 |2.500 |3.333 |4.167 | 5.000 | 5.833 | 6.667 7.500 10.0 
10-1/2 | .8750|1.750 |2.625 |3.500 |4.375 | 5.250 | 6.125 | 7.000 | 7.875 10.5 
11 .9167|1.833 |2.750 |3.667 |4.583 | 5.500 | 6.417 | 7.333 | 8.250 |11.0 
11-1/2 | .9583|1.917 |2.875 |3.833 |4.792 | 5.750 | 6.708 | 7.667 8.625 |11.5 
12 |1.000 |2.000 |3.000 |4.000 |5.000 | 6.000 | 7.000 | 8.000 9.000 12.0 
12-1/2 |1.042 |2.083 |3.125 |4.167 |5.280 | 6.250 | 7.292 | 8.333 | 9.375 |12.5 
13 {1,083 |2.167 |3.250 |4.333 |5.417 | 6.500 | 7.583 | 8.666 | 9.750 |13.0 
14 |1.167 |2.333 |2.500 |4.667 |5.833 | 7.000 | 8.167 | 9.333 10.50 14.0 
18 |1,250 |2.250 |3.750 |5.000 |6.250 | 7.500 | 8.750 10.00 (11.25 |15.0 
16 {1.333 |2.667 |4.000 |5.333 |6.667 | 8.000 | 9.333 10.67 |12.00 /16.0 
17 |1.417 |2.833 |4.250 |5.667 |7.083 | 8.500 | 9.917 [11.33 [12.75 17.0 
18 |1.500 [3.000 |4.500 |6.000 |7.500 | 9.000 10.50 12.00 13.50 |18.0 
19 —|1,583 |3.167 |4.750 |6.333 |7.917 | 9.500 |11.08 12.67 14.25 |19.0 
20 _|1.667 |3.333 [5.000 |6.667 |8.333 |10.00 11.67 13.33 |15.00 20.0 

A board 1 in. thick, 1 ft. wide, and 1 ft. long contains 1 foot board measure (1.00 ft. 
b.m.). This table gives feet board measure for lumber of different widths and lengths. 
For stuff more than 1 in. thick, multiply tabular values by the thickness in inches; 
thus, for a plank 3 in. thick, 10-1/2 in. wide, and 1 ft. long, 3 X .875 = 2.625 ft. b.m. 
Also, for 418 lin. ft. of such plank, 418 X 2.625 = 1097 ft. b.m. 

The number of feet board measure in a lot of lumber may also be found by taking 
12 times its contents in cubic feet. Or, conversely, the number of cubic feet is one- 
twelfth of the number of feet board measure. 
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Pipes and Fittings 

Standard Welded Pipe 

Diameter Transverse areas Length . | Num- 
ear of pipe Nom 
omi- contain- 2 
nal Actual 5 Inter- ing weight threads 

inter- ae nal, | Metal,| 1 cubic | Per 
nal, | “=” sq. in. Sd- iN. | foot, | foot, | inch of 

tt, screw 

1/8 | 0.405) 0 0573] .0717|2513. .241| 27 

1/4| C.54} 0 -1041) .1249/1383.3 -42 | 18 

3/8 | 0.675) 0 »1917} .1663] 751.2 559} 18 

1/2 | 0.841 0 -3048} .2492| 472.4 .837| 14 

3/4 | 1.05 | 0 $5333} 5: .3327/°270. 1.115; 14 

1 1.315; 1 -8626| .4954| 166.9 1.668] 11-1/2 

1-1/4/| 1.66) 1 1.496 668 96.25 | 2.244) 11-1/2 

1-1/2 | 1.9 1 2.038 797 70.66 | 2.678) 11-1/2 

2 2.375] 2 3.356 | 1.074 42.91 | 3.609] 11-1/2 

2-1/2 | 2.875) 2 4.784 | 1.708 30.1 5.739) 8 

3 355 3 7.388 | 2.243 19.5 7.536) 8 

3-1/2 | 4.0 3 9.887 | 2.679 14.57 | 9.001} 8 

4 4.5 s 12.73 3.174 11.31 |10.665| 8 

4-1/2 | 5.0 4 15.961 | 3.674 9.02 |12.34 8 

5 5.563| 5 19.99 4.316 7.2 14.502} 8 

6 6.625) 6 28.888 | 5.584 4.98 '18.762} 8 

7 7.625} 7 38.738 | 6.926 3.72'1 23. 271) 8 

8 8.625] 7 50.04 8.386 2.88 |28.177| 8 

9 9.625) 8 62.73 |10.03 2.29 133.701] 8 

10 10.75 |10 78.839 |11.924 1.82 |40.065| 8 

11 it fe tit 95.03 |13.37 1.51 |45.0 8 

12 S2i7e [ize 113.0 14.6 1.27 |49.0 | 8 

Boiler Tubes (National Tube Works), of charcoal-iron, lap-welded, come 

in standard sizes of 1-3/4 in. to 4 in. external diameter, advancing by quarter 
inches. There is also a 4-1/2-in. size. Above that, beginning at 5 in., they 
advance by inches to 16 in. 

For estimating the effective steam-heating or boiler surface of tubes, the surface 
in contact with air or gases of combustion (whether internal or external) is to be 
taken. For heating liquids by steam, superheating steam, or transferring heat from 
one liquid or gas to another, the mean surface is to be taken. The square feet of 
surface, S, in a tube of a given L feet long and d inches in diameter may be obtained 
by the formula S = 0.2618 dL. 

The Standard Pipe Fittings given in the tables were adopted by the 
American Society of Mechanical Engineers in 1914 after conferences between 
a committee of that society, a committee representing the manufacturers of 
pipe fittings, and a committee of the National Association of Master Steam 

and Hot Water Fitters. 
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Extra Strong Welded Pipe 

Diameter < Prepameraeseress Nominal) Number 
weight of 

Nominal) Actual | Actual per threads 
internal,|external,| internal, foot, 

in. in. in. Ib. 

1/8 . 405 .205 

1/4 . 540 .294 

3/8 .675 -421 
1/2 . 840 . 542 
3/4 1.050 . 736 A 

1 12305 2951 “ 
1-1/4 1.660 1/272 6. 

1-1/2 1.900 1.494 1. 

2 2.375 1.933 tc 

2-1/2 2.875 2.315 2.283 8 

3 3.500 2.892 3.052 8 

3-1/2 4.000 3.358 3.710 8 

4 4.500 3.818 4.455 8 

4-1/2 5.000 4.280 5.248 8 

5 5.563 4.813 6.113 8 

6 6.625 $. 75% 8.496 8 
7 7.625 6.625 11.192 8 

8 8.625 7.625 12.762 8 
9 9.625 8.625 14.334 8 

10 10.750 9.750 16.101 8 

12 12.750 | 11.750 19.25 8 

Diameter _| Transverse areas 

: Thick- 
Nominal Attupt eee ness, | Exter- | Inter- 
inter- | exter- | inter- |". Metal 
Pay al nil in. nal, nal, sq. in 

’ > , j i ‘= = hg in. ah Sq. in. | sq. in. 

1/2 * | 0.840 | 0.25 | 0.294) 0.55 0:05 0.51 

3/4 1.050 | 0.43 | 0.308} 0.87 0.14 0.73 

1 BSS 1 O00 1, O.sog, | L400 0.27 1.04 

1-1/4 1.660 | 0.89 | 0.382} 2.16 0.62 ES) 

1-1/2 1.900 | 1.10 } 0.400] 2.84 0.93 1.91 

2 2.375 | 1.50 | 0.436) 4.43 1.74 2.69 

2-1/2 2.875 | 1.77 | 0.562}. 6.49 2.42 4.07 8 

3 } 3.500 |, 2.30 | 0.600) 9.62 4.10 5,52 8 

3-1/2 4.000 | 2.73 | 0.636} 12.57 5.79 6.77 8 

4 4.500 | 3.15 | 0.674} 15.90 Mike 8.18 8 

4-1/2 5.000 | 3.58 | 0.710} 19.64 9.98 9.66 8 
5 5.563 | 4.06 | 0.750] 24.31 | 12.97 | 11.34 8 

6 6.625 | 4.89 | 0.864] 34.47 | 18.67 | 15.81 8 
if 7.625 | 5.87 | 0.875} 45.66 | 27.11 | 18.56 8 
8 8.625 | 6.87 | 0.875) 58.43 | 37.12 | 24.31 8 
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Standard Pipe Flanges for 125 Ib. per sq. in. Pressure 
Approved by American Engineering Standards Committee, February, 1928. 

Sponsor organizations: Heating and Piping Contractors National Association, Man- 
ufacturers’ Standardization Society of Valve and Fittings Industry, American Society 
of Mechanical Engineers. 

All dimensions are given in inches 

jE
 

Bs eee |. 

ee a ed 
Ylllsz:’”Yd yw FE 
ite tee ote ls 

Dimensions and Theoretical Weights (Pounds) of Screwed Com- 
panion and Blind Flanges * 

Length of Theoretical 
Diameter} pub and ___weights || 

hub threads§ | Com- 
(min.) panion 

1-15/16 

2-5A6 
2-9/16 
3-1/16 
3-9/16 
4-1/4 
4-13/16 
5-5/16 
6-7/16 
7-9/16 

9-11/16 
11-15/16 
14-1/16 

15-3/8 
17-1/2 
19-5/8 
21-3/4 
26 WHHNYNHNERRE REE ERE OOO 

* All 125-Ib. flanges have a plain face. 
+ Sizes 14 in. and larger are to be used with O.D. pipe of the same sizes. 
+ All blind flanges for sizes 12 in. (19 in. O.D.) and larger must be dished, with inside 

radius equal to the port diameter. y 
§ This coiumn is the same as column for effective thread (£) in Table I of the 

American Pipe Thread Standard, published by the American Engineering Standards 
Committee, except in sizes 1-1/4, 1-1/2, and 2 in. : 

|| All weights listed are for flanges faced only, based upon minimum thicknesses 
given in the table above without allowances for variation. Cast iron is considered to 
weigh 0.26 lb. per cu. in. 
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Templets for Drilling 125-lb. Pipe Flanges 

All dimensions are given in inches 

so ++ 3 os q g 3 

8 x lee + |e2l 9 s 
a ° aoe, ° (7 2 ae © — 

eq | 2 |B dobea hese (Semea | ge 
= ‘6 % x) S 3S 2 = ° 8 $ «3 Size of ring 

4 3 § | 82 xa) o£ ee 2¢ gasket 

4 ° 2| 3 s2| 2 gs) 2-133 

eg | £3 )8| ¢ | 82] 2 | ge] £2 | 28 
a A 4 A a re = i n 

ee 3-1/8 4 1/2 5/8 | 1-1/2 |. .3..- 0.504} 1340 1X2-5/8 

| 1-1/4 3-1/2 4 12 5/84 1-1/2 |. 2h ab 0.504] 1755 | 1-1/4x3 

1-1/2 3-7/8 4 1/2 5{844-3/4 |. Sos - 0.504) 2215 | 1-1/2 X3-3/8 

2 4-3/4 4 5/8 yi a i IR Se 0.808} 2065 2x4-1/8 

2-1/2 5-1/2 4 5/8 3/4 | 2-1/4 ]...... 0.808} 2885 |2-1/2 X4-7/8 

3 6 4 5/8 3/4 | 2-1/4)...... 0.808) 3510 3 X5-3/8 

3-1/2 7 8 5/8 3/4 | 2-1/2'}...0.. 2. 1.616] 2410 | 3-1/2 X6-3/8 | 

4 7-1/2 8 5/8 3/4 | 2-3/4 |. ....4 1.616} 2870 4X6-7/8 

5 8-1/2 8 3/4 7/8 | 2-3/4 |...... 2.416] 2440 5 X7-3/4 

6 9-1/2 8 3/4 76 T Se Seng Sate 2.416] 3110 6 X8-3/4 

8 11-3/4 8 3/4 7/8) 3-1/4)...... 2.416} 4915 8X11 

10 . 14-1/4 | 12 7/8| 1 S-1/2NoMe. 5.04 | 3485 10 X13-3/8 

12 17 12 7/8 | 1 Sa1 2am ot. 5.04 | 5065 12 X16-1/8 

14°0.D.| 18-3/4| 12 | 1 i=t7e'|)) 4) Uaioe. 6.60 | 4685 14X17-3/4 | 

16 O.D.| 21-1/4) 16] 1 1-1/8 | 4-1/4 |...... 8.80 | 4575 16 X20-1/4 | 

18 O.D.| 22-3/4 | 16 | 1-1/8 | 1-1/4] 4-1/2 |...... 11.10 | 4135 18 X21-5/8 

20 O.D.) 25 20 | 1-1/8 | 1-f/4| 4-3/4]...... 13.88 | 4030 20 X23-7/8 

24 O.D.| 29-1/2 | 20 | 1-1/4| 1-3/8] S-1/4]...... 17.86 | 4385 24 X28-1/4 

30 O.D.| 36 28 | 1-1/4] 1-3/8] 5-3/4)...... 25.00 | 4700 30 X34-5/8 

36 O.D.| 42-3/4 | 32 | 1-1/2 | 1-5/8} 6-1/2 ]...... 41.41 | 4035 36 X41-1/4 

42 O.D.| 49-1/2 | 36 | 1-1/2 | 1-5/8 | 7-1/4| 9-1/2] 46.57 | 4810 | 4247-7/8 
48 O.D.| 56 44 | 1-1/2 | 1-5/8 | 7-1/2'| 9-1/2 | 56.93 | 5200 48 X54-3/8 

54 O.D.| 62-3/4 | 44 | 1-3/4} 2 8-1/4 |10-1/2 | 76.82 | 4755 54X61 | 

60 O.D. 1-3/4 | 2 8-1/2 11 90.79 | 4925 60 X67-1/2 

72 O.D. 1-3/4 | 2 9-1/2 |12 104.70 | 6150 72 X80-5/8 

84 O.D. 2 2-1/4 |10-1/2 |13 147.33 | 5825 84 X93-1/2 

2-1/4 | 2-1/2 }11-1/2 |14-1/2 |205.56 | 5415 96 X106-1/4 

* Drilling templets are in multiples of four, so that fittings may be made to face in 
any quarter, and bolt holes straddle the center line. For bolts smaller than 1-3/4-in. 

the bolt holes shall be drilled 1/8 in. larger in diameter than the nominal diameter of 

the bolt. Holes for bolts 1-3/4 in. and larger shall be drilled 1/4 in. larger than 

nominal diameter of bolts. 
t The bolt holes on cast-iron flanged fittings are not spot-faced for ordinary service. 

When required, the fittings and flanges in sizes 36 in. and larger can be spot-faced 

or back-faced, so that standard length bolts can be used. 
¢ All 125-lb. cast-iron standard flanges have a plain face. 
§ Bolts shall be of steel with standard ‘“‘ Rough Square Heads ” and the nuts shall 

be of steel with standard “ Rough Hexagonal” dimensions; all as given in the 
“ Tentative American Standard on Wrench Head Bolts and Nuts, and Wrench 
Openings.” For bolts 1-3/4 in. in diameter and larger, bolt-studs with a nut on each 
end are recommended. Hexagonal nuts for pipe sizes 1 in. to 48 in. can be con- 
veniently pulled up with open wrenches of minimum design of heads. Hexagonal 
nuts for pipe sizes 48 in. to 96 in. can be conveniently pulled up with box wrenches. 

|| The stress shown is that of internal pressure only, assumed to act on a circular 
area equal in diameter to the outside diameter of a-ring gasket covering the flange 

to the inside of bolts. 
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Standard Pipe Flanges for 250 lb. per sq. in. pressure 
Approved by the American Engineering Standards Committee, February, 1928. 

Heating and Piping Contractors National Association, Sponsor organizations: 
Manufacturers’ Standardization Society of Valve and Fittings Industry, American 
Society of Mechanical Engineers. 

All dimensions are given in inches 

Dimensions and Theoretical Weights (Pounds) of Screwed Com- 
panion and Blind Flanges * 

dy Me a Thick- { Theoreti- 
Nomi- | Diam- Diam- Metal) Diam- | Length} Length) Diam- cal 
nal eter | eter | "©85 | thick-| eter through| of eter |Weights|| 
pipe of | of ies ness | hub | hub |threads| of 8 
size | port flange a § raised |'3 ¢ 

Mit face* |S P 
(min.)|(min.)| (min.)  (min.) | (min.) Eo 

I fo) On ke ¥ x Y Z w /|d 

1 1 4-7/8) 11/16 |...... 2-1/16 | 7/8 0.68 | 2-11/16 
1-1/4 1-1/4, 5-1/4) 3/4 |...... 2-2 | 1 0.76 3-1/16 

1-1/2 1-1/2} 6-1/8] 13/16 |...... 2-3/4 1-1/8 | 0.87 | 3-9/16 
2 2 O-l2in FT/S. \.5 20% 3-5/16 | 1-1/4 1.00 4-3/16 

2-1/2 DALD A TAD te tions 3-15/16 1-7/16 1.14 4-15/16 

3 3 8-1/4) 1-1/8 }]...... 4-5/8 1-9/16 1.20 5-11/16 

3-1/2 3-1/2; 9 T-SLNGH ass wissrees 5-1/4 | 1-5/8 1.25 6-5/16 

4 4 10 1-1/4 |...... 5-3/4 1-3/4 1.30 6-1/516 

5 5 11 ST a eae 7 | 1-7/8 1.41 8-5/16 

6 6 12-1/2| 1-7/16]...... 8-1/8 1-15/16} 1.51 9-11/16 

8 8 15 ABSA sop acts 10-1/4 | 2-3/16 1.71 | 11-15/16 

10 10 17-1/2] 1-7/8 | 15/16 | 12-5/8 2-3/8 | 1.92 | 14-1/16 

12 12 20-1/2| 2 1 14-3/4 | 2-9/16 2.12 | 16-7/16 

14 O.D.| 13-1/4 23 2-1/8 | 1-1/8 | 16-1/4 | 2-11/16| 2.25 | 18-15/16 

16 O.D.) 15-1/4| 25-1/2} 2-1/4 | 1-1/4 | 18-3/8 | 2-7/8 2.45 | 21-1/16 

18 O.D. 17 28 2-3/8 | 1-3/8 | 20-5/8 | 3-1/8 2.65 | 23-5/16 

20 O.D.) 19 30-1/2} 2-1/2 | 1-1/2 | 22-3/4 | 3-5/16 2.85 | 25-9/16 

24 O.D.| 23 | 36 2-3/4 | 1-5/8 | 27-3/8 | 3-11/16} 3.25 | 30-5/16 

30 O.D. 29 43 3 7 Hg ool age tbe skch Ci oe AER rel Woe 37-3/16 

* All 250-lb. cast-iron standard flanges have a 1/16 in. raised face. 

is included in the minimum thickness of flange dimensions. 
+ Sizes 14 in. and larger are to be used with O.D. pipe of the same sizes. 
t All blind flanges for sizes 10 in. (17-1/2 in. O.D.) and larger must be dished, with 

inside radius equal to the port diameter. 
§ This column is the same as column for effective thread (FE) in Table 1 of the 

American Pipe Thread Standard, published by the American Engineering Standards 
Committee, except in sizes 1-1/4, 1-1/2 and 2 in. 

|| All weights listed are for flanges faced only, based upon minimum thicknesses 
given in the table above without allowances for variation. 
to weigh 0.26 lb. per cu. in. 

This raised face 

Cast iron is considered 
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Templets for Drilling 250-lb. Pipe Flanges 
All dimensions are given in inches 

rT no \ , oil, i | q 
i} a3 +0 diey BO) ag llsapore 

8 3 =} 2 2 a — | Beg aad ligt 

ae ee ree a abe bee 
= S S /y| 6 |Ss! 4 i221 3s ak Size of ring 
a | § S.\5| 8 32 3 32 ee =8| gasket 
qa | 88 |e2\4\ a #2| & 182) 33/88 
e | bs |gsls| 3s 82 g gb 82/83 
Zz A Aliza jA | & |A la ja 

i 4 { Games Say 
1 2-11/16} 3-1/2} 4] 5/8) 3/4, 2-1/4 |7 405% 0.808 970, 1X2-7/8 

1-1/4 3-1/16 3-7/8} 4) 5/8) 3/4) 2-1/2 |... 0.808, 1520, 1-1/43-1/4 

1-1/2 3-9/16 4-1/2} 4] 3/4) 7/8} 2-1/2")..... 1.208) 1345 1-1/2 3-3/4 

2 4-3/16 5 8| 5/8) 93/4, 2-1/2 |..... 1.616) 1595 2X4-3/8 

2-1/2 | 4-15/16| 5-7/8} 8] 3/4| 7/83  |..... 2.416 2090 2-1/2 XS-1/8 
3 5-11/16] 6-5/8| 8) 3/4 7/8 3-1/4 \..... 2.416, 2030 3X5-7/8 
3-1/2 6-5/16 7-1/4; 8| 3/4, 7/8) 3-1/4...... 2.416, 2460 3-1/2 X6-1/2 

4 6-15/16| 7-7/8} 8) 3/4 7/8) S21 /2RIUA | 2.416, 3120 4X7-1/8 | 

5 8-5/16 9-1/4] 8) 3/4) 7/8) 3=3/4)) 202% | 2,416 4385) 5 X8-1/2 

6 9-11/16) 10-5/8| 12 3/4) 7/8} 3-3/4}... 6: | 3.624} ~ 6X9-7/8 

8 11-15/16| 13 19\'307/8) 1onnhA-1]4te Me 27 5.04.) 4400) 8X<12-1/8 
10 14-1/16 | 15-1/4| 16) 1 1-1/8) 5 a 8.80 | 3625) 10 K14-1/4 

12 16-7/16 | 17-3/4{ 16 1-1/8) 1-1/4) 5-1/2 )..... 11.10 3975) 12 X16-5/8 

14 O.D.} 18415/16| 20-1/4) 20) 1-1/8) 1-1/4 5-3/4 |..... 13.88 | 3735 13-1/4 X19-1/8 

16°O.D | 21-1/16 | 22-1/2| 20 a tlt 1-3/8, 6 | ot E- 17.86 Sei Valicde cast ie: 

18 O.D.) 23-5/16 | 24-3/4| 24) 1-1/4 1-3/8! 6-1/4 | cee 21.43 4505) 17 X23-1/2 

20 O.D.} 25-9/16 | 27 24| 1-1/4, 1-3/8, 6-1/2 )..... (21.43 | 4845, 19 X25-3/4 

24 O.D.| 30-5/16 | 32 24| 1-1/2) 1-5/8) 7-1/2 | 9-1/2|31.06 4500 23 X30-1/2 

39 O.D.| 37-3/16 | 39-1/4) 28) 1-3/4) 2 | 8-1/4 \10-1/2'48.89 | 5590 29 X37-1/2 

36 O.D.| 43-11/16| 46 $2) 2 | 2-1/4 9-1/4 \11-1/2'73.70 5355) 34-1/2 X44 

42 O.D.| 50-7/16 | 52-3/4) 36/2 | 2-1/4 9-3/4 12 82.90 | 5945 40-1/4 X50-3/4 | 
48 O.D.| 58-7/16 | 60-3/4| 40) 2 | 2-1/4 10-1/2 BS 92.08 7315) 46 X58-3/4 

* Drilling templets are in multiples of four, so that fittings may be made to face 
jn any quarter, and bolt holes straddle the center line. For bolts smaller than 
1-3/4 in. the bolt holes shall be drilled 1/8 in. larger in diameter than the nominal 
size of the bolt. Holes for bolts 1-3/4 in. and larger shall be drilled 1/4 in. larger than 
nominal diameter of bolts. 

+ The bolt holes on cast iron flanged fittings are not spot-faced for ordinary service. 
When required, the fittings and flanges in sizes 36 in. and larger can be spot-faced 
or back-faced, so that standard length bolts can be used. 

t All 250-lb. cast-iron standard flanges have a 1/16 in. raised face. This raised 
face is included in the the face to face center to face and the minimum thickness of 
flange dimensions. 

§ Bolts shall be of steel with standard ‘‘ Rough Square Heads’ and the nuts shall 
be of steel with standard “‘ Rough Hexagonal’ dimensions; all as given in the 
“Tentative American Standard on Wrench Head Bolts and Nuts, and Wrench 
Openings.’’ For bolts 1-3/4 in. in diameter and larger, bolt-studs with a nut on each 
end are recommended. Hexagonal nuts for pipe sizes 1 in. to 16 in. can be con- 
veniently pulled up with open wrenches of minimum design of heads. Hexagonal 
nuts for pipe sizes 18 in. to 48 in. can be conveniently pulled up with box wrenches. 

|| The stress shown is that of internal pressure only assumed to act on a circular 
area equal in diameter to the outside diameter of the raised face. 

Note. For tongue-groove and male-female facings it is recommended that the 
dimensions given in Table 5 of the Tentative American Standards for Steel Pipe 
Flanges and Flanged Fittings be used. 



Art. 52° 

: 

Ropes and Chains 697 

52. Ropes and Chains 
Weight and Strength of New Manila Rope 

Eng. News, Dec. 6, 1890 

Ultimate tensile 
- : strength of rope, Diam- | Circum-| of | Ib., calculated by eter, in. ference, 100 ft. the formulas of 

in. of rope, io _aeit oaipbud 
lb. Hunt Miller 

3/16 9/16 2 230 280 
5/16 1 } 4 630 790 
3/8 1-1/8 5 900 1140 
1/2 1-1/2 7-2/3 1620 2 020 
5/8 2 13-1/3 2 880 3 380 
13/16 2-1/2 20 4 500 5 030 

1 3 28-1/3 6 480 7 020 
1-1/8 3-1/2 38 8 820 9 370 
1-5/16 4 52 11 500 12 000 
1-1/2 4-1/2 65 14 600 14 900 
1-5/8 5 80 18 000 18 100 
2 6 113 25 900 25 200 
2-1/4 7 153 35 300 | 34 300 
2-5/8 8 211 46 100 44 800 
3 9 58 300 | 56700 
3-1/4 10 72 000 70 000 

“Stevedore”” Rope is made 
by lubricating the fibers with 
plumbago mixed with sufficient 
tallow to hold it in position, so 
as to prevent the internal chafing 
and wear due to the friction be- 
tween the several strands and the 
yarns of these strands in passing 
over sheaves. After running 
awhile the exterior of the rope 
becomes compressed and coated 
with the lubricant. The breaking 
strength (according to Hunt), in 
pounds, may be taken at 720 
times the square of the circum- 
ference in inches; and the weight 
in pounds per foot at 0.032 
times square of circumference in 
inches. 

Tests of Cordage 
Tests of Metals, Watertown Arsenal 

Circumference Actual Number Yarns Tensile 
diameter, of per strength, 

Nominal | Actual, in. in. strands strand Ib. 

Manila rope 
6 threads 0.99 .29 3 2 620 
9 ted 4 oe 3 3 1250 
9 1.30 42 3 3 1 260 

15 i Vents m 49 3 5 1 860 
15 1.64 ae 3 5 1 620 
21 1.80 mire 3 7 2 640 
1 inch 1.10 . 34 3 3 820 
1-1/ 1.64 - 56 3 6 2 550 
2 2053 . 84 4 8 4 800 
2-1/2 2.85 .92 4 jt 5 790 
3 352 1.10 4 16 8 050 
3-1/2 4.30 1.38 4 23 11 800 
4 4,60 1,52 4 30 14 700 
4-1/2 5.02 1.66 4 35 17 050 
5 Dade 1.80 4 40 18 100 
5-1/2 6.02 2.00 4 50 18 750 
6 7.10 Ea Ff 4 62 25 300 

if 8.02 2.63 4 90 29 400 
Hemp rope 

2-1/2 3.00 .96 3 15 3 800 
ae 3.20 1.02 4 19 5 140 

3 3.33 eal « P 4 17 5 960 

3-1/2 3.87 1.26 4 26 6 100 

3-1/2 3.93 eioihewn 4 23 pl 850 
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Chains are classified as follows in the 

Land W to Meet 5 5 

: 1927 Standards of the American Society 
ements of Wheel 5 

= oe of for Testing Materials: 

S Class AA. Wrought iron chain made from 

( Gis. iron free from any admixture of scrap or of 

A steel, for slings, cranes, hoists, steam shovels, 

L and marine uses. 

STRAIGHT - CONVEYOR OR Class A (Dredge Chain). Made from 

LINK SPROCKET- puddled iron or a mixture of puddled iron 

COIL CHAIN WHEEL CHAIN and reworked scrap for the same uses as 

noted for Class AA. 

bios Class BBB. Wrought iron or open-hearth 

steel chain for ordinary slings and hoists. 

Class BB. Wrought iron or open-hearth 

steel chain for railroads and construction 

5.7D work. 

CLOSE- LINK STUD -LINK Class Proof Coil. Wrought iron or open- 

CHAIN CHAIN hearth steel chain for railroad cars, con- 

struction, and forestry work. 

al The tensile strength of chain as de- 

Qa termined by tests of lengths not less 

Pe than 2 ft., cut from the finished chain 

shall not be less than the values given in 

6D the accompanying table. Under a proof 

TWIST COIL CHAIN load of half the required tensile stength 

Fig. 69 the chain shall not show any defects. 

Required Tensile Strength of Chain 

1927 Standards of the American Society for Testing Materials. Values are in pounds 

Nominal | Approximate | Class AA, Class 

size of weight of | wrought iron Class sao, Class BB, proof coil, 

chain bar, 100 ft. and Class A gerne a eee iron or 

in. of chain (dredge) iron steel steel steel | 

1/4 VSAE oo ikusashs ese = 4 500 4,050 3 400 | 

§/16 112 ‘sAets som ks 6 800 6 100 5 300 | 

3/8 162 8 700 9 300 8 350 7 700 | 

7/16 215 11 900 12 500 11 250 10 500 

1/2 270 15 600 16 500 14 850 13 700 

9/16 345 19 800 20 500 18 450 17 300 

5/8 425 24 300 25 000 22 500 21 400 

3/4 605 35 000 35 400 31 800 30 700 

7/8 815 47 600 48 000 43 200 41 800 

1 1030 62 200 62 000 55 800 54 700 | 

1-1/8 1300 78 700 78 000 70 200 ehh See 3 | 

1-1/4 1585 97 200 96 000 B6IS00F shards. dees where « 

A538 71. CS Op eben DAF GOO: AG PAHs Kare elagetflMtcets Sig tee, ohn ineaty SiN Mena x 

Ped 2 ene eiecaleieres <= 140:000 ~ Yui. .j-% SGA OCR Gay It OTERO Citic 

Tih iit GR AR So oA 163 000 tPEG clotemed hichele «meee eee |i eabecee een taaere 5 

eT aii Wie Se, ae 487 BOO Pdf ROL dete PM Sill arteme ede ete 
MET) 8 04 | Ps Set 214/200) Realise POR, eA. old eh careeek 
Yeah e Faad by OPO eo BIG DAQUSOO AS Navarete ec aigattete eile sg sus ig7+l 6 lldrarme rs oe 

Fig. 69 shows the approximate proportions for common types of welded-link chain. 

Up to about 2 in. diameter chain is made of wrought iron or mild steel with the links 

forge-welded. Large anchor chains made as steel castings have come into successful 

= SY the past few years, although many large anchor chains are still forged and 

welded. 
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53. Wire and Wire Gages 

Sizes and Weights of Steel Wire 

(American Steel and Wire Co.’s Gage) 

) Diameters 
Number Sectional 

of Fractions| Decimals| Milli- Bree, 
gage | ofinch | of inch |’ meters | 7S4- in. 

«+ BON 1/2 - 5000 12.70 - 19635 

| O0QRO00".. ... a5» 4900 12.45 . 18857 

| eee | 15/32 .46875 | 11.91 17257 
U0 ae 4615 11.72 . 16728 

ae SE 7/16 4375 11.11 . 15033 

UU ee i. ae . 4305 10.93 - 14556 

erste pee 13/32 - 40625 10.32 . 12962 

0000. £ h=E15...; - 3938 10.00 . 12180 

re Pee 3/8 . 3750 9.525 . 11045 

BOO? 2 ibs BOC °.: J . 3625 9.2075 - 10321 

Rance ls O- 11/32 - 34375 8.731 . 092806 

regres i oe... | . 3310 8.407 . 086049 

ae 5/16 .3125 7.938 «076699 

OL) 5 Oh. Ot... 4 ~ 3065 7.785 .073782 

oes, DS LIN... 3 «2830 7.188 - 062902 

|) eee 9/32 .28125 7.144 062126 

Bee OO. 5 SATS «2625 6.668 054119 

Si ote Ed 1/4 -2500 6.350 . 049087 

Se Bi. «AES. oi . 2437 6.190 046645 

Ces Oe. be Se .2253 S23 039867 

ely tne ae 7/32 . 21875 5.556 . 037583 

Sg A Mw SEE oe .2070 5.258 . 033654 

6 MSGi... BAP. % 3 .1920 4.877 - 028953 

cicero Os 3/16 .1875 4.763 . 027612 

ePeDe.. Ft .1770 4,496 . 024606 

eS RE Sad. 24 . 1620 4.115 . 020612 

eet chs 5/32 .15625 3.969 019175 

2g en ee Se eee . 1483 3.767 .017273 

1 ne 2 Sate i eee | . 1350 3.429 014314 

see oe 1/8 125 3.175 012272 

11 toll. Ll em % Ra - 1205 3.061 .011404 

deta | ae - 1055 2.68 . 0087417 

Bee cy A 4 3/32 - 09375 2.381 - 0069029 

NG Ome I: 8 aaa -0915 2.324 - 0065755 
1 DE pare a 5.5.0.2 + - 0800 2.032 - 0050266 

1h £3 ees Ce ae .0720 1.829 .0040715 

16 1/16 -0625 1.588 . 0030680 

OT ae CAN s eo. . 0540 1.372 - 0022902 

Co bt. Old... ft -0475 1.207 0017721 

1 ot  ABIRe, SOP, OF .0410 1.041 . 0013203 

20 ORT BO, Os, .0348 .8839 | .00095115 

2 Ae ORS SE OS Se .0317 » 8052 . 00078924 

Pats Ti ot sete 1/32 03125 . 7938 . 00076699 

Bleme . MEA) BON... «-f . 0286 7264 | .00064242 

DS Ae OBI RIS wrest . 0258 6553 . 00052279 

PPE IOG VALE 5 .0230 5842 . 00041548 

Weight 

Pounds | Pounds 

699 

Number 
of feet 
per 

per foot | per mile] pound 

- 6668 
- 6404 
-5861 
- 5681 
-5105 
- 4943 
- 4402 
-4136 
23751 
23505 
- 3152 
-2922 
- 2605 
- 2506 
+2136 
+2110 
- 1838 
- 1667 
- 1584 
- 1354 
- 1276 
- 1143 
-09832 
- 09377 
- 08356 
- 07000 
- 06512 
- 05866 
- 04861 
. 04168 
- 03873 
-02969 
- 02344 
. 02233 
-01707 
- 01383 
-01042 
.007778 
. 006018 
- 004484 
- 003230 
. 002680 
. 002605 
- 002182 
.001775 
.001411 

3521. 
3381. 
3094, 
2999. 
2696, 
2610. 
2324. 
2184. 
1980. 
1851. 
1664. 
1543, 
1375. 
1323, 
1128, 

- 500} 
- 562 
. 706 
Aion | 
-959 
023 
PHP) 

- 666 
-853 
Ab fe) 
-422 

noo 
-681 
74 
441 

CONNTAMNNP RP WWWWHNHHH NHR EEE 

418 

839 

For iron wire multiply columns 6 and 7 by 0.98 
For copper wire multiply columns 6 and 7 by 1.12. 
For other wire gages see next page. 
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Comparison of Standard Gages 

Thickness in decimals of an inch 

Number United peal Number 

of Browne States British €Tl- | Stubs of | 

gage & Standard | Impe- weet & Steel gage 

Sharpe | Plate Iron rial Wire C Wire | 

and Steel ae / 

0OUOO0D JERE | Pe s 5 3 34900 |. 020) 20. 0000000 | 

OCO000 | 7... 2.00 .58 . 4687 464 A ane | SR eT 000000 

00000 .5165 -4375 -432 SABOS iw - Fe -- 00000 

0000 46 - 40625 .400 VSOSS he wcanwss 0000 

000 . 40964 .375 . 372 ~OO25 |]. .wULA.. 000 

00 . 3648 . 34375 - 348 3510 ewww enn 00 

0 . 32486 . 3425 .324 ~G005 “if. MEL..< 0 | 

1 . 2893 . 28125 . 300 - 2830 .227 1 | 

2 . 25763 . 265625 .276 - 2625 «219 2 s| 

3 .22942 -25 UDSD .2437 242 3 | 

| 4 . 20431 . 234375 .232 - 2253 .207 4 } 

5 . 18194 .21875 ~212 . 2070 . 204 5 

| 6 . 16202 . 203125 .192 .1920 .201 6 | 

7 . 14428 .1875 -176 .1770 .199 7 

| 8 . 12849 .171875 - 160 . 1620 .197 8 

| 9 . 11443 . 15625 . 144 . 1483 194 9 

10 10189 . 140625 128 .1350 191 10 

11 .090742 | .125 .116 .1205 -188 j|11 

12 .080808 | .109375 -104 .1055 om me tA | 

13 071961 | .09375 092 0915 -182 13 | 

| 14 - 064084 .078125 - 080 . 9800 180. |14 

15 .057068 | .0703125 .072 .0720 LS auld 5 

| 16 . 95082 - 0625 .064 - 0625 ATS 16 

| 17 .045257 | .05625 056 -0540 bee 17 

18 | . 040303 | .05 .048 | .0475 -168. |18 

19 | . 03589 04375 -040 0410 -164 |19 

20 .031961 | .0375 -036 . 0348 -161 |20 

21 | .028462 | .034375 .032 .03175 ey ee Wf 

22 . 025347 -03125 .028 - 0286 ZLSS . 122 

23 | .022571 | .028125 024 0258 $153.4 123 

24 | .0201 025 -022 . 0230 151 424 

| 25 .0179 .021875 .020 .0204 148 |25 

26 | 01594 01875 -018 0181 -146 |26 

27 014195 | .0171875 .0164 .0173 of 83s 127 

28 | 012641 | .015625 0148 .01162 -139 |28 

29 011257 . 0140625 0136 .0150 -134. |29 

30 .010025 | .0125 0124 -0140 2A27 + .130 | 

31 .008928 | .0109375 0116 .0132 widO S134 

32 .00795 .01015625 .0108 0128 Aa iy 08 be 

33 . 00708 .009375 .0100 0118 3112 2.133 

34 .006304 | .00859375 . 0092 0104 -110. 134 

35 005614 | .0078125 - 0084 .0095 | .108. 135 

36 |} .005 . 00703125 0076 . 0090 -106 |36 

Ao Se, .004453 | .006640625) .0068 . 0085 - 103. 137 

Gk teh. -003965 | .00625 . 0060 - 0080 101 =|38 

< ye ae § ean , OOBSS1 GES eQQ2.2).4... . 0052 .0075 .099. |39 

CU a 008144 Saas. . 0048 .0070 .097 |40 
; Da ioaibieesada Soe’ Sesiicear: MUbedate Si hh ea es «Ue bt 

In the U. S. Standard, the numbers correspond to the weight in ounces per 
square foot and an equal number of 640ths of an inch in thickness. 

See p. 688 for fuller data of U.S. standard gage. 
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Tensile Strength of Wire Rope 

(American Steel & Wire Company) 

Approximate breaking load in tons of 2000 Ib. 

| Wire transmission rope; one Wire hoisting rope; one hemp 
ee. hemp core surrounded by core sutrounded by 6 strands 
| — 6 strands of 7 wires each of 19 wires each 

of Cru- | Extra | 4 Cru- Extra 
FOpes cible strong | Plow cible strong 
| ae Iron | cast | crucible | steel Iron | cast | crucible 
| steel | cast steel } steel |cast steel 

EBERT SPF Oo) SP. Peels Ee psa e, 2 111i 211 243 

eo Bayz heees33 pare ah porew Jansofed2 joig |} 92 170 200 
pore stiy. 2 at dribasd | ie Sang, aikye, 3 #2! 41133 160 
piel Intdye toni Fi ii. 2h diovmsie 277 era eoe 55 106 123 

1-318 bles: eat RRL dpars Bor ae ppae 44 85 99 
| SAGE ae ME | Re BUR OR eee aap (ee Ree 38 72 ; 83 

1-1/2 32 63 73 82 ee 64 73 

1-3/8 28 53 63 72 28 56 64 

| 1-1/4 23.,.| 46 54 60 22,84 All 53 
1-1/8 19 37 | 43 47 18.6 38 43 

1 15 31 35 38 14.5 30 34 

bees tyeeode 42 24 28 3t 11.8 | 23 26 
3/4 8.8 18.6 24 23 8.5 17.5 20.2 

5/8 6 13 14.5 16 6 1255 14 

9/16 4,8 10 11 12 4.7 1, 2 1. 2 

1/2 my | 8.85 10 3.9 8.4 9.2 

7/16 2.6 5.5 6.25 7 g.9, 6.5 7.25 

3/8 2.2 4.6 5.25 5.9 2.4 4.8 5.30 

5/16 4.7. 3.5 3.95 4.4 5 ii | 3.50 

9/32 1.2 2.5 2.95 Bid | AAlOn, RIN. OS CePA Bae . 
D414. BoLetGW Bui LieS. 30% apes. Ds FO 2.2 2.43 

Wire Rope is made of iron, open-hearth steel, crucible steel, or plow steel 

wires, and accordingly has an ultimate strength per square inch of 45 000 to 
100:000 Ib. for iron, 50 000 to 130000 lb. for open-hearth steel, 130000 to 

190 000 Ib. for crucible steel, and 190 000 lb. for plow steel. 

The wires are either laid parallel to each other as in suspension bridge cables, or 
twisted together into strands as in smokestack guys or cases where only moderate 
flexibility is needed. Wire strands consist of 4, 7, 12, 19, or 37 wires, depending on 
the work intended. The most pliable rope, for hoisting and transmission, contains 
19 wires to the strand, while ropes of 12 or 7 wires to the strand are better adapted 
for use as standing ropes, guys, or rigging. 

Wire rope must not be coiled or uncoiled like hemp rope. When mounted on a reel 
the latter should be so mounted that the rope may be paid off. When furnished in a 
coil it should be rolled over the ground like a wheel, and the rope run off in that way. 
All untwisting and kinking must be avoided. 

The Flexibility of Wire Rope depends largely on the size of the individual wires 
used in making up the strands of the rope, the smaller these wires (and consequently 
the more numerous) the more flexible the rope. For guy wires and other wire ropes 
not bent around sheaves wire rope is usually made up of 6 strands of 7 wires each. 
For hoisting rope which is to pass around sheaves the rope in commonest use has 
6 strands of 19 wires each. The makeup of two extra flexible hoisting ropes and the 
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approximate ratio of their strength to that of 6 strand 19 wire rope of the same 

material and the same nominal size is: 

8 strand 19 wireGeee, Sees oc Ae Sete ets Fie wins vie > 0.87; 
Gstrand Di qrires he io occese cams ane pees noes beh a 0.95 

Bending Stresses in Wire Ropes which pass around sheave wheels are some- 

times of considerable magnitude. If a straight rod or wire of diameter d is bent into 

a circle of diameter D there is set up a bending stress S. 

S=Ea/D 
Eis the modulus of elasticity of the material. 

In a wire rope bent around a sheave each individual wire is bent into the are of a 

circle and in the outer fibers of each wire there are set up bending stresses. The 

extreme fibers on the outer side of each wire must withstand the combined tensile 

stress due to bending and the direct tensile stress due to the pull on the wire. Ifa 

wire breaks, its share of the direct tensile stress is transferred to the remaining wires, 

but the bending stress in the outer fibers of the other wires is not increased. Owing to 

the twisting of the strands the length of wire subjected to bending in a wire rope is 
greater than that of a straight rod bent to the same size circle. This increased length 
decreases the stiffness of the wire rope and has the same effect on the bending stress 
as reducing the value of E in the above formula. For 6-strand ropes tests by the 
American Steel and Wire Co. give for bending stresses in pounds per square inch: 

S = 12 000 000 D/d 

D is the diameter in inches of the sheave wheel to the center of the rope, d is the 
diameter of the largest individual wires in the rope. In determining allowable tensile 
load on a wire rope passing around a sheave the stress due to bendimg should be 
deducted from the allowable working stress for a straight rope, so that no fiber of any 

wire shall be over-stressed. 

The table on p. 703 gives values of tensile load equivalent to bending wire 
rope around sheaves of various diameters for two common types of hoisting 
rope. The values are based on tables given in the wire rope handbook of the 
American Steel & Wire Co., to which reference may be made for a fuller 

discussion of bending stresses. 

Working Loads on Wire Ropes. Since wire ropes are used only in tension 
the ultimate tensile strength is a good basis for estimating working strength. 

After making allowance for direct load stresses, bending stresses, and other 
known stresses the working load should be taken at from 10 to 25% of the 

estimated breaking load. Factors which tend to reduce the allowable working 
load are: disastrous results of failure, especially danger to life and limb; 

high speed of rope travel; difficulty of inspection, length of time between 
inspection; presence of corroding agencies. A good general rule is to keep 
the working load below 1/5 of the estimated breaking load. If reasonably 
effective inspection service is available for a rope the use of a low factor of 
safety usually means short life of the rope rather than a disastrous failure. 

~ Strength of Wire Rope Fastenings. The best fastenings for a wire rope is a steel 
socket with the wire rope fastened into it by means of zinc cast around the wire. 
When such sockets are fitted by skilled workmen under shop conditions their strength 
may be made equal to the strength of wire rope itself. Made under field conditions. 
the strength of such sockets will hardly be greater than 75% of the values given for 
wire rope if the work is carefully done, and the strength may fall far below this if the 
fitting of the rope to sockets is not carefully done. Temporary fastenings for wire 
rope in the form of clips or clamps are often used. To develop the maximum strength 
of such a fastening four clips should be used for small-sized ropes and six clips for the 
larger sizes. The holding power of clips or clamps depends to a large extent on the 
care with which all the clips are tightened and kept tight. In any event clips or clamps 
weaken the rope by “crimping” it at the point of application. Carefully made clip 
or clamp fastenings may develop 60 to 75% of the full strength of a wire rope. 
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_ Art. 54. Terra Cotta 703 

Effect of Bending Wire Ropes Around Sheaves and Drums 
(American Steel and Wire Company) 

The effect of bending a wire rope around a sheave or drum is equivalent 
to a pull on the rope of the value (in tons of 2000 lb.) given below. 

Diameter of | Diameter of sheave or drum, in feet 

wire rope, 
0 2 | teed lB | 6 | 4 3 2 1 

Ropes of 6 strands 7 wires to a strand 

Sez Ot oe 5G 7 7.56-1.0-4%: (12.60 118.90 [ees diwuee cleomere 

ee Un esas. a 3cQSa) 6282-1) Gy 27 19.70: (14.254 a snp le aarelpaemiee 

ci 2 a oe ae SOL TS 1 8 28 118 2a ie wrgroth Bil oreieiien Mewes 

ease So: Fle. .h 2.09 | 3.14-} 3.92 | 5.24 | 7.84 sig ah ta asay 0 | oN tN 

eS Go 1.495) 252 PP BO B74 | 5.60 | F248 |. ees ape. 

| Ses Rae 1.03°] £255 | £594 25877 3-88" | 5.16). cect lees 

3 ee ated & Oxia! 1.0.94) | 2318 | 4256) 12-36. 312 || 40720 aim 

cf al a SB 0.37 | 0.55 | 0.69 | 0.92 | 1.38 | 1.84 | 2.76 |...... 

1 Te: eee 0.26 | 0.39 | 0.49 | 0.66 | 0.98 | 1.32 | 1.96 }...... 

LS Se Gm] Par ey 0.49 | O228 4) 0535 4 0146.) 0.705). 0.92 || 1440 |. ..5.. 

DES: ¢ Ugg Oe sree 0.13 | 0.49 4 0:24 | 0.32 | 0.48.) 0.64 | 0,96 |...5.. 

pie Ses Bee: 0.08 | 0.12 | 0.15 | 0.20 | 0.30 | 0.40 | 0.59 ]...,.. 

rie -1, BS x -h2 0.04 | 0.07 |.0.09 | 0.12.4-0.18 | 0.23. | 0.35 }...... 

O/s2e Ee 0.03 | 0.05 | 0.06 | 0.08 | 0.12 | 0.16 | 0.24 |...... 

Ropes of 6 strands 19 wires to a strand 

2-3/4 tf. 63 [15.51 |23.26-129.08 138. 7edhesie LEAL. Shee 
2-1/2 8.74 |11.65 |17.48 121.84 |29.14 |......[0.. 2. fee ee edie eee 

2-1/4 6.37 | 8.497127 74 (1579812122 131. 84 Pt. Tee Henne 

2 4.48 | 5.97 | 8.96 |11.20 14.94 |22.40 |... ee eee [ee eee 

1-3/4 3-00-|-3-99-4-5-99=-1-9--481-9..98. 114.96 }19.96. 5 nies] n nteieee 

1-5/8 2.40 | 3.20 | 4.80 | 6.00 | 8.00 |12.00 {16.00 |......]...... 

1-1/2 1.88 | 2.51 | 39774/4:72 | 6.28 | 9.44 12.56 |......]...... 

1-3/8 1.46 } 1.94 | 2.91 | 3.64 | 4.84 | 7.28 | 9.68 14.56. Noone! 

1-1/4 1,09 | 1.45 }- 2.18 | 2.72 | 3.64 | °5.44°) 7.28 10, 88° Wee rele 

1-1/8 0.80 | 1.06 | 1.59 | 1.98 | 2.66 | 3.96 | 5.32 Pe Pe, Ficcance 

1 0.56.| 0,75 | 1.12] 1.40 | 1.86 | 2.80 | 3.72 Oe es 

7/8 0.37.|.0.50 | 0.75 | 0.94 | 1.26 | 1.88 | 2.52 S764 702 

ee (Bee en 0.47 | 0.59 | 0.80 | 1.18 | 1.60 | 2.36 4.72 

Bias rgd eee is clin Bikar eseuais 'p 0.27 | 0.34 | 0.46 | 0.68 | 0.91 | 1.36 Lave 

SEG wes bite « + lng he sep oe 0.20 | 0.24 | 0.33 | 0/48 | 0.66 | 0.96 | 1.92 

OE a ee ee 0.14 | 0.17 | 0.23'| 0.34 | 0.46 | 0.68 130 On 

Viecs Rae oni i sere Bees 2 RIB inieie 0.12 | 0.15 | 0.24 | 0.30 | 0.47 | 0.94 

I ie je ae dl ICR APO orem) 3, Easiest ania 0.10 | 0.15 | 0.20 | 0.30 | 0.60 

Bua Meme Te als iso cbihe «gare e [elas ase | 0.06 0.09 | 0.12 | 0.17.| 0.34 

Se dg BO Be dil ER FP Bt 0.03 | 0.05 | 0.06 0.09 | 0.17 | 

54. Terra Cotta 

Terra Cotta is either dense, semi-porous, or porous. The dense tile is very 

hard and is used for floor arches because of its high crushing strength. Porous 

and semi:porous terra cotta is made by mixing sawdust with the clay, the 

sawdust being destroyed during the burning operation. In the porous tile 

the proportion of sawdust is about 25 to 35%; in the semi-porous tile it is 

about 20%. Porous terra cotta can be cut with a saw or edge tools, and nails 

may be easily driven into it. 

In a series of tests at Columbia University for the New York Building Department, 

terra-cotta blocks secured in the open market developed a net crushing stress for dense 

tile of 5820 lb. per sq. in., and for semi-porous terra-cotta of 3292 lb. per sq. in., the 

figures in each case being the average results of ten tests. See also p. 645. 
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Hollow Terra-Cotta Blocks 
(National Fireproofing Co.) 

aed 

nee Wall-furring lee Roof blocks 

Thick- 
ness, | . . 
in. Weight,/Size of Thick- | Weight, Size of Thick- Weight, Size of 

lb. per block, ness, | lb. per sq. ft. | block, ness, lb. per block, 
sq. ft. in, | in. in. | in. | [Sq. ft. }~in. 

2 14 6X12)~ 1-1/2 | 9 | 1212 3 20° (12X18) 

2 14> e5cia} 10 torxade sa teta9 isa x20 
2 14 12 X12) Tiailan aac 3 | 20 12 x24 

3 17 6X12 avhosieim face atl} 22 S 24 

3 17 | 8X12! 
3 17/1212! 

«one | 
i. cal Brick Size, in. Waar Ceiling blocks 

4 18 12X12! | 

5 20 8 X12/Stretcher. 2-1/8 X3-1/2 X8 3 >. 12 * 11216 
5 20 12 X12 Header... . 2-1/8 X3-1/2 X7-1/4 2-1/2 hoe 12 12 X18) 

6 26 8X12 Porous. . . 2-1/4 X3-3/4 X8 | 2-1/2 [Pre | 42 8\{12°<20) 

6 26 |12X12. stretcher | 3 20/1216) 

7 29 12 X12 Solid 2-1/4 X3-3/4 X8 3-1/3 | 3 20 |12X18 

7 29 12X12) porous | er 3 20 |12X20 

8 $2.) a2 S< 12 stretcher) 3. | 20, 11224) 
9 36 12 X12! | 

10 38 12 X12) 

12 42 |12 X12| 
| 

Gypsum 

Sizes and Weights of Gypsum Tile 
(U. S. Gypsum Co.) 

Weight,| Total (Weight Jt otal 
For |Weight,|Weight,|plaster,) weight |plaster,) weight 

Size of ceiling | tile, |mortar,| one |plastered | two | plastered 
gypsum tile, | eights] Ib. per | Ib. per | side, |one side, | sides, |two sides, 

eS up to | sq. ft. | sq. ft. | lb. per | lb. per | lb. per | Ib. per 
sq. ft. sq. ft. sq. ft. sq. ft. 

1-1/2-in. split 
(1-1/2 X12 X30)| Furring] 4.9 1.00 3 7.9 6 10.9 

| 2-in. split 
1§ 352K 12 X30) Furring 6.4 1.00 3 9.4 6 12.4 

| 2-in. solid 
(2 X12 X30) 10 ft. 9.4 1,00 3 12.4 6 15.4 

3-in. hollow 
(3 X12 X30) pei 9.9 be | 12.09 6 15.9 

3-in. solid 
(3 X12 X30) 15 ft. 12.4 1.2 3 15.4 6 18.4 

4-in. hollow 
(4X12 X30) 17 ft. 13.0 1.63 3 16.00 6 19.0 

5-in. hollow 
(5 X12 X30) Boyt te 15.6 2.04 3 18.60 6 21.6 

'6-in. hollow 
(6X12 X30) 28 ft. 16.6 2.45 3 19.60 6 22.6 

| 8-in. hollow 
| (8X12 X30) 40 ft. 22.4 3.26 3 25.40 6 28.4 
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Fig. 70 shows, in diagram the application of gypsum floor voids to a beam and 
girder concrete floor. 

19" FLOOR VOID-WITHOUT 
JOIST FACERS 

(am: 

19" FLOOR VOID WITH 
JOIST FACERS 

a 
ya ae 

TIO AZ 

{2"FLOOR VOID WITHOUT 
JOIST FACERS 

Fig. 70 

Gypsum Floor Voids 

(U. S. Gypsum Co.) 

TE FP PONE 

Size Weight, Size Weight, 

each dimension per linear foot, each dimensions per linear foot, 

in inches Ib. in inches lb. 

3X12 X30 11 6X19 X18 26 

4X12 X30 15 8X19 K18 29 

j 5X12 X30 20 10X19 X18 35 

6 X12 X30 23 121918 41 



fe 
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56. Slates and Shingles 

Number of Slates and Pounds of Nails per Square of 100 Sq. Ft. 

Number Weight of Number Weight of 
Size of jof inches| Number) galvanized || Size of of inches} Number] galvanized 
slate, | exposed| per nails per slate, jexposed per nails per 
in. when | square square, in. when | square | square 

laid lb. oz. laid Ib. oz. 

1424 10-1/2 98 1 6 |} 1216 6-1/2 185 2 2 

12 X24 10-1/2 115 1 40 10 X16 6-1/2 222 2¥ 3 

12 X22 9-1/2 126 4d 1--.12 9x16 6-1/2 247 3.0; 

11X22 9-1/2 138 ce i a 8X16 6-1/2 277 32 

12 X20 8-1/2 142 Zz 0 || 10X14 5-1/2 262 3d en 

10 X20 8-1/2 170 2 6 8X14 5-1/2 328 Bal? 

12X18 7-1/2 160 ies 7X14 $-1/2 374 4 4 

10X18 7-1/2 192 3d 2 3 8X12 4-1/2 400 49 

9X18 7-1/2 214 2 7 7X12 4-1/2 458 bu 3 

6X12 4-1/2 533 6 A 

Number of Weight of Pounds of 
Width, | inches | Number of | shingles nails 

in. exposed to per square | Per square, per 1000 
weather Ib. shingles 

4 4 900 188 5 (approx.) 
4 4-1/2 800 172 5 

4 5 720 156 s 

4 5-1/2 655 140 5 

4 6 600 124 5 

Roofing Slate is supplied commercially in thicknesses of 1 /8, 3/16, 1/4, increasing by 
8ths to lin. Slate roofing as laid weighs about 6.5 Ib. per sq. ft. for 3/16-in. thick- 
ness, and 8.75 lb. for 1/4-in. thickness, the smaller sizes weighing more on account 
of lap. 

Wood Shingles are made from cypress, redwood, cedar, pine, and spruce, this 
being the order of their durability. Redwood is much less inflammable than any of 
the others. For hip roofs, 5% should be added to the quantities in the table to allow 
for cutting, and for irregular roofs with dormer windows 10% should be added. 
Common shingles are of random widths, varying from 2 to 14 in. They come in 

bundles, four of which contain a “‘ thousand ” or the equivalent of 1000 shingles 4 in. 
in width. The above table makes no allowance for waste. 
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FOUNDATIONS ON LAND 

1. Examining the Site 

If the nature of the soil has not already been revealed to a considerable 
depth by excavation it will be necessary to make an examination of the subsoil 

preparatory to deciding upon the details of the method of constructing the 
foundation. In the case of simple structures such as dwellings, it is usually 
sufficient in advance of design and estimates to dig one or two test pits to the 
depth of the proposed foundation and examine the soil for 4 or 5 ft. below 
by means of a post auger or iron bar. Generally, however, it is necessary to 
examine the soil to greater depths, as hereafter described: The examination 
of the foundation soil other than ledge rock should be extended to a depth at 
least equal to the width of the largest footing. 

Test Pits. The simplest method of examining the soil is by digging open 
test pits. Test pits, however, are expensive if carried over 10 or 12 ft. in 
depth, ‘especially if there is much ground-water. The best practice is to sink 
one or two test pits for each foundation area of a building, dam, or bridge 
foundation (if the foundation is to be built on land) and then check the 
remaining area with probings or borings. Test pits have the advantage of 
permitting the direct examination of the material in place and its degree of 
compactness and of permitting test loads on the foundation bed. 

Soundings can be made in soft soil to a depth of 20 or 30 ft. by driving a 
rod or sections of gas-pipe with a hammer or maul from a temporary scaffold, 
the height of which will of course depend upon the length of the rod or of the 
sections of the pipe. Good judgment is required in interpreting the results 
of such tests, particularly if the structure is to be a heavy one or a bridge 
abutment or pier in a stream liable to scour. A layer of compact sand or 
cemented gravel, which may be scoured away, may be mistaken for a ledge 
of rock; but the difference can usually be detected by striking the rod or pipe 
with a hammer, since rock will give a decided tebound, while gravel or sand 
will not. A boulder may be mistaken for bedrock; but the difference can 
usually be detected by making one or more additional tests, and accurately 
noting the depths at which rock is struck. If samples of the soil are desired, 
use a 2-in. pipe open at the lower end. If much of this kind of work is to be 
done, it is advisable to fit up a hand piledriving. machine, using a block of 
wood for the dropping weight. 

Borings 50 to 100 ft. deep can be made very expeditiously in common soil 
or clay with a common wood-auger turned by men with levers 3 or 4 ft. long. 
Or the boring may be made with any one of several earth augers having a 
spoon-like form for bringing up samples of the soil. An auger will bring up 
samples sufficient to determine the nature of the soil, but not its compactness, 
since it will probably be compressed somewhat in being cut off. When the 
testing must be made through sand or loose soil, it may be necessary to drive 
down a steel tube to prevent the soil from falling into the hole. The sand 
may be removed from the inside of this tube with an auger, or with the “sand- 
pump” used in digging artesian wells. 

Water Jet and Wash Borings. In soft soil or clay that can be washed with 
a stream of water, a hole can be sunk rapidly by driving a pipe, inserting a smaller pipe inside of it, and forcing water down the inside pipe, the débris and water flowing up between the two pipes. See also Sect. 15, Art. 29. 

Caution should be used in interpreting the results of wash borings unless ruitable undisturbed samples of the soil are secured from the bore hole at 
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intervals. Such samples have generally been secured by driving a pipe into 
the undisturbed soil beneath the bore hole and withdrawing a sample with this 
pipe, but this method tends to compact the soil or to alter its condition. No 
entirely satisfactory means have been developed for securing samples in an 

undisturbed condition. 

Drilling. When the subsoil is composed of various strata, particularly if 
there are strata of hard soil or rock, it is necessary to use a percussion drill in 
¢onnéction with some form of core drill; and in extreme cases the diamond 
drill is employed. Great care is needed an interpreting the results of such 
borings: In using the percussion drill, care must be taken that a stratum 

sufficiently hard to serve as a foundation is not passed by unnoticed. This 
can be prevented by taking dry cores at frequent intervals. In using a core 

drill care must be taken to discriminate between erratic boulders and native 

ledge rock. See also Sect. 15, Art. 30. 

Cost of Explorations. Engineers usually do not spend nearly enough money 

upon the investigation of foundation conditions in advance of design, making 

of contracts and actual construction. This often results in (1) change of design 

after binding estimates of costs or contracts have been entered into, resulting 

in embarrassing added costs for which funds are not available; (2) lawsuits 

between the client and contractor; (3) disaster. The engineer usually has 

difficulty in getting his client or company to provide sufficient funds for such 

investigation; nevertheless he will be blamed for any added cost resulting 

from lack of advance explorations. One per cent of the estimated cost of 

construction may not be excessive to secure-in advance sound data upon 

which to predicate designs, estimates and contracts. 

If thorough explorations are not made before preparation of designs, 

estimates and contracts, the actual cost of foundations may prove to be 

five or six times as great as the engineer and his client or company were led 

to expect. 

2. Bearing Capacity of Soils 

The rational design of the foundation of any structure must be based on an 

assumed value for the safe bearing power of the underlying soil. For 

unimportant structures, the bearing power may be. estimated from. the 

table (p. 711) after determining the character of the soil by observation. For, 

heavier loads, the soil should be carefully examined and classified, and its 

bearing power determined by direct test, as explained in Art. 3. Ifa soil of 

the same character in some other location has been tested or loaded, and its 

behavior is already known, this may be used as a guide in selecting a suitable 

value for the working load. 

Ultimate bearing capacity is the maximum load in short tons per square 

foot which can be applied to a given area of ground without causing sudden 

or rapid settlement. The bearing power of a soil is the load in tons per square 

foot which may be applied to a given area of ground without causing a total 

settlement of more than a given amount. The allowable soil pressure is the 

load in tons per square foot which is considered as applied to the ground in 

designing the foundation, when the maximum assumed loading is transmitted 

by the structure. 

Practical considerations will generally control the allowable soil pressure 

with reference to the bearing power or ultimate bearing capacity. Inequalities 

of bearing power cause unequal settlement under a uniform load. Where this 

would endanger the structure, as in the case of a tall chimney, the foundation 
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pressures should be kept low. In a heavy foundation over a large area, the 
pressures may be somewhat greater, as unequal settlement would not have 
such serious results. The pressure per unit of area should be less for a light 
structure subject to the passage of heavy loads than for a heavy structure 

subject only to a quiescent load, since the shock and jar of the moving load 
are far more serious than the heavier quiescent load. 

Classification of Soils. In determining the safe bearing power of a soil by 
comparison with similar soils in other locations, it is essential that the material 
be accurately classified. As different soils are frequently given the same name 
in different localities, the following definitions are given to eliminate some of 

the resulting confusion (see Report of Committee on Soils, Proc. Am. Soc. 
@Ey Feb.} 1921) a= 

Adobe is a sandy, calcareous clay occurring in the southwestern part of the 
United States. 

Alluvium is the finer deposit of earth, sand, gravel and other transported 
material which has been washed away and deposited by rivers, floods, or other 
causes on land not permanently submerged. 

Bog is a quagmire covered with grass or other plants. 

Clay is a general name for cohesive soils, which are firmly coherent, weighty, 
compact, and hard when dry, but stiff, viscid and ductile when moist, and 
smooth to the touch. Clay absorbs water greedily but not readily, is diffusible 
in water and, when mixed, does not readily subside in it. Other character- 
istics of clay are discussed in Art. 3. 

Drift or glacial drift is a deposit of loose detrital material, fragments of 
rocks, boulders, sand, gravel, or clay, or other soil driven together, or a 
mixture of two or more of these deposits, resting on the surface of the bedrock. 

Gravel consists of small stones or fragments of stone or very small pebbles 
larger than the particles of sand, but often mixed with them. 

Grit consists of angular, rough, hard particles of sand or gravel in a loose 
form. 

Gumbo is a dark-colored, very sticky, highly plastic clay, occurring abun- 
dantly in the central and southern parts of the United States. 
Hardpan is a rather loosely used term, but is most commonly applied to a 

very dense heterogeneous mass of clay, sand and gravel of glacial drift origin; 
it is also applied to the hard stratum of consolidated soil underlying the 
surface soil. 

Loam is a mixture of sand and clay with oxide of iron, and generally a 
varying amount of organic matter. 

Peat is a brown soil of vegetable origin consisting of partly decomposed 
roots and fibers, more or less saturated with water. 

Quicksand is a condition rather than a type of soil; it is generally a fine 
granular soil, supersaturated with water temporarily and when under pressure 
acting as a fluid. 

Sand is any mass or collection of fine particles of stone, particularly of 
siliceous stone, but not strictly reduced to powder or dust. 

Silt is a fluvial sediment of mud or fine soil deposited from running or stand- 
ing water. 

“In classifying soils, it is a decided advantage to the investigator to be able 
to check his estimates by rubbing samples of the soil between his fingers. As 
a rule sand feels gritty; silts are velvety, smooth and floury; and clays, which 
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are smooth and plastic, offer considerable resistance to pressure, roll into 

balls when moist and adhere to the fingers. By the degrees in which they” 

combine these salient characteristics of the primary constituents, soils other 

than pure sands, silts and clays may be distinguished as sandy loams, silt- 

loams, sandy clays, clay-loams, silty clay-loams and silty clays.” (From 

“Public Roads,” Vol. 6, No. 5, July 1925.) 

Allowable Soil Pressure. Where the unit load on the foundation of an 

unimportant structure is to be assumed, without making any field tests of 

the soil, the values of allowable soil pressure given in the following table may 

be used for design. The writer, however, wishes to emphasize that, for any 

important structure, a thorough examination of the soil is essential, together 

with suitable loading tests. The accuracy of the allowable pressures given in 

this table depends entirely upon the proper classification of the soil. Un- 

fortunately soil classification is still too indefinite for accurate use with 

tabulated allowable soil pressures. In classifying a soil, it should be noted 

that a dry soil may become wet due to variations in the ground-water level 

caused by floods, or by leaking or broken water mains. 

Allowable Soil Pressure in Short Tons per Square Foot 

| Kind of material Minimum | Maximum 

1. Quicksand; alluvial soil.....-.---+ 2+ -eeeeeeeererees 0.5 1 

PS METCIEV oe a Sielap o'r. pin 070.010)? oe netics o a.8 067 witieicreis 2 yale 2 2° i 2 

3. Wet clay; soft wet sand........-. esses seer errr eee 1 2 

4. Moderately dry sand; fine sand, clean and dry........ 2 3 

5. Clay and sandvin alternate layers....--..----++-++55 2 3 

6. Firm and dry loam or clay; hard dry clay or fine sand. . 2 5 

7. Compact coarse sand; stiff SEAN Cette rctlae st bineyte rl '< 3 6 

8. Coarse gravel; stratified stone and clay; rock inferior 

to best brick masonry.....-----eee eer eter eretee 5 8 

9. Gravel and sand well cemented.....-..------+--++55> 6 10 

10. Good hardpan or hard shale...-..---. +--+ +e seers 6 10 

11. Good hardpan or hard shale unexposed to air, frost or 

Water) Sctt. Pde ie Lota elev tete Tend « a tye Waits ae 10 15 

12. Very hard native bedrock... .----sseersertrreeress 15 25 

13. Very hard native bedrock, in thick layers, under cais- % 

In many cities, the local building codes specify the maximum allowable 

soil pressures which may be used in foundation design and these must govern. 

Rock. Solid rock provides the best foundation. The ultimate compressive 

strength of good stone, as determined by crushing cubes, is greatly in excess 

of the strength of stone masonry. The crushing strength of slabs is greater 

than that of cubes; and the crushing strength of slabs when the pressure is 

concentrated on only a portion of the upper surface is much greater than for a 

load uniformly distributed over the entire upper surface. Therefore it is safe 

to say that any ordinary rock (except the weaker shales) in its native bed will 

bear any load that can be brought upon it by an artificial structure. 

Great care must be taken in limestone areas where the rock may be dis- 

solved by ground waters, and caves may occur close to the surface. In such 

cases, the engineer should seek advice from persons familiar with local 

geological conditions and with due appreciation of the engineering problems 

involved, in deciding on the extent and location of testing or drilling necessary 

to determine the allowable bearing pressure. Similar precautions should, of 

course, be taken in mining regions, especially where there is a possibility of 

abandoned workings extending under the site of the proposed structure. 
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_Even when the engineer has every reason to believe that visible rock is 
solid ledge, he should sink drill or bore holes from 10 to 30 feet into the rock 
to verify its soundness. 

In preparing a rock foundation, the loose and decayed portions of the rock 
should be removed, and the surface of the rock should be cut down or stepped 
if necessary in order to eliminate any possibility of the structure slipping on 
it. This precaution is particularly important where the*rock strata dip at an 
angle with the horizontal, or the structure is subject to lateral thrust as in a 
retaining wall or dam. 

Engineers who are not experienced geologists should consult a practical 
geologist concerning the broad foundation problem of important structures 
such as high dams. The geologist should be able to throw some additional 
light upon (a) the location of any pre-glacial river beds with relation to ledge 
rock; (b) the probable dip of the rock at various points; (c) the probable tight- 
ness of the reservoir banks; (d) probability of sulfur or other gases being 
encountered in the excavation. 

3. Foundations on Soft Ground 
Sand and Gravel. These soils may vary from coarse gravel to fine sand 

or a mixture of various sizes and proportions of sand and gravel. Coarse 
gravel when of sufficient thickness forms one of the Armest and best founda- 
tions, whereas fine sand when saturated with water is practically a liquid. 
Sand when dry, or wet sand when prevented from spreading laterally, forms 
one of the best beds for a foundation. Porous, sandy soils are, as a rule, 
unaffected by water that is not in motion, but are easily removed by running 
water, as with water seeping under a dam; in the former casé they present 
no difficulty, but in the latter they require extreme care in the hands of the 
designer and constructor. Sand and gravel are but little affected by frost 
unless the water table is near the ground surface. Compact sands and gravels 
have the advantage of being only slightly compressed under load, this com- 
pression occurring when the load is first applied and not being extended over a period of time as with clay soils. Loose gravels and sands may have high 
ultimate bearing capacity but are compressed under load, causing settlement. 

Compact sand or gravel, in beds of considerable thickness and protected against flowing water, and from lateral flow of the sand under pressure, may be loaded with 4 to 10 tons per sq. ft. This statement is given with a warning against the use of such high unit pressures without most thorough study and verification by test loads. Examples of loads on sand and gravel foundations 
are given below. 

Cincinnati, Suspension Bridge: Load, tons per sq. ft. Coarse gravel, 12 feet below water....... bss 4 Disregarding 
friction on 
sides of pier. 

Brooklyn Bridge, Manhattan pier: 
2 ft. of sand (artificial cushion to reduce 6-3/4 Sand confined injurious vibration) over bedrock, 44 within a cup ft. below river bed. excavated in 

rock. 
Chicago: 

Sand and gravel about 15 ft. below sur- 2 to 2-1/2 
face. 

Berlin: 

Sandy soi Sore, Tei ia cpeee eet, e 2 to 2-1/2 
Washington Monument: i ; 

Gravel. ..... AALS ACTS fe Re RE eS oS 25 tars 
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Vibrations may cause settlement of sand foundations. The same founda- 
tion which will sustain 2 tons per sq. ft. static load without any measurable 

_ settlement may settle irregularly several inches if the same pressure is 
exerted by machinery producing violent vibrations. One-half the allowable 

static pressure is suggested for machinery foundations and two-thirds for 
railroad bridge and retaining wall foundations. 

Clay Soils. The Committee on Soils of the American Society of Civil 
Engineers (Proc., March, 1922) defines clay as follows: “Clay is an adventi- 

tious mixture of inert materials such as sand and a complex compound 
possessing colloidal properties such as silicates of aluminum, iron, the alkalies 
and the alkaline soils. Some clays are not wholly colloidal but may resemble 
a mass of mineral particles partly covered with a colloidal substance. An 
excessive proportion of sand will produce a sandy clay, and if the colloidol 
substance is in excess the clay is plastic.” 

Clay soils vary from slate or shale, which generally will safely support most 
masonry loads, to a soft wet clay which will squeeze out in every direction 

when a moderately heavy pressure is brought upon it. Some shale though 
hard when first exposed becomes soft when exposed to air or water. Whether 

or not this will occur can usually be determined by observations of short 
duration and by immersion in water. Foundations on clay should be placed 

_ at such depths as to be unaffected by the weather, since clay, at even con- 
siderable depths, will gain and lose an appreciable amount of water as the 
seasons change. The bearing capacity of clay soils can be very much im- 

proved by preventing the penetration of water. The drainage of clays is 
usually a difficult matter and sometimes impossible. The writer has, however, 
noted in the Province of Ontario clays containing holes or natural pipes 
which carry water readily and where drainage would be helpful. If the 

foundation is laid upon wet and undrained clay, care must be taken that 
excavations made in the immediate vicinity do not allow the clay’ under 

pressure to escape by oozing away from under the structure. When the clay 

occurs in strata which dip toward the excavation, great care is necessary to 
prevent flow of the soil. There are few 
foundation problems more difficult than 
those in which a heavy foundation is 
placed upon wet or moist layers of clay 
dipping toward the lower ground.. One 

must consider the possibility of the added 
pressure causing the upper foundation 
layers of clay to slide upon the lower 
ones. A heavy structure built upon moist 

or wet clay (Fig. 1) might cause, first, Fig. 1 
the failure of the retaining wall and, 

second, disaster to the main structure. It also requires an abnormally heavy 
retaining wall to withstand a wet clay bank. Even a masonry wall with base 

equal to its height may not suffice. I ; 

When coarse sand or gravel is mixed with the clay, its supporting capacity 

is greatly increased, being greater in proportion as the quantity of these 

materials is greater. When they are present to such an extent that the clay 

is just sufficient to bind them together, the combination will bear nearly as 

heavy loads as the softer rocks. The bearing capacity of soft clays may be 

increased by the use of “sand piles” (Art. 5). — - i y 

A proper understanding of the action of clay under load requires a knowledge 

of its physical pronerties. Considerable research has been carried out on this 
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subject in recent years. Many investigators have claimed that the -properties 

of clay can be traced to the presence of colloidal substances in the clay. 

Although the theory of colloids has not been fully developed, perhaps engineers 

may get some light upon the action of soils, particularly clays, by trying to 

understand the chemist’s idea of ‘‘colloidal properties.”’ 

A Colloid is a “substance of gelatinous nature, permeable by crystalloid 
solutions, diffusing not at all or very slowly through animal or vegetable 

membranes” (Webster’s New International Dictionary). A colloidal solution 
is regarded as a suspension of very fine particles in some liquid. The particles 
are so small that their total superficial area is very large compared with their 

mass. There is no sharply defined limit to the size of colloidal particles, but 
it is generally assumed that particles which are smaller in average diameter 
than one micron (.001 mm.) are colloidal. A colloidal solution differs from 
a true solution in that the particles are much larger, though there is no definite 
line of distinction between the two—a true solution containing particles under 

0.001 micron in diameter. 
Many of the properties of clay have been explained by assuming the 

presence of colloidal substances. However, it seems to be quite impossible, 
with present knowledge, to be certain of the substances to which clays owe 
their chief characteristics. Many of the properties of clays are closely con- 
nected with the colloidal matter present, such matter being in the form of a 
film of colloidal gel surrounding particles which are of a non-colloidal or a 
colloidally inert nature. The particular kind and quantity of gelatinous 
matter present, the size and shape of the grains of non-colloidal material, and 
the relative proportions of large and small grains are important factors in 
determining the various physical properties of clays, particularly their binding 
power, compressive strength, tensile strength and air shrinkage. (For dis- 
cussion of colloids, see report of Committee on Soils, Proc. Am. Soc. C. E., 
March, 1922; May, 1925.) 

The Physical Characteristics of Clay which are most important in relation 
to its use as a foundation material are swelling and shrinking with change of 
water content, compressibility, plasticity, and the relation of these to com- 
pressive strength. 

(1) Clay will absorb large quantities of water, by direct contact or in- 
directly from the atmosphere. The amount of water that can be absorbed is 
apparently controlled by the amount of colloids present in the clay. As the 
water is absorbed, the clay expands; and if the wet clay is allowed to dry out 

it will shrink to a smaller volume, and eventually cracks will develop through- 
out the mass. A clay soil which is likely to have a variable water content may 
therefore be undesirable as a foundation material. 

(2) When a wet clay is subjected to pressure, it is compressed. If the loading 
is continued for a considerable length of time some of the water in the clay may 
be forced out and a settlement may occur. If the load is released soon after 
being applied there will be a “rebound,” but this will not be equal to the 
original compression. The rate of settlement under constant load depends 
on the rate at which the water can be squeezed out, and this in turn depends 

on the permeability of the soil. A heavily loaded, impermeable clay may re- 
quire years to develop its full compressibility, whereas in a more permeable 
clay the water will be squeezed out more quickly, resulting in a more rapid 
rate of settlement. 

Experiments with mixtures of sand and mica seem to show characteristics 
under load very similar to clay. It is known that some clays contain a con- 

siderable amount of finely divided mica, or similar flat-grained particles, and 
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_ their presence may have material bearing upon the compressibility of such 
clays. (See “ Compressibility of Sand-Mica Mixtures” by G. Gilboy, Proc. 
Am. Soc. C. E., Feb., 1928, p. 555.) 

: (3) An important characteristic of clay is its plasticity, which is supposed 
to be closely related to the colloidal content. The plasticity increases with 
the water content. A clay bed which appears hard and sound when examined 
in a dry state may become highly plastic when saturated with water. 

(4) The compressive strength of a clay is closely related to its water 

content and plasticity. For moderate loads, the clay may undergo elastic 
deformation, with a “‘ rebound ”’ after the toad is released. The limit to which 
such loading can be applied will be reduced as the water content (and conse- 
quently the plasticity) is increased. For a given degree of saturation, this 
limit will Jepend on the character of the clay, and apparently is related to the 
amount of colloids present. 

For an exhaustive study of clay soils, see articles by Charles Terzaghi, Eng. News- 
Rec., Vol. 95, pp. 742, 796, 832, 874, 912, 987, 1026, 1064. 

Settlement of Loads on Soft Foundations. Any structure built on a soft 
foundation will settle. The length of time over which settlement occurs will 
depend on the nature of the soil. This settlement is in no way serious, provided 
it is fairly uniform in amount over the entire area of the foundation and is not 
excessive. The total settlement may be kept within reasonable limits by 
using moderate unit-pressures in design of the footings, as suggested in the 
table of Art. 2. It is of vital importance to keep the settlement uniform. 
This requires careful estimates of the loads that will come upon the footings, 
and proper proportioning of the footing areas in order to maintain uniform 
unit-pressure on the soil under all footings. (See Arts. 6 and 7.) If the soil 
is not uniform under different portions of the structure, particular care will be 
required in order to secure a reasonably uniform settlement of all parts of the 
foundation. 

In a large flat-slab concrete building upon gravel (column spacing 
20 ft. on centers) the writer has observed a difference in settlement in adjacent 
footings of more than 1 in. DiMA 
without cracks obvious to the glecion Curve 
eye. If the footings are in- under Floor Loads 
dependent of each other, and 
one footing settles more than 
an adjacent one, the floors 
of the structure will tend to 
bend as shown in Fig. 2, 
with maximum bending mo- 
ments somewhere between f 
the edges of the column and Deflection Curve 
the quarter points. The bend- Srom Settlement 
ing in the floor caused by the Fig. 2 
direct loads on the floor will ; 

produce maximum bending moments at the column and at the middle of the 

span, with practically no bending ,at.the quarter.points. If the floor:is ade- 

quately designed to carry its dead and live loads, it should also be able to 

sustain the bending stresses caused by a moderate amount of inequality of 

settlement of the adjacent footings. ua ts 

The question as to whether unequal settlement will be injurious to the 

structure can be determined only by examination and study of its structural 

design. It may not be feasible to secure absolute equality of settlement but it 
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should be closely approximated. Special methods may be adopted in the 

design of the foundations and of the structure itself in order to prevent unequal 

settlement from causing serious injury to the structure. (See Article by 

Charles Terzaghi, Trans. Am. Soc. C. E., Vol. 93, p. 270.) 

At times uniform pressure upon separate footings based upon assumed dead 

and live loads is attainable but the bearing “‘capacity”’ of thesoil is so radically 

variable that approximate uniform settlement can be obtained only by 

exhaustive study. Attention is also called to the fact that theoretical live 

loads and actual ones vary. Certain bays may be heavily loaded at the times 

others are without live load.. The foregoing discussion indicates the wisdom 

of using conservative “safe bearing capacities” of soils and of studying the 

subject with more than usual care. 
The trained eye may more accurately determine the safe bearing capacity 

of the soil than the probable settlement under load. Test loads are im- 

portant for both, particularly the latter; but even test loads over a limited 

area may be deceptive. 
In computing the total load upon a footing, the weight of the backfilled 

earth should be considered (Fig. 4). 

Relation of Settlement to Area of Foundation. For a given soil, the settle- 
ment produced by the weight of the structure will not be the same if the 
footings are spread over a large area as for smaller footings, even if the unit 
loading on the soil is the same in each case. This is due to the fact that, in 
soils possessing cohesion, the load of the footing is transmitted to the subsoil 
both by direct pressure on the Joaded area and by friction and shearing 
stresses into the adjacent soil surrounding the loaded area, and the influence 
of these shearing forces relative to the direct pressure becomes less as the area 
increases. Moreover, as shown below, the pressure under the footing is not 

uniform, and the maximum unit pressure under a large footing is greater 
than under a smaller area for the same average pressure, causing greater 
elastic deflection under the larger area. Although no precise formula can be 
given to describe this feature, it is known that the settlement under a given 
unit load increases somewhat in proportion to the square root of the loaded 

area, for soils possessing cohesion. If the soil has little or no cohesive strength 
the settlement is practically independent of the loaded area. 

Relation of Settlement to Depth below Surface. The capacity of a soil to 
support a load increases with the depth below the surface, probably because 
the material is more compact due to the weight of covering material that has 
been removed from it. In general, the settlement produced by a given unit 
load decreases with the depth. The influence of the depth upon the settlement 
is less for cohesive soils than for soils without cohesion. 

Lateral Flow of Plastic Soils. If the supporting soil possesses considerable 
plasticity it is liable to be pushed out laterally from under the loaded area. 
Fig. 3 shows that with such a soil the settlement will be due to two causes: 
(1) The settlement from aa to aja; is due to the bulging out or flow of the 
underlying material, from the straight line ab to the curved line acb; (2) The 
settlement from aja; to dod is due to direct compression of the soil under the 
loaded area. The lateral flow may be prevented in whole or in part by driving 
steel sheet piling around the foundation area. It may also be prevented by 
the weight of the material surrounding the foundation area. If the footing 
is placed at some depth below the surface, lateral flow cannot take place 
without lifting the overlying material surrounding the footing. (See Article 
by Charles Terzaghi; Trans. Am. Soc. C. E., Vol. 93, 280.) 

If the soil contains beds of fine sand, settlement may also be caused by the 

| 
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: 
. 

removal of the sand by flowing water. In New York City one of the large 
buildings settled because of the pumping of fine sand from an artesian well 

Fig. 3 

on the site in getting water for the boilers of the building. The removal of large 
volumes of ground-water may cause settlement. 

Loading Tests. If the laws of soil mechanics were fully known, it would 
be possible to compute the bearing power and probable settlement of a soil 

r-0" cables i: RR 
is 

Note: - Parts Shown by Dotted 

Lines may be Varied at wilt, 
” : to Suit Local Conditions 

ses aay and Materials Available, 

SECTION A-A © 

Fig. 5a 

under load. This would require the previous determination of certain physical 
constants, such as permeability, cohesive strength, etc. The present knowledge 

of soil mechanics, however, is not sufficient to make such computations of 
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value. Therefore, the bearing capacity of soils must be determined by test 
loads. Such tests should be made for the design of important foundations and 
“over as large an area and for as long a period of time as possible. 

The Committee on Soils of the American Society of Civil Engineers (Proc. 
Aug., 1920, p. 907) recommends the apparatus shown in Fig. 5. The load is 
applied by filling the hopper box with earth or water, this weight being 
transferred to the compression post by means of the lever or balance beam. 
The balance beam reacts against the saddle beam which is held down by the 
anchorage boxes, the latter being also weighted down by earth or other 
material. The actual compression of the’ soil is measured by the recording 
board (Fig. 5-c) “‘on which is tacked a sheet of paper, with a straight-edge 
of thin material fastened to the board at a certain fixed distance from a nail on 

_the compression post, this nail being against the upper edge of the straight- 

edge. By drawing a vertical line on the paper, at a definite multiple of the 
distance between the hinge and nail in the post, a multiplied diagram of the 
compression for different loads is obtained, reading from a zero line drawn 
on the paper across the straight-edge before starting the test. At various 
pressures and compressions, similar lines can be drawn and the time and 
load noted on the paper. The capacity of this apparatus is limited to about 
10 tons, which is sufficient to cover all cases of ordinary soils, and gives a 
compression diagram exceeding the safe load. In the event that soils of 
greater or less bearing value are encountered, it would be necessary to sub- 
stitute other bearing plates under the compression post, of smaller or larger 
areas.” 

If this apparatus cannot be made available, use a platform as in Fig. 6, and 
weight with pig iron or steel, being careful to prevent tipping by wedges 
marked w. If the platform tends to tip 
adjust the iron or steel and continue 
loading. In lieu of such apparatus one 
may get a rough idea of the soil’s bear- 
ing capacity by standing upon a small 
block of wood and noting its settlement. 

Load tests made by makeshift appara- 
tus, over small areas or of short duration, 

must be conservatively interpreted. 

Existing Structures a Guide. If the 
designer has not had experience with the 
terrain under consideration, the opinions 
of experienced engineers and_ builders, 
and perhaps geologists who have had such experience, should be obtained 
and existing structures and their foundations should be studied. One should 
at least avoid the obvious mistakes of others. Structures with settlement 
cracks are very instructive. 

E-6%6"to 12%12" 
B Post 

Semi-Liquid Soils like mud, silt, alluvium, or quicksand, have little or no 
supporting power; and with any of these soils it usually is necessary (1) to 
remove it entirely, or (2) to sink piles, tubes or caissons through it to a solid 
substratum, or (3) to consolidate the soil by adding earth, sand, stone, etc. 
The method of performing these operations will be described later. It is 
impossible to give useful results of the bearing power of soils of this class. 

Effect of Frost on Foundation. If foundations are not carried down below 
the frost line in soils which retain moisture, which is the case with most 
soils, they may be lifted several inches during the winter. The writer’s knowl- 
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edge of such action is limited to concrete roadways, sidewalks and small 

building piers. Although the weight of heavy structures may be too great 

to be “lifted by frost,” all foundations should be carried below the frost: 

line. 

The following discussion is taken from the paper by Charles Terzaghi, Trans. Am. 

Soc. C. E., Vol. 93, p. 291. The freezing starts at the surface of the ground and 

gradually proceeds downward. At the same time the soil freezes to the masonry, 

the adhesion being practically equal to the shearing strength of the frozen soil. Sup- 

pose that at some intermediate state freez- 
ing has proceeded from the surface, s—s, 
(Fig. 7), to the level, aa, the frozen soil 
being cemented to the pier along the faces 
as. If the freezing process continues still 
farther, causing expansion of the soil within 
the space aabb, there are then three possibil- 

ities: 
(1) The ground beneath the freezing layer 

is only slightly compressible, and the adhe- 
sion between the faces, as, and the soil may 
be greater than the weight of the pier. In 

- this case the pier may be lifted bodily as 
Fig. 7 freezing continues, leaving an empty space 

beneath the pier. (2) The ground is easily 
compressible, in which case the expanding soil in the area aabb may compress the 
soil below 56 without raising the pier. Then when the ground thaws, the pier will 
settle. (3) The ground is slightly compressible but the weight of the pier is greater 
than the adhesion. In this case the expansion of the soil, aabb, will cause a slow 
upward creep of the soil, ssaa, along the outside of the pier. 

Reference has already been made to the paper by Charles Terzaghi, ‘* The Science 
of Foundations,” Trans. Am. Soc. C. E., Vol. 93, p. 270. See also Eng..News-Rec., 
Vol. 100, pp. 520 and 629. The reports of the Committee on Soils of the American 
Society of Civil Engineers also contain much valuable material; see Proc., Am. 
Soc. C. E., Aug., 1920, p. 905; Feb., 1921, p. 11; March, 1922, p. 523; May, 1925, 
p. 884. 

4. Distribution of Pressure in Soils 

In the design of foundations, it has generally been assumed that the 
pressure of the soil against the bottom of the footing is uniformly. distributed 
over the foundation area, when the resultant load on the footing coincides 
with the center of gravity of the loaded area. This assumption is probably 
closely correct for loads on hard ground or on rock but it has been proved 
incorrect for compressible soils. It is thought that further study along the 
lines of Terzaghi and Paaswell will develop information that will enable more 
correct footing designs. In the interim it is suggested to assume a uniform 
distribution and conservative soil bearing capacities. 

Experiments made by the U. S. Bureau of Public Roads show that the 
soil unit pressure is a maximum under the center of the load, and is less than 
the average under the edges. The maximum unit pressure under the-center 

of the load also increases as the bearing area increases for the same average 
unit loading. Fig. 8 shows the pressure distribution measured at a depth of 

54 in. in damp sand, loaded with circular bearing blocks of various sizes 
and with 5,000 lb. per sq. ft. average load. (See Proc. Am. Soc. C. E., May, 
1925, p. 896; also paper by A. T. Goldbeck, Trans. Am. Soc. C. E., Vol. 88, 
p. 264.) 

So far as the computed stresses in an isolated footing are concerned, the 
assumption of uniform distribution of the load is on the safe side: The 
stresses computed under this assumption will be greater than if a non-uniform 



Art. 4 , Distribution of Pressure in Soils 721 

distribution of the loading were adopted. With a footing carrying several 
concentrated loads, the assumption of uniform distribution may result in 
lower computed stresses than would result from a non-uniform distribution. 
For this condition 
more than ordinary 15 
conservatism must be 14 
used or it may be best 

to assume a parabolic 13 
distribution of the 12 
loading upon the soil, 
having a maximum 
value under the center 
of the footing-area 
of 1.5 times the 
average unit-pressure, 

and zero unit-pressure 
at the edges of the 
footing area. (See 
paper by Charles Ter- 
zaghi, Trans. Am. Soc. 
Cc. E., Vol. 93, p. 
277.) 

The distribution of 
the pressure into the 
subsoil has been dis- 
cussed in an interest- 
ing and valuable way 
by George Paaswell 
(Trans. Am. Soc..C. 
E., Vol. 85, 1922, p. 
1563). He shows that, 
in any type of foundation material, the pressure from a load is transmitted 
both downward and outward through the soil, in the manner of a “ bulb of 
pressure.” At any given depth below the footing, the load is spread out to 
an indefinite distance in all directions. However, the limiting zone of 

pressure influence is contained within a slope of 1 vertical to 2 horizontal 

from the bottom edge of the 
footing (see Fig. 9). There is 
such great variation in the 
character of soil that further 
scientific soil classification 
and further experiments and 

- Oo 

Unit Pressure in Pownds per Square Inch 

ei ha ee ae 

Limiting Zone 

ei ‘ ne tud ded before di Pressure ate eae ae Sapinle Id study are needed before dis- 

aan Deke papacy wees rete carding the obvious approx- 

maces Ki gaseete.. imateand probablyinaccurate 
ra Assumed Limit — >. assumption of 1 to 1 distri- 

of Distribution bution. In other words, 
Fig. 9 although the actual distri- 

bution may more nearly 

follow the curve marked “pressure distribution” in Fig. 9, the average 
pressure based on a 1: 1 slope limit is recommended. This gives the average 
distribution shown by the rectangle of ‘‘ average pressure.” 

Soil Pressure on Trench Sheeting. The pressure of earth placed back of a 
retaining wall is discussed in Sect. 10, Art. 19. An entirely different problem 
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is involved in the calculation of the pressure that must be sustained by 

trench sheeting. Soils which possess a large amount of cohesion may not require 

sheeting for trenches of moderate depth, as such material will stand up with 

vertical faces for some length of time. If sheeting is not used the engineer 

must watch the banks with care to guard against ultimate sloughing. If the 

cohesiveness of the soil is not great, sheeting is of course necessary. Experi- 

ments have shown that the unit pressure on the sheeting generally reaches a 

maximum at or slightly above a point half way between the top of the trench 

and the bottom, and the total pressure in the upper half of the cut is greater 

than the total pressure in the lower half. Measurements at the Flatbush 

Avenue subway cut in Brooklyn (1916) showed the following results: 

Actual pressure, 

Depth in feet lb. per sq. ft. 

MR GReIaInS SCAU Bn OUnenE IPEDS TOMO. ae ee 900 

io ieee aa Ree Peeters ee 900 

eee, Seer pee. ae arr ey S o ye mr 300 

The actual line of rupture of an earth bank in situ is approximately a 

curved line, roughly, described by a quarter-circle meeting the bottom of the 

cut and tangent to a vertical line distant d/2 from the top edge of the cut 

(Fig. 10). (See Trans. Am. Soc. C. E., Vol. 60, p. 27.) This rule applies to 

cohesive materials. Therefore no 
pressure should be exerted upon the 
trench sheeting from any mat®rial 
lying behind the line of rupture. 

Experience has shown that when 
mg " g earth or sand is left in place over 
a the top of a timbered excavation, 

3 |,7 Line of Rupture the overlying material arches over, 
Js relieving the roof timbering of a 

large portion of the superimposed 
Fig. 10 load. In asimilar way, it is probable 

that the pressures in a_ sheeted 
trench are produced by the arching action of the soil lying between the 
sheeting and the line of rupture. The material at the bottom of the trench 
may exert little pressure but it must be prevented from running into the 
trench, which would destroy the arch action and permit the full pressure of the 
soil to come upon the lower portion of the sheeting. 

Experience in subway excavation has shown that the line of break of the soil reaches 
the surface at a distance from the trench equal to about one-half the depth of the cut. 
It has been contended that some buildings adjacent to subway work would probably 
have been safe without underpinning, whereas they have been badlyecracked and 
injured after underpinning because the work incident to underpinning weakened 
the bank near its critical line. This is possible; but attention is called to the fact 
that buildings or excavated material adjacent to a trench (ggg, Fig. 10) and within 
a slope ss, which varies with different soils and with the extent of soil disturbances 
as a result of excavating, may exert great pressures upon the sheeting. This is espe- 
cially true in moist or wet clays where heaving of the bottom may also be caused 
by such surcharge. (For pressures on trench sheeting, see ‘‘ Earth and Rock Pres- 

sures”? by H. G. Moulton, Trans. Am. Inst. Mining and Metallurgical Engineers 
Vol. 68, p. 327; also discussion by E. G. Haines and J. C. Meem.) r 

5. Improvement of Bearing Capacity 

Increasing the Depth. The simplest method of increasing the bearing 

capacity is to dig deeper. Ordinary soils will bear more weight the greater 
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the depth reached, owing to their becoming more condensed from the super- 
incumbent weight. Depth is especially important with clay and saturated 
fine sands, since it is then less liable to be displaced laterally owing to other 
excavations in the immediate vicinity, and also because at greater depths the 
amount of moisture in it will not vary so much. However, occasionally the 
soil grows more moist as the depth increases beyond a moderate distance, in 
which case increasing the depth is undesirable. For example, in Chicago the 
clay grows softer after a depth of about 12 to 14 ft. below the sidewalk is 
Teached. 

Drainage. Another simple method is’to drain the soil. The water may 
find its way to the bed of the foundation down the side of the wall, or by per- 
golation through the soil, or through a seam of sand. In most cases the bed can 

_ be sufficiently drained by surrounding the building with a tile drain laid a little 
below the foundation. This drain must have an outlet to permit accumulated 
water to flow off. In more difficult cases, the expedient is employed of 
covering the site with a layer of gravel, the thickness depending upon the 
plasticity of the soil, the gravel serving the double purpose of distributing 
the concentrated loads of the footings to a larger area of the native soil and 
of improving the drainage of the bed of the foundation. In extreme cases, it 
is necessary to enclose the entire site with a puddle-wall to cut off drainage 
water from a higher area. 

Adding Sand. A simple method of improving fhe bearing capacity of 
a compressible soil is to spread sand or gravel or broken stone over the bed of 
the foundation, and pound it into the soil, thus forming a comparatively com- 
pact stratum upon which to found the structure. This method is not very 
effective, since at best the effect of the blow cannot extend very deep, whereas 
the heavy masses of the masonry make themselves felt at great depths. A more 
efficient way is to make an excavation a little larger than the proposed struc- 
ture and cover the bed of the foundation with a layer of sand or gravel. The 
sand should be deposited in successive layers, each of which should be 
thoroughly tamped before laying the next. The sand should be moist, so it will 
pack well. Sand when used in this way possesses the valuable property of 
assuming a new position of equilibrium and stability should the soil on which 
it is laid yield at any of its points; and not only does this take place along the 
base of the sand bed, but also along its edges or sides. The bed of sand or 
gravel must be thick enough to distribute the pressure on its upper surface 
over the entire base of the trench. 

Short Piles. If the soil is very soft, it can be consolidated to a consider- 
able depth by driving short wood piles, for which purpose many small ones are 
preferable to fewer but larger ones. It is customary to employ wood piles about 
6 ft. long and about 6 in. in diameter, since this size can be driven with 
a hand maul or by dropping a heavy block of wood with a tackle attached to 
any simple frame, or by a hand piledriver. They may be driven as close 
together as necessary, although 2 to 4 ft. in the clear is usually sufficient. 
Clay is compressible, whereas sand is not; hence this method of consolidating 

soils is not applicable to sand, and is not very efficient in soils largely com- 
posed of sand. 

When the piles are driven primarily to compact the soil, it is customary to load 
them and also the soil between them, by depositing a bed of concrete between and 
over the heads of the piles. For further discussion of piles, see Articles 9 and 10. 

Sand Piles. Experiments show that in compacting the soil by driving 
wood piles it is better to withdraw them and immediately fill the holes with 
sand, than to allow the wooden piles to remain. This advantage is inde- 
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pendent of the question of the durability of the wood. When the wooden 

pile is driven, it compresses the soil an amount nearly or quite equal to the 

volume of the pile, and when the latter is withdrawn this consolidation re- 

mains, at least temporarily. If the hole is immediately filled with sand this 
compression is retained permanently, and the consolidation may be still 

further increased by ramming in the sand in thin layers, owing to the ability 
of the latter to transmit pressure laterally. Further, the sand pile will 
support a greater load than the wooden pile; for, since the sand acts like 
innumerable small arches reaching from one side of the hole to the other, 

more of the load is transmitted to the soil on the sides of the hole. To secure 
the best results, the sand should be fine, sharp, clean, and of uniform size. 

Sand piles are not suitable where liable to be disturbed by nearby excava- 
tions, which may not be possible to foresee. 

6. Loads for Designing Foundations 

Spread Foundations are those in which the width is increased until the 
load can be safely carried, and for soft or compressible soils the loads must be 
accurately determined. The structures requiring the most careful consid- 

eration are buildings, since usually they give a greater unit pressure upon the 
soil and are more likely to settle unevenly and crack. The load consists of 

three parts, that of the building itself, the movable loads on the floors, and 
the part of the load that may be transferred from one part of the foundation 
to the other by the wind. 

Dead Load. The weight of the building is ascertained by calculating the 
cubical contents of all the various materials in the structure. If the weight 
is not equally distributed, care must be taken to ascertain the proportion to 
be carried by each part of the foundation. For example, if one vertical sec- 
tion of the wall is to contain a number of large windows while another will 
consist entirely of solid masonry, it is evident that the pressure on the founda- 

tion under the first section will be less than that under the second. In this 
connection it must be borne in mind that concentrated pressures are not 
transmitted, undiminished, through a solid mass of masonry in the line of ap- 
plication, but spread out in successively radiating lines; and hence, if any 
considerable distance intervenes between the foundation and the point of 
application of this concentrated load, the pressure will be nearly or quite 
uniformly distributed over the entire area of the base. 

For final design, the actual weights of the various parts of the structure 
as designed should be computed. Weights of partitions are given in Sect. 12, 

Art. 6, and weights of fireproof floors in the same section, Art. 5. Weights of 
different kinds of masonry are given in Sect. 10, Art. 17. For preliminary 
design the following approximate loads may be assumed: For ordinary 

dwellings, weight of floor including framing is about 15 lb. per sq. ft. exclusive 
of plastered ceiling; fireproof floors including framing should be taken at not 
less than 75 lb. per sq. ft. for large public buildings, and will be from 135 to 
200 lb. per sq. ft. for reinforced concrete warehouses. 

Live Load. The movable load on the floors depends on the nature of the 
building. For dwellings it is usually taken at 40 lb. per sq. ft. but is probably 
considerably less; for office buildings it is usually taken at 50 lb. per sq. ft. 
For theaters and other public places of congregation the assumed live load is 

usually 100 lb. per sq.ft. Actually to approximate this load people must be 
crowded like sardines within a closed area. However, in public places the 

possibility of rhythmic stamping justifies conservatism. For stores, ware- 
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houses and factories, the live load should be from 100 to 400 lb. per sq. iti, according to the purposes for which they are used. (See also Sect. 12, Art. 6.) In designing a structure to be built in a city, the minimum live loads specified in the local building code must be considered. < 
The above live loads are generally reduced in the designing of columns and foundations. The New York City code states that, in computing the column loads “‘ in buildings more than five stories in height, the live load on the floor next below the top floor may be assumed at 95% of the allowable live load, on the next lower floor 90%, and at each succeeding lower floor at correspond- ingly decreasing percentages, provided that in no case shall less than 50% of the allowable live loads be assumed” at any one floor. The footing loads are taken the same as the reduced column loads. Wind loads are generally not considered in the design of footings except for high, narrow buildings; and where used, they are usually reduced to 50% of their theoretical value. 
On a compressible soil it is very important that the live load assumed as 

reaching the footings be neither greatly over- nor under-estimated. The dead 
load can be estimated with accuracy, and as the load on the footings under 
the walls is mostly dead load, it can be computed readily and with accu- 
tacy. But the possible maximum load on the footings of interior columns 
may be made up largely of live load (as in the-case of a warehouse). The 
assumed live loads upon the interior footings may be a large percentage of 
the dead load or may even equal or be three times the dead load. Further, 
the actual live loads on adjacent footings may vary so radically that one 
must anticipate unequal settlement. This being an operating necessity, one 
should be conservative in the unit pressures allowed upon compressible soils. 

D. E. Moran suggests the following procedure: The footing receiving the 
largest ratio of live to dead load is proportioned for the combined live and 
dead loads. The dead plus one-half probable live load on this footing is then 
divided by the area of the footing, and this value is then divided into the dead 
plus one-half probable live load of the other footings to get their areas, (See 
Eng. News, Vol. 69, p. 463; Eng. News-Record, Vol. 85, p. 219.) 

Experience in Chicago in founding on a compressible soil shows that the 
settlements of the columns and walls of eight- and ten-story office buildings, 
hotels and retail stores are almost exactly the same when designed on the 
assumption that no live load reaches the footings. In other words, the live 
load apparently caused no settlement. This, however, is believed to be the 
exception and not the rule. 

Attention must be given to the manner in which the weight of the roof and floors is 
transferred to the walls.. For example, if the floor joists of a warehouse run from back 
to front, it is evident that the back and front walls alone will carry the weight of the 
floors and the goods placed upon them, and this will make the pressure upon the 
foundation under them considerably greater than under the other walls. Again, if 
a stone-front is to be carried on an arch or on a girder having its bearings on piers at 
each side of the building, it is manifest that the weight of the whole superincumbent 
structure, instead of being distributed equally on the foundation under the front, 
will be concentrated on that part of the foundation immediately under the piers. 

7. Unit Pressure,on Foundations 

Area of Foundation. This is determined by dividing the load on the 
foundation by the pressure which may safely be brought upon the soil. Then 
having found the area of foundation, the base of the structure must be ex- 
tended by footings of masonry, concrete or timber, so as to cover that area 
and distribute the pressure uniformly over it. The object is not so much to 
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secure an absolutely unyielding base as to secure one that will settle as little 

as possible, and uniformly. All soils will yield somewhat under the pressure 

of any building, and even masonry itself is compressed by the weight of the 

load above it. If the foundation bed is uniform, the pressure per square foot 

should be the same for all parts of the building, so that the settlement may be 

uniform. This can be secured only when the axis of the load (a vertical line 

through the center of gravity of the weight) passes through the center of the 

area of the foundation. If the axis of pressure does not coincide exactly with 

the axis of the base, the ground will yield most on the side which is pressed 

most; and, as the ground yields, the base assumes an inclined position, and 

carries the lower part of the structure with it, thus producing unsightly cracks, 

if nothing more. 

The coincidence of the axis of pressure with the axis of resistance is of the greatest 

importance. The principle is almost self-evident, and yet the neglect to observe it is 

the most frequent cause of failure in the foundations of buildings. Fig. 11 is an ex- 

Fig. 11 Fig. 12 

ample of one way in which this principle is violated. The shaded portion represents 

a heavily loaded exterior wall, and the unshaded portion a lightly loaded interior 

wall. The foundations of the two walls are rigidly connected at their intersection. 

The center of the load is under the shaded section, and the center of the supporting 

area is at some point farther to the left; consequently the exterior wall is caused to 

incline outward producing cracks at or near the corners of the building. The two 

foundations are connected in the belief that an increase of the bearing surface is of 

advantage; but the true principle is that the coincidence of the axis of pressure with 

the axis of resistance is of more importance. Fig. 12 is another illustration of the 

same principle. The foundation is continuous under the opening, and hence the 

center of the foundation is to the left of the center of pressure; consequently the wall 

inclines to the right, producing cracks, usually over the opening. 

One conclusion to be drawn from the above examples is that the foundation of a wall 

should never be connected with that of another wall either much heavier or much 

lighter than itself, as both are equally objectionable. Large brick or concrete chim- 

neys should not be firmly connected to a building. A second conclusion is that the 

axis of the load should strike a little inside of the center of the area of the base, to 

make sure that it will not be outside. Any inward inclination of the wall is fendered 

impossible by the interior walls of the building, the floor beams, etc.; whereas an 

outward inclination can be counteracted only by the bond of the masonry and by 

anchors. A slight deviation of the axis of the load outward from the center of the base 

has a marked effect, and is not easily counteracted by anchors. 

The center of the load can be made to fall inside of the center of foundation by ex- 

tending the footings outward, or by curtailing the foundations on the inside. The 

latter finds exemplification in the properly constructed foundation of a wall containing 

a number of openings. For example, in Fig. 13, if the foundation is uniform under 

the entire front, the center of pressure must be outside of the center of the base; and 

consequently the two side walls will incline outward, and show cracks over the dpen: 
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ings. If the width of the foundation under the openings is decreased, or if this part of the foundation is omitted entirely, the center of pressure will fall inside of the center of base and the walls will tend to incline inward, and hence be stable. 
The bearing capacity of the soil may vary greatly over the area of a single building. In a glacial district a small area may contain clay, fine sand, coarse sand and gravel, with mixtures of these, and a bearing capacity varying between 2 and 5 tons. In this event each footing must be especially designed with an 

effort to keep the settlements uniform. 
Where horizontal loads must be considered with vertical 

loads, as in bearing walls subject to earth or water pressure, 
the distribution of pressure upon the soil involves the principles 
contained in Sect. 10, Arts. 19 and 26. . 

An Important Principle derived from the above con- 
clusions is the following: Foundations should be so con- 
structed as to compress the ground slightly concave up- 
ward, rather than convex upward. On even slightly 
compressible soils, a small difference in the pressure on 
the foundation will be sufficient to cause the bed to 
become convex upward. At Chicago, in buildings 
founded upon soft clay an omission of 1 to 2 per cent of 
the weight (by leaving openings) usually causes sufficient 
convexity to produce unsightly cracks. With very slight 
differences of pressure on the foundation, it is sufficient to tie the building 
together by careful bonding, by hoop-iron built in over openings, and by 
heavy bars built in where one wall joins another. 

Fig. 13 

The art of constructing foundations on a compressible soil was brought to a high 
degree of development by the architects of Chicago between 1870 and 1890, when the 
principal buildings were founded upon a bed of soft clay. The special feature of the 
practice in that city, is what is called “‘ the method of independent piers ”; that is, each 
tier of columns, each pier, and each wall has its own independent foundation, the area 
of which is proportioned to the load on that part. The interior walls are fastened to 
the exterior ones by anchors which slide in slots. 

The opposite extreme is to rest the structure upon a platform of concrete, timber, or 
steel beams so strong as to resist local settlement. This method has not always been 
successful; and when it is successful, it is usually expensive. 

The post-office building erected in Chicago in 1875 rested upon a bed of concrete 
3 feet thick over the entire site; but the concrete was insufficient to resist the unequal 
loading, and the building settled so badly and so unevenly that it was necessary to 

demolish it after it had stood only seventeen years. Itis said 
that some noted buildings in Europe rest upon beds of concrete 8 
or 10 feet thick. With a properly designed reinforced-concrete 
slab, it is thought that similar difficulties may be overcome. In 
fact, in soft ground this may be the best solution. 

Effect of Wind. On chimneys and other tall narrow 
structures the action of wind increases the pressure on one 
side and decreases it on the other. The maximum hori- 
zontal pressure of the wind is usually taken as 40 Ib. per 
sq. ft. on a flat surface perpendicular to the wind (in 
regions of recorded cyclones, 50 Ib. should be used) and 
on a cylinder at about 25 Ib. per sq. ft. of the projection 

Fig. 14 of the surface. In Fig. 14 let A BED represent a vertical 
section of the chimney; a is a point horizontally opposite 

the center of the surface exposed to the pressure of the wind and vertically 
above the center of gravity of the chimney; C is the position of the center 
of pressure when there is no wind; WN is the center when the wind is act- 
ing. Let H= the total pressure of the wind against the exposed surface, 
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W.= the weight of the structure above the section considered, L = the dis- 

tance AB, h = the distance aC, d=the distance NC found from d=hH/W. 

When there is no horizontal force acting, the load on AB is uniform; but 

when the wind blows from the right, the pressure is greatest near A and 

decreases towards B. The maximum pressure at A will be that due to the 

weight of the chimney plus the compression due to overturning moment 

and the pressure at B will be the compression due to the weight minus 

the tension due to the overturning moment. For a rectangular base with 

length L normal to the width 5 the average pressure is W/Lb, and 

: Zs Daw d 
Maximum unit-pressure at A = Lb (. +6 5) 

ee : Ww d 
Minimum unit-pressure at B= —{1—6= Tp (65) 

These equations show that when d = NC = 1/6 L, the maximum pressure at A is 

twice the average, and that the pressure at B is zero. This is equivalent to what is 

known, in the theory of arches, as the principle of the middle-third. It shows that 

as long as the center of pressure lies in the middle-third, the maximum pressure is 

not more than twice the average pressure, and that there is no tendency to produce 

tension at B. The average pressure per unit on AB is supposed to have been ad- 

justed to the safe bearing power of the soil, and if the maximum pressure at A does 

not exceed the ultimate bearing power, the occasional maximum pressure due to the 

wind will do no harm; but if this maximum exceeds or is dangerously near the ultimate 

strength of the soil, the base must be widened. (See Sect. 10, Art. 22.) 

8. Footings 

The footing is the bottom course or courses of masonry, timber, or steel 
beams employed to increase the area of the foundation. Whatever the char- 
acter of the soil, footings should extend beyond the face of the wall (1) to add 
to the stability of the structure and lessen the danger of the work being 
thrown out of plumb, and (2) to distribute the weight of the structure over a 
larger area and thus decrease the settlement due to the compression of the 
ground. To serve the first purpose, footings must be securely bonded to the 

body of the wall; and to produce the second effect, they must have sufficient 
strength to resist the transverse strain to which they are exposed. 

In Masonry Footings that part of the footing that projects beyond the 
portion above it acts as a cantilever beam uniformly loaded by the reaction 

of the soil or of the footing below. To determine the safe offset, let P equal 
the pressure in pounds per square foot at the bottom of the footing course 
under consideration, S = the working tensile stress of the material in pounds 

per square inch (Sect. 10, Art. 16), o = the greatest possible offset or pro- 
jection of the footing course in inches, ¢ = thickness of the footing course 

in inches. Then with sufficient accuracy 0 = 7t v/ S/P. The accompanying 

table gives values of o/t for three values of P. For example, if P is 4000 lb. 
per sq. ft., then for granite o/t = 1.4, and hence if ¢ is 12 in. the offset o 

would be 16.8 inches. 
The table is strictly correct only for the lower offset, because flexure of the 

short projecting cantilevers brings indeterminate concentrations upon the 
edges of the upper courses. Attention is called to the necessity of keeping the 
outside vertical joints well within the outer edges of the upper stones. (See 
Fig. 15). The values in the table are applicable to any of the several pro- 
jecting courses, provided no stone projects more than half its length beyond 
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Safe Offset for Masonry Footings 
| thee one Sin Ib. Ratio of offset to thickness ca 

per sq. in, P = 1000 | P = 2000 P = 4000 

North River bluestone.......,... 200 ge 2.2 1.6 Srasue nt .- 5.6... eo" 150 sa 1.9 1.4 pEamestone: |.) s'€2e-) ee 125 aoe 1.8 t hey} pandstone. fis; e.Gh, Aig Jen BS 75 el) 1.4 1.0 Good quality clay brick, 1:3 of 
portland cement mortar age 90 
RET ciate het tee Re. 25 Lad 0.8 0.6 

the end of the next course above. The proper projection for rubble masonry lies somewhere between the values for stone and for concrete. If the rubble consists of large stones well bedded 
in good strong portland-cement 
mortar, then the values for this 
class of masonry will be but little 
less than those given for stone; 
but if the rubble consists of small 
irregular stones laid with portland- 
cement mortar, the projection 
should not exceed that given for 
concrete. Footing courses should 
not be laid of small stones in either 
natural-cement or lime mortar. Fig. 15 

After the safe length of the offset 
of the footing has been determined, it should be examined to see if it is safe 
against failure by shearing. Since footings are subject to heavy loads and 
consequently to great shearing stress, and since the allowable shearing stress 
for stone and brick is much less than the crushing strength, the allowable 
shearing stress should be considered, as given in Sect. 10, Art. 16. 
Timber Footings were formerly much used but are not as efficient as 

reinforced-concrete footings. They should be used only in places where the 
ground is always wet and where it will not subsequently become dry by the 
lowering of the ground-water. They may be desirable: (1) for temporary 
construction; (2) where disintegration of concrete might be probable due to 
the chemical condition of the water; (3) since timber has much greater 
flexural strength than masonry, the timber footing requires less thickness, 
with less depth of excavation and lower cost; (4) where concrete materials 
are not readily available. 

The safe projection, as computed by the formula under masonry footings, 
is given in the table on page 730. On account of the flexure of the timbers, 
the pressures on such footings will not be uniformly distributed. The soil 
pressure under the footing will be greater near the center, so that the stress 
in the timber may be less than assumed in the table. 

Steel-Beam Footings are specially useful in the foundations (particularly 
of the columns) of a heavy building supported upon a compressive soil. 
The footing consists of a row of steel beams placed side by side and embedded 
in rich concrete; on top of this and at right angles to it is a shorter row; and 
above this, one and sometimes two other rows. The advantages of such foot- 
ings are that they decrease the area of the foundation and at the same time 
decrease the weight of the footing and increase the usable space in the cellar. 
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Safe Offset for Timber Footings 

uv Ratio of offset to thickness | 

Kind of timber S in Ib. ——V“V“--—-,. ti—omooo 

PO PEAS Re A P = 2000 | P = 4000 

Ghestyin t cetaceans“ see ee 760 6.1 4.3 <¥ § 

Southern yellow pine........---- 1200 OF 5.4 3.8 

Oakt..b. <-h os cdhghe sel aaa 1120 7.4 oa 3.7 

Douglas fir—Coast region.......- 1200 7.7 5.4 3.8 

Rocky Mountain.... 800 6.6 4.6 3.9 

Hemlock—West Coast.......-+-- 1040 7.1 5.0 3.6 

BaSterHh ccchion tame sse 880 6.6 4.6 333 

Spruce—red, white.......----+-- 880 6.6 4.6 a5 

These values are for best-grade timber. For common grade, use two-thirds of the 

projections given in the table. 

Steel-beam footings were first used in Chicago in 1878. For design of steel 

beam grillages, see ‘‘ Foundations of Bridges and Buildings,” by Jacoby and 

Davis, 2nd Ed., p. 510. 

Reinforced-Concrete Footings are sometimes more economical than steel- 

beam footings. See Sect. 11, Art. 40. 

Inverted Arches were formerly sometimes built under and between the 

bases of piers, as shown in Fig. 16. Employed in this way, the arch simply 

distributes the pressure over a greater area; but it is not well adapted to this 

use, for it is nearly impossible to prevent the 

end piers of a series from being pushed outward 

by the thrust of the arch, and it is generally 

impossible, with inverted arches, to make the 

s areas of the different parts of the foundation 

Fig. 16 proportional to the load to be supported. The 

only advantage the inverted arch has over 

masonry footings is in the shallower foundations obtained. This construc- 

tion is used now only in reinforced concrete. 

9. Piles and Piledriving 

Timber Piles are widely used for foundations, the softer varieties for easy 

driving and the harder varieties for difficult driving. Piles should never be 

less than 6 in. and preferably not less than 8 in. in diameter at the small end; 

never more than 18 in. and preferably not more than 14 in. at the large end. 

To prevent bruising and splitting in driving, 2 or 3 in. of the head is usually 

chamfered off. As an additional means of preventing splitting, the head is 

often hooped with a strong iron band, 2 to 3 in. wide and 1/2 to 1 in. thick. 

The expense of removing these bands and of replacing the broken ones, and 

the consequent delays, led to the introduction of a hood or cap for the pro- 

tection of the head of the pile. The hood consists of a cast-iron block with a 

tapered recess above and below, the chamfered head of the pile fitting into the 

lower recess and a cushion piece of hard wood, upon which the hammer falls, 

fitting into the upper one. The hood preserves the head of the pile, adds 

to the effectiveness of the blows, and keeps the pile head in place to receive 

the blows of the hammer. 

A further advantage of the pile hood is that it saves the piles by preventing brooming 

and consequently the necessity of successively cutting off the pile when the driving is 

hard. Sometimes, particularly in stony ground, the point is protected by an iron shoe. 
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The shoe may be only two V-shaped loops of bar iron placed over the point, in planes at right angles to each other; and spiked to the piles; or it may be a wrought- or cast- iron socket. 

Piles for permanent construction should be cut from sound trees, should be close-grained and solid and free from defects and sharp bends. A line drawn from the center of the butt to the center of the tip should lie within the body of the pile. Piles should be peeled soon after cutting, especially when they are cut in the summer, in order to avoid decay due to fungi and the ravages of worms; if not done at this time, the bark must be removed before driving. 
The bearing power of wood piles in goft ground has sometimes been in- 

creased by bolting lagging pieces on the sides of the piles. This increases the 
area of cross-section and also the surface area, thereby providing a greater 
surface fur supporting the pile by friction on the surrounding ground. (See 
Trans. Am. Soc. C. E., Vol. 54, F, pp. 8, 27.) 

Concrete Piles are of two types, precast piles which are molded and cured 
before driving, and various types of cast-in-place piles. Precast piles are 
generally required in docks, wharves or piers, where a portion of the pile is 
left standing above the surface of the firm supporting ground, and is subject 
to bending stresses from transverse loads on the structure. In certain soils, 
such as plastic clay, or fine wet sand, the soil may react against the soft con- 
crete of a cast-in-place pile and cause great damage. Under such conditions, 
the precast pile is 
preferable. Cast-in- 
place piles are well 
suited to compressible 
soils which have suffi- 
cient stability to pre- 
vent damage to the 
soft concrete when it 
is first placed in the 
pile form. 

A Precast Pile is 
a reinforced-concrete Steel Beam Tron Pipe 
pile which is molded Last in Pile, 
in a form, and after Sor Bolts 
hardening and curing 
is handled and driven : 
like a timber pile. Fig. 17 
All precast piles are 

reinforced, since appreciable bending stresses are developed in the pile 
during handling. Before the pile is designed, the method of handling to 
and from the storage piles and piledriver must be determined in order 
that the pile may be properly reinforced for such handling. Fig. 17 shows a 
common method of handling. The pile may need extra reinforcement to take 
care of the resulting bending strains. The head of the pile is often provided 
with additional reinforcement to withstand the impact of the piledriver. 
The general design of premolded piles is similar to that of concrete columns. 
(Sect. 11, Art. 39.) The reinforcing steel is generally made up in units. The 
foot of the pile is sometimes provided with a metal cap, for protection during 
driving; more frequently the foot is strengthened by additional reinforcing 
steel. The foot of the pile is pointed. Several types of precast piles in use are 
unpatented, though there are a number of patented designs. Precast piles 
are constructed either with taper or without it. Tapering adds to the cost 
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of manufacture but probably increases the carrying capacity. If the piles 

are to be driven with a water jet, they are constructed with a hole in the 

center, either by casting a jet pipe in the pile, or by leaving a tapered wooden 

core or collapsible form in the center of the pile. The reinforcing steel should 

have a-cover of concrete of at least 3 in. to protect against rusting. Precast 

piles are generally molded in horizontal forms, but sometimes vertically. 

They must be thoroughly cured after removal from the forms, and therefore 

they should be molded at least thirty days before driving. As soon as they 

are driven, they are ready to receive their load, which is an advantage that 

they hold over the cast-in-place piles. Fig. 18 shows precast piles used in a 

pier at Havana, the maximum length of these piles being 85 ft. 

8"Ctrs. - 3-6" 

1" 2"% Gas Pipe re 

Max. Length =85' 

Fig. 18. Concrete Piles in Havana Piers 

Cast-in-Place Piles are generally patented. There are a number of types 

available which may be grouped in two classes: (1) piles in which a permanent 

shell or protection is allowed to remain in the ground to. protect the newly 

placed and unset concrete from the action of the surrounding soil and water 

and to prevent distortion of the shaft by natural earth pressure or from the 

pressure caused by driving adjacent piles; (2) piles in which no permanent 

protection remains around the concrete after it has been placed in the ground. 

The best-known pile of the first class is the Raymond pile, which is made by 

driving a tapering reinforced steel shell into the ground to refusal, by 

means of a collapsible steel core, withdrawing the core and then filling the 

shell with concrete. The concrete within the shell may be reinforced or not, 
as may be desired. Raymond piles are 8 in. in diameter at the point and the 
diameter increases at the rate of 0.4 in. per ft. The shell is made of sheet 
steel of a thickness suited to local conditions, and is reinforced by means of 

steel wire spirally wound on the interior of the shell on a 3-in. pitch and held 
in place by grooving the shell around the wire. No. 24 gage steel in the shell 
and No. 3 wire are most commonly used. A “ boot”’ or point of pressed steel 
is placed on the end of the core or mandrel, and completely encloses the 
bottom of the shell. Due to the weight of the mandrel, a strongly constructed 

piledriver is required. The Raymond piles have the following advantages: 
(1) The form can be inspected before placing the concrete; (2) the bearing 
power of every pile is tested by the average penetration of the steel core 
under the final blows of the hammer; (3) the steel core permits driving 

through very hard material; (4) due to the large taper, the surface friction is. 
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increased, which enables them to support under ordinary conditions about 
twice the working load which would be used on wood piles of the same length, 

Simplex and MacArthur piles are of the class which has no permanent shell, 
The Simplex pile is made by driving a cylindrical steel pipe, usually 16 in. in 
diameter and about 3/4 in. thick, which is sealed at the bottom by a conical 
cast-iron point. After the pipe has been driven to the desired depth it is 
filled with concrete and withdrawn, leaving the cast-iron point at the bottom 
of the concrete shaft. A ram is often used to force each batch of coticrete into 
place against the surrounding soil as the pipe is withdrawn. Occasionally a 
precast pile is inserted in the pipe after it has been driven, the space around this 
pile is filled with grout, and the pipe is then withdrawn. The Simplex type of 
pile is adapted to stiff, non-water-bearing, or clay soils, which are not plastic. 

The MacArthur or “ pedestal pile” is placed by driving a steel pipe through 
which extends a steel ram. After the pipe has been driven to the required 
depth, the ram is withdrawn and is then used to force concrete out of the 
bottom of the pipe to form an enlarged base. When this operation has been 
completed, the ram is removed, the pipe is filled with concrete, and finally 
the pipe itself is pulled out, leaving the concrete shaft superimposed on the 
base. This pile permits taking advantage of the larger bearing power of a 
lower stratum of soil, by means of the pedestal base. The ramming process 
also compacts and strengthens the concrete. If for any reason the earth at the 
base of the pile should present unequal resistance to pressure, the pedestal is 
likely to assume an eccentric shape. 

The Pretest Pile is a patented method, well adapted to underpinning of 
existing foundations on sand or clay soil. It consists in forcing a hollow steel 
pipe or tube, 12 in. to 16 in. in diameter, into the soil by means of jacks which 
Teact against the bottom of the existing footing. The pipe is in sections of 
telatively short length, and as the sinking progresses additional sections are 
added, being joined together by special collars. As the pipe is forced down, 
the material inside is removed, generally by a water jet and pump. And 
finally the pipe is filled with concrete. 

Precautions for Cast-in-Place Piles. All such piles may be subject to in- 
jury to the green concrete by driving forms for adjacent piles, either by dis- 
placement of the concrete by the earth pressure, or by vibration of the 

fresh concrete after the initial set of the cement has taken place. This diffi 
culty may be avoided by providing that no pile shall be driven within a 
distance of 5 to 10 ft. from a freshly placed pile until 3 to 7 days after the 
latter has been driven, in order to permit the green concrete in the pile to 
attain a strength adequate to withstand injury. The construction of cast-in= 
place piles often requires more careful supervision than is needed for’ driving 
precast concrete piles. 

Composite Piles have been used successfully in water-bearing ground, to 
eliminate the great cost of placing extremely long concrete piles. A long wood 
pile is driven to such a depth that its top is below the permanent water level. 
A concrete pile is then placed on top of the wood pile, and properly doweled to 
it, the concrete extending up above the water level to the required elevation. 
A similar construction is by driving a hollow reinforced-concrete pile over! the 
wood pile, removing the water and mud from the hollow pile and filling the 
latter with concrete. In clay care should be taken’ to be sure that the conereté 
“tops” first built are not shoved off the wooden piles by the displacement 

of the clay by the piles subsequently driven. 
Concrete’ vs. Wood Piles. Advantages of concrete piles are: (1) Can 

extend above permanent water level without decaying and can be used in 
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water infested with borers. (2) Are not subject to decay through unforeseen 

changes in ground-water level. (3) Greater bearing capacity; timber piles 

are generally restricted to 20 tons, whereas concrete piles (depending upon 

their size and the soil through which and to which they are driven) may be 

safely loaded up to 50 tons. (4) As foundation may be above ground-water 

level, there is a saving in excavation and in foundation masonry, with a 

possible reduction in time of construction. (5) They can be readily bonded 

into a grillage or capping of concrete. (6) They may save time where it is 

necessary to wait for delivery of timber piles. (7) When properly designed 

they have great flexural strength. 

Advantages of wood piles are: (1) Less expensive than concrete. (2) They 

can be driven more quickly and with lighter equipment and often can be 

obtained in less time. Precast concrete piles usually require thirty days to 

cure.. (3) Where the length of pile cannot be accurately determined in ad- 

vance the wood pile has a decided advantage. Five or six feet of additional 

pile may be purchased at relatively small cost and if necessary cut off with 

little additional cost. 

The Drop-hammer Piledriver consists of a heavy block of iron, called a 

ram, monkey, or hammer, which is carried by a rope or cable passing over a 

pulley fixed at the top of an upright frame and allowed to fall freely on the 

head of the pile. The machine is generally placed upon rollers or on a car or 

scow. The frame consists of two uprights, called leaders or leads, from 10 to 

60 ft. long, placed about 2 ft. apart, which guide the falling weight in its 

descent. The leaders are either wooden beams or steel channel-beams, usually 

the former. The hammer is generally a mass of iron weighing from 500 to 

7600 Ib. (usually about 2000), with grooves in its sides to fit the guides and a 

staple or pin in the top by which it is raised. The rope employed in raising 

the hammer is usually wound up by a steam engine placed on the end of the 

scow or car, opposite the leaders. 

The hammer is operated by attaching the rope permanently to the staple in the top 

of the hammer, and dropping the hammer by setting free the winding drum by the 

use of a friction clutch. In this way the hammer can be dropped from any height, 

thus securing a light or heavy blow at pleasure. 

Steam-Hammer Piledrivers are of two types—single-acting and double- 

acting. The single-acting steam-hammer consists essentially of a steam 

cylinder (stroke about 3 ft.) the piston-rod of which carries a striking weight 

of 3000 to 5000 Ib. The steam cylinder is fastened to and between the tops 

of two I-beams 8 to 10 ft. long, the beams being united at the bottom by a piece 

of iron in the shape of a frustum of a cone, which has a hole through it. The 

under side of this connecting piece is cut out so as to fit the top of the pile. 

The striking weight, which works up and down between the two I-beams as 

guides, has a cylindrical projection on the bottom which passes through the 

hole in the piece connecting the feet of the guides and strikes the pile. The 

steam to operate the hammer is conveyed from the boiler through a flexible 

tube. In principle the single-acting steam hammer does not differ from the 

drop-hammer. 

The whole mechanism can be raised and lowered by a rope passing over a pulley in 

the top of the leaders. After a pile has been placed in position for driving, the ma- 

chine is lowered upon the top of it and entirely let go, the pile being its only support. 

When steam is admitted below the piston, it rises, carrying the striking weight with 

it, until it strikes a trip, which cuts off the steam, and the hammer falls. At the end of 

the down stroke the valves are again automatically reversed, and the stroke repeated. 

By altering the adjustment of the trip-piece, the length of stroke (and thus the force 
of the blows) can be increased or diminished. The admission and escape of steam to 
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and from the cylinder can also be controlled directly by the attendant, and the num- 
ber of blows per minute is increased or diminished by regulating the supply of steam. 
The machine can give 60 to 80 blows per minute. 

The Double-Acting Steam-hammer not only lifts the ram by steam 
pressure, but also uses the steam to. drive the ram down. This action increases 
the energy of the blow exerted by the hammer, and permits the use of a 
lighter hammer. The double-acting hammers are made in various sizes, with 
piston-stroke ranging from 2 1/4 in. to 20 in., and weight of ram varying from 
5 1/2 lb. to 2 tons, and running at speeds of from approximately 1500 to 120 
strokes per minute. The lighter hammers“are used for driving wood sheeting, 
and the heavier machines can be used to drive all sizes of wood or concrete 
piles. The advantages of the double-acting over the single-acting or the drop- 
hammer are: (1) The lighter weight permits use of lighter handling equipment; 
(2) The shorter hammer lessens the headroom required in the leads. (3) The 
increased frequency of blows gives easier driving, as the motion of the pile 
never actually ceases between blows. This also permits driving with less 
injury to the pile, especially in the case of large concrete piles. 

When a pile is to be driven in water, and the top of the pile must be below 
the water surface, a “follower” is commonly used, especially with the drop- 
hammer. This is a round stick of hard timber about 20 ft. long, banded with 
steel at either end, and placed upon the top of the pile as the latter is driven 
into the water. The need of a follower may be avoided by using a special type 
of double-acting steam-hammer which is adapted to driving under water. 
For this purpose, telescopic leads are used, the inner leads being lowered 
through the water to the bottom, then the pile with the hammer is let down 
within the lower leads and driving. begins. Other advantages of the sub- 
marine driving are: shorter piles, full force of blow delivered to the pile, 
bearing power determined in the same way as for driving at the surface, piles 
can be driven straight and accurately spaced, no delays on account of high 
water, divers not required except for inspection and occasional sawing. An 
important use of submarine driving is for driving piles within a cofferdam. 
If the cofferdam is pumped out before the piles are driven, the driving of the 
piles may open up “ sand boils,” with the result that some of the piles may be 
lifted up after they are driven. By driving the piles before unwatering the 
cofferdam, such troubles are avoided. (See article by E. R. Evans in ‘‘ The 
Florida Engineer and Contractor,” Aug., 1927.) 

Another special use for steam hammers is in pulling piles, and particularly 
steel sheet piling. For this purpose, the hammer is suspended from a derrick 
in an inverted position and attached to the pile by wire rope. The derrick pulls 
on the hammer, which transmits this pull to the pile; in addition the blows of 
the hammer, acting upward, are transmitted to the pile. 

The size of hammer required will depend on the weight of the pile, and on 
the difficulty of driving. The McKiernan—Terry Drill Co. recommends for 
concrete piles that a double-acting steam hammer be used exerting an energy 
of not less than 5500 ft-lb. per cubic yard of concrete in the pile, and that in 

no case should the total energy per blow be Jess than 6000 ft-lb. Any of the 
steam hammers may be operated with compressed air. 

Cost of Driving Piles. Itisimpossible to give any general costs that will be applic- 
able to most conditions. The actual cost is a function of locality, varying soil con- 
ditions, length of pile, the number of piles that are to be driven and the time in which 
they are to be driven. In small work the cost of getting the piledriving equipment 
to and from the job may be the major item of cost, whereas in the larger work thig is a 
negligible factor. The cost of wooden piles varies from 20 to 40 cents per lin. ft., 

depending upon the locality and the length. The cost of driving varies between 



736 Foundations on Land Sect. 8 

£5 and 30 cents per lin. ft., depending upon the above-mentioned conditions. Precast 

concrete piles cost from $1.50 to $4.00 per lin. ft. in place, including the cost of driving. 

The reasons for variations are given above for wood piles. In addition, some of the 

longer precast piles may be as large in cross-section as 24 in. X 24 in. and are therefore 

expensive. The cost of manufacturing piles having a cross-section of 12 X 12 in. to 

16 X16 in., including all materials, is about $1.00 per lin. ft. The remaining portion 

of the above cost is the cost of handling and driving, including the rental of plant. 

Raymond Concrete Pile Company states that the cost of their cast-in-place pile is 

approximately $2.00 per ft. in place. 

In Water-jet Piledriving a jet of water is discharged below the point of 

the pile, thus loosening the soil and allowing the pile to sink by its own 

weight or with very light blows of a drop-hammer. The water may be con- 

veyed to the point through a hose or pipe loosely tied or stapled to the pile, or, 

if the pile is a concrete one, through a hole molded in the center for that pur- 

pose. It makes very little difference, either in the rapidity of the sinking or in 

the accuracy with which the pile preserves its position, whether the nozzle is 

exactly under the middle of the pile or not. The efficiency of the jet is greatest 

in clear sand, mud or soft clay; and it is almost useless in gravel, or in sand 

containing a large percentage of gravel, or in hard clay. The use of the water 

jet is practically indispensable for driving large piles in sand. The rate of 

jetting piles in sand that does not contain clay or silt may be much increased 

by raising the water pressure of the jet, and without decreasing the bearing 

capacity of the pile. 

Lateral Stiffness of Piles. The lack of stiffness of a pile supporting a 

structure subject to horizontal or lateral pressures is not generally under- 

stood. Ifa pile is placed in a horizontal position, the unsupported projecting 

ends will bend from 3 in. to 1 ft., depending upon the length unsupported. 

The same pile in a vertical position will be no stiffer. This may be observed, 

in the case of piles extending 20 to 40 ft. above firm ground, by a person 

standing on the pile and working it back and forth by swaying the body. 

Such piles can often be pushed apart with the hand. When they are framed 

together with a top platform the piles will work together, but the flexure 

ander lateral or horizontal thrust will be approximately the same. 
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Attention is also called to the fact that the point of flexure in soft ground 
may be far below the top surface of the ground (see Fig. 19). The lateral 
stiffness of vertical piles should be considered only where the piles are driven 
in firm ground such as coarse sand, and do not extend much above the surface 

of this ground, as in Fig. 20. To prevent a retaining wall from moving, as in 
Fig. 19, either the wall must be carried down into firm ground or riprap, 
shore anchors or batter piles must be used, as in Fig. 21. 

Sal SX, 
tT Sal < 

Fig. 21 

Attention is called to the fact that a pile bent with a vertical anda batter 

pile framed as in Fig. 22 is not stable unless there is sufficient length of vertical 

pile, a, below the ground level to act as an anchor through skin friction. If 

this is not the case a vertical load such as the earth fill above a platform, 

Fig. 23, must be placed on the vertical piles to give the necessary weight to 
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hold the structure down. This is one reason for the so-called “‘ platform 

type’ of wall shown in Fig. 23. . 
Attention is also called to the fact that sometimes the stresses at the con- 

nection of the vertical and batter pile of Fig. 23 are not given sufficient con- 

Fig. 21¢ 

sideration. The writer knows of one wall of this type 1000 or more feet in 
length which gives serious trouble because one bolt was used at this joint 
instead of three, although the rest of this structure was well designed. 

Further comments on the design of such connections are given in Sect. 19, 
Art. 13. The detail of the joint should be in accordance with the principles 
of timber detailing given in Sect. 9. 

Special Study Required 
at this Joint 

Fig. 22 Fig. 23 

10. Safe Bearing Loads for Piles 

(The following discussion of safe bearing loads for piles is based largely on the paper 
on “‘ The Science of Foundations’? by Charles Terzaghi, published in Trans. Am. Soc. 
C. E., Vol. 93, p. 288.) 

Bearing Capacity of Individual Piles. Piles can be grouped in two general 
classes: (1) The lower end of the pile rests upon a hard stratum, and the body 
of the pile receives little or no support from the earth above. In this case the 
pile must be designed as a column, and its bearing capacity will depend upon 
its strength as a column rather than upon the bearing capacity of the support- 
ing ground. (2) The pile transmits its load largely by friction along its sides 
into the adjacent ground. This is the condition most frequently encountered, 
and to which the following discussion mainly applies. 
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In attempting to determine the bearing capacity of a pile as based on the 
effect of the blows of the piledriver, the soil into which the pile is driven must 
be considered under two general classes: 

Class I. In certain materials (particularly in sand, gravel, and permeable 
artificial fills) the resistances acting while the pile is being driven are prac- 
tically identical with those acting on the pile under static load. Under such 
conditions the piledriving formulas can be expected to furnish accurate 
results. The formulas most commonly in use are the “ Engineering News 
formulas,” which are as follows: , 

: : : 7 2 Wh 
For a pile driven with a drop-hammer, P= ory 

F ; ; . 2 2 Wh 
For a pile driven with a single-acting steam-hammer, P = abd 

For a pile driven with a double-acting steam-hammer, P = ee 

In these, P is the safe load in pounds, W is the weight of the hammer in 
pounds, h is the free fall of the hammer in feet, a is the effective area of the 

piston in square inches, pis the mean effective steam pressure in pounds, 
per square inch, and s is the penetration of sinking in inches. s is gen- 
erally measured as the average penetration under the last 5 or 10 blows. 
under a drop-hammer or as the average of the last 20 blows under a steam- 
hammer, and is assumed to be at an approximately uniform rate; it should 
not be less than 1 in. under a drop-hammer or 1/4 in. under a steam-hammer, 
for consistent results with this formula. These formulas are based on an 

assumed factor of safety of 6. 

The Engineering News formula was developed for use with wood piles; it 
is not as satisfactory for concrete piles, since their great weight influences the 
amount of penetration under the hammer. For concrete piles, Eytelwein’s 

formula is frequently used: 
2 Wh 

~ 3 (1 + Wp/W) 

For a pile dri ith a single-acting steam-h 1 Boas or a ple ven witha single-acting s eam-nammer, = B + 0.1 Wy/W 

ETE : ; _ 2 (W + aP) 
For a pile driven with a double-acting steam-hammer, P = 5 + 0.1 Wp/W 

For a concrete pile driven with a drop-hammer, Pp 

in which Wp is weight of pile in pounds and the other symbols are as given: 

above. 
For piles sunk with a water jet or those cast in place, the formulas do not 

apply, except when the pile is tested by driving some time after it has been. 

placed. For these conditions, a static loading test is more satisfactory. 

Class II. In very fine-grained silts, soft clays and saturated fine sands and 

similar fine water-bearing materials, the friction acting on the pile during 

the driving (hydrodynamic pile friction) is very much less than that which 

develops after a couple of days’ rest (static pile friction), whereas the re- 

sistance of the point of the pile under impact (dynamic point resistance) is. 

very much greater than its resistance under static load (static point resist- 

ance). The difference between the dynamic and the static resistance is thought. 

to be caused by the squeezing of a certain quantity of water out of the soil 

beneath the point of the pile in the driving. The water escapes toward the: 

surface through the space between the pile and the ground and forms a film. 
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acting as a lubricant, which greatly reduces the friction along the sides of the 
pile. The force required to squeeze the water rapidly out of the soil beneath 
the pile is greater than that required to compress the soil slowly. During a 
period of rest, the film of water is gradually absorbed by the soil and the full 
static pile friction develops. When piledriving is resumed, both the static 
friction and the dynamic point resistance must be overcome. For such 
materials, the pile formulas based on resistance under the hammer give only 
an approximate indication of the static bearing power of the pile. The safe 
load is probably far in excess of that given by the formula. 

The best way to distinguish whether a material belongs to Class I or Class II 
is by comparing the penetration per blow immediately before and after a period 
of rest of at least 24 hours. If these two penetrations are approximately the 

same, it is evident that the material belongs in the first class, and that the 
piledriving formulas can be expected to furnish reliable results. If after 24 
hours the penetration is two-thirds or less of that previously nected, the 
material belongs to the second class, and the only satisfactory way to deter- 
mine the bearing capacity of the pile is by a static load test. 

Test Piles. Before designing a structure or ordering piles for a structure, 
test piles should be driven over the area to determine the total number and 
requisite lengths. If the behavior of the pile in driving definitely indicates 
the safe applicability of the foregoing formulas, test loads may be omitted. 
If in doubt, test several of the piles, framing a platform upon three adjacent 
piles, and load with pig iron or other heavy material. 

In making a driving test there should be little or no bouncing of the hammer. 
If the hammer bounces to any considerable extent, the fall is too great, or the 
pile has struck a solid obstacle, or the hammer is too light. Frequently, 
decreasing the fall will decrease the bouncing and also increase the effective- 
ness of the blow. If the pile has struck an impenetrable stratum, and the 
driving is continued, it is probable that there will be a small and continuous 
apparent penetration due to the mashing of the foot of the pile, which may be 
followed by a sudden drop of several inches, showing that the pile is broken. 
Not infrequently when a pile is pulled the bottom is found badly bruised, and 
sometimes the body of the pile is shattered. 

Unless the observed penetration is uniform or at a uniformly decreasing 
rate, it should not. be used in the formulas. If the penetration is practically 
zero, it is, probable that the pile is against an impenetrable stratum and further 
driving will crush the point. When the penetration has reached as small an 
amount as 1/4 or 1/2 in. per blow and the hammer rebounds, it is safe to con- 
clude that the limit of safe driving of that pile has been reached..Care should be 
taken that the test blow is struck on sound wood, otherwise the observed 
penetration may be much too small and the computed supporting power 
much too great. 

Static Load Tests should be made on piles driven in soils belonging to Class 
II described above. In such a test, the pile is allowed to stand at least 24 
hours after driving. It is then loaded by placing weights on a platform con- 
structed upon a pile (or three piles), keeping the load symmetrical. Careful 
records of the settlement should be taken, as the load is increased. After a 
load of 20 or 30 tons per pile has been reached, the pile should be allowed to 
stand for one or two days, after which the load should be still further in- 
creased. The allowable load must not exceed one-half the ultimate load and 
preferably should not exceed one-third. A record should also be made of the 
distance which the top of the pile rises after the load is removed, to serve as 
an indication of the elasticity of the supporting ground. 
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Bearing Capacity of Pile Foundation. Tests of a few piles in advance of 
design may be misleading as to the number of piles that are needed. If the 
piles are driven through soft ground to very hard ground or rock, practically 
to refusal, it is safe to assume that the bearing capacity of the entire founda- 

tion is equal to the safe load as determined by the test pile multiplied by the 
number of piles used. On the other hand, the test load on a few piles may be 
misleading when (a) the test pile is driven into spongy ground such as clay 
which is more disturbed than compacted by the driving of piles, or (b) short 
piles are driven into ground which is uniform for the full length of pile. These 
tests may indicate a larger safe bearing capacity than will be true for a group 
of piles. In the case of (a) the single pile might not disturb the ground suffi- 
ciently to injure the skin friction, whereas a group of piles in the same ground 
may make the skin friction negligible. The writer has observed clay which 
rose from 5 in. to 5 ft. when piles were driven on 3-ft. centers. The disturbance 
of the ground was so great that large numbers of the piles first driven rose 
several feet as a result of subsequent driving of piles in the adjacent area. 

In the case of (b) the load will be merely transferred from the bottom of the 

foundation slab to a point a short distance below it, say 25 or 30 ft.; and 

unless the soil at or near the bottom of the piles is much firmer than the 

upper layers it is probable that the total resistance of the piles will be ma- 

terially less than would be indicated by a test load upon a single pile. See 

discussion of this subject by C. Terzaghi, Trans. Am. Soc. C. E., Vol. 93, 

p. 290. 

11. Deep Foundations* 

When an earth or rock stratum suitable for the foundation of a structure 

can be reached by excavation, by unwatering the site, or by unwatering and 

subsequent excavation, a number of methods are available, the choice of 

which must be determined by the particular conditions which may exist. 

Open Excavation. When the excavation will be above water level and the 

ground is cohesive as well as dry, it may be practical to excavate to the 

desired depth without supporting the sides of the excavation. Usually such 

excavation does not safely exceed 10 or 15 ft. in depth but, in very dry ma- 

terials, such pits can be carried down to considerable depths. The founda- 

tions for the Nebraska State Capitol, at Lincoln, are concrete piers, belled 

out at the bottom and resting upon Dakota sandstone, at depths of 25 to 45 

ft. below the surface. The excavations for these pits were made through the 

dry loess and cemented sand and gravel, without sheeting or bracing. 

Wood Sheet Piles. The ground below the surface is generally moist, water- 

bearing, or it may be non-cohesive, and the sides of the excavations must 

then be supported. For this purpose braced planks are used in ordinary 

excavations. In all except dry and cohesive grourfd, the planks are driven 

vertically and close together, and are called sheet piles. The plank should 

be 2 to 12 in. thick, depending upon the earth pressures to be resisted and the 

spacing of the bracing. Except in dry materials the plank should be tongued 

and grooved, or splined; or Wakefield sheet piling should be used. Tongued- 

and-grooved sheeting is made or milled so that on one edge of each plank there 

is a projecting tongue and on the opposite edge a groove into which the 

tongue of the adjoining plank engages when driven. Splined sheeting has a 

groove cut into both edges of each plank. A narrow wood strip is then nailed 

in one of these grooves, projecting beyond the edge of the plank, so that it 

* Most of this article was written by Ralph H. Chambers, 
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will engage with the groove in the adjoining plank in the same manner as 
tongued-and-grooved sheeting. The connection between the planks is stronger 
when splined sheeting is used as the splines can be made wider and thicker 
than the tongues of tongued-and-grooved sheeting. Also, the width of splined 
sheeting is not reduced by the milling as is the case with tongued-and-grooved 
sheeting. The tongues and grooves are sometimes made by spiking strips of 
wood to ordinary dimension lumber. 

Wakefield sheeting (Fig. 24) is made of three layers of plank which are 
nailed or bolted together to form each sheet pile, so that the middle plank 

projects beyond the edges of the planks on each side 
of it, thus forming a tongue on one edge of each 
sheet pile and a groove on the other edge. This form 
of sheeting is not as strong as solid sheeting of equal 
total thickness of either of the other two forms men- 
tioned. On the whole splined sheeting is preferable. 
Wood sheet piles should be beveled at the bottom 

on one side and one edge to facilitate driving and 
to cause each succeeding sheet pile to drive close 

against the adjacent sheet pile and tight against the 
bracing. In general, wood sheeting should be driven 
as the excavation proceeds and the bottom of the 
sheeting should never at any time be driven more 

than a few feet below the bottom of the excavation. 
! Wood sheeting may be driven by wooden mauls, 
Fig. 24 Wakefield the tops of the sheet piles being protected by an 

Sect sPile iron cap, or may be driven by steam- or air-ham- 
mers. 

In large open excavations the sheeting is braced by one or more sets of 
horizontal timber rangers or wales supported by braces which slope down to 
the bottom of the excavation, or by horizontal braces across the excavation. 
Rangers, wales or sets are usually spaced 6 or 7 ft. apart vertically at the 
top, and closer together near the bottom. In deep excavation, especially if 
there is a large hydrostatic head, it may be necessary to place them almost 
touching each other near the bottom. Both sheeting and bracing must be 
proportioned to resist the lateral pressure of the earth and water (see Sect. 10, 
Art. 19). In pits of small horizontal dimensions, the computed pressure: 
should be modified in accordance with Art. 4. When the ground is very ~ 
unstable or is water-bearing, hydrostatic pressure should be used as a measure 
of the forces to be resisted. 

The excavation may be made by hand tools, casting the excavated material 
to the top of the excavation, or to successive benches and so to the top; or the 
excavation may be loaded into buckets and hoisted by windlass or derrick. 
Clamshell or orangepeel ®uckets, operated by derrick or crane, may also be 
used Water in the excavation must be removed, as will be later described. ° 
When the headroom over the site of a foundation is restricted, as under an 
existing building, the sheeting may be placed horizontally. It is then put in, 
plank by plank, in horizontal sets, notched and butted together at the corners. 
After four or five of these sets have been placed, vertical breast pieces and 
horizontal braces must be placed, if needed. 

In comparatively dry ground, excavation by the use of wood sheet piles, 
may be carried to a depth of 60 or 70 ft. When the depth is more than 20 ft., 
it is usual to make the horizontal dimensions of the first pit (i.e., the upper 
20 ft.) sufficient so that, when a depth of 18 to 20 ft. is reached, a second set 
of sheeting can be started inside the rangers of the upper pit, and thus a pit 
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of smaller dimensions can be carried another 20 ft. If the excavation is to be 
carried still deeper a third set of sheeting may be driven inside the second set. 

In order to obviate the necessity of enlarging the excavation in the upper 
section, the so-called “‘ poling board’ method may be used. Fig. 25 shows the 
details of this method, which is similar tc that already described except that 
the sheeting, in each successive drive, is only 4 or 5 ft. long and is driven 
slanting outward, so that the average horizontal dimensions of the pit are kept 
constant. It is obvious that this method cannot be used in wet or very un- 
stable materials. This method is more generally used when the great depth 
to which the excavation must be carried 
has not been anticipated. When the W& 
material to be excavated is very soft or is 

ground rises inside the excavation, or is 
carried up into the excavation by water, 
wood sheeting cannot be used advanta- 
geously and steel sheet piling driven at all 
times 10 or 15 ft. below the bottom of the 
pit excavation works better (Art. 12). 

Chicago Method. When the material 
to be excavated is a fairly stiff clay, as 
that which underlies the city of Chicago, 
the excavation may be carried down to 
comparatively great depths by the Chicago 
Method. In this method the excavation is 
carried down in a circular well 3 to 8 ft. 
in diameter in successive sections of 5 ft. 
each. The sides of these sections are 
lagged with 6-in. tongued-and-grooved 
staves, usually maple, 2 or 3 in. thick and 

5 ft. long. Each 5-ft. section of lagging is Fig. 25. Poling Board Method 

held in place by two steel rings 3 K 3/4 

in., each ring consisting of two semicircles flanged at the ends and connected 

by bolts. The rings are usually removed as the wells are filled with concrete 

but the lagging remains in place. It is usual to bell out the bottoms of these 

wells to a frustum of a cone, having a bottom diameter twice the diameter 

of the well. These wells are excavated to rock to depths of 100 ft. or more. 

Gow Method. In material similar to the Chicago clay, or even in a softer 

and more water-bearing material, a method somewhat similar to the Chicago 

method is sometimes used. In this method a single cylindrical concrete shaft 

of sufficient cross-sectional area (generally not less than 3 ft. in diameter) is 

sunk through any unsuitable upper layers of soil to a satisfactory bearing 

material. The method consists of sinking a series of short steel cylinders 

varying slightly in their several diameters so as to telescope into one another, 

the largest size being used as a starter and the others inserted successively 

through those already in place. When the cylindrical excavation has reached 

the desired depth the bottom of the opening is enlarged in the form of a 

truncated cone having a base of sufficient area upon which to impose the 

entire load carried by the particular column without danger of overloading 

the underlying soil. Concrete is then deposited in the opening thus prepared 

so as to fill it entirely, the several steel cylinders being successively with- 

drawn as the concreting work progresses. The excavation is done by hand 

tools. 
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_ Drop Shafts. Another method which can be used in ground which is not 
too soft or too water-bearing is similar to the dredging caisson method (Art. 
14). This consists of the sinking of a “ well curb” which is a hollow cylinder 
built of reinforced concrete or brick, often sheathed on the outside with 
wood plank, and provided with a steel cutting edge at the bottom and which 
is constructed to a convenient height at the site and sunk by excavating inside 

and under it. The well curb will sink of its own weight until the friction 
of the ground against the sides becomes sufficient to support the weight. 
The well shaft must then be weighted until the friction is overcome. The 
intensity of the friction on the sides of the shaft is equivalent to that on 
dredging caissons (Art. 15). Sometimes the shafts are built in two sections, 
the lower telescoping within the upper. This method was used in the con- 
struction of a mine shaft for the St. Albert Collieries, near Calgary, Alberta, 
Canada. The object of using two sections of shaft is the reduction of the 
amount of weight which must be used at one time. It will be obvious, how- 
ever, that the use of two sections greatly increases the quantity of excavation 
and concrete. 

Well-Drilling Method. Recently, large pipes or steel cylinders have been 
sunk to rock by well-drilling methods. It is believed that cylinders up to 48 
in. in diameter can be sunk by such means. This cannot, however, be done 
when many boulders are encountered, because the boulders force the drilling 
apparatus and the cylinders out of line. The method consists of driving a 
steel pipe into a hole in the ground which is drilled out ahead of the pipe. 
The drilling is done by a heavy “ bit” which is lowered into the pipe on the 
end of a cable, and is churned up and down in the soil below the pipe. The 
loosened soil is removed by a “bailing”? bucket, which is lowered into the 
pipe after the bit is hoisted out. After the hole is drilled out for some distance 
below the end of the pipe, the latter is driven down to the bottom of the hole 
by a special drop-hammer. 

This method was used to construct the foundations for the west ventilating 
shaft of the Holland Vehicular Tunnel, under the Hudson River, between 
New York and Jersey City, N. J. Two groups of 24-in. diameter pipes, forty- 
two in each group, were driven to support two rectangular foundations. The 
pipes were spaced around the peripheries of the two proposed foundations. 
The pipes were driven to rock from a temporary platform of piles and timber 
through 30 ft. of water and 220 ft. of silt. They were cleaned out by pumping 
water into the pipe, then reinforced with hooped reinforcing bars, concreted 
to a level about 100 ft. below water level and cut off (from inside the pipes) 
at that point, 70 ft. below the surface of the silt. Two pneumatic caissons 
were then sunk until they rested upon the two groups of pipes. Each of these 
pipes supports a load of 97 tons which may become 126 tons under wind 
pressure. (See Eng. News-Rec., Vol. 90, p. 242.) 
The Well-Point Method consists of sinking a row of pipes vertically into 

the ground around the excavation, at intervals of a few feet, to a depth 
somewhat greater than that of the proposed excavation. The lower end of 
each pipe is provided with a “ well-point,” which is a metal tube with a solid 
pointed end, the sides of the tube containing a large number of small holes. 
After the pipes are placed, their tops are connected with mains leading to 
the pumps, which draw the ground-water through the well-points and thus 
lower the ground-water level. The length of time required to lower the 
water to the desired level will depend upon the degree of fineness of the sand. This method has been much used in the construction of the New York City subways and was used to excavate portions of the Cape Cod Canal by steam 
shovels working ‘‘in the dry.” ‘ 
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_ An example of its use on a large scale is given in the report of the construction of the 
lock for the inner Harbor Navigation Canal at New Orleans, La. The subsurface 
materials were alternate strata of clay and quicksand. The unwatering and excava- 
tion were accomplished by using driven pipe wel!s and sheet piling to cut off the quick- 
sand strata. The site (1625 ft. by 650 ft.) was surrounded by an enclosure of wood 
sheet piles, 48 ft. long, within which the excavation was done by suction dredges. 
Then .a second enclosure of wood sheet piles 55 ft. long was driven within the first 
enclosure. This second enclosure was 1285 ft. long and 280 ft. wide. Inside the second 
enclosure a third enclosure of 50-ft.-long Lackawanna (Bethlehem) steel sheet piles 
was driven. Thirty-two pipe wells were driven just outside of the second sheet pile 
enclosure and 24 pipe wells were driven outside and close to the innermost enclosure 
of steel sheet piling. Both of these lines of wells were driven to a level about 40 ft. 
below original ground surface. Just inside the enclosure of steel sheet piling 126 
pipe wells were driven and 5 pipe wells were driven in a line at the middle of the pro- 
posed excavation. The two latter groups were driven to a level about 60 ft. below 
the original ground surface. All pipe wells were 10 in. in diameter. The inner 
enclosure of sheet piling and the several lines of pipe wells were driven successively 
as the water level was lowered. The innermost enclosure of steel sheet piling 
was braced by horizontal timbers running across the enclosure. After months of 
pumping the water level within the innermost enclosure was lowered to a depth of 
47 ft. below the level of the original ground surface and the lock floor was built. 

See also account of this method as used at Lynn, Mass., by Charles Terzaghi, 
Journal Boston Soc. Civ. Eng., Sept., 1927. 

Freezing Method. This method, invented by F. H. Poetsch of Prussia, in 
1883, has been much used in Germany and has also been used in Belgium 
and England but has been used in this country in only a few instances. It 
was used in the construction of the Chapin mine shaft, Iron Mountain, Mich., 
and it was also used for stopping a leak in a cofferdam for the Detroit—Superior 
Bridge at Cleveland, Ohio. It is used where the subsurface materials are fine 
sands and quicksands which cannot be successfully handled by ordinary 
methods. The extensive installation necessary makes this method expensive, 

but it is invaluable in very deep shafts and it will doubtless be increasingly 
used for such shafts. Shafts more than 2000 ft. deep have been so sunk. 
The site was surrounded by pipes driven to a depth somewhat greater than 
that of the proposed excavation. These pipes were closed at the bottom and 
inclosed smaller pipes which were open at the bottom. A brine freezing 

mixture was pumped through the inside pipes and, issuing from the bottoms 

of these pipes, rose through the larger driven pipes. After many days’ opera- 

tion of the freezing apparatus, the ground within the circle of driven pipes 

was frozen and was excavated as solid material. 

Costs. The cost per cubic yard of excavation for foundations must include not 

only the cost of the excavation itself but also the cost of supporting the sides of the 

excavation, as well as the costs of pumping, an allowance for plant and the cost of 

operating the plant. By the Chicago method, at present prices and labor rates, the 

cost per cubic yard, of an excavation 6 or 7 ft. in diameter, including lagging and pump- 

ing, as well as overhead charges, will be about $15.00. The cost of excavation by the 

Gow method will be about the same. 

FOUNDATIONS UNDER WATER 

12. The Cofferdam Process * 

When the site of a proposed foundation is covered by water it must first 

be unwatered, unless caissons are used, before the excavation work can be 

done and the foundation built. Recourse may then be had to one of the 

following methods. 

* Most of this article was written by Ralph H. Chambers. 
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Earth Dikes. When the site is covered by comparatively quiet water 4 or 

5 ft. deep, or even more, and the bottom is rock or firm and impervious ma- 

terial, the unwatering can be done by constructing an enclosing dike composed 

of sand- or clay-filled bags, or a bank consisting of two walls of sand-bags 

with a clay filling between. The dike should be at least as thick as its height 

and usually the clay puddle between the sand-bags should be 3 ft. or more in 

thickness. 

Puddle Cofferdams. When the bottom is a stiff impervious material into 

which sheeting can be driven, puddle cofferdams are built by driving two 
lines of sheeting to retain the clay puddle 
(Fig. 26). Temporary timber piles, at 
intervals of 10 ft. or more, are first driven 

in two lines around the site. To these, 
timber wales, w and g, are bolted above 
water level. Within these timber rangers 
are driven an inner and an outer en- 

closure of wood sheet piling, of one of 
the forms that have been described. The 
space between the two lines of sheet pil- 
ing is filled with clay puddle. The inner- 

most sheet piling and the supporting 
rangers or wales should be designed to 
support the clay puddle. The outer 

, J ring of sheet piling, which will always 

Figghs. a Puddlé-WalkCofterdamis have the water pressure against it, may 
be comparatively thin. The whole cofferdam may depend for its support, 
after the site has been unwatered, upon the temporary timber piles, or the 

inside wales may be braced across the site. The puddle in a cofferdam of 
this form should never be less than 3 ft. thick and should be at least one- 
half as thick as the height of the cofferdam. 

Steel Sheet-Pile Cofferdams. Except when the bottom is bare rock, it is 
now usual to build a cofferdam consisting of a single wall of steel sheet piling 
rather than any of the foregoing types. 
(Rock-filled cribs with sheet piling, as 
in Figs. 27 or 28, are used if the width 
of excavation is too great to be braced.) 
Even on bare rock if the rock is soft 
enough to get a toe-hold steel piling may 
be used. On some of the piers of the 
Arlington Memorial Bridge at Washing- 
ton, D.C., steel piling about 50 ft. long 
was used successfully, the rock being 

usually a hard gneiss and the over- 
lying material of little value either for 
a toe-hold or as a water stop (Fig. 29). Fig. 27 
Such cofferdams consisting of wood sheet 
piles have already been described. When the water is more than 20 ft. 
deep or when it is necessary to drive the sheet piles to a depth below the 
bottom to cut off the water, steel sheet piling is used. There have been 
many sections of steel sheet piling designed but only a few of these have 
been found satisfactory and some of the forms formerly used are now obsolete. 
The sections now used in this country for cofferdams are Bethlehem sections 

D P 165 and SPE 14, and the Larssen section II which is imported from 
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Germany. These sections are shown in Fig. 30. Fig. 30a shows a new section 
introduced in 1928 by Jones & Laughlin Co., which is also suitable for coffer- 
dams and deep foundations. Steel sheet piling is also often used in excava- 
tions for foundations where the site is not covered by water. The advan- 
tage in using steel sheet piling is that it can be driven far below the bottom 
of the excavation, to cut off a flow of water or to retain soft and unstable 
materials. It can be pulled after the work is done and can be used again. In 

*, 

14" 35% Lackawanna 
Arch Web Sheet Piles 

SECTION A-A 
Fig. 280 

Timber Bracing 

SECTION B-B 

Fig. 28a Fig. 28¢ 

Cofferdam Sherman Island Dam 

excavations of small dimensions, on land, the sections most used are the Car- 
negie section M 104 and the Bethlehem sections SPB 12 and SPE 14. 

When steel sheet piling is used for a cofferdam, at a site covered by water, 
a guide frame should first be constructed around which the piling is driven. 
When the water is not over 12 ft. deep, such a frame may be constructed by 
driving a line of timber piles around the site and bolting timber wales to these 
piles, usually outside and inside of the proposed line of sheet piling. When 
water is deeper it is usual to build a framework which will serve to brace the 
sheet piling after the cofferdam is pumped out. This frame is built at the site 
and lowered by weighting into an excavation which has been dredged for it; 
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or the frame may be built elsewhere, towed to the site and sunk into place. 

Timber piles are usually driven to hold the bracing frame in place. The wales 

may be braced across the cofferdam, above the water. 

Lackawanna 
Arch Web Piling 

Downstream 

of 

“END SECTION 
Fig. 29. Cofferdam for Arlington Memorial Bridge Piers 

Steel sheet piling is usually driven by a double-acting steam- or air-hammer. 
Such a hammer, suspended from a derrick or frame, is also used to pull the 

sheeting by reversing the direction of the blows (Art. 9). Steel sheet piling 
will usually leak when first driven. After the pumping in the cofferdam has 
been started, cinders dumped into the water outside of the sheet piling will 
be drawn into the interlocks of the piling by the currents induced by the 
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pumping and will effectually calk these joints. The vertical spacing of the 
wales and the size and spacing of the bracing should be determined by com- 
putation, considering the water and earth pressure upon the piling and the 
strength and stiffness of the piling. Excavation inside cofferdams is usually 
done by clamshell or orangepeel buckets, : 

operated by derrick or crane, or by hand a ol 
labor and dump buckets. : 

Steel sheet-pile cofferdams have been 133’ —-L— 131" +14 132" 4 
built of very large horizontal dimensions C. ‘ ; 
and it is common ‘to build such cof, Weigh Bee ber Be me 
ferdams to depths of 45 ft. or more. J na parti 

3 3 No discussion of this subject would 3 64 
now be complete without mention of : ; ES a —¥ ee 
the cofferdams which were used for the m~ 12; Lagine snaps 
construction of the foundations of the Bethlehem Section SPB 12 
western tower of the Hudson River Weight 35* per Sq. Ft. 
Bridge from 178th Street, New York 3s" 

City, to Fort Lee, New Jersey, which is ALAA 

now in course of construction (1928). " s : 
Two cofferdams, each about 100 ft. els pad: ponte 
square, were built for this foundation 7 

near the west bank of the Hudson River. Hb gig Bh pss gas 

The rock surface, at the west side. of 
these cofferdams, was about 45 ft. below 
the water surface. From the west side 
to the middle of the cofferdams the 
rock sloped gradually down and from 
the middle the slope was steep down to 
the east side where the depth below 
surface was about 85 ft. The site was 

Bethlehem Section DP 165 
Weight 25 per Sg. Ft. 

first dredged down almost to the level of aa z f, 

the rock at the west side. Bracing 32 

frames, consisting of 30-in. Bethlehem |.’ 152" 152" bi Sl 

beam rangers and timber braces and 4 4 

posts, were built in place and sunk. Larssen Section IT 

Larssen steel sheet piling, Section I, Weight 25* per Sq. Ft. 

was then driven around the frame, down SECTIONS, OF STEEL 

to rock. On the west side and about SHEET PILING 

half-way on the north and south sides, a Fig. 30 

single wall of sheet piling was driven. i 
h—-149 4 Along the balance of the north and 

south sides and along the east side two 

lines of sheet piling, about 8 ft. apart, 

were driven and connected together by 214 per Sq. Ft. of Wall 

steel sheet piling at intervals to form CHANNEL SECTION C -27 

pockets. These pockets were dredged Fie. 30 

out to rock and were filled with concrete, B- 

placed under water, up to a level about 50 ft. below the water surface. The 

balance of the height of the pockets was then filled with sand. These coffer- 

dams were unwatered without difficulty and the excavation to the full depth 

was made without mishap, except for one accident at the northeast corner 

of the north cofferdam where the rock berm under the sheet piling: failed 

suddenly, causing the flooding of this cofferdam. The sheet piling at this 

point was pulled and replaced and the work was successfully completed. 
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These are, by far, the deepest cofferdams that have been constructed Their 

successful completion was undoubtedly due to the use of concrete-filled double 

walls on the deep sides. 

The essential feature for the success of any cofferdam is that the stratum 

into which the sheet piling is driven shall be practically impervious to water 

for a considerable depth below the proposed bottom of the cofferdam. If 

there appears to be any doubt of this, the method described in Art. 14 should 

be adopted. 

Driving Sheet Piles. The Bethlehep Steel Company gives the following recom- 

mendations for driving steel sheet piling: ‘‘A drop-hammer or steam-hammer mounted 

on a suitable rig are the more common. The latter is preferable as it puts a constant 

weight on the pile, delivers quick, short blows which keep the pile moving, is less apt 

to batter the piling tops unless the hammer selected is too light, and as a rule does 

the most satisfactory work. The use of a cap over the end of the pile while being 

driven is not essential, but is recommended wherever hard driving is encountered, to 

save the top of the pile from being battered. Piles which are to be pulled and re-used 

should invariably be protected in this way, and as occasional piles must usually be 

withdrawn and re-driven in any work, the use of the driving cap is advisable. Good 

types of caps, each consisting of a steel casting, slotted to fit the piledriver leads and 

the top of the pile, and containing a recess in which a wooden block on end can be placed 

to cushion the blows of the hammer, can be secured from the manufacturers of pile- 

driving hammers. 

“Driving piling under water or below the piledriver leads is facilitated by using a 

follower, consisting of another pile fitted with projecting plates that conform with 

the section below. (See also under Double-Acting Steam Hammers, Art. 9.) 

“ Care should be observed in driving to keep each pile plumb. If the first pile driven 

is vertical, maintaining a wall straight or in true form and making closures will not 

prove difficult. Piling that deflects badly or refuses to penetrate on account of serious 

buried obstructions should never be forced, otherwise it may separate at the inter- 

lock and be twisted out of usable shape. Where the decreased movement of the 

piling under the hammer blows indicates serious obstruction, it is often advisable to 

continue the line, leaving the obstinate piles projecting above the rest until after exca- 

vation, when the obstruction may be removed and all parts of the piling wall prop- 

erly set. 
“The cost of driving steel sheet piling must necessarily depend so much upon the 

size, length and type of section used, the nature of the soil, the amount of piling used, 

local labor conditions, the method of driving, etc., that general figures are not 

practical.” 

In driving the sheet piles it is usually best to place them around the entire cofferdam 

and then work them down gradually (this is called “ gang driving”) rather than to 

drive each one down as it is placed. The latter method is more liable to result in 

getting them out of plumb. Im this case it is necessary to use tapered piles which have 

to be specially made, are expensive, and require time to manufacture. In the construc- 

tion of the cofferdams of the Sherman Island hydroelectric development and in driving 

the permanent sheet steel piling cutoff, much trouble was found in keeping the piling 

plumb when each pile was driven down as placed. These piles were driven into sand 

containing occasional small boulders. In some cases additional sheet piling was driven 

back of and in contact with the original sheeting because the interlock opened up when 
the piles encountered boulders. 

Reinforced-Concrete Sheet Piles are used where the piles are to form a 
permanent part of the structure, as in piers and wharves. These:are designed 
as beams to carry the lateral pressure of the material which they support, 
though they may also carry vertical loads. The thickness is generally 8 in. 
or more. They may be tongue-and-grooved; or a semicircular groove may be 
cast in each edge, leaving a cylindrical space where the adjacent pile is driven, 
this space being later cleaned out and filled with mortar. Combination con- 
crete and steel sheet piles have also been used, in which the steel pile is cut 
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longitudinally along its web, and the two pieces are cast into a concrete pile 
on opposite edges, leaving the interlocking portions of the steel pile exposed. 

Cost. A statement of the cost of construction work, unless all the conditions are 
taken into account, is likely to be misleading. However, to give some idea of the cost 
of such work as has been described the following are the approximate labor costs of 
the cofferdam for the screen well for the Narraganset Electric Light Co. built at 
Providence, Rhode Island, in 1925: 

Driving steel sheet piling, 24 cents per square foot. 
Pulling steei sheet piling, 14 cents per square foot. 
Timber bracing, placing and removing, $97. 00 per M. b. m. 
Excavation, $2.00 per cubic yard. 
Placing concrete under water, $2.65 per cubic yard. 

These costs do not include plant, power, insurance and general overhead expenses. 

Miscellaneous Types of Cofferdams. It is sometimes expedient to con- 
struct the foundation for a structure upon a base of concrete, deposited under 
water. To confine this concrete a crib with sheeted sides but open at the top 
and bottom is sunk at the site, upon a bottom which has previously been 
dredged out and leveled. Such a method was used for the construction of the 
river wall of the lock at the Scotia dam, on the Mohawk River near Schenec- 
tady, New York, for the New York State Barge Canal. Eight cribs, 26 ft. 
wide and 44 to 51 ft. long, were sunk in a continuous line upon a previously 
dredged gravel bottom about 30 ft. below the water surface. Concrete to a 
depth of 12 ft. was placed in the bottom of these cribs by bottom-dump 
buckets. After the concrete had set and 
the sides of the cribs had been connected 
by divers, the cribs were pumped out and 
the concrete wall was constructed in the 
cofferdam. 

This method was also successfully used 
in the construction of three piers in the 
Niagara River between Buffalo, New 
York, and Fort Erie, Ontario, Canada. 
Each of the cribs used was built of tim- 
ber in skeleton form. The current in the 
river has a velocity of 6 to 8 miles per 
hour and it was impossible to tow the 
cribs to site by ordinary means. There- 
fore heavy anchors were set in the river Fig, 31 
about 1500 ft. above the site and each 
of the cribs was towed to site by a winding drunt, mounted upon a barge and 

pulling against the anchors previously set above the site. After the cribs had 
been anchored in place and sunk in 16 to 19 ft. of water, steel sheet piling 
was set around the frame and driven tight into the rock. The joint between 
the piling and the rock was then calked by concrete in bags, placed by divers. 
In the quiet water within the sheet piling, concrete was placed through the 
water to a depth of 8 ft. When this concrete had set the space above was 
pumped out and the masonry of the piers was completed. 

In soft ground the method used is as follows (Fig. 31): (1) Excavate to 
line a bb a. (2) Drive wooden piles and cut off as at cc cc. (3) Drive wood or 
steel sheet piling to form cofferdam. (4) Cap piles with concrete to seal against 
water coming up through bottom when unwatered. (5) Float in bracing 

frames and force them into positions f ff, by weighting or otherwise. (6) Un- 

water the cofferdam. (7) Build pier on concrete cap in the dry. (8) Pull sheet 

piling. 
Rock-filled cribs are adapted to either hard or soft bottoms, using wood 
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sheeting if the cribs rest on rock, or wood or steel sheeting if built to act as a 

water stop upon a soft bottom. Cribs generally should have a width at any 

point equal to the probable height of the water above the point. These crib 

coffers may be used for dams or piers and obviously without a sealed bottom. 

On rock it may be desirable to fill in an earth cut-off as at A, Fig. 27. Fig. 28 

shows the cribs used for the cofferdam of Sherman Island dam on the Hudson 

River. 

13. Leakage and Pumping 

Leakage. A serious objection to the use of a cofferdam is the difficulty 

of preventing leakage through or under it. It is nearly impossible to prevent 

considerable leakage, unless the bottom of the crib rests upon an impervious 

stratum or the sheet piles are driven into such stratum. Water will find its 

way through nearly any depth or distance of gravelly or sandy bottom, and 

seams of sand are very trouvlesome. Logs or stones under the edge of the 

dam are also a cause of considerable annoyance. The object of a cofferdam is 

not to prevent all infiltration, but only to reduce it to the extent that a 

moderate amount of pumping will keep the water out of the way. 

Large leaks in a sand bottom often carry fine particles of soil. Sometimes 

this water appears clear to the eye, but if a glassful of such water is held up 

to the light, particles may be seen in it. If particles are being transported, 

Coarse Sand 

Coarse and 

Fine Sand ~ 

Fine Gravel or 
Coarse Sand 

settlement may take place in the structures outside of and adjacent to the 
excavation and subsequently it may take place in the foundation which is 

being built, but to a less degree. The following methods may be used to 
decrease the flow of water into the cofferdam and to reduce the amount of 
material that is being carried by the water coming into the bottom of the 
excavation by reducing its velocity: 

(1) Leaks or boils at the bottom of the sheet piling may be prevented from 
carrying material by checking the velocity of flow, as in Fig. 32, 

(2) Similarly, the flow of material carried by water “ backing up ” in the 
foundation bottom may often be prevented, as in Fig. 32. 

(3) If there are bubbling springs all over the foundation area with sufficient 
velocity either to carry material or to wash out the cement or mortar of the 
concrete, cover the whole area with a thin and preferably a porous fabric 
which will stand the weight of a light layer of stone or gravel (5 to 8 in. thick) 
and then place the concrete. A sump outside the concrete forms is desirable 
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to permit the concrete above the first 2 or 3 ft. to be placed in the dry (see 
Fig. 33). 

(4) With steel or wood sheet piling driven through water, leaks in the 
sheeting may be stopped by depositing, outside of the sheeting, cinders, 
sawdust, manure, or fine sand. This fine material will be drawn into the 
joints of the piling and stop a surprisingly large quantity of water. 

The method to be employed in removing the water will vary greatly with 
the amount present, the depth of the excavation, the appliances at hand, etc. 
If the excavation is shallow and the amount of water small, it can be bailed 
out; but usually some form of pump must be employed. The pumps generally 
used for this kind of work are the direct hand_lift foundation-pump, the 
diaphragm pump, the steam siphon, the pulsometer, and the centrifugal pump. 

The Direct Hand-lift Foundation- 
pump consists of a straight tube at Pump Discharge 
the bottom of which is fixed a common —~ip 
flap valve, and in which works a piston 

carrying another flap valve. The tube 
is either a square wooden box or a sheet- 
iron cylinder, usually the latter, since it 
is lighter and more durable. The pump 
is operated by applying the power di- 
rectly to the upper end of the piston- 
rod, the pump being held in position 
by wooden stays or ropes. The only 
advantage of the wood-box hand-lift 
pump is that it may be improvised on 
the job; and the disadvantage for 
foundation work of all pumps having 
flap valves is the danger that straw, 

sticks, mud, etc., will interfere with the Fig. 33 
action of the valves. 

The Diaphragm Pump is the usual form of hand pump for foundation 
work. This pump consists of a short cast-iron cylinder having a rubber hose 
connected to its lower end, and being divided about midway of its height by a 
flexible horizontal rubber diaphragm. The central portion of the diaphragm 
is connected to a bent-lever handle, and there is a valve in the center of the 

rubber disk. The rise and fall of the center of the disk acts as a piston. A 
pump of this form throws a large amount of water, allows sand and gravel to 
pass without choking, is not easily clogged by straw, leaves, etc., and is easily 
unclogged. Various forms of diaphragm pumps are also driven by a gasoline 
engine and are much superior to the hand pump. 

The Steam Siphon is the simplest of all pumps, since it has no movable 
parts whatever. It consists essentially of a discharge pipe, open at both ends, 
through the side of which enters a smaller pipe having its end bent up. The 

lower end of the discharge pipe dips into the water; and the small pipe connects 
with a steam boiler. The steam, in rushing out of-the small pipe, carries with 

it the air in the upper end of the discharge pipe, thus tending to form a vacuum 
in the lower end of that pipe; the water then rises in the discharge pipe and is 
carried out with the steam. The steam siphon is limited practically to lift- 
ing water only a few feet; its cheapness and simplicity are recommendations in 
its favor, and its efficiency is not much less than that of other forms of pumps. 
One of the advantages of the steam siphon is that frequently it can be im- 
provised on the work from ordinary pipe and fittings. Several forms and 
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sizes are upon the market, ranging in capacity from 5 to 200 gal. per. minute, 

and are much better than one made from pipe. They are usually called jet- 

pumps by the manufacturers. 

The Pulsometer is an improved form of the steam siphon. It may be 

properly called a steam pump which dispenses with all movable parts except 

the valves.. The height to which it can lift water is practically unlimited, and 

it is in very common use for pumiping out cofferdams. 

A Centrifugal Pump must be used when very large quantities of water 

must be handled. The distance from the water to the pump is limited by 

the height to which the ordinary pressure of the air will raise the water and is 

generally not over 18 or 20 ft. vertically; but the height to which a centrifugal 

pump can lift the water is limited only by the velocity of the outer ends of the 

revolving blades. Since there are no valves in action while the pump is at 

work, the centrifugal pump will allow sand and large gravel to pass. Pumps 

having a 6-in. to 10-in. discharge pipe are the sizes most frequently used in 

foundation work. 

14. Floating Caisson Process * 

Open Caissons. This method, which is very old, is still used and, under 

some conditions, is very reliable and practical. It consists of the sinking of a 

floating box in which the masonry is built as the box sinks (Fig. 34), The 

Fig. 34 Open Caisson and Pier 

sides are then detached, leaving the 

masonry resting upon the bottom of 
the box which in turn rests upon a 
previously prepared foundation. In 
its modern adaptation the bottom of 

the box is usually made of reinforced END SECTION 

concrete and the sides of braced : : L 3 
timber. Fig. 35. Pier Caissons, Newark Bay 

Brid, -R.R. b 

The subway and highway bridge See eRe Pht hare 
over Flushing Creek at Flushing, Long Island, is an example of its use (1927). 

Two piers, one on each side of the creek, were built for a large bascule 

span. Each of these piers was 93 ft. wide and 118 ft. long and the bottom 

of the masonry was placed at an elevation 36 ft. 9 in. below mean high 

water on a foundation of timber piles which had been previously driven and 

* In part by Ralph H. Chambers. 
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cut off under water. An enclosure of 12-in.-thick wood sheet piles was built 
around the site, before the piles were driven. The purpose of this sheeting, 
which was only braced above water level and was never pumped out, was 
simply to keep out the mud which had previously been dredged down only 
part way to the level of the top of the proposed pile foundation. After the 
balance of the mud was dredged out by clamshell bucket and .the piles 
had been driven, which was done by a steam-hammer working under water, 
the tops of the piles were cut off to an exact level. A comparatively thin 
wooden floor was built in sections, assembled and connected together within 
the area enclosed by the sheet pilinge To this floor wooden sides were 
connected and braced. A thick slab of concrete was then placed on the 
floor, the box formed by the floor and sides sinking as the concrete was 
placed. This concrete slab or base was reinforced by steel, longitudinally 
and transyersely. Upon the concrete base the concrete and masonry of 
the pier above were built up as the box sank, until finally it rested upon the 
pile foundation. The sides of the box were then detached and used again on 
the second pier. 

The same method was used in the construction of a large number of piers 
for the Central Railway of New Jersey Bridge over Newark Bay, New 
Jersey (Fig. 35). 

15. Dredging through Wells* 

Dredging Caissons. When it is necessary to excavate to great depths to 
obtain a satisfactory foundation, particularly when the site is under water, 
dredging caissons are used. This method has the advantage that it can be 
carried to great depths, far below the limit that is possible with pneumatic 
caissons (Art. 17). A dredging caisson is simply a large box or shaft, built of 
timber or steel and filled with concrete, or it may be built of reinforced 
concrete. It is provided with a well, or wells, through which the material 
below may be dredged. The caisson sinks as the material below is dredged 
and as the compartments of the caisson are filled with concrete. It may be of 
the form of a hollow cylinder or may be rectangular in section. In the 
circular form there is only one central dredging well; in the rectangular form 
there are usually several wells. The bottom edge of the caisson, called the 
“cutting edge,” is usually V-shaped in section and shod with steel to prevent 
distortion or damage in sinking. The caisson is built up, as it sinks, and the 
dimensions are usually such that the weight of the caisson will overcome its 
buoyancy and the friction of the sides against the surrounding materials, 
without the use of the additional weight which is usually necessary in sinking 
drop shafts and many pneumatic caissons. 

The friction to be overcome in sinking these caissons is usually of greater 
intensity than that encountered in sinking pneumatic caissons, as the air 
escaping from the latter somewhat relieves the friction. This friction may 
be 400 to 1500 Ib. or more per square foot of surface. Probably the average 
friction encountered is 500 to 700 lb. per sq. ft. Dredging caissons are often 
provided with jetting pipes, running from the top down to the cutting edge 
and discharging around it, to relieve the friction. Dynamite sunk down into 
the bottom at the cutting edge and exploded will often start the movement 
of a caisson. Another difficulty encountered is the proper guiding of the 

caisson, particularly when the caisson has a number of dredging wells and 
when obstacles, such as sunken logs or boulders, are encountered. ‘This 

* By Ralph H. Chambers. 
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method is not as sure and definite as sinking by the pneumatic method, but 

has been successful in the many years of its use, though only after the sur- 

mounting of many difficulties. 

This method was used to sink the piers of the Poughkeepsie Bridge, New York, to 

a depth of 134 ft. below mean high water (Eng. News, Oct. 29, 1887); of the Hawks- 

a “Placed Under ::; “Water 

SECTION B-B 

VERTICAL SECTION 

Fig. 36 

bury River Bridge, Australia, toa depth of 162 ft. below high water; and of the Morgan 

City Bridge over the Atchafalaya River in Louisiana, to a depth of 120 ft. The great- 

est depth ever attained was at the bridge over the Ganges River at Sara, India, where 

one pier was dredged to 185 ft. below high water. The bridges over Chef Menteur 

and Rigolets Passes between Lake Borgne and Lake Pontchartrain, in Louisiana, for 

the Louisville and Nashville Railroad, are recent illustrations (1925) of this aenitodl 

One of the piers at Chef Menteur reached a depth of 122.5 ft. below mean sea level 
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The piers for these bridges were sunk as hollow concrete cylinders surrounded, inside and out, by a steel-plate shell. Fhe diameter of the piers was 34 ft. These were sunk through gray sand. The maximum friction amounted to 765 Ib. per sq. ft. Fig. 36 shows some of the features of these piers. 

16. Divers and Diving 
In laying foundations under water it is sometimes necessary to employ a diver to examine the site, to prepare the bed, or to lay the masonry. A diver 

is also sometimes required in other engineering operations, as in tunneling to 
erect or remove a bulkhead; in water-supply engineering to inspect and repair 
a conduit, clear an inlet, or take out pumps; in wrecking operations, etc. 
With the best modern apparatus it is possible for any able-bodied man to prose- 
cute any ordinary kind of work under a moderate head of water without 
serious risk of personal injury. No man suffering from chronic disease, alco- 
holic excess, ear or heart troubles, having a sluggish circulation or a great 
excess of fat, should attempt the work of a diver; and if the work is to be 
carried on at a greater depth than 35 to 40 ft. the man should undergo a 
thorough examination by a physician before attempting diving, 
A Diver’s Outfit consists of a metal helmet or head-covering, a breast- 

plate which rests upon the chest and back, and an airtight flexible diving suit 
which envelops the body from the breast down. The helmet is provided 
with at least one window in front, and usually also one on each side, and some- 
times one above the face; and is also provided with a valve in either the head- 
piece or the breast-plate for receiving air, and also a safety valve and a regulat- 
ing valve. The diving suit is closed at the feet, but is open at the hands, which 
are provided with rubber bands that fit closely around the wrists. The helmet 
is connected by a hose to an air pump above the water. A rope, called the 
life line, passing around the diver’s waist and reaching to the surface, is used 
in raising and lowering him. To overcome buoyancy weights are hung to the 
diver’s waist, and his shoes have lead or iron soles. The weights upon the 
feet are more particularly intended to prevent the diver from losing his upright 
position by undue buoyancy of the lower portion of his diving suit, caused by 
an excessive air pressure on the inside. The air pressure in the diving dress 
may be controlled by the diver by means of the regulating valve. To prevent 
the possibility of the diver being blown to the surface by the inflation of the 
lower part of his diving dress, a new type of suit has been developed which has 
the legs tightly laced up, thus preventing the air from getting into the legs 
when the diver suddenly stoops over or if he falls down; and consequently if he 
loses his upright position, he is able to right himself. The air pump is always 
operated by hand power, and may be any one of several forms, according to 
the amount of work or the depth: one, two, or three cylinders; single- or 
double-acting; lever or fly-wheel type; with or without a water-jacketed 
cylinder. The diver communicates with his attendant by jerks upon the 
life line through a code of signals, or by a telephone the wires of which are 
embedded in the life line or in the air hose. Except in very clear water, the 
surface light does not penetrate very deep, and hence the diver usually works 
in the dark, although sometimes’ he is provided with an electric light. 

To Prepare for Diving the diver takes off all his own clothing, puts on a heavy 
flannel shirt, a pair of drawers which must be carefully adjusted outside of the shirt and 
be well secured to prevent slipping down, and then a pair of heavy stockings. If the 
water is cold, he may put on two or more of each of these articles. He also puts ona 
woolen cap, drawing it well down over his ears. Usually a shoulder pad is put on and tied 
under the arms. The diver then gets into the diving suit and draws it well up to the 
waist; he next puts his arms into the sleeves, and an assistant opens the cuffs, by 
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means of the cuff expander provided with the apparatus, so that the diver can push his 

hand through the cuff. Sometimes the diver wears rubber mittens; and if so, they are 

next put on by first inserting a ring into the cuffs, and then each mitten is fastened in 

place byaclamp. Canvas overalls are usually next put on over the diving suit to pre- 

serve it from injury. The diver now sits down, and the shoes are put on. Next the 

inner cape is drawn up around his neck and tied loosely with a yarn string. The breast- 

plate is then put on, and the rubber collar of the diving suit is put over the projecting 

screws of the breast-plate; and the sectional clamping piece is put over the projecting 

screws and fastened with the thumb nuts. The helmet, with the front plate or window 

removed, is next put on and screwed fast to the breast-plate; but before putting the 

helmet over the diver’s head, the attendant should place it over his own head and place 

his mouth over the place where the air escapes and blow, to see whether the safety 

valve is in working order. The life line is looped around the diver’s waist, brought up 

in front of the man’s body, and secured with a small rope passing around his neck or is 

fastened to the stud on the helmet. The waist belt is then buckled on with the knife 

pocket at the left. The end of the air hose is passed through the ring on the belt on 

the diver’s left and up to the inlet valve of the helmet, and secured to it, and then the 

upper part of the hose is made fast by lashing it to the loop on the helmet. A ladder 

or a rope must be provided which reaches from the surface to the bottom, for the use of 

the diver in descending and ascending; and must be heavily weighted at the bottom. 

The ladder, usually a rope one, is the better for the inexperienced man although an 

expert diver prefers a single rope. The diver steps on the ladder, and weights are 

hung to his waist and fastened in place. Two men take their places at the pump. 

When the attendant is sure that everything is right and the diver understands the code 

of signals, he gives orders for the pump to start, screws the front plate into place, takes 

hold of the life line, and gives the signal for the diver to descend. While the diver is 

under water, an attendant should give constant attention to air hose and life line, 

keeping the former free and clear of kinks and the latter just taut enough that any 

signals by the diver can be easily felt; no talking, laughing or distracting noise should 

be allowed on the surface. 

The diver should descend slowly, and as soon as his head is under water should stop 

to see that everything is satisfactory, particularly the escape valve. The valve is kept 

closed by a spring, and the farther the valve is screwed up the less air escapes. If too 

much air escapes, breathing is difficult; and if too little escapes, the diving dress may 

become inflated to such an extent that the diver will rise. The proper adjustment is 

that which just takes the pressure of the weights from the diver’s shoulders. As he 

descends, if he feels any pain in his ears, he should shut his mouth and inflate his 

cheeks, or blow through his nose, or swallow several times, to equalize the pressure on 

the inside of the drum of his ear. He should continue his descent slowly, and not de- 

mand too much air. If the pain is not relieved or if he feels oppressed, he should 

slowly rise a yard or two, and remain at that point a minute or two, and inflate his 

cheeks or swallow or do both; and if the oppression, or the singing in the ears, or the 

headache should continue, he should slowly return to the surface. However, unless 

there is some serious physical defect a man with a coo! head and good judgment is not 

likely to have any trouble in diving. Arriving at the bottom, the diver signals his 

attendant, usually by one jerk on the life line to indicate “‘ all-right’”__ The diver takes 
down in his hand a coil of small rope, one end of which is fastened to his waist, and the 
other end of which he attaches to the bottom of the ladder or rope down which he 
descended, so that he can always find his way back to the ladder when he wishes to 

return to the surface. : 

If the diver has been down some time, particularly in deep water, the liquids and 
tissues of his body have gradually become saturated with compressed air and other 
gases, and consequently when he ascends it should be slowly to allow time for desatura- 
tion. Remaining down too long or ascending too rapidly is likely to cause a form of 
paralysis, which in pneumatic caisson work (Art. 18) is called by the physicians caisson 
disease and by the workmen “bends.”’ It occurs only after returning to the normal 
atmosphere; and in ordinary cases in diving can be prevented by care in ascending. 
The desaturation is more rapid and less harmful if the diver ascends say halfway and 
then stops for a time (the exact time depending upon the depth and the time under 
pressure), and then continues the ascent, again stopping when halfway up. This is 
what is known in the British navy as stage decompression, and an elaborate series of 
tables has been established for that service which give the time to be consumed in the 
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ascent for different depths and for various times down. Fora depth of 36 ft. and un- limited time down, the time of ascent is 1 minute; for a depth of 60 ft. the time of ascent after being down 20 minutes is 2 minutes, and after being down 2 or 3 hours it is 32 minutes; and for a depth of 120 it. after being down 15 minutes the time of ascent is is minutes, and after being down 30 minutes it is 33 minutes. 
The Nominal Maximum Depth for a diver is 100 ft. and the ordinary maximum for a strong and expert diver is 150 ft., although the maximum reached is over 300 ft. Strong and experienced divers can stay under 2 hours at 100 ft. and 5 or 6 hours at 90 ft., but the maximum depth at which a diver can do any considerable work’is 60 to 80 4t. It must not be forgotten that the work of a diver is much less efficient than that of a man above water, owing to restraint of his diving apparatus, the resistance of the water, the seeming tendency of his tools to rise, etc. The catalog price of a diving outfit varies from $350 to $1300, the former being for an outfit for a brief examination in shallow water and the latter for the best apparatus suitable for the deepest work. 

Skin Divers. In emergency work, naked expert divers, working in water not over 25 ft. deep, can do certain kinds of simple work. Hartley Rowe successfully repaired a sea wall in Colon, C. Z., during a storm, by under- pinning with concrete in bags placed by skin divers. 

17. The Pneumatic Method « 
When Expedient. The pneumatic method offers a certain and dependable solution when a foundation cannot be carried down to a satisfactory stratum by means of piles or by open methods. Such a situation arises (1) when the intensity of load upon a foundation is too great to permit the use of piles; (2) when subsurface conditions, such as boulders or buried obstructions, would prevent the penetration of piles to the desired stratum; (3) when the depth of the proposed bearing stratum and the hydrostatic head would make the driving of sheet piling and the bracing of an open cofferdam difficult and expensive; (4) when it is desirable or necessary to build a deep foundation adjacent to an existing structure and such a foundation must be carried down through unstable and water-bearing materials, the pneumatic method pro- vides a means which will reduce to a minimum the possible settlement and hazard to the adjoining structure; (5) even when an open dredging caisson 

might be used, it may be desirable to unwater and explore the proposed foun- 
dation stratum and to avoid the placing of concrete through water. These 
considerations have led to the wide use of this method for the construction 
of the foundations of bridges, dams, and piers, and for the foundations of 
heavy buildings, especially in congested districts. 

Referring to the use of this method for building foundations it should be 
understood that, even by its use, the settlement of nearby wall footings and 
piers cannot be entirely prevented. The friction of the sides of caissons upon 
the surrounding materials induces some settlement; and the excavation of 
material from space outside of the limits of the caissons, which cannot always 
be prevented, leaves voids which are later filled by a movement of the sur- 
rounding ground with some consequent settlement. Nevertheless, this 
method does furnish the safest means for constructing deep foundations under 
such conditions, and possible settlement of adjacent structures must be 
guarded against by preliminary shoring and underpinning of these structures. 

On the other hand, on account of its usually greater cost, the pneumatic 
method should not be used when some other method is possible, provided the 

* Most of this article was written by Ralph H. Chambers. 
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work could be done by such other method with certainty and withcut hazard 

to adjoining structures or to the success of the undertaking. 

Limits. Foundations may be constructed by the pneumatic method to a 

depth of about 110 ft. below water or ground-water level. Even this depth 

has been exceeded; but usually, because of the rapidly increasing costs at the 

greater depths it is not advisable to use this method to a depth of more than 

90 ft. 

Essentials of the Method. The essential feature of the pneumatic method 

is the use of compressed air to drive the water out of the space in which the 

Air Lock Air Lock 

Sheathing 

Formed Shaft 

Fig. 37 

men are working and out of the voids in the material which is being excavated 

so that this material becomes comparatively dry and easy to handle, will Woe 

rise in the bottom of the excavation, and will stand to a considerable height 

without other lateral support. Excavation is done within a suitable box or 

chamber (Fig. 37) closed on the sides and top but open on the bottom, into 

which compressed air is fed. Men working upon the ground in this chamber 

remove the material under the chamber and cause the chamber and the con- 
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struction above it to sink as the excavation proceeds. When the bottom of 
the working chamber reaches the desired stratum, the chamber is filled with 
concrete. It is evident that the excavators working in a dry, well-aired and 
well-lighted space can work advantageously in the removal of the excavation, 
including sunken logs or boulders, in leveling or stepping up the foundation, 
and in concretng the foundations within the chamber. This method is there- 
fore dependable for use in foundation work. 

It is necessary to provide means of access to the working chamber, from 
the surface of the ground or water above; so that men may go into and out of 
the working chamber and so that excavated materials may be removed and 
concrete and other materials may be lowered into it. This is accomplished 
by means of a cylindrical well or shaft (Fig. 37) leading from the working 
chamber to a point above water level. The shaft is provided with a valve 
or air lock which permits ingress and egress to and from the shaft, without 
appreciable loss of air pressure in the working chamber. ' 
Working-Chamber Details. The form and horizontal dimensions of the 

working chamber are usually determined by the form of foundation required 
and by the required bearing area upon the foundation stratum, although in 
very small caissons the size is sometimes determined by the minimum space 
required in the working chamber. The smallest working chamber now used 
is about 3 ft. in diameter and 6 ft. high. This is used in the underpinning of 
heavy buildings. A caisson of this form and size was called a “ pneumatic 
pile” in the older treatises upon the subject but this term is no longer used. 
When it is possible to use them, caissons of circular cross-section can be sunk 
with greater ease and less disturbance to the surroundings than other forms. 

The exterior sides of the working chamber are now invariably made plumb. 
Formerly it was customary to batter the sides so that the working chamber at 
the bottom would be larger than at the top. This was done with the idea 
that a working chamber of this form would, in sinking, leave a space all around 
and thus the friction of the sides of the caisson upon the surrounding ground 
would be relieved. Experience has shown that the result hoped for was not 
obtained and that such caissons were more difficult to keep in alignment. 
Further, when it is necessary to guard against the settlement of adjacent 
structures, it is necessary to prevent the removal of any material which will 
not be replaced by the sinking caisson. 

The bottom edges of the working chamber, known as the “cutting edge,” 
were formerly made sharp or V-shaped in section. This is no longer regarded 
as necessary and the cutting edge is now often 12 in. or more in width. It is 
usual to protect the bottom edges of the working chamber by a steel or hard- 
wood curb to prevent damage due to blasting or to the landing of a portion of 
the cutting edge upon a boulder or other hard obstruction. The inside height 
of the working chamber should be 6-i/2 to 7 ft. The inside faces of the side 
walls are often battered so that the thickness of the walls increases above the 
cutting edge. 

Formerly, working chambers and a portion of the pier above, known as the 
“crib,” were always made of timber, although some of the largest caissons 
such as those used in the Forth Bridge (Scotland) were built of steel. Timber 
is still used, especially when the working chamber must be built on shore and 
launched; but, when it is possible, reinforced concrete is a much better 
material except in small caissons where lack of space requires the use of steel. 
The risk of fire in the working chamber which, before the now invariable use 
of electric lights, was a constant danger, is eliminated by the use of incom- 
bustible materials. These fires were especially bad on account of the large 



762 Foundations under Water Sect. 8 

amount of oxygen due to air compression. Timber working chambers must be 

thoroughly calked, inside and out. Fig. 38 shows a large timber pneumatic 

caisson used for the new Memphis Bridge (1915). 

The sides of the working chamber should be designed for a load equal to the 

hydrostatic pressure, at the greatest depth to which the caisson is to be sunk, 

s0 that, in case of a blow-out and the sudden loss of pressure in the working 
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chamber, the walls will not collapse. Tt is also usual to design the walls tc 

resist a bursting pressure of about one-half the hydrostatic pressure. The roo! 

of the working chamber must be made sufficiently strong to support the loac 

of the pier upon it. This, however, does not mean that'it must support th 

whole weight of the pier above, but only so much of it as is not carried directl; 

to the side walls of the working chamber, due allowance being also made fo 

the nhs effect of the friction of the sides of the pier against the adja 

cent soil. 
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Cofferdam or Pier Shaft. In large caissons where the top of the masonry 
built upon the roof of the working chamber may, at times, be below the water 
surface or when the pier shaft above the working chamber will cover less area 
than the top of the working chamber, a cofferdam is constructed above this 
working chamber (Fig. 37). This is usually built of timber and calked. It. is 
built up as the caisson sinks. This cofferdam is filled with concrete or the 
pier masonry is built inside of it, as shown above c-c, Fig. 37. The amount 
of concrete or masonry in the cofferdam while the caisson is sinking should be 
regulated so that its weight’will only slightly overbalance the buoyancy of 
the caisson and the friction on the sides. Provision must be made to prevent 
the pulling apart of the cofferdam or its separation from the working chamber 
because of the friction. 
When caissons are built upon dry ground, as in the case of building founda- 

tions, the foundation above the working chamber is built up of concrete as 
the caisson sinks and without a cofferdam.’ The method of operation when 
building on land is to build the working chamber and then build upon it a 
small amount of concrete masonry, sinking the working chamber into the 
ground always to such a depth that the masonry pier above it will not be in 
danger of tipping. The preliminary sinking may be done without air if there 
is no ground-water. When the top of the concrete sinks to about the level of 
the ground the sinking is interrupted until another concrete section can be 
built up 10 or 15 ft., the air pressure being maintained in the meanwhile. 

Caisson Shafts. Access to the working chamber is provided by one or 
more vertical shafts, depending upon the size of the caisson, extending up 
through the masonry in the cofferdam from the top of the working chamber to 
a level above the water surface. These shafts may be of steel or may be formed 
in the concrete. They are usually 3 to 4 ft.,in diameter, but may be as small 
as 30 in. in diameter in small caissons. Steel caisson shafts are usually built 
in 10-ft. lengths with outside angle flanges bolted together and having yarn or 

tubber gaskets. The caisson shafts are provided with iron ladders and furnish 
a passage for men and for buckets. In large caissons, separate shafts for men 

and for materials are provided. In smaller caissons only one shaft is used, 
this being for both men and materials. In some cases a single shaft has been 
used with separate passages for men and for materials. Upon the completion 
of the caisson the shafts are filled with concrete. If made collapsible they can 
be removed and the space filled with concrete. 

Air Locks. The air lock (Fig. 37) is a device used to allow the men to enter 

or leave a working chamber without appreciable loss of air pressure through 
the shaft and to allow the introduction of materials into the working chamber 
and the removal of excavated materials from it. The air lock is simply a 
chamber, usually 4 to 6 ft. in diameter and 7 ft. high, having doors at each end. 
These doors both open in a direction against the air pressure. By closing the 
lower door and opening the upper, men can enter the lock chamber. The upper 
door being then closed and the air pressure in the lock chamber being grad- 
ually made equal to that in the working chamber, the lower door can be opened 
and the men can proceed down the caisson shaft into the working chamber, 
The air lock should always be placed above water level so that in case of a 
blow-out, or sudden loss of pressure in the working chamber, the men may 

take refuge in the lock and then be passed out. Fig. 37 shows the general air 
lock, diagrammatically. 

In order that excavated materials may be removed from the working 
chamber by buckets, the cable carrying the bucket must pass through the top 
of the air lock or through the upper door. In the first locks the upper door 
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was located in the side of the lock chamber and the lower door in the bottom. 

The bucket cable then passed through the top of the lock. This arrangement 

is still used in one form of lock but it necessitates the dumping of the contents 

of the bucket from the side of the lock chamber and its rehandling, or the 

releasing of the cable from the bail of the bucket in the lock, and the connec- 

tion of another cable, outside the lock, by which the bucket can be hoisted 

and dumped. This disadvantage led to an arrangement of details of the upper 

door which would permit a bucket to pass out of the top of the lock without 

disconnecting the cable. This is accomplished by making the upper door in 

two sections which will close around the cable, or by entering the bucket into 

the lock and then moving it sidewise so that the cable enters a slot in the edge 

of the upper door as it is closed. The upper doors, of locks now most used, are 

simply hinged or hinged and provided with a connecting lever so that they will 

swing laterally as they swing open. The lower doors are simply hinged. Both 

doors are usually counterbalanced and provided with outside operating levers. 

Air locks must be provided with piping and valves to permit the equaliza- 

tion of the air pressure in the lock and the discharge of air from it, and the dis- 

charge should be located so that it can be operated by men in the lock. 

Air Connections. Connections for the supply of compressed air must be 

made to the air lock and to the caisson shaft below the lower door of the lock. 

A connection must be carried down to the working chamber itself in order to 

supply fresh air direct to the working chamber. This is done by a pipe leading 

down through the caisson shaft or by a pipe buried in the concrete and leading 

down to the working chamber. All these connections should be of 3-in. pipe 

except in very large caissons when they are made of 4-in. To the top of the 

connection to the working chamber and to the connection to the air lock, two 

lines of hose lead to a manifold which in turn is connected to the main air line 

from the receivers and compressors. At the manifold, each line leading to the 

hose is provided with a gage and these gages are attended by a gage tender 

who regulates the pressure and supply of air to the caisson. 

Connections are made for electric light, high-pressure air for drilling, and 

for a signal whistle to the working chamber, through the shaft or by pipes 

buried in the concrete. Ordinary signals are made by the men in the working 

chamber rapping upon air pipes or caisson shafting, answered by men rapping 

upon the air lock above. 

Compressors and Air Mains. To maintain a constant supply of compressed 

air, suitable low-pressure compressors must be provided. High-pressure com- 

pressors might be used on small jobs by dropping the pressure the required 

amount at the caissons, but this would be uneconomical. Usually a high- 

pressure compressor with a separate air line is also installed to supply air for 

drilling. Compressors may be driven by steam, oil, gasoline or electricity, but 

when electric power is available, at equivalent cost, it is the most convenient. 

Air receivers, of adequate capacity, are required to equalize the pressure. 

When the work is done in warm weather, provision for cooling the air should 

be made just before it reaches the caissons as the air is likely to be highly 

heated by long supply mains lying in the sun. The mains should be 4 to 8 in. 

in diameter, depending upon the amount of air used and the lengths of mains. 

The quantity of air which will be required will depend upon the size of the 

caissons, the number being sunk simultaneously and the character of the 

ground through which the caissons are being sunk. A supply of 1500 cu. ft. 

of free air per minute may be enough for a small number of small caissons 

sinking in tight ground whereas large caissons and porous ground may require 

several times as much. Usually 2500 to 3000 cu. ft. per minute will be suffi- 
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cient for fair-sized works in ordinary ground. At least two compressors should 
be provided or, better, a stand-by compressor should be installed, in case of 
trouble with the compressors. 

Launching and Placing. The working chambers of caissons which are to 
be sunk through open water before reaching ground are usually built on 
Jand, launched on sliding ways similar to shipbuilding ways, and towed to 
site. Or the working chambers may be built on a submersible barge. False 
bottoms in working chambers are sometimes necessary when the depth of 
water is otherwise insufficient for launching. These false bottoms are removed 
after air pressure has been applied, or by weighting them off in deep water 

with sand. Provision is usually made for anchoring, holding and guiding 

such caissons, by driving clusters of piles around the site and by current 
breakers and anchors. For caissons to be sunk from the ground surface, the 
working chambers are built upon the site. 

Sinking. Caissons are usually sunk a little below water level before 
compressed air is applied, except those which are placed in open water. 
When air is applied, the organization for each caisson consists of a working 
gang foreman and as many men as can conveniently work in the working 
chamber, two lock tenders on the air lock and a gage tender. A general 
caisson foreman is in charge of all the caissons. Besides this there are required 
sufficient derricks with their operators to handle the excavating buckets, and 

a complement of men to build up the caissons and to supply mixed concrete 
to the air locks, also operators for the compressors and a general works 
organization. : 

The material excavated in the working chambers is handled into buckets 
and hoisted through the air locks. When the excavated material is sand, 
gravel, or silt, it may be advantageously handled out of the caissons by blow 

pipes, except in foundation work in city districts. These consist of pipes, 
usually 4 in. in diameter, running up through the roof of the working chamber 
to the top of the caisson and terminating in an elbow. The lower end of the 
pipe extends down into a shallow, water-filled pit just below the level of the 
cutting edge. At a point about 4 ft. above the cutting-edge level, the blow 
pipe is fitted with a full-way valve. Excavated material is shoveled into the 
pit at the bottom of the blow-pipe and from time to time the valve is opened 
for short periods. The air pressure in the working chamber blows the material 
through and out of the pipe at the top of the caisson. It is necessary to protect 
the bend in the elbow at the top of the pipe, by chilled cast iron, to prevent 
rapid wear. This apparatus is an expeditious means of raising excavated 
materials, whem used with proper material and when the air pressure exceeds 

10 Ib. 
Men working under compressed air are exhilarated and usually work 

energetically. Each man in the working chamber should handle 2 or 3 cu. yd. 
per eight hours of working time. Boulders or rocks may be drilled and 
blasted in the working chamber in the ordinary manner but the men must 

be taken out of the working chamber at each blast. 
In sinking a caisson care must be taken to keep it in correct position and 

plumb. Improper handling of caissons has caused them to turn over. In 

order to keep the caisson plumb and in alinement it may be necessary to 

excavate ahead of whichever side is lagging behind in the sinking, or to use 
shores above the ground if the caisson is sunk from the ground or in shallow 
water, or by using shores within the working chamber and also sliding blocks. 

Sliding blocks are heavy timbers placed under the cutting edge and sloping 

in the direction in which it is desired to shift the caisson. 
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As the sinking proceeds and the pressure increases, the length of time during 

which men can safely work in the caisson rapidly decreases and the time 

required for decompression in the air lock increases. These periods are some- 

times regulated, as in New York State, by law (see Art. 18) and by union 

rules. 
It will be noted in Art. 18 that the higher the air pressure and therefore the 

deeper the caisson the shorter the day’s work. The following tabulation 

shows also that the higher the air pressure the higher the per diem wages: 

For pressures up to and including 17 Ib., $12.00 per shift (two working periods), 

Per shift 

For pressures of 18 to 25 Ib... .- 1 see ee eee ee eect eres $12.50 

For pressures of 26 to 32 Ib......-.--0- +2 eee erst eres 13.00 

For pressures of 33 to 37 Ib... ...- +--+ eee e ee eee terres 13.50 

For pressures of 38 to 42 Ib... 1... ee eee ee ee ee eee eee 14.00 

For pressures of 43 to 48 Ib... 1. eee ee tee eee eres 14.50 

From the foregoing it will be seen that under pressures of less than 18 lb. 

the cost of labor is $1.50 per hour of actual working time, whereas, at 34 Ib. 

pressure the labor cost per hour is $3.38 and at 48 lb. pressure the cost per 

hour is $9.67. 

Friction and Weighting. Only very large caissons will sink of their own 

weight as the material under them is excavated, overcoming the friction of 

the surrounding ground against the sides of the caissons. This friction varies 

with the character of the ground materials, from 150 to 1500 lb. per sq. 

ft. of surface or even more. The usual friction is 350 to 500 Ib. per sq. ft. 

Loam, silt and sand cause the least friction, clay often causes more, and 

strata of boulders and loose rock sometimes raise the friction to an amount 

which cannot be overcome. The air escaping from the working chamber 

tends to reduce the friction. Water jets around the sides are sometimes 

effective. Dynamite exploded in the ground below the working chamber will 

sometimes start the movement of a caisson. When it can be done without 

risk of settlement of adjacent structures, the sudden release of air pressure 

in the working chamber will often cause a sinking of the caisson. Caissons of 

steel or timber will sink with less friction than concrete caissons. In fact it is 

advisable to sheath concrete caissons with 2- or 3-in. wood plank to reduce the 

friction. 

To overcome the friction and the buoyancy of the air pressure, which is 

equivalent to the hydrostatic pressure at the bottom, it is usually necessary 

to add to the weight of the caisson by loading it with sand or gravel, concrete 

blocks, or iron. The weight usually used is pig iron, loose or in boxes, or cast- 

iron blocks. (about 2 tons each). A load of 300 to 1000 tons of added weight 

on a caisson is not unusual. 

Concreting Working Chambers. When a caisson has reached the desired 
foundation stratum and the bottom has been cleaned, the working chamber 
is filled with concrete. The concrete is either lowered in buckets through the 
air lock, or is dumped into the lock chamber and dropped by opening the 
lower door, either free or through a pipe. The concrete should be spaded and 
packed tight against the roof of the working chamber and should then be 
grouted, through the air pipes, or through the caisson shaft. The workmen 
usually receive additional pay for concreting under air pressure. 

Rate of Sinking. When the sinking of a pneumatic caisson has been 
begun it is usual to continue the sinking night and day without interruption, 
although this is not absolutely necessary provided air pressure is constantly 
maintained. The rate at which a caisson can be sunk depends upon its size, 
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upon the character of the material through which it is sinking, and the 
number of men working in the working chamber. Small caissons, 5 to 7 ft. 
in diameter, sinking through silt, sand or light clay, may be sunk 5 to 7 ft. 
per eight hours of working time. Larger caissons, 20 by 50 ft. or more in 
horizontal dimensions, may be sunk 1.5 ft. or more in eight hours. 

Costs. From the foregoing it will be evident that there-are so many 
variable factors entering into the cost of pneumatic caisson work that any 
statement of costs would probably be misleading. The cost of any particular 
work, per cubic yard of caisson, might yary within limits as wide as $35 to 
$100, depending largely upon the magnitude of the work. Before such work 
is undertaken, careful borings should be made, also a thorough study of the 
costs of materials and labor, power, equipment and liability insurance. This 
having been done, it is generally possible to estimate very closely the cost of 
pneumatic caisson work and, as has already been stated, the results which 
can be obtained by the use of this method can usually be more definitely 
forecast than can be done with any other method. 

Other Hazards. The danger of fire in the working chamber has already 
been mentioned. This in the past has been the cause of a number of serious 
accidents, but by the use of electric lighting and the increasing use of incom-' 
bustible materials this danger has been largely eliminated. There is always, 
in ground of certain character, a possibility of a blow-out or sudden loss of 
air pressure in the working chamber, the subsequent inrush of water and 
mud drowning the men before they have had a chance to escape. Similar 
accidents have been caused by the dropping of a loaded bucket through the 
lower door of the lock, causing it to open and suddenly releasing all the 
pressure in the working chamber. This can be guardéd against only by 
constant vigilance on the part of the experienced men who are usually em- 
ployed in this work. Marsh gas and other inflammable, explosive, or suffocat- 
ing gases may be encountered in some localities and means must be adopted 
to recognize immediately the presence of such gases. 

18. Physiological Effect of Compressed Air 

After entering the air lock, as the pressure increases, the first sensation 
experienced is one of great heat. As the pressure is still further increased a 
pain is felt in the ear, arising from the abnormal pressure upon the ear-drum. 

The tubes extending from the back of the mouth to the bony cavities over 
which this membrane is stretched are so very minute that compressed air 
cannot pass through them with a rapidity sufficient to keep up the equilib- 
rium of pressure on both sides of the drum (for which purpose the tubes were 
designed by nature), and the excess of pressure on the outside causes the 

pain. These tubes can be distended, thus relieving the pain, (1) by the act 
of swallowing, or (2) by closing the nostrils with the thumb and finger, 
shutting the lips tightly, and inflating the cheeks. Either action facilitates 
the passage of the air through these tubes, and establishes the equilibrium 
desired. The relief is only momentary, and the act must be repeated from 
time to time as the pressure in the air lock increases. This pain is felt only 
while the air in the lock is being “‘ equalized,” and is most severe the first 
time compressed air is encountered, a little experience generally removing 
all unpleasant sensations. 

The Rate of Entering the compressed air, or of “ locking in,’’ should be as 
rapid as possible, the only limitation being the ability of the individual to 
equalize the air pressure in his head cavities. For this reason the novice 
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should go in slowly, but an experienced workman may enter as quickly as 

the valve will admit the air. 

When the lungs and whole system are filled thoroughly with the denser air, the gen- 

eral effect is rather bracing and exhilarating. The increased amount of oxygen 

breathed in compressed air very much accelerates the organic functions of the body, 

and hence labor in the caisson is more exhaustive than in the open air; and on getting 

outside again a reaction with a general feeling of prostration sets in. At moderate 

depths, however, the laborers in the caisson, after a little experience, feel no bad 

effects from the compressed air, either while at work or afterward. In passing through 

the air lock on leaving the air chamber, the workman experiences a great loss of heat 

owing (1) to the expansion of the atmosphere in the lock, (2) to the expansion of the 

free gases in the cavities of the body, and (3) to the liberation of the gases held in solu- 

tion by the liquids of the body. Hence, on coming out the men should be protected 

from currents of air, should drink a cup of hot strong coffee, or preferably hot beef 

extract, take a warm shower, dress warmly, and lie down for a short time. 

The Cause of Compressed Air Sickness, which is known as caisson disease 

or the “‘ bends,” is the release of free gas bubbles in the blood. The blood 

dissolves both oxygen and nitrogen in passing through the lungs, and if 

exposed to compressed air the amount of gas dissolved will increase pro- 

portionally to the pressure. The oxygen gas thus dissolved will generally be 

absorbed by the bodily functions, but the nitrogen remains in solution. If 

the air pressure is reduced too rapidly when “locking out,” this dissolved 

nitrogen is not able to escape through the lungs, and some of it will form 

bubbles in the blood which will be carried to the various tissues. In most 

cases this will cause pain in the joints of the limbs, which is the form of the 

disease known as the “ bends,” this symptom being generally of a non- 

dangerous type. More dangerous forms are the “ chokes”? caused by the 

pressure of gas bubbles in the lungs, and the ‘“‘ staggers ’’ or vertigo caused 

by bubbles in the brain or the middle ear. Very severe cases may result in 

collapse, followed by death. Caisson disease is more likely to occur where the 

men remain too long under heavy pressure, and when the decompression is 

too rapid. 

Precautions to be taken to limit the occurrence of the disease are as follows: 

(1) Each workman should be examined by a physician before being em- 

ployed and at intervals not exceeding two months. The men should be 

young, of spare build, and with low blood pressure. 

(2) The hours of work should be limited, and should be less at the higher 

pressures. The New York State regulations (1921) specify hours of labor 

per man in any 24 hours as follows: 

Ist period of 2nd period of 

Gage pressure work in Period of work in 
lb. per sq. in. | compressed rest—normal compressed 

air—hours air—hours air—hours 

0-20 4.0 0.5 4.0 

21-29 3.0 1.0 3.0 

30-34 2.0 2.0 2.0 

35-39 1..:5 3.0 1.5 
40-44 1.0 4.0 1.0 
45-49 0.75 Sell) 0.75 

(3) Decompression should be at a slow rate, and the time allowed for 
decompression should be increased with higher pressures. The time required 
may be reduced by adopting ‘ stage-decompression,” in which the pressure 
is first reduced to half its original amount at a rate not exceeding 5 lb. per 
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minute and then reduced to normal at a much slower rate. For pressures 
under 20 lb. per sq. in. the rate of decompression may be fairly rapid. For 
higher pressures, the total time required should be about one minute for each 
pound of gage pressure. 

(4) Care should be taken to avoid chill during and after decompression as 
noted above. 

(5) The men should be required to remain near the work for at least one 

hour after decompression, as it has been found that a large proportion of 
cases of the disease occur within that time. The men should also be advised 
not to go to work with an empty stomach. 

The Cure for Caisson Disease is recompression to the same pressure as 
that at yhich the man had been working, followed by decompression at a 
much, slower rate than prescribed for actual work. For this purpose, a 
“ hospital lock ’’ should be required on all compressed-air work. This is a 

chamber arranged to receive the required air pressure, and provided with 

necessary facilities for the comfort and treatment of the patient. The treat- 
ment is generally effective after one recompression, but in more serious cases 
it may have to be repeated several times to obtain permanent relief. 

The comfort and safety of the workmen will be greatly increased by keeping 
the air supplied to the compressed-air chambers as clean as possible, and 
properly cooled. The air lock should also be heated during decompression in 
cold weather. If proper precautions are taken, the pneumatic process can be 
applied at depths of 80 to 90 ft. without serious consequences, but it is gen- 
erally considered to be limited to depths of 110 ft. 

References: “ Caisson Disease and Its Prevention,’ Trans. Am. Soc. C. E., Vol. 
65, p. 1, “ Compressed Air Illness and Its Engineering Importance,” by Edward Levy, 
U.S. Bureau of Mines Technical Paper 285 (1922). 

EARTHWORK 

19. Loosening and Shoveling 

Loosening. If the earth is not to be handled by steam power, it must first 
be loosened, unless it is sand or sandy loam. The loosening is done with a 
pick, a mattock, or a plow. The pick is used in trenches and other confined 

positions, and the plow elsewhere. The pick is much more economical than 

a mattock; and the latter should be used only in trimming a surface. The 

amount that a man can loosen in a given time with a pick varies greatly with 

the man, the supervision, the character of the soil, the depth of breast, etc.; 

but is usually about as follows: hardpan or cemented gravel, 0.5 to 1.0 cu. yd. 

per hour, and ordinary loam 3.0 to 5.0. The plow is usually drawn by two 

horses or mules in ordinary loam, four in stiff clay and gravel, and six in 

hardpan. In each case there is a driver and a plowman, and in the last also 

one or two men to ride the plow-beam to keep the plow in the ground. Gasoline 

tractors may often be more economical than horses or mules. The amount 

loosened is in ordinary loam 40 to 50 cu. yd. per hour, in stiff clay 25 to 30, 

and in hardpan 15 to 20. If the plow worked continuously and straight along, 

it could loosen a great deal more than this; but the plowing must usually be 

done in short sections, and for various reasons much time is lost. 

Shoveling. The shovel employed may be either square-end or round-end, 

and may have either a long or a short handle. Pointed shovels are generally 

used except for handling loose material from a platform or other smooth 

surface. The long-handled shovel is usually more economical, unless the 
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shovelers are crowded closely together. A man will shovel well-loosened 
earth into a wagon at the rate of 1.2 to 1.5 cu. yd. per hour; if the wagon is 
comparatively low the larger amount can be realized, and if the wagon is 
high the smaller amount is a good output. If the man shovels earth from a 
platform he can handle 2 or 2.5 cu. yd. per hour. In soil that can be spaded 
easily, a man can dig and load more solid earth with a spade than of loose 
earth with a shovel. Ordinary men can spade and load as task work 20 cu. yd. 
of brick clay per day; and experienced and skilful men have spaded and 
loaded month after month 40 cu. yd. in 8 to 9 hours, and occasionally 56 
cu. yd. A man can pick and load about 1 cu. yd. of loam per hour, about 
3/4 cu. yd. of stiff clay, and 1/3 to 1/2 cu. yd. of hardpan.* 

The Pneumatic Spade, operating on the same principle as the percussion 
drill (Sect. 10, Art. 4), is efficient for excavating stiff clay. ' 

20. Serapers 

Scrapers are useful on small jobs which do not warrant the use of extensive 
mechanical equipment. There are three kinds of drag scrapers commonly in 
use: the drag, the Fresno, and the flat-bottomed tongue scraper. They are 
efficient in sand or gravel with or without clay which is not indurated and 
does not contain a large percentage of heavy cobbles or boulders. If the soil 
is very fine the output is decreased by the miring of the horses. Large cobbles 
are hard on the horses and upset or block the scrapers.” 

The Drag Scraper, the form of scraper most frequently used, consists of a 
solid steel bowl with two handles by which to load and dump it, and of a bail 
to which to hitch the team. It is made in three sizes, which vary a little with 
the maker. The smallest, for one horse, has a rated capacity of about 3 cu. ft., 
and the larger sizes, for two horses, have nominal capacities of about 5 and 7 
cu. ft. respectively. Under working conditions they will carry only about 
70% of these capacities. The drag scraper is admirable for borrowing at the 
sides of embankments and for wasting from cuts or ditches, and also for 
opening the mouths of large cuts; but is not economical except for short 
distances. There is no danger of the scraper getting out of order until it is 
worn out and unfit for use, and the manner of using it is quickly learned by 
any one. 

Drag scrapers, in the usual short hauls, are operated in gangs of three, 
each with a man to load the scrapers; and the teams, even on the shortest 
hauls, travel in a circuit of about 150 ft. Usually the driver dumps the scraper; 
but when an embankment is being built, there is sometimes a man to keep 
the dump level, who also aids in dumping the scrapers. If the earth is sand 
or sandy loam and unobstructed with grass or tree roots, it may be scraped 
without plowing; but usually it is economical to plow before scraping, since 
then the scrapers are filled more nearly full. Sometimes a man is required to 
grub roots, etc. The “ drag”’ is not economical to move earth more than 
about 200 ft. and generally at more than 100 ft. the wheel scraper is more 
economical than the drag. 

The output on a drag scraper job depends very much upon the experience 
and constant supervision of the foreman. Rough average outputs for various 
lengths of haul are as follows: 

* Although the rates given in this paragraph are possible, under average condi- 
tions they should be reduced 50%. 
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Haul distance, ; Cu. yd. per 
feet 10-hr. day 
Dok das» teR ee bth ave cial Sh a WHER eS os tis SHO 
SO Sa loiale SRE Wine te Lueilo gals teste ars BAe taiereee e's 60 

ROG iii Sonyd ited Walks a data inchs setitien see piston ahtoen wikis 50 

These figures are for loose material. 

The Fresno Scraper differs from the ordinary drag scraper in the form of 
the bowl and in having-adjustable runners upon which the bowl is carried in 
dumping and returning and which permit the scraper to distribute its load in 
dumping and to level off the fill. The Frésno scraper is made in three sizes, 
the cutting edge being 3 1/2, 4 and 5 ft., and having nominal capacities of 10, 
12 and 15 cu. ft. respectively. The working loads are about 75% of these 

capacities, except on downhill work. The distance from the cutting edge to 
the rear of the scoop is comparatively small, which enables it to be easily 
loaded to its full capacity; and the runners enable it to deposit its load in 
layers. It is usually drawn by three or four horses abreast. 

The Fresno scraper is very efficient in easily dug material, especially on 
downhill work, where large loads can be pushed along in front of it. The 
greatest loss in Fresno work is found in short loading, which under proper 
supervision can be largely eliminated. Hauls may be made economically up 
to 300 ft. The following table gives the output for a standard 4-ft. Fresno for 
various lengths of haul and for average management. Good management will 
increase these outputs about 30%. This table was compiled by J. L. Harrison 

of the U. S. Bureau of Public Roads. 

Haul distance, Loads per Fresno 
feet per 10-hr. day, cu. yd. 
BO ccwsereri dd» biabeiaty bere aigertad ser Sete ise45 380 
ED ese cocaee IP ei) neues eine in tapesiraeys oe Hetinwy p<us,¢ « 270 

Oa re Gis Sere IRL Tels aie Hg esis cielo whe olaplaye sis 220 

NAA Not. step yaie pn bis welt Cap.’ alte atts? Ete 190 

RAE Re ear eared aa ek otal mate eile Space sie poo 8 160 
BOG. Vote UO PE He ed cAI OLS oS 140 
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The Flat-Bottomed Tongue scraper is an iron-shod wood or solid-metal scoop em- 

ployed in filling ditches and leveling off the bottom of an excavation, particularly 

in pavement and macadam road construction, and is made in two sizes, 36 and 48 

in. wide. 

The Power Scraper, described in detail in Art. 26, is found useful in all types of 

earth-moving operations. It is particularly useful in removing overburden and in 

making the smaller cuts and fills. 

The Wheel Scraper consists of a steel box mounted on wheels and furnished 

with levers for raising, lowering, and dumping. All of the movements may 

be made without stopping the team. There are two forms, the two-wheel and 

the four-wheel. The former has long been in use; the latter was first made in 

1909 but is not used to any extent at present. 

The two-wheel scraper is made in five sizes, Nos. 0, 1, 2, 21/2 and 3, 

having a rated capacity of 7, 9, 12, 14 and 16 cu. ft., respectively. Some 

manufacturers make an automatic front end-gate which adds materially to 

the load the scraper will carry, particularly on a rough or downhill road, and 

is useful in preventing sand and gravel loads from spilling. The two-wheel 

scraper is drawn by two horses; but it is usually necessary with the larger 

sizes to hitch another team, called a snatch team, ahead to aid in loading. 

One man, and in tough soil two, in addition to the driver is required in 

loading the largest scraper. 
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Except under the most favorable conditions the wheel scraper is not entirely filled 
owing to the difficulty of forcing the earth to the back of the bowl, hence it is not 
usually safe to count upon the scraper placing in the dump more than 60 to 75% of its 
nominal capacity. Sometimes when the haul is long, the bowl is filled heaping full 
by men with shovels as the scraper leaves the pit. The smallest wheel scraper is used 
when the haul is short and the rise is steep. It is usually more economical than the 
drag scraper, but where there are many stones the latter is the better. 

The wheel scraper is used largely on excavation jobs where the hauls are from 200 
to 800 ft. and in conjunction with Fresno or drag scrapers, the change from these to the 
wheelers being made at about 300 ft. J. L. Harrison of the U. S. Bureau of Public 

Roads found that there cannot be any generalization made as to the point at which one 
should change from Fresnos to wheelers. The wheeler generally requires a snatch team 
which is not required by the Fresno. For a short haul the Fresno output is large, but 
it decreases with the increase in length. For a short haul, the wheeler uses a large 
percentage of time loading with the snatch team but becomes increasingly efficient as 
the length of haul increases. It is therefore of greatest importance that the change 
point be considered carefully in order to save losses which would be caused by an error 

of even 50 ft. in the slection of the change point. 
The wheelers can carry 8 cu. yd. per wheeler per hour for a 100-ft. haul, and about 

4 cu. yd. per wheeler per hour for a 500-ft. haul. It has also been found that in some 
cases a tractor can be used instead of teams with savings in labor of more than 25%. 

In constructing the Chicago Sanitary Canal, the average output for 300 000 cu. yd. 
having a cut ranging from 4 to 8 ft. deep, a vertical lift of 10 to 20 ft. and a horizontal 
haul of 400 ft., ranged from 39 to 50 cu. yd. per scraper per 10 hours, and from 27 to 35 
cu. yd. per team; on another section the average output per 10 hours was 46 cu. yd. 
per scraper, and 30 cu. yd. per team. 

The Four-Wheel Scraper is a steel box or scoop suspended from a frame 
supported on four wheels. It is made in two sizes, 3/4 yd. and 11/4 yd. 
capacity. It is economical because it is self-loading and self-dumping, and on 
long hauls also because of the larger load carried. It is usually tractor-drawn, 
in trains of 2 to 6, and with this type of operation will move 350 to 500 cu. yd. 
a day. 

In excavating a channel 800 ft. long, 200 ft. wide, and up to 4 ft. deep for a 
temporary dam on Schoharie Creek for the Board of Water Supply of New 
York City, two men operated one 5-ton tractor pulling 3 scrapers of 1 cu. yd. 
rated capacity and excavated 8000 cu. yd. in two months, working 8 hours 
per day (1924). The material was mostly light loam, with gravel for about 
one foot at the bottom that required plowing. 

See also article in ‘‘ Contractors’ and Engineers’ Monthly,” June, 1928, 
p. 395. 

Grading Machines : 

The Scraping Grader is a machine primarily for smoothing a roadway, and 
incidentally for moving small quantities of earthtoward the crown. It consists 
of a cutting blade sliding upon the ground or of a cutting blade, adjustable 
in height and direction, supported upon two wheels or suspended from a 
frame carried by four wheels. In addition to its use in smoothing the trackway 
and restoring the crown of an earth road, the scraping grader is used in pave- 
ment and macadam-road construction in acai de oe up the surface of an 
excavation, and also in backfilling trenches. 

The Elevating Grader is a combined digging and loading machine and 
consists of a frame resting upon four wheels, from which are suspended the 
plow and a frame carrying a wide traveling belt. The plow loosens the soil 
and throws it upon the traveling inclined belt, which delivers it upon the 

embankment direct or into wagons. The carrier is built in sections and its 
height is adjustable. The machine can be had in three sizes, small, standard 
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and large. The standard is the size best adapted for general use. The small 
size is recommended for use where space is limited. The large size is used on 
embankment work and will deliver earth 30 ft. from the plow. The machine 
has loaded an average of 650 to 1000 cu. yd. per 10-hour day. 

The elevating grader is an effective machine for grading roads and building 
open ditches and earth embankment, or filling wagons. It works best in light 
loam, and when hauled by a tractor. Large wagons or trucks should be used 
to remove the excavated material. The elevating grader cannot be used in 
coarse sand or gravel, since the plow will not throw this material upon the 
elevator; and it is not suitable for use where there are roots or stones enough 
to interfere with the work of the plow. On an average road-grading job the 
usual outnut for the grader is about 700 cu. yd. per 10-hour day. Theoretically 

~ this should be much greater, but losses on the job cut down the output. The 
elevating grader is most efficient in cutting out shallow road ditches. It can 
be operated by one man. (See “ Public Roads,’’ 1925, for much detailed in- 
formation on the elevating grader.) 

The Shuart Grader consists of a scraping steel blade attached to a frame 
borne upon four low wheels, having at each side a guard that enables the 
blade to push considerable earth along in front of it. The height of the blade 
may be adjusted by levers. It is used in the West in preparing the ground 
for irrigation. If the guards are removed, this machine can be used as a 
grader, that is, to smooth off a surface and to push small quantities of earth 
horizontally sidewise. 

22. Loading and Hauling 

Wheelbarrows are never economical where teams can be used. A man will 
pick and load into a wheelbarrow 1 cu. yd. of ordinary loam per hour. A 
wheelbarrow load will make about 1/15 cu. yd. (or about 2 cu. ft.) in the 
settled embankment. The time consumed in going and returning is about 
11/3 minutes per 100 ft., since the load is usually taken up a rather steep 
grade; or say 20 minutes per cu. yd. per 100 ft. For each load the time lost 
in dumping, fixing runway, and changing the position of the barrow is 1/2 
minute per load, or 7 1/2 minutes per cu. yd. 

Carts drawn by one horse are used in some parts of the country for trans- 
porting earth. They are not economical except where the haul is so short 
that a driver can tend two carts by taking one to the dump while the other is 
being loaded. The loading is usually done by four men casting in at the back 

end of the cart. The chief advantage of the cart is the ease with which it 
is dumped, especially into hoppers or scows; but usually either the wheeled 
scraper or the wagon is preferred. A load is 1/2 cu. yd. for level hauls, and 1/4 
for steep ascents, or say 1/3 cu. yd. per load on the average; and the speed is 
200 ft. per minute, or 3 minutes to transport 1 cu. yd. 100 ft. It requires about 
3 minutes for 4 men to load a cart, and about 1 minute to dump it; or the lost 
time is 4 minutes per load, equivalent to 12 minutes per cu. yd. 

Wagons. There are two general forms of wagons made especially to trans- 
port earth: the bottom-dump and the end-dump wagon. The ordinary farm 
wagon is unsuitable for the purpose, because the box or bed is so light as soon 
to be knocked to pieces by being struck with the shovels, and also because the 

load must be shoveled out of it. 

Of the Bottom-Dump Wagons there are two forms: a box which is placed upon the 
running gears of an ordinary wagon, and a wagon made especially for hauling earth. 
In each the bottom of the box consists of two doors, usually hinged at the sides, which 
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drop down to discharge the load. The doors are kept in place by chains which are 

wound around a spool by means of a lever operated by the driver; and when the chains 

are released the load drops. The load can be dumped almost instantly by the driver 

without stopping the team, and the bottom can be closed while the wagon is returning 

for another load. The drop-bottom box holds 1-1/2 to 2 cu. yd. of loose earth, and the 

bottom-dump wagon 1 to 5 cu. yd., although 1-1/2 to 2-1/2 are the most common. 

The larger sizes of bottom-dump wagons are made of steel, and are drawn by three 

horses and sometimes by four. The bottom-dump wagon is better than the drop- 

bottom box on ordinary running gears, since (1) it has larger capacity, (2) there is no 

coupling pole to interfere with the dumping device, (3) the front wheels go under the 

bed, thus greatly facilitating the turning of the wagon, and (4) it has wider tires and 

hence draws easier. 

The end-dump wagon is used only where it is necessary to dump into hoppers, or 

onto barges, or into railroad cars. This form of wagon is too heavy and too high for 

use in ordinary earthwork construction. 

Loading Wagons by Hand. If the haul is comparatively short, a wagon 

is left to be loaded while the team takes another to dump, whereby the team 

and driver are kept busy, and besides this gives an opportunity to fix the 

responsibility for the amount of output. The number of shovelers and extra 

wagons will depend upon the length of haul. If no extra wagons are used, and 

the haul is short, it is important that the team be kept on the road as much 

as possible, which requires that as many men as possible should be employed 

in loading. If the haul is extremely long, it is not important that the wagon 

be loaded quickly, since the team then needs a little rest. Ordinarily ten 

men, four on each side and two at the rear, are as many as can profitably be 

used. The height of the wagon materially affects the cost of loading by hand. 

The top of the box of a dump wagon is about 41/2 or 5 ft. high, and at this 

height a man can load 15 cu. yd. per day; but for greater heights the amount 

will be decreased about 10% for each 6 in. of additional height. The loading 

of wagons can be greatly facilitated by first excavating narrow cuts 5 or 6 ft. 

deep, and then placing the wagons in these trenches while being loaded. 

The earth at the sides of the trenches can be shoveled into the wagons much 

more rapidly than if the men stood on the same level as the wagon. As the 

sides are shoveled off, the trench can be deepened. The slopes of the material 

at the sides of the wagon should not be steeper than about 2 to 1, or it will 

be difficult to operate the plow on them or for the men to stand on them. 

If the wagon must be loaded from only one side, and particularly if the haul 
is long, an extra side-board should be placed upon the opposite side of the 

box to increase the size of the load. 

Wagons are also loaded with a steam shovel, in which case the earth should preferably 
be first dumped into a hopper under which the wagon is driven to load, as otherwise 
there is time lost in centering the wagon under the shovel and there is much dribbling 
around the wagon, and besides the shovel is likely to strike and damage the wagon. 
The hopper should rest upon a trestle which is mounted upon wheels so that it may 
move forward as the shovel advances. Wagons are also loaded with an orange-peel 
excavator or grab bucket swung from a derrick. 

Motor Trucks are now being used extensively on earthwork jobs, particularly 
on large jobs and on work in the large cities. For small jobs and in locations 
where the truck would be hard to handle, the wagon is still used. The motor 

truck has greater power and capacity than team-drawn wagons and makes 
better speed, but it cannot get into some places that are accessible to wagons. 
Waits for loading and dumping are more expensive for trucks than for wagons, 

so that trucks are most economical for long-haul work. Trucks are obtainable 
with power dump and hoist equipment. Trucks are available of the sizes and 

capacities following: 
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The capacities of course are nominal and vary with conditions. In some 
cases they may require under-loading, and in others would permit over-loading. 

Belt Conveyors have been used with Success on a few large jobs for the 

transportation of excavated materials. Due to the cost of installation, they 
are limited to cases where the amount of earth to be moved is very great, and 

_ where mechanical means are available for loading the excavated earth. They 
are not practical unless the material is of fairly uniform character, and-does 
not contain any large stones. They can be successfully used on grades as high 

as 25 or 30%. For description of belt conveyors in construction of the earth 

dam at Wanaque, N. J., see Eng. News-Rec., Vol. 95, p. 252. 

23. Power Shovel Work 

Where very large quantities of earth are to be moved the power shovel is 

generally economical. The dragline excavator competes with the power shovel 

in excavating large volumes of material, but is not effective in hard ground. 

There are two types of power shovel: the boom-swinging or railroad type, 

and the revolving. The railroad type has a boom with its main bearing and 

swing circle at its base. The total swing of the boom is from 180 to 200 deg. 

The dipper handle passes through the struts of the boom and is operated by a 

rack and pinion. The boom and dipper are at one end of the machine and the 

engines and boiler at the other. All are mounted on a two-truck car body 

and generally operate on standard-gage railroad tracks. The size of this type 

ranges from 3/4- to 6-yd. dipper, the largest size having a rated capacity of 

300 to 500 cu. yd. per hour. The maximum depth of through cut which this 

type will make is about 16 to 18 ft. It can dig from 4 to 6 ft. below track Jevel. 

For loading into dump cars it will lift to a height of 14 to 18 ft. 

The revolving shovel has its boom fixed to a revolving frame which forms 

the base for the engines, boilers, and other machinery. The frame rotates on 

several large rollers. This type is well balanced and does not need jack arms 

or struts to keep it from overturning, as with the railroad type. The revolving 

shovels are made with dipper sizes of 1/2 to 8 cu. yd. They can rotate in a 

full circle in either direction. The smaller shovels can lift 11 to 18 ft, for 

loading. The larger shovels can lift from 20 to 70 ft. 

Some of the newer boom-swinging type shovels are mounted on caterpillar 

or crawler tractors. The ease and rapidity with which this type can be moved 

around the excavation make it a very efficient machine. It not only saves in 

time but also in the number of laborers needed whenever it is shifted in the 

process of excavating. The small and medium sized revolving shovels are 

mounted on wide flat-tread wheels, or on caterpillar traction. Economy of 

operation is causing the wheel types to be abandoned in favor of the cater- 

pillar type. Caterpillar traction is now generally used for all but the very 

large shovels and the tendency is to use this type on the larger sizes. Power 

is furnished the shovels by either steam or electric motors, the smaller sizes 

sometimes using gasoline engines. Gasoline shovels are more compact and 

can be used in close quarters. Diesel oil engines are used on some of the large 

machines. 
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Besides the operator, who is the only man required on the smaller revolving 
shovels, there is sometimes a fireman. From one to three groundmen are 
needed to do the labor jobs around the machine. On the railroad type it is 
usual to have a man to operate the boom as well as a dipper operator. 

The revolving type has some advantages over the boom-swinging in that 
it can revolve completely and can dig at any point in its swing, is more com- 

pact and can work in closer quarters, and can be converted very easily and 
quickly into dragline, trenching machine or crane. Caterpillar mounted, and 
steam- or gasoline-driven revolving shovels of 1/yd. to 1-yd. capacity are 
best for small contracting jobs. The large revolving shovel is used on large- 

scale mining operations. 
The boom-swinging type is still best for large capacity requirements where 

standard railroad equipment is available. However, because of its limited 
digging range, considerable benching is required for it in deep cuts. 

The power shovel will excavate almost any material, except solid rock, 
without blasting. The output of the smaller shovels varies but they will do 
from 400 to 600 cu. yd. per 10-hour day. Working time is usually from 50 to 
65% of total time. The larger shovels (such as 70 tons, with 2 1/2-yd. dipper) 
will do from 1000 to 1600 cu. yd. per 10-hour shift, depending upon their 
actual size and the materials handled. 

In general, the commonest sizes are 60- to 80-ton shovels for the usual 
railroad work. For light grading, up to 25,000 cu. yd. per mile, where a 
shovel can be used economically, a light revolving shovel is desirable. For 
25,000 to 40,000 yd. per mile, a shovel of 50 tons is a good size. For 40,000 to 
60,000 cu. yd. per mile, a shovel of 60 to 80 tons is well suited. For anything 
over 60,000 cu. yd. per mile, the shovel may run up to well over 100 tons 
economically if its transportation is not too expensive, and if the ground is 
fit to carry its weight during excavation. 

The greatest cause of delay in shovel work is in the removal of the excavated 
material. Too great attention cannot be given to securing proper and ample 
equipment in the matter of cars and locomotives, transportation and disposal. 
A shovel or a dredge can theoretically dig three or four times as much material 
as can be transported and disposed of, for the following reasons. E 

1. Shovels are usually not adapted in size and character to the material in 
which they are used. Contractors buy shovels for specific work for which 
they are suitable and then use them for all kinds of work almost regardless of 
conditions. On large work it would often pay them to sell their existing 
equipment and buy new plant of size and kind best adapted to the work. 

2. Old shovels and poorly maintained equipment cause daily losses. It 
pays to have only the best equipment, thoroughly maintained. The master 
mechanic is an important factor in output. Second-hand plant is rarely 
economical. When the shovel-is broken down the contractor loses the time 
not only of the shovel but of all collateral equipment, and the efficiency and 
enthusiasm of the whole organization suffer. 

3. Excavation is usually more of a transportation problem than one of 
digging; therefore: 

(a) Lay out the plan of excavation and your track plan and dump locations 
months in advance of the work. Be sure the tracks are not only properly 
located but ample for the transportation requirements. 
v (b) Use heavy and good rails and plenty of ties, and keep the trackwork 
in repair. 

(c) On large work use large-size cars and locomotives and keep them in good 
condition. Assume that at least 15% of the cars and one locomotive will 
always be in the shop. 
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(da) Select dump sites requiring a minimum haul. A high dump saves delays 
in “jacking dump track.” 

(e) Note that in northern latitudes winter work is slow and expensive. 

As the plant charge against shovel work is always an important item, either 
three 8-hour shifts or two 10-hour shifts are recommended. Continuous work 
for a long period is not practicable without spare plant because of the im- 

possibility of adequate maintenance. 
An excellent study of power-shovel operation is given in ‘‘ Public Roads,” 

Feb., March and April, 1928. See also report of Committee on Roadway of 
the American Railway Engineering Association, 1921 Manual. 

24. Shrinkage and Settlement 

Shrinkage and Settlement. In all operations involving the moving of 
earth, it should not be forgotten that the act of excavation so breaks up the 
earth that it occupies more space after excavation than before; but when the 
material has been placed in an embankment, it will usually occupy less space 
than in its original position. The expansion due to excavation is usually 
8 to 12% of the volume, and in extreme cases may be 40%; but in placing 

the material in the embankment, it is compacted by the weight of the em- 

bankment itself, by the pounding of the hoofs, and by the action of the wheels, 

until usually the final volume is less than the original. Ordinary earth in 

its original position is more or less porous owing to its soluble portions having 

been carried away by the percolating water, to the penetration of vegetable 

roots which subsequently decay, and to the continued action of frost. There 

is usually also more or less earth lost in transporting it from cut to fill. The 

amount of shrinkage depends chiefly upon the character of the material and 

the means by which it is put into the embankment, and somewhat upon the 

moisture of the soil, the rainfall conditions while the work is in progress and 

soon afterwards, and the depth to which frost usually penetrates. If the 

soil is moist when placed in the bank, it will become more compact than if 

it were dry. Rain greatly affects the shrinkage; and embankments put up 

- during a tainy season will be more compact than those built during a dry 

time. Soil from above the usual frost line is more porous than that not 

subject to the heaving effect of alternating freezing and thawing, and conse- 

quently shrinks more when put into an embankment. The shrinkage of the 

ordinary soils is in the following order: (1) sand and sandy gravel least, 

(2) clay and clayey soil intermediate; and (3) loams most. The shrinkage 

according to the method of handling is in the following order, beginning with 

the greatest: (1) wheelbarrows, (2) cars, (3) wagons, (4) wheel scrapers, 

(5) drag scrapers, and (6) caterpillar traction equipment. The usual allowance 

for shrinkage for drag scraper work is as follows: gravel 8%, gravel and sand 

9%, clay and clayey earth 10%, loam and light sandy earth 12%, loose 

vegetable surface soil 15%. The above results are for ordinary earth, and do 

not apply to such unusual materials as “ buck-shot,’? gumbo, very fibrous 

soil, etc., which have a much greater shrinkage. 

Broken rock placed in an embankment will occupy a volume 40 to 50% 

greater than in its original solid state. 

The shrinkage of earthwork referred to above takes place chiefly during 

construction; but the continued action of the weight of the embankment and 

the effect of rain and traffic will usually cause a comparatively small settlement 

after completion. Sand or gravel embankments built with wheel scrapers will 

usually settle 1 to 2% after completion, and clay or loam embankments about 

2to 3%. With drag scrapers the settlement will usually be a little less than the 
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above; and with dump carts or wagons a little more. With wheelbarrows the 
settlement is usually about 10%, but may be as much as 25%. A sand and 
gravel embankment on which caterpillar traction equipment was used was 
found to have practically no setthement. The settlement of steam-shovel 
work depends upon the method of dumping, the length of time the work is in 
progress, the season and the soil. 

The Manual of the American Railway Engineering Association (1921) 
states that because it is easier to add to the height of-a fill than to decrease it, 
little or no allowance should be made for vertical shrinkage after construction. 
Allowance in width should be from about 5% to 20% of the height of the fill 
depending on the materials and conditions. For estimating, figure a shrinkage 
of 10% measured in excavation, on earth removed from excavation to em- 
bankment. 

Subsidence is due to compression or displacement of the strata of earth 

under the embankment. Some subsidence occurs under all embankments, 
built on any ground but rock. It must 
always be anticipated in bogs or swamps, 
or any land on which there is standing 

2, water. Serious subsidence is local and it 
is impossible to fix any rule as a guide in 

\ Culvert after Fill is in Place estimating it. 
Fig. 39 For ‘the above reason, culverts in 

compressible soil should be built with a 
camber; and if of concrete, additional reinforcement should be used to prevent 
cracks. Fig. 39 shows the effect of building a culvert with camber. 

25. Levee Construction 
A Levee is a bank of earth thrown up along the side of a stream to prevent 

the flooding of the adjoining land. The cross-section of a levee depends 
upon the material of which it is constructed and the length of time it will be 
subjected to the flood. To prevent the levee from being overtopped by waves, 
the crown should be 3 ft. above the highest water for the smaller levees and 
5 ft. for the larger. A levee usually has a top width of 3 to 12 ft., a slope on 
the water side of 1 to 3 or 4, and a slope on the land side of 1 to2.or 3. A1: 4 
slope on the water side is more desirable because it facilitates maintenance and 
increases resistance to wave action. A 1:: 3 slope is satisfactory if the surface 
is paved soon after construction. If the material of the levee is very light, 
the slopes should be flatter than the above. The above slopes are easily con- 
structed, are readily kept clear of weeds and brush by the use of a mowing 
machine, do not slide when tramped over by stock when wet, are not difficult 
to get set in grass, and resist wave action reasonably well. It is important 
to avoid sharp corners, and flat curves should be used even if arable land is 
thereby lost; and on the curves the levee should be thicker and have flatter 
slopes than on the straight portions. 

The slopes are determined also by the lines of seepage of water through the 
levee, and it is desirable to keep the line of seepage below the toe of the levee, 
Some seepage is unobjectionable when the levee is built on good foundation 
and is of good construction. H. St. L. Coppee in a paper in the Transactions 
of the American Society of Civil Engineers, Vol. 39, p. 229, shows as a result 
of tests made that the slope of the line of seepage for small sections is about 
8 : 1 and large sections 5 : 1. He also estimated the relative strength of various 
levees to resist deformation due to seepage im the following order: (1) Clay 
and gravel tamped in shallow layers, (2) clay mixed with sharp sand in 
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shallow layers, (3) clay, (4) heavy strong soils, (5) coarse sharp sand, (6) light 
soils, (7) fine sandy rounded particles. The Mississippi River Commission 
has adopted a minimum line of seepage of 7 : 1 in the landside slope for its 
new sections. (See Eng. News-Rec., Vol. 100, p. 398). Figs. 40a and 400 

show the old and the proposed new levee sections of the Mississippi River 
Commission. In the old section, a banquette (reinforcing bank) was con- 
structed where the foundation was weak and the height more than 10 or 12 

Fig. 40a. Standard Levee of Mississippi River Commission 

ft. The chief object of the banquette is to keep the levee from sloughing off 
when saturated with water, which it does by keeping the surface of satu- 
ration well within the embankment. In the proposed new section, the ban- 
quette has been eliminated. 

In order to help maintain equilibrium of the bank during high water, the 
Mississippi river levees are provided with iron pipe siphons, 10 or 12 in. in 
diameter, running up the face of the levee, over the top and down the back. 

is beute oO yiib ine tial ays penn Natural 

LF Muck Ditch Surface 40'--| 

Fig. 405. Proposed New Levee Section 

The siphons are started by exhausting the air from the pipe with a hand 
pump, and are used to flood the borrow pits at the rear of the levee. 

After the alignment is fixed, the surface should be freed from trees, logs, brush, and 
débris; and all buried logs, stumps, and roots of any considerable size should be re- 
moved. For the Mississippi river levee all logs, stumps, and roots are removed down to 
a diameter of 4 in. and for a width extending 5 ft. each side of the base of the levee. 
After clearing the foundation the ground is plowed deeply, and any unsuitable soil is 
removed. If the soil is not reasonably uniform, the foundation is tested by sinking 
pits at various points, and any defects are remedied as far as practicable. A muck 
ditch is usually cut on the river side of the center line, to explore the foundation and 
to aid in preventing the seepage of water along the plane of the base of the levee. It 
should extend through the porous surface soil; and should be filled with the best soil 
available, preferably clay or clayed gravel, which is thoroughly tamped into place. 
The standard dimensions of the muck ditch of the Mississippi river levees are 12 ft. 
wide on top, 8 ft. wide at the bottom, and 8 ft. deep, these dimensions being selected so 
that the muck ditch can be dug and filled with wheel scrapers. The width of the 
muck ditch may vary with the quality of the soil used for filling; if pure clay is em- 
ployed, the width need not be more than 1 or 2 ft. except for the highest levees. Where 
the muck ditch will not efficiently cut off seepage, sheet piling is used. This is very 
expensive, but is sometimes necessary. 
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The smaller levees are constructed in layers not more than 2 ft. thick 
extending over the entire base, usually with drag or wheel scrapers. For the 
very large levees, draglines, steam shovels with long booms, and tower 
machines are used. Only unfrozen earth free from sticks, leaves, and straw 
should be used. The earth is taken when practicable from borrow pits on 
the stream side of the levee. For the Mississippi river levees the borrow pits 
on the river side must be at least 40 ft. from the toe of the levee, the side slope 
of the pit must not be steeper than 1 on 2, the depth next to the levee must 
not exceed 3 ft., the bottom of the pit must have a uniform slope toward the 
river of about 1:50, the depth on the farther side must not exceed 6 ft., and 
traverses (tongues of undisturbed earth) must be left at intervals of 300 to 
400 ft. The traverses are to prevent destructive currents along the base of 

the levee; and should be pierced at the river end by drainage ditches, since 
standing water affords refuge for crawfish, muskrats, etc., which endanger 
the levee. The berm between the borrow pit and the levee should be kept 
intact, and any depressions in it should be filled to the level of the natural 

surface. Ditches and borrow pits on the inside are very objectionable; and, if 
the earth is borrowed from the land side, the pit should be well back from 
the levee, On the Mississippi the distance from the toe of the levee to the 
edge of a borrow pit on the land side must be at least 100 ft. 

When the levee has been carried to the proper height and the crown and side slopes 
have been dressed to planes, tufts of Bermuda grass 2 to 4 in. square are planted at 
intervals of about 2 ft., which soon spread over the entire embankment and effectually 
protect it from the wash of the rain and to a considerable extent from the wash of 
waves and the current. Weeds and bushes should not be permitted to grow on levees, 
since weeds die and blow over, thereby loosening the soil, and bushes by shading the 
ground kill the grass and their roots loosen the earth. The injurious effect of wave 
action is greatly increased by the presence of weeds and bushes, as their roots break the 
surface and cause erosion to begin. Large trees should not be permitted to grow near 
the levee, as their roots will penetrate the base of the levee and give an opportunity for 
seepage, and when the tree is cut or dies its roots will decay and leave large openings 
which may cause a crevasse. 

The smaller levees are built with drag or wheel scrapers, elevating graders 
and wagons, and the large ones with power shovels, dragline excavators and 
cableway excavators. The use of the elevating grader discharging directly 
on the embankment is unsatisfactory because it brings the pit too close to 
the levee. The same is true for the power shovel and dragline. They all are 
very useful for loading cars and trucks where the material has to be hauled. 
The grapple-dredge with an orangepeel bucket and a long boom is recom- 
mended by C. W. Okey of the U. S. Bureau of Public Roads for use in wet or 
marshy lands. It is superior to the dipper dredge for this use. The hydraulic 
dredges are used where the site is favorable for them, namely, where large 
quantities of material are present suitable for hydraulic dredging and where 
there are facilities for carrying off excess water, etc. They have been used on 
the Mississippi to transfer materials at high water to points within range of 
other type of equipment. 

The Tower Machine has been used with very much success on the new 
larger sections of Mississippi levee. It is essentially a dragline or cableway 
excavator with the main tower on the land side of the levee, and the tail 
tower on the farther or river side of the borrow pit, usually up to 1000 ft. 
from the main tower. The two are connected by a cable which carries a 
5-cu. ft. bucket. Both towers are traction mounted and can be moved parallel 
to the direction of the work. They eliminate the need of a haul, but the cost 
is considerable for moving the plant. 
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Drains are sometimes constructed through levees to carry away storm water during 
a low stage of the stream, but such openings are always a menace to the stability of the 

levee. If used at all, they should have substantial and adequate walls of concrete at 
both ends and the barrel should be of iron or vitrified pipe so laid that the joints will 
not leak. The lower end should be provided with a substantial automatic gate 
usually a flap valve, for closing at the time of high water in the stream; and the inner 
end should be provided with a sliding gate to be moved by hand, for use in case the 

outer valve fails to work at the time of high water. 

Roads along or across the top of levees are objectionable since ruts and 
holes result, and the edges of the crown are cut off by the wheels. Further, 

water collects in ruts and flows down the slope where it does considerable 
damage. If the crown is to be used as a roadway, the levee should be given 
an additional top width of at least 12 ft., and the completed structure should 
be carefully and frequently inspected. As better practice, it is recommended 

that the road be put on a shoulder on the landside slope, about 5 ft. below 

the crown. : 

26. Dredges and Dredging 

Classification. Dredges may be classified according to the method of 

handling the material, as (1) dipper dredges, (2) elevator or ladder dredges, 

(3) hydraulic or suction dredges, (4) the grapple or grab-bucket dredges, and 

(5) scraper or dragline bucket dredges. Dredges may be classifidd according 

to the way in which they are moved forward while working, as (1) floating 

dredges, (2) traction dredges, (3) roller dredges, (4) drag dredges, and (5) 

walking dredges, of which the last four are used chiefly in ditch work. In 

harbor work the dredge usually discharges into a scow moored alongside; 

but sometimes the barge carrying the dredging machinery is provided with 

pockets large enough to hold several hours’ output, and when these are filled 

the dredge steams out to sea and dumps its load. The latter type of dredge 

is called a sea-going or hopper dredge; and is used where the water is too 

rough to fasten scows alongside of the dredge. The hopper dredge is advan- 

tageous to use wherever the material is suitable and the excavation is deep 

enough to permit its use, and where the dump is not too remote. It is well 

adapted to sand and gravel when the latter is not too coarse, but cannot 

operate in mud because this will not settle in the bins. The Ambrose Channel 

at New York Harbor is maintained by such dredges, the material being all 

sand and the distance to the dump about 15 miles. Excavation by this 

method costs about 9 cents per cu. yd., bin measurement. 

A Dipper Dredge is simply a steam shovel of the railroad type (see Art. 23) 

mounted upon a scow; and differs from an ordinary steam shovel chiefly in 

having a longer dipper-handle and a longer boom. In extreme cases, for 

ditch and levee work, the dredge can dig as deep as 60 ft. at low water. The 

dipper ranges in size from 1/3 to 15 cu. yd. It is better adapted to all kinds of 

work than any of the other types, since it can handle any material any other 

type can, and it can excavate material too tough for any of the other forms; 

but when large quantities of earth are to be moved and when other conditions. 

are favorable, some of the other types are more economical. 

The dipper dredge is excellent for hard digging, in which it has no com- 

petitor excepting the ladder dredge and that is rarely a serious competitor. 

A great deal of soft or stratified rock is dug by dipper dredges without blasting. 

They are the only machine adapted to removing old cribs and docks. In 

operation, the dipper dredge is not afloat, but is hoisted or ‘“ pinned up ” on 

the “spuds.” In soft ground these spuds have wide shoes to spread the 

pressure upon the bottom. These are adjustable steel posts or legs which are 

forced down into the bottom and hold the dredge rigidly in place. A modern 
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15-yd. dipper dredge costs from $700,000 to $1,000,000. Dipper dredges are 

much used for harbor and ditch work. (See Bull. 300, Bureau of Public Roads, 

U.S. Dept. of Agriculture.) 

The Elevator Dredge, also called a ladder dredge and a chain-and-bucket 
dredge, consists of a series of scraper buckets attached to a chain, which 
scoop up the material and deliver it at the top of the ladder, where it is dis- 

charged into a chute or onto a belt conveyor. The tower which carries the 

upper end of the ladder is usually 20 to 25 ft. high. One “ high tower” type 
has towers 75 to 80 ft. in height. The buckets have capacities of 1/2 to 15 
cu. ft., are spaced from 3 to 6 ft. apart, and travel at a speed of 40 to 60 ft. 
per minute. The first machine of this type was made in France in 1859 for 
use on the Suez Canal. This type is more common in Europe than in the 
United States. For certain types of work where the material is free from 
roots and stones, it is rapid and economical of power. It can work in deeper 
water than the dipper dredge, and has continuous operation and large capac- 
ity; but it is more complicated and more likely to get out of repair. It is 
used in placer mining and for sand and gravel digging. On canal work in 
New Orleans a small ladder dredge having 32 buckets of 6-ft. capacity and 
working in swampy muck averaged 24,000 cu. yd. per month (Eng. News, 

Aug. 14, 1913). 
Hydraulic Dredge. The essential feature of the hydraulic or suction dredge 

isa centrifugal pump which draws water and suspended earth through a suction 
pipe and discharges them through a line of pipe floated on buoys or pontoons. 
With light alluvium or fine sand, a reasonable amount of solid material is drawn 
up. with the water, if the lower end of the suction pipe is nearly in contact 
with the soil; but in any other soil some form of agitator must be employed 
to loosen and stir up the material to be excavated. With medium soils the 
material can be stirred up sufficiently with one or more water jets; but in 
tough material a mechanical agitator, usually in the form of a hollow rotary 
cutter, is required. The agitator and the suction head are mounted on a 
ladder. which, in the forward-feeding type of dredge, swings in a vertical 
plane. For lateral motion the whole dredge must be moved. In the radial 
feeding type, the ladder is designed to permit horizontal as well as vertical 
movement. The dredge may be either steam-, electric-, or Diesel-driven. 
Some smaller ones are gasoline-driven. The hydraulic dredge is used prin- 
cipally for construction and maintenance of rivers and harbors, for filling in 
and reclaiming land, and for canals and ditches, provided the material to be 
handled is of a nature which lends itself to hydraulic dredge handling. There 

must be a large spoil area available for dumping and it must not be too far 
away, although there are dredges which will transport material economically 
10,000 ft. The following table taken from Bulletin 300, Bureau of Public 

Dikmeter oe Normal Cubic yards solids pumped per hr. | Approximate 
Sattion ada | capacity: Per cent of solids sieamae ae 

discharge gal. per eh foot ee 

DLBCS) Shs mus 10% 15% 20% total head 

4 450 12 18 24 0.4 
6 1 000 30 45 60 0.8 
8 1 800 50 75 100 15 

10 2 800 90 135 180 2.5 
12 4 000 130 195 260 3.0 
18 9 000 300 450 600 7.0 

0.0 24 17 000 500 750 1000 1 



Art. 26, Dredges and Dredging 783 

Roads, U. S. Department of Agriculture, gives an indication of what these 
dredges can do; but it should be considered as giving only a very approximate 
idea of the output, which is a function of the kind of material, the length of 
discharge pipe, and the height to which the material is lifted. 

Material pumped by a hydraulic dredge and used for fill will take slopes 
approximately as follows: Sand pumped into place under water, 1 : 8 to1: 15; 
sand pumped into fill on land, 1:20 to 1:60; clay pumped into: place 
on land, 1:4o0r1:5 if the clay forms balls in passing through the deliv- 
ery pipe, and practically horizontal if the material comes out as liquid 
mud. : = 

A Grapple or Grab-Bucket Dredge consists of a self-filling bucket sus- 
pended from a swinging or rotary boom; and is often called a clamshell 
dredge from the former form of the two halves of the bucket. At present 
there are only two forms of bucket in use, the orangepeel and the grab-bucket. 
The former consists of three or more curved triangular spades which when 
slosed form a hemisphere; and the latter consists of two quadrants of a cylinder, 
which when closed form half of a short cylinder. These buckets are suspended 
by two chains or wire cables, one to close the bucket in loading it and one 
to open it in discharging. Both forms of buckets are made of rated capac- 
ities varying from 1/2 to 12 cu. yd. loose measurement... The great advantage 
of the grapple dredge over the dipper form is the greater length of boom per- 
missible and the fact that there is practically no limit to its digging depth. 
A grapple dredge has done excellent work with a boom 240 ft. long. 

(Eng. Rec., Vol. 74, p. 360.) A long boom is sometimes of great advantage 

in ditch or levee work. The orangepeel bucket fills itself only in compar- 

atively soft ground; and consequently the grab-bucket must be employed 

in hard or tough ground, for which work it is sometimes provided with 

teeth on the cutting edge and with extra power for closing. This form of 

dredge is peculiarly adapted to very deep dredging or to work in confined 

places like the inside of a cofferdam or even a pier cylinder. The grapple 

excavator is sometimes economical in excavating trenches, and can be used to 

load wagons or cars in dry excavation. It is particularly advantageous in 

cellar excavation, since the wagons can remain on the natural surface. In 

good material it can deliver a bucket load every minute. A 10-yd, 15-ton 

2-part bucket working in water 65 ft. deep with 10 men and 5 tons of coal 

averaged 4000 cu. yd. in 10 hours, and in another case 2300 cu. yd. in 10 

hours (Eng. News, 1899, vol. xli, p. 66). 

Grapple dredges can be operated very cheaply due to their rapidity. Where 

the material is favorable, such as mud and sand or soft clay, it can be put 

into a scow lying alongside by a grapple dredge more cheaply than by any 

other method. 

A Dragline Bucket Dredge is a form in which material is handled with a 

scoop roughly resembling the ordinary drag scraper suspended from a swing- 

ing boom, the scoop being drawn toward the machine by a line attached 

to the front and a second line at the rear holding it at the proper angle to slice 

the earth away as it is moved forward. When the scoop is filled, it is lifted to 

the point of the boom, both lines being kept taut, and is then swung around; 

when on slacking the drag or hauling line, the scoop dumps automatically. 

The bucket or scoop is lighter than an orangepeel or grab-bucket of equal 

size, and hence the whole machine may be lighter. It will excavate either soft 

or fairly hard material. There are several slightly different forms of bucket 

on the market. An important advantage of the dragline excavator is the 

wide reach possible by the use of a long boom. The dragline excavator is at 
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present the favorite machine for widening and deepening small streams and 
~ ditches and for building levees and earth dams. 

The dragline machine may be used for excavating either under water or 
in the dry. It is best adapted for jobs where the excavated material does 
not have to be removed from the site, but may be piled up temporarily by 
the dragline and later backfilled or spread out on the ‘‘dump ” by the same 
machine. In cut-and-fill work, it is sometimes economical to handle the 
material as many as four times, the dragline being used first to scrape the 
soil from the cut to the beginning of the fill, and afterwards being moved to 
the fill and used again to scrape the excavated material still farther onto 
the fill. 

The engineers of the Miami Conservancy District, Dayton, Ohio, under the 
direction of Arthur E. Morgan, Chief Engineer, made an elaborate investiga- 
tion of different earth-excavating machines, and adopted the dragline excavator 
for that mammoth work, and had extensive experience in the use of this 

machine in excavating channels, and im building levees and earth dams. 
The District had nineteen dragline excavators at work, ranging from a 
40-ft. boom and a 1 1/2-yd. bucket to a 160-ft. boom and a 5-yd. bucket. The 
following are the advantages, as stated by C. A. Bock, Division Engineer, 
which led to the adoption of the dragline excavator on this work almost to 
the exclusion of other devices. 

Advantages. 1. The shape of the bucket and the method of loading make 
it possible to excavate boulders and also to pull stumps and large roots. The 
capacity of the buckets in use ranges from 3/4 to 5 cu. yd. Clamshell and 
orangepeel buckets may also be used, in which case the machine operates like 
an ordinary grab-bucket dredge. 2. The dragline has greater reach than 
steam shovels or any type of dredge. The horizontal radius for excavating or 
dumping may be 20 to 30 ft. beyond the end of the boom; and the vertical 
reach may be as low as 50 ft. below the machine bed and as high as 30 ft. 
above. 3. While the dragline ordinarily digs toward itself, with comparatively 
simple rigging it may be arranged to dig away from itself. 4. It is efficient 
in loading cars, in some cases even surpassing the steam shovel. 5. The 
dragline excavator may often be used to advantage as a movable revolving 
derrick for lifting track and equipment in conjunction with its own operation, 
which frees it from many interruptions to which other types are subject. 6. The 
lighter dragline machines may be mounted on caterpillar traction, or may be 
provided with walking devices, which give greater speed and more freedom 
of movement than any other type of excavating machine. 7. The heavier 
types are usually mounted on skids and rollers or on wheels and track, in 
which case they have greater range of action and require less track shifting 
than steam shovels or other types of dredges. 8. The dragline picks up, moves 
ahead, and relays, its own track. 

Disadvantages. The disadvantages of the dragline excavator are: 1. In 
narrow cuts there is not sufficient dragging distance to fill the bucket properly 
and hence under this condition the dragline is not as efficient as the steam 
shovel or the dipper dredge. 2. The dragline ordinarily leaves the bottom of 
cuts and borrow pits quite rough, although a skillful operator can secure fairly 
satisfactory results. 

The Cableway Excavator consists of an excavating self-loading bucket 
carried on a cable which is supported by towers at its two ends. One tower 
is high and usually is the one at which the operating machinery is located. 
The other tower is lower and is at the other side of the work. The commonest 
type of cableway excavator is the slackline cableway. The track cable in the 
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slackline type can be loosened and tightened to permit raising and lowering 
of the bucket. The tightline type has a fixed track cable and the bucket is 
raised and lowered by mechanical attachments. The slackline can excavate 
up to one-third its span, which may be from 200 to 1200 ft. It can lift ex- 
cavated material about 150 ft. It is used mainly for gravel pit operations, but 
has been found very useful on Mississippi river levee construction. The 
towers may be fixed or may be mounted to travel along the work.. The power 
may be steam, electric, or gasoline. In gravel pit operation the material is 
dumped usually into a screening and handling structure. In levee work the 
material is dumped into the embankment. The accompanying table indicates 

roughly what may be expected from this type of excavator. The variations 
are due to differences in materials and other local conditions. 

Capacities in Cubic Yards per Hour on Average Hauls for Various 
Lengths of Span 

(Data furnished by Sauerman Bros., Inc.) 

Size of 300-ft. span, 500-ft. span, 
bucket, 200-ft. av. 300-ft. av. 550-ft. av. 
cu. yd, haul haul haul 

1/2 19to 26 $8. ta 2h FS RE RT okies ener 

1 38 to 52 36 to 48 30) t0.,407. yh-ncey Het athe 

2 78 to 104 72 to 96 60 to 80 50 to 68 

114 to 156 108 to 144 90 to 120 75 to 102 

The Power Scraper is a bottomless drag scraper which is pulled back and 
forth across the job by cables by means of a steam-, gasoline-, or electric- 
driven hoist. It may be crescent-shaped or V-shaped and the bottom or 
cutting edge may be equipped with teeth. The scraper is dragged through 
the material by the front cable, gets its load, and deposits it at the load point. 
It is then dragged by the rear cable back to the digging point. Towers are 
needed at the head and tail points to carry the sheaves over which the cables 
operate. 
The scrapers come in 1/3-to 6-cu. yd. capacity sizes. They are used for 

stripping operations, for moving large quantities of materials in storage 
operations, and for highway construction. They are often used in con- 
junction with slackline cable operations. The power drag scraper is found 
most economical on hauls of 200 to 400 ft. 

Estimated Hourly Capacities in Cubic Yards 
(Data from Sauerman Bros., Inc.) 

Length Size of scraper, cu. yd. 

of haul, 
ft. 1/3 1/2 3/4 5 1-1/2 2 4 6 

100 22 34 51 80 120 160 320 480 

200. 12 18 27 42 63 84 168 254 

300 8 12 19 28 42 56 112 168 

400 6 10 14 21 32 43 86 126 

500 5 7 11 17 26 34 68 104 
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27. Ditching Machinery 

It has been estimated that there are still in this country something like 

100,000,000 acres, or over 150,000 square miles, of swamps and wet lands. 

This area is about two and a half times as large as all the New England States. 

A considerable part of the redemption of this vast tract will consist: of building 

levees and dredging main drainage channels. The building of levees and the 

construction and operation of dredges have been described in Arts. 25 and 26, 

and the principles of drainage are discussed in Sect. 16. It is proposed: to 

briefly consider here some of the machines employed in constructing medium- 

sized drainage and irrigation ditches. 

The dipper dredge (see Art. 26) is an important machine in the drainage 

of swamp or overflowed land. There are four forms of this machine specially 

adapted to ditch work, namely, the floating type, the land type, the walking 

dredge, and the drag boat. 

The floating type is a steam shovel mounted upon a wooden or steel hull. It may 

work either up or down stream, but the latter is much the more common, since then 

dams are not necessary behind the dredge to retain water in which to float it. The 

capacity of the dipper varies from 0.5 to 5 cu. yd. The maximum size of ditch that 

can be dug economically with this type varies from 100 to 1200 sq. ft.and the mini- 

mum is 10 ft. wide and 5 ft. deep. 

The land type of dipper dredge consists of a boom, a dipper, and the necessary ma- 

chinery mounted upon a frame which straddles the ditch and runs upon wheels resting 

directly on the banks or upon a track. Some machines have caterpillar traction. 

The capacity of the dipper varies from 1/2 to 1-1/2 cu. yd., and the span from 15 to 

50 ft. The land type can be dismantled and moved more easily than the floating 
form; but in stumpy ground it is not as good as the latter, since it lacks power to up- 
root large stumps. The land type is objectionable unless the ditch is narrow and the 
banks of the ditch are firm. With soft banks the caterpillar traction is better than 
either broad wheels or a track. The chief advantage of the land dredge is that all of 
the excavation is in sight, and hence a better ditch can be dug than when the excava- 
tion is done under water as with the floating type. 

The walking dredge straddles the ditch. Its distinguishing characteristic is that 
each corner of the frame rests upon a built-up foot of which the horizontal cross-section 
is about 6 X 8ft., and in the middle of each side of the frameis a similar foot about 
6 X 12 ft. When the machine is to be moved forward, it raises itself and also the 
four corner feet until it is entirely supported on the two center feet; and then the 
machine slides itself about 6 ft. forward on the middle supports. The corner feet are 
then lowered, and the weight of the frame thrown upon them; and next the center 
supports are raised, and brought forward ready for another move. ‘‘ Walking Speed” 
is about 500 to 800 ft. per hour. The chief advantage of the walking device is that 
it enables the whole machine to move itself across country without dismantling, thus 
saving much time and also the cost of dismantling and rebuilding. 

The drag-boat ditching machine is mounted on a hull whose transverse cross-section 
is somewhat like that of the ditch to be dug. The whole machine is moved forward 
by winding up a cable anchored ahead. This type has booms from 25 to 30 ft. long, 
and dippers of 1/2- to 3/4-cu. yd. capacity; and will excavate a ditch having a bottom 
width of 4 to 6.ft. It cannot beused. if the banks of.the ditch will not stand without 
caving, since that may wedge the hull fast. ; 

The drag-line excavator (see Art. 26) is in many ways the most developed type of 
machine for ditch work. It may follow the center line of the ditch, backing away from 
the completed work, or it may travel on one side of the ditch. The first method is usual 
for small ditches, and the second for large ditches; and sometimes for large ditches the 
machine travels down one side and back on the other, excavating half of the channel 
each trip. Dragline excavators have been made with booms 40 to 150 ft. long and 
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buckets holding from 1 to 5 cu. yd.; but the longer booms and larger buckets are not 
‘very common. The comparatively wide reach of the dragline excavator fits it for 
excavating channels wider than can be dug economically with the floating dipper 
dredge, but the cost of ditch work with a dragline excavator is usually more than with 
a dipper dredge. The dragline can cut the side slopes of the ditch more accurately 
and more economically than the dipper dredge and also can leave a wider berm, both 
of which are important advantages. 

When arranged specially for ditch work, the dragline excavator may be mounted 
upon traction wheels, or on skids and rollers, or on car wheels on a track; or it may be 
mounted as a walking machine Jike the walking dipper dredge previously described. 
It may also be mounted on a tractor, and is then specially adapted to ditches of small 
cross-section. 

A form of dragline scraper is called the templet excavator. It has two buckets, back 
to back, rrorking on a frame transverse to the ditch in such a manner that one bucket 
shaves off a thin slice down one slope and across the bottom and up the other slope, 
and then dumps. One scraper does the excavating one way and the other in the oppo- 
site direction. The frame carrying the buckets is lowered automatically as the ditch 
increases in depth, so that the slopes and the bottom are cut accurately to specifica- 
tions. When the desired depth is reached, the frame is raised and the machine moved 
forward or backward, as the case may be, for a new cut. 

28. Hydraulic Sluicing 

Hydraulic Sluicing has been used successfully for the excavation of large 
volumes of material, and notably on the Panama Canal and by the Miami 
Conservancy District in Ohio. The method consists in breaking down the 
material in the “‘ borrow pit”? by means of a powerful water jet which is 
discharged from a large nozzle or monitor commonly called a “ giant.”” The 
nozzle diameter varies from 2 1/2 to 5 in., and the jet or “‘ muzzle” velocity 
of the stream varies up to 150 ft. per sec. The working pressure for a 5-in. 
nozzle may be as high as 150 lb. per sq. in. 

The water is supplied by centrifugal pumps, which must have the required 
water capacity and must exert a head sufficient to overcome the suction and 
the friction losses in the pipe line and to develop the necessary head at the 
monitor. The pipe line from the pump to the monitor should be 12 to 15 in. 
in diameter in order to reduce friction losses, but is reduced in size near the 
monitor where the pipe requires frequent handling. 

In operation, the water jet is directed against the base of the bank which is 
being excavated, and washes out the material. This causes caving of the bank 
and furnishes loosened material which is readily washed away by the jet. 
The water, with its burden of excavated soil, flows out of the borrow pit and 
is conducted to the site of the fill in a “ sluiceway ” which generally is merely 
the natural channel formed by the flowing water. As a rule, the supply of 
water from the jet is not sufficient to carry off the excavated soil properly, 
and an additional stream of water is provided for this purpose by low-pressure 
pumps. The sluice will generally require a slope of about 4 per cent. Where 
the ground is particularly hard, especially with some types of clay, it may be 
necessary to loosen the bank partially by blasting. Gravel and sand are the 
easiest material to excavate by this method, if there are not too many cobble- 

stones or small boulders scattered through the bank. Clay is more difficult 

to handle; some kinds of clay will not entirely break down, but will pass through 

the sluice in round balls several inches in diameter. 
The monitor should be placed as close to the pit face as possible in order 

to take advantage of the full force of the jet, but this distance will be limited 

by the danger of caving of the bank. The slope of the sluice should be as 

flat as possible in order to keep the elevation of the monitor at a minimum, 
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as this will give a higher pit face and increase the quantity of material avail- 

able for excavation. 

The hydraulic sluicing method is well adapted to excavating jobs which 

have suitable material for breaking down, where there is an ample water 

supply, and where the borrow pit is at a high enough elevation so that a 

sufficient grade may be obtained for the sluiceway. The method is particu- 

larly adapted to the construction of hydraulic-fill earth dams. It has also 

beea used on large street grading work in Seattle, Wash., in 1912 (Eng. 

Rec., Vol. 65, p. 480), and in highway grading near Vancouver, Wash., in 

1926 (Eng. News-Rec., Vol. 97, p. 776). In the Miami Conservancy District 

large quantities of material were handled by this method, at costs ranging 

from 21 to 65 cents per cu. yd., the lower costs being for gravel handled under 

favorable conditions. On this work, however, the cost was higher than should 

be expected on an ordinary excavation job, due to the necessity of securing 

the requisite amount of fine material for the core of the dam. The output 

ranged from 12,000 to 50,000 cu. yd. per month, the latter being accomplished 

with two giants having nozzles of 5-in. and 2 1/2-in. diameters. The contract 

price for the work at Seattle was 10 cents per cu. yd. for excavation and 15 

cents per cu. yd. for embankment. 

See “ Methods and Plant for Excavation and Embankment” by C. H. Paul and 

C. S. Bennett; also “ Construction Plant, Methods and Cost,” Technical Reports, 

Part X, Miami Conservancy District. 

For sluicing of hydraulic fill dams, see Sect. 15, Art. 6. 

29. Excavation Classification 

There is probably no single problem in the interpretation of contracts that 

is more difficult than the classification of excavation into rock, loose rock, and 

earth. No specifications have yet been evolved that will be interpreted by 

two men precisely alike. Wide variations of interpretation are possible by 

those of opposing interest. It is the duty of the engineer to write them as 

clearly as he can and to interpret them as broadly and definitely as he can 

to prospective bidders, especially to the contractor to whom the contract is to 

be awarded. The following specification is in part from the Reading Railroad 

company. 
Excavation is classified as: solid rock, loose rock, and earth—dry or in 

water. 

(1) “Solid Rock” shall include all rock which is found in ledges or detached 
masses, exceeding 1 cu. yd. each, and which may be best removed by blasting. 

(2) ‘Loose Rock” shall include all other rock and cemented gravel which 
may be removed without blasting, although blasting may occasionally be 
resorted to; also detached stones less than 1 cu. yd. and more than 1 cu. ft. in 

volume. 

(3) “Earth ” shall include all materials of whatever name or character not 
unquestionably rock, as above defined. 

(4) Excavation in Water: (a) This term shall apply to the removal of all 
materials in water, or materials thoroughly saturated or impregnated with 
water, except surface water which can be drained away. 

(b) It shall include drainage, bailing, pumping and all labor and other 
expenses connected with such excavation. 

(c) In changing, deepening, or making water courses, all materials above 
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the water level and materials that can be removed without becoming saturated 
with water shall be classified as dry. 

| (5) Payment for Excavation. Excavations in all the several classes thereof 
' shall be estimated and paid for by the cubic yard of material removed, 

' measured in its original undisturbed state. Estimates shall be based on 
cross-sections, made by the engineer, of the undisturbed surface before the 

_ work is started, of the uncovered surfaces as the work progresses (when differ- 
ent classes of material are uncovered), and of the completed surfaces. Specifi- 
cations for dredging should state whether or not excavated material is to be 
paid for in its original undisturbed state or on basis of scow measurement. 

(6) Payment for Embankment. Embankments shall not be estimated or 

paid for when made from excavations; but in special cases when made from 
_ material furnished by the owner to the contractor they shall be estimated and 

paid for by the cubic vard of material placed in the embankment measured 
in its finished state. Estimates shall be based on cross-sections, made by 
the engineer, of the surface before the filling is started and of the finished 

» surfaces. 

(7) Haul. The prices paid for the several classes of excavation shall be 
understood to cover the entire cost of removal and disposal in the manner 
and at the location prescribed, it being understood that no allowance will be 
made for over-haul. 

Comments on Specifications: There often arises a question whether or not 
shale, soft sandstone, or hardpan belong under solid rock or loose rock. In 
justice to the contractor and in the interests of all parties to the contract, an 
interpretation of this should be made in advance of the signing of the con- 
tract. Even then the final line of demarkation is usually a matter of judgment. 

It is extremely difficult at times to determine with justice the difference 
between earth and loose rock. For instance, if the work consists of ordinary 
sand and gravel and it is understood that it is to be removed by scrapers, 
nests of small boulders of 1 or 2 cubic feet make the operation of scrapers 
impossible. If such nests could not be foreseen by observation or from the 
borings that were taken in advance of the contract, the contractor has some 

equity in his contention that such material is not earth. 
It is also difficult to specify accurately what is not rock. It has been classi- 

fied by some as that which cannot be plowed and by others that which cannot 
_ be loosened with an ordinary pick. However, a very heavy plow and tractor 
can loosen ground which would not normally be classified as earth unless this 
was clearly explained to the contractor in advance of signing the contract. 

In other words, standard specifications without a specific interpretation, 

applicable to the particular work to be undertaken, are dangerous. 
Referring to paragraphs 5 and 6, the common expression is that ‘‘excava- 

tion shall be measured and paid for in cut and not in fill.” 
If item 7 is included in the specification the contractor must be careful to 

- determine, in advance of signing the contract, where the fill is to be spoiled; 

or in some way the haul must be predetermined. 
- In some specifications slate, coal, shale and soft friable sandstone and soft 

soapstone are not classified as solid rock but as loose rock. It should also 

usually be stated that the prices agreed upon for excavation include the cost 

of all clearing and grubbing and for the removal and disposing of all materials 

covered by the contract; if not so stated, separate prices should be given for 

clearing and for grubbing. These terms should be defined by the contract 

substantially as follows: Clearing is the disposal of all trees, brush and other 
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perishable material, which shall be removed or destroyed by burning. Large’ 

trees shall be cut not more than 2-1/2 ft. from the ground; and in embankments 

less than 4 ft. and more than 2-1/2 ft. high, they shall be cut even with the 

ground. Grubbing is the removal of stumps and roots. Clearing and grubbing 

are paid for on the basis of the area involved. ; 

Overcutting or excess excavation is not usually paid for unless due to 

causes beyond the control of the contractor. Rock excavation is generally 

carried 6 in. below subgrade. 
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SIMPLE TIMBER CONSTRUCTION 
1. Working Unit Stresses 

The recommended unit stresses for material complying with structural 

grades of the American Society for Testing Materials, as determined by F orest 

Products Laboratory, U. S. Forest Service, 1926, are given in the following 

table: 

Safe Allowable Working Unit Stresses in Pounds per Square Inch 

Dry Location—Common Grade Timber 

Kind of timber 

zontal | dicular | grain; a) 
shear’! to | short 
(with 
grain) 

Cedar, western red...... S .1]1 000 000 

Northern and southern 
tS. ens Wauie ces 24.5] 27.3] 800000 

Pavawve ben 23.4] 26.2)1 200 C00 

SID UCR SRR 3 24.8] 27.8]1 200 000 

Chestnut... ste it. 1h 22.7} 25.3}1 000 000 
Cypress, southern....... 21.2]. 23.7|1 200 000 
Douglas fir, Coast region. 23.7) 27.3)1 600 000 

Rocky Mountain region 24.8) 27.8]1 200 000 
eee BORRRTA AW 24.2) 27.1|1 000 000 

Rr atrne i aselee tafe ts en ehini 25.4] 28.4]1 100 000 

Hemlock, West Coast.... P| 28.3)1 400 000 

Bastern SOU 78 Sit fY.4 25.4] 28.4]1 100 000 
Larch, westérn.......... 22.0) 24.6}1 300 000 
Oak, red and white...... 24.8] 27.8]1 500 000 
Pine, southern yellow.... 23.7| 27.3)1 600 000 

White, sugar, western 
white, western yellow 23.4] 26.2]1 000 000 

Peas RT wie PN Ne 24.8] 27.8]1 200 000 
Redwood cis cele ve 22.2| 24.8]1 200 000 

Spruce, red, white, Sitka. 24.8] 27.8]1 200 000 
Englemann:ti.o555 5x: 23.4] 26.2] 800000 

Sawiaiatare 23.1] 25.8]1 300 000 

(See A. S. T. M. Standard Specifications D 245-27; Dept. of Commerce Report on 
“Recommended Building Code Requirements for Working Stresses in Building 
Materials,”’ 1926; also Trans. Am. Soc. C. E., Vol. 91, p. 400.) 

The following comments on the use of this table are based on the authorities 
quoted. 

The allowable stresses given are for Common Grade timber, which contains 
many knots and blemishes but which is suitable for general utility and con- 
struction purposes. For Select Grade timber, which is generally clear and 
limited in defects both in size and number, these stresses may be increased 
33-1/3% for Douglas fir (Coast) and Southern pine, and 25% for all others, 
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excepting compression perpendicular to the grain and modulus of elasticity 
which are the same for both grades. 

The stresses also are given for dry locations. In locations where the tim- 
_ ber will be exposed to the weather, the allowable stresses shall. be reduced 
25%, excepting horizontal shear and modulus of elasticity which, in designing, 

| are assumed not to vary with conditions of exposure. 
__ In joints, the shearing stress with the grain may be taken as twice the value 
| given in the table, for both grades of timber. 

Stress due to dead and live loads acting singly or in combination, without 
wind load, shall not exceed the allowable stress given above. For stresses 
produced by wind loads or by a combination of wind loads and dead and live 
loads, the working unit stresses may be increased by 50% provided the result- 

| ing sections are not less than those required for dead and live loads alone. 
' The recommended working stresses may be used without any increase of live 
loads to allow for impact. 

Stress in compression perpendicular to the grain may be increased by 50% 
| above that given in the table in the case of joists supported on a ribbon board 
and thoroughly spiked to the studding rather than resting upon or in masonry. 

The unit stresses for columns whose ratio of unbraced length to least width 
}/d is 11 or under are those given in the table for short columns. The unit 

' stresses for columns whose ratio //d is 12 or greater must be reduced by column 
formulas (Art. 3). The values for modulus of elasticity are average for the 

several kinds of timber and not safe working values. They are for use in 
computing average deflections of beams. When it is desired to prevent or 
limit sag in a beam, one-half the values given in the table should be used. 
For instance, in a building, beams supporting an ornate plastered ceiling 
should be figured using the value £/2. E cannot be used to determine the 

_ shortening of timber when the pressure is applied to side grain, such as the 
| pressure of a post upon a cap or sill. 

' For continuous heavy loading, or loading causing reversal of stress in a 
| member, 80% of the table stresses is suggested. The strength of timbers 
| in old exposed structures should not be assumed higher than 80% of the table 
| stresses, after deducting for timber exposed to weather as noted above, and 
only the section exclusive of rotted or partly rotted portions should be con- 
sidered as effective. Old timbers should be bored at numerous points, in 
order to determine the effective sections. For timber to be immersed in 

| water deduct 33%, except for side grain impression for which deduct 50%. 
_. In the design of structures to be built in cities, the unit stresses permitted 
| by the building codes must be considered. 

_. In designing, only the net section of dressed timber should be considered. 
' Undressed seasoned timber is generally a little scant of the listed or nominal 
| cross-sectional dimensions. Ordinary differences between nominal and actual 
' standard dimensions of dressed timbers are: 

ae ee 

Timber Nominal Standard 

| Joists, rafters, plank, flooring. .......... Thickness, 2 to 4 in. 3/8 in. less 
L : Depth, 4 to 7 in. 3/8 in. less 
{ Depth, 8 in. and over | 1/2 in. less 
_|Beams, girders, stringers........+..+.-- Thickness, 6 in. and over } 1/2 in. less 
ae Depth, 8 in, and over | 1/2 in. less 
‘| Posts, caps, sills, timbers,.:..,..++5+0+: Size 6 X6 in. and over 1/2 in. less } 

] 
, | Standard lengths are in multiples of 2 ft. 

The constructor should inspect important timbers to be sure that the actual 
' dimensions equal those assumed in the design. 
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2. Properties of Timber 

Unit Weights of various kinds of timber are given in the table herewith. 
In designing, an average value of 40 Ib. per cu. ft. or 3.3 lb. per ft. board 
measure may be used; this is closely the actual weight of commercially sea- 
soned southern pine. 

Kind of timber 

air-dry 

Cedar, Western red........| 23 |] Hemlock, West Coast...... 28 
Northern’and’ ‘Southerny? 9" "" "710" Feadtem.. 00 sce See 28 

white). 272. RIB DED Sol aetny arch Westerns. 2 0m. 36 
Port Orford: cae.ivodlny D929 a) YbOakeredls Rie W Balen 44 
Alaska... 0. .¢cacees..e) "20° 4] White... .. tecegeiaet of 48 

Chestnuts, osesied sad sees fy! 930)1) |] Pine, Southern. coiscuseu is: 41 
Cypress, Southern......... White, sugar, Western 
Douglas, fir, Coast region... white, western yellow. . 27 

Rocky Mountain........ RROUROOG. | ars cee ba 30 
Pir, Balsam... sce ce Spruce, red, white, Sitka... 27 

Golden, noble, silver, Huvemagn. s.r . SS 23 
white. wooo eeu.) 927) 0° |) Tamarack, Eastern. ©... " 37 

These are average values, as determined by the U. S. Forest Products Laboratory, 

Sizes and Specifications. In designing small structures, standard sizes 
and lengths should be used, as.special sizes and long lengths are expensive. 
Standard lengths are in multiples of two feet, and usually do not exceed 20 ft. 
In many cases, considerable saving can be made by using “ short-length 
lumber,” less than 8 ft. long. (See “Marketing of Short-Length Lumber,” 
published by U. S. Dept. of Commerce, 1926.) Nominal cross-sectional 
sizes of undressed timber are in multiples of 1 or 2 in. 

“ Simplified Practice Recommendation No. 16,”on Lumber, published in 1926 by the U. S. Department of Commerce through the Bureau of Standards, gives a recommended set of standards and specifications for sizing, classifying or grading timbers which was generally accepted by the lumber interests throughout the country and was adopted by the American Railway Engineer- ing Association and the American Society for Testing Materials, 
Indentation under Side Grain Compression. The safety of structures is seldom endangered by crushing across the grain. The indentation made, however, is important in some structures and allowance for it should be made in design. It is suggested that in computing the amount of side grain indenta- tion or compression, 0.05 in. be used for all exposed timbers under the safe load unit pressures and 0.10 in. for double these unit pressures. If timber is to be immersed in water, double the above allowances. In rough carpentry work where joints are not well made, double the above allowances; if such joints are to be saturated, use four times the above values. In the construc- tion of the Arlington Memorial Bridge, Washington, D. C., white and red oak wedges, which carried the arch load although subjected to the weather, failed when saturated for three days by flood waters. It is thought that if these wedges had been thoroughly oiled or greased (which is good practice for such wedges subjected to weather or flood) failure would not have occurred. For thoroughly seasoned timber in a housed structure and for first-class carpentry work, it is suggested that the indentation be computed as 0.01 in. for the allowable compressive stress given in Art. 1. 
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Non-Uniform Distribution of Pressure on timber requires special considera- tion, and the excess pressure caused by such distribution should be considered in designing. Such a condition commonly occurs at the end of a roof-truss 
or arch centering, where the center of the support is not directly in line with 
the resultant load of the structure. Fig. 1 shows this condition under arch- 

} | w 
yo 
be Secs 

Pressure Distribution 
ams 

Fig. 1 

centering, where the resultant thrust from the timber framing and the wedges 
which take the horizontal thrust falls outside the center of the supporting 
timber. This causes non-uniform stress distribution in the latter as indicated 
by the pressure diagram. 

Attention is also called to the fact that the point of application of H 
depends upon the care with which the wedges are made and driven. It may 
vary by one-fourth the length of the wedge V. Therefore the unit side- 
grain compression should be conservative in both the vertical and horizon- 
tal wedges and in the cap C. 

In a study made in 1917 by the Forest Service of the U. S. Department of 
Agriculture, hardness of air-dried timbers was tested by measuring the load 
required to embed a 0.444-in.-diameter ball to one-half its diameter in the 
wood. Hardness across the grain may then be determined from the accom- 
panying table. 

Load Load Rela- 

Kind of timber | Foduired | tive || Kind of timber tristan "basa: 
ball, lb. ball, lb. | ness 

Cedar, Western red.. 380 Hemlock, Eastern... 490 
Northern white... . 340 Larch, Western..... 870 
Port Orford....... 700 Oak, white, red..... 1350 
ANAS reatedoe vware 580 Pine, Southern yel- 

Chestnatiii§ 2. 20. 580 MSY csi sears, ie 1020 
Cypress, Southern... 550 Western yellow, 
Douglas Fir, Coast white, sugar.... 460 

region.......... 810 Norway (red).... 600 
Rocky Mountain. . 660 Spruce, red Sitka... 520 

Fir, Balsam......... 500 Engelmann...... 290 
Wy, White..pat cn ize 460 é Wihitert 1c 0 5 560 
Hemlock, Western... 620 , pl amara ck ister. vidi. 640 
ee a i a aa il 



Compressive Stress on Surfaces Inclined to the Fibers. Many formulas 
exist for determining the compressive strength of wood on surfaces at an angle 
to the fiber. One of the more recently developed ones, known as the Hankin- 
son formula, is recommended by the U. S. Forest Products Laboratory for 
general use in timber framing. The equation for the formula is 

PQ 
P sin? 6 + Qcos?9 

in which N = allowable unit stress on the inclined surface; 

P = unit stress in compression parallel to the grain; 

Q = unit stress in compression across the grain; 
6 = angle between the direction of the load and the direction of the grain. 

It is equal to 90° minus the angle between the inclined surface and 
the direction of the grain. (See Fig. ia.) 

Fig. 1a 

The table given here is based on this equation 

Safe Loads in Pounds per Square Inch 
Common Grade Timber—Dry Location 

Angle 6, degrees 
Kind of timber 

Cedar, Western red.......... 
Cypress, Southern........... 
Douglas fir, Coast........... 
PinBalsam. cogs iastseewntst 
Hemlock, Western........... 
Oak,.red and white... ..0i, 0... 
Pine, Southern yellow........ 
ReCw O00, tae tte center, 6 

Select Grade Timber—Dry Location 

Angle 6, degrees 
Kind of timber HPT ibe Se ll DG ac CS — 

75 | 82-1/2 

Cedar, Western red.......... 210 ; 205 
Cypress, Southern... 2.0.5... 365 355 
Douglas fir, Coast........... 340 330 
Fir Balsam.’ ..cohnic ake, 160 155 
Hemlock, Western........... 315 305 Oak, red and white.......... . 515 505 
Pine, Southern yellow........ 340. 330 
Redwood 2398 [2 bey Sagas 265 255 

} 

/ 
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For timber in locations exposed to the weather, the safe loads in these 
tables should be reduced by 25%. If timber is to be saturated, reduce 
by 50%. 

Coefficients and Angles of Friction 

Position of fibers with reference to 
direction of sliding 

Kind of surface. 

Wood on wood, undressed, side grain, fibers parallel... .... 0.45 24° 10’ 
Wood on wood, undressed, side grain, fibers at right angles... 0.35 19 20 

Wood on wood, undressed, end grain on side grain......... 0.30 16 40 
Wood, undressed, on rough metal.............0..00....04- 0.45 24 10 
Wood, undressed, on smooth metal..........2.....0..0.. 0.30 16 40 
Wood on wood, dressed smooth. ...........000c cece eeeee 0.35 19 20 
Wood dressed smooth on smooth metal................... 0.25 

These coefficients are average values for dry seasoned wood as determined by com- 
parison of published data. ‘Fundamental Ideas of Mechanics” by Morin contains 
good data on this subject. Soft, wet or unseasoned timber usually gives higher coeffi- 
cients, although very green timber under small loads gives lower values. 

When very heavy loads are applied, the fibers interlock and give higher 
values. End grain timber on side grain and metal on wood under heavy 
loads bite into the wood, tearing the fibers (Fig. 2) and 
causing mechanical restraint against sliding. 

If lubricants are used and the pressures are small, the co- 
efficients of friction may be reduced 50 or 70% of the tabu- 
lated ones. If the pressures are as great as those given in Art. 
1, the lubricant is squeezed out, the fibers bite into each other 

and the coefficient of friction will not be reduced. 
Friction should not generally be regarded in the design of Fig. 2 

framed structures except as an added factor of safety. For 
temporary structures or simple members of permanent ones, such as battered posts of 
a highway trestle, it may properly be considered, but it is suggested that not more 
than 50% of the tabulated coefficients be used. 

3. Beams and Columns 

Wooden Beams are generally of rectangular section and of uniform depth, 
and only such beams are considered in what follows. A beam should be 
designed so that the extreme fiber stress due to bending, the maximum hori- 
zontal shear, and the compression across the grain, at the end bearings, do not 
exceed the allowed unit stresses, and so that the maximum deflection does 
not exceed a limit which is fixed by the use to which the structure is to be 
put. For highway bridges and trestles this limit is generally 1/200 of the 
span, for railway bridges and trestles 1/300, for plastered ceilings 1/360 and for 
ceilings supporting shafting 1/700. When the ratio of length to width in a 
beam exceeds 20, it should be laterally braced, cross-bridging being commonly 
used. If not braced, the safe extreme fiber stress in Art. 1 should be reduced 
as follows: 

Ratio of length to width....... . 20to30 30to40 40to50 50 to 60 
Percentage of reduction........ 25 34 42 50 

In the case of a beam used without a floor (which acts partly as lateral 
bracing) the ratio of length to least width should not exceed 30. 

Wooden beams are often continuous over several supports and may be 

so figured, but most designers compute all timber beams as simple beams. 
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To design a beam for any loading, the depth d should be assumed, consistent with 
the general governing conditions and the fact that beams over 12 in. deep cost more 
per board foot than shallower ones. Having selected d, the width of beam can be 
determined by the proper formulas, selecting values for the unit stresses from Art. 1. 
For long and shallow beams the flexure formula will generally govern, for short and 
deep beams the shear formula. The designer must be careful to consider only the 
actual or standard cross-sectional dimensions of lumber and not the nominal ones. 
The safe loads given in the tables are based upon the standard or actual depths, 
although the depths given are nominal ones. 

If the amount of deflection is important, formulas for depth in terms of 
deflection and unit stress should be used. The end-bearing area A should 
not be less than V/Sq, in which Sq is one-half of the allowed unit stress across 
the grain; this is recommended because flexure of the beam makes the pressure 
upon the front of the bearing greater than that at the back. 

Safe Loads in Pounds Uniformly Distributed for Rectangular Beams 
One Inch Wide 

For an allowable fiber stress of 1000 Ib. per sq. in. 

Nomina! depth of beam, in. 

6 8 10 12 14 16 18 20 22 24 

880 11560" 251013670" ["S060' 1%, ) fate | ne Tee eee 
590 |1040 |1670 |2450 | 3380 |...... 
440 | 780 2/12601)1840) ts 2530 hone .ad). bas Hoau anal sioegiatiul UL. 
350 | 630 {1000 |1470 | 2020 | 2670 | 3400 | 4220 | 5140 6140 
290 | 520 | 840 |1220 | 1690 | 2220 | 2840 | 3520 | 4280 | 5110 
250 | 450 | 720 |1050 | 1450 | 1900 | 2430 | 3020 | 3660 4380 
220 | 390 | 630 | 920 | 1260 | 1670 | 2120 | 2640 | 3220 3840 
200 | 350 | 560.} 820 | 1120 | 1480 | 1890 | 2340 | 2860 3400 
180 | 310 | 500 | 730 | 1010 } 1330 | 1700 | 2110 | 2570 3060 
160 | 280 | 460 | 670 920 | 1210 | 1540 | 1920 | 2340 | 2790 
150 | 260 | 420 | 610 840 | 1110 | 1420 | 1760 | 2140 | 2560 
140 | 240 | 390 | 560 780 | 1030 | 1310 | 1620 | 1980 | 2360 
130 | 220 | 360 | 530 720 950 | 1210 | 1510 | 1830 | 2190 
120 | 210 | 330 | 490 670 890 | 1130 | 1410 | 1710 | 2040 
110 | 200 | 310 | 460 630 830 | 1060 | 1320 | 1610 | 1920 
100 | 180 | 290 | 430 $90 780 | 1000 | 1240 | 1510 | 1810 

The weight of the beam need be considered only when the ratio of span to depth of beam is large. For concentrated loads at the middle of a beam, divide table safe loads by 2. “For allowable fiber stresses other than 1000 Ib., multiply safe loads of 
table by the (allowable fiber stress) + 1000. 

Safe Loads Based on Horizontal Shear. Safe loads uniformly distributed, for rectangular beams one inch wide, with assumed allowable horizontal shearing stress along the grain = 100 lb. per sq. in., are given in the following 
table: 

Nominal depth, in.. 4 6 8 LOW AZ yy 4 gi 165, 18\) 2050522" 28 Safe load, lb........ 480 750 1000 1260 1530 1800 2060 2330 2600 2870 3130 
The weight of the beam need not be considered, because when the shearing strength of a beam governs the design the weight of the beam is negligible. For short and deep beams these values will generally govern rather than those in the preceding table. For allowable horizontal shearing stress other than 100 lb., multiply safe loads of table by (allowable shearing stress) + 100, 

? Depths given in these tables are nominal (i.e., they are the sizes used for ordering timbers in the lumber trade), but the safe loads are computed for the corresponding 
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standard depths (i.e., the probable actual depths). The total safe load is found by 
multiplying the load for a beam one inch wide by the standard or actual width in inches. 

Notched Beams. Beams are frequently notched at their ends in order 
to cut down clearance and to bring the top surfaces of adjacent beams to the 
same level, They are also occasionally notched at intermediate points to 
clear other parts of a structure, such as the top lateral rods of a highway 
deck bridge. When notched at the ends, the strength of the beam is mate- 
rially decreased if the depth of the notch is a large percentage of the depth. 
For beams whose depth is great compafed to their length, the effect of notch- 
ing is greatest because such beams fail in horizontal shear. It>is suggested 
that in designing beams with end notches the actual end depth be used to 
determine the horizontal shearing stresses, or the safe load based upon hori- 
zontal shear, and that only 80% of the allowed horizontal shearing stresses 
given in Art. 1 be used. 

When the notches are at or near the middle of the beam, the depth of the beam, in 
determining the extreme fiber stresses or the safe loads based on same, should ‘be 
regarded as the net depth. It is further recommended that only 80% of the allowed 
fiber stresses and the safe loads based thereon be used. Report of the Chief of Engi- 
neers, U. S. A., 1883, p. 1496, contains valuable tests upon the subject of notches. 

Knots. Beams containing large or loose knots should not be used, unless an allow- 
ance is made for the knots. Beams containing knots should be placed with the knots 
in the compression side of the beam, that is, for simple beams the knots should be 
at the top. 

The Deflection formula for a beam 1 in. wide under uniform load may be 
written f = 270 (I/d)*W/E. The following table gives values of C = 270 
(1/d)* for various spans and widths. In this formula, / is expressed in feet, 
f and d in inches, W in pounds of total load on beam divided by standard or 
actual width in inches. 

Values of C in the Formula, Deflection = CW/E for Beams 

One Inch Wide and Uniformly Loaded 

Nominal depth of beam, in. 

The depths given in this table are nominal, but the tabulated values are computed 
for the corresponding standard sizes. é 

For a concentrated load at the middle of a beam, multiply the tabulated value of 
C by 1.6. 
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To Design a Beam for a span of 15 ft. under a uniform load of 4000 Ib., deflection not to exceed 1/200 X span, the beam to be of southern pine, common grade. Art. 1 gives an extreme allowable fiber stress of 1200 lb. per sq. in. for southern pine... Using 
the first table of this article, assuming a nominal depth of 12 in., the safe load is 980 lb., but as this table is for a fiber stress of 1000 lb. per sq. in. the safe load for a pine beam 1 in. wide = 980 X 1200/1000 = 1180 Jb. As beams come in widths which are generally in multiples of 1 in., select a beam 4 in. wide, nominal, or 3-5/8 in. 
standard. 

The allowable horizontal shearing stress, with the grain, for southern pine is 88 Ib. per sq.in. The preceding tabulation, based on shear, gives for a pine beam 1 in. wide and 12 in. nominal depth 1530 X 88/100 = 1350 1b. For a beam 4 in. wide, nominal size, the safe load = 3-5/8 X 1350 = 4900 lb. Therefore the dimensions of the beam are governed by flexure rather than by shear. 

From Art. 1, E = 1600000. For the given span and depth C = 600, W = 4000/3.625 = 1100, and f = 600 x 1100/1 600 009 = 0.41 in., which is less than 1/200 X span, and hence satisfactory. The safe compression across the grain is 325 lb. per sq. in. and using one-half of 325 Ib. the area of the end bearing must be at least 4000/(2 X 163) = 12.3 sq. in. Since the beam is 4 in. wide nominal, or 3-5/8 in. actual, the length of bearing required is 3-1/2 in. 

If the ratio of length of unbraced span to width exceeds 20, the safe loads of the table must be reduced by the percentages given in the first part of this article. For example, the ratio = 180/3.625 = 50. Therefore, if there is no lateral support, the safe load = 1180 X 0.50 X 3-5/8 = 2140. If this beam is detached so that it has no lateral support in its length, the nominal width should be increased to 8 in. (actual width 7-1/2 in.). If the beam supports joists or stringers or a floor fastened to ite it may be regarded as braced laterally and the 4-in. width may be used. A timber beam which is not braced at one or more points very seldom occurs in practice. 

Columns. The following formula adopted by the American Railway En- gineering Association, 1926, is recommended for columns whose ratio of un- supported length to least dimension is greater than 11 and less than K: 

in which P/A = safe working stress for the column, S = safe compressive stress parallel to the grain (Art. 1), 7 = unsupported length of column in inches, d = least side of column in inches. K is a constant which varies with the variety of timber, and is given in the table of Art. 1, 
The above formula is used for intermediate columns whose I/d is greater than 11. When J/d is 11 or less, the safe load may be found by multiplying the column area by the allowable stress for short columns given in Art. 1. When //d is greater than K, the following formula (based on Euler’s formula for long columns) is used: 

Column slenderness should be limited to l/d = 50. 
Columns abutting against side-grain lumber, at top or bottom, must usually be provided with caps or shoes of hardwood or metal, otherwise the pressure upon the side-grain will be excessive. 

Columns may be designed by the above formulas, or by the following table which is based on them. 



Art. 3° Beams and Columns 801 

Safe Stresses for Square and Rectangular Columns 
Select Grade Timber 

(Working stresses in pounds per square inch) 
‘ < Ratio of length to least dimension 

Kind of timber 11] 12] 14 | 16|18 1201] 25 
wale 3h 700] 686} 674] 652] 625] 590 

EME oi las ah 550} 539] 531] 515) 495] 467 
apie. sow. 900} 882] 859) 831] 790] 740 Alaska: 99.03.52, 1 tog: 800] 785] 775] 750] 725] 685 

SE ont eee 5 800} 782] 760] 734] 691] 638 
ree, 1100}1060|1025} 984] 910] 811 

Douglas fir, Coast region. | 117511150 1125/1090]/1038] 976 
| Rocky Mountain...... 800} 785] 775] 750] 725] 685 
fer, paisa... o a, fee 700} 686] 674] 652] 625] 590 

Golden, white, silver...] 700] 690 680] 660] 640] 610 
Hemlock, Western....... 900} 885} 873] 848] 822] 781 

cAAGA FOSS Lh 700} 690} 680] 660} 640] 610 
Pala: TS 1100}1070/1045]1000} 935] 847 

WEG AL 1000} 980} 968] 938] 906] 856 
Pine, Southern yellow... . }1175/1150]1125 1090)1038] 976 

White, sugar, Western 
white, Western yellow] 750] 735] 715] 692] 658 617 

aes Adicts eee oe 800] 785) 775] 750] 725] 685 
* PES Cae eee 1000) 975} 950] 912] 854] 778 

Spruce, red, white, Sitka.| 800] 785] 775| 750] 725 685 
Englemann........... 600} 588] 572] 554] 526] 494 

Bete; 1000] 980} 950] 920 

Common Grade Timber 

Ratio of length to least dimension 

AE a oe 5 

ehiestunrt. . sae se rs... J 

Cypress, Southern....... 

Douglas fir, Coast region. 
Rocky Mountain...... 

Pins Balsam .v ase t aur. | 
Golden, silver, white. . . 

| |Hemlock, Western....... 
WASCETH oe oe eh dc, 

_ |Oak, red and white...... 
' | Pine, Southern yellow... . 

White, sugar, Western 
white, Western yellow 

INOIWAY oo et 

Spruce, red, white, Sitka. 
Englemann........... 

| | Tamarack, Eastern... ... 

The heavy line marks the division between intermediate and long columns. 
The table can be used for other than rectangular columns, the //d being equivalent 

to 0.289 //r, where 7 is the least radius of gyration of the section. 
The stresses are given for dry locations. In locations where the timbers will be 

exposed to the weather, these stresses should be reduced 25 %. 
For columns with //d intermediate between those given in the table the safe load 

may be found by interpolation. 
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Example. Design a Douglas fir (Coast region) column (common grade) 13 ft. 
long to support a load of 50000 lb. To get an approximate size, assume that the 

column is a short one. The allowable stress from Art. 1 is 880 lb. per sq. in. for com- 

mon grade, dry location, so that the section needed is 50 000/880 = 56.8 sq. in., or a 
7.5 X 7.5-in. square column. The //d for this trial section is 13 X 12/7.5 = 20.8 
which, being greater than 11, indicates that the reduced stresses of the column table 

must be used. From the above table, we find for Douglas fir (Coast) and an //d = 

20.8, a safe stress allowed of 775 lb. persq.in. The area of the section needed is then 
50 000/775 = 65 sq. in. The nearest commercial size which will satisfy this require- 
ment is an 8 X 10-in. nominal or 7-1/2 X 9-1/2 actual, giving 71 sq. in. of section. 

4. Fastenings 

Nails for ordinary structural work are of two general types, cut nails of 
rectangular cross-section tapering from head to point and wire nails of cir- 
cular cross-section without taper. Both types are usually of steel. Cut and 
wire nails of larger cross-section than common nails are called spikes. Boat 
spikes, used for very heavy timber work, have larger cross-sections than 
ordinary spikes. A clinch nail is similar to a cut nail, but is so made that 
it may be clinched or bent down, so as better to withstand shock or vibration. 

Screws are preferable to nails for permanent work and work subject to vibration or 
shock, when a joint or connection of great strength is desired, and for lumber which 
splits readily under the driving of nails. 

The common sizes of cut and wire nails and spikes and the approximate number per 
pound are given in the following tables. The numbers per pound are approximate, as 
different manufacturers use slightly different standards of cross-section, taper, and 
head. Nails are usually designated in size by the “penny” system. For instance, a 
3-in. nail is called a ten-penny nail (written 10d.), probably because such nails once 
were sold at ten pence per 100. A keg of nails or spikes weighs 100 lb. 

Square Steel Boat Spikes 
Approximate number in a keg of 200 Ib. 

Length of spikes, in. 

1476}1110 
2176/1646 

1/4 3400/2600 

Screws for structural work are divided into two general types, wood screws 
and lag screws. Lag screws (Fig. 10g, p. 808) are used for heavy timber work. 
Lag screws are often used instead of bolts where it is difficult or impossible 
to place through bolts. They are also used for trestles, especially to attach 
guard-rails to ties, as they require less maintenance than bolts and render 
dapping of the guard-rails unnecessary. . 

For a wood screw, a hole should be bored smaller than the diameter of the 
shank and about one-half its depth, before inserting the screw. For a lag 
screw, a hole should be bored slightly smaller than the diameter of the shank. 

Wood screws and lag screws should not be hammer-driven. 

Strength of Nails. Nails are seldom used in permanent structural work 
where the strain is parallel to the length of the nail, but for scaffolding such a 
fastening is not uncommon. The following formulas for safe loads on a nail 
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| Nails and Spikes 

| Steel cut nails and spikes Steel wire nails and spikes 

Approximate =r Approximate number 

9 per poun per pound 
Size |Length,| ——__——_———|| Size Length, 

in. Com- . Ins Com- i 
mon | Spikes riper mon | Spikes | Clinch 
nails a 2 nails nails 

2d. 1 748. haptegiern > 400 2d. 1 Tan ae 710 

3d. 1-1/4 BOD Tee dae 260 3d 1-1/4 208 le co Aaien 429 

4d. 1-1/2 7.) ge | aa 180 4d 1-1/2 Si Gta. Bani 274 

5d. 1-3/4 OR TUS oS Sietone 125 5d. 1-3/4 PATA Te Ree < 235 

6d. 2 tae Os ead 100 6d 2 188 AIS S, 6 2eG 157 

7d. 2-1/4 20-5 1. SUG 80 7d 2-1/4 6B Weta 139 

8d. 2-1/2 Se ee 68 8d 2-1/2 106% alavs.cs ate 99 

9d. 2-3/4 ee Eee 52 9d 2-3/4 S6Adly rads 90 

10d. 3 me SLA. ie 48 10d. 3 69 41 69 

12d. 3-1/4 46 ety a asi 40 12d 3-1/4 63 38 62 

16d. 3-1/2 33 17 34 16d. 3-1/2 49 30 49 

20d. < 23 14 24 20d. 4 31 23 87 

25d. 4-1/4 20 PORTIS SOT As 30d. 4-1/2 24 1% ist devtave 

30d 4-1/2 16 TO" 2PISY 134 40d. 5 18 13 Bs 

40d 5 12 Do ie. 02 50d. 5-1/2 14 10 Any 

50d 5-1/2 10 S HEARS 60d. 6 11 9 aerate 

60d 6 8 PITS aie castes, Uers MOLoVELs od avs 7 iin 
a CALZ De. cups 6 ery | Ae 8 MRD A 4 Me 

“ea 7 eer a pS stalstere aes le 9 Nordeng Set Zhe oe 

acts tier ocr doorton oad Erba: Pb ccte 10 pee ere e s 3 TOAD 

AE eo FES) UAE SS BRP nae | aa 12 Pralerotcar 2AUJ 2G, oa. 

Lag Screwst 

numbers in. in. 

10 to 26 0.14 5/15 to 7/8 
10 to 26 0.419- 5/16 to 1 

12 to. 26 0.26 5/16 to 1 

16 to 26 0.32 5/16 to 1 

5/16 to 1-1/8 
5/16 to 1-1/8 
5/16 to 1-1/4 
7/16 to 1-1/4 
7/16 to 1-1/4 
7/16 to 1-1/4 
7/16 to 1-1/2 
1/2 to 1-1/2 
1/2 to 1-1/2 
9/16 to 1-1/2 
9/16 to 1-1/2 

0.39 
0.45 

18 to 28 

20 to 30 

* Flat heads are commonly used. 
t+ Other gages may be approximated by pro- 

‘portion. 
tLag screws may be obtained with hexagonal 

or square heads. 

were determined from a comparison of tests on the resistance to pulling out. 
When one piece of timber is nailed to another, the penetration of the nail 

into the second timber should not be less than one-half the length of the nail. 

The formulas are given for a penetration of one-half the length of the nail, 
when driven across the grain. 
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Cut nails Wire nails 
In Southern pine............ P= 61/2 X%d P=4X-d. 
In Douglas fro Rete. ka. ae P = 6-1/2 X d. Pith Ma: 
In White Dine. ok cata cie nicks aap P=4xX da. Po = 2-1/7 Xa. 
Tn Wile, Onktes x b.< »' dels de sicls P =13'Xd. P=8 Xd. 

In this table, d. is the number of penny weight of nail, and P is safe load in 
pounds. For example, a 60d. wire nail in Southern pine, if driven perpendicu- 
lar to the grain, has a safe resistance to pulling out of 4 X 60 = 240 Ib. 

If driven parallel to the grain use 60% of the above values. If subject to shock, 
the resistance of the nail to pulling out is very low as was shown by W. C. Riddick in 
1890 and as may be observed when a nailed plank is struck by a sledge in the demolition 
of timber structures. Nails should never be depended upon for important joints, in 
either temporary or permanent structures. 

The Safe Lateral Resistance of Nails driven across the grain may be 
approximated by the following formulas, in which P is in pounds when d. 
is the penny weight. 

Cut nails in oak, P = 12d. 
Wire nails in oak, P = 10-1/2 d. 
Cut nails in Southern pine and Douglas fir, P = 7-1/2 d. 
Wire nails in Southern pine and Douglas fir, P = 7 d. 

Nails should be driven at right angles to the contact surfaces. When nails are driven 
parallel to the grain, use 60% of the tabulated values. For shock see preceding para- 
graph. The nails should not obs driven closer to each other than about one-half their 
length nor closer to the edge of the timber than about one-quarter their length. It is 
generally impractical to develop the full strength of timber by the use of nails. 

Safe Resistance to Pulling Out, in Pounds per Linear Inch of 
Threaded Length of Wood Screws when Inserted across the 
Grain 

Gage number 
Kind of wood 

For wood screws inserted with the grain, use 75% of the values in the table: 

Large diameters should be avoided for screws 3 in. and under in length. The screw 
‘with the greater length and smaller diameter should be chosen when practicable. For 
wood screws holes should be bored about 70% of the core diameter of the screw in 
soft woods and 90% in hard woods. Lubricants may be used with screws without any 
great loss in holding power. 

The Lateral Resistance of Screws is much higher than that of nails. The 
accompanying table gives safe working values for lateral resistance of common 
wood screws, assuming that the screw is imbedded in the main piece of timber 

Safe Lateral Resistance of Wood Screws in Southern Pine and 
Douglas Fir 

| Safe lateral Safe lateral Safe lateral 
Curt resistance Gage of | resistance Gage of | resistance 

in pounds SCEew in pounds SSK ow in pounds 

6 82 14 256 527 | 
| 8 116 16 314 

700 10 156 18 381 
| 12 204 20 451 
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approximately 6/10 the length of the screw. (See Cornell Civil Engineer, 
Nov., 1913.) 

Safe Resistance to Pulling Out of Lag Screws when Inserted across 

the Grain 
In pounds per linear inch of thread 

Diameter of lag screw in inches 
Kind of wood 

Southern pine 
Douglas fir 
White pine 
White oak 

The Lateral Resistance of Lag Screws was determined in a series of tests by 
H. D. Dewell, which are described in Engineering News, Vol. 76. He recommends an 
allowance for a 7/8 X 5-in. lag screw of 1050 lb. for all-timber joints and 1200 lb. for 
a joint in which a metal plate is fastened to timber, and 900 lb. and 1030 Ib. for a 
3/4 X 4-1/2-in. lag screw under similar conditions. 

A Dowel or dowel pin is a pin of wood or steel extending into adjacent parts 
of a structure (Figs. 3 and 4) to keep them from being displaced. Wood 

D D iy Tt 

Sant cvs al laall ques Uke 
tra trae 8 ry 

Fig. 3 Fig. 4 Fig. 5 

dowels are also called tree nails. Steel dowels are troublesome in renewals. 
Dowel pins are usually not computed to transmit stress. They should be 
made a tight fit and extend at least 4 diameters into side-grain and 6 diam- 
eters into end-grain timbers. It is better to use two rather than one to a joint. 
Tree nails are occasionally computed to transmit stress, the strength of the 
connection being regarded as 1/2 the shearing strength of the cross-section of 
the nail. They are often substituted for bolts in lumber work below high 
water. In Figs. 3 and 4 the dowels or tree nails are marked D. In Fig. 5, 
the tree nails fastening grillage planks are marked 7. 

Drift Pins or drift bolts are long pins of steel or wood, usually the former, 
driven through the timber and into an adjacent timber to hold them together 

Fig. 6 Fig. 7 Fig. 8 

and to transmit stress. Drift pins are made with or without heads. Round 
pins are preferable and whether round or square, a hole should be driven 
having a diameter from 1/16 to 1/8 in. less than the diameter of the bolt and 
for the full length of the bolt. Boat spikes may be used for drift pins. 
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Safe Resistance to Pulling Out, in Pounds per Linear Inch, 
of Drift Bolts when Driven across the Grain 

Diameter in inches 
Kind of wood 

—_—_—_—_—-— OO | -  — | | 

Southérr pine. 2297.20 to shee! 
WOUgldoita. mabilet cice Wiese inane 
White pin@\).. f 223%... Oise. 
WHILE OUK te cst osc Sema Iee timers 

For drift bolts driven with the grain, use 50% of the tabular values. 

Common Bolts (see Sect. 7, Art. 49) are generally preferable to nails, screws 
or drift pins. - For holding power of bolts see Art. 6. Strap Bolts are bolts 
with a strap at one end. They are used for the purpose of fastening the end 
of one timber to the side of another timber, Fig. 6. Common bolts are often 
used with steel straps as in Fig. 7, and steel gussets or plates as in Fig. 8. 

Washers are metal disks placed under the heads and nuts of bolts to dis- 
tribute the pressure upon the wood over such an area that the unit compres- 
sion will not exceed a safe limit. Five types of washers are used in timber 
construction: (1) cast-iron ogee (Fig. 92), (2) cast-iron ribbed (Fig. 9d), 
(3) malleable iron (Fig..9¢), (4) circular pressed steel (Fig. 95), and (5) square 
plate washers (Fig. 9c). Washers of standard sizes and shapes may be bought 

o9 (@) 

(a) 
Fig. 9. Types of Metal Washers 

from the manufacturers. For bolts over 2 in. in diameter, special cast-iron washers (Fig. 9d) are often used, though this type is very expensive unless a large number of the same size are required. Beveled cast-iron washers (Fig. 9e, f), for cases in which the axis of the bolt makes an angle with the bearing surface, may also be purchased from the manufacturers. 
When the tension in a bolt is at right angles to the base of the washer, the washer should be designed so that the compression upon the wood, due to tension in the bolt, will not exceed by more than 50% the allowable compres- sive unit stresses of Art. 1. The malleable iron washer does not have its full area of base available for bearing; therefore when used with a bolt in tension 60% of its nominal area should be taken. In joints where the bolt acts only in shear and bending, smaller washers, such as the malleable washer, may be used. However, if there is any chance that the bolt may be brought into tension by washer tightening in maintenance work, square plate washers or special cast-iron washers should be used. The circular cut or pressed steel washer should not generally be used except between metal and metal. 
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Wrought-iron or Steel-plate Wrought-iron or Steel-plate 
Round Washers Square Washers 

Size of [Approximate] Area of 
in hole in | number in | washer, 

inches | inches | a pound sq. in. 

1-3/8 27.0 2 9/16 5.0 3.8 

1-1/2 22.0 1.4 -| 2-1/4 3/4 3.2 4.6 

1-3/4 13.0 2.0 2-1/2 7/8 275 Sac 

2 10.0 2.6 3 1 1-7 8.2 

2-1/4 8.6 E Bir 3-1/2 1-1/8 9 1403) 

2-1/2 6.2 4.0 4 1-1/8 vill 15.0 

2-3/4 552 4.5 4-1/2 1-1/4 as 19.0 

3 4.0 5.6 5 1-1/2 4 232 

3-1/4 2.8 6.5 6 1-5/8 a) 34.0 

3-1/2 > 7.6 
3-3/4 2.4 8.6 For size of bolts see round plate washers. 

4 Bot 9.8 

4-1/4 1.9 11.0 Cast-iron Washers 
4-1/2 17 12.4 
4-3/4 1.0 13.3 
5 1.0 14.2 

The size of hole in washer is 1/16 in. 
larger than the diameter of the bolt up 5/8 8 
to and including bolts 1 in. in diameter. 2-3/4 3/4 nek 

For larger bolts the hole is 1/8 in. larger. 3-1/4 7/8 7.9 
3-3/4 1 10.1 

4 1-1/8 11.6 
4-1/2 |. 1-1/4 14.7 
5 1-3/8 18.2 

6 1-3/4 25.9 

The size of hole in washer is 1/8 in. 
larger than the diameter of the bolt up 
to and including bolts 1-1/4 in. in diam- 
eter. For larger bolts the hole is 1/4 in. 
larger. 

Where the bolt makes an angle with the bearing surface, thetimber may be 

notched instead of using a beveled washer, provided the notch does not reduce 

the timber section beyond a safe limit. Bearing in this case would be inclined 

to the direction of the fiber, and greater unit stresses can be taken advantage 

of (see Art. 2). Where notching is impracticable, especially if large washers 

are required, a combination of a large flat washer and a small beveled washer 

may be economical. 

To determine the size of washer required, divide the tension in the bolt by the safe 

unit compression of the wood and add the area of the hole of the washer, which gives 

the gross area required. From this the outside dimensions are computed. Its thick- 

ness, if of wrought iron or steel, should be at least 1/8 its width or diameter. If of 

cast iron (Fig. 9a), the thickness should be not less than about 1/4 its diameter. The 

square plate washer should have a thickness of 1/2 the diameter of the bolt plus 1 /16in. 

If of the type shown in Fig. 9d, it may be designed similar to cast-iron shoes, the unit 

pressure upon the bottom of the washer being the allowable compression upon the 

wood. If the tension in the bolt is small use standard washers. 

If the washer is bevelled (Fig. 10), the pull on the washer should be resolved into 

the components shown by the arrows and the pressure upon the wood in either direc- 

tion P or N should not exceed the allowed safe limits of Art. 1. The washer should 

be so designed that the line of pull and the line of resistance P and N meet in a point. 
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Common Joints are shown in F ig. 10. aisa butt joint. Bisa bevel joint. c is housing. d is single notching. e is double notching. f is halving. g is beveled halving. h is cogging. i is dovetail halving. 7 is a dapped joint. # is a double-step dapped joint. J is a head block. m isa lap joint. pf is a bird’s-mouth joint. qis.a lag screw. 

Fig. 10. Common Timber Joints 

5. Compression Joints 
The Butt Joint, shown in Fig. 11, is used to splice columns and struts. The ends of adjacent sections should be sawed at right angles, and in important work the ends should be dressed to an even surface, If the contact surfaces or ends are not flush and true, the column is loaded eccentrically. This joint need not be computed, but braces should hold the lower or upper section of the joint to correct alinement, so as to pre- vent buckling of the column at the joint. 

ae A Column with beams framed into its sides (Fig. 12a) must Diy not be reduced at section A, to such.an extent. that the unit SES compression exceeds the safe end-bearing compression. The beveled dap may not give sufficient end bearing for the beams, Fig. 11 in which case the beam bearings may be increased as in Fig, 
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12a, by use of angles, by bolted side blocks (Fig. 12) or by use of side and 
bent plates (Fig. 12c). 

Example. (Fig. 12a) Girder 10 X 10in., columns 10 X 12 in., both Southern pine, 
common grade. Location is dry. Load on uppercolumn = 70000 lb. End-beam 
reactions each = 9500 lb. The allowed compression across the grain = 325 lb. per 
sq. in. It is suggested that only 50% of the allowed unit compression be used, as the 
flexure of the beam causes greater compression at the front of the support than at 
the back. The minimum bearing area of the beams = 9500/163 = 58.2 sq. in. As 
the beam is 10 in. wide, the length of bearing should be 6in. As the load on the upper 

Fig. 12. Struts Framed into Beams 

section of column is 70 000 lb. and the safe bearing on end grain for short columns 
is 880 lb. per sq. in., the minimum’ reduced area of the column = 70 000/880 = 
80 sq. in. Therefore the length of bearing on the column for each beam may be 2 in. 
The additional length of end bearing needéd for each beam = 6 —2=4 in. This 
may be provided by using 4 K 4. X 3/8-in. angles as in Fig. 12a. The load on each 
angle will be 9500 & 4/6 = 6350 1b. The bolts are in single shear. 

Bolts should be selected of such diameter that the shear will not exceed safe limits 
and so that the compression brought upon the wood by the bolts will not exceed the 

allowed stresses of Art. 1. At least two bolts should be used. The shear on the ends 
of each bolt = 6350/2 = 3175 lb. 3/4-in. bolts will be safe against shearing and 
bearing of the angles on the bolts. As the bolts bear on the end grain of the wood, 

the safe bearing for the two bolts = 2 K 3/4 K 12 XK 880 = 15 850 lb., which is 
more than the total load on the two angles. 

The joint of Fig. 125 should be designed similarly to Fig. 12a. The load on block B 
is transmitted to its end b. The lines of action of the pressure at the top and bottom 
of the block B are not coincident. The eccentricity e causes a couple whose moment 
equals the load multiplied by e. This couple is resisted by a couple consisting of the 
bolts acting in tension and the adjacent wood acting in compression parallel to the 
length of the bolts. The arm of this resisting couple may be considered as equal to 
2/3 e, in which e; equals the distance from a point halfway between the bolts to the 
shoulder 6. The washers should be designed to develop the tension in the bolts without 
stressing the timber higher than allowed. in Art. 1. 

In the joint of Fig. 12c, the end-bearing area of the beams is increased by bent 
plates or channels marked C. The load on these bent plates is transmitted to the side 
plates through bolts B, and the load on the side plates is. transmitted to the post by 

bolts D. - . : 

Joints at Top and Bottom of Celumns. When beams 
rest upon the top of a column, a hardwood bolster 
marked B, Fig. 13, may be used to decrease the side- 
grain compression upon the ends of the beams. In 
this case the unit side-grain compression may be ex- 
cessive upon the bottom of the bolster. To decrease 
this compression, the tops of the columns may be Fig. 13 
widened as in Fig. 126. Cast-iron caps of the type 
shown in Fig. 14, a,b, are often used at the tops of columns of buildings. 
The compression upon the side grain of caps and sills, at the top and bottom 
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of columns, will generally be excessive if the columns be designed to take 
the maximum safe loads and the top and bottom of the columns are not 

we Side View End View Side View End View 

(a) 

Plan 

Fig. 14. Metal Caps for Timber Columns 

widened similar to Figs. 12,13. In trestles it is often cheaper to design the 
columns for loads which, without widening the top and bottom, do not 
produce excessive side-grain compression upon the caps and sills. Joints 
like Fig. 12) exposed to the elements hold water and rot quickly. 

Dapped Compression 
Joints (Fig. 15) may be 
designed as follows: As- 
sume that a load of 80 000 
Ib. is to be transferred 
from the middle 12-in.X 

SSSGSSSSyP” ss 124in. Douglas fir (com- 
S, Sy) mon grade) timber, marked 

Si, to two outside Douglas 
Sy 

aks End View fir timbers, marked So. 
The length of the block B 

Fig. 15. Dapped Compression Joint should be such that it will 
not shear along the lines aa; 

and 6d). Using a white oak block which has a shearing value with the grain of 200 Ib. 
per sq. in. (for joints), and assuming that the depth of the side pieces Sq will be 12 in. 
to correspond with the middle piece Sj, the length of the block must be at least 
80 000/(2 X 12 X 200) = 17 in, The length of bearing in each side timber, with the 
safe end-bearing compression on Douglas fir = 880 Ib. per sq. in., must be at least 

aR E 
Sse ' eso 

Fig. 16 Fig. 17 

80 000/(2 X 12 X 880) = 3.8 in, A sufficient number of bolts with standard washers 
should be used to clamp the wood closely together and prevent displacement of the 
block. The outside timbers Sz may have the same combined cross-section as the middle 
timber Sj, unless //d for Sy is greater than J/d for Sy, in which J/d is the ratio of the 
length of the timbers to their least width. 

Fig. 16 shows a half-lap compression joint with side or fishplates. Fig. 17 shows a compression joint in which the timber 4 is continuous and timber B is spliced. F is a fishplate and A acts as a fishplate in splicing B. 
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6. Tension Joints 

Plain Fishplate Joints (Figs. 19 and 20) can be economically used for small 
timbers or large timbers under small unit stresses. The fishplates marked 
F may be of wood or steel. The design of a joint with metal plates (Fig. 20) 
is similar to that for wood plates, excepting that 
the strength of the bolts in shear and bearing 
on the metal must be carefully considered. 
Round bolts are generally used and. are the 
only ones considered in what follows. When 
planks lcss than 3 in. thick are joined by bolts 
they may be designed without considering the Fig. 18 
bending of the bolt. 

The following table may be used in determining the safe loads upon bolts 
of plain timber fishplated joints. In this class of joints, the bolts are not in 
tension, and therefore standard washers, preferably of cast iron, may be used. 
The bolts should be taut so as to bring the pieces tightly together, to prevent 

buckling of the side plates and to exclude moisture. Both values given by the 
table should be considered and the lesser safe load be used. 

Safe Bearings and Uniform Loads for Bolts 

Safe bearing 
load, lb. per Diam- Safe load in pounds on bolt for dimension in inches 

eter lin. in. as shown in Fig. 18 | 
of bolt 

in a=8 | a=10 
inches b=4 | b=5 

1/2 280 220 
5/8 540 430 

930 750 3/4 
7/8 

The safe loads per linear inch of bolt shown in the second and third columns 
are based on a safe compressive stress parallel to grain of 1000 lb. per sq. in., 
and a safe compressive stress across the grain of 100 lb. persq.in. For other 
allowed unit stresses the safe loads may be obtained by proportion. 

In a tension joint such as Fig. 18, it is often assumed that the pressure of 
the bolt against the timber is uniformly distributed along the length of the 
bolt. However, thisis not correct, as the unit pressure will be greatest at 
the point of contact between the center timber and the outside timbers. It 
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is therefore recommended for design that the safe compressive stress of the 
bolt against the timber be taken as 75% of the working stresses given in table 
of Art. 1, where the pressure of the bolt on the timber is assumed as uniformly 
distributed. 

The safe loads on the bolt in the table are for the entire bolt, based upon an 
extreme fiber stress in bending in the bolt of 22 500 lb. persq.in. For higher 
or lower assumed safe fiber stresses the safe load can be obtained by proportion. 

Design of a Plain Fishplate Joint with wooden fishplates (Fig. 19). The 
timber A to be spliced is a 2-in. X 8-in. southern pine (common grade) tension 
member, stressed to 1200 Ib. per sq. in. of net section (see Art. 1). It will be 
assumed, in order to get the approximate net section, that two bolts will be 
necessary in the same plane at right angles to the length of the member and 
that the diameter of each hole equals 1 in. Therefore the approximate net 
section equals 16 — 4 = 12 sq. in. The total tension in the member = 1200 
X 12 = 14400 Ib. Using the same kind of wood for the fishplates, as for 
timber, A, their gross area must be 16 sq.in. Therefore use two 1-in. X 8-in. 
fishplates. 

The Number of Bolts required may be obtained by assuming any convenient 
diameter of bolt and finding the safe load on the bolt as a restrained beam, 
taking the length of the beam as the distance between the center lines of 
fishplates, and finding also the safe load upon the end grain of the timbers 
against which the bolts bear. The smaller safe load should be used. Divid- 
ing the smaller safe load upon the bolt into the total stress, 14 400 lb., the 
number of bolts necessary may be obtained. This work is much simplified 
by using the table on p. 811, 

Assuming that a 3/4-in. bolt will be used, the table shows that the safe bearing value 
is 750 Ib. per lin. in., with 1000 Ib. per sq. in. working stress. Two inches of the length 
of the bolt will bear upon the end grain of the tension member, and also of the fish- 
plates. The safe compression with the grain for Southern Pine is 880 Ib. per sq. in., 
which should be reduced to 660 Ib: per sq. in. as recommended above. Therefore the 
safe load upon a 3/4-in. bolt, determined by bearing on the timber, is 2 X 750 X 
660/1000 = 990 Ib. 

From the-table, the safe load on the bolt as determined by bending is 3720 Ib. The 
strength of the bolt is, therefore, limited by bearing on the timber, and the number of 
bolts required = 14 400/990 = 14-1/2. As the fishplates are wide, there should be two 
lines of bolts; if one line were used the splice plates might buckle and the splice would 
be very long. In order to cut down the number of bolts, use 12 1-in. bolts, which are 
safe in bearing for a load of 12 X 2 X 660 = 15.800 lb. 

The distance between adjacent holes of the same line from each other, and from the end of the tension member and the fishplates, must be such that the unit shearing 
stress with the grain will not exceed 80% of that allowed in Art. 1. The reduction of 20% is made on account of a splitting action transverse to the line of tension when 
round bolts are used; for square bolts this reduction need not be made. Bolts tend 
to shear the wood in two planes tangent to the top and bottom of the bolt. There are 
12 1-in, bolts on either side of the joint and the length of the bolt in the tension member and the fishplates is 2in. The safe shear with the grain is 176 lb. per sq. in. (twice the 
value in table of allowable stress). Therefore the distance between the bolts must be 
not less than 14 400/(12 X 2 X2 X 176 X 0.8) = 2.1 in. Add 1-1/8 in. for the bolt hole, which is assumed as 1/8 in. larger than the bolt, and the spacing of bolts will be not less than 3-1/2 in. The distance from the ends may be 1/2 in. less than between 
bolt holes, as only half of the bolt hole need be added. (The splice as here computed 
differs in details from that shown in Fig. 19.) 

The bolts marked ¢ in Figs. 19 and 20 are inserted in the ends of the main timbers for the purpose of overcoming the tendency of the wood to split under the pressure of 
the round bolts. 

Tabled fishplate joints are commonly used for heavy timber work. They offer the best type of tension joints and should be used in permanent work where practicable, 



Art. 6 Tension Joints = —™” 813 

Design of a tabled plate joint with wooden fishplates (Fig. 21). Southern pine 
(common grade) will be used in both the tension member, A, which is to be spliced 
and the fishplates. From Art. 1, the safe stresses per square inch for Southern pine 
are: for tension with the grain, 1200 lb.; for compression with the grain, 880 lb:; for 
compression across the grain, 325 lb.; and for shear with the grain, 176 1b. The fish- 
plates F are to transmit the full tension of the member across the joint, which in this 
example is 56 000 lb. The size of the tension member is 8 X 10 in. 

The tension to be transferred to and carried by one fishplate = 56 000/2 = 28 000 lb. 
The net area therefore must be 28 000/1200 = 23.3 sq. in. A bolt should be placed 
at 4, the end of each timber A, to hold it firmly afid to keep the fishplates from buckling. 
Assume all of the bolts in the joint to be 3/4 in. and their holes 7/8 in. The net width 
of the fishplate is then 10 — 7/8 = 9-1/8 in. Dividing the net area by this net width 
gives the net depth, thus 23.3/9.125 = 2 56in. This should be made the same at f and 
g. The fishplate receives its tension through the bearing of the shoulders of the tables 
TTTT, which bear against the end grain of the tables of the main tension member A. 
Assume 4 tables in each fishplate, 2 either side of the middle of the joint. Two tables 
should be used only for small timbers. The net area of each shoulder should therefore 
be 28 000/(2 X 880) = 15.9 sq. in. Since the tables are the same width as the depth of 
timber A, or 10 in., the depth of the tables should be 15.9/10 = 1.59 in. The total 
depth of the fishplates must therefore be 2.56 + 1.59 = 4.15in. The nearest standard 
size timber is 5 in., which should be used. 

The length of the tables on the fishplates is determined by the necessary shearing 
strength, with the grain, along lines bb. Since there are two tables on either side of the 

Fig. 21. Tabled Fishplate Joint 

joint, the required area for each table is 28 000/(2 K 176) = 79.6 sq. in. If x is the 
length of the table, then 10 xis the gross area, from which must be deducted 2. X 0.60, 
the area of two bolt holes, since two lines of bolts are necessary because of the great 
width of the fishplates, which might buckle if only one line were used. Then 10% — 

(2 X 0.60) = 79.6 from which x = 8.08 in. The tables of the main timbers A are 
generally made the same length as those of the fishplates. When no bolts go through 
the tables of the timber, they may be made shorter than those of the fishplates. 

The bolts do not transmit the stresses by bending as in the plain fishplate joint, but 
by tension. The tension in the fishplate and the compression upon the shoulders, 
shown by arrows in Fig. 21, do not act in the same plane, thus causing a couple, = 
(28 000/2) e for each table, where e = one-half the net thickness of the fishplate plus 
one-half the depth of the shoulder, or 1-3/4 + 3/4 = 2.5 in, using nominal] thickness of 
timber. The moment of the couple for each table = (28 000/2) K 25 = 35 000 in-lb. 
This moment must be resisted by a couple consisting of tension in the adjacent bolts 
and compression in the adjacent portion of the fishplate and timber A acting in a 
direction parallel to the bolt. The arm of this couple may be taken at one-half the 
length of the table, or 4.04in. The stress in each bolt hence = 35 000/(2 * 4.04) = 
4330 Ib. A 3/4-in. bolt has a net area of 0.302 sq. in., and therefore, based on the 
allowed tension of 16 000 lb. per sq. in., the strength of the bolt = 4830 lb.; hence 
3/4-in. bolts can be used. The bolts should be tightened to their full working strength 
when constructed, and as this is difficult to determine in practice, an excess of strength 
is desirable. For the same reason it is suggested that for this type of joint the unit 
compression across the grain under the washers should not exceed that allowed in Art. 1- 
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The washers must have a net area of 4330/325 = 13.3. sq.in. A-standard cast-iron washer may therefore be used. If a standard washer cannot be used, the gross area should be determined by adding the area of the hole in the washer, and from this gross area the diameter or width of the washer computed. . 
Fig. 22 shows a modified type of Fig. 21. This joint is costly, but as the bolts are not located at the minimum section of the main timber or fishplates, the area of the bolts need not be deducted in guring its strength. Fig. 23 shows a common eccentric tabled splice. Timber A is continuous in this joint, while B is spliced by C. 

5a bo ee oe a 

— ei 
Fig. 23. Eccentric Tabled Joint 

Lap Joints (Fig. 242) are often used in temporary work; they are inefficient but quickly and inexpensively made. To compute this joint either in tension or compression assume that the bolts take a bending moment equal to the tension or compression times the distance e. The shear in the bolts and the compression on the timber brought by the bolts must also be computed. The table given herewith is convenient in finding the safe resisting moment and 
Safe Stresses for Bolts when Used in Timber Connections 

Bolt =e 5 i resisting 
moment 

1/2 0. 
275 Unit stresses used 5/8 0. 
540 | in this table are: for 3/4 0. 
930 | tension 16 000, for 7/8 0. 

1480 | single shear 10 000, 1 0. 
2205 land for resisting 1-1/8 0. 
3145 | moment 22 500 Ib. 1-1/4 i 
4310 per sq. in. 1-3/8 AR 
5 745 Values for tension 

1-1/2 ” 
1360" Mare fos net area; 1-3/4 2. 

11835 | values for shear for 2 3. 
17 670 ross area, 2-1/4 3. 
25 155 2-1/2 4, 
34 475 2-3/4 ok 
45 935 3 7. 
59.635 
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| safe shear in the bolt, while the safe bearing on the bolts may be obtained from 
| the table on Pp. 811. The shearing resistance may be increased by the use of 
_ hardwood or iron keys, shown in the figure. 

Fig. 24. Scarf Joints 

Scarf Joints (Figs. 24, b, c) are used to transmit tension or compression and 
sometimes flexure. They are less efficient for tension than fishplated joints, 
but may be used when the tension is small. They are more generally used 
to transmit compression stresses with possible small reversal of stress. 

666, 600 
eco® °a0e 

Fig. 25. Four Types of Tension Joints 

: 7. Joints in Flexure 

_ Built-Up Truss Members are occasionally designed for both compression 
and flexure. Cases of this kind can usually be avoided and should be 
whenever possible. Compound 
beams built of two pieces of 
timber, one above the other 
(Figs. 26, 27), have been used, 
but in present practice trussed 
beams are generally employed Fic. 26 
if beams of single timbers 1 
cannot be obtained of large enough dimensions. The general method of 

designing a compound beam is 
given below. When such a beam 
is in compression, as the top chord 
of a Howe truss, directly support- 
ing floor beams intermediate be- 
tween panel points, the direct com- 
pression stresses must be consid- 

Fig. 27 ered in determining the cross- 
sections. 

A Compound Beam should be designed so that the horizontal shear between 
the adjacent timbers is properly taken care of, so that when the beams bend 
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under the applied loads they will not slide upon each other. If no such pro- 
vision were made, the strength of the beam would be equal only to the sum 
of the strengths of each timber acting independently. Compound beams 
cannot in practice be made as strong as those of single timbers of equal dimen- 
sions, and the deflection of the former exceeds the deflection of the latter. For properly designed compound beams of well-seasoned timber carefully framed together and keyed with metal wedges the difference will not be ma- 
terial. 

For temporary structures the two timbers may be fastened together by a continuous sheeting of planks, well spiked to the main timbers as in Fig. 26. The thickness of each side piece should be at least 1/8 of the width of the main timbers and the nails should extend at least 1/2 their length into the timbers. Qn the basis of Kidwell’s tests (Trans. Am. Inst. M. E., vol. 27) it is recommended that the strength of this type of compound beam be taken at 70% of a solid beam of equal dimensions. ; For permanent work, keys of hardwood or metal should be used and the pieces fastened together by bolts as in Fig. 27. The efficiency of keyed beams on the basis of Kidwell’s test will be taken at 75% for hardwood keys and 80% for metal keys. The keys are generally made of wedges or tapered pieces so that they may bemade a driving fit; they are also made of flat plates or cast-iron blocks without taper. It is thought that a stronger and stiffer beam will result by the use of wedged or tapered keys. 

To Design a Compound Beam with iron keys, since the efficiency is taken at 80% of that of a solid beam of the same dimensions, multiply the load upon the beam by 1.25, adding the weight of the beam, determined by approximate design, and use this increased load to determine the stresses and necessary dimensions. From the bending moment determine the necessary dimen- sions of the beam, making the width of beam approximately 4/10 its depth. Compute the vertical external shears at governing points and draw the ver- tical shear diagram. Determine the total horizontal shear between the point of zero shear and the ends of the beam. If d is the total depth of the beam, and V is the total vertical shear between the point of zero shear and the end of the beam, the total horizontal shear will be 3V/2d. The number of keys in each half of the beam may be assumed, and five is a desirable number. Making all keys of the same size, the compression to be resisted by each key equals the total horizontal shear in the left or right portion of the beam divided by the number of keys. As the horizontal shear will be different to the right and left of the point of zero shear, in an eccentrically loaded beam, the com- 
pression to be resisted, per key, or the 
number of keys, may be different in the 
right and left portions of the beam. 

To find the positions of the keys, divide the right and left areas of the shear diagram by vertical lines into as many equal areas as there are keys to the right and left of the point of zero shear. This may be done Fig. 28 graphically or by trial. Fig. 28 shows a shear diagram for an eccentrically loaded beam divided by vertical lines into equal areas. The Position of each key is fixed by the vertical lines of division. The keys should be placed back toward the ends, and not in front of the vertical lines. They are shown on 
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Stresses in the bolts and their sizes may be determined as in the design of a tabled fishplate joint. Additional bolts should be used to bind the timbers together. The friction resulting from the tightening of the bolts increases the strength of the beam, but to an indeterminate amount, and should not be depended upon in design. If the keys are of wood, the bearing of the end grain of the timbers against the side grain of the keys will govern their cross-sectional dimensions. If the keys are inclined the stress in the bolts and also the available shearing area between keys will be in- creased. Forinclined keys, the shearing area of the timber for any key may be regarded as extending from its outer end to the middle of the next key. The breadth of a key should not be less than twice and preferably not less than 2-1/2 times its thickness. 

8. Trussed Beams 

For Spans Exceeding 20 ft. or when the loads are unusually large and where 
head room permits, trussed beams may economically be used. For economy 
the trusses should be generally as deep as head room permits. Trussed beams 
are of two types (Fig. 29). Type 1 is used when available head room is 
below the beam seats and type 2 when the head room is above. The mem- 
ber aba of both types may be of a single timber or of two or more timbers 
placed side by side. Usually each timber aba is a single unspliced piece ex- 
tending from end support to end support. When it is of a single timber, 
the tie rod or rods of type 1 pass through oblique holes bored through the ends 

WP, Mao 

34 > | -}————j ____ 
id 

Sy Type 1 Type 2 ‘ 

Fig. 29. King Types of Trussed Beams 

of the piece. If it is of two or more pieces, they are separated so as to allow 
the tie rod or rods to pass between them. Type 1 should be designed with 
ends of tie rods made adjustable, or with an intermediate portion of rods, 
made adjustable by turn-buckles, or preferably with both adjustments. The 
adjustable tie rods should be made taut when erected, which causes initial 
stresses in the beam, and if the tightening is not carefully done, the strut bd 
may be pulled out of the vertical. The base of bd in type 1 should be made 
wide to better withstand unequal tightening of adjacent tie rods. 

oa Type 3 IN Type 4 

Fig. 30. Queen Types of Trussed Beams 

For Spans over 25 ft., or when the head room is small or when loads are 
concentrated at two intermediate points, types 3 and 4 (F ig. 30) are prefer- 

able to types 1 and 2. The struts be and ¢f are generally placed vertical in 
these types, but they would be more efficient if placed so as to bisect the angle 
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between the horizontal and inclined portions of the rods. In the design of 
all beams, the line of action of all pieces intersecting in a joint should meet in 
a point, or secondary stresses must be considered. 

Type 1 (Fig. 29) may be designed by the following approximate formulas, in 
which W in pounds = total load on beam. (1) When W is uniformly dis- 
tributed over the length of beam, P; = compression in bd = 5/8 W; P2 = com- 
pression in a) = 5 WI/32h; P3 = tension in ad = 5Wm/16h; and S: = 
P./bd = unit compression in ab, due to direct compression. To find the 
maximum unit compression in ab, add to S2 the flexural or bending unit extreme 
fiber stress, due to the load acting upon ab as a beam. The’ extreme fiber 
stress due to bending S3 = 2.25 Wl/bd?. To find the maximum unit fiber 
stress add S» to 53, or use the formula S = WI (5/h+72/d)/32 bd. All 
lengths are expressed in feet, except that 6 and d, the width and depth of 
the chord aba, are expressedininches. P;, P2 and P3 are expressed in pounds, 
and S2, S3 and S in pounds per square inch. (2) When W is concentrated at 
the middle of the beam, P; = compression in bd = W; Py = compression in 
ab = W1/4h; P3 = tensioninad = Wm/2h. For this loading there are no 
flexural stresses except those due to dead load of the beam, which, except- 
ing in long spans, under small loads, may usually be ignored. 

Type 2. The stresses will be of the same intensity as in type 1, but the 
character of the stresses will be reversed. Members bd and ab will be in ten- 
sion, and ad in compression. If the load is uniformly distributed, the 
foregoing flexural formulas may be used, but the maximum unit stress in ab 
will be tension. 

8/\e4 Casting 

Section 

Elevation 

Fig. 31. Beam Trussed with Steel Rods. 

Example, Fig. 31. To design a trussed beam, type 1, span 26 ft., depth of truss 
4 ft.; load, exclusive of weight of truss, 1500 lb. per lin. ft., using Southern yellow 
pine, common grade, for top chord and vertical post. The compression in bd = 5/8 X 
1500 X 26 = 5/8 X 39 000 = 24 375 lb. Assuming that the ratio of length of bd to 
its least width will be less than 11, the cross-sectional area of bd = 24 375/880 = 
27.7 sq. in. The direct compression in ab = 5 WI/32 h = 39 600 lb. The necessary 
cross-sectional area of ad therefore = 39 600/880 = 45.0 sq. in. The extreme fiber 
stress in ab acting as a beam, S3 = 2.25 Wl/bd?. Use a safe extreme fiber stress 80% 
of that given in Art. 1 in order to allow approximately for direct compression. From 

the above formula d = +/2.25 WI/bS3. Assume b = 12 in., and for S3 substitute 
eight-tenths of the allowed extreme fiber stress or 1200 X 0.8 = 960 lb. per sq. in. 

Then d = 1/2.25 X 39 000 X 26/12 X 960 = 14.1 in. The maximum fiber stress 
per square inch, due to direct compression and flexure, is S = WI (5/h + 72/d)/32 bd = 
1190 lb. per sq. in. The weight of the truss per lineal foot = approximately 1.3 of the 
weight per lineal foot of the top chord aba or 1.3 X 12 X 14/12 X 3.3 = 60 lb., where 
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12 X 14/12 equals the number of board feet, and 3.3 equals weight of a board foot 
of timber. As this weight is only 4% of the load, it may be ignored. Instead of using 
80% of the allowed extreme fiber stress, the necessary size of ab due to bending may 
be found by formula, using the allowed extreme fiber stress and adding the necessary 
area for direct compression. 

For the top chord 3 planks 4 X 14 in. will be used, separated so as to allow two steel 
rods to pass between them. This chord will be assumed to be stiffened laterally by a 
plank floor. Allowing 16 000 Ib. per sq. in. in the tie rods, the net section A in square 
inches for S = 16000 and P2 = 5 Wm/16 4 = 41 450, is A = 2.6 sq. in., or the two 
rods having a diameter of 1-1/2 in. may be used if the ends are not upset. If the ends 
are upset, two rods of 1-3/8-in. diameter may be used, as they have a combined area 
slightly in excess of 2.6 sq. in. The pieces of the top chord should be separated, so as 
to permit the insertion of the rods and their upset ends. 

As the necessary cross-sectional area of bd based on end compression is 27.7 sq. in. 
a timber 6 X 6 in. might be used if the columnar reduction is not too great. The 
safe stress for a 6 X 6 Southern pine column 4 ft. long with //d = 8 is 880 lb. per sq. in. 
Therefore the safe load for a 6 X 6 column 4 ft. long = 5-1/2 X 5-1/2 X 880 = 
26 6001b. For stiffness and simplicity of end connections, 6 X 8-in. timber will be used. 

A cast-iron cap may be advantageously used at the top of the vertical strut to trans- 
mit the pressure to the side grain of the top chord. The width of the top must be 
sufficient to engage the top timbers, ani its length must be sufficient to reduce the 
unit compression across the grain to that allowed in Art. 1. A metal foot of cast iron 
or steel should be used to reduce the unit compression with the grain of bd within a 
safe limit. The width of bd was, in this case, increased to 8 in. in order to receive th 
rods, which, on account of the top chord construction, are 5-1/2 in. apart on centers. 
The washer at the ends of the tie rods must be of such size that the compression on the 
surfaces inclined to the grain will not exceed the assigned safe limits. (Art. 2.) 

The Design of Type 3 (Fig. 30), when the three panel lengths are all equal, 
may be made as follows. W = total load on beam in pounds. (1) W uni- 
formly distributed. The end reactions brought by ab and cd acting as beams = 
(4/30)W. Thestresses in the various members acting as a truss may be de- 
termined graphically or analytically. To the stresses so determined the 
flexural beam stresses in the top chord of type 3 and in the bottom chord of 
type 4 should be added. The following approximate formulas are easily 
applied when the panels are of equal lengths. They are sufficiently accurate 
for practical purposes. P; = compression in be or cf = 1/3 W; Pz = P; = 
compression in ad = P; = tension in ef = WI1/9h; Py = tension in ae and 
jd =Wm/3h. The extreme fiber stress per square inch in the top chord 
panels acting as beams = S; = WI/bd?. The maximum extreme fiber stress 
S = Wl(h/9 + 1/d)/bd. All lengths are expressed in feet except that b 
and d are expressed in inches. (2) For 1/2 W on each vertical strut. Let 
P, = compression in be or cf = 1/2 W; P2 = P3 = compression in ad = Ps = 

tension in ef = WI/6h; Py, = tension in ae and fd = Wm/2h. For this 

loading there are no flexural stresses except those due to dead load of beam, 
which may be usually ignored. 

Type 4. The stresses will be of the same intensity as in type 3, but the 
character of the stresses will be reversed. be, cf and ad will be in tension 
and ae, ef and fd in compression. | If the load is uniformly distributed, the 
flexural formulas of type 3 may be used, but in this case the maximum stress 
in ad will be tension. 

9. Grillages and Wharves 

Grillages of Timber are used on the tops of piles or upon foundation beds 
to support masonry. Fig. 32 shows a design of a grillage supporting a 
masonry retaining wall. The top of the grillage blocks B should not be higher 

than about 18 in. above low tide and the bottom timbers should not be so 
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low that they must be laid by divers. The sizes of timbers may be com- 
puted by means of the beam formulas and tables. As the timber is under 
water the unit side-grain compression should be taken at 50% of that given 
in the table of Art. 1. The caps C and blocks B, which help prevent the 
masonry from sliding on top of the grillage, should be drift-bolted or lag- 

screwed, using long special screws, to the 
top of the piles. The grillage plank A should 
be fastened to the caps with boat spikes. 

Grillages Supporting Building Bearing Walls 
are of the type shown in Fig. 33. These 
grillages should not be used except where they 

will be permanently wet. The bottom course 
of plank should be at least 2 in. thick and 
the top course at least 3 in. thick, provided 
that the clear spacing of the middle timber 

Fig. 32. does not exceed 18 in. This middle timber 

must be designed so that the extreme fiber 
stresses do not exceed those specified in Art. 1. The bearing of the top plank 
upon the middle timber will not need to be investigated, except for soft 
wood. As in the preceding design, only 50% of the compression across 
the grain specified in the table of Art. 1 should be used. 

The middle timber should be figured as a cantilever beam whose length is the por- 
tion extending beyond the outer edge of the wall. The load upon this cantilever beam 
equals the allowed safe load on the foundation bed X i Xc (Fig. 33). If the depth 
of the middle timber is assumed, its width may be determined by 

bi = 36 wl,?/Sd? 
and 

b = 3 wl,c/2 Snd 
where 6 = width of timber in inches, based on extreme fiber stress, 6} = width of 
timber in inches, based on horizontal shearing stress; J; = portion of middle timber 
extending beyond the edge of wall 
in feet; = depth of beam in 
inches; c = distance between con- 
secutive middle timbers in feet; 
w = safe load on foundation in 
pounds per square foot; S = safe 
extreme fiber stress in pounds per 
square inch; Sp; = safe horizontal 

a es ee 
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shearing stress in pounds per ' <p> H | ; } 
square inch. For shallow beams <6 KI KS 

: : 1 
the width 5 will generally govern, : . 
and for deep beams the width 03; Fig. 33. Grillage for Wall 
the greater width should be used. 

Wharves. The width of a wharf or pier is usually governed by local and 
commercial conditions, and its length by conditions and regulations of the 
United States government. The direction of the length of a wharf, as a Tule, 
should be perpendicular to the bulkhead wall or shore line. In narrow rivers 
this direction may be made oblique to the shore line, the outer end being 
farther downstream than the shore end. This arrangement facilitates the 
entrance of vessels into slips between adjacent wharves. Timber wharves 
are of two general types: (1) having the floor system or deck supported on piles; 
(2) having the floor system or deck supported upon timber cribs. The first 
type is generally the better and cheaper and should be built wherever con- 
ditions permit. It cannot be built where the bottom of the river is too hard 
for pile penetration. When a small penetration, from 4 to 10 ft., may be 
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gotten, the requisite stiffness and holding power of the piles may be obtained 
by using riprap. The riprap, if of small stones, may be placed, in whole or 
part, in advance of the piledriving. This is unusual practice and, if adopted, 
the pile points should be shod with iron. 

The top of the deck of a wharf must be above high water, but low enough 
to permit the economical loading of vessels at low tide. The wharf should be 
designed with the greatest practical free waterway, so as not-to obstruct the 
flow of water, sewage or ice. Pile piers are usually built with piles in trans- 
verse tows 8 to 12 ft. on centers, the piles in the rows being 3 to 10-ft. on 
centers. The close spacing is for heavy loads or where the pile resistance 
is small. When timber cribs are used they extend for the transverse width 
of the wharf and are usually spaced 15 to 35 ft. on centers: Where cost of 
cribs and their foundations is high, trussed spans may be found economical 
for distances much over 25 ft. A wharf need not, as a rule, be braced longi- 
tudinally, as the impact of vessels in this direction may be taken care of by the 
bulkhead wall or the earth at the shore end; and as the length of a wharf is 
generally much greater than its width, the force of impact is distributed over 
a greater number of piles than when the force acts in a transverse direction. 

The lines of transverse piles should be placed as nearly as possible parallel to the 
thread of the current. They should be strongly sway-braced, the braces being carried 
down at least as low as low tide. If the piles are to be driven into soft bottom or deep 
water or in a rapid current, riprap or batter piles should be used to stiffen the wharf 
against the impact of vessels. A horizontal stick of 12 X 12-in. timber, 20 ft. long, 
neglecting its weight, acting as a cantilever, will deflect 1/4 in. under a load of 100 lb. 
applied at its end; if 40 ft. long, the deflection will be about 2 in. Wharf piles, if 
unbraced and under the impact of vessels, are cantilever beams whose length equals 
the distance from their top to firm river bottom. If the upper portion of the piles is 
sway-braced sufficiently, the length of pile, acting as a cantilever under vessel impact, 
is the portion below the bottom of the sway bracing. As the deflection under a given 
load varies as the cube of the length, it is evident that the sway bracing should be 
carried down as low as possible. 

Guard or fender piles should be used to protect the structure from abrasion of vessels 
lying alongside, and clusters of piles should be placed near corners to protect them. 
In deep water, or where the river mud is deep and for large vessels, the clusters should 
consist of from 10 to 50 piles. The corners of wharves for large vessels should be 
rounded and strongly reinforced. The rounded corner makes it easier for boats to 
enter slips between the adjacent wharves. 

A timber wharf in fresh water, or in salt water where marine wood borers do not exist, 
lasts about 30 years, with minor repairs and floor renewals. To increase the life of a 
wharf all joints and bearings should be treated with a preservative; drift bolts should 
be driven below the tops of the timber, and the hole thus formed filled with tar or 
asphaltic cement. Large washers should be used under all bolt heads and nuts, and 
the bolts should not be tightened so as to break the outer wood fibers. When wood 
pieces are in contact and it is possible to force them into closer contact with bolts in 
order to exclude water, this should generally be done. Beams built up of two or more 
pieces and all joints should be packed at least 1 in. apart, using metal packing pieces 
or separators. The timber should, in general, be so designed as to permit as much 
circulation of air around each piece as is possible. Wooden floors should be built so as 
to drain the rain water to outlets. Leaving open joints between adjacent floor planks 
in order to get rid of rain water decreases the life of a floor subject to vehicular travel, 
due to the pounding of the wheels across the joints and the abrasion of the edges. 
Exposed timbers will last longer if beveled so as to shed water freely. Creosoting 
lumber, if well done, increases the life of the structure. (See Sect. 7, Art. 41.) 

In fresh water the portion of the pile between about 1 ft. above low water and high 
water usually rots before the rest of the structure. By making the caps continuous 
over several piles, the rotted pile tops may be removed and replaced without removing 
the top timbers. In fresh water, piles generally last longer with bark removed above 
low tide. In salt water,-piles in warm climates are attacked by marine borers which 
generally enter the piles between high tide and a point about 4 ft. below low tide. 
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They may continue their destructive work above high tide and many feet below low 
tide. They never enter the wood below the mud line. Wood borers are classified by 
the Forest Service as Teredo, Xylotrya and Limnoria, Chelura and Sphaeroma. The 
first two are commonly called Terédo and the latter three Limnoria. These borers 
do not live in fresh water nor in salt water containing much sewage, but may exist in 
brackish water. The average length of time in which the Teredo and Xylotrya have 
destroyed barked and unprotected piles in the Gulf of Mexico ranges from 1 to 5 years, 
the minimum time being sometimes only a few months. Circular 128, U. S. Forest 
Service, gives methods of protection. (Ref. Sect. 7, Art. 41.) 

Live Loads for Wharves range between 75 and 1200 Ib. per sq. ft. for con- 
centrated loads of wagons, unloading apparatus, trains, and posts of wharf 
buildings. The lighter loads are used for excursion boat landings. For 
ordinary commercial wharves 600 Ib. per sq. ft. should be used. The necessary 
sizes of timbers are determined from the preceding beam formulas and tables. 
All the parts of the structure should be well bolted, drift-bolted, spiked’ or 
jag-screwed together, so that the wharf will act as a unit under the impact of 
vessels. As the piles between high and low water decay before the other 
portions, except the floor plank, the unit stresses in the piles should be taken 
at about 50% of those recommended in Art. 1. This will usually be taken 
care of by the proper application of pile formulas. 

The cost of pile wharves varies, depending upon the depth of water, nature of 
foundation, necessity of batter piles or riprap, and the loads to be carried. Wharves 
of the crib bridge type cost one and one-half to twice as much as the pile wharves, 
depending upon similar conditions. 

For additional data on wharves, see Sect. 19. 

FALSEWORK AND TRUSSES 

10. Trestles 

Timber Trestles are generally used for semi-permanent work when their 
first cost is less than an earth fill or an earth fill and culvert, if a stream of 
water is to be taken care of. When permanent work is desirable, there is 
usually no sound reason for timber trestle construction, other than the lack 
of funds, because, due to the high cost of lumber and timber maintenance, 
an earth fill or steel structure will be cheaper in the end. Trestles usually 
consist of a series of bents spanned by beams or stringers. Each bent generally 
consists of two or more vertical posts, depending upon the width of roadway 
and the load to be carried, two outside battered posts, a cap and sill, and 
sway bracing. The outside posts are given a batter of from 1 1/2 to 3 in. in 12 
in. and the bent is sway-braced to resist lateral force such as wind or rack of a 
locomotive. The roadway or track is carried upon stringers, which should be 
continuous over two spans. Fig. 34 shows a common form of trestle less than 
30 ft. in height as used in 1906 on the Baltimore & Ohio R.R. Trestles over 
30 ft. high are generally built in stories of from 15 to 30 ft. in height, as in 
Fig. 35, which shows the 1908 standard of the New York, New Haven & 
Hartford R.R. In this design the bent is framed into two separate stories, the 
second story being erected upon the cap of the completed story below. This 
is the more common design and is easy to erect, but occasionally the vertical 
and batter posts are made continuous from top to bottom of trestle. The 
latter method reduces to a minimum the number of joints where end grain 
bears upon side grain. This is desirable, as the side grain is often injured by 
such compression, and in the case of sills dampness is retained by the broken 
fibers and rot takes place rapidly. Trestles over 50 ft. high are sometimes built 
with pairs of bents framed into towers at intervals of 20 to 30 ft., the stringers 
being compound or trussed beams. 
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Longitudinal bracing for railway bridges must be designed to take the thrust of a 
__ braking train, which may amount to 75 000 to 100000 lb. Itis generally assumed as 
_ 20% of the live load. The longitudinal bracing should not only consist of horizontal 
_ Struts between bents to take compression, but the bents should also be X-braced as 
_ shown in Fig. 34. For highway trestles the bracing may be of smaller cross-section 

and the X-bracing at less frequent intervals. Where the trestle is of short length and 
_ there are abutments of earth, timber or masonry at either end, the X-bracing may be 

safely reduced in cross-section. 

Ne Trestle Design. The sizes of the stringers and posts can be obtained from 
the timber tables and formulas, using the specified loads given in Sect, i 
but it is advisable to increase - 

_ the dimensions so determined, ex 8. 
~ to allow for decay. Stringers & 

_ rot quickest where the ties or 

flooring rest upon them and seal 
where they rest upon the arth 

no ees Casa ncer lo ages. mn Section at Curve 4 ; 
such joints. The stringers of Gust TromBeparuean 

between Stringers railway bridges should be 5" as” 
packed 1 to 2 in. apart, to = 
permit circulation of air, Drei es ee 5 M8 
using metal separators or 
packing spools, as in Fig. 34. 
Bolts should pass through 
the spools, having large 
washers at their ends to 
permit the bolts to be tight- 
ened without injury to the 

fibers. The sizes of the posts 
depend upon the safe allow- 
able compression upon the 
side grain of the caps and 

gills, see Art. 1. It is there- 

_ fore desirable to use hard- 
wood caps and sills when 

possible. The caps and sills 
should have about the same ile A ne hse ied Concrete 
dimensions as the posts. As For repairing’ Foundation 

‘| 
Concrete Foundation 

: CPE OT CAC AP et ee EET) with Piles 
8 6 1 9 Feet 

a rule the posts can be so fetes 
placed with reference to the 
stringers that there will be 
practically no bending stress 
in the caps, and similarly 

~ there will be none in the sills, 7 TET 
the function of caps and sills Longitudi 

being to hold the posts in Fig. 34. Trestle, Baltimore & Ohio R.R. 
position and transmit shear. 
The posts may be drift-bolted or mortised to the caps and sills. 

The bottoms of sills should be supported by masonry so as to be at least 12 in. above 
the ground. , If the trestle consists of piles driven into dry ground, the piles at ground 
level will rot badly in 5 or 6 years, and as the life of a trestle is from 10 to 14 years, it 
is advisable to double, or nearly double, the number of piles per bent, in order to allow 
for decay, or cap the piles with masonry, as in the extreme right footing of Fig. 34. 

Bracing. Good examples of sway bracing are given in Figs. 34 and 35. 
For highway bridges the sways may be lighter. Use 3/4- or preferably 1-in 
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bolts for fastening sways. The design of this bracing for trestles under 30 ft. 
high is generally made on the basis of precedent, the effect of wind being 
small and the other stresses indeterminate. For higher trestles the wind 

Notched 1" 
Side Elevation 

12"below sill 
Keep dirt at last 
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Diagram of Longitudinal Bracing 

Fig. 35. High Trestle, New York, New Haven & Hartford R. R. 

stresses should be computed as guide in the selection 
design of joints. The horizontal struts or girts of 
should not, for railway work, depend upon a single b 

of proper size and in the 
the longitudinal bracing 
olt for the transmittal of 
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stress, but such stress should be transmitted by end bearing. For railway trestles the struts should be from 6 by 8 to 8 by 12 in. For highway trestles, the span being longer, the size should not generally be less than 6 by 6 in. The longitudinal X-bracing need not be used in every panel, except for railway trestles on curves over 7°. In high railway trestles on curves over Sis the centrifugal force of the moving train should be further guarded against 
by additional braces on the 
convex side of the trestle. The 
sizes of the X-braces cannot be 
determined by computation, 
but should be selected from 
existing designs. The details 
of all trestle work should be 
simple. When pieces are in 
contact they should be drawn 
tight, to exclude water, and 
where possible they should be 
separated at least 1 in. and 
preferably 2 in. to allow circula- 
tion of air. In the design of 
high trestles, in order to de- 
crease the number of bents the 
span of the beams is reduced : Fig. 36 
by means of corbels and A- 
frames as shown in Fig. 36, thereby permitting a greater distance center to 
center of columns. 

Life of Trestles may be increased by the use of wood preservatives, such 
as creosote, and all surfaces in contact or which have been disturbed by ax 

or adze, all screw and bolt holes and the tops of all drift bolts should be 
thoroughly coated with similar preservatives. The tops of caps and stringers 
are often covered with sheet zinc or iron to protect them from water and hot 
cinders. These coverings are unquestionably of value as fire protection, but 

-as they decrease the circulation of air, it is doubtful if the life of the caps and 
stringers is prolonged thereby. 

' Construction Trestles are for temporary use, and therefore in selecting the 
sizes for posts the compression across the grain may be taken 50%, higher than 
allowed in Art. 1, and no allowance need be made for rot. Trestles for light 
industrial tracks and narrow-gage construction tracks require only light 
transverse and longitudinal bracing. In making earth fills from temporary 
trestles constructed therefor and from old trestles constructed for semi- 
permanent use, as railway trestles, the lateral and longitudinal bracing, and 
in high fills even the caps and sills, may be broken by the fall or weight of the 
material or its settlement. Such fills should be brought up evenly on either 
side of the axis of the trestle to diminish the possibility of large and sudden 
movements of the fill, which occur most frequently in fills made upon side 
hills. It is often advantageous to remove the bracing when it is reached 
by the fill to prevent the pull in the bracing, under the load of the fill, from 
distorting the posts and even breaking them. This is a matter which can 
be determined only after the character of the fill and contours of the ground 
are known. If the bracing is old and rotted it is often best to put on a new 
and substantial bracing before starting the fill. 

When eath fills are made from trestles of piles driven into 15 to 20 ft. of mud, sudden 
moyements of the mud and newly made fill frequently not only break the bracing but 
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snap off the piles and demolish the entire structure. Such trestles should be built of 
piles of large diameter, driven to hardpan and heavily sway-braced, and the sway 
bracing removed when reached by the fill. But even with these precautions sudden 

failure may take place. 

11. Floors for Trestles and Bridges 

Floors for Steel Highway Bridges are illustrated in Fig. 27 of Sect. 12. 
In designing the roadway joists concentrated wheel loads may be regarded 

as distributed over two joists, when the distance center to center of joists 
does not exceed 2 1/2 ft. and the flooring is at least 3 in. thick. In main- 
tenance work, when the center distances do not exceed 2 ft. and the wheel 
load is not applied near the outer line of stringers, it may be regarded as 
distributed over three joists, provided the flooring is at least 3 in. thick. 
The front roller of a steam roller may be computed as equally distributed 

over all joists which it can cover or partially cover. The wheel loads upon 
cross-ties of electric railways may be regarded as distributed over three ties. 

Roadway Flooring may consist of a single thickness of 3- or 4-in. plank, the 
distance between centers of stringers not exceeding 9 times this thickness; 
3-in. flooring should be used for light and infrequent travel and 4-in. where 
it is heavy and continuous. Roadway plank should be laid with a transverse 
grade of from 1 to 1 3/4 in. in 10 ft., to drain the water to the sides of the road- 
way. In bridges over 16 ft. wide, the plank may be cut in two lengths and the 

level of the roadway raised at the middle. Floor plank should be laid snug, 
as the planks at open joints are easily torn, and the floor is made very rough 

and wears quickly. They may be laid transverse to the bridge or oblique; 
the former method is slightly cheaper and appears equally satisfactory. 
Planks need be dressed on only one side, but all joints should be adzed smooth 
when the floor is laid. Roadway plank should have a uniform width of 12 in., 
although if ordered in variable widths of 8, 10 and 12 in., a substantial saving 
results. When variable widths are used it is necessary in making repairs to 
select particular widths of plank for each defective one replaced, which is 
troublesome. For bridges having little travel the life of the flooring depends 
upon the rotting of the timber, and therefore timber which rots slowly, such 
as Southern pine, is desirable. For bridges carrying heavy and continuous 
travel the floor does not rot but is worn out, and therefore the harder and 
tougher woods such as white oak or chestnut oak are best. 

Three-inch flooring should be fastened to the joists with 6-in. nails.and four-inch 
with 7-in. nails. Flat-head wire nails are more easily driven than round-head nails. 
Well-seasoned hardwood floors often require holes to be bored in advance of driving 
nails, but most commercially seasoned oak and all pine flooring may be nailed down 
without such holes. All flooring should have a one-heart face. The heart face should 
be laid down for light travel and up for heavy. The general rule is to put the heart 
face down, but experience with bridges in Washington, D. C., shows that as a rule it 
should be up. 

The life of the flooring under light travel is from 4 to 5 years, and under heavy travel 
3-1/2 to 4 years. In the latter case probably 10% of the plank will have to be replaced 
before a general replacement is made, using a low grade of timber. 

Double floors consisting of a 3- or 4-in. creosoted subfloor, laid with 1/2- to 2-in. 
open joints and having a wearing floor of from 1-1/2 to 2 in., are sometimes used. They 
should never be used with untreated plank in the subfloor. A creosoted subfloor lasts 
12 or 15 years.. The lower planks are laid transverse or oblique to the bridge and the 
upper ones at an angle of from 45° to 60° with the-ones below. The subfloors should 
be nailed to the joists with 60d. nails, using two per joist, and the top planks nailed to 
the lower floor with two 40d. nails at intervals of 2 ft. This type of floor, while result- 
ing in higher first cost, has the advantage of cheap resurfacing at frequent intervals, 
and therefore usually gives a smoother roadway than single planking. 
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A Roadway Joist should be at least 3 in. thick and should not deflect 
more than 1/400 of the span under the full load. The general sizes of joists — 
used are 3 by 12, 3 by 14, 4 by 14 and 4 by 16 in. When they rest upon the 
tops of floor beams they may lap or butt, if there is sufficient bearing. When 
lapped, an air space of 1/2 in. should be left between the lapping ends to 
permit circulation of air. Neither bridging nor fastening of the joist to the 
floor beams is necessary, unless planks thinner than 3 in. are used. The 
floor will be too heavy to be disturbed b¥ wind. 

Southern pine and oak joists last from 12 to 15 years, provided they are selected of 
such depth that they may be turned over once. Joists rot where the planks rest upon 
them, and when this depth reaches an average of one inch they should be turned and 
used until the top of the joist, in the new position, rots about the same amount. 
Southern pine joists are better than oak joists, as they do not warp, and pine rots from 
the outside and oak often from the inside. The painting of the top of joists with a 
timber preservative is recommended. 

Sidewalk Flooring should be 2 in. thick, dressed one side, 6 or 8 in. wide 
and’supported by joists not over 2 ft. on centers. They should be laid snug, 
as open joints make rough floors and the public object to seeing through 
the open cracks of floors of high bridges. Pine floor planks may be spiked 

with two 20d. nails per joist and oak ones with two 30d. nails. Floors should 
be given a transverse grade of 3/8 in. per ft. Sidewalk joists are usually 3 by 12 
or 3 by 14 in., placed 2 ft. on centers. These joists should be fastened to the 
floor beams, as sidewalks are usually narrow and of light weight per square 
foot, and if the joists are not fastened the floor may be disturbed by wind, 
although cases of this kind are extremely rare. 

When steel stringers are used the planks in small country bridges are often fastened 
by clinching the nails under the flanges. The best arrangement is to bolt spiking strips 
4 to 5 in. thick to the flanges of the beams, countersinking the bolt heads. 

Wheel Guards should be provided on either side of the roadway to protect 
the adjacent trusses or to act as a curb protection for the sidewalks. They 
should consist of 4 by 6 or 6 by 6-in. string pieces supported upon 2- or 3-in. 
shims, 6 to 12 in. long placed at intervals of 4 to 6 ft. on centers. The road- 
way water should drain through the openings left between the shims. Guard 

rails should be bolted to the joists or floor beams, the bolts passing through 

the shims. Joints in the string pieces should be made at the shims and with 

halved laps. These rails should be protected with steel angle facings when 

laid upon a steep grade, as they are often used by teamsters as brakes. 

Electric Railway Tracks may be supported upon cross-ties or directly 

upon longitudinal stringers, the latter method being used when the bridge 

also carries vehicles. Cross-ties should not be less than 6 by 6 in. when the 

stringers are 6 1/2 ft. on centers. For a greater distance they should be de- 

signed to carry the maximum wheel load, assuming a distribution of this load 

over three ties, the fiber stress not to exceed allowable limits. The openings 

between ties should not exceed 6 in. Alternate ties should be drift-bolted to 

the stringers. No notching is necessary. Guard rails 6 by 8 in. should be 

placed at either side of the track, 3 ft. 7 in. from the track, and lag-screwed 

to every tie. No notching over the ties is necessary with the use of lag screws, 

which should be staggered 2 in. in the guard rails. 

Solid Timber Floors covered with ballast have been used for trestles and 

have given satisfactory results. The timber is creosoted and not afterwards 

cut ifit can be avoided. When cut the end surfaces are painted with creosote. 

This type of floor is expensive to build and maintain and is somewhat difficult 

to inspect, but is regarded as offering a good protection against fire, decreases 
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noise and gives a better track than the common type of floor. Arguments for 
and against this type of floor are given with interesting detail in Proc. of 
Assoc. of Railway Superintendents of Bridges and Buildings, Oct., 1906. 
Fig. 37 shows a ballast trestle floor on the El Paso and South Western R.R. 

: The 1921 Manual of the 
American Railway Engineer- 
ing Association gives the fol- 
lowing relative advantages of 
solid timber ballast deck and 
reinforced-concrete trestles: 
Concrete trestles have ad- 
vantage in fire resistance, 
and permanence; and a slight 
advantage in bridging water- 
ways subject to flood cur- 
rents or wide fluctuations of 
water surface. Creosoted 
timber trestles are more 
economical than concrete 
except when the cost of the 
concrete structure is less than 
one and one-half times the 
cost of the wooden structure. 

Neither type has the advantage in the matter of appearance, nor in general 
service qualities. 

Fig. 37 

Railway Trestle and Bridge Floors. Figs. 34 and 35 show typical trestle 
timber floors and Fig. 38 shows floors for Howe bridges. 

The following clauses are taken from the 1921 Manual of the American 
Railway Engineering Association: 

It is recommended as good practice to use guard timbers on all open-floor 
bridges and they should be so constructed as to space the ties properly and 
hold them securely in their places. 

It is recommended as good practice to use inner guard rails on all open- 
floor and on the outside tracks of all solid-floor bridges, and similar structures 
longer than 20 ft. in main-line tracks and on similar bridges and structures 
in branch line tracks in which the speed of trains is 20 miles per hour or more. 

The inner guard rails should be of some form of metal section and extend 
beyond the ends of the bridges for not less than 50 ft.. They should be spiked 
to every tie. 

Ties and guard timbers should be sized one dimension. Omit dapping of guard timbers and ties. Use lag screws in every tie. Holes should be bored for lag screws 1 in. deeper than penetration of screw. Holes should be bored 1/16 in. smaller than diameter of lag in guard timber and 1/4 in. smaller than diameter of lag in ties. Lag screws must not be driven but screwed to position. Fasten alternate ties to stringers. Lag screws should be stagged 2 in. in guard timbers. 

12. Falsework for Bridges 
Truss Bridges are generally erected upon timber trestles or scaffolds consisting of vertical timber posts and outside batter posts, supporting caps upon which rest longitudinal stringers (Fig. 39). The bottom chord of the bridge is laid upon the falsework and blocked several inches above its correct position to allow for settlement of the falsework under the load of the bridge, 
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Bents are usually placed at panel points of the bridge, but where clearance 
makes it necessary the panel loads may be carried at any point of the stringers. 

Small and light bridges may be erected by gin poles, which are timber 
masts guyed in a vertical position and carrying a block and tackle at their 
tops, by means of which the separate truss members are hoisted into their 
positions. Most bridges were formerly erected by timber travelers, consisting 
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Fig. 38. Floors for Howe Bridges 

of two or more overhead bents braced together to form a tower (Fig. 39). 

Such travelers are no longer used, and modern practice is to erect all but the 

largest bridges by locomotive cranes or derrick cars. For important large 

bridges, special steel travelers may be constructed. The falsework must be 

designed to carry the weight of the bridge and traveler or crane. Where there 

is danger from injurious freshets or where there must be large clearances 

maintained as for navigation, trussed falsework, generally of the Howe 

bridge type, is used. This falsework may be erected upon temporary timber 

trestles or upon pontoons. Fig. 39 shows the falsework and traveler used on 

the Baltimore and Ohio R.R. in erection of a small bridge. 

Design of Falsework. The loads to be carried by the falsework consist 

of its weight, which, except for trussed falsework, is negligible; the weight of 

the bridge, including the girders, but not necessarily the stringers and floor 
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resting upon the girders, and the weight of the traveler or crane. In the 
design, consideration must be given to wind pressure exerted upon the bridge 
and the traveler; where a stream is to be bridged the effect of ice and débris 
carried by freshets must be regarded and preferably the erection completed 
within a period of time when ice gorges or serious freshets are least probable. 
Where trussed spans are used, slightly higher unit stresses may generally be 
used than are allowed for permanent work, as the period of erection is not 
sufficient for a material deterioration of the timber. The trusses should be 
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Fig. 39. Bridge Erection, Baltimore & Ohio R. R. 

of first-class carpentry work to reduce the truss deflection to a minimum and 
should be strongly sway-braced. 
When viaducts or bridges over land are erected, the falsework may consist of a.series of ordinary trestle bents resting upon either mud sills or spread timber footings. The trestles for water work are generally formed, in whole or part, of piles. When the trestles are over 30 ft. high they are generally built in stories of from 15 to 30 ft. high, the timbers of adjacent stories being tied together by fishplates, to transmit tension resulting from wind pressure upon the bridge and traveler. SiN 
For light bridges the trestle sills, posts and caps may be of 6 by 6 or 8 by 8-in. tim- bers, the sway and longitudinal bracing of 3 by 8-in. timbers and the stringers of 6 by 12-in. timbers. For most bridges the sills, posts and caps should be 12 by 12-in., the sway and longitudinal bracing 4 by 10 in., and the stringers 8 by 16 in. The approxi- mate dimensions of the timbers should be determined by computation, but as stiffness 
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_ and sometimes weight are governing factors the sizes should generally be larger than 
theoretically required. 

All falsework should be designed so as to permit economical erection and demolition 
and so that the timbers will not be materially injured for future use. Bolts should be 
used instead of spikes, and beveled, mortised or other expensive joints should be 

avoided. 

The Settlement of the Falsework under its full load should be a minimum 

consistent with economy. A practically unyielding foundation should be 

constructed; the number of horizontal jéints and particularly the number of 

joints where end grain bears upon side grain should be reduced to a minimum 

and the unit compression across the grain should not exceed that allowed in 

Art. 1. he probable settlement of the falsework, exclusive of foundations, 

may be approximated as follows: (1) By figuring the columnar shortening, 

c, in inches, by means of the following formula, ¢ = 12 SI | E, in which S is 

the unit compression per square inch, / = length of column in feet, and E the 

modulus of elasticity. When pile foundations are used the length of piles 

should be added to obtain the total columnar length to be used in the formula. 

(2) By allowing 1/16-in. settlement for each horizontal joint for “ taking up” 

and an additional 1/16 in. at each horizontal joint where end grain bears upon 

side grain for “‘ biting’ of the grain into the side grain, provided the unit 

stresses of Art. 1 are not exceeded. The total settlement will be the total of 

that obtained from (1) and (2). 

In railway bridge renewals or other bridge erection where the falsework carries heavy 

locomotive or vehicular loads the locomotives or heavy vehicles may cause settlements 

of the falsework foundation so much greater than the deformation of the timber that 

the latter is negligible. Frequently, even in highway bridge construction, falsework 

foundation settlements of from 6 to 12 in. occur without serious mishap. The panel 

points are wedged up as the falsework settles, but in design such settlements should be 

guarded against. 

13. Falsework for Arches 

Masonry Arches are built upon temporary falsework, called centers or 

centering, usually of timber consisting of parallel frames, bents or ribs with 

top members whose upper surface is cut to the curve of the arch soffit. The 

top members may be joists; or bows, also called back pieces, may be used. 

Upon the top members plank called lagging are laid which support the stone 

voussoirs or concrete sheeting of the arch. Wedges or jacks are placed at. 

convenient points of the falsework to lower sections of it after the arch is 

built. The wedges may be located at any point between the soffit of the arch 

and the falsework foundation. All arches should be built up symmetrically 

and the centering should be designed for such loading. 

The Centering for Short Span Arches, when the span is under 10 ft. and 

the arch is flat, may be built of single planks on edge with tops cut to curve 

of soffit, supporting lagging dressed on one side and supported at the ends by 

posts resting upon wedges, as at a in Fig. 40. If the centering is built for 

a stone or brick arch, the lagging may be laid with open joints not wider than 

1/3 the width of voussoirs or bricks; if for concrete, tongued and grooved 

lagging should be used. For spans over 6 ft. the top member or bow may be 

in two pieces tied by small battens (0 in Fig. 40), the curve of the arch being 

cut out of the top piece. To save labor of cutting bows when the barrel of 

the arch is long enough, the bows may be placed 4 or 5 ft. on centers and 

2- or 3-in. lagging used. The lagging and bows are computed as beams and 

the posts as columns under the full load of the arch. In buildings 1 in. 

lagging is generally used, supported on two or three bows about 12 in. on 
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centers. When the arch is flat and the span is over 10 ft., intermediate props 
or posts are generally used to shorten the beam length of the bow; 2- to 4-in. 
lagging may be used, the bows being placed 4 to 6 ft. on centers. 

‘Wedges a 

Ll a= mig 
Fig. 40 Fig. 41 

Centers for Short Span Arches 

When the arch has a rise of over 1/6 the span, centering of the form of Fig. 41 may be used. The bow may be made up of two or three planks breaking joints and nailed together. For economy the bows should be as far apart as possible, preferably 4 to 6 ft., using from 2- to 4-in. lagging. For the larger spans, the thicker lagging is the more economical. A center post should be used for spans over 10 ft., and when this cannot be done the bottom piece, ZT, should be stiff and strong enough to carry the load brought by the radial braces. This load is indeterminate, but in design it may be assumed at 1/4 of the total load of the arch, the bow also carrying 1 /4 of the load as an arch and the balance being carried by the masonry arch acting as a com- pression member. 

This type of centering may be used up to spans of 30 ft., but for spans over 15 ft. one or two lines of horizontal girts should be used for each frame to take care of the horizontal thrust of the arch load. A girt, marked G, is shown in dotted lines in Fig. 41. 
Unbraced arch centering of the type shown 

in Fig. 42 should never be used, except where 
other forms are impossible, and then only 
for spans under 20 ft., as it deforms badly, 
rising at the crown when loaded at the 
haunches and sinking at the crown under the 
crown loads, and is at best tisky. By placing 
a temporary load at the crown, the change 
in the form of the curve can be lessened. 
If used at all, the carpentry work should 
be first-class, the abutting sections of the hows in intimate contact, wedges of shingles being used just prior to loading if the shrinkage of the timber has caused the joints to open. 

Centering for Arches Over 30 Ft. in span may be of four types: (1) Arches, (2) Howe trusses, (3) Bowstring trusses, (4) Bents. The first is expensive to build, gives small salvage for lumber, deforms badly under loading and 

Fig. 42. Bow Centering 

be determined for all web members under various stages of loadings. There 18 no reason for using this type except to utilize existing available trusses. 
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The curve of the arch must be built up by additional timbers resting upon 
the top chord at panel points. For the design of this type see Art. 16. 

Bowstring Centering shown in Fig. 43 has been used extensively for 
spans up to 100 ft., and may be necessary for arches over streams, but should 
never be used where intermediate supports can be gotten, as in Fig. 44, or 

where vertical posts may be carried to intermediate foundations. It has 
all the objections given for type 1, but is cheaper to build and deforms less. 
This type is preferable to the Howe tryss bridge type. Bowstring centering 
should be built with Pratt bracing, as in Fig. 43. The stresses in the various 
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Fig. 43. Bowstring Centering 

members should be computed for the centering, one-third, one-half, two- 

thirds, and fully loaded, and each member designed for the maximum stress. 

Reversal of stress will take place in the bracing, and all joints of this bracing 

should be made with straps or gussets to transmit tension as in Fig. 43. 

The crown of this centering should always be loaded with a temporary 

load of about 1/6 the total arch load, but even with this precaution hair 

cracks will generally develop at the haunches, showing that the tensional 

value of the mortar has been destroyed. 

Fig. 44 shows a modification of the bowstring centering which was used in the con- 

$truction of the Massachusetts Ave. culvert, Washington, D. C. The bowstring 

truss was designed to be moved ahead in sections upon the bottom bents or A- 

frames. Eight bows were struck at one time and skidded upon pipe rollers resting 

upon a stringer track. One additional A-frame was erected in advance in order to 

permit this movement. 

The Bent Type of Centering is recommended for the construction of all 

arches where clearance does not prohibit its use. Its first cost is generally 

least, it deforms less than the other types, and gives the greatest salvage of 
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lumber. Its design should not be begun until the method of building the 
arch has been determined. If the arch is to be built up continuously from the 
springing line to the crown, it should deform or settle less than if built in 
either longitudinal rings or alternate transverse sections. But however 

strongly built, if the arch is built up continuously 
cracks will develop at the haunches when the 
crown is built. This of course will not take place if 

the arch is small enough to be built com- 

plete in a day. The stiffer the center, the 
smaller the cracks. These cracks 
are not serious except that in the 
case of a reinforced-concrete arch 
they may permit the infiltration 

of water and the rusting 
of the steel, and they 
are the cause of the 

abnormal sinking 
of the crown of 
the arch when the 

centering is low- 
ered. Where the 
cracks are larger 
than hair cracks, 
the masonry above 
the extrados of 
the arch should 
not be built until 
the centering has 
been lowered suffi- 
ciently to close up 
the cracks, other- 
wise the closing up 
of the cracksin the 
arch may crack the 

upper masonry. 
If the arch is to be built in longitudinal rings three or four feet wide, each ring to be completed in a day, which is common practice in the construction of reinforced- concrete arches, the centering should deform or settle less than if built in transverse blocks, but may deform. more than if built continuously for the full width of the bridge. When built in alternate transverse blocks, a settlement equal to 1-1/4 in. per 100 ft., and proportionally forlarger or smaller span, is good practice, but a less settle- ment is desirable. For arches in longitudinal rings, the settlement should be less than half this amount, and for arches built up continuously from the springling line to the crown a smaller settlement should be gotten if possible. Since the settlement of the falsework varies almost directly as the distance from the foundation to the crown, arches of large span and rise and those over deep gorges or valleys should be built in alternate sections, whereas arches of small span and rise over flat ground may be built according to the other methods. 

Two Types of Centerings of Bents. The first type (Fig. 47), which is used for concrete arches, generally is designed so that the load upon the lagging is transmitted to joists spaced from 10 to 24 inches on centers, supported by transverse caps resting upon vertical or inclined posts. In the second type, Fig. 45, which is generally used for stone arches, the lagging rests directly upon bows spaced from 3 to 6 ft. on centers, the bows being supported by the posts. In Fig. 45 the voussoirs are shown supported by wedges, but 
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Fig. 44. Modified Bowstring Centering 
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usually lagging is used in lieu of wedges. The first type is preferable for con- 

crete bridges, because, upon the completion of the arches and the striking of 

the centering, lagging, studs, and wales of proper sizes are available for the 

balance of the concrete construction. The second type is better for stone 

arches, because by laying the lagging with open joints the bottom or soffit 

joints of the voussoirs are accessible and can be “ packed with rope or rags a 

for grouting, the packing removed and the work pointed prior to the removal 

of the lagging. Further, this second method permits the placing of wedges 

under each voussoir, allowing small errors in the 

top curve of the centering or the top curve may 

be omitied and the curve of the soffit made by 

shimming pieces and wedges of variable heights, 

as in Fig. 45. 

Loads and Stresses. The centering should 

be designed to carry the weight of the arch 

ring alone, except in the case hereafter noted. 

In the case of concrete the nature of the load Fig. 45 

varies, the concrete being deposited as a semi- 

liquid. For unit weights see Sect. 10, Art. 17. The weight of the false- 

work is negligible, except in very high falsework. It is suggested that, in 

determining the load upon the centering, friction be neglected, as this is on 

the safe side and other assumptions reduce to an absurdity. Fig. 46 shows a 

voussoir or section of stone or concrete, abcd, supported by the lagging and by 

the masonry or strut SS below it. The weight W is resolved parallel and 

perpendicular to a tangent to the lagging at its 

middle point, giving a normal component N, which 

must be carried by the centering. Assuming that 

there is friction along ab, which reduces the in- 

tensity of N, it is evident that the reduction can- 

not. equal T times the coefficient of friction, be- 

cause, if such were the case, the arch ring from 

the joint ab to the springing line would have to 

be capable of supporting itself. Concrete when 

deposited being in a semi-liquid form would cause 

little friction along the joint ab, and the setting of 

the concrete could not modify the initial stresses. Fig. 46 

In addition to the loads of the arch ring, the effect of wind pressure upon the false- 

work, prior to the keying of the arch, should be considered, and where the arch is over 

a stream, masonry footings should extend to above the high-water line, or other pre- 

cautions taken to protect the falsework from injury, due to the pressure of ice or débris. 

Information upon the Design of Centerings. The lowest 30° of a semi- 

circular arch and of other arches of less rise exert little vertical pressure upon 

the falsework and may be built upon a templet or light falsework. In applying 

this general rule to an arch which is not semicircular, the 30° point is one at 

which a perpendicular to the tangent to the intrados makes an angle with 

the horizontal equal to 30°. Fig. 44, which is a design used in the construction 

of a brick arch, shows that a template was used in the lower portion of the arch. 

The settlement of the centering may be computed approximately by using 

the rules given in Art. 12, but as arch centering should be, and generally is, 

of a better grade of carpentry work, an allowance is suggested of 1/32 inch for 

“taking up” and 1/32 inch additional for each joint, where end grain bears 

upon side grain, provided the unit stresses of Art. 1 are not exceeded. If 

particular care is not taken with the joints, such as adzing off rough places, 
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the settlement may more nearly equal 1/16 in. for “‘ taking up ” and 1/32 in. 

for ‘ biting.” 

At the Piney Branch Bridge, Washington, D. C., there were used six joints between 
the soffit and foundation, two of which were in end bearing (Fig. 47). Assuming first- 

class carpentry work, which was obtained, the settlement 
due to ‘‘taking up” and “ biting’ would be 6 X 1/32 
+2 1/32 = 1/4 in. To this must be added the 

columnar shortening which, on the basis of the 
formula in Art. 12, gives a total of 9/16 in., 

agreeing closely with the actual 
measurements. Measurements of 

other centerings show that the 
limits lie between 1/16 
and 1/32 in., depending 
upon the grade of car- 

pentrywork. 
However, 
when the 
unit com- 

Center Line 

Fig. 47. Centering for Voussoir Arch 

pression upon side grain exceeds the allowable unit stresses, the settlement of the 
centering is greater. In some parts of the Connecticut Ave. and the Edmondson 
Ave. bridge centerings where the stresses were more than 50% higher than allowed 
in Art. 1, the “ bite” was 1/8 in. per joint, due in part to defective framing. 

When the posts are placed vertically, and not radially or approximately radially, 
there is a lateral deformation of the centering as well as the vertical. When posts are 
vertical, struts must bear against the transverse caps, to prevent displacement under 
the radial pressure, or the joists resting upon the caps must be notched out and shimmed 
tight against the caps. Centerings are frequently designed with only one-half as 
much load on the outside posts of the same bent as upon the middle and intermediate 
ones and the cross-section of all timbers is made the same. As a result the center 
settles and the face forms, if the arch is of concrete, go out of plumb often as much as 
1/2 in. in 5 ft., and if the arch is wide a crack may be formed. When the arch is to be 
built of concrete, the caps should extend about 3 ft. beyond the face of the arch ring 
to support the iorms for the face of the arch and also to provide a walkway. 

Sway-Bracing need not be computed for wind pressure, except for high 
arches. It should, as.a rule, be heavier than such computations indicate 
to be necessary. A study of successful designs is suggested. Very little 
longitudinal bracing is required, except such girts as are necessary to take 
the horizontal component of the load of the arch when vertical posts are’ 
used. The use of steel, except for sway rods and in the form of plates or 
channels to increase end bearing, is not generally recommended. Steel is 
greatly affected by. temperature and should not generally be used. However, 
in centerings of high arches the posts for 1/3 the height of the centering may 
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be of steel, as their expansion or contraction will have comparatively little 

effect upon the total height of the falsework. 

For a description of the centering of a large arch which collapsed due to 

insufficient bracing, see Eng. News, Vol. 77, p. 314. 

Since centerings are designed for temporary work, the less permanent woods, such 

as hemlock and short-leaf pine, may be used for posts, lagging, and sway-bracing. 

Only hard wood should, as a rule, be used for sills, caps, and wedges, although Southern 

yellow pine is sufficiently hard for caps. Southern yellow pine is best for joists. 

Layout. Having determined upon a center- 

ing of bents, the types of foundation, span 

and curve of the arch govern the 

The distance between the 

posts at the top of the cen- 
tering should be, in 
general, as great as 

the available 

depths of 

———*-Center Line 

Spring Line 

Fig. 48. Centering for Voussoir Concrete Arch 

joist or, in case of a stone arch centering, the available depths of timber 

for the bows will permit. Joists cannot generally be obtained of larger 

dimensions than 6 X 16 or 4 X 16 and sometimes only 4 X 14 in. If rock or 

other suitable foundation can be obtained at shallow depths, Fig. 47 gives a 

good layout. If suitable foundation is at considerable depth and foundations 

are expensive, Fig. 48, which shows the center for the main arch of the Ed- 

mondson Avenue bridge at Baltimore, gives a good layout. In this design 

the railway track near the center of the arch was cleared, which somewhat 

modified the layout. 

Fig. 44 shows a good way of supporting a centering upon an offset in the foundation 

masonry. Small arches upon bigh piers may be supported in a similar manner upon a 

projecting coping or upon projecting blocks of concrete or masonry. 

Details for a Concrete Arch Centering. The lagging should be of tongued 

and grooved flooring, such as second-class Southern pine flooring, dressed 

one side and having a thickness of from 25/32 to 1 5/8 in., depending upon 

the distance center to center of joists. The deflection of the lagging under 

full load should not exceed 1/8 in. per ft. and preferably should be less. 

Joists may have their tops sawed to the curve of the soffit, or a spiking strip 

2 in. wide may be used. This spiking strip may be of a low grade of lumber, 

and its use will result in a saving, particularly where the radius of the curve 

of the arch is less than 150 ft. Posts, when inclined, as in the case of the 
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lower posts of Fig. 48, should be supported at one or more points by timber 
marked A in figure, otherwise they will sag materially and be inefficient as 
columns. Where end grain bears upon side grain, the end-bearing area 
may be increased by angles, as in Fig. 47, or by steel plates or channels. The 
number of joints in side-grain compression should be reduced to a minimum, 
and therefore for high centering continuous posts are preferred to independent 
stories. 

It is expensive to cut bevels and miters at the ends of timbers and notches at inter- mediate points, and since the salvage of the timber is less when so cut, they should be 
omitted when possible. The difference in the cost of framing may be materially in- creased by failure to consider this point in design. Caps should extend over three or more posts. They should be drawn tight upon the posts by means of bolts or other fastenings and be tied in place by fishplates and bolts, by notches in the joists above them, or by continuous struts, as in Fig. 47. 

Wedges may be placed at the tops of posts, as in Fig. 48, or at the bottom, as in Fig. 47. When placed at the top, they permit easier adjustment of the top before concreting, as there is less load to lift. When at the top they should be placed at right angles to the length of the cap, as in this position they are more easily driven than when placed parallel to the cap. Wedges at or near the top should not be loaded with more than 15 short tons per wedge. At the bottom they may be loaded to 20 short tons. With this loading they may be loosed with a 12-lb. sledge hammer. * Wedges should be of hard oak with a bevel of 1:5 to1: 10, preverably the former. They need not be spiked in order to hold them in correct position relative to each other. Lubricants do not appear to facilitate striking, as they are forced out under the pressure of the arch load, and the friction to be overcome is due largely to the mechanical interlocking of the fibers. At Piney Branch Bridge the co- efficient of friction of white-oak wedges was found to be about 0.4. Where wooden wedges are liable to become watersoaked, they may be oiled or other- 
wise weatherproofed. 

Sand Boxes have been used extensively in Europe, but only in a few cases in America. They permit the centering to be lowered without jar and quickly 
if desired. Their first cost 
is high, but in large arches 
the cost of striking wooden 
wedges is so great that it is 

10"Diam. Wood thought sand boxes result in 
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b CLT “ Cylinder economy. They cannot be 
Felt Paper used to raise the centering 
Sand before it is loaded, in order 
rads ay to adjust the curve, and great 

care must be taken to keep 
the sand dry during the 
entire construction. The sand Fig. 49. Sand Box should be thoroughly washed 
and dried before being placed in the boxes. Fig. 49 shows details of the sand boxes used in the main arch of the Edmondson Avenue Bridge, Baltimore. 

This sand box consisted of a cylindrical shell built of 3/16-in. sheet steel inclosing, at the bottom of the cylinder, an oak bottom, which fitted snugly against the steel. The box was then filled with dry clean sand, upon which rested a circular oak plunger, which supported the bottom of the Posts of the centering. Near the bottom of the box was a 1-in. circular hole, closed by a wooden plug, which was removed when it was necessary to lower the centering, permitting the sand to run out of the hole. The 
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top of the cylinder was covered with several thicknesses of tar paper, in order to 

exclude rain. The maximum pressure upon the sand was 620 lb. per sq. in. The stress 

in the steel shell was figured on the basis of this pressure applied to each square inch 

of the shell, or on the basis of water pressure. (For comments on design and use of 

sand boxes, see Eng. Rec., Vol. 74, p. 531.) 

Erection. A full-size drawing of the centering should be laid out upon a 

level floor, using transit and steel tape. Templets of thick paper or prefer- 

ably of white pine should be made of all curved pieces and of the ends of all 

members having beveled or mitered ends, and the full length of each piece 

measured, intermediate notches being accurately located. The separate 

pieces of the centering should be laid out, using these templets and measure- 

ments. In making the layout drawing, the true curve should be first laid out 

and then a second curve drawn, adding sufficient camber to allow for the prob- 

able settlement of the falsework. 

All carpentry work should be the best class of heavy timber work. Care should be 

taken to see that all saw cuts are true, and surfaces of abutting timber should be adzed 

off to make a snug fit. Just before the centering is loaded it should be inspected and 

all joints which have opened up should be shimmed tight, using shingles or thin 

wedges. During the construction of the arch similar wedging should be done, as the 

settlement of the falsework may open joints. 

As large centerings are expensive and if destroyed by fire not only the centering but 

the arch also is lost, they are occasionally insured and given fire protection. At Con- 

necticut Ave. Bridge, the centering for which cost about $50 000, a 4-in. water main 

was laid along the top of the construction trestle and a hose connection with hose 

attached provided opposite each large arch: The centering was watered every evening 

as an additional precaution. The wetting of the centering, however, tends to cause 

softening of the wood fiber of the side grain, and when used, somewhat lower stresses 

upon side grain should be used than are allowed in Art. 1. 

For concrete arches the tongued and grooved lagging should be laid with a board 

omitted every 10 ft., to allow for the swelling of the flooring when it rains, otherwise 

much of the flooring will buckle and have to be relaid. If continuous forms are built 

to form the face of the arch ring, they should be sawed through with radial saw cuts 

at intervals of about every 25 ft.; otherwise when the centering settles these forms 

will twist and warp and an unsightly face results. 

It is customary to speak of lowering the centering, but when the wedges at the top 

of the falsework are loosened, the centering actually rises. It has been held down by 

the weight of the arch, and when the wedges are driven out, the centering rises due to 

the elastic resilience of the wood. If the wedges are at the bottom of the falsework, 

the general movement of the falsework is downward, but the falsework is not really 

lowered until the timber is no longer under restraint. 

It seems to be the common opinion that when wedges are moved and still remain 

tight the arch is lowering and following the centering. This usually is not true. Arches 

of concrete, built of alternate blocks, do settle very slightly, due to the fact that the 

concrete of each block shrinks in setting up, but in arches from 60 to 150 ft., of mod- 

erate rise, the settlement is seldom over 1/8 in. Arches built in longitudinal rings 

settle less. . 

If the temperature rises after the arch is keyed, the expansion of the concrete may be 

sufficient to develop arch action while the arch is still on the centering, and if so, prob- 

ably no settlement will take place. Or if the falsework is weak, the arch will key itself 

tight, due to its own load. If the falsework is very wet when keyed, the arch may also 

develop arch action by the shrinkage of the timber due to drying out. If the temper- 

ature of the air falls 15° or 20° for any length of time after keying the arch and the 

centering is stiff, the contraction of the arch masonry may cause cracks to appear in 

the arch, while still upon the centering, unless the arch is reinforced with steel. 

Tf an arch is built in alternate transverse sections, the falsework may have to carry 

loads in excess of the weight of the arch, due to the fact that on account of the shrink- 

age of the concrete in the several sections the arch ring consists of a number of 

separate blocks which are no
t quite in contact. A load, A, if placed upon the arch before 

striking the wedges, may have to be carried by the centering. At both the Connecti- 

cut Ave. arch and the Edmondson Ave. arch a settlement of about 1/4 in. took 
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Place in the crown when the load A was placed. After this there was no appreciable 
lowering of the crown, except that upon striking the settlement may have been 
as much as 1/16 in. 

Details of a Stone Arch Centering. All the foregoing data are generally applicable 
to centering for stone arches. The lagging for stone arches may consist of timber from 
3 to 6 in. thick and laid with open joints, as in Figs. 43-45. The wedges are placed 
under the lagging or at lower points. These figures also show typical bows which may 
be used for the trussed or the bent type of centering. As a considerable portion of the 
arch stones may be placed temporarily upon the falsework to decrease deformation 
without inconvenience to the contractor or added cost, the bowstring centering is 
somewhat better adapted to stone than to concrete arches. 

14. Roof Trusses 
Definitions and Description. The top chords of roof trusses, sometimes 

called the main rafters, usually support timbers called purlins, laid at right 
angles to the planes of the trusses. These purlins support timbers called 
common rafters, laid at right angles to the purlins or parallel to the main 
rafters. Upon the common rafters are laid boards called sheathing, and upon 
the sheathing a roof covering, such as tin, shingles, or terra cotta. The 
purlins may be laid close together and the common rafters omitted, or heavy 
planking may be used to span between main rafters and both purlins and 
common rafters omitted. This latter method is uneconomical and seldom used. 

Trusses are usually placed from 12 to 16 ft. on centers, purlins 8 to 10 ft., 
and common rafters 11/2 to 21/3 ft. Purlins should be placed at or near 
panel points so as not to cause flexure in the top chord members. When the 
common rafters are omitted, the top chord members should always be com- 
puted for both compression and flexure. Purlins may be placed with their 
sides either vertical or at right angles to the main rafters. The latter method is 
slightly more expensive, except where the purlins are supported by steel 
hangers. 

Roof trusses are designed to support the roof and snow load and withstand wind pressure and occasionally to support a ceiling or lower floors, which are hung from the trusses by means of hanger rods. For loads and computation of stresses see Sect. 12. 
Weights of Trusses. The following formula, recommended by H. S. Jacoby (Structural Details, 1910), is based upon 121 designs of English and Belgium roof trusses of spans ranging from 48 to 196 ft., with a rise of one- sixth to one-third of the span, spacing of trusses 8 to 12 ft., a snow load of 25 lb. per sq. ft. and a normal wind load corresponding to a pressure of 40 Ib. 

per vertical sq. ft. 

W =1/2 al (1 +0.15 1) 
in which W is the weight of a truss in pounds, @ the distance between centers 
of trusses, and / the span, both a and J being expressed in feet. The above 

approximate weight of 
(5) truss is suggested for use 

aS in design, but the weight 
of the truss, when de- 

z signed, should be esti- 
(3) be , sh mated and compared d with the approximate a a one used. 

Fig. 50. Types of Roof Trusses Common Types of 
Roof Trusses are shown 

in Fig. 50. In these diagrams the heavy lines indicate timbers, the lighter 
ones iron or steel ties, the light dotted lines counterbracing and the heavy 
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dotted lines auxiliary timbers. When timbers are used as tension members 

they are marked with a plus sign. The ends of timber ties should be detailed 

to transmit tension, using steel straps or gusset plates and bolts for this 

purpose. Trusses with all tension members of iron or steel are called com- 

bination trusses. 

Type (1) is used for temporary buildings such as sheds, the spans not 

exceeding 24 ft. . The horizontal tie is generally supported at its middle by a 

tie rod or plank, shown by the dotted vertical line. An intermediate horizon- 

tal plank, shown by the dotted horizontal line, spiked to the main rafters, 

may be used to stiffen the truss. Type (2) is a king-rod truss, which is a 

modification of type (1), the rafters being supported by timber struts at their 

middle points. This type is used for 24- to 36-ft. spans. Type (3) is a com- 

bination truss with main rafters supported by struts at middle points, which 

may be used for spans of 25 to 45 ft. Joint b should be pin-connected, and 

ties ab and bc should not be in one length. Type (4) is a queen-rod truss 

suitable for spans between 24 and 36 ft. The middle panel should be counter- 

braced, as shown by light dotted lines, to take care of the wind pressure upon 

the roof and eccentric loading. When this type is used with a pitch roof, 

rafters are placed above the top chord, as shown by heavy dotted lines. 

For spans between 36 and 45 ft. struts should be placed to support the, main 

rafters at their middle points. Type (5), called a scissor truss, is suitable 

for spans of 24 to 30 ft., and where a high ceiling is desired. Modifications 

of this are sometimes used for slightly larger spans. Type (6), called an 

English roof trusses, is used for spans from 40 to 60 ft., or for larger spans with 

an increased number of panels. For the shorter lengths it is built in 6 or 8 

panels. Type (7), called the Belgian . 

roof truss, may be used for the 

same spans as Type (6). In this 

truss the- struts are perpendicular 

to the rafters and there are two 

less panels in the lower chord than 

in the upper one. 
Howe trusses are generally used 

for flat roofs, for spans fronr 40 to 

130 ft. They are built with depths 

equal to from 1/7 to 1/10 of the span. Fig. 51 shows the middle portion of 

one or these trusses. The upper chord is horizontal, but the roof is made to 

have a low pitch by using short vertical struts of different lengths. There are 

no counterbraces, since there is no rolling load. This figure will apply to roofs 

of from 85- to 125-ft. span. 

Fig. 51. Howe Roof Truss 

15. Design of a Roof Truss 

Data of Design. (Fig. 52.) The truss will have a span of 48 ft., pitch 

30°, distance center to center of trusses 16 ft. The roof covering will be of 

3/16-in. slate laid upon wooden sheathing. The sheathing will be supported 

by common rafters resting upon purlins at or near panel points of the top 

chord. Slate roofing is selected in preference to tin, corrugated iron, or 

wooden shingles because of its permanence and low cost of maintenance, and 

in preference to clay tile because appearance is not desirable and slate is the 

cheaper. For slate roofs the pitch should not be less than 1:2 or 26° 30’. 

This rule for pitch may be applied to the other kinds of covering mentioned. 

The trusses were spaced 16 ft. apart on centers, as this is generally the maxi- 

mum limit of span for untrussed purlins. “This spacing therefore is the eco- 
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nomical one. The roof has been designed to carry the dead load, a snow load 
of 10 lb. per square foot of horizontal area and a wind pressure of 30 lb. per 
square root of vertical area, which for a 30° pitch gives a pressure normal to 
the roof of 24 lb. per sq. ft. (see Sect. 12). The weight of the slate covering 
and sheathing was taken at 11 Ib. per square foot of roof. 

Unit Stresses. Southern pine, select grade, was used throughout. The allowable 
unit stresses for dry location are given in Art. 1 as follows: Tension with the grain = 
1600; compression with the grain = 1175; compression across the grain = 325, for 
washers 50% greater or 490; extreme fiber stress in bending = 1600; shearing with 
the grain for joints = 176; horizontal shear in beams = 117. 
Common Rafters. The rafters will be placed 2 ft. on centers, so that 7/8-in. tongued 

and grooved sheathing dressed one side may be used. Occasionally the sheathing may 
have to be figured as a beam to carry the load upon it, but usually it may be selected 
without computation. The vertical load upon the rafter consists of the weight of roof 
covering and sheathing, snow load and the weight of rafter assumed at 3.5 Ib. per lin. 
ft., or 2X 9.25 X11+2X8xX104+3.5 X*925 = 396 Ib. The wind load acting 
Perpendicular to the top of the rafter is 2 X 9.25 K 24 = 444 Ib. 

The total load normal to the top of the rafter equals 444 + 396 & cos 30° = 787 
lb. The load parallel to the length of the rafter = 396 X sin 30° = 198 lb. (Fig. 52e). The latter component is transmitted directly to the purlin, although a part may be carried up through the common rafters to the apex of the roof. In this design it will be assumed that the entire component is taken by the purlins. To select the size of rafter, enter the beam table (Art. 3) with a load of 787 X 1000/1600 = 492 Ib. since the table is based on a fiber stress of 1000 Ib. For a span of 9 ft.a 1 X 6-in. rafter would be not quite strong enough, so that a2 X 6-in. should be used. This will be wide enough for nailing the sheathing. If the rafter is investigated for bearing at the ends, horizontal shear and deflection, it will be found large enough. 

Purlins. Since the load upon the purlins (Fig. 52f) is inclined, it is necessary to find the inclination of the neutral axis in order to find the true stresses. The following formulas from Jacoby’s “ Structural Details ” are recommended: 
Tan 8 = (d?/b’) tana I = 1/12 bd [(d cos 8)? + (b sin B)?] 

c = 1/2 (dcos 8 + bsin B) S = Mc/I 
in which @ is the angle made by the load with the longer side of the beam and B is the angle between the neutral axis and the shorter side of the beam; d and b are the depth and width of the beam in inches; I is the moment of inertia; c is the distance from the neutral axis to the most remote fiber; M equals the bending moment in inch-pounds and S equals the maximum fiber stress per square inch. 

The load normal to the top of a purlin exclusive of its weight, since there are 8 rafters in each length of purlin, is 787 X 8 = 6296 Ib.; the load normal to the side of the Purlin is 198 X 8 = 1584]b. The weight of the purlin is approximately 22 lb. per ft., or 350 lb. Resolving this weight normal to the top and side of the purlin gives re- spectively 304 lb. and 175 Ib. to be added to the foregoing loads, or the total load normal to the top = 6600 Ib. and that normal to the side = 1760 lb. The total load on the purlin equals’ 6830 lb. and then M = 6830 X 16 X 12/8 = 164 000 in.-lb., the load being assumed as uniformly distributed. Tan oe = 1760/6600. Assuming the dimensions of the purlin to be 8 X 10 in. and the 10-in. side normal to the main rafter, 8B = 22° — 35’, J = 630, ¢ = 6.15, M = 164000 in-lb. and § = 1600. Ib. per sq. in. which is within the allowable unit stress. 
Allowable Compression on Inclined Surfaces. Hankinson’s formula for compressive stress on surfaces inclined to the fibers is 

N= wi 
P sin? 0 + Q cos? 6 

where @ is angle between the direction of the load and the direction of the grain. For designing joints in the present problem P = 1175, Q = 325, so 
that the equation may be written 

N = 450/(1.382 — cos? 6) 

(see Art. 2), 
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This is a convenient form for designing. Either this. formula or the table in 

Art. 2 may be used in designing the timber joints. To facilitate design, the 

following table is computed from this formula: 

6° N Ib. per sq. in. 6° N Ib. per sq. in. 

0 1175 40 570 

10 1090 Ys 50 465 

15 1000 60 395 

20 900 75 340 

30 710 90.4 325 

Truss Members. The maximum stresses are given in Fig. 52c. For the 

top chord the maximum stress is 36 000 lb. compression. The Jength of the 

chord per panel is 9 ft. 3 in. The allowed stress per square inch for columns 

under 11 diametersis11751b. T he approximate net area hence is 36 000/1175 

= 31 sq. in. Use an 8 X 8-in. timber in order to allow for the cutting of 

daps and notches, holes for bolts and tie rods. Although theoretically 

smaller-sized timbers may be used in the upper panels, it will be cheaper to 

make the main rafter or top chord of one length, and even where a single splice 

js necessary, due to the length of rafter, the use of the same size of timber 

throughout the length is economical. For the bottom chord the maximum 

stress is 31 300 Ib. tension and the allowed stress per square inch 1600 lb. 

To allow for the cutting of daps and bolt holes, particularly at the end joint, 

a, use an 8 X 8-in. timber. Care must be taken to consider actual and not 

nominal dimensions of timber. 

The strut Bc has a maximum compressive stress of 7200 lb. Its length is 9 ft. 3 in. 

Since the column length is small, the side-grain compression of the chord by this mem- 

ber will determine its size. For the purpose of selecting the requisite size take the 

allowable bearing stress from the table above, the angle between the top chord and Be 

being 60°. The requisite size is 7200/325 = 22 sq. in. Since this member will sag 

sightly, due to its inclination, use a 6 X 6 in. timber. 

The strut Cd has a maximum compressive stress of 9500 Ib. Its length is 12.0 ft. 

This strut, on account of its length, will be first computed as a column. Assume a 

6 X 6-in. section. The 1/d would be 12 X 12/6 = 24. The allowable stress as given in 

the table in Art. 3 is 755 lb. per sq- in. or an allowable load for the strut of 5-1/2 X 5-1/2 

> 755 = 22 800 lb. For bearing across the grain of the top chord an area is required 

of 9500/325 = 29.2 sq. in., which is less than provided. 

The tie rod Bb, if there is no ceiling to be supported as in this design, carries very 

jittle stress, its function being to prevent any sag in ac; a 5/8-in. rod will be used. 

The tie rod Cc is stressed 3600 lb. To select the proper steel rod, enter table in Art. 6 

for recommended stresses in bolts. A 5/8-in. rod is too small, therefore use a 3/4-in. 

tod which is good for 4830 lb. It should be noted, in this table, that the gross area of 

a 5/8-in. rod is the same as the net area of a 3/4-in rod; therefore if the ends of a 5/8-in. 

rod are upset it will be strong enough. A 3/4-in. rod without upset ends will be used, 

because in small trusses where only a few rods are required they are often made in 

small local shops and the welds are not first-class. The tie rod Dd may be selected in 

a similar manner, a 1-1/4-in. rod being used; if the ends are upset a 1-1/8-in. rod | 

will answer. 

Joint C. The washer for the tie rod should be a beveled one (Art. 4). The end of 

the strut should be cut as shown in the figure so that the short bevel bisects the angle 

between the top chord andstrut Cd. Ifsocut this bevel will make the same angle with 

the fiber of both the top chord and Cd, and the allowable unit stress will be the same 

for both the top chord and strut. Ifcut at any other angle the allowable stress will be 

less for one member and greater for the other and the lesser will govern. The angle 

made by the surface of the small bevel with the fiber of both chord and Cd equals 50°, 
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the angle between the line of the load and the fiber is 40°, and the safe allowable pres- 
sure, from table above, is 570lb. per sq. in. The pressure on the bevels is found by 
resolving the stress in the strut, 9500 lb., into two components, one perpendicular to 
the short bevel and the other perpendicular to the long bevel. This gives a pressure 
on the short bevel of 4700 Ib. and on the long bevel of 6600 1b. Therefore the length 
of the short bevel must be 4700/570 X 6 = 1-3/8 in. Make the bevel 1-1/2 in. to 
allow for inaccurate framing. The surface of the long bevel makes an angle with the 
top chord of 7° 30’ and the safe compression from the table is about 330 Ib. per sq. in. 
The length of the bevel is 5-1/2 in., and the pressure per square inch therefore equals 
6600/6 X 5-1/2 = 200 lb., which is safe. 

Joint D. The stress in the vertical rod is 14 400 Ib., and the washer makes an angle 
of 30° with the fibers of the chord. The safe bearing from above table, and allowing 
an increase of 50% for washers, = 600 lb. per sq. in. The net area of washers re- 
quired = 14 400/600 = 24 sq.in. A standard cast-iron washer can therefore be used, 
see Art. 4. The horizontal pressure at the joint is 18 700 Ib., and the angle of the 
joint surface with the fibers is 60°. From the table the allowable compression is 
710 lb. per sq. in. The net area of contact, deducting the area cut out by the bolt 
hole, must be at least 18 700/710 = 26.3 sq. in. The actual area is greater than this. 

Joint d. The stress in the vertical rod is 14400 lb. The washer presses against 
the side grain of the bottom chord, and therefore its net area must be at least 14 400/490 
= 29.4 sq.in. Use a6 X 6 X 3/4 washer (Art. 4). The bevel surface of the angle 
block makes an angle of 40° with the fiber of the block. The allowable compression 
from the table is therefore 465 Ib. per sq. in., and the stress in Cd being 9500 Ib., the 
necessary area is 9500/465 = 20.4 sq. in. The actual area is 36 sq. in. The bearing 
of the bottom of the block upon the side grain of the bottom chord is evidently suffi- 
cient. The dap in which the angle block is seated must be deep enough so that the 
difference between the horizontal components of the stress in Cd and in C’d can be 
transmitted when the wind blows on either side of the truss. The horizontal com- 
ponent equals 2700 lb. Now since both the block and chord bear on end grains, the 
depth of the dap must be at least 2700/1175 X 8=1/4in. Use 1/2-in dap to allow for 
the inacccurate framing. In this design it is not necessary to compute the actual 
horizontal shearing stress in the block, due to the pressure of 2700 Ib., as it is evidently 
very low. 

Joint c. The washer was designed similarly to those of joints Dandd. The short 
bevel at the end of the timber is on the line bisecting the angle between the lower chord 
and Bc, see joint C. The angle made by the surface of the short bevel with both the 
chord and Bc is 75° and the allowable compression for both chord and strut is 1000 lb. 
per sq. in. Therefore since the stress Be is 7200 lb., the length of the short bevel must 
be 7200/1000 X 6 = 1-1/4in., but 1-1/2 in. will be used to allow for inaccurate framing. 

Joint a. The stress in the tie equals 31 300 lb. The allowable unit tension equals 1600 Ib. per sq. in. Therefore the net cross-section of the tie must be at least 31 300/1600 = 20 sq. in. which requires a net depth of timber of at least 2-3/4 in. Using 3 in., the length of the heel bevel of the top chord will be 4.5/cos 30°, or 5-1/4’. The toe bevel in this design will be made 2 in. The total area of end bearing there- fore equals (5-1/4 + 2) 7-1/2 = 54.4 sq. in. The angle made by the bevels with the fiber 
of the bottom chord equals 60°. Therefore, from table in this article, the allowable 
compression is 710 lb. per sq. in. Therefore the total allowable pressure on the bear- ing is 710 X 54.4 = 38 600 lb., which is greater than the thrust of the top chord. In order to take care of the horizontal component of the thrust of the top chord, the distance from the heel to the end of the lower timber must be such as to develop the necessary horizontal shear, or the length must be at least 31 300/6 X 176 = 30 in. In this design the bolt tying the chords together is not figured to transmit stress, but is designed to hold the members together. The bolt at the end of the timber is intro- duced to increase the resistance against horizontal shear. 
The bearing area on the post must be able to take the total reaction of the truss, or 21 600 lb. Since side grain bears on side grain, this area must be at least 21 600/325 or 67 sq. in. The block should therefore be at least 9 in. wide. However, since the truss will deflect under its load, the pressure on the inside-of the block will be greater than on the outside. The pressure is not uniform, but the exact difference is unknown. An area of 25% in excess of that theoretically required is recommended, or 67 X 1.25 
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= 84sq.in. Since the chord is 8 in. wide, the block should be at least 11-1/2 in. long 

anda 6 X 12-in. block should be used. 

If it is impracticable to get a length of 30 in. to take care of the horizontal shear, a 

bolt or bolts may be used to take part of the shear as at Fig. 52b. Assume that the 

length is 27 in., then the shear to be taken by the bolt equals 3 X 7-1/2 K 176 = 4000 

lb. Resolving this horizontal stress parallel to the bolt and perpendicular to the tie 

member, as in Fig. 52b, gives a stress in the bolt of 8000 lb. Enter the table of recom- 

mended stresses for bolts (Art. 6), selecting a 1-in. bolt, which is a little larger than 

necessary. The top washer, which bears on side grain, should have a net area of 

8000/490 = 16.4. sq. in. Use a 4 X 4 X 1/2 in. square plate washer. 

A bolster will be used under the end of the truss so that it will not be necessary to 

cut into the bottom chord timber in order to get a proper bearing for the lower washer. 

This bolster will stiffen the truss and is particularly valuable when the support cannot 

be placed directly under the intersection of the neutral axes of the top and bottom 

chord timbers. The bolster will be made of a 4 X 8-in. timber. It must transmit 

to the lower chord not only the horizontal component of the pull of the bolts, but 

must also take the horizontal component of the wind pressure. 

The design of the bottom washer is similar to those in joints C and D. A key of 

Southern pine will be provided at A to transmit the horizontal pressure which amounts 

to 4000 + 4200 = 8200 lb. The area of bearing of the key in both the bolster and 

lower chord members, since both the key and adjacent timbers bear on end grain, 

must be at least 8200/1175 = 7.0 sq. in., and the depth of the key must be 2 X 7/7.5 = 

1.87 in. A depth of 2 in. will be used. The length of the key should be 8200/176 X 

7.5 = 6.2 in., but 6-1/2 in. will be used. The distance of the end of the key from the 

end of the bolster will also be 6-1/2 in. 
The key tends to rotate, the moment being equal to 8200 in.-lb., the arm of the 

horizontal forces acting on the top and lower halves of the key being 1 in. This 

moment compresses the top and bottom of the key and the adjacent chord and bolster 

timbers. The maximum compression S = 6 M/d/2 in which M is the rotating moment 

in in.-Ib., b is the width of the key and / its length in inches, or S = 6 X 8200/(7.5 X 
6.5 X 6.5) = 156 lb. per sq. in., which is safe. The rotating moment also causes 

tension in the adjacent bolt. This bolt acts with a leverage of at least 1/2 the length 

of the key, or 3-1/4 in. The stress in the bolt will not exceed 8200/3.25 = 2520 Ib. 
A 3/4-in. bolt, although stronger than theoretically necessary, will be used. 

16. Howe Bridge Trusses 

General Data. Timber bridges are generally of the Howe type, shown in 

Fig. 53. All members of this type are of timber except the vertical tension 
members and the lateral and sway tension members. The depth of the 

trusses of through bridges is generally governed by the necessary overhead 
clearance, which is 14 ft. for highways and from 17 to 25 ft. for railways. The 
weights of Howe trusses and of Howe bridges are about 1/3 larger than those 
of steel bridges of the same span, character of floor and class of loading. 
(See Sect. 12, Art. 9.) The stresses in the Howe truss are similar to those in 

the Pratt type, except that the diagonals carry compression instead of ten- 
sion. The panels of the Howe truss are seldom over 10 or 12 ft. long and 
sometimes less. The truss is not suited for long spans, though it has been 

used for spans up to 250 ft. 

Chords. The top and bottom chord sections of the trusses are built of 
from two to four pieces of timber varying from 3 by 8 in. to 8 by 16 in. in sec- 
tion. The greatest available length of these sections should be used in order 
to decrease the number of splices. Timbers 65 ft. long have been used for 

chord timbers. Fig. 53 shows a common method of packing the top and bot- 
tom chord timbers. Not more than one timber should be spliced in the same 
panel. Splices should be made at packing blocks. The simplest lower 
chord joint is the tabled fishplate type, and other styles are shown in Art. 6. 
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848 Falsework and Trusses Sect. 9 

Typical floors for timber bridges are shown in Fig. 38. For long bridges 

with heavy loads, more than one floor beam can be used per panel, and for 

greater strength they are made trussed beams. More than one rod can be 

used for the vertical tension members of a bridge of this size. The struts 

are usually made up of two sticks, with counterbracing in the panels made of 

one stick passing between the two of thestrut. The counterbracing is needed 

to give the truss camber, and to take care of reversal of stress in the diagonal 

due to the moving loads. 

Angle Blocks. Hollow or solid cast-iron or oak angle blocks are used to 

distribute the compression brought by the web members upon the side grain 

of the chords, and channel washers extending across the width of the chord 

as in Fig. 53 are often used in lieu of plate washers to transmit to the chords 

the pull of the vertical tie rods. 

Design of a Howe Truss. The truss in Fig. 53 was designed for a highway 
bridge having a span of 50 ft. and a width of 16 ft. The bridge was designed 
for a live load of 100 lb. per sq. ft. and a 15-ton road roller. Southern pine, 
select grade, was used throughout. The sizes of the members were deter- 
mined in a similar way to those of the roof truss (Art. 15). The same sizes 

of timbers are used in all panels of the top chord and all panels of the bottom 
chord, although theoretically uneconomical. In using the column tables or 
applying the column formula to the top chord or other built-up compression 
members, the separate pieces should be regarded as detached columns. 
When the separate pieces are well packed and bolted, they may act together as 
a single column, but on account of the shrinkage of the lumber it is not safe to 
depend upon such action. That chord which supports the floor beams, un- 
less these are placed at panel points, should be computed for both flexure 
and direct stress. In this design, the floor beams are placed at panel points 

only. 

Joint C. The stress on the vertical tie rod is 18 600 lb. The allowable bearing on 

the side grain of the top chord from the table of Art. 1 is 490 lb. per sq. in., allowing 
50% increase under washers. The necessary net area of washer is 18 600/490 = 38 
sq.in. Allowing for the bolt holes, the necessary gross area is 41sq.in. A 6-in. chan- 
nel the full width of the top chord, or 16 in. long, is used, as this size washer is needed at 
joint B and the same size will be used throughout. 

A cast-iron angle block is shown in the figure, but in this design oak angle blocks 
might be used. When cast-iron blocks are used, their webs should be designed to 
transmit the thrust of the main brace and counterbrace. Counterbraces are shown 
by dotted lines in the diagram of Fig. 53. Each lug should be designed to be able to 
transmit the entire horizontal component of the main brace to the top chord. 

The vertical component of the stress in the brace is 18 600 lb.; therefore the area of 
the base of the angle block should be at least 18 600/325 = 57 sq. in. In order to 
provide bearing for the brace and counterbrace the area of the brace willbe made much 
larger. The horizontal component of the stress in the brace being 21 000 lb., the depth 
of the lugs, assuming that the packing pieces take their part of the horizontal com- 
ponent of the brace must be at least 21 000/16 X 1175 = 1-1/8in. Ignoring the 
packing pieces, the depth should be 1-1/2 in., which depth will be used. 
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STONE QUARRYING AND CUTTING 

1. Building Stone 

Selection of Building Stone. In passing upon the suitability of unquarried 

rock for construction purposes, the engineer must decide the following points: 

(1) Whether or not the rock can be quarried in blocks of sufficient size for his 

purposes. This is dependent upon the frequency and character of the seams 

or joints. (2), Whether or not the stone will weather, This can best be deter- 

mined by observing exposed faces, to some extent by determining the relative 

porosity of the stone and by obtaining advice of experienced geologists. The 

national government in Washington and practically all state governments 

have experts whose advice is readily obtainable. Similar help can be secured 

at most colleges and universities. (3) Whether or not the stone can be eco- 

nomically shaped for ashlar. This is dependent upon the hardness of the stone 

and the extent to which it may contain dry seams. The writer recalls a pier 

that was constructed from local stone which was so hard and so full of dry 

seams that the pier would have cost probably less than one-half had the stone 

been procured at a good quarry a thousand miles away. It was difficult in this 

case to keep stonecutters at work continuously over a week; their wrists 

would not stand the work. (4) Whether or not the stone can be effectively 

carved. Carving requires a fine-grain stone and one that is not very hard or 

brittle. Some granites can be carved almost as effectively as limestone. 

In passing upon a quarry for crushed stone one should determine the follow- 

ing: (1) Its weathering qualities, hardness and durability. (2) The readiness 

with which it can be quarried. The inexperienced engineer should solicit the 

opinion of expert quarry foremen or obtain the academic advice of geolo- 

gists. In any event, he should note the following: (a) Whether the rock can 

be readily drilled. It will be found that some stone contains hard material 

such as garnets, iron and flint which make drilling very expensive. (6) If the 

rock is fissured it may be difficult to blast. (c) If garnets, iron, flint, etc., are 

found in large quantities the crushing will be difficult and the crusher main- 

tenance very high. (d) It should also be noted that some laminated stones 

break into flat slabby pieces which do not make first-class concrete or road 

aggregate. 

Classification.* Building stones are classified according to origin (igneous, 

sedimentary, and metamorphic), and subdivided according to mineral and 

chemical composition, texture and structure, and geologic age. The most 

common granular crystalline-igneous rocks are granites, diorites, and gabbros 

or diabases; the more common dense varieties of volcanic origin are rhyolite, 

andesite, and basalt. Igneous rocks that have conspicuous crystals dissem- 

inated through a fine-grained to dense ground mass are called porphyries (e.g., 

granite-porphyry, rhyolite-porphyry). Sedimentary rocks include conglom- 

erates (consolidated gravel), sandstones and many quartzites, shales (con- 

solidated clays), limestones and dolomites. The more common metamorphic 

rocks are gneisses, schists, slates, some quartzites, and marbles. Varieties of 

any one of these rocks are distinguished by certain characteristic minerals 

(e.g., coarse-grained gneissoid granite, fine-grained thin bedded limestone). 

Igneous Rocks.* The most abundant of the granular crystalline rocks is 

granite which consists mainly of feldspars and quartz with minor quantities 

of mica or hornblende, and minute quantities of certain other minerals. 

* Largely from G. F. Loughlin. 
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Commercially, however, other granular igneous rocks, like diorite and gabbro, 
which consist mainly of soda-lime feldspar and hornblende or pyroxene, are 
referred to as “ black granite.”” These rocks are commonly massive, although 

closely spaced fractures or joints parallel to the surfaces of some quarries 
resemble a bedded or stratified structure. Gneisses (granular metamorphic 
rocks similar to granites in mineral composition but distinguished by a foliated 
arrangement of mineral grains) are also called granite commercially. Granites 
as a whole are composed mainly of hard minerals that are extremely resistant 
to chemical weathering and are so firmly welded together by crystallization 
under great pressure that they make by far the strongest stone in common 
use. Granites that contain unusually large percentages of mica are compara- 
tively soft, but are resistant to weathering if free from alteration. Gray and 

light-red granites are generally more durable, as they consist of minerals which 

are more resistant to weathering. True granite generally has the advantage 

of breaking with regularity and is readily formed into simple shapes, but is 

so much harder and tougher than most sedimentary rocks that the elaborate 

finishing of blocks is comparatively expensive; however, in structures of 

monumental character and those subjected to severe conditions of physical 

and chemical weathering it may be ultimate economy to use granite. 

Sedimentary Rocks.* Limestone is widely distributed and is more widely 

used for building and crushing than any other kind of stone: _It includes many 

varieties, which differ in color, composition, and adaptability for engineering 

and building purposes. Many limestones are dull gray or bluish gray and 

unattractive from an architectural standpoint. Some of-these are massive 

and suitable for crushing, and sufficiently free from impurities to be used in 

metallurgical and chemical industries; but others contain so many shaly 

streaks and are so impure that they are of no value unless situated where 

they can be used with other material in the manufacture of Portland cement. 

The famous Indiana odlitic limestone, which contributes more than half of 

the building stone quarried annually in the United States, is a light buff to 

gray, porous, granular stone, similar to sandstone in mode of origin, although 

its “sand ” grains are practically all minute shells or shell fragments. It is 

very easily quarried and worked, and is adapted for architectural and engi- 

neering uses where chemical weathering is not too severe. 

Most limestones and marbles consist mainly of the mineral calcite which is 

slightly soluble in rainwater and in other waters or vapors containing acids 

and certain salts, especially ferric sulphate. Dolomite stone, or high mag- 

nesium limestone, which consists mainly of the mineral dolomite, is similarly 

affected but much more slowly... The effect. of this corrosion is to roughen 

the surfaces of unevenly grained stones and gradually to remove small details 

of finish; but the rate of corrosion on the most exposed parts of buildings in 

the larger eastern cities of the United States is only about 1 inch in 600 to 

800 years. It is much faster where attack by acid waters is more concen- 

trated and continuous. The texture of limestones and dolomites varies from 

very porous to impervious, and their strength and resistance to weathering 

vary accordingly; but resistance to freezing depends not so much upon the 

degree of porosity as upon the size and distribution of the pores and the 

presence of impurities, especially certain varieties of clay minerals, that readily 

absorb and give off water with changing climatic conditions. 

Sandstones * also vary greatly in color, texture, and usefulness. Their more 

common colors include light gray, buff, pink, red, and brown. Siliceous sand- 

* Largely from G. F. Loughlin. 
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stones consist almost entirely of quartz grains cemented by silica, and the 

impervious variety of this composition, called quartzite, is extremely hard and 

difficult to work; but it is used especially in the manufacture of silica brick, 

and occasionally as crushed stone and building stone. Calcareous sandstones 

contain calcite (calcium carbonate) as the principal cementing material, and 

like limestones are noticeably affected by severe or prolonged chemical 

weathering. Argillaceous sandstone contains clayey material as its chief 

cementing constituent, and is subject to relatively rapid disintegration, espe- 

cially if certain of the clay minerals are concentrated along layers. Ferru- 

ginous sandstone contains considerable red, brown, or yellow iron oxide in its 

matrix. Its durability depends mainly upon whether the stone is otherwise 

siliceous, calcareous, or argillaceous. 

Metamorphic Rocks.* Gneiss, marble, quartzite, and slate have already 

been mentioned in connection with closely related igneous and sedimentary 

rocks. Mica and hornblende schists if too thinly foliated are of little use for 

anything but low-class rubble and riprap. The less foliated varieties, however, 

are locally crushed and used in concrete masonry. 

2. Tests for Building Stone 

Weight or Density is an important property since upon it depends to a 

large extent the strength and durability of the stone. Methods of determin- 

ing the specific gravity are described in Sect. 7, Art. 25; weights of various 

classes of stone are given in Sect. 7, Art. 37. 

Crushing Strength | may be determined as described in Sect. 7, Art. 25. 

In making tests of crushing strength, the position of the test specimen with 

reference to bedding planes or other planes of weakness should be carefully 

noted. As the crushing strength is usually highest when pressure is applied 

at right angles to the bedding (or to the rift), care should be taken to mark 

the direction of bedding, or of rift and grain, on the test specimens. (See 

Art. 4.) 
If test specimens are dressed by hand, the concussion of the tool has a 

shattering effect, especially on small specimens. Tool-dressed 2-in. cubes 

usually show only about 60% of the strength of sawed and rubbed cubes of 
the same size, which most nearly represent the conditions of actual practice. 

Values of crushing strengths of various classes of stones are given in Sect. 7, 
Art. 37. These show that granites and slates far exceed any requirements 
placed upon them in structures; that most marbles do so also; that lime- 
stones and sandstones have a great range in strength, even the weakest far 

exceeding the immediate pressure of the load placed upon them, but subject 

to some concern as they age. The strongest limestones may not be attrac- 
tive architecturally, and the strongest sandstones (or quartzites) may be 
unattractive as well as very expensive to work; but both are quarried to a 
greater or less extent for crushed stone. 

3. Durability of Building Stone + 

Methods of Determining Durability. There are three methods of determin- 

ing the durability of stone under different conditions: examination of old 

structures, mineralogical examination, and physical and chemical tests. The 

* Largely from G. F. Loughlin. 
+ In part from G. F. Loughlin. 
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first, when feasible, is the best as it shows exactly how the stone has withstood 
conditions of natural weathering, pressure of heavy loads, abrasion, corrosion 
by acid waters, and any other special agencies that affect durability. The 
stones most resistant to weathering retain sharp edges and corners and 
delicate tool marks for many years, but there are exceptions to the general rule. 

This uncertainty, however, can be cleared away to a considerable degree by 
- mineralogical examination, which shows the minerals present, the manner in 
_ which they are held together, and the kind and degree of alteration undergone 
by the different minerals whereby their strength and durability may be 
affected. Such an examination will aid in the selection of physical and chem- 
ical tests that are necessary to determine those properties of the stone that 
are of critical importance. 

The use of physical and chemical tests is based upon the assumption that the relative 
durability of stones is proportional to their crushing strength, their absorptive power, 
their resistance to freezing, and their solubility in acids; but in the making of the tests 
each element.acts by itself, whereas in the structure the stone is exposed to the com- 
bined action of all these methods of attack, and their action may be, and frequently is, 
different from that when acting separately. The principal tests made to determine 
the durability of a stone are the absorptive power, the solubility in sulfuric and hydro- 
chloric acids separately and combined, the resistance to fire, the loss due to freezing 
and thawing, and the artificial freezing test, which consists in soaking the sample in a 
solution of sulfate of soda and then hanging it up to dry, the crystallizing of the salt 
in the pores of the stone having an effect somewhat similar to that of freezing of water. 
None of these tests gives wholly satisfactory results. (For description of tests see 
Sect. 7, Art. 25.) 

Increase in Durability may be secured by proper seasoning and by finishing the 
sutface in a suitable manner. All stones, and especially limestones and sandstones, 
when first quarried contain considerable quarry sap; and when full of sap the stone 
works somewhat more easily under the tool than when well seasoned. If astone freezes 
while full of quarry sap, it is nearly certain to crack; but if it is first allowed to season 

it is not likely to be appreciably damaged by a single freezing. The hardening by 
~seasoning also adds materially to the weathering qualities of the stone. The increased 
strength and durability caused by seasoning are due to the fact that the sap holds in 
solution a small amount of calcareous or siliceous matter, and by the process of season- 
ing this material is drawn to the surface and is deposited in the pores of the stone by 
the evaporation of the sap, the matter in solution thus becoming an additional cement- 
ing material and binding the grains more firmly together. It is surprising that so 
small an amount of liquid can produce so marked an effect; but it has been in the stone 
for such an extremely long time that it has formed around each mineral grain a 
“ colloidal ”? film of mutually dissolved water and mineral, thus accounting forthe 
softness of the newly quarried stone. When this film has become thoroughly dried, its 
mineral matter adheres firmly to the grains and matrix, thus increasing the cohesive 
strength of the stone. When this mineral matter is once deposited it is not readily dis- 
solved again and the stone will not regain its original softness or tendency to injury by 
frost except when in contact with ground-water for a very long time, unless it contains 
a large percentage of extremely fine pores. Certain minerals of the clay group are 

exceptions to this statement, as they both give up and take on water very readily. It 
is the presence of these minerals that renders argillaceous limestones and sandstones 
and certain altered igneous rocks subject to rapid disintegration. 

The method of dressing a stone may have a marked influence upon the details of 
weathering. If the surface is finished with a tool similar to the bush hammer, a too 
severe application of the tool may produce minute cracks that render the tooled sur- 
faces subject to injury by frost} or by crystallization in them of salts leached from 
mortar or concrete backing. This is especially true of some of the softer granites that 
contain considerable mica, both as distinct flakes and as microscopic inclusions in feld- 
spar. If the granite is otherwise satisfactory, disintegration due to such causes does 
not penetrate beyond the limits of these minute cracks, and granites from which the 
finely hammered surfaces have crumbled in a short time have continued in use as much 
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as 25 years without showing any further effects of weathering. The choice of finished 

surfaces should be made with a view toward the preservation of details of appearance 

rather than the durability of the stone as a whole. 

Many methods have been devised for preventing or checking the action of the 

weather upon building stones; but none of them is entirely satisfactory. These pre- 

servatives consist of some liquid into which the stone may be dipped or which may be 

applied with a brush to its outer surface, to fill the pores and prevent the access of 

moisture. Paint, coal tar, linseed oil, paraffin, and numerous chemical preparations 

have been used. With porous stone a 10% solution of paraffin in gasoline has been 

found effective. (See “‘ Exposure Tests on Colorless Waterproofing Materials” by 

D. W. Kessler, Bureau of Standards Technologic Paper No. 248, 1924.) 

Distinctly laminated stone should be placed on its natural bed to obtain 

its maximum resistance to pressure and to the disintegrating effects of frost 

action. The advantages gained by placing granite and other strong stone so 

as to obtain greatest resistance to pressure is too slight to be of importance. 

Although the Indiana odlitic limestone has a distinct bedding it is not highly 

laminated and in most structures may be used indiscriminately on bed or on 

edge. Sandstone should usually be placed on its bed to prevent disintegration, 

4. Methods of Quarrying 

Hand Tools. When the stone is thin-bedded, it may be quarried by hand 

tools alone. The principal tools are pick, crowbar, drill, hammer, wedge, and 

plug and feathers (Fig. 15). The plug is a narrow wedge with plane faces, and 

the feathers are wedges flat on one side and rounded on the other. When a plug 

is placed between two feathers, the three will slip into a cylindrical hole; and 

if the plug is then driven, it exerts a great force. If these plugs and feathers 

are placed a few inches apart in a row, and all driven at the same time, the 

stone will be cracked-along the line of the holes, even though it is comparatively 

thick. The drill ordinarily used to cut the holes for the plug and feathers is a 

bar of steel furnished with a wide edge sharpened to a blunt angle and hard- 

ened. It is operated by one man, who holds the drill with one hand and drives 

it with a hammer in the other, rotating the drill between blows. The holes 

are usually from 3/8 to 3/4 in. in diameter. Sandstones and limestones occur- 

ring in layers thin enough to be quarried as above are usually of inferior 

quality, suitable only for slope walls, paving, riprap, and concrete. 

When the stone is hard a pneumatic drill is generally used to make the holes for the 

plug and feathers. It is handled by one man, and the power may be furnished by a 

fixed compressed-air plant or a portable compressor with gasoline or electric drive. 

Channeling consists in cutting long narrow channels in the rock to free the 
sides of large blocks of stone. A channeling machine consists of an engine 
running on a track on the floor of the quarry and operating a drill bit which 

cuts the channel as the machine is run back and forth along the track. The 
drill is sometimes a rotary steel or diamond bit, but is usually a percussion 
bit. The percussion channeler is ordinarily employed for marble, massive 
limestone, and thick-bedded sandstones; and the diamond drill for the 

harder stones. With the percussion channeler, the channels are 1 to 3 in. 

wide according to depth, and may be 10 to 14 ft. deep, different lengths of 
drill rods being used as the depth of the channel increases. The diamond 
channeler first bores a series of holes close together, and then bores or channels 
out the partitions between the holes. Some channeling machines can operate 
at any angle with the vertical, even horizontal. The channeler is generally 
operated by steam, and in that case each machine has its own boiler. Com- 
pressed air is also used. A special type of operation is by the “ electric-air ” 
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machine, in which a “‘ pulsator,’’ operated by electric motor, forces air back 
and forth to the two ends of the drill cylinder. 

Quarrying with Explosives. In this method drill-holes are put down to the 
depth to which the rock is to be split, and the requisite amount of powder or 
other explosive put in, covered with sand, and fired by a fuse. Sometimes 
numerous charges in a line of drill-holes are fired simultaneously by means of 
electricity. Coarse gunpowder is the explosive ordinarily used, since the quick- 
acting explosives, like nitroglycerine and dyhamite, have a tendency to shatter 
the stone and break it in many directions. For quarrying each class of rock 
there is a characteristic method employed, which is, however, varied in detail 
in different quarries. The minor details of quarry methods are as various as 
the differences existing in the textures, structures, and modes of occurrence 

of the rocks quarried. Even such an apparently unimportant matter as the 
form of the bottom of the drill-hole into which the explosive is put has a very 
marked effect. If bored with a hand-drill, the hole is generally triangular at 
the bottom, and a blast in such a hole will break the rock in three directions. 
In some quarries the lines of fracture are made to follow predetermined direc- 

tions by putting the charge of powder into canisters of special forms. 

Drills are of three forms. The jumper is a drill similar to that used for 
drilling holes for plugs and feathers, except that it is larger and longer. It is 
usually held by one man, who rotates it between the alternating blows from 
hammers in the hands of two other men. Churn drills are long, heavy drills, 
usually 6 to 8 ft. in length. They are raised by the workmen, let fall, caught 
on the rebound, raised and rotated a little, and then dropped again, thus 
cutting a hole without being driven by the hammer. They are more econom- 
ical than jumpers, especially for deep holes, as they cut faster and make larger 
holes than hand-drills. Machine rock drills bore much more rapidly than 
hand-drills, and also more economically, provided the work is of sufficient 
magnitude to justify the preliminary outlay. They drill in any direction, and 
can often be used in boring holes so located that they could not be bored by 
hand. They are worked either by steam directly, or usually by compressed air. 

Rock-drilling machines use either percussion or rotary drills. The method of 

action of the percussion drill is the same as that of the churn drill already described. 

The usual form is that of a cylinder, in which a piston is moved by steam or com- 

pressed air, and the drill is attached to this piston so as to make a stroke with every 

complete movement of the piston. An automatic device causes it to rotate slightly at 

each stroke. A well-known type of percussion drill is the “jackhammer,” which is 

obtainable in weights of 27 to 75 1b. This is a one-man drill, and can be used for all 

types of work. Larger drills (known as “ drifters”) are generally mounted on tripods. 

When holes are to be drilled close together, as in channeling, the ‘‘ quarry-bar ”’ is used. 

This is a tubular bar, mounted on adjustable legs at each end, the drifters being 

supported on the bar in such a way that they can be moved back and forth into 

position, thus keeping all holes in a straight line. 

Of the rotary drills there are two forms, one in which the cutting is done by teeth 

on the end of a hardened steel tube and the other by diamonds. In either case the drill- 

rod is a long tube, revolving about its axis, kept in contact with the rock, and by its 

rotation cuts in it a cylindrical hole, generally with a solid core in the center. The 

drill-rod is fed forward, or into the hole, as the drilling proceeds. The débris is. re- 

moved from the hole by a constant stream of water which is forced to the bottom of the 

hole through the hollow drill-rod, and which carries the debris up through the narrow 

space between the outside of the drill-rod and the sides of the hole. The diamond 

drill is the only form of rotary rock-drill extensively used in America. The tube has a 

head at its lower end, in which are set a number of carbons or black diamonds. The 

diamonds usually project slightly beyond the circumference of the head, which is per- 

forated to permit the ingress and egress of the water used in removing the débris from the 

hole and at the same time prevent the head from binding in the hole. When it is de- 
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sirable to know the precise nature and stratification of the rock penetrated, the cutting 
points are so arranged as to cut an annular groove in the rock, leaving a solid core, 
which is broken off and lifted out whenever the head is brought up. Where it is not 
desired to preserve the core intact, a solid boring-bit is used instead of the core bit. 
They are made of any size up to 15 inches in diameter. 

Dynamite is the name given to any explosive which contains nitroglycerine 
mixed with a granular absorbent. If the absorbent is inert, the mixture is 
called true dynamite; if the absorbent itself contains explosive substances, 
the mixture is called false dynamite. Dynamite is exploded by means of 
sharp percussion, which is applied by means of a cap and fuse. The cap isa 
hollow copper cylinder, about 1/4 in. in diameter and an inch or two in length 
containing a cement composed of fulminate of mercury and some inert sub- 
stance. The cap is called single-force, double-force, etc., according to the 
amount of explosive it contains. True dynamites must contain at least 50% 
of nitroglycerine, otherwise the latter will be too completely cushioned by the 
absorbent, and the powder will be too difficult to explode. False dynamites, 
on the contrary, may contain as small a percentage of nitroglycerine as may 
be desired, some containing as little as 15%. The added explosive substances 
in the false dynamites generally contain large quantities of oxygen, which are 
liberated upon explosion, and aid in effecting the complete combustion of any 

noxious gases arising from the nitroglycerine. The false are generally inferior 
to the true dynamites, since the bulk of the former is increased in a higher 
ratio than its power; and as the cost of the work is largely dependent upon 
the size of the drill-holes, there is no economic gain. High-power dynamites 
are required for hard and refractory rock, but for the softer rock a low-power 
is better. In quarrying, 40% dynamite is ordinarily used. 

Gunpowder is sold in kegs of 25 lb. Dynamite is sold in cylindrical, paper-covered 
cartridges, from 7/8 in. to 2 in. in diameter and 6 to 8 in. long, or longer, which are 
packed in boxes containing 25 or 50 lb. each. They are furnished, to order, of any 
required size. 

Methods of Quarrying are generally quite different for granites than for the 
softer limestones and sandstones, being determined largely by the existence 
or non-existence of joint planes or, in other words, the facility with which the 

rock can be split. Granites generally have no natural bedding planes, but they 

usually show a tendency to split more readily in one direction (called the 
“‘ rift’) than in any other. There will also be a plane at right angles to the 
rift along which splitting is not quite as easy, which is called the “ grain ” or 
“run.” The direction in which resistance to splitting is greatest is called the 
“head ”’ or “ hardway ”’ (at right angles to rift and grain). In many granite 
quarries the rift is horizontal or nearly parallel. to the surface; in others it 
may be nearly vertical. Granites that are divided by seams or joints into 
nearly horizontal layers or sheets which are successively thicker with increas- 
ing depth are quarried by cutting each layer into blocks of desired size by 
wedging or channeling. 

In some granite quarries where the ledge is dome-shaped and seams are very scarce, 
artificial sheets are separated from the mass, just as an onion is peeled, by the suc- 
cessive use of powder and compressed air (Fig. 1). “In the center of the sheet or area 
to be ‘lifted ’ a drill hole 3 or 4 in. in diameter is sunk to a depth of 5 to 8 ft., depend- 
ing on the greatest thickness of stone required and the contour of the surface at that 
particular point. The bottom of the hole is then enlarged into a pocket by exploding 
half a stick of dynamite, as shown in Fig. 1. Asmall charge of powder, about a hand- 
ful, is then exploded in the pocket, thus starting a horizontal crack or cleavage across 
its greater diameter. Charges increasing in'size are then exploded in the cavity, the 
drill hole being plugged at each blast to confine the powder gases and thus exert a 
more or less constant force upon the stone. 
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_ “After the cleavage has extended to a radius of 75 or 100 ft. in all directions from the 
lift hole, a pipe is inserted into the hole, tamped tight and connected by means of a 
globe valve to the pipe line. Compressed air at 70 to 80 lb. pressure is gradually 
admitted and the cleavage rapidly extended until it comes out upon the sloping face of 
the quarry in a thin edge, as indicated in 
Fig. 1. A sheet of granite several acres in 
extent may be raised in this manner, afford- 
ing a bed plane approximately level to which 
the quarrymen can work, thus securing stone ~ 
of any required thickness.”” (From pamphlet 
of North Carolina Granite Corp.) 

The sizes of stones that may be quar- Fig. 1 
‘tied by this method are limited only 

by the handling and transporting equipment. Where horizontal sheeting is 
absent and the granite is divided into natural blocks by steeply inclined joints, 

quarrying consists of removing the smaller blocks and cutting the larger 
blocks into smaller sizes, taking all possible advantage of rift and grain. 

In Sedimentary Formations * the beds or strata may lie nearly horizontal or 
may be inclined at any angle. In some quarries single beds are distinctly 
separated from one another by open bedding planes or partings, and in others 
there are few or no such separations and the formation may for practical pur- 
poses be regarded as one bed. Marble, limestone, and sandstone are com- 
monly quarried by cutting a bed or layer over a considerable area into rect- 
angular blocks by channeling, and by loosening these blocks, if necessary, 
from the underlying rock by wedging. Where the dip of the beds is at a con- 
siderable angle the channeling may be done on the inclined surface of the beds; 
but in many quarries it is conducted on a horizontal plane and the dimensions 

of the quarry blocks are quite independent of bedding. Bedding is usually 
distinct in the ledge and in large quarry blocks, but may be quite inconspic- 
uous in small specimens. 

In channeling the softer stones, care must be taken not to operate the 
machine so rapidly as to injure the stone. If the blows of the channeler are 
too violent, the adjacent rock may become overstressed, with the formation 
of minute seams which may open up when exposed to the weather or may cause 
trouble when the stone is being carved. This effect is called “ stunning.”’ 

For references on quarrying, see “Practical Stone Quarrying” by Greenwell and 
Elsden; ‘Sandstone Quarrying in the United States,’ by Oliver Bowles, Bull. No. 124, 

U.S. Bureau of Mines. 
For Reducing the Large Quarry Blocks to proper sizes for the shop, the quarry fore- 

man is furnished a list of pieces required, with the dimensions of each piece, these 
dimensions including necessary 
allowance for finishing the sur- 
faces. Each piece on the list is 
numbered for identification. The 
quarry blocks are then cut to 

the sizes given on the list, this 
subdivision being done by drill- 
ing holes along the required 
lines, and driving wedges or 
plugs-and-feathers in the holes. 

. The small stones are marked 
FLOOR OF QUARRY with the same numbers as on the 

Fig. 12 foreman’s list, and are then sent 
Sis to the finishing shop. 

_ Where many small pieces of the same size are required, as for curb stones or paving 
blocks, the large quarry blocks are cut out originally to sizes which are multiples of 

* In part from G. F. Loughlin. 

Lift Hole Top Surface 

“ of Quarry 



858 Stone Quarrying and Cutting Sect. 10 

the rough dimensions required for the small pieces. Fig. 1a (from J. D. Sargent) 

illustrates a method used in one of the large granite quarries for getting out curb- 

stones. Dimension A is the rough length of a single curb-stone, B is twice the rough 

height of one curb (B = 2C) and D is the thickness of the curb before it is finally 

dressed. The stone is broken successively along the planes numbered 1-5, by drilling 

and wedging. 
When the quarry blocks are not too thick, the sub-dividing may be done as illus- 

This shows the method used in preparing trated in Fig. 1b (from J. D. Sargent). 

Fig. 18 

& 
granite paving-blocks. A flat 
slab is first broken out of the 
quarry, with a thickness of 8 in. 
(twice the thickness of a rough 
block) and with a length and 
width as shown. This slab is 
then marked on the flat side 
across its center (transversely) 
with a sharp chisel, and is broken 
cleanly along the chisel line by 
striking a hard blow on the back 
with a 30-lb. hammer directly 
opposite the chisel line. This 
method of breaking the stone is 
called ‘“‘knapping.’”’ The final 

subdivision into the small blocks may be done by splitting the stone along the rift or 

grain with a sharp chisel. 

5. Tools for Stonecutting 

A knowledge of the tools used in stonecutting is necessary for an under- 
standing of the methods of preparing stones and is also necessary for a recog- 

nition of the names of the various kinds of dressed surfaces. The following 
names and description of tools were first proposed in 1877 by a committee 

of the American Society of Civil Engineers and have been widely adopted 

and used: 

The Double-Face Hammer (Fig. 2) is a heavy tool weighing from 20 to 30 Ib., 
used for roughly shaping stones as they come from the quarry and for knocking off 
projections. This is used only for the roughest work. 

a 

Fig. 2. Double-Face Hammer 

re 
10" 

al 

Fig. 3. Face Hammer 

The Face Hammer (Fig. 3) has one blunt and one cutting end, and is used for thi 
same purpose as the double-face hammer where less weight is required. The cuttings 
end is used for roughly squaring stones, preparatory to the use of finer tools, and als: 
for splitting stones. 

. The Cavil (Fig. 4) has one blunt and one pyramidal, or pointed, end, and weigh 
from 15 to 20 |b. It is used in quarries for roughly shaping stone for transportation. 

The Pick (Fig. 5) somewhat resembles the pick used in digging, and is employe 
for rough dressing, mostly on limestone and sandstone. Its length varies from 15 t 
24 in., the thickness at the eye being about 2 in. 

The Ax or Peen Hammer (Fig. 6) has two opposite cutting edges. It is used fo 
splitting and for making drafts around the arris, or edge, of stones, and in reducin 
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faces, and sometimes joints, toa level. Its length is about 10 in. and the cutting edge 
about 4in, It is used after the point and before the patent hammer. 

Fig. 4. Cavil Fig. 5. Pick 

The Tooth Ax (Fig. 7) is like the ax, except that its cutting edges are divided into 
teeth, the number of which varies with the kind of work required. This tool is not 
used on granite and gneiss. 
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Fig. 6. Ax or Peen Hammer Fig. 7. Tooth Ax 

The Point Bush Hammer is a square prism of steel with ends cut into a number of 
pyramidal points. The length of the hammer is from 4 to 8 in., and the cutting face 
from 2 to.4 in. square. The points vary in number and in size with the work to be 
done. One end is sometimes made with a cutting edge like that of the ax. 

The Crandall (Fig. 8) is a malleable-iron bar about 2 ft. long, slightly flattened at 
oneend. In this end is a slot 3 in. long and 3/8 in. wide. Through this slot are passed 
ten double-headed points of 1/4-in.-square steel, 9 in. long, which are held in place by 

a key. 
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Fig. 8. Crandall. Fig. 9. Patent Hammer 

The Patent Hammer or Bush Hammer (Fig. 9) is a double-headed tool so formed 

as to hold at each end a set of wide thin chisels. The tool is in two parts, separated by 

about 7/8 in., which are held together by the bolts which hold the chisels. Lateral 

motion is prevented by four guards on one of the pieces. The tool without the teeth 

is 5-1/2 by 2-3/4 by 1-1/2 in. The teeth are 2-3/4 in. wide. Their thickness varies 
from 1/12 to 1/6 in. This tool is used for giving a finish to the surface of stones. 

The Bush Chisel has its end similar to one-half of the patent hammer, and may 
be used by hand or with the pneumatic surfacer. 

The Pitching Chisel or Chipper (Fig. 10) is usually of 1-1/8-in. octagonal steel, 

spread on the cutting edge to a rectangle of 1/8 by 2-1/2 in. It is used to make a well- 
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defined edge to the face of a stone, a line being marked on the joint surface to which the 
chisel is applied and the portion of the stone outside of the line broken off by a blow 

with the hand hammer on the 
head of the chisel. 

SS The Point (Fig. 11) is made of 
Saas round or octagonal rods of steel, 

* ae from 1/4 in. to 1 in. in diameter. 
Fig. 11. Point It is made about 12 in. long, with 

one end brought toa point. It is 
used until its length is reduced 

———Seae ey to about 5 in. It is employed 
SS for dressing off the irregular sur- 

Fig. 10 face of stones, either for a per- 
FORRES se . : manent finish or preparatory to 

Pitching Chise Fig. 12. Chisel the use of the ax. According to 
the hardness of the stone, either the hand hammer or the mallet is used with it. 

The Chisel (Fig. 12) of round steel 1/4 to 3/4 in. in diameter and about 10 in. long, 
with one end brought to a cutting edge from 1/4 in. to 2 in. wide, is used for cutting 
drafts or margins on the face of 
stones. 

The Tooth Chisel (Fig. 13) is _——a— 
the same as the chisel, except L. ae that the cutting edge is divided {=> 
into teeth. It is used only on j f 
marbles and sandstones. Fig. 13. Tooth Chisel 

The Splitting Chisel (Fig. 14) 
is used chiefly on the softer (sc -—-~iee 
stratified stones, and sometimes —— 4 3 . - 

j on fine architectural carvings in Fig. 15. granite. 
Fig. 14. Splitting Chisel Plug and Feather The Plug, a truncated wedge 

of steel, and the Feathers of half-round malleable iron (Fig. 15), are used for splitting unstratified stone. A row of holes is made with the Drill (Fig. 16) on the line on which the fracture is to be made, in each of these holes two feathers are inserted, 

SSSSE_REE ET 
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Fig. 16. Drill 

and the plugs are lightly driven in between them. The plugs are then gradually driven home by light blows of the hand hammer on each in succession until the stone splits. 
Machinery is used to a large extent in all modern stonecutting plants, and consists of pneumatic drills and hand tools, pneumatic surfacing machines, saws, polishing machines, lathes, carborundum machines, and sand-blast equipment. Saws are used in cutting practically all kinds of stone. The reciprocating saw is a thin blade of soft steel, either flat or with vertical corru- gations, which cuts by abrasives applied with water between the blade and the stone. Circular saws generally have teeth, either diamonds or carborun- 

dum blocks, the diamond saw being used largely for limestone. For thinner 
stones, a solid carborundum wheel or carborundum steel-center wheel may be 
used. For round columns, either plain or fluted, and balusters for stone rail- 
ings, the lathe is used. Carborundum cutting-wheels are used in cutting moldings and for rabbetting, especially in marble and limestone. Hand carv- ing is done largely with pneumatic tools. Machinery has replaced handwork to a very large extent, especially in marble and limestone; but handword is 
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still required for the more intricate details, and especially in finishing architec- 

tural granite. 

The Sand-blast Process has been used for a number of years in the granite 

memorial industry, but is equally applicable to the finishing and carving of 

granite for general structural and architectural purposes. It consists essen- 

tially of an intaglio or etching process, whereby a design is engraved or cut into 

the flat surface of the stone. The face of the stone is first dressed by any of 

the methods described in Art. 6. The finished surface is then covered with a 

plastic protective coating, in the form of sheets or melted and poured on, which 

when hard has a rubber-like consistency. The design to be etched in the stone 

_ is drawn or traced on the coating. The coating is then cut out so as to leave 

the granite accessible to the blast in accord with the design. A blast of white 

silica sand is blown against the coated surface, and quickly cuts into the area 

from which the rubber-like coating has been removed, while the portion of 

the surface which was protected by the coating is left untouched. After the 

blasting has been carried far enough, the composition coating is peeled off the 

stone, leaving the ornament as a clean-cut etching. Usually the design is 

4inished with hand tools. If it is desired to have lettering or ornamentation 

‘raised above the general surface of the stone, the coating is cut and the back- 

ground of the design is removed, leaving the design that was protected by 

the coating. This work is generally done at the quarry shop, though portable 

equipment is available. 

6. Dressing the Surface 

Building stones are divided into three classes according to the finish of the 

-surface: unsquared stone, squared stone, and cut stone. 

Unsquared Stones include all stones which are used as they come from the 

“quarry without other preparation than the removal of very acute angles and 

-excessive projections from the general figure. The term “ backing,” which 

-is frequently applied to this class of stone, is inappropriate, as it properly 

designates material used in a certain relative position in a wall, whereas stones 

-of this kind may be used in any position. 

Squared Stones include all stones that are roughly dressed on beds and 

joints. The dressing is usually done with the face hammer or ax, or in soft 

“stones with the tooth hammer. In gneiss it may sometimes be necessary to 

use the point. The distinction between this class and the third lies in ‘the 

degree of closeness of the joints. Where the dressing on the joints is such that 

the distance between the general planes of the surfaces of adjoining stones is 

1/2 in. or more, the stones properly belong to this class. Three subdivisions 

of this class may be made, depending on the character of the face of the stones: 

Quarry-faced Stones are those whose faces are left untouched as they come 

from the quarry. Pitch-faced Stones are those on which the arris is clearly 

defined by a line beyond which the rock is cut away by the pitching chisel, so 

as to give edges that are approximately true. Drafted Stones are those on 

which the face is surrounded by a chisel draft, the space inside the draft being 

left rough. Ordinarily, however, this is done only on stones in which the cut- 

ting of the joints is such as to exclude them from this class. In ordering stones 

of this class the specifications should state the width of the bed and end joints 

_. which are expected, and also. how far the surface of the face may. project 

beyond the plane of the edge. In practice, the projection varies between 1 in. 

and 6in. It should also be specified whether or not the faces are to-be drafted. 
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Cut Stones include those with smoothly dressed beds and joints. Asa rule, 

all the edges of cut stones are drafted, and between the drafts the stone is 

smoothly dressed. The face, however, is often left rough where the construc- 

tion is massive. 

The Surface Finishes * usually met in engineering work, arranged in the 

approximate order of relative cost are: Rock-faced, pointed, peen-hammered, 

4-cut, 6-cut, 8-cut, rubbed, honed and polished. Rock-faced may vary from 

ordinary split or quarry-faced stone with split or roughly squared beds and 

joints, to carefully quarried faces having practically uniform projection, 

sometimes with rusticated or drafted margins. Pointed Work may be rough, 

medium, fine or machine-pointed. Rough-pointing is used when it is neces- 

sary to remove an inch or more from the face of the stone, and is done with 

the pick or heavy point (Fig. 17). In dressing limestone and granite this. 

operation precedes all others. If a smoother finish is desired, rough pointing; 

Fig. 17. Rough-Pointed Fig. 18. Fine-Pointed 

is followed by fine-pointing (Fig. 18), which isused only where this finish is to 

be final.and never as a preparation for a final finish by another tool. .Machine 
pointing is generally more uniform than hand-pointing. The depressions in 
fine-pointing will be approximately 3/8 in. apart, in medium and machine- 

pointing 5/8 in. to 3/4 in. apart, and coarse pointing 1 to 1-1/4 in. apart. 
Crandalling is a speedy method of pointing, the effect being the same as fine- 
pointing, except that the dots on the stone are more regular. The tooth-ax 
is practically a number of points, and gives the same effect as fine-poimting. 
It is usually, however, only a preparation for bush-hammering, and the work 
is then done without regard to appearance so long as the surface of the stone 

is sufficiently leveled. 

Peen-Hammered Finishing (Fig. 19) covers the surface with chisel marks, which 
are made parallel as far as practicable, and is a final finish. It is adapted to rougher 
work such as steps, curbings, or to portions of high-class work not exposed to the eye. 
Peen-hammering is coarser and less regular than 4-cut, and the point marks are not 
entirely eliminated by the axing. 

i i" o i \ i alt i Ht tN 
iH Fe Hi ae ane igh Yip 

iN ah i Y 

ni 
tit i 

hi Hay 

ATH 

f} 

i 
tht 

Fig. 19. Peen-Hammered Fig. 20. Bush-Hammered 

Four-Cut, Six-Cut and Eight-Cut finishes are produced by pounding off the rough- 
ness of a stone with the bush-hammer and the stone is then said to be “ bushed ” 
(Fig. 20). In 4-cut work, the patent hammer contains four blades in each pair of jaws; 

* Taken in part from “ Architectural Granite,” published (1926) by the National 
Building Granite Quarries Association, Inc. 
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and, as the jaw opening is about 7/8 in., there are actually about five cuts to the inch, 

so that the specification of “four-cuts per inch” is incorrect. Similarly 6-cut and 8-cut 

finishes are sometimes incorrectly specified as 6 or 8 cuts to the inch. In bush-ham- 

mered finish the resultant surface has the appearance of being uniformly corrugated to 

the fineness determined by the number of cuts used, but while the bushing is kept 

parallel and in the required direction the bush marks are not necessarily continuous or 

mechanically precise. Six-cut and eight-cut finishes are continuations of the four-cut 

process, each finer hammer being used consecutively until the required finish is reached. 

Pneumatic surfacing machines are also used for bushing, especially on all larger sur- 

faces. Sawed surfaces are also bushed, in which case much of the preliminary work is 

avoided. In sandstone and limestone, bush-hammering should not be used, as ex- 

perience has shown that soft stone thus treated is likely to scale off (see Art.3). Ten- 

Cut aad Twelve-Cut finishes are also produced, but less frequently used on regular 

building work. 

Rubbed and Honed finishes are produced by grinding a pointed.or sawed surface 

under the polishing wheel. They vary from coarse-rubbed, with small surface 

scratches and adapted to work requiring fine smooth finish but not close to the eye, to 

honed finish with velvet smooth surface practically free from scratches. Polished 

finish is produced by glossing a honed surface under a heavy, felt-coated wheel. Small 

surfaces and moldings generally have to be rubbed, honed or polished by hand. Pol- 

ishing usually produces a darker tone, and brings out the color of each crystal, whereas 

a hammered finish shows up much lighter and softens the colors of the contrasting 

minerals. 

In dressing sandstone, limestone and marble, it is very common to give the stone a 

plane surface at once by the use of the stone-saw. Any roughnesses left by the saw are 

removed by rubbing, generally with the carborundum machine. Such stones, there- 

fore, have no margins. They are frequently used in architecture for string courses, 

lintels, door jambs, etc.; and they are also well adapted for use in facing the walls of 

lock chambers and in other localities where a stone surface is liable to be rubbed by 

vessels or other moving bodies. Sometimes the space between the margins is sunk 

immediately adjoining them and then rises gradually until the four planes form an 

apex at the middle of the pannel. In general, such panels are called diamond panels, . 

and the one just described is called a sunk diamond panel.) When the surface of the 

stone rises gradually from the inner lines of the margins to the middle of the panel, it 

is called a raised diamond panel. Both kinds of finish are common on bridge quoins 

and similar work. ‘The details of this method should be given in the specifications. 

Granite Moldings.* The cutting and finishing of moldings on granite, work 

is almost exclusively a hand process. (Some quarries are equipped with saws 

and sand-blasts, thus reducing hand cutting.) . No practical machine has yet 

been devised which will do this work and eliminate the more expensive hand- 

work. In limestone and marble, machine processes are almost universally 

used on molded work, and here lies one of the most essential differences be- 

tween the cutting of granite and of the softer stone. The pneumatic tool 

has materially aided the hand-cutting process, making it possible to produce 

the most delicate and intricate detail of molding or carving at materially 

reduced costs. But the cuttings of moldings will continue to be a hand 

process and its cost one of the principal factors in the total cost of granite 

work. 

In estimating the cost of cutting granite moldings, the so-called “‘ member 

system ” is generally used, by which each molded section is divided into 

“© members.” A molded “ member” is a more or less arbitrary unit in which 

the edges, contour and changes in direction of the surface between edges, and 

the width between edges are taken into consideration. In general, every 4 

in. or fraction thereof across the molding is counted as one member. In 

estimating cost of work, one lineal foot of one molded member equals one 

* From “ Architectural Granite,” published by National Building Granite Quarries 

Association (1926). 
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square foot of plain work. The “ member chart,” Fig. 21, represents the com- 
bined judgment of several experienced granite estimators. 
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Fig. 21. Member Chart 

It is designed for 
approximate comparisons of 
relative cost in the study of 
molded granite details, and is 
not intended as an exact basis 
for estimating cost in any par- 
ticular granite. 

For rough estimates, use 
$2.00 per sq. ft. for plain 
work or per lin. ft. of a mem- 
ber; thus the molding marked 
“3 M’s” costs 3 X. $2 or $6 
per lin. ft. 

Cost of Cut Stone will de- 
pend on the character of the 
rock and conditions at the 
quarry, as well as on the type 
of finish required, and can be 
determined accurately only 

by obtaining actual bids for 
any given structure. The 
cost of transportation is also 
a large factor. To illustrate 
the relative cost of various 
finishes, the following prices 

for a large granite-faced 
bridge (1926) are given; these 
prices are in dollars per cubic 
foot delivered, but do not 
include placing. 

Forming the Surface. The 
surfaces most frequently re- 
quired in stone-cutting are 
plane and cylindrical; but 
sometimes warped, conical, 
spherical, and irregular sur- 
faces are required. 

To secure a Plane Surface 
the stonecutter chisels draft 

spots on the three low corners of the face, and cuts down the high corner until 
it is in the same plane as the other three. Chalk lines are drawn around the 
| 

= SS | Rubbed | 10-Cut 8-Cut 6-Cut 4-Cut 

| Facing of piers and abutments 
below springing line......./.:....... $3.34 $3.22 $3.08 
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four edges of the stone joining these draft spots, and draft lines are chiseled in the face from corner spot to corner spot to serve as guide lines. To tell 
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when the drafts are in the same plane, he uses two straight-edges having 

parallel sides and equal widths (Fig. 22). The stone is then sent to the surface 

cutter, which is a pneumatic machine in which may 

be used either a point tool ora bush hammer. With 

this machine the rough surface of the stone between 

the draft lines is quickly cut down to a true plane 

. surface. 

To form a second plane surface at right angles to the 

first one, the workman draws a line on the cut face to Fig. 22. Plane Surfaces , 

form the intersection of the two planes; he also draws a 

line on the ends of the stone approximately in the required plane. With the ax or the 

chisel he then cuts a draft at each end of the stone until a steel square fits the angle. 

He next joins these drafts by two others at right angles to them, and brings the whole 

surface to the same plane. The other faces may be formed in the same way. If the 

surfaces are not at right angles to each other, a bevel is used instead of a square, the 

same general method being pursued. 

To form a cylindrical surface, the stone is first reduced to a parallelopipedon, 

after which the curved surface is produced in either of two ways: (1) by cutting a cir- 

cular draft on the two ends and applying a straight-edge along the rectilinear elements 

(Fig. 23); or (2) by cutting a draft along the line of intersection of the plane and cylin- 

drical surface, and applying a curved templet perpendicular to the axis (Fig. 24). 

Fig. 23. Cylindrical Fig. 24. Cylindrical Fig. 25. Warped 

Surfaces Surfaces Surfaces 

Warped Surfaces include what the stonecutter calls twisted surfaces, as well as 

the general warped surface. The former is seldom used in masonry, and the latter 

almost never. The method of forming a surface equally twisted right and left is shown 

in Fig. 25. Two twist rules are required, the angle between the upper and lower edges 

being half of the required twist. Drafts are then cut in the ends of the stone until the 

tops of the twist rules, when applied as in Fig. 25, are in plane. The remainder of the 

projecting face is removed, until a straight-edge, when applied parallel to the edge of 

the stone, will just touch the end drafts and the intermediate surface. If the surface 

is to be twisted at only one end, a parallel rule and a twist rule are used. 

Stereotomy is the art of making the plans and drawings by which the 

stonecutter is enabled to prepare the patterns, bevels and templets which are 

required in shaping the blocks of stone for the structure. The engineer should 

prepare drawings in sufficient detail so that these directing-instruments may 

be prepared, but fully detailed drawings are not generally necessary. 

The general drawings of the stonework should be at a scale of not less than 

1/4 in. to one foot, and details should be at least 3/4 in. to one foot. General 

drawings should show all the dimensions of the structure. Detail drawings 

may be required for individual stones, and for complicated work the separate 

stones should be shown in isometric projection. Plane structures (such as 

retaining walls, wing walls, piers, etc.) may have dimensions of the individual 

stones directly on the general drawings. Structures with curved or warped 

surfaces must have the dimensions of the stones properly indicated, these 

being determined by descriptive geometry. In heavy walls, particularly, the 

stonecutters should-be allowed as much freedom as possible in determining 

the sizes of individual stones. 
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Fig. 26 shows an example of the stonework drawing for a small skew-arch culvert, 
constructed as a ‘‘false-skew arch ” (Art. 39). This example is rather extreme, as a 
“false-skew ”’ arch should be used only where the angle of skew is small. The faces 

10'-0" 

68 8 

Fig. 26 

of the ring-stones are dimensioned in detail. In the end view, figures should be given at the corners of each stone to indicate the distances of these corners from a vertical] plane (a different’ plane for each stone) passing through the corner marked O and at right angles to the axis of the arch. ‘This is indicated on the figure for voussoir 10 only These dimensions should be computed, and may be checked by scaling from a langés 
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scale plan or preférably from a full-stale drawing laid out upon a floor of a building or 

upon one especially constructed for this purpose. 
The computation is carried out by simple trigonometry, by determining the hori- 

zontal distance of each stone corner from a vertical line (Aa or Bd) through A, or B, 

in the end view. This distance (in this case measured from Bb) is multiplied by the 

tangent of the skew-angle to obtain the horizontal distance of the given corner meas- 

ured parallel to the arch axis, from a vertical plane BB’, perpendicular to the arch axis. 

The proper dimensions to be noted on each stone are then readily derived from these 

computed distances. An isometric view of stone No. 10 is shown, to clarify the mean- 

ing of these dimensions. AA 

For examples of more complicated problems, see ‘‘ Stereotomy ” by A. W. French 

and H. C. Ives, 1902; “‘ Modern Stone Cutting and Masonry ” by J. S. Siebert and 

F. C. Piggin, 1896. 
In important or complicated work (right or skew arches), templets should be. made 

for each arch stone and the templets should be checked by laying out the structure 

at full scale on a large wooden or concrete platform, using steel tape and transit. 

The proper fitting of the stones can thus. be accurately verified, thereby avoiding 

the necessity of expensive re-cutting. 

The joints of the stones back of the face or ring-stones are generally dependent upon. 

the size of the available stones and the judgment of the stonecutter. 

STONE AND BRICK MASONRY 

7. Kinds of Stone Masonry 

Classifications of stone masonry are: (1) according to the finish of the- 

face of the stones, (2) according to whether the horizontal joints are more or’ 

less continuous, (3) according to the care which is employed in dressing the: 

beds and joints. 

(1) Quarry-faced Masonry is that in which the face of the stone is left: 

as it comes from the quarry (Fig. 27). Pitch-faced Masonry is that in which: 

the face edges of the beds are pitched to aright , y 

line (Fig. 28). The outer edge of a horizontal joint Cee KK 

TZ of pitch-faced masonry is straight, while in quarry- 

Pitch Faced 
faced it is not. Cut-stone Masonry is that in P ; 

which the face of the stone is finished by any one 3 WY) 

of the methods described in Art. 6, as rough- & AW: 

pointed, fine-pointed, crandalled, axed, bush- Fig. 27 Fig. 28: 

hammered, rubbed. 

(2) Range Masonry is that in which a course is the same thickness -through-- 

out its length (Fig. 29). Broken Range is that in which the course is*of ‘uni+ 

form thickness for only parts of its length. (Fig. 30). Random: Masonry is- 

that which is not laid in courses at all (Fig. 31); it is sometimes: designated 

Fig. 29. Range Fig. 30. Broken Range Fig. 311. Random. 

as one-against-two or two-against-three, the first term, indicating that, there: 

is one stone.on one side of a vertical joint and two on.the other, and similarly, 

for the second term. 
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(3) Ashlar Masonry is composed of any of the kinds of cut-stones (Art. 6). 
It is usually held that when the dressing of the joints is such that the distance 
between the general planes of the surfaces of adjoining stones is one-half inch 
or less, the masonry belongs to this class. From its derivation ashlar appar- 
ently means large, square blocks; but practice seems to have made it synony- 
mous with cut-stone, and this secondary meaning has been retained for con- 
venience. The coursing of ashlar is described by prefixing range, broken 
range, or random; and the finish of the face is described by prefixing a name 
to designate the finish of the face of the stone of which the masonry is com- 
posed, as for example fine-pointed ashlar, rubbed ashlar. Dimension Stone 
Masonry is that composed of cut-stones all of whose dimensions have been 
fixed in advance, Ordinarily the specifications of ashlar are so written as to 
prescribe the dimensions of the stones to be used, and hence it is seldom or 
never necessary to make a new class of masonry composed of dimension stones. 

Squared-Stone Masonry is that in which the stones are roughly squared and roughly 
dressed on beds and joints. The distinction between squared-stone masonry and 
ashlar lies in the degree of closeness of the joints. “ When the dressing on the joints 
is such that the distance between the general planes of the surface of adjoining stones 
is one-half inch or more, the stones properly belong to this class.” 

Rubble Masonry is composed of unsquared stones, and it may be coursed or un- 
coursed. Coursed Rubble is masonry composed of unsquared stone which is leveled 

off at specified heights to 
an approximately horizon- 
tal surface (Fig. 33), Un- 
coursed Rubble is masonry 
composed of unsquared 
stones laid without any at 
tempt at regular courses 
(Fig. 32). The specifica- 
tions for rubble may re- 
quire that the stones shall 

Fig. 32. Uncoursed Rubble Fig. 33. Coursed Rubble be roughly shaped with 
the hammer. Rubble is 

sometimes designated as one-man or two-man rubble, according to the number of men 
required to handle a stone. 

General Rules. The following general principles apply to all classes of 
stone masonry: (1) The largest stones should be used in the foundation to 
give the greatest strength and lessen the danger of unequal settlement. (2) A 
stone should be laid upon its broadest face, since then there is better oppor- 
tunity to fill the spaces between the stones. Where stone is used as a veneer 
covering for steel or concrete, the stones are laid with the broadest face 
vertical. (3) For the sake of appearance, the thickness of the courses should 
decrease gradually toward the top of the wall. (4) Stratified stones should be 
laid upon their natural bed, i.e., with the strata perpendicular to the pressure, 
since they are then stronger and more durable. (5) The masonry should be 
built in courses perpendicular to the pressure it is to bear. (6)-To bind the 
wall together laterally, a stone in any course should break joints with or over- 
lap the stone in the course below; that is, the joints parallel to the pressure 
in two adjoining courses should not be too nearly in the same line. This is 
briefly comprehended by saying that the wall should have sufficient lateral 
bond. (7) To bind the wall together transversely, there should’ be a consider- 
able number of headers extending from the front to the back of thin walls or 
from the outside to the interior of thick walls: that is, the wall should have 
sufficient transverse bond. (8) The surface of all porous stones should be 
moistened before being bedded, to prevent the stone from absorbing the moist- 
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ure from the mortar and thereby causing it to become a friable mass. (9) The 

spaces between the back ends of adjoining stones should be as small as possible, 

and these spaces and the joints between the stones should be filled with mortar, 

(10) Ifit is necessary to move a stone after it has been placed upon the mortar 

bed, it should be lifted clear and be reset, as attempting to slide it is likely to 

loosen stones already laid and destroy the adhesion, and thereby injure the 

strength of the wall. 

Specifications should be as simple as-possible, clear, and not unnecessarily 

rigid. Care should be taken to keep the terminology consistent. For ashlar 

work, give depth of bed and end joints. State allowable projection of the 

face bexond plane of the edge of any stone; whether face is drafted, and width 

of draft; surface finish between drafts. If rubble is specified, do not call for 

joints that will require stonecutting. Hollows in the bed face of a stone may 

not be harmful, especially in hard stone, unless too close to an edge. 

For heavy masonry, headers should be not less than 4 ft. long, or else 

should extend all the way through the wall. Stretchers should be not less 

than 4 ft. long, with depth of bed 1-1/4 times the thickness. Length of stretch- 

ers should be from 2-1/2 to 5 times the thickness. 

If full dimensions are not given, specify the limiting dimensions of headers 

and the proportion of headers (generally not less than 25% of the wall face 

area), thickness of joints and allowable depressions. Beds of headers need not 

be dressed to a greater depth than that of the stretchers. Headers may taper 

horizontally back of the stretchers. Vertical joints need not be dressed to 

full depth of the stretchers. Insistencé on uniform color and texture may add 

unnecessary expense. The finer finishes are often specified where coarser 

finishes would be as good. Treads of steps and platforms should never be 

finer than 4-cut, for safety purposes. 

If the stone is paid for at the quarry, the volume of measurement is the 

smallest rectangular block from which the required stone can be cut. If the 

masonry is paid for in the structure, the volume should be cubic yards in 

place, rectangular measure, including joints. 

The National Building Granite Quarries Association makes the following sugges- 

Aloe at least 2 in. between top of concrete and bottom of steps to obviate bedding 

off steps. Avoid projections on courses which might otherwise be sawed or machine 

surfaced. Detail rustication, rabbets and sinkages to take fullest advantage of car- 

borundum saw cutting. Avoid raised seats on balustrade base and substitute round 

for square plinths on the balusters. 

(See also “ Graphical Statics and Masonry ” by G. F. Swain.) 

s. Ashlar Masonry 

Ashlar is the best quality of stone masonry, and is employed in all impor- 

tant structures. It is used for piers, abutments, arches, and parapets of 

bridges; for hydraulic works; for facing quoins, and string courses; for the 

coping of inferior kinds of masonry and of brickwork; and, in general, for work 

in which great strength and stability are required. The dimensions of the 

blocks should vary with the character of the stone employed. With the 

weaker sandstones and granular limestones the length of any stone should 

not be greater than three times its depth, as otherwise it is likely to be broken 

across; but with the stronger stones the length may be four or five times the 

depth. With the weaker stones the breadth may range from one and a half 

to two times the depth; and for the stronger stones it may range from three 

to four times the depth. 
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Dressing. The dressing consists in cutting the side and bed joints to 
plane surfaces, usually at right angles to each other. The accurate dressing 
of the bed joints to a plane surface is exceedingly important. If any part of 

the surface projects beyond the plane of the chisel draft, that projecting part 
will have to bear an undue share of the pressure, the joint will open at the 
edges, and the whole will be wanting in stability. On the other hand, if the 
surface of the bed is concave, having been dressed down below the plane of 
the chisel draft, the pressure is concentrated on the edges of the stone, to the 
risk of splitting them off. Such joints are said to be flushed. They are more 
difficult of detection, after the masonry has been built, than open joints; and 
are often executed by design, in order to give a neat appearance to the face 

of the building. Their occurrence must therefore be guarded against by 
careful inspection during the progress of the stonecutting. 

Great smoothness is not desirable in the joints of ashlar masonry intended for 
3trength and stability, for a moderate degree of roughness adds at once to the resistance 
to displacement by sliding and to the adhesion of the mortar. When the stone has been 
dressed so that-all the small ridges and projecting points on its surface are reduced 

nearly to a plane, the pressure is distributed nearly uniformly, for the mortar serves to 
transmit the pressure to the small depressions. Each stone should first be fitted into 
its place dry, in order that any inaccuracy of figures may be discovered and corrected 
by the stonecutter before it is finally laid in mortar and settled in its bed. 

The entire bed area of a stone should be dressed to a plane; but, unless the wall is so 
thin that the stones extend clear through, it is not necessary to dress the entire area of 
the ends of the stones; and it is not necessary to dress any portion of the back side of the 
stones. The specifications should state the distance back from the face of the stone 
that the end is to be dressed to a plane surface. This distance is sometimes stated in 
inches and sometimes as a fractional part of the thickness of the course. Sometimes 
specifications permit the vertical joints to be wider than the bed joints. This decreases 

the cost of cutting, and may not materially reduce the strength of the masonry; but 
may slightly affect the durability and the architectural appearance. 

The thickness of mortar in the joints of the very best ashlar masonry for architectural 
work is about 1/8 in.; in first-class railroad masonry the joints are from 1/4 to 1/2 in. 
A chisel draft 1-1/2 or 2 in. wide is usually cut at each exterior corner. In the best 
work, as fine cut-stone buildings, all projecting courses, as window sills, water tables, 
cornices, etc., have grooves or “ drips,’’ cut in the under surface a little way back from 
the face, so as to cause rainwater to drop from the outer edge instead of running down 
over the face of the wall and disfiguring it. 

Bond. The bond is the arrangement or overlapping of the stones to tie 

the wall together longitudinally and transversely, and is of great importance 
to the strength of the wall. No joint of any course should be directly above 

a joint in the course below; but the stones should overlap, or break joints 
from one to one and one-half times the depth of the course, both along the 
face of the wall and also from the front to the back. The effect is that each 
stone is supported by at least two stones of the course below, and assists in 
supporting at least two stones of the course above. The object is twofold: 
first, to distribute the pressure, so that inequalities of load on the upper part 
of the structure (or of resistance at the foundation) may be transmitted to 
and spread over an increasing area of bed in proceeding downward (or up- 
ward); and second, to tie the building together, both lengthwise and from 
face to back. 

The strongest bond is that in which each course at the face of the structure contains 
a header and a stretcher alternately, the outer end of each header resting on the middle 
of a stretcher of the course below, so that rather more than one-third of the area of the 
face consists of ends of headers. This proportion may be deviated from when circum- 
stances require it, but in every case it is advisable that the ends of headers should not 
form less than one-fourth of the whole area of the face of the structure. A header 



ro eo 

Art. 8 Ashlar Masonry 871 

should be over the middle of the stretcher in the course below. Ina thin walla header 

should extend entirely through the wall. 

Where very great resistance to displacement of the masonry is required (as in the 

upper courses of bridge piers, or over openings, or when new masonry is joined to old, 

or where there is danger of unequal settlement), the bond is strengthened by dowels or 

by cramp irons of, say 1-1/4-in. round iron set with cement mortar. Stone veneer 

should be thoroughly anchored to the backing or supporting structure. 

Backing. Ashlar is usually backed with rubble masonry which in such 

cases is specified as coursed rubble. “Special care should be taken to secure 

a good bond between the rubble backing and the ashlar facing. Two stretch- 

ers of the ashlar facing having the same width should not be placed one im- 

mediately above the others. The proportion and the length of the headers in 

the rubble backing should be the same as in the ashlar facing. ‘The “ tails ” 

of the headers, or the parts which extend into the rubble backing, may be 

left rough at the back and sides; but their upper and lower beds should be 

dressed to the general plane of the bed of the course. These tails may taper 

slightly in breadth, but should not taper in depth. The backing should be 

carried up at the same time with the facework, and in courses of the same 

depth; and the bed of each course should be carefully built to the same plane 

with that of the ashlar facing. The rear face of the backing should be lined 

to a fair surface. If the backing is concrete, similar care should be given to 

the bond, and in important structures the stone should be secured to the 

concrete by metal anchors. 

Pointing. In laying masonry of any character, whether with lime or cement 

mortar, the exposed edges of the joints will naturally be deficient in density 

and hardness. The mortar in the joints near the surface is especially subject 

to dislodgment, since the contraction and expansion of the masonry are 

liable either to separate the stone from the masonry or to crack the mortar 

in the joint, thus permitting the entrance of rain-water, which upon freezing 

forces the mortar from the joint. Therefore it is usual, after the masonry 

is laid, to refill the joints as compactly as possible, to the depth of at least an 

inch, with mortar prepared especially for this purpose. This operation is 

called pointing. 

The very best cement mortar should be used for pointing, as the best becomes dis- 

lodged all too soon. Neat portland-cement mortar is the best, although 1 volume of 

cement to 1 of sand is frequently used in first-class work. The mortar, when ready for 

use, should be rather incoherent and quite deficient in plasticity. In the best work, 

it may be advisable to use a special non-staining cement in the mortar for pointing. 

Before applying the pointing, all mortar in the joint should be dug out to a depth 

of at Jeast 1 in. or better; in setting the stones, the mortar should be kept back an inch 

or more from the face, and thus save the labor of digging out the joints preparatory to 

pointing. For the bed joints this may be accomplished by keeping the mortar back 

from the face of the wall about 3 in., and then when the stone is put into place the 

mortar will probably be forced out to about 1 or 1-1/2 in. from the face of the joint, 

and consequently little or no labor will be required to dig out the mortar. Frequently 

in laying a stone the mortar is spread to the very edge of the joint; and then when the 

pointing is done, it is so difficult to dig out the mortar that the joint is cleared only 

about half an inch deep, which depth does not give the pointing sufficient hold, and 

consequently it soon drops out. The difficulty of digging out the mortar from the 

vertical joints may be obviated by bending a strip of tin or thin steel to the form of a 

U having one leg considerably longer than the other, and nailing the long leg to the side 

of a light strip of wood so that the closed end of the U will project beyond the edge of 

the wood a distance equal to the depth of the pointing, and then inserting the closed 

end of the U in the vertical joint before it is filled with mortar. 

When the surplus mortar has been removed, the joint should be cleansed by scraping 

and brushing out all loose material a
nd then it should be well moistened. The mortar is 

applied with a mason’s trowel, and should be well “ set in” with a calking iron and 
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hammer. The joint should be rubbed smooth and finished even with the pitch line or 
with the face of the stone. In the very best work, the joint is also rubbed smooth with 
a steel polishing tool. Walls should not be allowed to dry too rapidly after pointing; 
and therefore pointing in hot weather should be avoided. 

There are four general forms of finishing the edges of the horizontal joints of cut- 
stone masonry, whether or not thay are formally pointed as above described. Fig. 34 
shows these four forms. When the horizontal joints are finished as in either of the first 
two examples in Fig. 34 it is customary to finish the vertical joints by the first method; 
but when either of the last two methods is employed, it is used for both the vertical and 

: the horizontal joints. Occa- 
sionally in cut-stone masonry, 
and frequently in brick ma- 
sonry, the weather joint is im- 
properly made to slope in the 
opposite direction, due to the 
fact that the mason stands 
at the back of the wall and 

i “strikes” the joint by reach- 
ing down and resting the edge 

Fig. 34. Finish of Horizontal Joints of the trowel on the stone be- 

low the joint. If the mason 
stands behind the wall, it is not comfortable to make the weather joint as shown in Fig. 34 at the time the masonry is laid. The grooved joint is frequently called a tuck-pointed joint, and is sometimes made with a V-like face. The beaded joint is not very durable, since the projecting portion soon becomes detached. In making the beaded joint, the beading tool is sometimes guided by a straight-edge, called a “rod,” and the joint is then said to be “ rodded.” 

The Amount of Mortar required for ashlar masonry varies with the size 
of the blocks, and also with the closeness of the dressing. With 3/8- to 1/2- 
inch joints and 12- to 20-in. courses, there will be about 2 cubic feet of mortar 
per cubic yard; with larger blocks and closer joints, i.e., in the best masonry, 
there will be about 1 cubic foot of mortar per yard of masonry. For quantities 
of materials in mortar, see Art. 13. 

9. Squared-Stone and Rubble Masonry 

Squared-Stone Masonry. Squared-stone masonry is distinguished from 
ashlar in having less accurately dressed beds and joints; and from rubble in being more carefully constructed. In ordinary practice, the field covered by this class is not very definite. The specifications for “‘ second-class masonry ” as used on some railroads usually conform to the above description of quarry- faced range squared-stone masonry; but sometimes this grade of masonry is designated “ superior rubble.” Squared-stone masonry is employed for the piers and abutments of highway bridges, for small arches, for box culverts, for basement walls, etc. The quoins and the sides of openings are usually reduced to a rough-smooth surface with the face-hammer, the ordinary ax or the tooth-ax. This work is a necessity where door or window frames are inserted; and it greatly improves the general effect of the wall, if used wher- 
ever a corner is turned. 

The remarks concerning size of stones and backing under ashlar above apply sub- stantially also to squared-stone Masonry. As the joints of squared-stone masonry are thicker than those of ashlar, the pointing should be done proportionally more carefully, whereas as a rule it is done much more carelessly. The mortar is often thrown into the joint with a trowel, and then trimmed top and bottom to give the appearance of a thin- ner joint. Such work is called ribbon pointing. Trimming the pointing adds to the appearance but not to the durability. When the pointing is not trimmed, it is called dash pointing. 
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Rubble Masonry. This is the lowest grade laid with mortar; and is built 

of stones as they come from the quarry without other preparation than the 

removal of very acute angles and excessive projections from the general 

figure. The stone used for rubble masonry is prepared by simply knocking 

off all the weak angles of the block. It should be cleaned from dust, etc., 

and moistened, before being placed on its bed. This bed is prepared by 

spreading over the top of the lower course an ample quantity of good mortar 

of ordinary consistency in which the stone is firmly embedded. The vertical 

joints should be carefully filled with mortar. The interstices between the 

larger masses of stone are filled by thrusting small fragments or spalls of stone 

into the mortar. Careful attention should be given to bonding the wall 

laterally and transversely. It is frequently specified that one-fourth or one- 

fifth of the mass shall be headers. The corners and jambs should be laid with 

hammer-dressed or cut stones. 

A very stable wall can be built of rubble masonry without any dressing, except a 

draft on the quoins by which to plumb the corners and carry them up neatly, and a few 

strokes of the hammer to spall off any projections or surplus stone. This style of work 

is not generally advisable, as very few mechanics can be relied upon to take the proper 

amount of care in leveling up the beds and filling the joints; and as a consequence, one 

small stone may jar loose and fall out, resulting probably in the downfall of a consid- 

erable part of the wall. Some of the naturally bedded stones are so smooth and 

uniform as to need no dressing; a wall of such stones is very economical, since there is 

no expense of cutting and no time is lost in hunting for the right stone, and yet strong 

massive work is assured. However, many of the naturally bedded stones have inequal- 

ities on their surfaces, and in order to keep them level in the course it becomes 

necessary to raise one corner by placing spalls or chips of stone under the bed, and to fill 

the vacant spaces well and full with mortar. Here the disadvantage of this style of 

work becomes apparent. 

When carefully executed with good mortar, rubble possesses all the strength and 

durability required in structures of an ordinary character, and is much less expensive 

than either ashlar or squared-stone masonry. But it is difficult to get rubble well exe- 

cuted. The most common defects are (1) not bringing the stones to an even bearing; 

(2) leaving large unfilled vertical openings between the several stones; (3) laying up a 

considerable height of the wall dry, with only a little mortar on the face and back, and 

then pouring mortar on the top of the wall; (4) using insufficient cement, or that of a 

poor quality. The only way to prevent the first defect is to have an inspector on the 

job all the time. The second and third defects can be detected by probing the wall 

with a small pointed steel rod. To prevent the fourth defect it is customary for the 

owner to furnish the cement to the contractor. Apparently it is commonly believed 

that the rougher the stones and the poorer the grade of masonry, the poorer the cement 

or the leaner the mortar should be. The principal object of the mortar is to equalize 

the pressure; and the more nearly the stones are reduced to closely fitting surfaces, 

the less important is the mortar. Consequently, when a substantial rubble is required, 

it would not be amiss to use a first-class cement mortar, particularly if the stones are 

comparatively small. 

The Amount of Mortar required for rubble masonry varies greatly with 

the character of the surfaces with which the stone quarries out. If the stone 

js stratified sandstone or limestone yielding flat-bedded stones with good end 

surfaces, the rubble may not require much if any more mortar than ashlar 

puilt of the more refractory stones, but if the rubble is built of stone that 

quarries out in irregular chunks and is difficult to dress, a very large per cent 

of mortar may be required. The amount of mortar required can be consid- 

erably reduced by packing spalls into the vertical spaces between the stones, 

a proceeding that is always economical since spalls are always much cheaper 

than cement mortar. However, when the cement is furnished by the owner, 

the mason is apt to fill the joints entirely with mortar since it requires less 

time. 
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If rubble masonry is composed of small and irregularly shaped stones, about 
one-third of the mass will consist of mortar. If the stones are large and regular 
in form, one-fifth to one-quarter of the mass will be mortar. For quantities 
of materials in mortar, see Art. 13. 

Rubble Concrete is ordinary concrete in which large irregular stones, sometimes 
called plums, are embedded. This form of masonry is adapted to moderately massive 
construction. The plums decrease the cost of crushing the stone and also decrease the 
amount of cement required, and increase the density of the mass. The plums are 
usually limited to about 40% of the entire volume, to insure that they shall be sur- 
rounded by concrete. It is usually difficult and expensive to place more than 25% 
of plums. If the concrete is wet, there is little or no trouble in getting the large 
stones thoroughly bedded, and consequently this form of masonry is as good as or 
better than ordinary concrete. 

Cyclopean Masonry. Sometimes in building large structures, as dams, the rubble 
is made of very large irregular rocks and wet concrete is used instead of mortar. The 
large stones are placed in the wall by means of a derrick, and concrete is deposited 
from a bottom-dump pocket. This form of construction was first used about 1900, 
and is specially applicable in building a dam in which the faces are laid in ashlar, 
squared-stone, or rubble, and serve as forms in which to place the rock and concrete. 
The term concrete-rubble is sometimes used for this kind of filling. 

10. Dry Stonework 

Riprap is rough stone of various sizes placed compactly or irregularly to 
prevent scour by water. Often riprap is dumped in promiscuously, the size 
of the stone depending upon the material at hand and the velocity of the cur- 
rent, in extreme cases stone of 15 to 20 cu. ft. being used. Such riprap is 
sometimes called “‘ cyclopean riprap.” 

Hand-placed Riprap (sometimes called “slope wall’) is usually made of 
thin-bedded stones 6 to 12 in. wide set on edge. If the bank on which the 
tiprap is placed consists of material which may be washed out by the water, 
a layer of sand or gravel should be placed under the riprap, a thickness of 4 to 
8 in. usually being sufficient. The stones should break joints horizontally, 
so that if any stone is displaced those above will bridge the opening and pre- 
vent the raveling of the whole bank. The joints should be made reasonably 
close to prevent the washing out of the bank material, but ordinarily a width 
of 1 or 1-1/2 in. is sufficient. The length and width of the face of the stone 
are unimportant, and will depend upon the way the stone quarries out. 
Ordinarily such riprap can be built more cheaply and better of stones that one 
man can lift readily, than of two-men stones or larger. The paving should 
be laid approximately to a plane, and in fairly regular courses. Sometimes 
the riprap is made of cobblestones or rounded boulders, but such stones are 
more troublesome to place, and do not make as desirable or stable a pro- 
tection. 

Dry Rubble Masonry is sometimes used for low retaining walls, or at the 
foot of exposed banks of excavations to prevent the loose material of the bank 
from flowing into the cut. It is constructed like ordinary rubble masonry 
but without using any mortar. Walls of dry masonry should be about 60% 
wider than would be required for rubble work laid up in mortar. 

11. Qualities of Brick 

Good Bricks have the following qualities to recommend them as a building 
material: (1) Bricks are practically indestructible, since they are not acted 
upon by fire, the weather, or the acids in the atmosphere. (2) Bricks may be 
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had in most localities of almost any shape, size, or color. (3) Bricks are 

comparatively easy to put into place in the wall. (4) In most localities brick 

masonry js cheaper than stone masonry, even rubble, and under some condi- 

tions is a competitor with concrete. The disadvantages of brick as a build- 

ing material are: (1) Owing to the smallness of the unit, bricks are compara- 

tively expensive to lay, and require considerable skill to secure a strong and 

good-appearing wall. (2) Ordinarily brick masonry is not as durable as 

ashlar, since a considerable part of tle face of the wall is mortar, which is 

not as durable as the brick; but by making thin joints or using superior mor- 

tar in the exterior edges of the joints, a durable wall may be constructed. 

Clay Brick. Until about 1900 the word brick always meant a prism of 

burned clay; but at about that date bricks composed of sand and lime were 

put upon the market, and at present many such brick are used annually, 

although their number is very small in comparison with that of ordinary clay 

brick. Ordinarily the word brick means a burned-clay brick, and a brick 

composed of sand and lime is called a sand-lime brick. Clay brick is made 

by submitting clay which has been prepared properly and molded into shape 

to a temperature which converts it into a semi-vitrified mass. Building brick 

are usually made from surface clay, and paving brick from shale (a fine- 

grained and indurated clay), since the latter gives a tougher, denser, and 

stronger brick. 

The method of molding gives rise to the following terms. 

Soft-mud Brick: One molded from clay which has been reduced to a soft mud 

by adding water. It may be either hand-molded or machine-molded. Stiff-mud 

Brick: One molded from clay in the condition of stiff mud. It is always machine- 

molded. Pressed Brick: One molded from dry or semi-dry clay. Re-pressed Brick: 

Usually a stiff-mud brick which has been subjected to an enormous pressure to render 

the form more regular and to increase its strength and density. It is doubtful whether 

the re-pressing increases either the strength or the density. Occasionally in the East, 

and more formerly than at present, a soft-mud brick, after being partially dried, is 

te-pressed, which process greatly improves the form and also the strength and the 

density. A re-pressed brick is sometimes, but inappropriately, called a pressed brick. 

Slop Brick: In molding brick by hand, the molds are sometimes dipped into water just 

hefore being filled with clay, to prevent the mud from sticking to them. Brick molded 

by this process is known as slop brick. It is deficient in color, and has a comparatively 

-smooth surface, with rounded edges and corners. This kind of brick is now seldom 

made. Sanded Brick: Ordinarily, in making soft-mud brick, sand is sprinkled into 

the molds to prevent the clay from sticking; the brick is then called sanded brick. The 

sand on the surface is of no serious advantage Or disadvantage. In hand-molding 

when sand is used for this purpose, it is certain to become mixed with the clay and 

‘occurs in streaks in the finished brick, which is very undesirable; and owing to details 

.of the process, which it is here unnecessary to explain, every third brick is especially 

bad. Machine-made Brick: Brick is frequently described as “ machine-made ” but 

this is very indefinite, since all grades and kinds are made by machinery. 

When bricks were usually burned in the old-style up-draft kiln, the classification 

according to position was important; but with the new styles of kilns and improved 

methods of burning, the quality is so nearly uniform throughout the kiln that the classi- 

fication is less important. Three grades of brick are taken from the old-style kiln: arch 

prick, body brick, and salmon brick. Arch or Clinker Bricks: Those which form the 

‘tops and sides of the arches in which the fire is built. Being overburned and partially 

-vitrified, they are hard, brittle, and weak. Body, Cherry, or Hard Bricks: Those 

taken from the interior of the pile. The best bricks in the kiln. Salmon, Pale, or Soft 

Bricks: Those which form the exterior of the mass. Being underburned, they are 

too soft for ordinary work, unless it is for filling. The terms “ salmon” and“ pale ” 

refer to the color of the brick, and hence are not applicable to a brick made of a clay 

that does not burn red. Although nearly all brick clays burn red, yet the localities 

-where the contrary is true are sufficiently numerous to make it desirable to use a differ- 

ent term in designating the quality. 
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The form of the brick gives rise to the following terms. Compass Brick: One having 
one edge shorter than the other. Feather-edge Brick: One having one edge thinner’ 
than the other. Used in arches; and more properly, but less frequently, called voussoir 
brick. Face Brick: Those which, owing to uniformity of size and color, are suitable 
for the face of the wall of buildings. Sometimes face bricks are simply the best ordi- 
nary brick; but generally the term is applied only to re-pressed or pressed brick made: 
specially for this purpose. Sewer Brick: Ordinary hard brick, smooth, and regular 
inform. Paving Brick: Very hard, ordinary brick. A vitrified clay block, very much larger than ordinary brick, is sometimes used for paving, and is called a paving brick, 
but more often a brick paving-block. Vitrified Brick: The introduction of brick for street pavements about 1890 led to a new grade, one burned to the point of vitrifaction 
and then annealed or toughened by slowly cooling. Vitrified brick and paving blocks,. though originally made for paving purposes, are now much used in building and en- 
gineering structures. 

The Size of common brick varies widely with the locality and also with 
the maker, and with the same maker the brick are likely to be larger as the. working season advances, owing to the wear of the molds or the die. Hard- 
burned bricks are smaller than soft-burned ones, owing to the greater shrink- age in burning; and this difference varies with the different kinds of clays. The standard sizes accepted by a number of the brick manufacturers’ associa- tions in 1923 are: 8 X 3-3/4 X 2-1/4 in. for common and rough-face brick, and 8 X 3-7/8 X 2-1/4 in. for smooth-face brick. For sizes of paving brick,. 
see Sect. 20, Art. 18. 

Form. A good brick should have plane faces, parallel sides, and sharp. edges and angles. In regularity of form re-pressed brick ranks first, dry-clay- brick next, then stiff-mud brick, and soft-mud brick last. Regularity of form. depends largely upon the quality of the clay and the method of burning. A good brick should not have depressions or kiln marks on its edges caused by the pressure of the brick above it in the kiln, 

Texture. A good brick should have a fine, compact, uniform texture; and should contain no fissures, air bubbles, pebbles, or lumps of lime. It should give a clear ringing sound when struck a sharp blow with a hammer: or another brick. A brick which gives a clear ringing sound is strong and durable enough for any ordinary work. 

The compactness and uniformity of texture, which greatly influence the durability of brick, depend mainly upon the method of molding. As a general rule, hand-molded bricks are best in this respect, since the clay in them is more uniformly tempered before being molded; but this advantage is partially neutralized by the presence of sand seams. Machine-molded soft-mud bricks rank next in compactness and uniformity of texture. Then come machine-molded stiff-mud bricks, which vary greatly in dura- bility with the kind of machine used in their manufacture. By some of the machines, the brick is molded in layers (parallel to any face, according to the kind of machine), which are not thoroughly cemented, and which separate under the action of frost. In compactness the dry-clay brick comes last. However, the relative value of the prod- ucts made by the different processes varies with the nature of the clay used. Formerly it was believed that the capacity of a building brick to absorb water had an important effect upon its ability to resist destruction by frost; but experiments and a more careful study of experience has shown that this has little or nothing to do with its 

The Crushing Strength is valuable only in comparing different brands, and gives little idea of the strength of walls built of such bricks. The crushing strength of brick is of relatively less importance than that of stone, since owing to the relatively smaller size of the brick and consequently the relatively 
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larger proportion of mortar, the strength of brick masonry is more dependent 

upon the strength of the mortar than is stone masonry. The strength of the 

brick is of relatively small importance unless the mortar is nearly as strong 

as the brick. 

Soaking a brick in water decreases its compressive strength, apparently because the 

water acts as a lubricant on the plane of rupture. In a series of experiments with the 

United States testing machine at Watertown, of thirty tests upon ordinary building 

brick from ten localities, all but two showed a loss of strength due to immersion in 

water for one week; and the wet half of a brick gave an average crushing strength of 

only 85% of the strength of the dry half. 

Experiments indicate that a brick will show maximum strength when tested flat- 

wise, less strength if tested edgewise, and will be weakest when tested endwise. The 

crushing strength of brick is quite variable, depending on the method of molding, the 

character of the clay, and the manner of burning. The tentative specifications (1927) 

for Building Brick of the American Society for Testing Materials contain the following 

classification of brick according to strength: 

Compressive strength Modulus of rupture | 

flatwise flatwise 

Name of grade Individual Individual 

Ae. ae minimum, ie, os minimum, 

CEI, 20- | ib. per, SA Cele aP en) aby per eds 
per sq. in. ae per sq. in. ey 

Hebei SS, - 

Grade “A” 4500+ 3500 600+ 400 

Grade “B”’ 2500+ 2000 450+ 300 

Grade.“ C ” 1250+ 1000 300+ 200 

Grades “A” and “ B” are usually hard or well-burned. Bricks of grade “‘ C” are 

usually underburned.. The actual strength of well-made brick may be considerably 

higher than the specified minimum. 

Sand-lime Brick consist of a mass of sand cemented together with lime. 

There are two classes of sand-lime brick: one in which the binding material 

is carbonate of lime, and the other in which it is silicate of lime. 

The first is virtually a brick made of ordinary lime mortar, molded as are soft-mud 

clay brick, and hardened in the open air or in an atmosphere rich in carbon dioxide 

(COg), either with or without pressure. This form may properly be called a lime- 

mortar brick. It is the older form of sand-lime brick, and was formerly made in a 

small way where sand and lime were cheap and clay and fuel were expensive; but the 

brick is so weak and friable that it has not given satisfaction, and needs no further con- 

sideration here. 

The second kind is made from a mixture of sand and lime which is molded in a press 

and hardened by being subjected to steam under pressure. In this case the binding 

material consists chiefly of hydrosilicate of lime. Probably part of the lime is con- 

verted into carbonate by absorbing carbon dioxide; but the most of the lime combines 

with the silica of the sand and forms hydrosilicate of lime, a stable and comparatively 

strong cementing material. This form is the only one to which the term sand-lime 

brick is now applied; but in consulting the past literature on the subject, a careful dis- 

tinction should be made between the two forms of so-called sand-lime brick. This 

form of sand-lime brick was first manufactured in Germany about 1880, and was intro~ 

duced into America about 1900. There are localities where this form of brick is an 

important factor in building operations. 

Sand-lime brick are made which in appearance and quality are the equal of dry-clay 

(pressed) brick. The average sand-lime brick will be equivalent in strength to medium 

clay-brick. When sand-lime bricks are manufactured under standard specifications 

they may be used as a substitute for clay-brick in masonry construction. 
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12. Lime and Lime Mortar | 

Lime Mortar, a mixture of lime paste and sand, is generally used for brick 
masonry because of its cheapness and the comparative ease with which it is 
used. There are two classes of lime on the market, high-calcium lime and 
magnesian or dolomitic lime. The former is made of nearly pure limestone, 
and the latter of a limestone containing a considerable quantity of magnesia; 
the latter slakes more slowly, evolves less heat, expands less, sets more slowly, 
and makes the stronger mortar. The former is known as hot or quick lime, 

and the latter as cool or slow-setting lime. 

The lime must be slaked before being mixed with the sand. Lime is usually slaked 
by placing the lumps in a layer 6 or 8 in. deep in either a water-tight box or a basin 
formed in the sand to be used in mixing the mortar, and pouring upon the lumps a quan- 
tity of water 2-1/2 to 3 times the volume of the lime. If the quantity of water added is 
just right, the lime will be reduced to a thick paste; but if too much water is used, the 
lime will be reduced to a semi-liquid condition and a considerable part of its binding 
quality will be destroyed. b 

With a High-Calcium or quick-slaking lime the best results are obtained when all the 
water is added at once; but with a magnesian or slow-slaking lime only a little water 
should be added at first, and then after the lime and water are hot, more water may be 
added gradually so as not to chill the mixture and retard the slaking. The slaking 
proceeds more rapidly and is more complete if the mass is hot. The lime absorbs the 
water, and the chemical action generates heat enough to change part of the absorbed 
water into steam which bursts the lumps of lime apart and thus exposes new surfaces 

to the action of the water; but if cold water is added after the slaking has begun, it 
chills the mass, prevents the formation of steam and the consequent bursting of the 
lumps, and hence the slaking is not complete, and the amount of paste formed is less 
than it should be. Further, when the slaking has been thus retarded, a thin paste 
forms on the outside of the fragments of the unslaked lime, which excludes the water 
from the interior or unslaked portion of the lump; and hence it is difficult, if not impos- 
sible, to slake lime thoroughly if it has ever been chilled in the slaking. Partial 
air slaking is harmful in much the same way, since the slaked lime on the outside of a 
lump prevents the free access of the water to its interior. 

Stirring the lime while slaking chills the mass and thereby retards the slaking; but on 
the other hand, stirring breaks up the friable lumps and thereby aids the slaking. 
Therefore if the mass is stirred at all, the stirring should be done in such a manner as to 
cool the mass as little as possible. The swelling of the lime in the lower portion of the 
mass frequently lifts some of the lumps out of the water, the heat in the lump causes a 
column of steam to rise from it, and the lump is said to “ burn.’ This burning is 
detrimental, since a film of slaked lime is formed on the surface of the unslaked portion 
which tends to prevent complete slaking. Therefore it is important that lumps which 
are burning should be pushed back into contact with the water. Burning can be pre- 
vented by covering the box with boards or a tarpaulin to retain the heat and the 
moisture. 

Lime slakes spontaneously when exposed to the air by absorbing moisture from the 
atmosphere; and lime that is thoroughly aid-slaked is as good as, or even better than 
that slaked in the usual way, a popular prejudice to the contrary notwithstanding. 
However, lime that is only partially air-slaked is undesirable, since it is more difficult 
to slake by the ordinary process than lime that is not partially air-slaked. 

Slaked lime is sold under the name of hydrated lime. It is a dry powder, and is 
usually packed in paper sacks. In certain classes of work, hydrated lime is of decided 
advantage, since it is ready for immediate use without waiting to slake it. For quan- 
tities of materials in mortar, see Art. 13. 

Mortar. Sand is added to the lime paste for four reasons: (1) to divide 
the paste into thin films and make the mortar more porous, thus allowing the 
penetration of air and facilitating the absorption of the carbonic acid which 
causes the setting of the mortar; (2) to prevent excessive cracking of the mor- 
tar owing to shrinkage due to the evaporation of the water in the lime paste; 
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(3) to give greater strength to the mortar against crushing (practically the 

only stress that comes upon mortar), since sand has a greater resistance to 

compression than lime paste either before or after it has set; and (4) to reduce 

the amount of lime necessary to make a given bulk of mortar, thus decreasing 

the cost. See Sect. 11, Appendix 4, for the requisites of good sand, and Sect. 11, 

Appendix 2, for cement mortar which is used in brickwork of the highest class. 

After the lime is slaked, the sand is spread evenly over the paste, and the ingredients 

are mixed with a shovel or hoe, a little water being added occasionally if the mortar is 

too stiff. The mixing should be thorough, i.e., it should be continued until the mortar 

is of a uniform color. 

To determine whether the proportion of sand is right, hold the hoe handle nearly 

horizontal and lift up a hoeful of mortar. If the mortar will not of itself slide from the 

hoe, it does not contain enough sand; and if a hoeful of mortar cannot be thus lifted up, 

it contains too much sand. The brick-mason on the wall by a somewhat similar proc- 

ess checks the proportions of the mortar by the way in which it slips from the trowel. 

If there is an excess of sand, the mortar will be “ brash” or “ short,” and will drop 

from the trowel so abruptly as to make it impossible to ‘string out the mortar,” 

namely, to spread the mortar over several bricks by simply allowing it to flow from the 

‘trowel as the latter is drawn along. On the other hand, if there is an excess of paste, 

the mortar will not flow from the trowel, at least in sufficient quantity to make the 

joint. This method of proportioning gives a mortar that works well under the trowel, 

and with reasonably clean sand also a mortar of practically maximum strength. 

If the sand is very fine and contains a good deal of finely pulverized clay, the above 

test may be satisfied when the mortar contains too little lime; but lime paste is so 

cheap, and lime mortar is so weak, that a sand with any considerable amount of clay 

should not be used in lime mortar; since the clay is a source of weakness. 

Certain forms of diatomaceous silica, originally developed for use in concrete, are 

claimed to be beneficial in lime-cement mortars. When this material is added to 

the mortar, it is said to increase the plasticity and also the strength. 

13. Laying Brick 

Wetting the Brick. Since most bricks have a great avidity for water, it is 

best to dampen them before laying. Tf the mortar is stiff and the bricks are 

dry, the latter absorb the water so rapidly that the mortar doesnot set properly, 

and will crumble in the fingers when dry. Neglect in this particular is the 

cause of most of the failures of brickwork. Since an excess of water in the 

brick can do no harm, it is best to drench them thoroughly with water before 

laying. Lime mortar is sometimes made very thin, so that the brick will not 

absorb all the water. This process interferes with the adhesion of the mortar 

to the brick. Watery mortar also contracts excessively in drying, which 

causes undue settlement and, possibly, cracks or distortion. Wetting the 

brick before laying will also remove the dust from the surface, which otherwise 

would prevent perfect adhesion. When the very strongest work is desired, as in 

brick sewers, it is customary to require that the brick shall be immersed in 

water for 3 to 5 minutes before being laid. Wetting in the pile is not as effect- 

ive as immersion, since in the pile the water is not likely to reach all the sur- 

faces of all of the bricks. Masons very much dislike to lay wet brick, since 

the water softens the skin on their fingers and causes it to wear away rapidly. 

The softer the bricks the more necessary that they should be thoroughly wet 

when laid. In freezing weather, care should be taken that the water does not 

form a film of ice on the brick. 

Laying. The bricks should not be merely laid, but every one should be pressed 

down in such a manner as to force the mortar into the pores of the brick and produce 

the maximum adhesion. This is more important and also more difficult to accomplish 

with cement than with lime mortar. The increased value of the cement mortar can be 
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attained only by bringing the brick and the mortar into close contact; and this is more 
difficult to do, since cement mortar is not as plastic as that made with lime. The 
mason is apt either (1) to butter the edges of the brick, and thus secure a joint that 
looks well after the brick is laid; or (2) to place insufficient mortar to make a full bed 
joint of the required thickness, run the point of his trowel through the middle of the 
mass, making an open channel with a sharp ridge of mortar on each side, and then lay 
the brick upon the top of these two ridges, thus leaving the center of the brick unsup- 
ported. The first method is the one employed with thin joints, which is a reason why 
they should not be required; the second method is popular because it requires less 
exertion and is more rapid than fully bedding the brick. 

If strength is a matter of any moment, care should be taken to see that the vertical 
joints are filled solidly full of mortar; this is called slushing the joints. Unless slush- 
ing is insisted upon, masons are apt to butter the end joints, lightly bed the brick, 
throw a little mortar into the top of the vertical joints, and scrape off the excess above 
the top of the brick, thus leaving the major portion of the vertical joints open; and 
sometimes little or no attempt is made to fill the vertical joint between adjacent tiers 
of stretchers, thus leaving also long and high unfilled vertical spaces. Where resistance 
to dampness is more important than compressive strength, no particular attempt to 
fill interior vertical joints is necessary. 

For the best work it is specified that the brick shall be laid with a “ shove joint”; 
that is, that the brick shall first be laid so as to project over the one below, both at the 
end and the side, and be pressed into the mortar, and then be shoved into its final posi- 
tion. Masons are very reluctant to lay brick with a shove joint, partly because it is hard 
work and partly because many of them have not acquired the art. If brick are not 
laid with a shove joint, it is highly improbable that the lower part of the vertical joints 
will be filled with mortar, and consequently the wall will not be as strong or as imper- 
vious to water, air and heat as it would otherwise be. 

Pointing. In laying inside walls that are to be plastered, the mortar that 
is forced out when the brick is pressed into position is merely cut off with the 
trowel; but for outside walls and also for inside walls that are to be left exposed, 
the joints should be more carefully finished. In laying common brick the 
mortar in the vertical joints is simply pressed back with the flat face of the 
trowel; but there are three methods of pointing or finishing the bed joints: 
(1) flush joints, (2) struck joints, and (3) weather joints. 

Flush pointing consists in pressing the mortar flat with the trowel, thus making the 
edge of the joint flush with the face of the wall (Fig. 35). The struck joint is formed 
by resting the lower edge of the blade of the trowel upon the edge of the brick below 
the joint and drawing the trowel along the joint, which smooths the face of the joint 
and slightly consolidates the mortar, and leaves thé joint as shown in the center of 
Fig. 35. The weather joint is formed as shown in right-hand side of Fig. 35 by pressing 

the mortar back with the upper 
edge of the trowel. . This form 
of finish is much more durable 
than the struck joint, since 
water will not lodge in the 
joint and soak into the mortar 
and on freezing dislodge the 

Pah Deine Struck Joint Weather Joint ™mortar; but this form of joint 
is much more difficult to make, 

Fig. 35. Pointing Bed Joints of Common Brickwork since the mason stands above 
and back of the brick he is 

laying. If the weather joint is desired, it must be distinctly specified and the inspector 
must be watchful to see that it is secured. Brick 4nasonry is usually laid with lime 
mortar or with lime-cement mortar, the lime giving cohesive strength to the mortar 
so that enough mortar stays in the joint to permit it to be successfully struck; but 
when cement mortar or mortar containing but little lime is used, the mortar is so 
lacking in cohesion that enough does not remain in the joint to permit striking it, and 
hence with cement mortar it is necessary to formally point the masonry. _ 

Fressed brick are usually laid with a mortar made of one volume of stiff lime paste 
(called lime putty) and one volume of fine sand; and when this mortar is used, the 
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brick is buttered, i.e., a little mortar is spread upon only the edges of the brick before 
it is laid. If the above mortar were spread.over the entire surface of the brick, the 
joint could not be made as thin as is usually specified; but some of the better architects 
specify thicker joints for pressed work so that the bricks can be laid otherwise than by 
being buttered. If the mortar is to be spread in the usual way, it should consist of 1 
volume of lime paste to about 2 volumes of rather fine sand. Some architects specify 
1 volume lime paste, 1 volume portland cement, and 2 volumes of fine sand. Some 
contractors prefer to substitute at their oWn expénse @ rich portland cement mortar 
and lay thicker joints rather than lay thin buttered joints, since the brick-mason can 
lay more brick with the former than with the latter. 

The joints of pressed-brick. work are finished by grooving or beading (Art. 8, Fig. 34), 
the former being more common. The-grooved joint is preferred to the flush joint, 
because of the variation in light and’shade that the former gives to the face of a wall. 

Bond is the arrangement of the bricks in successive courses to tie the wall 
together both longitudinally and transversely. The primary purpose of bond 
is to give strength to the masonry, but architects employ various longitudinal 
bonds to improve the appearance of the wall. Although numerous bonds are 

employed for artistic effect, in the construction of ordinary brick masonry 
only three bonds are used, the common, the English, and the Flemish, The 
common bond consists of four to seven (for better work not over six) courses 

of stretchers to one of headets. The proportionate numbers of the courses of 
headers and stretchers should depend on the relative importance of :trans- 
verse and longitudinal strength. The proportion of one course of headers to 
two of stretchers is that which gives equal tenacity to the wall lengthwise and 

crosswise. English bond consists of alternate courses of stretchers and head- 
ers, and Flemish bond consists of a header and stretcher alternately in each 
course so placed that the outer end of each header lies on the middle of a 

stretcher in the course below. 

If the wall is more than one brick thick, it should be bonded transversely as well as 
longitudinally. The exact arrangement of the transverse bond varies with the thick- 
ness of the wall, but is easily worked out if a little attention is given to it. The face 
bond is likely to receive more attention than the transverse bond, and it can be readily 
inspected after the completion of the wall; but the transverse bond cannot be examined 
after a course is laid on top of it, and therefore it should be carefully looked after as 
the work progresses. 

The Report of the Building Code Committee of the Dept. of Commerce (June 26, 
1924) on “ Recommended Minimum Requirements for Masonry Wall Construction ” 
contains many valuable suggestions. 

Estimates. The following tables are from ‘‘Brick—How to Build and 
Estimate,” published by The Common Brick Manufacturers’ Association 

of America * (1926). 

The time required to perform work is based on the average petform- 
ancé of experienced bricklayers and laborers. In some districts where 
bricklaying is done by men who are not so familiar with the work, the time 
allowance should be correspondingly increased. Laborer’s time includes time 
for making and handling mortar, handling brick from pile on the ground, 
waiting on bricklayer, moving scaffold, etc. Laboret’s time for cleaning 
brickwork is not included. Bricklayer’s time is given for the average number 

of brick laid on a small job in a country town. This time may be decreased 

through good management. On large work and in cities, bricklayers will lay 

1500 brick per day (8 hours) on a solid wall, including facing and backing. 

Under good management, the time for bricklayers given in the table should be 

considerably reduced. In case the work has many special features, such as 

pilasters or special patterns, the bricklayer’s time should be increased. 

* This book also contains other useful information on brick construction. 
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In figuring the wall area, deduct all openings, using the exact masonry 

opening. To the cost computed from the table add cost of foreman, rental 

of hoisting machinery, engineers’ time, fuel, special scaffolding, cleaning down, 

overhead and profit. An allowance should be made in quantity of brick for 

breakage and waste; in massive work this may be 1 or 2%, for buildings 

3 to 5%. 
Tables for Estimating Brickwork 

Bricklayer’s time, 
hours 

Cubic Labo < 
er’s 
time, 
hours 

Number 
of feet of 

bricks mortar 

Lime or 
cement- | Cement 

lime mortar 

mortar 

I. Piers (1/2-in. joints. All 
joints filled with mor- 
tar). 

8 X 12-in. solid—Brick 
laid flat. Height = 10 

124 2to tee Nes exer ee 175 

12 X 12-in. solid—Brick 
laid flat. Height = 10 

185 3.25 d DO es Peeps 2.50 

12 X 16-in. solid—Brick 
laid flat. Height = 10 

bh mn 247 4.50 MLE a Yaseen eee 3. 

I. Solid Basement Exterior 
Walls (1/2-in. joints; 
exterior 4-in. thickness 
of wall laid with all 
joints filled. Remain- 
ing brick laid on full 
bed of mortar, but 
brick touching end to 
end. Vertical space 
between each 4-in. 
thickness filled with 
mortar. Eyery fifth 

coursea header course.) 
8-in. wall—Surface area 

=x 1000 sq. Tttornce yee 

12-in. wall—Surface area 
=.1000 sq. ft......... 

16-in. wall—Surface area | 
= TO00' sq: itecns ates 

12 706 195). 97. 73. 93. 

19 252 314. 149. 110. 140, 

25 797 433. 200. 129. oe 

Il. Solid Exterior © Walls 
above Grade (1/2-in. 
joints, common bond; 
mortar in joints as per 
Table II.) 

8-in. wall—Surface area 
='T000sq. ft .7.s. a. 

12-in. wall—Surface area 
=21000'sq. TES Sie ts 

16-in. wall—Surface area 
= 1000sd; ftuerscinies 

12 706 TSS. 3. 84. O3% 

19 252 19527 osteol40. 128. 140. 

25 797 255% 187. AST 172. 
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Tables for Estimating Brickwork—Continued 

Bricklayer’s time, hours 

Common Other 
Num- Cubic | La- bond bonds 
bbe feet | bor- 
of of er’s | Lime Lime 

rickee| ee time, |or ce-| Ce- jorce-| Ce- 
tar | hours |ment- | ment |ment-| ment 

lime | mor- | lime | mor- 
mor- tar mor- tar 

tar tar 

i IV. Solid Walls. All bonds 
(1/2-in. joints, all joints 
filled with mortar. 
“Other bonds” in- 
cludes Flemish and 
English). 

8-in. wall—Surface area 
=-$000'sq: fits: - sor." 12 321 195- os; 90. 99. 104. 110. 

12-in. wall—Surface area 
= ANO0 Sq: £096 25. .0d 18482 | 314. 144. 164. 

16-in. wall—Surface area 
eH MOO Ge TEs. b scat 24642) 433. 192. 

Number of Bricks Laid by One Bricklayer per 8-Hour Day 

Class of masonry * 

DOO OVD. cis pyeleo « Rigs a» 
I. Solid Basement Exterior Walls: 

8 in. thick 
minCthicktte Pet P22 4 
16 in. thick 

II. Solid Exterior Walls above 
Grade: 

8 in. thick 
12 in. thick 
16 in. thick 

IV. Solid Walls: 
8 in. thick 
POR ne taiClos otee ecete: shania. sid ops 
16 in. thick 

Common bond Other bonds 

Lime or Lime or 
cement- Cement cement- Cement 

lime mortar lime mortar 
mortar mortar 

tee odes 570 Boia Sioa gl PZ lekeah. 
te Fae 590 hp stectdeove,t lstarseas Mee 
SROs aay Be 610 oitavie cli Seen eats 

1390 LOO Meas o0o oa carga ciemacie ace | 
1400 LPOG alec. c + 5 visser planeta tenener eens? © 

1600 GOOD TS SEA Oar aero os 

1210 LODO oon leven orayao@litarokyrtay 29 
1200 ETO po | nm so vsipay bce ince dy ensatini is cope te 

1507 PLOO ala we epetosare cust} sipleteia niall 

1100 1000 950 900 
1100 @ 1000 950 900 
1300 1100 1100 1000 

* See preceding table for joint details. 
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Quantities of Material for 1000 Cu. Ft. of Mortar 

(Based on use of good quality lime. Lime quantities are approximate and will 

vary with the grade of lime and the size of particles composing the sand. In 

cement mortars, 1/10 of the cement by weight is replaced by dry hydrated lime or 

its equivalent in lump-lime paste.) 

Lump 
lime, 180- | lime, 50- 94-lb. Sand 

Mortar Ib. bbl. lb. sacks, | sacks, 4 
number number number | °*: Yo 

of bbl. of sacks | of sacks 

Lime mortar: 
Wmlel fleceey orviety er eees ieee: S8@ aes 37 

1 ee TE Seana Me een oon oc Bee 282eet Tce 37 

Cement-lime mortar: 
CEE NG 8 ae IRE 4 FRAC 146 130 37 

Cement mortar: 
in ee Rae Ree Petes see 92 442 34 

LD Bebe Sade seh TBC e 6a wns 69 331 39 

Lee a earls ae eth ae ees ara 55 264 AL 

In using the above tables, the following points should be considered: (a) Locality 

has much influence upon the number of brick laid per man... In the small communities, 
especially in the South, the number of brick laid may be 50 to 60% higher than those 
laid per man in the large cities of the East. This is influenced also by the available 

supply of bricklayers. (b) Fhe quality of the brick has a material bearing. Rough, 
poorly shaped brick are laid at a slower rate than uniform, well shaped brick. (c) The 
proper and commonly employed method of laying brick is to ‘‘ butter and shove.” 
In some places only the outside brick are so laid; the others are simply placed and 
slushed. The latter method results in laying about 50% more brick, but produces a 
weak wall. (d) The table does not cover special work such as small window arches, 
small offsets, etc. Engineers generally over-estimate the rate of laying such work. 
It is thought that in general the rate of doing this special work is about one-third of 
that given'in the above tables. (e) The time of year in which brick are laid seriously 
affects the rate of laying. When the temperature is below 20° F. all materials should 
be heated and the work protected against frost. Men wearing gloves and mitts lay 
only about 50% the usual amount. 

14. Efflorescence * 

Efflorescence. is a white deposit which may occur on the surface of any 

masonry wall, and which is caused by the crystallization of soluble salts 
brought to the surface by moisture in the masonry. These salts may have 
been in any or all of the masonry materials in the wall—in facing, backing, 
or mortar. The moisture may have entered the wall during construction 
through exposure to rain or snow; or it may have entered after the wall was 
completed, from the earth at the base, from improperly flashed parapet walls 
at the roof, from leaking gutters and downspouts, from lack of drips on cor- 
nices and sills, or from poorly filled or cracked mortar joints in the wall. 

“Once in the wall, the moisture dissolves some of the salts present, and later passes 
to the surface when conditions become favorable. When evaporation takes place, the 
salts are left behind on the wall as efflorescence. No masonry material is always 
exempt from contributing to the development of noticeable efflorescence, but some ma- 
terials contain much larger quantities of soluble salts than others, and consequently 
are much more important sources of trouble.” : 

* This article is based largely on.“ Wet Walls and Efflorescence,” by L. A. Palmer, 
Research Associate, National Bureau of Standards, and published by American Face 
Brick Assn., 1928. 
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“Prevention of efflorescence must begin with the design of the building, follow 
through the selection of materials and the methods of work during the construction 
period, and continue with maintenance of the structure after its completion.. The 
neglect of certain simple precautions may bring very unsatisfactory results.” 

The most important precaution is to prevent moisture from entering the wall, either 
during construction or later. This precaution will also aid in preventing disintegra- 
tion of the masonry through the freezing and thawing of the moisture, and the unde- 
sirable effects of damp interiors. 

“* The presence of soluble salts jn clay products can be practically eliminated by the 
manufacturer by certain procedures in the drying and burning of the ware, together 
with the judicious use of barium compounds in the clay.” The resultant increase of 
cost renders this procedure impracticable in the manufacture of the less expensive 
building products, though it has been generally used in the face brick industry. ““From 
the standpoint of efflorescence it is therefore very essential that the backing-up mate- 
rials be protected from excessive water penetration.” 

One of the important sources of efflorescence is free lime, which occurs in 

the lime mortar and also in cement. The development of efflorescence from 
the mortar may be largely prevented by the use of water-repellent. materials, 
especially calcium or ammonium stearate (2% by weight of the cement and 
lime used in the mortar). 

“ Mortars so treated are effective in preventing the passage of moisture; where only 
capillary forces obtain. Calcium stearate is a powder which is mixed dry with the 
cement before adding sand and water, while ammonium stearate is a paste which 
is usually added to the mixing water. On the ordinary building job the powder has 

_ proved the more practical and accurate to use with the equipment commonly available. 
Although best practice would call for the use of stearate in mortar for backing as well 
as facing materials, it is especially important that it be employed in laying up the facing 
where the joints will be subjected to unusual exposure to driving rains or to water 
running down the surface of the wall.” 

Joints of copings, window sills and parapet walls are all in need of ‘special 
care, as well as the repointing of joints that have cracked. 

* Specific recommendations that will help in preventing water from entering the 
wall: Use impervious copings, and point joints carefully with water-repellent mortar. 
Flash parapet walls, carrying the flashing completely through the wall one or two 
courses above the roof level, and waterproof the entire inner side of the wall. Always 
provide adequate drips on all copings, cornices and window sills, making the grooves 
at least 5/8 in. wide and 3/8 in. deep; and provide projections, of 2 in. or more so as to 
keep the drip away from the wall. . Where practical avoid al]l joints in sills. If brick 
sills are used, flash under them with metal flashing provided with drips., Protect 
walls under construction to prevent rain or melting snow from entering. Keep gut- 
ters and downspouts in good repair. Point up cracked joints promptly. Coat the 
backs of retaining walis with an impervious layer, and keep brick building walls away 
from contact with the earth.” 

In concrete construction, give particular care to grading of the aggregate, 
proper consistency, using a minimum amount of water, compacting to get 

density without too much cement, and careful curing. The use of chemicals 
may be helpful but cannot be considered a substitute for these precautions. 

“ Any efflorescence appearing on the wall of a building that is suitably designed, 
constructed and kept in repair.in order to prevent excessive water penetration, will 

be due to rare and abnormal conditions. It should in time gradually diminish and 
finally disappear. Prolonged and heavy: wind-driven rains will bring out efflores- 
cence on almost any wall, but this is generally of short duration.” 

Efflorescence may be partially removed by water, and sometimes is easily 
brushed off. Where special treatment is necessary, the wall should first be 

washed down with water, then treated with a dilute solution of hydrochloric 

acid (3 parts to 100 parts of water), and finally washed thoroughly with water. 
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No great success has been met with the use of washes in waterproofing exposed 
surfaces; but any wash that will prevent the saturation of the brick and mor- 
tar from driving rains should be helpful in decreasing the amount of efflores- 
cence. Such a moisture-proof coating should be applied after the mortar and 
bricks have dried out. 

The writer wishes to emphasize the fact that great care should be taken in 

the use of calcareous (shell) sand for mortar or concrete. Some calcareous 
sands give a weaker mortar and one that is more porous and therefore more 
liable to effloresce. If in doubt use a thicker covering over reinforcing steel 
for concrete subject to salt water or salt air, or protect the finished concrete 
by the use of waterproofing materials. 

DATA ‘FOR MASONRY DESIGN 

15. General Discussion 

Stone Masonry. ‘The strength depends upon the strength of the stone, 
accuracy of dressing and bedding, proportion of headers to stretchers and 
upon the thickness of the mortar joints and the strength of the mortar. How- 
ever, the strength of the stones need be given little consideration if they are 
sound and durable unless the masonry is of the best grade of ashlar and is sub- 

jected to high unit stresses. The relative strength of mortar has greater effect 
especially in rubble masonry, where the joints are usually large and the 
amount of mortar relative to the total volume of masonry is high. 

Unfortunately, the bulk of existing masonry structures throughout the 
world were built prior to the time when analytical study was possible and 
when ultra-conservatism was necessary. Therefore the older structures give 
little indication of safe unit stresses. 

Few tests have been made upon stone masonry which give conclusive evi- 
dence of the ultimate strength of masonry in actual structures. We are there- 
fore more or less dependent upon actual or computed stresses in actual struc- 

tures of record. Considerable light, however, is given by experiments made 
upon brick piers with lime and cement mortar which indicate that the strength 
of the masonry is much less than the strength of the individual bricks. An 
increase of 50% in the strength of the brick produces no appreciable effect 
upon the strength of the masonry; but the substitution of cement mortar for 
lime mortar increases the strength of the masonry as much as 70%. . In stone 
masonry, and usually in brick, the mortar is the weaker material and therefore 
the less used the stronger the masonry. Therefore masonry of large dressed 
blocks with thin joints (ashlar) is stronger than rubble. 

The following table shows how difficult it is to predicate design upon existing 
structures: 

4 Short tons | Pounds per 
Name and location per sq. ft. sq. in. 

Church of All Saints, Angers, France 
Pont-y-Prydd, stone arch bridge, Wales (1750), 

limestone rubble in lime mortar 
Saltash Bridge, granite piers 
Brooklyn Bridge, granite masonry............... 
Brooklyn Bridge, limestone masonry 
Washington Monument, dead load 

600 
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The Washington Monument is faced with marble, the backing being granite. 
Joints in the marble were about 1/4 in. The joints in the backing were probably 
thicker and the greater amount of strain in these joints in the lower part of the shaft 
caused an excessive load to come on the facing. As a result, the facing joints have 
been almost squeezed tight together, and the pressure tends to chip off the edges of 
the marble blocks. 

Brick Masonry. The allowable pressure upon brick masonry depends 
upon: : i: 

1. The quality of the materials employed. 

2. The thickness of the mortar joints and the degree of care with which the 
work is executed. 

3. The accuracy with which the load upon the masonry could be or was 

estimated. 2 
Referring to the second statement, in some sections of the country brick- 

layers carefully “ butter’ each brick and “ shove” the joint ‘ hard.” In 
other sections they lay the brick in the wall and “ slush”’ them. The writer 

cannot state from actual test the relative value of two walls or piers so built, 
but he is much afraid that the latter method decreases the strength materially. 
Partly as a result of this, bricklayers at some localities lay only 500 brick per 
day in a straight wall and in other points they will lay nearly 2000. The 
amount of brick laid, however, per man day is equally affected by local labor 
conditions. 

Examples of Pressures in Brick Structures 

Short tons | Pounds per 
per sq. ft. sq. in. 

American Surety Building, N. Y., brick piers........ (leer 100 
Chimney at Glasgow, 468 ft. high, dead load......... 9 125 
Chimney at Glasgow, 468 ft. high, with wind........ 15 210 

The U. S. Bureau of Standards made tests on brick piers, 2.5 ft. square by 10 ft. 
high (Technologic Paper No. 111, 1918), which led to the following conclusions regard- 
ing brick masonry: 

1. Primary cause of failure is transverse failure of individual bricks. 
2. Ultimate strength may be increased by any method of construction which will 

increase the depth of the component parts of the pier, as by laying the bricks on edge 
instead of flat, breaking joints every few courses instead of every course, or using 
bricks of more than ordinary thickness. 

3. Strength may be increased by the introduction of wire mesh in all horizontal 
_ joints. 

4, Varying the number of header courses does not appreciably affect the ultimate 

strength. 
5. Mortar joints should be made as thin as possible and of uniform thickness, and 

regularity in shape of the bricks is essential. : 
6. Ultimate strength of brick masonry is proportional to the compressive and trans- 

verse strength of the bricks used. (The writer is of the opinion that this is true only 

for bricks of medium strength, because with the harder and stronger varieties of brick 

it has been demonstrated that the strength of the masonry is more dependent upon 

the strength of the mortar and the thickness of the joints.) ; 

7. The kind of mortar used has an important effect on the strength of brick masonry. 

Pure lime mortar is inefficient under high stress. In 1 :3 portland cement mortar, 

25% by volume of the cement may be replaced by hydrated lime without appreciably 

affecting the strength. of the masonry. 
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16. Working Unit Stresses 

Maximum Safe Unit Stresses for masonry design are given in the follow- 
ing tables. The values are based upon good material and workmanship 
in accordance with the best practice. It is assumed that the masonry is to be 

properly bonded and the mortar ingredients suitably tested, also that the 
foundation is: properly designed to carry all the forces which the masonry 
transmits toit. The masonry is assumed to be laid in mortar of the following 

proportions: 

Cement mortar—1 part portland cement to 3 parts sand. 
Lime and cement mortar—1 part portland cement, 1 part lime and 6 parts 

sand. 
Lime mortar—1 part lime paste to 4 parts sand (hydrated lime may be added 

to cement mortar, up to 15% of the cement by volume). 

‘The unit stresses given are As masonry which is at least two months old if 
laid in warm weather and six months old if laid when the temperature is below 
or near freezing. 

For large structures, such as dams over 70 ft. high and arches over 150 ft. 
in span, or in a series of arches where the amount of masonry is great and 
where each unit of masonry is dependent for its stability upon each and every 
other unit, it is advisable to use lower working unit stresses than those in the 
tables. For such cases it is recommended that 75% of the tabulated values 
be employed. 

If, for special reasons, it is desirable to consider masonry laid in warm 
weather one month old, or that laid when the temperature is below or near 
freezing, two months old, it is best to use 60% of the values given-in the tables. 

Ashlar Masonry. The following are safe working compressive stresses recom- 
mended to be used in the design of structures of ashlar masonry laid in 1 : 3 portland 
cement mortar with joints not exceeding 1/2 in. in width. With lime-cement mortar, 
use 75 % of these stresses. 

Pounds Short tons 
Kind of ashlar per sq. in. | per sq. ft. 

Granites SVENICes -BNCISS . as cscs cas ose ysyrke com sinus. <icpsinig sis 700 50.4 
LivneStone shat \. Poy FI SI ae eae ere 600 43.2 
Limestone, medium; marble... ........050.02. 00.000. 500 36.0 
Limestone; SOL; Sandslone cc valeek. sg Stine oieieiee eens 400 28.8 

For ashlar laid with 1: 3 portland cement mortar, and having joints greater than 
1/2 in. and less than 1 in., it is best to use 450 lb. per sq. in. (32.4 tons per sq. ft.) for all 
kinds of sound building stone. 

For ashlar laid in lime mortar with joints not exceeding 1/2 in., it is best to use 225 
lb, per sq. in. (16.2 tons per sq. ft.) for all kinds of sound building stone. 

For ashlar laid in lime mortar with joints greater than 1/2 in. and less than 1 in. it is 
best to use 150 lb. per sq. in. (10.8 tons per sq. ft.) for all kinds of sound building 
stone. 

For Brick Masonry in portland cement mortar, with joints not exceeding 3/8 in., 
the following working unit stresses are recommended: 

Pounds Short tons 
per sq. in. | per sq. ft. 

For hard, best quality clay brick. soi. ce be uue baa eae 300 in 21.6 
|For hard to medium clay brick and for santhdineg and 

concrete: brick Jiw. satil feseslwd vd Janes POG. Vests 250 18.0 
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For brick masonry in lime-cement mortar, use 75% of these values. For brick 
masonry in lime mortar use 50% of these values. If the bricks have been tested and 
show a uniform ultimate compressive strength of at least 7000 lb. per sq. in., and 
they are laid with great care in portland cement mortar, the safe working compressive 
strength may be taken at 400 lb. per sq. in. (28.8 tons per sq. ft.).. Masonry of 
“soft brick should not be used except for abnormally light loads, its safe working 
compressive strength being taken at 40 lb. per sq. in. (2.9 tons per sq: ft.). 

For Hollow Tile, Concrete Block or Concrete Tile Masonry, the following working 
- compressive stresses. are recommended: With*portland cement mortar, 80 lb. per sq. 

in. gross sectional area; with cement-lime mortar (1:1: 4), 70 1b. per sq. in. gross 
area. 

For Ruhble Masonry laid in portland cement mortar, the following working com- 
pressive unit stresses are recommended: 

Kind of rubble Pounds Short tons 
per sq. in. per sq. ft. 

| - 

Beepriat OF SEADDied Stones << fos. 5 ain ad ttuabe pond oe ne 250 18.0 
| Irregular stones, not scabbled.............-. eS 200 14.4 
Very irregular stones (field stones)..........:..+4--- 100 PS 

For rubble masonry in lime mortar about 50% of the preceding values should be 
used as working unit stresses. 

-For Plain Concrete Masonry. made with portland cement. the following 
safe working compressive stresses in pounds per square inch are recommended: 
450 for 1 : 2 : 4 concrete, 350 for 1 : 3 : 6, and 250 for 1:4: 8. 

The above unit stresses apply to compression from static loads, and do not apply to 
masonry where only a small portion of the area is under diréct compression as under 
the footings of steel columns. (See Art. 22, Fig. 59a.) For shocks lower values should 
be used. Under bed plates of steel bridges use 50% of above values. 

The Working Shearing Unit Stress for all stone masonry should be taken 
as one-quarter of the working compressive unit stresses above given. For 
concrete masonry experiments have shown that it may be taken as 30% of the 
compressive working stress provided diagonal tension does not. accompany 
the shear or is: properly provided for by steel reinforcement. 

For Stone Slabs or single blocks of stone, the following working unit stresses 
are recommended, all, being-in pounds per square inch: 

Let ue Weight, 
Kinds of stone Compres- | Tension* Shear lbs. per 

Bee cu. ft. 

Granite, syenite, or gneiss........]...-.e+00 150 200 170 
Ey OES SRE VA A ne 1500 Me sda ate +s «ahapdrg oct cecss | AR 
DECOM. yt cei E) 3,6 Silo eee « <h, oh PCO Maa Loran: ale «fo + sense aipuscerateneis intel 
Soll... oa et ees rr een TOO Meee a Meecha ote oilvc « bacagenstees| Baer cia gases 

LRT SS id a eS Pn ae eRe eae | fae kere OF 125 150 165 
TES Che) ae: eee ane ee QOOU Dae are trr ch. 8 |oviske ome eect 
VE CAIIIN « Hy Sheaves bye Bebe uke ad 6 «74 BOON ah Ae aa on ot, valli ip stivn  arerio tere ll atake dike oe teg 
DOLE Papen FMA GS 9 s[> Fe «+ ope TOO tf alee Ag e608 ll o5 a bosemepzall cence eee 

IM IES e) RRS SEE lee: Sie tke Crete wee 125 150 165 
LE (6 SRO CRETE AIMCO ORO Oe Tene DOO Beets ta cote, obs] «coche aks Chast lee ea 

BOEL nibs sions, nosh Si@ei.d 244 + $e AOD ester t cttw ab ilieielese Sicke tulle sake ala 

| SERS Ya ica fe Yee NN SI UGA eis 700 75 150 150 

Blue stone flagging............... 1500 ZOO! ste a tacoa sya aged eaaemeetetcone 

* Values in this column apply to both direct and flexural tension. 
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If the shearing stress occurs without diagonal tension, the working shearing unit 

stress may be taken at 4/10 of the working compressive unit stress, but with detached 

blocks and slabs of stone shear is almost always accompanied by diagonal tension. 

Tension, whether direct or flexural, should not occur in stone masonry, and 

working tensile unit stress should be taken as zero in the computations of de- 

signing. In the analysis of existing structures, where the mortar is found to be 

strong and adhesive, a tensile unit stress of 15 lb. per sq. in. may be allowed 

for masonry laid in portland cement mortar, 10 lb. per sq. in. for that in natural 

cement mortar and 5 lb. per sq. in. for that in lime mortar. 

The resistance of masonry joints against tension is often wholly or partially de- 

stroyed by erection stresses, by shrinkage of the mortar in setting, and by expansion 

and contraction of the mass under changes of temperature. The mortar in the vertical 

joints, as a rule, wholly loses its adhesion from these causes. The mortar of the bed 

joints, however, sets under pressure and hence is more or less available to transmit 

tension. Since the shrinkage of mortar is less below ground, due to ground moisture 

and a uniform temperature, and since expansion and contraction are also less, masonry 

below ground is stronger in tension than that in air. 

When it is necessary to build masonry to take tension, either direct or flexural, special 

care should be given to the bond. In the design of concrete footings a tensile unit 

stress not to exceed 8% of the safe compressive unit stresses may be allowed. 

Allowed Working Compressive Stresses in Pounds per Square Inch, 
for Masonry, According to Building Laws 

{ lx Phil- Bal- |Wash- | Kan-| New San 

Kind of masonry 

ew . . Buf- | De- Den- 
adel-| ti- | ing- ~ | sas | Or- | 

ane phia |more| ton Er seed City | leans |_Y& |cisco 
1927 |1924| 1925 1927| 1927 |192| 1026 

Ashlar (portland ce- 
ment mortar): 

Granites. cece. 600 |..... TOGO TOES OO AS 5 sce eifsvcverans 600 600 800 | 389 

Limestone. ..... SOU Shea cs. 600 4Yo*SOOML ET Yas RES 600 600 500! LSS 

Sandstone...... 300 FAL (34002500 Nei Louse 300 | 300. | 400 |..... 

Rubble masonry: 
Portland cement 

MOLtaL ences TAO) PSS LS ie erates 125 | 139 | 170 120 SN 1407 oe 

Natural cement 
THORLGE s cisae sy OS (ee pags) ee eee. 08 Srey Caeiees, ees shepay Mir Se 100"). S38 

Lime-cement 
WHOLCAT... nis cuss TOOT AETS: 100 1s. coe 97 97 | 120 105 fe a 

Lime mortar....]..--- TORI BO erices TOY) ° FOr! 70 70 JOM ae 

Brickwork: 
Portland cement 

TROP UAT cores 250 | 208 | 150 | 170 | 250 | 208 | 225 \175-450) 170 | 208 

Natural cement 
mortar. fee DAO) S05 bs PRUE See tell eredete el state ss L Sct seas LSOn SS 

Lime-cement ‘ 
MNOY ATs > cio LEO) 167 "ho ce 130 | 195 | 153 | 175 |130-340).....| 139 

Lime mortar....]| 110 | 111] 110 }...... 125 | 97 | 120 | 90-225) 90] 97 

Plain concrete: 

(1:2: 4;portland 
cement)! ies} 500 | 208 | 500 | 400 | 348 | 111 | 500 | By test} 400 | 278 

In design of structures to be built in cities, the unit stresses permitted by the building 
codes must be considered. 
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17. Unit Weights and Other Constants 

Unit Weights of Masonry are slightly less than those of the materials of 
which it is composed. Average values are given in the accompanying table; 
the third column also gives the approximate moduli of elasticity and the fourth 
the coefficients of expansion for one degree Fahrenheit (based on using cement 
or-cement-lime mortar). : 

Physical Properties of Masonry 

’ Weight, Modulus E, | Coefficient e 

. Kind of masonry Ib. per cu. ft./Ib. per sq. in.| of expansion 

Ashlar: granite, syenite, gneiss........ 165 4 000 000 0.000 0035 
Limestone, marble?......3.90.... 160 4.000 000 0.000 0035 

Sandstone: 2st: Med Ee BS. 140 4 000 000 0.000 0035 

Mortar rubble: Granite, syenite, gneiss. 155 2 000 000 0.000 0035 
Tamestone: Ae et. FO eT, 150 2.000 000 0.000 0035 

Dandstone, a. tsa bh. Fed. 130 2.000 000 0.000 0035 

Dry rubble: Granite, syenite, gneiss... . 130-6 ++ fy cides vee SEG Bes : 
Lmestone! (2 0PG Aeipes!hcGh 05 os 12S « -)- ty sa edseiss SIRO N ISA 
Spadstonets. VG Chad jedsQhod .£. 11D oe Neva san TEI I 

Brick: Pressed, thin joints............ 140 2 000 000 0.000 0030 
Common, 3/8-in. joints............. 120 2 000 000 0.000 0030 

Soft,13/8-inc joimtsi 9ic24 2/0. ia ail HOO!) al deyiy PPoRSA Ap PLACA. oat, . 

Concrete: Broken stone, 1:2:4...... 145 2 500 000 0.000 0060 
Broken :stoné, 1.23/35 6201 Reese 3 145 2 000 000 0.000 0060 
Cinder [etnaxmnnt to. 0Lts7 act. 16 220g At0= oily [0.2% Saag ee. ee. F 

Cyclopean: Masonry with maximum 

volumetofistoned ss si). Ja. tvyas ia: L5G ise epee 2b Ate SOR aS 

Slabs or detached block stone have values of E much higher than those in the table. 
Approximate values are 7 000 000 for granite, syenite and gneiss, and’ the karder lime- 

~ stones; 8 000 000 for hard marble; 5 500 000 for soft limestone; 2 800 000 for sandstone. 
— Coefficients of expansion are 0.000 0040 for the granitic rocks, 0.000 0037 for limestone 

and 0.000 0050 for sandstone. 
Values in the last two columns are used in investigating the temperature stresses 

- which may come upon masonry arches (Art. 40) and for computing their deformations. 

Weights of Other Materials which may bring pressure upon masonry walls 
and arches are given in the next table, in pounds per cubic foot. 

Weights of Miscellaneous Materials 

Sandiidry.iclean®) 0272: muzi< Cinders, bituminous, dry compact. 
Sand, wetz%.../ 3284 203) 194 Ashes, anthracite, dry compact... 
Gravelticlea iid 25.5.0 aun «ius Paving in place: 
Broke Stonet®, HOISTS. a Asphalt top and binder 
Clay; dry, COMpPAct nernoerwrs «a Asphalt. block 
Clayaiplestic. : .srteadc®.. 5. Granite block 

Sand, gravel, and clay, mixed: Wooden block 
Dry, compact.on. teg.di... 

WiGGe Gs stake Tiree closet. G 
Minder cacet dna bees eae Watermireskecr. cere ere 62.5 
Rock, rotten, soft compact... . Water, SAlt teats < 2s 4 00H phislers 64 
Rock, hard, loose...i:.....,. SHOP LTESD. oa: 0:5 die 0-2 ope ape 8 

The weight of snow to be used in designing is generally assigned by specification, asis 
also the lateral wind pressure, the latter being usually 30.1b. per sq. ft. of vertical sur- 

face. 

The Slope of Repose-of a bank of loose earth, in its natural state, isa factor 
which governs the lateral pressure which the earth may bring to exert against 
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a retaining wall. In the next table the slope is the ratio of horizontal to ver- 

tical projection. It will be noted that the weight per cubic foot of filling 

material generally varies between narrow limits when the slope of repose 

varies between wide limits. 

Slopes of Repose and Weights for Loose Earth 

Angle of 
repose 

Weight, 
Ib. per cu. ft. Kind of earth 

Sand, cleans}.¢si «.ne- pais 2G bible 5d TS -8 33° 41’ 
Sand iandiclaly es. 2% ac titctereerere <0 errs 
Glay, dry Gt. ahiee CEB Lt. so RAE 
Clays damp; plasticny.5..).... G55. - 
Gravel, clean..... VFM RS sies's «bb < y 
Gravelcand’ clayiiia Whee. seca be. 
Gravel, sand and clay...............-. 
Sold Gos SoU Gee Es chee. RE. 
Soft: rotten rock. Sey ees sbice - sME re 
Hardorottenirocks, 7/9 io) he ss Ohba + 
Bituminous, ¢inders, «js. fiemen ht es 
Anthracite ashes...... OE cts Ghee 1 tol 

The Angle of Repose given in the third column of this table is the angle ¢ which the 
sloping face of a bank of loose earth makes with the horizontal (F ig. 36). The cotan- 
gent of this angle is the slope ratio given in the second column; thus, 1.5 is the cotangent 
of 33° 41’. In general, if s is the slope of repose, or the ratio of horizontal to vertical 
projection, and ¢ the angle of repose, then s = cot ¢. The term “natural slope” is 
sometimes used as synonymous with “‘ slope of repose.’’ The tangent of this angle is 
the coefficient of friction for earth upon earth, or f = tan ¢ (Art. 18). 

In the theory of retaining walls (Art. 19), the coefficient of friction along planes not 
on the surface but within the mass of the backing material is of interest. The angle 
corresponding to this coefficient is termed the angle of internal friction. 

It has been found by experiment, that, for non-cohesive materials, the angle of in- 
ternal friction is generally larger than the angle of repose given for loose earth in the 
above table, but, in determining the theoretic pressure upon retaining walls, the values 
of ¢ given in this table are recommended and are on the safe side. Non-cohesive mate- 
rials, such as dry sand, gravel, broken stone, cinders, etc., consist of granular particles 
and resist shearing forces through friction only. Attention is called to the fact that 
the experiments of Jacob Feld show the angle of repose is the greater. 

In the case of cohesive backing materials, such as clays which possess a degree of 
shearing (cohesive) strength, the angle of internal friction is considerably smaller than 
the angle of repose given in the above table and varies from 0° to 16°. The following 
table (used in Art. 19) was taken from A. L. Bell’s paper (Proc. Inst. C. E., 1915): 

Cohesive Strength and Angle of Internal Friction in Clays 

e Cohesive Angle of 

Description of material es ft. viene 

c $1 

Buiddlerclay, wet.5 Ochs... cledbih stds Fetateht bas 400-900 0°-2-1/2° 
Stiffcclay: puddle... 2.8.3... etl beans A 
Sandy-claysowetriscosesete ese ee eee aerate era 
Stiffisandy) claynwd bocpiaas vilosesse ab nein gizebret. fs 
Moderately firm boulder clay...... 5 oatiod odhal ocfd 

Very stiff, boulder clay fairly dry...............05. 

For sand, the cohesive strength is very small, probably not more than 10 lb. per 
sq. ft., and should be entirely disregarded in’ practical design. 
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Material Excavated by a wet or a dry process, and dumped into water, ds 
at the back of a sea wall, has submerged weights and slopes approximated as 
follows: 

Material 

EO MREIINE 2555 Daxicstn 3 cima os Cheuk Spel i} 
Sand and clay... 0... 85.0205 «dus ono Foe 
ee GR a eer 
(SED 20 Go eee eae 
(Sachs ego a Re 2 peepee Pao ea 
Gfevel, sandiand CY oc cede.csocecces 
Beige ts Fite mercies SSIS ean is ois aoe. 0 ai 
SECS ee See | 
Tied cock. TAPAS Jos aches = sles 0 ayes 

When the material is excavated by suction dredging and pumped back of a retaining 
wall which has inefficient drains to carry off the water, the weight per cubic foot may 
be taken at 110 lb. and the slope of repose as 2 to 1 for sand and clay, clay and gravel, 
or clay, gravel, and sand combined. River mud in situ may be taken at 100 lb: pet 
cu. ft. with a slope of 3 to 1. If pumped back of wall, use 100 lb., with slope of 
10 to 1. For fills placed by hydraulic dredge, see Sect. 8, Art. 26. 

18. Data Regarding Friction 

The Law of Friction for one stone beginning to move on another along 
their plane of contact is F = fN, in which F is the force parallel to the plane, 
NV is the normal pressure on the surface of contact, and f is the coefficient of 
friction. Fig. 37 shows a stone about to move along a surface inclined to 
the horizontal at the angle ¢, the conditions being exactly the same as those 

seen in Fig. 36 for a particle of earth on the face of a sloping bank. In both 
cases F = fN and f = tand, where ¢ is the angle of repose, which in the 
case of stone surfaces is often called the “ angle of friction.”” When the 
plane of contact is horizontal, as in Fig. 38, motion is about to begin when the 
resultant force R against that plane makes with the normal an angle ¢ such 
that tand@ =f. The angle of repose ¢ and the coefficient of friction f depend 
upon the roughness of the surface of contact. 

Ww 

od 
, WOTTTU Te 

Fig. 36 Fig. 37 Fig. 38 

The following table assumes that the surfaces of the stones are rougher 

than rubbed work, that is, they are for fine-pointed, bush-hammered, cran- 

dalled or sawed surfaces, while the wood surfaces are those of undressed yellow 

pine. For rubbed surfaces of stone the angles of repose are about 5° less than 
those given, and for polished stone about 10° less. 

Moisture usually increases the angle ¢, so that wet wood has a larger value 

than dry wood. For stone surfaces with fresh wet mortar between them, 

the angle ¢ is about 5° less than that in the table, the value given correspond- 

ing to the consistency generally used. 

Arch Masonry built upon timber centering has usually a greater angle 

of friction than given in the table, due to mortar setting between adjacent 
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pieces of lagging; in the case of concrete there is also a mechanical bond with 
the lagging, since when the lagging is removed the imprint of the grain can 
always be seen upon the concrete surface. 

When a plane makes with the horizontal an angle @ less than ¢, the horizontal force 
H (Fig. 39) which is required to slide a hody up the plane is H = fN/(cos B —f sin 8), 
in which WV is the pressure normal to the surface. This formula gives also the horizontal 
force required to slide the body down the plane, if the minus sign be changed to plus. 

Coefficients and Angles of Friction 

Coefficient Angle of 
Kind of surface of friction friction 

¢ 

Granite, Limestone, Marble: 
-. Soft dressed upon soft dressed. ............---00- 
Hard dressed upon hard dressed. .......eeeeeeee- 

‘Hard dressed upon soft dressed... ...........204-- 
Stone, brick or concrete: 

lov Masonty’upon masoury (Ae es 8. 92 SS POSS) ae 
Masonry upon wood (with the grain)............. 
Masonry upon wood (across the grain) 
Masonry upon-dry Clay .-) 22% 222, Ss ree 
Masonry upon wet or moist clay............eee-: 
Masbnry tipon sand ur de sa. oo. See eee eo 
Masonry upon Bravele soe... Gees cece os ce ents 

Soft.stone, upon steel or irom. .... 5. < scence msiewies ociee + 
‘Hard:stone upon steel ‘or irons. os <5 <h.chkus55 «86% on 

35° 00” 
28 50 

00 2090 

00 

Values of the coefficient of friction given in this table are approximate, and in any 
actual case may vary within + 30% of the figures given. 

The angle of friction is materially lessened by jar, shock, or vibration caused by 
blasts, the passage of trains, or motion of attached machinery. For such cases it is 
recommended that in masonry design the angles of friction be taken as 5° less than 
those in the table and that the coefficients of friction be likewise modified by the 
relation f = tan ¢. 

For clay foundations it is best to use the values given for wet clay, unless it is reason- 
ably certain that water cannot reach the bed. 

19. Lateral Pressure of Earth 

Conditions Affecting Earth Pressure. A wall backed with earth is subject 
to a lateral pressure which tends to overturn it as well as to cause it to slide. 
The amount of the pressure depends on the density of the earth, and on the 
internal friction and cohesion that may be developed in the earth and there- 
fore to some extent on the water content. 

Many attempts have been made by experiment and theory to determine the 
direction, magnitude and point of application of the resultant lateral pressure 

upon the back of a retaining wall so that the design of such walls may be made 
with precision. The materials used in filling behind walls and the methods 

and conditions of deposit are variable and it is difficult to determine with any 
degree of precision the characteristics which would permit the correct use of 
theory. However, even though only approximate results are obtainable no 
retaining wall should be designed without the application of theory to de- 
termine the distribution of pressures upon the foundation. The failure of 
retaining walls has generally been due to insufficient foundations, insufficient 
drainage permitting accumulation of water behind walls or neglect to consider 
surcharge. (See Art. 26.) 
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; The Pressure on Trench Sheeting follows different laws from those apply- 
ing to retaining walls. These laws are discussed in Sect. 8, Art. 4. 

Earth Pressure Theories. Two principal theories have been proposed for 

the computation of earth pressure on retaining walls: (1) the “ wedge 

theory,” developed chiefly by Coulomb, and (2) the elastic or Rankine theory. 

All the theories assume that the backing material is of uniform granular con- 

sistency without cohesion, that the angle of internal friction is the same at 

every point in the mass, and’ that the pressure intensities increase uniformly 

with the depth (as shown by the arrows in Fig. 40). 

Bie (uh-+v)>4 

Fig. 40 Fig. 41 

Rankine’s theory of earth pressure upon the back of retaining walls has 

been most commonly used. It is based on principles of elasticity applied 

to granular materials, the pressure being determined by means of the ellipse 

of stress. Coulomb’s theory assumes that the maximum thrust on the wall is 

exerted by a wedge of the backing materials, this wedge being bounded on 

one side by the back of the wall and on the other side by a plane called the 

“plane of rupture” (Fig. 42) upon which the wedge tends to slide as the 

retaining wall is strained under the pressure. Experiments have shown that 

there is no actual motion on a plane of rupture, the concept of such a plane 

being useful only for purposes of analysis. However, it has been found that 

loads on the fill beyond the wedge have practically no effect on \the lateral 

pressure. Actually, if the wall should fall over, the soil would break down 

with a concave surface rather than on a plane, the upper end of this surface 

of rupture approaching a vertical direction in many materials. 

Tf cohesion is acting, the true earth pressure will be less than indicated by 

the theory. The extent to which the actual pressure will correspond to that 

derived from these theories depends on how homogeneous the filling material 

is, and upon its compactness and cohesion. As these factors are very uncer- 

tain, and quite variable in any given location, no attempt will be made here to 

include the influence of cohesion in the theoretical analysis. (For theories 

including cohesion, see “ Stresses, Graphical Statics and Masonry,” by G. F. 

Swain, 1927.) 

Engineers interested in the pressure of earth on sheet piling should consult “ Erd- 

druck, Erdwiderstand,” by H. Krey, published by Wilhelm Ernst & Son, Berlin, 

1926. So far as the writer knows, this book has not been translated. It is one of 

the few books giving any information upon the pressures existing below the bottom 

of a retaining wall or sea wall that will enable one to determine the proper length of 

sheet piling to be driven below the bottom of the wall, or the weight of riprap to be 

placed in front of the wall, to prevent any blow-out of the material under the wall. 

Direction of Earth Pressure. Different authorities make different assump- 

tions as to the direction of the earth pressure acting on the back of retaining 
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walls; Rankine makes the direction dependent on the slope of the retained 
bank and on the inclination of the back of the wall. Coulomb’s theory gives 
the direction of the earth pressure upon the back of the wall as between the 
horizontal and a downward pointing line making an angle with the normal to 
the back of the wall, this angle not exceeding, the. angle of friction of earth on 
masonry. 4 

Experiments made to determine the direction of earth pressure have shown 
considerable divergence in results. The. most recent tests, however, indicate 
that the resultant pressure may be. inclined downward to the wall, deviating 
from the normal by an angle equal to the angle of friction between the fill and 
the wall, thus agreeing with Coulomb. The amount of this possible friction 

is likely to be reduced, however, due to seepage of water behind the wall. For 

conservative design, therefore, the effect of friction on the back. of the wall 
should be neglected; and the following assumptions are recommended: 

(1) In all walls, regardless of whether or not the back of the walhis vertical 
or inclined, the pressure is assumed to be horizontal. 

(2) In walls with backs inclined away from the fill (Fig. 44) the weight of 

the fill A.BL resting upon the back\should be regarded as part of the wall. 

Magnitude and Point of Application. Formulas have been deduced giving 
the magnitude of the resultant earth pressure for all inclinations of the back of 
the wall and slope of the bank. Rankine and Coulomb agree as to the formula 
given below for the magnitude of the lateral pressure of level banks upon walls 
with vertical backs. Formulas for other conditions are complicated and for 
these, Rebhann’s graphical method, based on Coulomb’s theory, is hereafter 
given and. is recommended. It gives results practically in accord with Rankine 
ands more simple. In the following a slice of wall of unit length will be con- 
sidered. 

Wall with Vertical Back. Level Bank. For conditions shown on Fig. 40, 
Tet_w be the weight of the earth per cubic unit; ¢ its angle of repose, and k 
vhe height of the wall. The magnitude of the resultant earth pressure is 

= >1,—sing 
r= 1/2 wh 1+sin¢g 

For a similar wall, but with the bank uniformly loaded with a weight » per 
unit of surface (Fig. 41) 

P = (1/2 wh? + vh) tan? (45° — ¢/2) 
Fora backing of clay, denoting the value of the cohesional resistance per unit 
surface by c and the angle of internal friction by ¢: (Art. 17), Bell proposes the 
following formula for the resultant lateral pressure. 

P = 1/2 wh’ tan? (45° — ¢/2) — 2ch tan (45° — 1/2) 
In these formulas P)is expressed in the same unit of weight as wand 2. 

= 1/2 wh? tan? (45° — ¢/2) 

Intensity and Point of Pressure Application. In the value of P, 1/2 wh? and 
(1/2, wh? + vh) represent the magnitude equivalent to.a hydrostatic pressure 
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resulting from a head & of a fluid weighing w per unit volume and loaded with 9 
if any; tan? (45° — ¢/2) is the ratio of the true lateral pressure of earth to the 
hydrostatic pressure and is a constant for the same material. It is a fraction 
which increases when @ decreases; in other words, the flatter the angle of 
repose the greater the thrust. Denoting this ratio by K, the earth pressure 
P in the case of an unloaded bank is 1/2 wh? K which is equal to the area of a 

triangle of height #4 and base Kwh (Fig. 40); in the case of a loaded bank P = 

(1/2 wk? + vk) K which is equal to the area of a trapezoid of height h, the up- 

per side equal Kv and the base equal K (wh + v) (Fig. 41). Horizontal lines 

drawn in these diagrams will represent the intensity of the earth pressure at 

any point of the back of the wall. The resultant earth pressure will pass 

through the center of gravity of the intensity diagrams, its distance from the 

base, therefore, being h/3 for the unloaded bank and h/3 (wh + 3v)/ 

(wh + 2y) for the loaded bank. This latter value is greater than h/3, but 

the most excessive load cannot raise it as high as h/2. Jacob Feld has shown 

(Trans. A) S: C. E. Vol. 86, pg. 1448) that the resultant pressure generally 

acts at a distance from the base greater than h/3, but not more than .4h/ for an 

unloaded fill. . The ratio of this distance to the height of the wall tends to 

increase as the wall becomes higher. 

Graphic Determination of Earth Pressure. In an embankment made of 

granulous material possessing friction but no cohesion and supported by a 

C 

Fig. 42 

retaining wall, the plane of maximum shear (plane of rupture).is located as fol- 

lows: If, in Fig. 42, A B represents the back of the wall, BC the slope of repose 

and ADC the surface of the bank, then BD is the plane of rupture if area ABD 

is equal to the area of triangle BDF, DF being perpendicular to BC. Make 

FG = DF. The magnitude of the earth pressureis given by the product of the 

area, DFG = 1/2 DF = 1/2a’, and the unit weight of the earth, w. In the 

case of vertical back and level bank (Fig. 40) the plane of rupture bisects the 

angle 90° — ¢ and this graphic method leads to the same formula as given 

above.or. P = 1/2 wh? tan? (45° — $/2). 

In the case of a wall with inclined back or supporting a sloping bank, or both, the 

plane of rupture and the magnitude of the earth pressure can be obtained by a cut and 

try method, making area ABD = BDF on either side of the plane of rupture BD, or 

by the following construction. In Fig. 43 a wall with the back slightly inclined toward 

the fill supports a bank with a positive surcharge. Draw BC to make angle @ with 

the horizontal, C’ being the intersection of the slope of repose with the surface of the 

ground, and draw a semicircle with diameter BC. Draw AH perpendicular to BC 

and make BF = BH. Then draw DF = a, at right angles to BC and make FG = DPF. 

The areas BAD’and BDF are then equal and therefore BD is the plane of rupture. 

The area of triangle DFG, = {/2 a2; multiplied by w will give the magnitude of the 

resultant earth pressure acting upon A Bin a horizontal direction. P = 1/2 a%w. The 
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intensity diagram will be a triangle the base of which is BM = 2 Pih. This solution 
is perfectly general and applies for all slopes of the bank and inclinations of the back 
of the walls. In the case of a wall leaning away from the bank, however, the weight W 
testing upon the back of the wall (A BL in Fig. 44) should be regarded as part of the 
wall and the earth pressure upon the vertical BL determined. Combine P graphically 

/ | \ \ 

Fig. 43 

with W to get the pressure P’ upon the back of the wall. P’ will be inclined downward. 
If the surcharge (Fig. 45) is parallel to.the slope of repose of the retained bank, the 

above (Fig. 43) construction is not necessary, the distance between the lines A D and 
BC being equal to ain P = 1/2 a2w. 

Fig. 44 

If the bank is loaded with a load of » per unit surface, draw an imaginary slope, 
parallel to the true slope and at distance Ay = v/w above that slope (Fig. 46); find 
P) for the extended wall A,B by the construction shown in Fig. 43; and construct the intensity triangle for wall A,B, the base of the triangle being 2 Pi/(h + ky). Then 
the area of trapezoid AN.M B will represent the pressure P on wall 4B, being applied at the center of gravity of the trapezoid. 

If the surface of the retained bank is broken, as in Fig. 47, locate the plane of rupture BD by trial and successive approximation so that area BAMNDshall equal area BDF. Then DF = aand P = 1/2 a2w. In this case the point of application of the resultant earth pressure is not at 1/3 # from the base, the intensities not being a linear function of the depth. The actual distribution of the pressure on the back of wall AB and consequently the distance of the resultant pressure from the base cannot be determined graphically in any simple way but for this distance the use of 0.4 h is recommended. 
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If the bank has a plane top surface, but is only partially loaded, apply the same 

~ method as shown above (Fig. 47), the loading being transformed into fill resulting 

in a broken surface. 
In computations / is faken in feet, w in pounds per cubic foot, and. v in pounds per 

square foot, so that values of P are in pounds for one linear foot of wall. For 

B 2Pr/th thr 

Fig. 45 Fig. 46 

example, let h = 18 ft., w = 100 Ib. per cu. ft., @ = 34°. For an unloaded level bank 

retained by a wall with vertical back (Fig. 40) P is 4580 lb. and its point of application 

js 6 ft. above the base. If this bank is loaded (Fig. 46) so that v = 120 lb. per sq. ft., 

then P is 5190 lb. and its point of application is 6.35 ft. above the base. 

Experiments on Earth Pressure. Many retaining walls which have stood 

for years, if investigated by means of the foregoing theories would be found 

Fig. 47 

inadequate. This fact shows that the theories furnish excessive values for the 

lateral pressure of earth, due possibly to the neglect of cohesion, whieh to a 

greater or less amount exists in the backhill, unless the latter is granulous. 

During the last 40 years many experiments were made to obtain data upon 

which more accurate theories than those of Rankine and Coulomb might be 

based. The most important recent experiments were made by Jacob Feld 

at the University of Cincinnati, 1919-1921 (Trans. Am. Soc. C. E. Vol. 86, 

p. 1448; this paper also gives a summary of all the important publ’shed tests 

on earth pressure). Many of the earlier experiments were made on small-scale 

models and the results have not always been confirmed by large-scale exper- 

iments. Some of the more important experiments are summarized below: 

M. M. L. Leygue (Annales des Ponts et Chaussées, 1885) showed that the amount 

of cohesion existing in the dry sand is negligible and that the surface of rupture is 

not plane. 
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Professor Mueller-Breslau (Erddruck auf Stiitzmauern, 1906) experimented on a 
wall 29 in. high. He measured both horizontal and vertical components of the lateral 
pressure. His results agree closely with the Coulomb theory. He investigated the 
wedge of rupture photographically, and found that the surface of rupture was slightly 
curved down at the lower end. 

P. M. Crosthwaite (Proceedings Inst. C. E., Vol. 103 and Vol. 109) in experiments 
made between 1916-1920 found no visible plane of rupture. His results agreed with 
the Coulomb theory for walls without surcharge, if the angle of internal friction was 
used. The horizontal component of thé earth thrust was independent of the wall 
friction. 

A. R. Fulton (Proceedings Inst. C E., Vol. 109) made tests on a wall 7 ft. high, and 
obtained results approximating Coulomb’s theory, with resultant pressure at one-third 
the height of wall and making an angle equal to the angle of repose with the normal 
to the wall. 

Dr. Charles Terzaghi has done extensive experimental work on the physical proper- 
ties of soils and the laws of soil mechanics. His results, however, are more applicable 
to the bearing power of soils under foundations. (See Sect. 8, Art. 3.) 

Measurements of pressure on actual retaining walls 30 ft. high were made by the 
U. S. Bureau of Public Roads (Public Roads, July, 1925). Pressures were measured 
by cells placed on the back face of the wall. The results showed pressures varying some- 
what from a triangular distribution, with resultant higher than the one-third point. 
The pressures were found to increase with moisture content in the fill, indicating the 
importance of suitable provisions for draining the fill. 

20. Pressure of Water 

Hydrostatic Pressure against a surface immersed in water is wAd, where 
w = weight ofa cubic unit of water, A = area of surface, andd = depth of the. 

center of gravity of the surface below the water level. When dimensions are 
in feet, the total pressure in pounds is 62.5 Ad for fresh water and 64 Ad for 
salt water. For an immersed plane the direction of this pressure is always 
normal to the surface. 

Fig. 48 Fig. 50 Fig. 51 

Pressures on a Dam. In Figs: 48 and 49 the water level is at the top of 
the dam, in Fig. 50 it is below and in Fig. 51 it is above the top. The horizontal 
pressure H and the height of its point of application above the base ate 
given by 

For Figs. 48 and 49 H = 1/2 wh? p=1/3h 
For Fig. 50 H=1/2w(h—h,)? p=1/3 h—h,) 

; h + 3h For Fig. 51 H = 1/2 wh (h+2h =1/3h——— 
)'R / h + 2h; 

Also the normal pressure and its vertical component are 

P = Hsec 0 V = Htand 

The notation is shown on the figures. and P is for unit lengthof dam. The 
distribution of unit pressures on the back of dams is exactly that for earth 
illustrated in Figs. 40 and 41. Thus, at the base the unit pressure for Fig. 48 
and 49 is wh, for Fig. 50 it is w (h — hy) and for Fig. 51 it is w (h + hy). 
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An Overfiow Dam, or spillway dam, is one where the water flows over the 
top, asin Fig.51. The effect of the water above the top is both to increase the 
pressure P and to raise its point of application. The following are the per- 
centages of increase in P and » over those for the case of Fig. 49, due to differ- 

ent ratios of 4 to h; 

IS 0.05, .0.10..,,0.15, ,,0.20...0.30, 0:40) ,;,0.50 
(cE Ol alae os 10 “20 307 40 60 80 100... 
BOT Do. m6 core 4.5 8. 34 /A1.5..;14.3,,, 18.85, 22.2 25.0 

The ficw of water over a spillway dam may cause a partial vacuum beneath the fall- 
ing water sheet or nappe if it is not in contact with the masonry. If the atmospheric 
pressure between the masonry and the falling sheet of water is thus reduced from 14.7 
Ib. per sq. in. toa value g over the whole front face, the practical effect is to adda 
unit pressure 14.7 — g lb. per sq. in. to the back of the dam and thus to cause an addi- 

tional normal pressure 144 (14.7 = q) 4 lb., # being expressed in feet, whose point of 

application may be as high as 1/24. The possibility of decrease of atmospheric 

pressure between the dam and the falling water sheet should be kept in mind by a 

designer, but it is obvious that only a small percentage of the theoretically possible 

total pressure need be used in design. (Art. 32.) 

For a Dam Backed with Earth, the hydrostatic pressure upon the hack 

of the dam may be increased or decreased by the backfilling material depending 

upon whether or not the material is porous or so non-porous that it will not 

permit the transmission of water pressure. A puddled bank of sand, clay and 

gravel in which the clay fills the voids of the harder materials would mater- 

ially reduce the pressure when compacted. Silt and detritus deposited be- 

hind a dam may increase the pressure. Sand, gravel and broken stone (rip- 

rap) backing increase the pressure due to water alone. For this case, in addi- 

tion to the full hydrostatic pressure, the pressure of the backfill must be calcu- 

lated by the methods given in Art. 19, using the values of w and ¢ as 

given in Art. 17 for material excavated by a wet process and dumped into 

water. 

Water belowthe Baseexerts an upward pressure upon the base which hasthe 

effect of diminishing the weight of the masonry, thereby reducing its resisting 

value against both overturning and sliding. This is one reason why it is very 

important to prevent water from entering below the base of a dam as far as it 

is practicable. To exclude such water entirely and completely prevent uplift 

is generally difficult, expensive, requires experience and a thorough investiga~ 

tion of the foundation bed and underlying strata. Where the dam rests upon 

solid unfissured rock the problem is fairly simple but in the average case of a 

dam resting on ordinary rock, hardpan or more pervious material the problem 

js diffcult. One must allow for uplift of an intensity dependent upon the 

character of the foundation bed and upon the cost of the special construction 

necessary to prevent or diminish it. The magnitude of this upward pressure 

depends upon the head, the character of the foundat.on, design and construc- 

tion, and no general rule can be given for its intensity and distribution (Art. 

30). Specifications often call for full upward pressure acting at the heel B 

(Fig. 49) and diminishing to zero at the toe A. This is the extreme case if 

there is no apron as in Fig. 49. For this case the unit upward pressure at the 

heel is wh, the total uplift 1/2 whb, where b is the base width, and the force is 

applied at a distance 1/3 6 from the heel B. If there is an apron, the unit up- 

ward pressure at the toe is greater than zero as in Fig. 87. When uplift is con- 

sidered as acting upon the base, no diminution of the weight of the masonry 

is to be made in the computations. 
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21. Internal Stresses in Walls and Dams 

The external forces which act on a masonry structure are its weight and the 
loads that it carries, the lateral pressures of earth, water and wind, if such 
exists, and the reactions of the foundation. The deformation caused by these 
external forces induces internal stresses of compression, shear and sometimes 
tension within the structure. For the purpose of determining the internal 
stresses, the wall will be considered as having a uniform cross-section, uni- 
formly acted upon at every unit of its length by thesameverticalor vertical and 

lateral (horizontal or inclined) forces, so that to determine the actual stress in 
the wall any unit of its length may be considered. It will be assumed in com- 

puting stresses that the masonry of the wall is homogeneous and obeys (within 
the limits of working stresses) Hooke’s law for elastic solids, that is, stress is 
proportional to strain. A horizontal joint of a wall, 4 B in Figs. 52 to 55 will 
beinvestigated. It formsa parallelogram of width 4B = 8, length unity and 
area 0. 

Vertical Loads, Normal Stresses on Horizontal Joints. Let W be the 
resultant of the vertical loads acting on Joint AB = b, ¢ the middle point 
of AB, e the eccentricity of W or the distance of the point of application of W 
from c, and x the distance of any point of the joint from c, positive if measured 
in the direction of W and negative for the other half of the joint. Then the 
normal stress per unit area at any point x, expressed in the same units as W 
and 8, is 

8 =F (1 +125) 

which formula is called the law of the trapezoid. At the middle point c, where 
x = 0,S¢ = W/b for all values of e; in other words, at the middle of the joint 
the unit stress is always equal to the average stress along the joint. 

At the edges of the joint where a = + 6/2 or — 6/2, the unit normal stress ig 
a maximum (S)) or minimum (S»2) for any value of e and 

WwW 6e WwW 6e sia (04 $93 (xc) 
Si is always positive (compression) for any value of e. So is positive (com- 
pression) as long ase < 0/6 (Fig. 52). It becomes zero if e = 8/6 (Fig. 53). If 
the resultant falls outside the middle third, e > 6/6, the formula furnishes a 
negative value (tension) for Sy (Fig. 54) and this formula does not apply 
unless the masonry is able to develop tension. This case is discussed below. 
Usually no dependence should be placed upon masonry to take tension. 

em <l. it 
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Fig. 52 Fig. 53 Fig. 54 

Since in design the maximum and minimum stresses largely govern, these 
formulas for the stresses are more generally used and will be further discussed. 
If e =o, the resultant load is applied at the middle point of the joint and 
S1 = S2 = W/b (compression), i.e., the stress is uniform along the joint. If 
e = 6/6, the resultant load is applied at the middle third point and S$; = 
2W/b (compression) or twice the average value of the stress, and Sy = 0, 
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If e > b/6 and the joint cannot take tension, part of it will not be stressed at all, 

while the other part will transmit compressive stresses only. This condition 

of stress distribution is shown in Fig. 55, where the distance e of the point of 

application z of the resultant load is greater than cm = b/6. Let 7 be the dis- 

tance of W from the nearest edge of the joint A in Fig. 55; then the point of 

zero stress O will lie at a distance 37 from this edge and $1 = 2W/3r; forr = 0, 

S; becomes infinity. Substituting the safe unit stress s for Si we get r = 

Fig. 55 Fig. 56 

2W/3s. This gives the minimum distance 7 from the edge of the joint to the 

resultant permissible with a given safe unit stress. 

If tensile stresses are considered in a masonry wall the general formulas given above 

for S; and S2 should be used even though the resultant falls outside the middle third. 

For such a case, if e = 1/2 b, the resultant is applied at the edge of the joint, S) = 4W /b 

(compression) or four times the average stress, and S2 = 2W/b (tension) or twice the 

average stress. 

Graphically. the stresses along AB may be found by the following construction. 

Lay off (Fig. 56) cd = W/b the average stress, connect the middle third points m and 

m with d and produce lines md to intersect with W infandh. Draw horizontal fg 

and Al to intersect verticals A and Bin g and/. Then Ag and Bi will be the maximum 

and minimum normal stresses and the stress at intermediate points will be obtained 

by scaling the vertical intercept between AB and gl, ordinates above AB indicating 

tension: 

Example. Let W = 30000 lb. and b = 6 ft. Then for W applied at the middle 

of the joint, e = 0, S; = Sz = 5000 Ib. per sq. ft. For W at the middle third point, 

e =1 ft., S) = 2 W/b = 10000 lb. per sq. ft., Sp =0. For W at 1/3) from the 

center, ¢ = 2 ft., Si: = 3 W/b = 15 000 lb. per sq. ft., Sp =—Wb =— 5000 lb. per 

sq. ft. If the joint cannot take tension, r = 1 ft., Sy = 2W/3 7 = 20 000 lb. per sq. ft. 

If the masonry is rubble, with a safe compressive stress of 18 tons per sq. ft., how 

near in safety can the resultant come to the edge of the joint? rmin. = 2W/3S = 

2 X 30 000/3 X 36 000 = 5/9 ft. , 

Vertical and Lateral Loads. Normal Stresses on Horizontal Joints. If 

lateral forces act upon a wall, the resultant of these and the vertical loads will 

be inclined to the joint as R in Figs. 52 to 55. In order to find the normal 

stresses on the joint, resolve R into a vertical and a horizontal component, 

W and H at the point of application of R and treat W exactly as shown in the 

preceding discussion. H, the horizontal component of R, will produce com- 

pression on vertical planes and shearing stressses along the joint, if it is capable 

of taking shear. If not, the stability of the structure is dependent upon the 

friction developed along the joint. Designers should not add the safe shearing 

value to the safe frictional resistance, because the latter will not come into 

action unless the shearing resistance has been overcome. 

Shearing Stresses in Walls. Careful consideration should be given to the shear- 

ing stresses in the design of dams over 50 ft. in height but they need rarely be con- 
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sidered in the design of other walls. The magnitude and distribution of shear in walls 
cannot be determined by the customary formulas for beams since they generally are 
not prismatic and are always subject to axial loads. The only case in which shearing 
stresses do not exist in horizontal and vertical planes is when the wall has a vertical 
face and back and carries an axial or an evenly distributed vertical load, but in this 
case there are shearing stresses along every other plane. 

Let a prismatic wall (Fig. 57) be subjected to an axial compressive force P, then the 
intensity of the compressive stress on joint AB normal to the axis will be = Pia, if a 
is the area of joint AB. Ona plane CD whose normal is inclined to the axis at an 
angle ¢ there is a stress in the-direction of the axis and therefore oblique to the plane 
CD, of intensity P/a, where a; is the area of joint CD, that is, ay = a/cos ¢. The whole 
stress P on CD may be resolved into two components, one normal to CD and the other 
a shearing stress tangential to CD. The normal component is P cos ¢, the tangential 
component is P sing. The unit intensity of normal compression on C D, therefore, 
is (P/a) cos* and the intensity of shearing stress is (P/a) sin ¢.cos ¢. This expres- 
sion makes the shearing stress a maximum when @ = 45°; surfaces inclined at 45° 
to the axis are called surfaces of maximum shearing stress, the intensity of shearing 
stress on them is P/2a. 

In the case of retaining walls and dams which are subjected to horizontal 
loads besides vertical ones and generally have a wedge-shaped cross-section, it 

Co 

P 
74 

----------~—}--- 

Fig. 57 Fig. 58 

is obvious that shearing stresses exist on every horizontal joint, the total of 
such stresses being equal to the resultant horizontal force above the plane of 
the joint. The intensity of the horizontal shear will vary from point to point 
along the joint. Its distribution can be determined by applying the principle 
that at any point of the structure the horizontal and vertical shear intensities 
must be equal. Let Fig. 58 represent the cross-section of 4 dam, a slice of unit 
thickness being considered, According to the law of trapezium, the distribu- 
tion of the normal pressure on joint 4B may be represented by A DEB; and 
if forces are expressed in masonry units (the unit of weight: ‘being the 
weight of one cubic unit of masonry) and the same scale used for dimensions 
and forces, the area A DEB will be equal to the area AH CKB. Similarly the 
distribution of thrust on joint HK will be represented by HFGK, which is 
equal to HCK. The weight of the layer between AB and HK will be repre- 
sented to the same scale by AHKB. Consequently, ADMH + KNEB = 
MFGN. Take any vertical PS. The difference between the vertical’ forces 
to the right of PS and acting on AB and HK respectively = RSGN — 
KNEB, and that to the left of PS = ADMH — MFSR. These two resultant forces are equal but of opposite sign, and either of these differences 
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represents the resultant of the vertical forces on either side of the layer AHKB, 

to the right or left of PQ, and therefore, the shear on PQ. Hence the intensity 

of shearing stress at P (horizontal and vertical) is approximately either 

(RSGN — KNEB)/POQ or (ADMH — MFSR)/PQ. The approximation will 

_ be closer the smaller is PQ (Unwin, Engineering, Vol., 79); 

Applying the foregoing method to a triangular dam with vertical back, the distribu- 

tion of the shearing stresses is found to be uniformly varying from zero at the back 

tOeaemaximum at the face, the shear diagram being a triangle. In the case of a rect- 

angular dam the shear diagram is a parabola with vertical axis; the shear intensity 

is zero at either face and maximum at the center where its value is gmax = 3 12/47, 

h being the depth of water to the joint in question, 5 the width of the dam and y the 

density of the masonry relative to water. 

For the important practical case of a dam with vertical back and inclined face, E. P. 

Hill (Proc. Inst. Civ. Eng., 1908, Vol. 172) gives the following formula for the intensity 

of shear on horizontal or vertical planes at any point of a horizontal joint: 

h?(3b — 2 mh) |x 

ECR EMY }eOranY q= | wie + 3d) + 

ip Sines 2 

+ | owmisa wopy ase Oe ifs 
Y b# 

In this formula W is the total wéight above the joint in masonry units (i.e., if b, h, 

d and x are expressed in feet, W must be multiplied by the weight in pounds per cubic 

foot of masonry and q then will be expressed in pounds per square foot), b the width 

of the joint and % the depth of the water above it, d the distance of the center of 

gravity of W from the water edge of the joint, # the distance from the water edge 

of the point where g is to be determined, m the tangent of the angle between the face 

of the dam and the vertical and + the specific gravity of the masonry. The formula 

shows that the shear intensity on horizontal (or vertical) planes is practically propor- 

tional to the distance from the back of the dam at which point it is zero: The experi- 

ménts of Ottley, Brightmore, Wilson and Gore (Proc. Inst. Civ. Eng., 1908, Vol. 172) 

have verified this with the exception of the joints at and near the base, where, on 

account of the rigidity of the fixing of the dam, the shear intensities are practically 

uniformly distributed along the joint. The shearing stresses to be.considered in the 

design are not those at the base but higher up and near the face. For practical pur- 

poses, except in the case of a very high dam (for which the closer analysis. is necessary), 

the shearing stress along horizontal joints more than 1/5 4 above the base can be taken 

as uniformly varying from zero at the back to a maximum at the face at which point 

it equals 2 H/b, H being the magnitude of the resultant of the horizontal components 

of the Jateral forces above the joint considered and equal to the total shear along the 

joint. For the joints near to and at the base, the shearing stress should be taken as 

uniformly distributed having an average value of H/b. (See example, Art, 31.) 

Horizontal Pressures on Vertical Planes. The lateral external forces 

(water or earth pressure) also generate normal stresses on vertical planes. 

For a dam with vertical back and inclined face, Hill gives the following 

formula to determine the intensity p’ of these stresses, the notation being the 

same as in the preceding paragraph: 

h 2 Wm? od 3h(b — mh)? m pie PREG) ANGE Y b 

@Waryab 4 e\at Libre mah) db mbps 
7 b! » as j tr 7b* b? 

p’ is im masonry units, similarly to q in the preceding paragraph. The horizon- 

tal stress intensity on vertical planes, therefore, increases from the back. 

For x = 0, p =Ah/y. But since p’ is expressed in masonry units, hj soust be 

multiplied by 62.5 X 7y and becomes 62.5 h, or in other words, at the back of 

the dam ~” equals the unit water pressure For all walls, except very high 
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structures, where a closer investigation is necessary, the normal stress intensity 
on vertical planes, for every point of a horizontal joint, can be taken as con- 
stant and equal to the intensity of the lateral forces at the elevation of the 
joint under investigation. (See example, Art. 31.) 

Maximum and Minimum Stresses. Both normal and shearing stresses. 
exist at every plane passing through any point of an elastic solid which is in 
equilibrium under the influence of external forces. These stresses vary in 
magnitude for the same point according to the direction of the plane and 
there invariably exists one plane on which the normal stress intensity is a 
maximum, and another plane perpendicular to the first, on which the normal 
stress intensity is a minimum. These limiting values of the normal stresses 

are termed principal stresses and they can be determined both as to magnitude 
and direction if the normal and shearing stresses at a certain point are known 
on two planes at right angles to each other. At any point of the horizontal 
joint investigated, let S and 9’ be the intensities of the normal stresses on 

horizontal and vertical planes and let g be the intensity of the shear on these 
two planes, both kinds of stresses being determined by the methods given 
above (compressions taken as positive and tensions as negative), then the 

magnitude of the principal stresses at the same point is given by the formula: 

_S+p’'+ Vv (S +9’)? — 4(Sp’ — 9°) 
2 

the positive sign before the radical furnishing the maximum and the negative 
sign the minimum principal stress. 

f 

Let 6 be the inclination of the principal stress to the horizontal, then 

cot8 = (f — o’)/q 
These formulas show that even in the case when the resultant cuts the horizontal joint 
within the middle third, in other words when S is compression along the whole joint, 
tensile stresses will occur at some points in a certain direction, if Sp’ < g2. According 
to Levy, in order that tensile stresses should entirely be eliminated, the design should 
be such that not only shall the resultant lie within the middle third of the joint, but 
that So (minimum normal stress) shall be not less than the intensity of the horizontal 
components of the lateral forces at the elevation of the joint investigated (or the hydro- 
static pressure in the case of a dam). It can also be shown that Sp’ is always greater 
than q? at the toe of retaining walls and dams designed for the requirement that the 
resultant shall fall within the middle third of the horizontal joints and, therefore, ny 
tension can exist at and near the face of such walls. The maximum shearing stresses 
in walls with vertical face and back and vertical loading only are inclined 45° to the 
vertical and equal to S/2 for every point of the horizontal joint, S being the intensity 
of the constant normal stress upon the joint. For other methods of loading, according 
to Wilson and Gore, the maximum shearing stress can be approximately expressed by 
the formula gmax = 5/2 cos? ¢, where S is the normal stress on the horizontal plane 
at the point considered and ¢ the angle between the resultant R and the vertical. 
According to Bouvier, the maximum stresses in dams of the usual cross-section are 
about 13/9 times the stresses on horizontal joints. This rule gives good approximate 
values also for other types of walls for preliminary design. 

G. F. Swain shows that the maximum compressive stress at the downstream face 
is on a plane normal to the face, and equals S sec? 8, where S is normal unit stress on 
a horizontal plane at the downstream face and 8 is angle between downstream face 
and the vertical. (Stresses, Graphical Statics and Masonry (1927), p. 468.) 

The above discussion of stresses and the formulas do not take in account the factor 
of lateral deformation of the masonry which is probably very small. (See example, 
Art. 31.) 

Joints in Arches. The above discussion has been developed for the hori- 
zontal joints of walls and dams, but it applies equally well to the radial joints 
between the voussoirs of stone arches. Against such a joint there acts a 
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resultant force R, and the component of this parallel to the joint gives the. 
total shear H; the component normal to the joint may be called N. Then 
the preceding formulas apply to such a radial joint if W is replaced by N, and 
the distributions of the normal stresses are exactly like those shown in Figs. 
52-55. 

22. Local and Eccentric Loads 

A Bridge Pier which sustains only vertical loads whose resultant coincides 
with the axis of the pier has the compressive unit stresses uniformly distributed 
onthe base. The least area forthe baseis A = W/S, where W is the total ver- 

tical load on that base and S is the allowable unit stress from Art. 16. Prac- 

tical considerations, however, usually necessitate a larger section. Small 

piers in buildings should have this least area, unless the r length is such that 

columnar action exists, and then S must be taken smaller (Art. 29). 

Under a Concentrated Load on the top of a pier, the compressive unit 

stress may be taken higher than for a section of the pier lower down. If 

the area under local compression is 0.3 of the total area of masonry over 

which the compression is distributed, the values in Art. 16 may be increased 

60%; if that area is 0.1 of the masonry area, those values may be increased 

200%. For other values of the ratio r the increase may be made in direct 

proportion: for r between 0.1 and 0.3, per cent increase = 270 — 700 r; for 7 

between 0.3 and 1.0, per cent increase = 600 (1 — 7r)/7. These percentages 

apply when the concentrated load is at the middle of the top of the pier as at 

(a) in Fig. 59; thus, for a steel column having a base 15 by 15 in. and a masonry 

pier 24 by 24 in. the value of 7 is 0.4, and the allowable S of Art. 16 may be 

increased 51% under the base of the column. 

An Eccentric Load is one placed so that its line of action does not coincide 

with the gravity axis of the pier as at (6) in Fig. 59. Here the distributions 

of unit stresses on the base are like those shown in Art. 21, and when the eccen- 

tricity e is large enough the stresses on one side may be tensile. For this 

case the working unit stress S cannot be increased to the full extent indicated 

in the last paragraph, and when the load is close to the edge of the pier top 

no increase should be made. AQ specially unfavorable condition is that 

in the first diagram of Fig. 61a, where there is an eccentricity in both hori- 

zontal directions, so that the opposite corner of the pier should be anchored 

down in order to prevent it from rising or from cracking by tension. 

L (b) (a) 

Fig. 59 Fig. 60 

The inclined lines in Fig. 59a show the manner in which the local compression spreads 

out until it finally becomes uniformly distributed over the horizontal cross-section; 

the inclination of these lines is about 45°. For the eccentric load in Fig. 59}, one of 

the inclined lines quickly reaches the edge of the pier, indicating that the unit stress 

under the column must be taken lower for an eccentric load than for a central one. 

A Bridge Pier under Vertical Loads (Fig. 60a) is subject to non-uniform 

compression on the base when the two adjacent spans of the bridge differ in 
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length or when only one of two equal spans is covered with live load: Thus 
in Fig. 60a let W be the weight of the pier itself above the base, and W; and 
W 2 the weights brought upon the top of the pier from the two spans of the 
bridge, these being applied at the distance c from the middle of the top. 
Here the resultant vertical pressure cuts the base at a distance e from the 
center which is found from e = ¢(W1 — W2)/(W + Wi+ Ws»), and the 
distribution of compressive unit stresses on the base is the same as in Art. 21. 

When W,; > Wein Fig. 60a, this point is at the right of the center; when Wi < 
Wo, it is at the left of the center. The proper formula of Art..21 enables the 
maximum compressive unit stress to be found. 

Wind blowing ona tower or chimney, as shown in Fig. 608, causes a similar 
eccentricity of the resultant on the base; for this case, the value ofe = Pp/W. 
Wind blowing at right angles to the line of a bridge causes a similar longi- 
tudinal eccentric ty on the base of a pier, whereas the lateral. eccentricity 
due to live loads is the same as given in last paragraph. Two horizontal wind 

forces may act on a bridge pier, P; for wind blowing against. the bridge spans 
and P» for wind against the pier itself; here the aboye equation also holds if 
Pp is replaced by Pipi + Papo. 

The Kern is an area on the base of the pier within which the resultant force 
that acts on the base must lie in order that no part of the base may be subject 

to tension. .To prevent tension on any corner or 

side of the base of a masonry pier, wall, or dam, 
the line of action-of the resultant must cut the 
base within the kern. Fora rectangular section 
with sides a and 6, the kern is a rhombus. which 
has the diagonals 1/3 a and.1/3 b, the corners. of 
this rhombus pointing toward the middle of the 
sides of the rectangle as shown in the plan of Fig. 
61a. For a square with side d, the kern is a 
smaller square which has the diagonal 1/3 d and 
the sides of which are parallel to the diagonals of 

Fig. 61 the given square. For a circular section of di- 
ameter d the kern is a smaller concentric circle of 

diameter 1/4 das in Fig. 616. The resultant is the weight W above the base 
in case no lateral force acts upon the structure, otherwise it is the R of Art..21, 
which is found by combining W and H. 

A Rectangle with sides ¢ and } (Fig. 61a) is the most common case. Let 
x and y be the eccentricities with respect to axes of the rectangle parallel to 
the sides a and b. Then the unit stresses at the four corners are 

Las z y ay = ot sez Si = (1 +67 +62) s = 2 (1 6 6 ) 

eee 5% y Low os ¥ S2 r ( 6-+6 ) Si=s (1 +07 ~62) 

When W lies within the kern all of these are compression; the formulas hold, 
however, even if W is without the kern, provided the masonry can take ten- 
sion near the corners and edges, ’ 

For a Circular Cross-Section of diameter d, the maximum and minimum 
unit stresses, due to a load having the eccentricity e, are 

a Weed te fou piilorag s.=F (1 +88) S:= 5 (1-8) 

in which A is the area of the circle. The unit stress Sy is tensile if the load is 
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without the kern, but the formula gives it correctly when the masonry can 
resist tension. The radius of the kern is 1/8 d (Fig. 610). 

If the material is unable to develop tensile stresses and W acts outside the kern in 
one of the main axes of the figure comprising the horizontal joint of the pier, the fol- 
lowing methods to determine the distribution of normal stresses are recommended. © 

For a pier rectangular in plan as in Fig. 61¢ and W being applied on the axis parallel 
to side a at a distance r from the nearest 
short side of the joint, Sy = 2 W/3 rb. 

- For a horizontal joint having any sym- 
metrical figure (as, for instance, a chimney 
section), according to Mohr the following 
construction will give the compressive stress 

distribution, Fig. 62. A is the point of ap- 
plication of W lying on the symmetry axis 
BM By, of figure F. Draw an equilibrium 
polygon for area F with an arbitrary pole 
distance H. Draw a perpendicular to axis 
BB, at A to intersect the tangent B’O in A’. 
Draw B’N so that the area of triangle B’A’N 
shall be equal to area B’CN, in other words, 
that the two shaded areas shall be equal. 
Then the line VN drawn at right angles to 
BB, is the zero lme from which the com- 
pressive stresses increase in proportion to the 
distances. Make B/D = W/H = weight + 
area (H being measured in the same unit as 
F); draw DE parallel to B’N. Then for the 
point B, farthest from NW, the unit stress 
S, = EE, which is drawn parallel to BB; 

from point E.'° EE, is measured in the Fig. 62 

same unit as W/H. 
If the point of application of the resultant does not lie on an axis of symmetry of 

the joint, or if the jomt has an unsymmetrical figure, the determination of the purely 

compressive stresses becomes very complicated. The following method is recom- 

mended: Connect the point of application with the center of gravity of the joint and 

find in this direction the conjugate axis of the ellipse of inertia of the figure. Then the 

line of zero stress will be parallel to the direction thus found and its location should be 

determined by trial, remembering that the stresses will be proportional to the distance 

from the zero line and that the center of gravity of the intensity wedge (the volume of 

which is equal’ to the vertical component of the resultant) must fall in the same vertical 
with the point at which 
the resultant cuts the 
joint. 

Anchor Bolts. Ma- 
sonry structures some- 
times are required to 
be anchored to a rock 
foundation, especially 
where tension may 
occur under’ eccen- 

Yy, tricity of loading. A 
iMé§}:ksse fox bolt (Fig. 63) is 

. Expansion Bolt a straight iron bar, 
Fig. 63 split for about an inch 

at the lower end, the split allowing an iron wedge to enter as the bolt is driven 

down; the end of the bolt then expands and is held in the hole by friction 

aided by cementing material... The expansion bolt (Fig. 63) is the best form 

of anchor bolt for fastening timber or steel members to masonry, or rock. 
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Ordinary straight round rods, which should be “‘ hacked ” or otherwise rough- 
ened, may be cemented in place with lead, babbitt metal or cement grout, the 
last being most common. 

M. Ferret found, for plain round rods in 1 : 2 : 4 concrete, that the holding capacity 
was 237 lb. per sq. in. of embedded surface. A. N. Talbot found 424, and W. O. 
Withey 452 lb. per sq. in. Plain square rods give slightly higher values. A working 
unit stress of 75 Ib. per sq. in. is recommended for plain round rods in 1 : 2 : 4 concrete, 
or 100 lb. per sq. in. if rods are roughened. 

For fox and expansion bolts E. S. Wheeler found 264 Ib. per sq. in. when embedded 
in 1 : 2 portland mortar, 843 lb. per sq. in. when in sulphur and 485 Ib. per sq. in. when 
in lead. A working unit stress of about one-fifth of these values should be used. 
Sulphur should not be used where exposed to rain or other water, as acid will be formed 
which rusts the steel and often disintegrates the stone near the top of the hole. 

Brick Chimneys. The overturning effect of wind on a tall isolated chimney 
will generally result in some tensile stress in the brick masonry. The amount 
of this tensile stress may be determined by analyzing the chimney as a vertical 
cantilever, and computing the bending stresses at various heights. The dif- 
ference between the compressive unit stress due to dead load and the maxi- 
mum unit stress from the bending will give the maximum unit tensile stress 
in the brickwork; the sum of the dead load and bending stresses will give the 
maximum compressive stress. As the strength of the mortar during con- 
struction is greater at the base of the chimney than higher up, due to the 
greater age of the mortar at the base, the allowable masonry stresses are some- 
times given higher values for the lower portions of the chimney. G. Lang 
(Eng. Rec., July 20, 1901) gives the following formulas for maximum allow- 
able tensile and compressive stresses in brick chimneys: 

Tension: S = 18.5 + 0.056 L, for single shell chimneys 
S = 21.3 + 0.056 L, for chimneys with complete lining 

Compression: S = 71 + 0.65 L, for single shell chimneys 
S = 85 + 0.65 L, for chimneys with complete lining, 

where S = stress in pounds per square inch, and L is the distance in feet from 
the top of the chimney to the section considered. 

If the computed maximum tensile stress is greater than the tensile strength 
of the mortar, the joints will tend to open up slightly on the windward side. 
However, the chimney may be stable even in this case, provided the com- 
pressive stress on the other side of the chimney does not exceed the allowable 
compressive stress for brick masonry. For this condition, Mohr’s method 
(page 909) may be used to compute the maximum compressive stress. 
An approximate method is also given for concrete chimneys in Sect. 11, 
Art. 60. 

Building codes do not, as a rule, specify methods for design of isolated brick 
chimneys. The following requirements are given in the code of the City of 
Toronto: 

(1) Based upon a horizontal wind pressure of 25 Ib. per sq. ft. as acting over their 
vertical projection, the circular portions of isolated chimneys constructed of approved 
radial brick may be designed for stresses, due to weight and wind moment combined, 
not exceeding the following amounts: 

(a) Maximum compression, 17 tons per sq. ft. 
(b) Maximum tension in accordance with the following table: 
Maximum height | Tension in tons Maximum height Tension in tons 
of chimney in feet per sq. ft. of chimney in feet per sq. ft. 

100 2-1/4 225 1 
125 2 250 3/4 
150 1-3/4 275 1/2 
175 1-1/2 300 1/4 
200 1-1/4 over 300 0 
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(2) Radial brick shall be hard burned, also weather and acid proof. The brickwork 
when laid in place shall weigh at least 120 lb. per cu. ft. 

(3) Circular steel reinforcing hoops or rings, not less in cross-sectional area than 
3/8 X 2-1/2 in., shall be built into the brickwork at each change of wall thickness 
and just above and below the flue opening. The spaces between the inside of the hoops 
and the brickwork shall be well filled with mortar. 

It will be noted that the Toronto code specifies a decreasing maximum ten- 
sile stress as the height of the chimney increases, which is contrary to Lang’s 
formulas. The writer considers the allewable stresses in the Toronto code 

to be too conservative. It is suggested for design, based on a wind load of 25 

Ib. per sq. ft. of vertical projection, that the maximum compressive stress in 

the brickwork of the chimney be not over 210 Ib. per sq. in. (15 tons per sq. 

ft.) and’that the maximum tensile stress at any point in the chimney be not 

over 28 lb. per sq. in. (2 tons per sq. ft.). 

MASONRY WALLS AND DAMS 
23. Principles of Stability 

Definitions. A Bearing Wall is a vertical wall which supports a building 

and is subject mainly to vertical pressures. A Retaining Wall is subject to 

its own weight and to the lateral pressure of earth which is deposited behind 

it after it is built. A Brest Wall, or face wall, is one built to prevent the 

fall of an undisturbed bank of earth. A Buttress is a projection of masonry 

built into the front of the wall to strengthen it, and a Counterfort is a projec- 

tion of masonry built into the back of the wall. 

A dam is a structure to obstruct the flow of a stream or to impound water, 

thus creating a storage of water, or head, or both. Masonry dams are, as a 

rule, of the gravity type, resisting the lateral water pressure by virtue of their 

weight. Arched masonry dams are dams curved in- plan and for their re- 

sistance against water pressure rely partly or entirely upon arch action. 

The front of a wall or dam is the face seen after it is finished, while the back is the 

face which is acted upon by earth or water. The lowest point of the front, at the top of 

the foundation, is called the toe, and and the lowest point of the back is called the heel. 

The Batter of the face of a pier, wall or dam is its inclination to the vertical, 

measured by the ratio of horizontal to vertical projection, which is usually 

expressed in inches per foot of height. The following table gives the angle 0 

(Fig. 49) between the inclined face and the vertical for various batters and also 

trigonometric functions of those angles: 

Angles and Functions for Batters 

oo Angle 9 | Sin 6 Cos 4 Sec @ | Tandé 

; a The last column in 
0 0°00’ 6.0000 | 1.0000 | 1.0000 | 0.0000 this table gives the 

1/2 2 23 0.0416 | 0.9991 | 1/0009 | 0.0417 batter expressed as a 

1 4. 46 0.0831 | 0.9965 | 1.0035 | 0.0833 | - decimal, that is, the 

1-1/2 7 08 0.1242 | 0.9923 | 1.0078 | 0.1250 horizontal projection 

2 9 28 0.1645 | 0.9864 | 1.0138 | 0.1667 for a vertical. projec- 

2-1/2 11 46 0.2039 | 0.9790 | 1.0210 | '0.2083 tion of unity. The 

3 14. 02 0.2425 | 0.9702 | 1.0308 | 0.2500 column next to the 

3-1/2 TGu no 0.2798 | 0.9601 | 1.0416 | 0.2915 last gives the length 

4 18 26 0.3162 | 0.9487 | 1.0541 | 0.3333 of the inclined face 

4-1/2 20. 33 0.3510 | 0.9364 | 1.0680 | 0.3750 for a vertical projec- 

5 22437, 0.3846 | 0.9231 | 1.0825 | 0.4166 tion of unity. 

5-1/2 24 37 0.4166 | 0.9091 | 1.1000 | 0.4582 

6 26 34 0.4472 | 0.8944 | 1.1181 | 0.5000 | 

\ | 
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Failure of a masonry wall or dam usually occurs in three ways: (1) by sliding 
along the joint at the base, (2) by overturning or rotating, (3) by crushing of 
the masonry. In order that failure may not occur, the design should be so 
made that the structure may have such size and weight that sliding, rotation or 
crushing cannot occur. 

Failure of retaining walls by tension seldom, if ever, occurs, but tension thas been 
the cause of some of the most disastrous failures of dams. The failure of the Habra 
dam in Algiers and that of the Bouzey dam in France were due primarily to tension 
fracture and subsequent shearing action. (Unwin, Min. Proc. Inst. C. E., Vol. 172, 
Pp. 160.) 

+ The most common Cause of failure of walls and dams is a defective foundation. A 
washout around the foundation of a wall due to excessive rainfall may cause its destruc- 
tion. Water entering beneath the base of a masonry dam or around its ends may 
impair the foundation as well as exert an upward pressure. In this article it is assumed 
that the foundation is securely built and that precautions have been taken to prevent 
the action of water beneath it. : 

Sliding Stability is Secured by giving the structure a sufficient weight so 
that there is no danger of mofion along a joint at the base or any other hori- 
zontal joint. For the horizontal joint in Fig. 64@ let H be the horizontal 
pressure and W the'sum of all the vertical weights above the joint. Motion 
occurs when H = {/W where / is the coefficient of friction. In order that there 
may be no motion, let x be a number greater than unity, called the safety 
factor, then if W is sufficiently large so that nH = /W, stability is secured. 
A common value of 7 for use in designing is 2, so that the formula 2H = /W 

produces a proper degree of security, and then W = 2H/f. For an existing 
wall or dam the safety factor ism = /W/H. 

For an inclined joint (Fig. 640) let @ be its angle with the horizontal, WV the 
normal pressure on the joint and F the force acting parallel to it; then for 
motion about to begin F = /N, and for stability ~F = /N. For this case 

W =H (a =f tana)/(n tana + f) 

gives sufficient security if the safety factor » is taken as 2. 
Another method of consideration is by means of the angle which the resultant R 

makes with the normal to the joint. In Fig. 645, motion will occur when the angle B 
equals the angle of repose ¢, for masonry upon masonry (Art. 18). For stability the 
angle 6 should be less than ¢, and proper security requires that # tan B = tan ¢, 
or tan B = f/n. 

Stability against Rotation is secured by giving the wall or dam such size 
and weight that R, the resultant of all the external forces above the joint, 
cuts the base 4 B well within the joint (Fig. 64a). When R passes through A 

Fig. 64 Fig. 65 

failure occurs by rotation, and if R passes near A the material may begin to 
crush so that rotation is imminent. Some writers require that R shall cut A B 
at the edge of the middle-third or even within it; others require that R shall 
cut the base at A when the acting horizontal force H is doubled. The first 
method is used for dams and the second for walls. The safety factor against 
rotation is defined as the number by which the horizontal pressure must be 
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multiplied in order that R shall pass through the toe. Let /; and /2 be lever 
arms of H and W with respect to A in Fig. 640; then the safety factor ism = 
W1.2/Hl, for an existing wall or dam. For designing, the value of W must 
be such that W =nHl;/l2 and m may be taken as 2 for walls and between 2 
and 3 for dams. 

For a triangular wall or dam with vertical back (Fig. 65) a safety factor of 2 causes 
R to cut the base at the edge of the middle third. For a trapezoidal section of top 
width a and base width 4 and a Vertical back; the safety factor required in order that 
R may cut the edge of the middle third is » = 2 + a?/(b2 + ab — a?), which shows 
that » should be 3 for a rectangular dam and between 2 and 3 for a trapezoidal one. 

Stability against Crushing is secured by making the greatest compressive 
unit stress S; much less than the crushing strength of the masonry. For Sy 
the safe working value given in Art. 16 should be used in design, the wall or 

dam being given such size that this shall not be exceeded. 

The Resistance Line is a line drawn within the cross-section of a wall or 
dam which shows for every horizontal joint the point where the resultant of 
the external forces above it cuts the joint. Let ad in Fig. 64a be any horizontal 
joint in a masonry wall, H the resultant of the horizontal forces above ab, and 
W the weight of the masonry above ab; then the resultant R of H and W cuts 
abatapointr. If abis conceived to move up and down, the point 7 describes 
the line called the resistance line. Figs. 66 to 69 show four forms of walls in 
each of which two broken lines are drawn dividing each horizontal joint into 
three equal parts, the middle part being the ‘‘middle-third.’’. (See Art. 21.) 
Fig. 66 is a rectangular pier or wall subject only to its own weight, and the 
vertical line rr is the resistance line. Fig. 67 is a vertical rectangular wall 
subject to the horizontal pressure of earth or water, and the curved line rr is 
the resistance line. Fig. 68 is a triangular wall with vertical back under hori- 
zontal pressure, and the straight line rr which cuts the base at the middle is the 
resistance line. Fig. 69 is a trapezoidal wall with vertical back under hori- 
zontal pressure, and the resistance line rr is curved. 

The conditions of stability discussed in this article apply not only to the base joint 
but also to every horizontal joint of the cross-section of a wall or dam. In the case of 
stone and brick structures, the shearing strength of the joints is disregarded, and fric- 
tion alone is assumed to resist sliding. In the design of concrete walls, including dams, 
the tendency to slide is assumed to be resisted by the shearing strength of the masonry. 
Both friction and shear should not be assumed to be simultaneously available to resist 
sliding because frictional resistance will not come into action until the section has 

failed in shear. 
The conditions of stability (against sliding, rotating and crushing) here discussed 

apply also to radial joints of masonry arches, where a normal pressure WV acts upon 
the joint and a shearing force H along the joint. 

24. Moments for Trapezoidal Sections” 

The Overturning Moment M for a wall with vertical back is P & 1/3 h, 

where P = horizontal pressure and 1/3 4 is lever arm with respect to the toe. 
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For a level bank of earth Art. 4 gives for this overturning moment per unit 

length of wall, M = 1/6 wh’ tan? (45° — ¢/2) 

and values of M are given in Table A, below, for earth having w = 100 Ib. 

per cu. ft. and for various values of ¢6. These values of M are in thousands of 

foot-pounds. This table is useful in making approximate computations and 

estimates for walls with backs nearly vertical. It does not apply to banks 

which have upper surfaces inclined. 

The table may be used to find M for earth less than 100 Ib. per cu. ft. by multiplying 

the tabular values by the ratio of the unit-weight to 100; for example, for cinders 

weighing 45 lb. per cu. ft. multiply by 0.45. Interpolation may be made for earths 

having slopes different from those given. For a height of wall intermediate between 

the heights given in the table, take the overturning moment for a wall 100 ft. high 

and multiply it by the ratio of the cube of the height of the desired wall to the cube 

of 100. For example, for a wall 55 ft. high and a slope of repose 1.33: 1, the over- 

turning moment = 4 167 000 X (55/100) = 692 000 ft.-lb. 

For a Loaded Level Bank of Earth (Art. 19, Fig. 41), the overturning 

moment M may be found by multiplying the tabular values by 1 + 32/100 h, 

where v is the weight of the load per square foot of level surface and h equals 

height of wall in feet. When the load consists of merchandise or building 

materials back of a wall, v may be taken as from 200 to 400, the higher the wall 

the greater to be the value of ». For walls retaining railroad embankments v 

should be taken at 750 lb. The tables are not directly applicable to a dock 

wall or to any wall in which the retained earth is saturated with water. 

(A) Overturning Moments for Retaining Walls in Units of 
1000 Foot-Pounds 

Angle of | Slope of Height of wall in feet 

repose repose 
of earth | of earth 60 70 | 80 | 90 

45° 00’ 
39 SO 
37 30° 
36 50 
35 30 
33 40 
26 40 
18 30 

980}1463|2083 
1252|1869|2661 
1389|2074|2953 
1429|2133)3038 

2263)3222 
2442/3477 
3249/4626 
4424/6299 

_~ 

w 

ONuUPRwWwAn CARR ER RWH OR ORN HE ~10 KON PhwWPNO 

For water [= oO > i) 5334]7594|10 417 

(B) Resisting Moments for Walls of Type B in Units of 
1000 Foot-Pounds 

Height of wall in feet 

base to 
height | 10 | 15 | 20 | 25 | 30 | 40 | 50 | 60 | 70 

0.33 8.2/26.5] 65.3}127.6|220.5/522.7| 1021} 1762] 2802] 4182] 5954) 8 168 

0.34 8.7|28.1] 69. 1/135. 5]234.1|554.9} 1084] 1873} 2974] 4439} 6320} 8670 
0.35 9.2|29.8] 73.5/143.5]248.1/588.0] 1149} 1985] 3151] 4704) 6697) 9.188 

0.36 9.7/31.5| 77, 8|151.9|262.4/622.1| 1215] 2100] 3334] 4977] 7086) 9720 

0.37 |10.3/33.3| 82.1)160.1|277.2|657.1] 1283] 2218] 3522) 5257] 7485] 10 268 

0.38 |10.8)35.1| 86.6/169.2|292,4/693.1| 1354] 2339] 3715} 5545| 7895] 10 830 
0.39 |11.4}37.0| 91.3]/178.2/308.0|730.1| 1426] 2464] 3913] 5841] 8316] 11 408 

0.40 |12.0/38.9| 96.0)187.5/324.0|768.0} 1500) 2592} 4116] 6144] 8748) 12.000 

0.41 |12.6/40.0]100. 4/197.0|340. 4/806.9| 1576] 2723] 4324 aiuee. 9191) 12 608 
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(C) Resisting Moments for Retaining Walls of Type C in Units 
of 1000 Foot-Pounds 

| Ratio of Height of wall in feet 
base to 

| height | 10 | 20 100 

OI35+ fi 3.1 | 60.2) 199.0) 469 5 374] 7 208 

0.40 | 10.3 78.0} 259.0] 609 9 403 

0.50 | 15.8 |-120.7| 402.2} 933 7 527) 10 759] 14 670 

0.60 | 22.3 | 172.7) 577.0} 1361 10 819) 15.393} 21 103 

0.70 | 30.454 (205.1), 781, 9) 1849-4 3648 Hi Haw Yo selwiotes ss oloce boc leccces 

(D) Resisting Moments for Walls of Type D in Units of 
1000 Foot-Pounds 

Ratio of Height of wall in feet 
base to 

height 10 20 30 40 50 60 70 80 90 100 

0.35 8.6 61.0} 193.9} 444.0) 848 | 1443} 2265 | 3352 | 4740] 6465 
0.40 11.0 78.0) 249.0) 572.0) 1095 | 1866 | 2933 | 4344 | 6147] 8 390 
0.50 16.5 | 118.0) 379.5) 876.0) 1683 | 2874 | 4526 | 6712 | 9509] 12990 
0.60 23.0 | 166.0) 537.0) 1244 | 2395 | 4098 | 6461 | 9592 | 13 599] 18 590 
0.70 | 30.5 | 222.0) 721.5] 1676 | 3233 

(E) Resisting Moments for Walls of Type E in Units of 
1000 Foot-Pounds 

: : e 
Height of wall in feet Ratio of 

base to 
height 10 40 70 80 90 100 

0.35 8.4 480.0) 929 2521 3751} 5326] 7290 

0.40 10.8 81.0] 266.5] 623.3) 1208 | 2075 | 3282 4 883} 6915] 9498 

0.50 16.5 | 124.7] 412.0} 966.0} 1874 | 3224 | 5103 7 599) 10 799] 14 790 

0.60 23.3 | 177.7} 589.0| 1383 | 2687°| 4625 10 911] 15 510} 21 248 

0.70 33.3 BES 1 SEW Aces keaad «+ obi iegtot tht ioe » 9 | 

Interpolation is not satisfactorily made except approximately by an arithmetic 
method in tables (B), (C), (D), (E), for heights intermediate between those given. 
For a case of this kind, it is recommended that interpolation be made by help of a 
curve drawn through plotted points whose ordinates represent values taken from the 

table. 

The Resisting Moment of a wall or dam is defined as its weight multiplied 
by the lever arm of that weight with respect tothe toe. Tables (B), (C), (D), 
(E) give resisting moments 
in thousands of foot-pounds 
for masonry walls 1 ft. long 
of four types, and for various 
ratios of height to base and 
for top width between 2 and 

3 ft. These types, also called Fig. 70 Fig.71 Fig. 72 Fig. 73 
B, C, D,-E, are shown in : 

Figs. 70-73. Walls B and C may have a vertical face or one with a batter 
not exceeding 1 in 3. The weight of the masonry was taken at 150 lb. per cu. 

ft. in computing these tables. If the unit weight w of the masonry is mater- 
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ially less, multiply the tabulated resisting moments by w/150. The resisting 

moment will be called Mi. The weight of earth upon the back of walls, types 

C and E, was taken as effective. Assumed weight of earth 100 Ib. 

The Unit Stress S, at the toe of a trapezoidal wall or dam is given approx- 

imately in. the following table. It applies to each of the four types (Figs. 

70-73) when the resisting moment MJ; is twice as great as the overturning 

moment M. The values are in pounds per square foot when hk is taken in 

feet. 

(F) Unit Stress S; for Toe of Wall Example. To find the com- 
pressive unit stress at the toe 

Height of wall in feet of a wall of type B, the height 
being 20 ft. The table gives 

5to10| 10 to 20 Bh 2010013 Aah eA BGOO Ib: ee 
sq. f€. =156 Tb. ‘per sq. amt. 

400 k 400 h 400 k When the value of 5S; ap- 
h 7 proaches the working value 

321 | soz ios | reso sett | Thre to, ee foundation mt be widened by an offset on 
319 h 319 A to 2724 | 270k to 237k the frofpaide: 

Formulas for Use with the Tables. Let a = width of top, 6 = width of 
base, 2 = height, e = distance from middle of base to point where resistance 

line cuts it; all in feet; f = coefficient of friction. M = overturning moment; 

M, = resisting moment. 

Horizontal pressure without surcharge = P = 3 M/h. 
Weight of wall, types Band D= W = 75h (a +2). 
Weight of wall and earth on back, type C = W = 25h (a +50). 

Weight of wall and earth on back, type E = W = 504 (a +26) approx. 
Eccentricity e of resultant for type B = M/W. 

Eccentricity e of resultant for type C = M/W approximately. 
Eccentricity e of resultant for type D = M/W — }/6 approximately. 

Eccentricity e of resultant for type E = M/W approximately. 
Unit compression at toe = Si = 2 W/3 (1/26 — e), 

Safety factor against rotation =” = M,/M. 
Safety factor against sliding =" = fW/P. 

Centers of Gravity. Let a be the top width, d the base width and h the 
height of any trapezoid whose back face makes the angle 6 with the vertical, 
this face being inclined forward as in Fig. 73. Then the distance ¢ from the 
toe to the vertical passing through the center of gravity of the trapezoid is 

given by 
a (a + h tan @) 

3 (a+b) 

When the back is vertical, tan @ is zero. Fora rectangular section, 6 = a and 
t= 1/2a. For a triangular section, a = 0 and ¢ = 2/3 6. When the back 
inclines backward, tan @ is to be taken negative. For a wall with vertical 
back, top width a and base width 6, the distance from the toe to the vertical 
line through the center of gravity is (2 0? + 2 ab — a?)/3 (a + b). 

t = 2/3 b — 1/3 htan@ — 

25. Investigation of Retaining Walls 

To Investigate a wall is to determine its degree of stability against sliding, 
rotation, and crushing. Often this may be done by inspection in the case of 
an existing wall, for if it has stood for many years and no signs of failure are 

seen, it is to be regarded as safe. The problem, however, generally occurs 
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“in the case of a proposed design, where all dimensions and data are given and 

it is required to ascertain whether these satisfy the conditions of stability. 
The process of investigation should determine at least these three things: 
(1) the factor of safety against sliding on the base, (2) the point where the 

resultant cuts the base, (3) the compressive unit stress S; which exists at the 

toe. 

The height of retaining walls seldom exceeds 30 ft. and a height of 60 ft. is about the 
limit. The condition of stability against rotation, with a proper safety factor, will 
usually insure against excessive stresses; further, in retaining walls it is not imperative 
that the whole joint should be under compression. It is therefore not necessary to 
apply for retaining walls the investigation discussed in the latter part of Art. 21. The 
vitally important theoretic determination is the maximum unit pressure upon the 

foundation bed at the toe. 

A Graphic Analysis is often convenient and satisfactory. First, the pres- 
sure P acting on the back of the wall is to be determined by Art. 19, using for 
the earth which is to be put behind the wall values of w and ¢ which are most 
unfavorable to stability. Second, the weight W of the wall and the weight 
of earth resting upon the back, if any, are computed and the line of action 
determined, this line passing through the center of gravity of the combined 
cross-section of the wall and earth upon it. Then a drawing of this cross- 
section is made to scale and the resultant R of P and W determined, 
Fig. 64a; this gives the point r where the resultant cuts the base or the lowest 
point of the resistance line. The ratio W/P may be computed, or may be 
scaled from the drawing by taking W as unity. Then =/W/P is the factor 
of safety against sliding. The base b being divided into three equal parts, 
it is at once seen if the resultant falls within the middle-third, in which case 
there is ample security against rotation. Lastly, the distance between the 

center of the base and the point 7 is measured, and this gives e (Art. 21), from 
which S; is computed, and if S; does not exceed the allowable unit stress there 

is full security against crushing. 

A Better Graphic Method is that shown in Fig. 74, where the force and 
_ equilibrium polygons are used. W, is the weight of the rectangular part of 
the wall and W»2 that of the 
triangular part. The force 
polygon is seen on the right, 
R, being the resultant of P 
and W», and R the resultant 

of P and Wi+ Wy. The 
equilibrium polygon is seen 
within the wall, P being pro- 
duced to me, through which 
msm, is drawn parallel to Ri; 

then through m the line mr 5 i 

is drawn parallel to R, thus Bie. 1% Eig -ni4 

determining 7, the point in the line of resistance where the resultant cuts the 

base. Finally e is found by measuring .the distance-from 7 to the middle of 

the base. This-method, although here illustrated for only two weights, is a 

general one readily applied to Fig. 75 or to any number of weights (Section 2). 

Tt obviates the necessity of computing the line of action of the resultant of 

the-given weights or of finding it by a geometric construction. 

The Analytic Method computes ¢ by the principles of mechanics, the-cross- 

section being divided into rectangles and triangles whose centers of gravity 

are known. For example, take the wall with vertical back in Fig. 74 which 
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is held in equilibrium by the forces shown, W1 being the weight of the rect- 

angle, W2 that of the triangle, and W; + Wz = W the vertical reaction due 

to the total weight, its point of application being at a distance e from the 

center of the base or at 1/2 b —e from the toe A. Here the equation of 

moments with respect to the toe is 

Pp — Wi(b — 1/22) — We 2/3 (6 — a) +Wwipb—o = 0. 

Inserting for W1 and W» their values vak and 1/2 v (6 — a) h, where v is the 

weight of a cubic unit of the masonry, there results 

= 1/2 b — [vh (2 ab + 2 b? — a”) — 6 Pp]/3 vh (a + b) 

which is a general formula for computing e for a trapezoidal wall or dam with 
vertical back. The weight W and the safety factor against rotation are 

=1/2vh(a+b) n-=vh(2ab + 2b? — a’)/6 Pp. 

The analytic method is more readily subject to detailed check than the 

graphic method. 

Example. A wall of good rubble with a vertical back retains a level bank of earth, 
the data being w = 100 Ib. per cu. ft., 6 = 34°, 4 = 18 ft,a =2ft,b =Sit, v= 
140 lb. per cu. ft., f = 0.65. From Art. 19, P = 4580 lb. per lin. ft. of wall, and p = 
6 ft. Then the formula gives e = 2.47 ft., so that the resultant comes outside the 
middle-third. The safety factor against rotation is 7 = 1.02, which is too small. For 
sliding, W = 8820 Ib. and m = 0.65 X 8820/4580 = 1.25, which is too low a degree 
of security, since 2 should be at least 2 (Art. 23). The thickness of this wall is too 
small to give proper security against either sliding or rotation. 

For the Trapezoidal Wall in Fig. 75, let Wi be the weight of the triangle 
of earth above the inclined back, We. and Ws the weights of the masonry, 
and let #1, p2, 3 be their lever arms with respect to the toe A, while # is the 
lever arm of the horizontal pressure P. Then the equation of moments is 

Pp — Wit: — W2d2 — Wsb3 + W (1/26 — e) = 0 

the solution of which gives the value of e. Here W is the total vertical force 
Wi+ W:e+W3. The factor of safety against sliding isn = fW/P, and that 

against rotation is (Wip1 + Wop2 + Wsps)/Pp. 

After e is found, the compressive unit stress S; at the toe is ascertained by 
the proper formula of Art. 21. For the example given above, where the re- 
sultant comes without the middle-third, S$; = 2 W/3 (6/2 — e) = 196 000 lb. 
per sq. ft. = 1360 lb. per sq. in., which is much greater than the allowable. 

Approximate investigations may be quickly made by the help of the tables in Art. 
24 if interpolation is not required. . Example: Let # = 60 ft., b = 24 ft.,a = 3 ft for 
a wall of type C which retains earth having a slope of 1.3 to 1. Table (A) gives M = 
874 800 ft-lb., and table (C) gives My = 2 042 000 ft-lb., so that the safety factor 
against rotation is » = M\/M2z =2.3. Then P = 874 800/20 = 43 740 lb, W = 
25 X 60 (3 + 5 X 24) = 184 500 lb. The factor of safety against sliding if f = 0.65 
is nm = 184500 X 0.65/43 740 = 2.8. Lastly, the compressive unit stress at the toe, 
from table (F), is approximately 370 X 60 = 22 230 lb. per sq. ft. Table (F) was 
made for a factor of safety against rotation of 2, and should not be applied, except 
for design or roughly approximate pressures, when factor of safety exceeds or is less 
than 2. 

To find the resistance against sliding upon the foundation bed, by the help of the 
tables of Art. 24, use F =f (W; + M,/Kb), in which F = resistance in pounds, 
M, = resisting moment taken from the proper table, 6 = width in feet of base of wall 
as previously determined, W ; = weight of foundation in pounds, f = coefficient of 
friction of masonry upon the material of which the foundation bed is composed; also 
K = 0.50 for wall B, K = 0.47 for wall C, K = 0.66 for wall D, K = 0.57 for wall E. 
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26. Design of Retaining Walls 

General Data. The top width of a retaining wall should not be less than 
2 ft. where frost penetrates into the ground more than 3 ft., and not less than 
1.5 ft. for smaller penetrations. For railway walls these widths should be in- 
creased to 3 ft. and 2.5 ft. The front face of the wall should 
have a batter of at least 1 in 24, preferably 1in 12. The 
foundation masonry should be offset at least 6 in. both at heel 
and toe. Offsets to reduce the unit compression on the foun- 

dation b2d should always be at the toe (Fig. 76), never at 
both heel and toe, since the compression at the heel will be 
small under the horizontal pressure of the earth. A factor of 
safety of 2 against rotation is recommended, although this 
always brings some tension in the back joints over the heel. 

Convenient Approximate Data on retaining walls of type C for preparation 
of estimates and use in the field will now be given. Let # = the height of a 
wall in feet; P = the horizontal pressure in pounds applied at h/3 above the 
heel, for a wall one foot long; W = the weight of the wall including earth upon 
its back in pounds for a wall one foot long; Wi = weight of foundation ma- 
sonry in pounds for a wall one foot long; 6 = width in feet of the wall at top 
of foundation; b; = width in feet of bottom of foundation masonry; S; = the 
pressure upon the toe of the wall in tons per square foot; Sp = the safe load 
upon the foundation base in tons per square foot; fi = the coefficient of fric- 
tion of masonry upon rock = 0.66: f, = the coefficient of friction of masonry 
upon sand and gravel = 0.50; and f; = the coefficient of friction of masonry 

upon clay = 0.33. 
For approximate design, the width of the base may be taken as 6 = 0.45 h 

for ordinary walls retaining level banks; b = 0.66 / for railway walls; 6 = 0.70 
h for surcharged walls, that is, walls retaining an inclined bank. |The batter 

of the foundation masonry with a vertical line may be 
ylge taken as 1:0.9. Also bd; = 1/2 b (1 + 0.18 A/S), and 

4 P = 13 #? for ordinary unsurcharged walls, P = 20 h? 
for railway walls, P = 22 h* for surcharged walls, 
W = 50 F for ordinary unsurcharged walls, W = 80 h? 
for surcharged walls, W = 85 h? for railway walls, and 
S; =0.2h. The resistance to sliding = {(W + W,), 

Fig. 76 

bes which must be greater than P. 

= Tey To determine, in the field, the necessary width of base and 
lec 2 a of foundation, proceed as in the following example of a 

Fig. 77 design made for estimating purposes (Fig. 77). Let h = 40 
ft. for a surcharged wall which is to be built upon a founda- 

tion having a safe bearing capacity of 5 tons per sq. ft. The above approxi- 

mate formulas then give b = 0.704 = 28.0 ft., and b; = 14.0 (1 + 1.44) = 34.2 ft. 

A retaining wall is probably slightly stronger if the back is built in steps. 

This is the most convenient form of construction for ashlar and rubble walls, 

but when the wall is to be built of concrete, either the stepped or unstepped 

back may properly be used. In calculating the stability of a wall with a step 

back, it may be regarded as having a uniform batter. The placing of earth 

back of a retaining wall in layers, and ramming it, may or may not reduce the 

horizontal pressure against the wall, but the calculated width of wall should 

not be reduced if the earth is to be so compacted. The ramming of soft rotten 

rock or earth which is a combination of clay, sand and gravel, may reduce the 

earth pressure. 
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Designing by Tables. As an example take a retaining wall 30 ft. high for 

a highway bridge approach which for architectural reasons must have a 

vertical face. The masonry will be taken at 150 lb. per cu. ft. and the earth 

at 100 lb. per cu. ft. The slope of repose of the earth will be taken at 1.33: 1. 

A factor of safety 2 will be used for rotation and hence the overturning moment 

in Table (A) must be dowbled. Entering table (A) for a slope of repose of 

1.33 :1 and a height of 30 ft., M is found to be 112 500 ft-lb.; hence the over- 

turning moment for the proper factor of safety is 225 000 ft-lb. Asa vertical 

faced wall is desired, either type B or C must be used. Type B is a very un- 

economical type and should be used only for dry walls. Therefore type C 

will be adopted in the design. 

Entering table (C) with the multiplied overturning moment, the nearest 

resisting moment is 259 000 ft-lb. for a wall 30 ft. high, and the required ratio 

of the base of the wall to its height is found to be 4/10 and therefore a base 

12 ft. wide is needed. Entering table (F), the compression at the toe of the 

wall is found to be intermediate between that for a 20-ft. and a 100-ft. wall. 

By proportion the expression for the compression upon the toe of a 30-ft. wall 

is found to be 376 k or 11 280 lb. per sq. ft. or 5.6 + tons per sq. ft. If the 

foundation bed is rock or hard rotten rock and the bed is rough so that the 

wall will not slide, the design is completed. Offsets of 6 in. should be made 

at the top of foundation for reasons heretofore given. The stability of the 

design may now be investigated in detail by the methods of Art. 23. 

The capacity of a granite ashlar wall to resist overturning, as compared with 

a concrete wall, is generally overestimated. Since both kinds of walls resist 

the overturning thrust of the earth by gravity alone, the granite ashlar wall is 

little stronger than the concrete one. Calling the resistance of a concrete wall 

1, the resistance of a granite ashlar wall for types B, C and D would be 1.07, 

1.05 and 1.07 respectively. A brick wall is only 0.85 as strong as a concrete 
one. A sandstone ashlar wal! has about the same strength asa concrete. On 

the basis of the recommended factor of safety 2 against overturning, the maxi- 

mum unit compression stresses are so low that, except for masonry laid in 
lime mortar, they need not be considered. The maximum compression in a 

retaining wall 100 ft. high is given in table (F) as 400 4 = 20 tons per sq. ft. 

Walls with Vertical Backs. The top width a is assumed and the horizontal 
earth pressure P computed by Art. 19. Then for the case where the resultant 

cuts the base at the edge of the middle-third, so that the compression at the 
heel is zero, the width of base is 

b = —1/2a+1/2~/5a*4+8P/v 

where v = unit weight of the masonry. When the condition is inferred that 
the resultant cuts the toe when P is doubled, the formula is 

b = —1/2a+ 1/2 V/3a2 +8 Pyv. 
The first formula gives the greater value of b, and it should be used when it 
is important that no tension should exist at the heel. See Art. 27 for a com- 
parison of designs made by these two methods. For rectangular sections, 

where b = a, these formulas become ) = V2 P/v and.b = 2 V P/3 V. 

In Construction a trench is excavated in which to lay the foundation of 
the wall. Fig. 78 shows a wall whose foundation aebd is at a considerable 
depth below the ground surface sg, while mim: and mm2 are the sides of the 
trench which will be excavated in order to lay the foundation masonry aebd. 
It is important that upon the completion of the retaining wall the remaining 
trench spaces maem2 and bmn d be filled with well selected earth thoroughly 
rammed into place. This gives an additional factor of safety against over- 
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turning. If the wall leans forward it will meet resistance at the front, which 
is shown by P; applied at 1/3 ae measured down from a and also at P2 applied 
at 1/3 bd measured up from d. The values of P; and P, cannot usually be 
approximated, but the most extreme.case is that where P, = 0, and then the 

- height of the wall would be that of the top above the 

foundation bed. In construction, however, it is important 
that backfilling the space between the masonry and the 
sides of the trench should be well done. “In very deep foun- 

dations the trench sheeting should be left in place so as 
not to disturb the earth back and front of the foundation 
masonry. 

Deep foundations for retaining walls, however, are very seldom 
used, because it is more economical, as a rule, to use piles to 
transmit the loads to soil of sufficient bearing capacity. In pile 
foundations it is important in the design to take care of the 
horizontal thrust by land ties or battered piles. 

In the case of clay foundations also the proper backfilling of the trench is 
important, as it tends to keep water away from the foundation. 

Sliding on the Base is to be prevented by making the base as rough as 
possible. For a wall on a timber grillage, some of the top timbers well bolted 
to the grillage may project above the level of the top of the grillage, or bolts 
well fastened to the timbers may project into the vertical masonry joints. 
When this is not possible the base should be placed on an inclined grillage. 
Fig. 645 of Art. 23 applies to this case and there will be no force F parallel to 
the incline AB if tana = H/W, and it is usually easy to secure such an incli- 
nation in construction. Bonding the stones together will usually give ample 
security against sliding of a portion of a wall, ona lower portion. The designer 
should provide such methods of preventing sliding rather than to widen the 
base and thereby increase the weight in order to meet the theoretic condition 

of stability against failure by this cause. 

The Principal Cause for the Failure of retaining walls is inadequate foun- 
dations. The application of theory is recommended in the design of all 
retaining wall foundations to guard against excessive toe pressures and sliding 
upon the foundation bed. The foundation bed, if of compressible material, 

should be investigated by borings to determine the character of the underly- 

ing strata. A wall built on a side-hill may require a special study against 

sliding and against movement of the side of the bank on account of the founda- 

tion pressure. Springs in side-hills not only endanger the foundations but 

may bring excessive pressure upon the wall itself if there is not adequate 

drainage provided. 
The manner of placing the backfill may have serious effect upon the stability 

of a retaining wall. Less pressure is brought upon the wall if the fill is placed 

in layers, especially if these layers are compacted as they are placed. On the 

other hand, with low walls, the additional surcharge of a roller may have 

serious effect. If the layers are placed so as to dip away from the back of the 

wall somewhat less pressure is brought upon the wall and the drainage of water 

away from the wall is accelerated. The placing of a crushed rock or gravel 

drain over the whole area of the back of the wall is beneficial, provided that 

adequate drains are provided at the base of the wall to allow a free discharge 

of accumulated water. 
The following references to failures should be read: Engineering News- 

Record, 1920, Vol. 85, p. 1058, p. 1076; Engineering News-Record, 1927, Vol. 

98, p. 146; Vol. 99, p. 681. 
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Waterproofing and Drainage. Fig. 79 shows a design of a retaining wall 

to be built of concrete or of concrete faced with ashlar. If it is important that 

the face of the wall shall be dry, the treads of the steps of the back must have 

a batter with the horizontal, as shown in Fig. 79, of at least one inch. 

The back of the wall should be given two coats of coal. 
tar pitch or one of the standard brands of waterproofing 
material; and immediately adjacent to the back a 

stone drain, marked d-d in the figure, should be built. 
Near the bottom of the wall, but at such height above 
the surface of the ground as will permit free discharge 

of the water back of the wall, drain pipes not less 
than 3 in. in diameter should be laid in the masonry. 

= These drains should be at every 25 ft. of the length of 
the wall, and at their inside ends piles of broken 
stone, from 1/4 cu. yd. to 1 cu. yd. in volume, should be 

Fig. 79 placed, depending upon the height of the wall. This 
broken stone prevents the pipes from becoming stopped 

up with earth. The ground in front of the wall should also be properly 
drained. 

In order to guard against seepage of water through cracks which may result from 
temperature changes, a concrete wall may be built with vertical expansion joints at 
intervals of 50 ft., which extend from the foundation bed through the coping. This 
method of construction causes the temperature cracks to occur at known vertical 
lines. If expansion joints are provided, the sections should be properly keyed together 
to maintain the wall in alignment, as at c, Fig."80. The wall 
may also be built without such expansion joints, provided it 
is ipl EN with sufficient steel . take Ae of ae tension Face of Walt 
in the concrete resulting from the shortening of the wall ey 
under fall of temperature. Water may be prevented from | / 

seeping through these joints by forming a rectangular verti- { 
cal recess, as the wall is built up, which is filled with plastic 
clay well rammed in place or with asphalt. Fig. 80 is a plan 
ofa portion of the length of a wall showing a horizontal 
section of the vertical expansion joint and the recessaaaa 
into which the clay is packed. Even though there should be 
a slightly uneven settlement of the adjacent sections, the clay 
will be effective in stopping the seepage of water. 

A Frost Batter is a forward inclination of the back face near the top of the 
wall, as shown in Fig. 74. The object of this is to allow the earth to lift up- 
ward under the action of frost, and thus prevent an additional horizontal pres- 

sure at the top of the wall. A drainage ditch, parallel to the wall, a few feet 
away from the top, is often provided to carry off rain water before it perco- 

lates into the earth. 

Pre-cast Concrete Crib Walls. These walls are built of pre-cast reinforced 
concrete, each member approximating in cross-section and length a railroad 
tie. The crib is then built up like a timber crib or one constructed of cross 
ties. This type may be advantageously used for temporary work and, if the 
concrete ‘‘ ties’’ are held in stock, for emergency work. Where installed 
for temporary use they have much salvage value (see Engineering News- 
Record, Vol. 91, p. 783; Vol. 96, p. 654). 

Fig. 80 

27. Comparison of Retaining Walls 

The Profile of a wall or dam means the shape of its cross-section as shown 
by the bounding lines. An economical profile is one which has the least 
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material consistent with proper stability and with the local conditions where 
itis built. Retaining walls are usually of trapezoidal form, but the batter of 
the faces has much influence upon economy of material. A sea wall may have 
its front face more or less curved, the curve being introduced to deflect upward 

the waves that strike it and thus to lessen the lateral pressure which may be 
caused by their impact. 

The Relative Economy of retaining walls of different types may be approxi- 
mately ascertained by comparing their Tesisting moments given in the tables 
of Art. 24. In type C the weight of the earth upon the back of the wall adds 
to the resistance. The efficiency of earth above the back in resisting over- 
turning of the wall has been demonstrated by the successful construction 
of reinforced-concrete walls with, counterforts where stability against over- 
turning depends almost entirely upon the weight of the earth resting upon 
the wall. It should be noted in table (F) that the pressures upon the toe of 

walls of type D are much less than for C or in fact any other type, and there- 
fore type D is a desirable one when the carrying capacity of the foundation 

bed is low. This type, however, cannot often be used in cities, since its 
front batter encroaches upon valuable land. Type B should rarely be used 
except for dry rubble walls, since it is a very uneconomical type. It has one 

advantage, however, that, due to the greater weight, it offers the most resist- 
ance to sliding, of all the types. Even in this respect, however, type B has 
little advantage over type C. Type D offers the least resistance to sliding. 
Type E is really a modification of C, and when the front batter of E is small 
compared with its back batter, type E becomes type C. Type E need be 
given little consideration in practice. 

Counterforts on the Back are advisable only when built of reinforced con- 
crete, because of the practical impossibility of taking care of the tension at the 
junctions of the back face and base with the counterforts, especially in walls 

of rubble or ashlar. - Buttresses should rarely be used except when needed to 
prevent failure of a wall which is seen to be 
weak. A buttressed wall has no place in 
engineering except for architectural effect. 

A Wall with Back Inclined Backward (Fig. 
81) is not usually an economical one, owing to 
the added cost of construction, although theo- 
retically such a form tends toward economy Fig. 81 Fig. 82 
of material. Fig. 82 shows an excellent form of 

wall with a short and steep batter aa at the front a little above the surface of 
the ground, while the greater part of the front is vertical. In walls of types 
B and C the batter of the front face should be at least 1 : 24. 

Theoretic Comparison of Walls. The following is a comparison of the 
width of base computed for several retaining walls with vertical backs all being 
18 ft. high, masonry 150 Ib. per cu. ft., and retaining a level bank of earth 
weighing 100 lb. per cu. ft. and having a slope of repose of 34°. The top width 
a in feet in the first line being assumed, the base width 6 in feet in the second 
line is computed under the condition that the distance e (Art. 21) shall be 
1/6 b, thus giving a high degree of stability against rotation. 

pin 1 2 3 4 5 6 7 7.8 ft. 
Gine unNAT edie BAIA OE 71,0059 710 207 74 1798 0e VRS 7.8 ft. 
% = 50 53 58 65 71 78 85 93 100 

The last line shows the relative amounts of materials in these walls as per- 
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centages of the rectangular wall in the last column. The triangular wall 
(a = 0) has 50% of the material in the rectangular one. 
The following shows a comparison for the condition that there shall be a 

factor of safety of 2 against rotation, that is, that the resultant cuts the toe 
of the wall when the pressure P is doubled: 

0 1 2 3 4 5 6 6.4 ft. a= 

6b =7.8 7.4 7.0 6.7 6.6 6.5 6.4 6.4 ft. 
% = 60 66 70 76 83 90 97 100 

The width of base is here less than for the more rigid requirement, that for 
the rectangular wall being 1.4 ft. less. The triangular wall has here only 
60% of the material of the rectangular wall. In practice 1.5 ft. is the least 

allowable width of the top of a retaining wall (Art. 26). 

28. Brest Walls and Dock Walls 

A Brest Wall, often called a face wall, is one built against a bank of earth 
or rock to prevent it from falling. Since theory has so far proved useless in 
determining pressures from earth in situ, experience and practice are the only 

guides. The following rules may serve as a basis for thickness needed for 
different materials. 

Hard rock and hard firm rotten rock will usually stand with a vertical face 

or with a slight batter 1: 10 to 1:4 for an indefinite length of time. If the dip 
of the rock is away from the face, a wall is seldom necessary. If the dip of 
the rock is toward the face, a base of wall greater than 4/10 its height is seldom 
necessary, provided, however, that drains are built into the wall so as to pre- 
vent the wall being forced out by the formation of ice between the face of the 
rock and the back of the wall. Brest walls for all classes of material should 
have drains not only at the bottom but also at frequent intervals between 
the bottom and the top. Soft and seamy rotten rock, the dip of which is 
away from the face, seldom requires a wall with base greater than 1/5 its 
height. Soft and seamy rotten rock, the dip of which is towards the face, 
seldom requires a wall whose base is greater than 1/4 its height. 

Firm sand and combinations of clay, sand and gravel seldom require a wall 
with base greater than 1/4 its height. If the dip of the stratum, however, 
is steep and toward the face, a base at least 4/10 the height of the wall should 
be used. If the walls are surcharged, these ratios should be increased to 4/10 
and 5/10 respectively. 

Clay and other materials resting upon a moist stratum of clay back of the 
wall, that dips toward the face, may exert enormous pressures, particularly 
when the wall is surcharged. If, for this case, the earth back of the wall is 
level with its top, a base larger than 6/10 its height is seldom required, and 
for a level top, if the dip is away from the face, a base larger than 5/10 its 
height is seldom required. If the wall is surcharged and the dip of the moist 
clay stratum is away from the face, a base 6/10 its height is usually sufficient. 
If the wall is surcharged and the dip of the moist clay stratum is towards the 

face and making an angle with the horizontal not exceeding 15°, a base 6/10 
its height is usually sufficient. If the wall is surcharged and the dip of the 
moist clay is toward the face and over 15°, but under 30°, a base equal its 
height is usually sufficient. If the dip exceeds 30°, the ratio should be in- 
creased to 3/2. If any such walls rest on a clay foundation exceptional pre- 
cautions may be necessary to prevent sliding, especially if the foundation 
is wet. 
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A Dock Wall differs from an ordinary retaining wall in that water pressure 
is exerted against its front face in the lower portion of the wall, while water, 
and earth submerged in water, exerts pressure upon its back in the lower por- 
tion of the wall; also the weight of the masonry below the water line is reduced 
by the weight of the volume of water which the wall displaces. 

Assumption for Design. The water pressure upon the face of the wall 
should be regarded as balancing the water pressure upon its back. When 
the wall is built in tidal water, particularly when the range of tide is large, 
there is probably a lag in the tide back of the wall, and therefore it is advis- 
able above low water to increase the width of the wall arbitrarily above the 
average back batter line, as shown in Fig. 83 by the dotted lines marked 7s, 

Fig. 83. Concrete Dock Wall on Rock 

tu and pw. The weight of the earth on the inside of the wall and below high 

water is decreased by the weight of the volume of water displaced. The 

angles of repose of submerged earth will generally be much less than for earth 

above high water. The angle of repose of riprap or large cobble stone is not 

decreased by submergence and this fact makes both materials desirable as 

filling, back of a sea wall. Art. 17 gives the weights and angles of repose of 

submerged earth. It should be noted that the weight of river mud is given 

as 100 Ib. per cu. ft. and its slope of repose as 10: 1. River mud should therefore 

be regarded as a liquid whose weight is 100 Ib. per cu. ft. exerting a horizontal 

pressure against the back of the wall equal to 50 h,”, in which / equals the 

vertical distance from the heel of the wall to high water. This horizontal 

pressure is applied at 1/3 h; above the heel. To get the net or effective pres- 

sure against the back of the wall, due to river mud, subtract from the liquid 

mud pressure the pressure of the water against the front, which gives 18.8 hy? 

for fresh water and 18 /;” for salt water. The pressure of liquid mud against 

the back of a wall need seldom be considered, but in the case of high walls, and 

where the earth filling is dumped from the shore toward the wall (Fig. 84), 

the river mud becomes banked against the back of the wall and exerts great 

pressure. The wedge d: b2 a will be a mixture of river mud and earth with 

angle of repose of practically 0°. Due to the filling from the shore, a wave of 
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mud, caused by the sudden settlement of the fill 2b3b4, may add impact to'the 
river mud and exert enormous pressure. Therefore when the depth of river 
mud is great, the filling should be made from the top of the wall, but even if 
this is done, it is advisable to regard the slope of repose of the submerged 
earth filling as having its base increased 30%; because the mud mixes with 
earth filling and the result is a flattening of the angle of repose. For example, 
riprap should be regarded as having a slope of repose of 1.3 : 1, and clay, sand 
and gravel as having a slope of 2 : 1. ; ; 

The pressure at the back of a dock wall is considered, in what follows, to 
be applied at 4/10 the height of the wall above the heel. The point of appli- 
cation of the horizontal pressure is raised above that recommended in the 

design of ordinary retaining walls because the 
submerged portion of the earth back of the 

wall is generally semi-liquid in character, that 
is, it has a flat angle of repose. If the back fill 
were a liquid, under an abnormally large live 
load, the point of application of the horizontal 
pressure would never be higher than 1/2 the 
height of the wall above the heel. The effective 

Fig. 84 weight of a masonry dock wall, below high 
water, equals its weight in air less the weight 

of the volume oi water displaced by the wall, or the weight per cubic foot of 
masonry below high water should be taken as its weight in air less 62-1/2 
{b. for fresh water and 64 lb. for salt water. 

hens, 

Masonry Docks have walls of three general types: (1) A gravity masonry 
wall resting upon rock or other hard foundation or upon piles in firm material 
extending to the pile tops. Fig. 83 shows this type of wall founded upon rock. 
(2) A masonry wall resting upon a timber or concrete platform, called a reliev- 
ing platform, the top of which is generally from 12 to 18 in. above low tide, 
resting upon a pile foundation, Fig. 85. (3) A rubble wall resting upon riprap; 
this is seldom used for dock walls, but may be so used by the construction of a 
timber wharf in front. It is more generally used in the reclamation of land 
from the sea. 

Dock Wall of Type 1. Fig. 83 shows a type of dock wall founded upon 
rock. The rock should be cleaned off by dredge and divers, and the founda- 
tion of concrete in bags be laid by derrick boat and divers. Assume the safe 
unit compressive stress of well-bonded portland cement bag concrete as 10 
tons per sq. ft, If the wall is built in salt water where the temperature of the 
air falls below 32° F. the face of the dock wall between the top and 2 ft. below 
low tide should be faced with ashlar masonry, which will withstand the action 
of salt water and frost. Type 1 is generally built of large blocks of portland 
cement concrete from the top of the foundation concrete to several feet above 
low tide. These blocks weigh from 15 to 80 tons, depending upon the size 
of the wall, and are generally cast-on the shore, hauled by boat to the site of 
the wall and lowered by a derrick boat. The blocks are made with their 
beds beveled approximately 10:1, so that the bed joints are approximately 
normal to the resultant pressure. Grooves or recesses are molded in the 
vertical joints of each block and these grooves or recesses are connected by 
a hole passing through the block. By means of chains passing through these 
grooves and holes, the blocks are lowered into place, and when in place the 
chains are removed. The vertical grooves are made to match, and the square 
recesses thus formed by adjacent blocks are packed with concrete. Above 
low water the concrete is molded in place. The top of the wall should be at 
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least 3 ft. wide to withstand shock from vessels. The front of the wall may be 
built with an increasing batter forming a curve as in Fig. 83. ‘The back of 

the wall should be built in steps to agree with the heights of the concrete 

blocks, or the back of each block may be divided into several steps. If the 
wall rests upon a foundation bed of material that may be scoured out if un- 

protected, a bank of riprap should be placed in front of the wall to protect its 
foundation. 

The resultant pressure P for’a section one foot long in Fig. 83 is found as follows: 
The wall is to be built of concrete weighing 150 lb. per cu. ft., and in sea water weighing 
64 Ib. per cu. ft. It will be backed with riprap, and will have a live load back of it 
equal to 750 lb. per sq. ft. The filling back and above the riprap will be a combination 
of gravel, sand and clay. All material above high water will be regarded as dry and 
below high water will be regarded as submerged. The following data are here 

applicable: 
Kind of material Slop Angle Lb. per cu. ft. 

Hard rock or riprap, submerged.............. “else | 45° 00’ 65 
Hard rock or riprap, dry............ Bea 6 nce Pan hed 45 00 100 
Gravel, sand and clay, submerged............ 3 ha 18 30 65 
Gravel, sand and clay, dry............ee500+ pe eae 36 50 100 

Draw an inclined line bd, which is an average line for the stepped back. This line 
should pass through the heel d always; through d draw a vertical line di and a hori- 
zontal line dl; to intersect with &/, the line which represents the limiting surface of the 
riprap’ which is placed back of the wall to reduce the intensity of the earth pressure; 
through d draw de making an angle 45° — ¢;/2 with the vertical, in which ¢; is for 
riprap and eis a point in 4/; at e draw ef making an angle 45° — ¢2/2 with the vertical, 
$2 being for submerged gravel, sand and clay, while f is a point in the line of high 
water; at f draw fg making an angle 45° — ¢3/2 with the vertical, $3 being for dry 
gravel, sand and clay. Then d-i-g-f-e is the wedge which tends to slide down the lower 
plane de and cause a horizontal pressure P against the back of the wall, this being 
applied-at a distance 4/10 di measured from d. To the weight of the wedge must be 
added the live load of 750 lb. per sq. ft., or, since a wall one foot long is being con- 
sidered, a load of 750 Ib. per lin. ft. The weight of the sliding wedge in pounds equals 
area dee X 65 + area e; fo fe X 65 + area fo igf K 100 4+ 750 ig = 55 500 lb. 

To find the horizontal pressure P lay off to any scale of intensity 55 500 on the line 

1-2; at 1 draw line 1-3 parallel to de and at 2 draw horizontal line 2-3 to intersect 3, 

Then length of line 3-2 gives 22 000 lb. = horizontal pressure P. The weight of the 
material between the back of the wall and di will be regarded as helping the wall to 

resist the overturning moment of the horizontal pressure. The center of gravity of 

this material can be found analytically or graphically. It should be remembered in 

getting the weight of this material and its center of gravity that submerged and unsub- 

merged materials have different weights. In finding the center of gravity of the 

masonry and its weight also, it should be remembered that the masonry above high 

water weighs 150 lb. per cu. ft..and below high water 150 — 64 = 86 lb. per cu. ft. 

CG is a vertical passing through the combined center of gravity of the wall and the 

earth bid resting upon it. The total weight acting through CG is 74 000 lb. 

To find the resultant pressure P, lay off on any scale the line 0-7 equal to 74 000 lb., 

and from 7 lay off line 7-8 = P = 22000 lb. Then line 0-8 gives the resultant in 

direction and magnitude, and this intersects the base at f1. Dock wall designs need 

not be investigated for pressures at the toe, because their weight is materially reduced 

by the buoyancy of the water. Their foundation pressures and their tendency to slide 

upon their foundations should be investigated as in retaining walls and all designs of 

dock walls should be investigated for overturning. The factor of safety against 

overturning for this example equals the ratio of the distances pc to pp Or 3.4. For 

dock walls the factor of safety against overturning should be at least 2.5. 

If no riprap is placed back of the wall, df; is the plane of rupture down which the 

wedge dig; fi tends to slide and the live load is applied to igi. The line 4-5, to the 

same scale as line 1~2, represents the weight of wedge dig; f, and its live load, while 

line 5-6 equals the horizontal pressure of this wedge. The line Ox gives the:position 

and direction of the resultant pressure for the wall without rip-rap. The factor of 
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safety against rotation of the wall without riprap equals the ratio of the distances pc 
to pg, or 1.3: 1, The wall is therefore not safe, and either riprap should be placed 
back of it or its base should be increased to cd, for a factor of safety of 2.5 against 
overturning. The foregoing analysis shows the value of riprap in decreasing the 
pressure upon the back. 

Dock Wall of Type 2. (Fig. 85.) This wall is built where rock or other 
hard foundation bed lies at considerable depth, and for permanent work, but 
not where the piles are subject to the action of the teredo. It is also used 
where a hard foundation cannot be reached by piles, that is, where the wall 
is floated in mud; in this case, no analysis is of much value in making or 
checking a design, but the wall should be designed so as to permit settlement 
and forward displacement without demolition, and land ties should be used 
to keep the wall from excessive forward movement. Fig. 85 shows the method 

—— 
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Fig. 85. Relieving Platform Dock Wall 

of finding the horizontal pressure against the back of the masonry wall and 
also that against the timber sheeting; these methods are similar to those for 
type 1. For discussion of the timber substructure see Sect. 9, Art. 9. This 
type may also be constructed with a concrete platform on piles. If the water 
is infested with the teredo, concrete piles can be used instead of wood piles. 

Engineers interested in the pressure of earth on sheet piling should consult “ Erd- 
druck, Erdwiderstand,” by H. Krey, published by Wilhelm Ernst & Son, Berlin, 1926. 
So far as the writer knows, this book has not been translated. It is one of the few 
books giving any information upon the pressures existing below the bottom of a retain- 
ing wall or sea wall that will enable one to determine the proper length of sheet piling 
to be driven below the bottom of the wall, or the weight of tiprap to be placed in front 
of the wall, to prevent any blow-out of the material under the wall. 

Dock Wall of Type 3. This wall may be used for any class of foundation 
bed, and is well adapted to mud flotation. The riprap walls settle and go out 
of line, but cannot be overturned, and, if possible, the construction of the 
masonry wall should be delayed for a year or two after the riprap is placed. 
The riprap extends up to the low water line, its slope on the-land side being 
1 to 1 and on the water side 1-1/2 to 1. The rubble wall on top of the riprap 
is about 6 ft.in width. This wall is generally the cheapest type of permanent 
sea wall, but is unsightly, and vessels cannot approach so close to it as to the 
other types. When floated on mud, dock walls cannot be subjected to com- 
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putation, but they require extraordinary precautions in design and construc- 
tion. See paper by S. W. Hoag in Proc. Munic. Engrs. of City of New York, 
1905. For examples of quay and dock walls, see Sect. 19. 

29. Walls and Piers in Buildings 

A Building Bearing Wall may fail (1) by the crushing of the masonry, 
(2) by tension of the masonry over opénings, (3) by overturning about any 
horizontal joint due to the thrust of arches adjacent to corners, (4) by over- 

turning of an exterior wall about any horizontal joint, due to wind, or (S) by 

failure of foundation. For (1) the same methods of preventing failure are 

to be used as for retaining walls (Art. 23). For (2) arches of masonry or 

lintels of stone, reinforced concrete, or metal must be provided to support 

the load of the masonry over openings. For (3) tie rods or buttresses must be 

provided to take care of the horizontal pressute when the width of wall out- 

side of the arch is insufficient to act as an abutment. For (4) the walls must 

have a thickness not less than hereinafter recommended. 

Failures are liable to occur during construction, due to the application of concen- 

trated loads, as a rule eccentrically applied and when the mortar is not well set. 

Many cracked stone lintels are to be found over openings, but these seldom cause 

failure except of a local nature. Eccentric loads resulting from placing the bearing 

plates of beams and lintels very close to the inside edges of the masonry walls may cause 

failure by shearing the masonry or by overturning the walls. The flexure of beams 

and lintels causes an inclined reaction which tends to overturn the walls. Failures 

may also be caused by the lack of sufficient anchorage of the floor-beams or joists to 

the wall. 
Thickness in Inches of Exterior Walls of Buildings 

(Recommended for design) 

, Bh, Public and 
Residence buildings | pusiness buildin gs 

Walls over 75 ft.: In. In. 

Uppermost 25 ft. of wall......... 12 16 

Next lower 35 ft. of wall......... 16 20 

Next lower 40 ft. of wall......... 20 24 

Next lower 40 ft. of wall.....--4. 24 28 

Etc. 

Walls under 75 ft. high: 

Uppermost 25 ft. of wall.......-- 12 

Next lower 30 ft. of wall...... ade 12 

Remainder of wall...... as ees 16 

Walls not over 60 ft. high may have uppermost 20 ft. with thickness of 12 in. 

Walls not over 40 ft. high may be 12 in. thick throughout. 

Basement walls should be at least 4 in. thicker than the walls immediately above. 

The values given apply to masonry walls of brick, stone, plain concrete or hollow 

pbuilding blocks. If built of rubble stone, increase the specified thickness by at least 

4 in., with a minimum thickness of 18 in. 2 f 

Bearing walls with face brick bonded with clip courses or ties, and walls faced with 

ashlar should have a thickness increased by at least 4 in. over that given above. How- 

ever, if the ashlar is at least 8 in, thick in alternate courses and is bonded to the wall, 

the thickness specified need not be increased. ; f " 

When clear span between bearing walls is over 26 ft., increase the thickness by 4 in. 

for every 13 ft. that span is over 26 ft. } ; 

All walls over 100 ft. long between cross-walls, or suitable piers or buttresses, should 

be increased in thickness by at least 4 in. for every 100 ft. that their length exceeds 

100 ft. 
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Reinforced-concrete walls may have a minimum thickness two-thirds of that 
specified above. 

The height of stories for all given thicknesses of walls must not exceed 11 ft.in the 
clear for basements, 18 ft. in the clear for the first story, 15 ft. in the clear for the 
second story, and 14 ft. in the clear average height for any upper stories, unless the 
walls of such story and all the walls below that story shall be increased 4 in. in thick- 
ness in addition to the thickness already mentioned. 

In case any wall is increased in thickness in accordance with one of the above 
requirements, it need not be further increased to meet other requirements. 

The writer considers the above requirements reasonable. All engineers 

and architects, in designing structures to be built in cities, must conform to 
the requirements of the local building code. 

The following specifications are quoted from ‘‘ Minimum Requirements 
for Masonry Wall Construction,” report of Building Code Committee of 
U. S. Department of Commerce (1925): 

‘* The minimum thickness for solid brick bearing or party walls shall be 12 in. for 
the uppormost 35 ft. of their height, and shall be increased 4 in. for each successive 
35 ft. or fraction thereof, measured downward from the top of the wall; except that 
the top story exterior bearing wall of a building not exceeding three stories or 40 ft. 
in height, or the wall of a one-story commercial or industrial building, may be 8 in. 
thick, provided that such 8-in. wall does not exceed a 12-ft. unsupported height and 
that the roof beams are horizontal. 

“Where solid brick exterior bearing or party walls are stiffened at distances not 
greater than 12 ft. apart by cross-walls, or by internal or external offsets or returns 
at least 2 ft. deep, they may be 12 in. thick for the uppermost 70 ft. measured down- 
ward from the top of the wall, and shall be increased in thickness 4 in. for each suc- 
cessive 70 ft. or fraction thereof. 

“The minimum thickness of solid brick exterior non-bearing walls shall be 12 in. 
for the uppermost 70 ft. of their height, and shall be increased 4 in. for each successive 
35 ft. or fraction thereof measured downward from the top of the wall; in other 
respects, minimum thickness of non-bearing walls is the same as for bearing walls. 

“Solid brick walls shall be supported at right angles to the wall face at intervals 
not exceeding 18 times the wall thickness in the top story or 20 times the wall thick- 
ness elsewhere.* Such lateral support may. be obtained by cross-walls, piers or but- 
tresses when the limiting distance is measured horizontally, or by floors when the 
limiting distance is measured vertically. Sufficient bonding or anchorage shall be 
provided between the wall and the supports to resist the assumed wind force acting in 
an outward direction.” 

When girders are supported at the ends by masonry walls the center of the bearing 
plates shall be practically concentric with the center of the wall. Small joists of steel 
or wood need not have more bearing in the wall than is necessary to reduce the unit 
stresses of the bearing within safe limits. ( 

Stone Beams may be designed by w = Sbd?/9l?, where w = safe total 
uniform load in pounds per linear foot, b = width and d = depth of beam in 
inches, / = clear span in feet, S = working tensile strength (Art. 16) in 
pounds per square inch; for a concentrated load at middle use 1/2 w. For 
depth of a stone lintel in inches used = 4 +a V/ P, where J = span in feet, 
and a = 0.65 for granite, 0.75 for limestone and marble and 0.85 for sand- 
stone, 

In Designing Piers with the unit stresses given in Art. 16, the piers should 
not have a greater ratio of unbraced height to least width than 12 for mono- 
liths of stone and portland cement concrete and ashlar piers or blocks having 
the full horizontal dimensions of the piers, 10 for brick and well-bonded 
ashlar piers laid in portland cement mortar, 8 for brick and well-bonded ashlar 
piers laid in lime mortar, 8 for rubble piers of flat or scabbled stones laid in 

* The writer thinks these requirements are too conservative. 
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portland cement mortar, 6 for rubble piers of unscabbled. stones laid in 
portland cement mortar, and 4 for rubble piers of unscabbled stones laid in 

lime mortar. The use of bond stones at intervals in brick piers is not advo- 
cated, as they are apt to split under fire exposure. 

The Unit Stresses of Art. 16 should be reduced for piers when the ratio 
of the unbraced height to least width exceeds 10 for monoliths of stone and 
portland cement concrete and ashlar blocks having the full horizontal dimen- 
sions of the piers, 8 for ashlar masonry; 6 for brick masonry, 4 for rubble 
masonry. This may be done by multiplying the S of Art. 16 by (1 + 0.1¢/d 
— 0.1h/d?), in which / is height of pier in feet, d is the least width of pier in 
feet, 4/d is the ratio of unbraced height to least width, and ¢ = 10 when S is 
from 700 to 500, c = 8 when S is from 500 to 300, ¢ = 6 when S is from 300 

to 200, c = 5 when S is from 200 to 100, c = 4 when S is below 100 lb. per sq. 
in. When brick piers are faced with pressed brick, thin ashlar or terra-cotta, 
the facing should be neglected in figuring the area of the piers. 

Example. Find the safe compressive unit stress for a brick pier of hard brick laid 
in portland cement mortar, the unbraced height being 16 ft. and least width 16 in. 
From Art. 16, S; = 300 lb. per sq. in., ¢ = 8, h/d = 12, h = 16, andd = 1.33. There- 
fore the pier may be built of the stated dimensions, but the unit stress must be reduced 
by the above method to 210 Ib. per sq. in. 

30. General Data for Masonry Dams 

Engineers interested in the flow of water over dams, or in the design of earth dams, 
siphon or shaft spillways, should consult ‘‘ Hydraulic Laboratory Practice,” edited 
by John R. Freeman and published in 1929 by the Am. Soc. Mech. Engineers, New 
York. 

Introduction to Dams. The design of a gravity dam is a comparatively 
simple matter until one reaches the foundation. There the engineer is con- 
fronted with greater difficulties and responsibilities than in the design of the 

foundations of most engineering structures. [In all cases, the design of a dam 
should be predicated upon extensive and thorough borings and test pits. 
The engineer may find it difficult to induce the owner of the dam to provide 
adequate funds for this purpose, but it is incumbent upon the engineer to 

insist that the necessary information be obtained in advance of the design 

and construction. Even though the results of extensive subso:] explorations 
are available, difficulties will arise during construction which will require 
changes in design to be determined by sound judgment. 

The foundations must be designed not only to take the horizontal or lateral 
thrust of the water, but also to be as nearly as possible watertight. Twenty- 
five years ago the highest masonry dam in this country was the New Croton 

Dam, 297 ft. high above bottom of excavation. The highest existing ma- 

sonry dam (1928) is tbe Pacoima Dam in California, about 400 ft. high, and 
engineers are now discussing dams up to 800 ft. in height. The amount of 
horizontal thrust varies with the square of the height. The tendency to 

leakage increases in a generally unknown proportion with the height of the 

dam, and in dams of over 200 ft. the problem of watertightness is an extra- 

ordinary one to solve. One may be reasonably content, for dams 50 or 60 

ft. high, with borings and general personal study of the geology of the dam 

and reservoir site; but in the higher dams (100 ft. or more) it is suggested that 

a report of a practical geologist should also be obtained unless the terrain 

is thoroughly well known to the designer and the constructor. The engineer 

must study the watertightness not only at the dam site itself but throughout 
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the reservoir to make sure that it will hold water. In this investigation the 

aid of a practical geologist should be of great value. 
If the engineer is not a geologist it may be well to have his judgment con- 

firmed as to the probability of any soft foundation rock becoming softer 
or slippery when the reservoir is filled and when the dam and its foundation 
are subjected to the pressure of water. Such changes in consistency are 
found in the case of certain hardpans, soft rocks and fissured rocks in which 
there has been an infiltration of clay into the joints or fissures. As infiltration 
of clay is usually of shallow depth, the fissured rock should be removed to a 
point where the clay has disappeared or is negligible. 

Further, there remains the problem of properly tying the dam into the 
banks on either side of the valley, because lack of care in this respect is 
probably the most frequent cause of worry and occasional failure. The rock 
on the banks may be weaker than in the bottom of the valley. The end of 
the dam may abut against a ridge projecting from the side of the valley, so 
that there is less rock in front of the toe at that part of the dam; or the rock 
in the bank may dip downstream from the structure. Under such conditions, 
the ends of the dam should be very thoroughly anchored into the banks. 

The writer does not wish to criticise unduly the tremendous amount of 
mathematical talent that for a generation has been expended in the determina- 
tion of economical dam profiles with the view of saving a few per cent of ma- 
sonry. He does, however, wish to emphasize that almost any engineer can 
with intelligent study of the standard rules determine a safe and reasonably 
economical cross-section of a dam; but, when this is done, little of the real 
problem of safe design has been accomplished. The foundations are the real 
problem. This fact is too little understood. 

Due to the high cost of construction and the alleged commercial necessities, 
the profession has been contented to work with lower factors of safety than are 
customary in the design of most other engineering structures. This is prop- 
erly justified in the construction of the dam above its foundations because 
it is a simple structure with definite loads. When the foundation is reached, 
however, the hazards are greater and the factors of safety there should be at 
least as great as in any other statically determinate structure. 

Gravity dams are usually designed with the line of pressure at the outer 
edge of the middle-third, which gives a factor of safety against rotation of 
slightly over 2. The writer recommends that the line of pressure iie within 
rather than at the edge of, the m ddle-third. The factor of safety against 
sliding within the body of the dam is much less if friction alone is considered. 
The writer recommends that in every plane of the dam the resultant horizontal 

pressure be resisted by shearing in the masonry with a factor of safety greater 
than 2, ignoring friction—this being accomplished by proper bonding of the 
masonry. In the design of foundations resting upon hardpan or rock, it is 
recommended that the dam be stepped or sunk into the foundation to such a 
depth that the factor of safety against sliding or shearing of the foundation 

shall be at least 4. The base of the dam should be sunk into the foundation 
a sufficient distance to carry the entire horizontal pressure by the bearing of 
the vertical face of the toe or steps against the foundation, omitting the con- 
sideration of frictional resistance on the foundation. 

Attention is called to Fig. 85a, showing a dam 185 ft. high from base of dam to water 
surface, and with the base sunk into the rock foundation to a depth of 10 ft. at the 
toe. The horizontal pressure on the back of this dam amounts to approximately 
580 tons per lin. ft.. Ignoring friction and assuming a unit bearing pressure of 40 tons 
per sq. ft. at the vertical face of the toe, such a dam would have to be sunk into the 
tock a depth of 14 ft. For most ordinary rock with the usual seams, the safe load on 
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the rock in front of the dam would probably not be in excess of 20 tons per sq. ft., in 
which event a dam of this height should be sunk into the rock at the toe approximately | 
28 ft., and in soft rock approximately 30 or 35 ft. If the rock surface is roughened or 
stepped as shown by the dashed line of Fig. 85a, the sum of the heights of the vertical 
shoulders may be considered as the height of the rock face at the toe for resisting 

horizontal thrusts. 

At the banks, the dam should be sunk into the foundation to a greater per- 
centage of the height than at the middle of the valley. If the dam is a spill- 

way and the rock is soft or fissured it should be 
protected at and below the toe against erosion of the 

falling water, otherwise one cannot safely count upon 
the rock immediately in front of the toe being per- 
manently available to take the horizontal thrust of 

the water. 
Extreme care must be taken to prevent a dam 

from sliding should the rock slope downward from 
the heel of the dam toward the toe. This is espe- 
cially true in high dams on laminated rock. In 
that case there is a possibility of the rock bulging 
in front of the dam or shearing along lamination 

planes. 
Thorough borings and test pits at the dam site 

are recommended not only for design but also to 

assure against excessive cost, because otherwise upon excavation the founda- 

tion rock may be found at a greater depth than assumed. The cost of 

many dams has been far in excess of the money provided due to the fact 

that the borings made were not sufficient to locate accurately the rock and 

overlying material in advance of construction. 

If the foundation rock is at all fissured and requires grouting, this should 

be thoroughly done under expert supervision. The amount of grouting 

that may be found necessary in such rock cannot well be determined in ad- 

vance unless the explorations have been extensive, by core borings and test 

pits. The engineer in his estimates, therefore, must allow a considerable 

amount of money for grouting if the explorations indicate that it may be 

needed. 

Dams are often constructed at a great distance from the operating en- 

gineer’s headquarters, and daily or weekly inspection of the finished structure 

is left to laborers or farmers living in the vicinity. Just how frequent expert 

inspection will be made cannot usually be’ foreseen by the designers and 

constructors. The writer recommends four engineering inspections a year 

and that at least a weekly record be kept of all leaks through the dam or 

adjacent banks. Practically all dams leak and this is true of the adjacent 

banks, and the amount of leakage varies from week to week and year to year. 

If there is no undue or irregular settlement and no cracks in the masonry and 

if these leaks do not increase materially and the issuing water is not discol- 

ored, it may usually be assumed with reasonable safety that the dam founda- 

tion is all right. The writer wishes, however, to accentuate the fact that the 

matter of discoloration or the carrying of materials from the dam foundation 

is not a matter that should be left to inspection by laymen. Water which 

is apparently clear if put in a clean glass and held up to the sunlight may 

indicate the carrying of minute particles even though there is no discoloration 

which can be determined by observing the issuance of the water. 

Needless to say, if the amount of water is increasing from time to time it 

should be most-carefully watched under expert supervision. In order that 
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one may not be unduly apprehensive in the matter of leaks below the dam or 

through the banks, a careful observation should be made of all springs in the 

adjacent banks and below the dam prior to the filling of the pond. Otherwise 

it may be difficult to determine after the pond is filled whether or not these 

are old springs or new leaks. 

Theory of Design. Dams built up to the middle of the 19th century ap- 
parently were designed without theoretical analysis. The principles upon 
which safe and economical dams should be designed were laid down first by 
Sazilly in 1853 and after him by such authorities as Graeff, Delocre, and Ran- 

kine. According to these principles the requirements of a safe dam are: 

(a) At all horizontal sections, the resultant of the acting forces shall strike at or 
within the middle-third for all conditions of the water elevation behind the dam. 
This principle implies the condition that no tensional stresses are permissible in a 
masonry structure of this character, the assumption being made that the pressure 
intensities along the section or joint vary uniformly, according to the law of trapezium. 

(Art. 21.) 
(b) At no point along any horizontal joint or the base shall the unit normal stress 

upon the plane be more than a specified safe limit. (Art. 16.) 
Investigations of the old Spanish dams, standing for over three hundred years, show 

a@ maximum compression stress on horizontal joints of from 11 to 14 tons per sq. ft. 
(c) The friction developed by the weight of the structure at any horizontal joint 

or at the base shall be greater than the resultant horizontal force acting upon the joint 
tending to slide the part of the dam above it. (Art. 18.) Frictional resistance on the 
base or at horizontal sections above the base may be reduced by the entrance of water 
beneath or within the dam. 

No exact mathematical expression has been found as yet which would de- 
termine the outline of the dam section in accordance with the three require- 
ments enumerated and with given data as for permissible stress and specified 
factor of safety against sliding and overturning. If only condition a is con- 
sidered, the economical section will be a right triangle with back vertical and 

base width = h/ a/ y, where / is the height of water above the base and y the 
specific weight of the masonry. The authorities mentioned and a number of 
others have endeavored to find the best modification of this triangle form to 
comply with requirements b and c, the result being a series of proposed forms 
of more or less complex outline, but none having an unimpeached general 
value and most being entirely impracticable. A very complete record of 

these forms and of the dams built according to the different theories can be 
found in E. Wegmann’s “‘ The Design and Construction of Dams.’ The 
“ practical profiles”? recommended by him (Art. 32) represent a valuable 
addition to the profiles mentioned. 

In 1895 M. Levy and following him in 1904 Karl Pearson and Atcherley made 
thorough analytical studies of stresses in gravity dams of masonry and came to the 
conclusion that in such dams the planes subject to maximum compressive and tensional 
stresses are not horizontal as a rule; that the direction of the maximum pressure 
intensity is parallel to the face of the dam and the pressure is greatest near the outer 
profile; and that, in every case, in a dam designed according to the heretofore accepted 

principles tensional stresses occur on inclined planes near the heel. These analytical 
deductions have been verified by the famous experiments of Ottley and Brightmore 
on plasticine models and by the experiments of Wilson and Gore on India rubber 
models. Yo eliminate tension at or near the heel, Levy proposes to design dams so 
that ‘‘ the normal pressure on every joint at the upstream face should be greater than 
the hydrostatic pressure at that point.’’ Recently built French dams are all designed 
on this principle. German engineers use a clay or loam fill at the back of high dams, to 
assist in the plastering of the masonry on the waterside and to fill every crack possibly 
developed by tensional stresses. Wilson and Gore pointed out the advantage of a 
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rounded or projecting inner heel to decrease tensions. In American practice this 
method is extensively used. 

It is recommended that for the lower one-fifth of the height of dams, the safe work- 
ing stresses of Art. 16 shall be reduced 30% if the dam is designed without considering 
oe ese stresses resulting from the combination of normal and shearing stresses. 

Horizontal Pressure on Dams. Whereas the physical properties of water 
are well known (Art. 20) it takes a good deal of judgment to determine the 
horizontal forces exerted by water upon a dam. Asa rule the stratum upon 
which the dam is built is covered by more or less pervious or impervious layers 
of sand, gravel, loam or clay. The dam generally extends through this over- 
lying material and the question arises, how far down and to what extent shall 

the horizontal water pressure be considered. In the case of spillway dams 
the back pressure from the water downstream (tailwater) may decrease the 
net pressure upon the back and this pressure may also be exerted through 
the material overlying the foundation. 

How much numerical value should be given to this underground pressure is entirely 
dependent on the kind of overlying material. Clean gravel will practically not reduce 
the hydrostatic pressure at all, fine sand will reduce it to a great extent, while puddled 
alluvial soil may not transmit any water pressure at all, but such soil quickly disinte- 
grates with a running leak. The intensity of this horizontal underground water pres- 
sure cannot be accurately determined but its possibility should not be overlooked. 
The overlying material also exerts a horizontal thrust upon the back of the dam which 
should always be considered in the design (Art. 20), although usually this pressure is 

practically negligible. The active thrust’ and passive resistance of the overlying 

material at the downstream side of the dam on the other hand should generally be 

disregarded. 

Uplifting Pressure on Dams. Masonry dams of the gravity type are 

preferably built upon rock, but low dams of a gravity type have been suc- 

cessfully constructed upon gravel and sand. These materials may afford 

a safe foundation if compact (of the nature of hardpan), or if the free percola- 

tion of water under the dam is prevented by carrying down a cutoff at the 

heel to a depth of 1/2 to 3/4 of the height of the dam, by concrete, steel or 

wood piling. (See also Dams on Sand F oundation.) 

In the design of all dams, except those whose foundations will rest on solid, 

impervious and unfissured rock, careful consideration must be given to the 

possibility of uplift or upward water pressure upon the base due to the water 

being forced under the base of the dam through veins, fissures or interstices. 

Neglect to consider this great force may result in disaster. The designer 

must allow for uplift or upward pressure on the base of the dam on all but 

the best rock foundations or he must provide an absolutely impervious cutoff 

that will prevent uplift entirely or make it negligible. In “Professional 

Memoirs,” Jan.-Feb. 1915, Capt. W. A. Mitchell describes many experiments 

and observations made on the uplift on dams, especially those made on the 

Ohio River dams built by the federal government. 

The amount of uplift which should be assumed either on rock or on sand 

and gravel foundations is a matter of judgment and can only be subject to 

broad general rules. The observations that have been stated relative to the 

uplift in existing structures and laboratory experiments are indicative only, 

The wide variation in the character of rock, sand and gravel leaves the matter 

to judgment, and experience in the construction of dams makes one feel that 

ultra-conservatism’ is necessary. The writer therefore recommends that, 

except where the dam rests on impervious rock or where an impervious con- 

crete cutoff is carried to such rock, full uplift on the whole area shall be con- 

sidered at the heel and zero uplift at the toe; or if there is any probability of 
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water in the lower pond, the uplift at the toe should be assumed equal to the 
full head of the lower pond water. In designing the dam the center of pres- 
sure should fall within the middle-third considering uplift and a reasonable 
amount of ice pressure (p. 941). 

Experiments by D. M. Francis, F. R. Shunk and J. P. Jervey show that water 
percolates through joints between concrete and rock and travels in small veins in these 
joints. If allowed free exit, the pressure varies irregularly between upper and lower 
pools; if the exit is closed the pressure quickly becomes that of the upper pool as 
soon as enough water has passed through the veins to fill the test holes. The amount 
of space of these small veins, that is, the area of upward water pressure, varies from 
nearly zero in excellent granite foundations to 50% or more in rotten shale. The final 
height of the rise of water in the test holes when free exit is provided below the dam 
varies roughly as the distance from the lower pool relative to the distance between 
pools. If efficient drains are introduced downstream of the cutoff, the upward pressure 
beyond such drains is practically negligible in good rock. The drains must be effective, 
must not be too small and must not be stopped. With rock foundations the Ohio River 
Board in a general case used the following rules: 

(a) Upward water pressure varying at a constant ratio from upper pool at upstream 
edge to lower pool at drains. 

(b) Drains to be located in the rock on the downstream side of the key or cutoff. (c) Pressure under 50% of base for firm, solid rock and under 100% of base for 
weak rock. 

(d) Neglecting upward pressure, the center of pressure to fall within the middle- third of the base; including uplift, the center of Pressure to fall far enough inside the toe so that the maximum compression sha!l not exceed 400 lb. per sq. in. for good 
rock and 70 lb. per sq. in. for poor or doubtful rock.* 

Tests were made by the Bureau of Reclamation at the Willwood Dam of the Shoshone Irrigation project in northern Wyoming (Eng. News-Rec., Vol. 99, p. 660; Trans. Am. Soc. C. E., Vol. 93, p. 1538). This is a concrete gravity overflow dam, about 55 ft. high, built upon horizontally stratified and seamy shale and sandstone. The foundation was grouted and observation pipes were conducted from the dam foundation to the inspection gallery built within the dam. The uplift at the heel was about one-half the reservoir head and at the toe full tailwater head. These measure- ments were not sufficiently extensive to give indication as to what Proportion of base was acted upon by water pressure. It will be helpful to the designer and the profession at large, and no great expense to the owner, if uplift observation pipes are provided as in the case of the Willwood Dam. These will also be useful in the inspection of the structure from time to time. 

Uplift may also occur between concrete or Masonry joints of the dam above the foundation bed, and in constructing the dam special precaution should be made to decrease this uplift to a minimum. The writer recom- mends the following rules, regardless of any attempts that may be made to eliminate such uplift; at all sections of a gravity dam uplift equal to 25% of the reservoir head above any joint shall be considered at the back of the dam and zero at the front; without uplift the resultant should lie well within the middle-third, and considering such uplift the line of pressure should not go outside the middle-third. (See also Art. 20.) 
Waterproofing the back of the dam will decrease uplift and also disintegra- tion of the concrete where subjected to water and the atmosphere alternately. Waterproofing may be applied as an exterior asphaltic or wash coating or by “gunite ” as at the Elephant Butte Dam, or by enriching the cement content for a space of one or two feet from the back of the dam as was done at Arrow- 

rock and Hetch Hetchy dams. 

Cutoff Walls and Drains. It is customary and proper to build a cutoff of concrete as shown in Fig. 86, the concrete being made of the best quality, 
* The writer believes that the center of pressure should fall within the middle-third. for reasonable assumptions of uplift. 
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most carefully placed so as to prevent the water getting under the dam or at 

least to increase the travel of the water by the length abcd. The higher the 

dam and the more pervious or fissured the strata the deeper this cutoff should 
be. Sometimes the cutoff wall is made quite deep, the rock being channeled 
out by machine. It is good practice to 

provide at d (Fig. 86) a continuous 

drain with proper openings ~ extending 
to the face of the dam, so that any 
water that passes the cutoff may not 
exert uplift except of little intensity, 
but wil: flow out at e. On account of 
the possibility of these small drains and 
discharge pipes getting stopped up it is 
recommended in large dams to build 

instead of a small drain, as in Fig. 86, a psa Tam 

gallery (Fig. 94) of such height that a @ 
man may walk in it from one end to 

the other to inspect and clean the drains be 

so that the real uplifting pressure will Fig. 86 

be known. This gallery should be 

reached through manholes located at or near the top of the dam. 

Experiments made on the Gatun dam and the Ohio River at Dam No. 18 show that 

water pressure is transmitted through concrete and is transmitted through joints 

between old and new concrete more freely than through solid concrete. If allowed 

free exit, the pressure is practically negligible. Mitchell suggests that in order to 

utilize the full value of the weight of the masonry, drainage should be provided from 

near the back of the dam at other levels than the base only; or if such drainage is not 

provided for in the design, allowance should be made for the upward pressure at 

every horizontal joint investigated, but a smaller relative intensity can be assumed 

than that considered at the base. Uplift on joints above the base or drains above it 

have rarely been considered. Certainly if entirely disregarded, the line of pressure 

above the base should lie well within the middle third. 

Dams Built on Sand. In the first paragraphs of this article, the writer has 

sounded a word of caution to designers and constructors because of foundation 

difficulties. Should the engineer be confronted with the problem of building 

a dam upon sand he will in all probability find the foundation problem ex 

ceedingly difficult. 

Fig. 103 (p.960) shows the cross-section of the Sherman Island Dam which is one ct 

the best cross-sections developed for a reasonably high dam upon a soft bottom. While 

this dam was designed for sand, it was built upon a mat of interlocked glacial boulders 

5 or 6 ft. deep overlying saturated fine sand. This interlocked mat of boulders gave 

a great deal of resistance against sliding. There are two lines of sheet piling at the 

heel of the dam, one line 55 ft. deep and the other 45 ft. deep; and at the middle of 

the base of the dam a large mass of concrete was provided to add resistance to sliding. 

There is also a concrete apron below the dam, from F to G, to increase the percolation 

factor; and the dam base and apron were weighted with sand and gravel to give 

greater weight against sliding. Upstream a sand and gravel backfill was placed to 

further increase the percolation factor. Before there can be leakage under the dam 

the- water must travel from B’ to B, B to C, C to D, D to E, E to F, F toG. This 

gives a percolation factor of about 5. 

It is thought that this dam could not have been built without steel sheet piling, 

but the mere use of steel sheet piling was not in itself a guarantee against serious 

percolation. It was only intended to drive one line of sheet piling 55 ft. in Jength. 

After this was driven it was discovered that at three points the sheet piling did not 

interlock at the top, and it was therefore highly probable that it did not interlock at 

the bottom. It was then decided to drive an additional lapping piling at these three 
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points so as to provide a certain barrier. It was also decided to protect the dam further 
by driving a second line of steel sheet piling (as shown on Fig. 103) back of the original 
55 ft. of piling. There is a record of steel sheet piling having been driven into sand 
containing boulders, as a cutoff, where one or two sheets when driven “ curved up ” 
and came to the surface of the stream bed. Steel sheet piling makes high dams on 
sand possible, but only if driven with great care. 

There is no satisfactory way of grouting sand, and test borings give only 
approximate information as to the condition of the sand into which the piling 
isto be driven. The hazard of water cutoff for a dam on sand is so great that 
it is doubtful if any masonry dam should be built upon sand to a greater 
height than 75 or 80 ft. Insuch high dams upon sand the writer recommends 

increasing the percolation factor by placing a backfill, as shown by Fig. 103, 

and also recommends increasing the length of the apron as shown in this 
sketch. 

The Sherman Island Dam presented a particularly difficult problem because the ends 
of the dam rest on rock while 90 % of the length of the dam is on a mat of boulders over- 
lying fine sand. It was necessary to make expansion joints in the foundation mat at 
a point where the rock ended and sand began, and under one buttress the rock was 
excavated and the base built upon a layer of sand 2 ft. thick resting directly upon the 
rock. This permitted adjustment without cracking. The writer is of the opinion that 
had there been no boulder overlay at this site the resistance against sliding should 
have been further increased either by flattening the back slope of the dam or otherwise 
spreading the dam base, and possibly also by extending the apron and placing addi- 
tional earth fill on it. 

Fig. 87. Spillway Dam on Sand Foundation 

The uplifting pressure of water below the base is most serious in the case 
of dams built on sand or gravel foundation. Water pressure is transmitted 
more or less freely through washed sand, gravel aggregate and washed river 
gravel. Sand offers the greatest, clean gravel the least resistance to uplift- 
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ing action. Besides being dependent on the physical properties of the foun- 
dation strata, the magnitude and the method of distribution of the upward 
pressure are functions of the depth of the cutoff or sheet piling, of the location 
of sheet piling and of the width of the base and apron. A watertight sheet 
piling or cutoff wall is most effective if located at or near the heel of the dam. 
Another line of sheet piling placed near the toe will be effective in confining 
the material below the base but will increase the uplifting pressure if made 
watertight. The results of 4 thorough Analytical investigation of the matter 

are published in Trans. Am. Soc. C. E., 1911, vol. 73, by G. E. Smith, in dis- 

cussing A. C. Koenig’s paper 
on dams on sand foundation. 
Figs. 87 and 88 are taken 
from this article, illustrating 
the influence of the depth of 
the cutoff wall and the width 
of the base of the dam and 
the length of the apron upon 
the distribution of upward 
water pressure. The diagram 
above the dam section, Fig. 
87, shows that for the relative 
dimensions of this particular 
instance the total of uplift is 
reduced by the sheet piling 

to about one-half of that 

which would prevail without 0 0.1 0.2 0.3 0.4 0.5 0.6 0.7 0.8 0.9 1.0 

cutoff. For other dimensions Ratio of depth of cutoff to base of Dam 

the uplift can be estimated Fig. 88. Variation of Upward Pressure with 

with the help of the diagram, Change in Depth of Cutoff 
Fig. 88. Koenig, in the paper 

above referred to, proposes the following formula for the depth d of the neces- 

sary penetration of the sheet piles: 

d = h/sx where h = the maximum head of water on the upstream side above 

the bed of the stream, s = the specific gravity of the material penetrated and 

2 = the proportion of solids in the strata. In sand with s = 2.65 and x = 

0.6, d = 0.629 h, which is. the absolute minimum depth needed. For low 

heads, Koenig suggests d = 2 h and for medium heads up to 30 ft.d = h. 

J. D. Justin proposes a somewhat different method for determining the depth of 

sheet piling, based on assumed factors defining the velocity of flow of water through 

the soil. (Trans. Am. Soc. C. E., Vol. 87, p. 54.) 

A number of failures of dams occurred due to the uplifting action of water upon 

the aprons of dams. The floor of the Lost River dam, California, and that of the 

Narrora weir on the Ganges were destroyed by being lifted up by upward water 

pressure. 

Percolation. The flow of water under dams on porous foundations can 

not be entirely stopped and this is the origin of a frequent cause of failure 

of such dams, the “ blow out ” at the toe, which is due directly to a higher rate 

of percolation than permissible for the material in question. If the per- 

colating water has a greater velocity than a certain limit, it will carry with it 

parts of the material lining the vein of its passage, thus increasing the size of 

the vein. This action being progressive, the size of the vein continues to in- 

crease until it becomes a large hole and the dam collapses from lack of sup- 

port. The blowout always starts with the appearance of a boil at the toe of 

the dam, that is, a strong spring carrying sediment. The time between the 
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first appearance of the boil and the blowout varies from a few hours to 
several days. 

The only way to prevent a blowout in pervious foundations is to cut down the 
velocity of the percolating water below that necessary to disturb the particles of the 
foundation bed, by artificially making the underground travel of the water from head- 

water to tailwater as long as is necessary for this purpose. The ratio of this length 
of underground travel to the head of water is called the percolation factor. The 
most efficient way to create a large percolation factor is by a cutoff or sheet piling. ; 

W. G. Bligh (Eng. News, 1910) proposes the following percolation factors: Fine 
sand and silt 18, fine micaceous sand, 15; ordinary coarse sand, 12; gravel and sand, 9; 
boulders, gravel and sand, 4-6. The percolation factor may also be increased by a 
substantial impervious apron downstream or an impervious mat upstream of the dam, 

which latter may be an upstream concrete apron or a protected clay fill or the dam may 
be given a large inclination on the upstream face. These types have been mostly 
developed for dams across streams in India, where many failures occurred before the 
importance of the use of a proper percolation factor was recognized. The knowledge 
there acquired was used to good advantage on some dams in the United States. The 
Laguna weir across the Colorado River, with a head of 15 ft., has a total base width of 
244 ft., whereas the Madaya weir in Burmah, India, for a head of 11 ft. is 288 ft. wide. 
In the example shown on Fig. 87 the sheet piling, the base of the dam and the apron 
take care of a percolation factor of about 6, corresponding to a foundation stratum of 
gravel and sand. If steel sheet piling is used, it must be driven with care to insure 
proper tightness, or else “ piping ” may result in spite of the cutoff piling. 

Grouting of sand foundations, especially if saturated with water, is of 
questionable value. Primarily successful grouting can be accomplished only 
where there is a vent, as in the case of seamy rock, to permit the displacement 
of water or air with grout. It is thought that the forcing of material under 
pressure into sand disturbs the sand and that the grout may not restore it to 
the same degree of compactness that prevailed before grouting. The writer 
has tried it without success. Some success may be expected in loose gravel. 

Grouting of soft or hard rock foundation should decrease the percolation of 
water under the damif such grouting is so done as to permit free discharge of 
the water or air in the crevices or fissures. It is recommended in all except 
solid rock without fissures or open joints. If the fissures in the rock are very 
fine, neat cement grout must be used. Where the fissures or openings in the 
rock are sufficiently large, grout consisting of one part cement and one part 
fine sand may be used. 

An excellent description of the methods used in grouting the dams of the Catskill 
reservoirs is given in Trans. Am. Soc. C. E., Vol. 83, p. 1042. 

Usually the best method is to drill holes into the rock to a depth of from 
1/10 to 4/10 the height of the dam, depending on the character of the tock, 
these holes to be placed from 5 to 20 ft. apart, also depending on the character 
of the rock. Grouting should then be started at one side of the valley and the 
grout forced in at only one hole at a time, noting whether or not it rises in 
the other holes. The same method should be carried on across the dam slowly 
so as to permit the grout to set up in each set of holes before grouting goes on 
in the near vicinity. There are records of grout having traveled several thou- 
sand feet in very seamy rock. 

At the Mazoe River Dam in South Africa the shale foundation was solidified by starting the grouting at the top because the shale was too weak to sustain high grout Pressures. To achieve this the grout holes were filled with clay to within 3 ft. of the top and then grouted. The hole was then cleaned of grout and clay to afurther depth of 3 ft., and grout again injected. This process was repeated until the entire shale formation, about 25 ft. deep, was thoroughly grouted. 
In the Hales Bar Dam on the Tennessee River, the Dix River Dam in Kentucky, and the Wilson Dam in Alabama, asphalt grouting proved successful. These were cases 
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where there were large fissures in the rock through which water flowed with appreciable 

velocity. This grouting work was accomplished by installing a pipe in a grout hole, 

the lower end of the pipe being perforated. An electrical resistance wire was placed 

inside of the pipe, fastened at its bottom and insulated from the pipe. The hot asphalt 

was pumped into the pipe, flowing through the perforations and being kept in fluid 

condition by the electrically heated wire. When the asphalt reached the open fissures 

it cooled and hardened and was not washed away by the water, which would have been 

the case had cement grout been used. (See Eng. News-Rec., Vol. 96, p. 798; Vol. 100, 

p- 627.) “a 

Ice Pressure at the top of the dam must sometimes be taken into account 

in the design and use of the dam. The under surface of a sheet of ice, being in 

contact with water, remains practically at the freezing point, while the tem- 

perature of the top surface may be as low as that of the atmosphere with re- 

sulting shrinkage cracks. These cracks subsequently fill with water and 

freeze. When the temperature rises the sheet tends to expand, and if the ice 

is confined it will develop thrusts. If the area of the reservoir is very large 

the thrust action will be lessened due to buckling of the ice sheet, and if the 

reservoir banks have flat slopes it is thought the pressure will be negligible. 

Some designers disregard ice pressure where reservoirs are designed to be 

filled during the flood season and drawn down in whole or part during the win- 

ter to a level where the ice pressure would have a negligible effect. The 

writer feels that it is unwise to design and build a dam on the assumption that 

the reservoir is to be operated in any definite manner that will protect the dam 

structure. Conditions of operation change and operators have little regard 

for theory. 
After a dam has been built (this should not be considered in its design) ice 

thrust is often made negligible where there is frequent change in the reservoir 

level as in the case of a forebay dam. ‘The rise in the water level will cause 

the ice to break 10 or 15 ft. back of the dam. The writer has observed 

four thicknesses of ice adjacent to the back of a forebay dam, each about a 

foot thick, separated by about a foot of water and so broken as to be harmless. 

The damage to an existing dam by ice may be prevented by maintaining a 

narrow channel of water back of the dam by cutting, steam or compressed airs 

The following statements indicate the great difference among designers as to 

assumed ice pressures. Investigations in Norway indicated that the maxi- 

mum thrust per lineal foot would not exceed 12 000 lb. for a 30-in. sheet and 

18 000 Ib. for a 40-in. sheet of ice. 

The table below gives the ice pressure assumed in the design of several 

large dams: 
Lb. per lin.ft. 

Wachusett, Mass...........- ee ela see ¢ 47 000 

Olive Bridge, N. Yu.o5......02500- 1 eae ae 47 000 

Kensico, No We. s5.0. 1th. Sidecad lee ce csetees 47 000 

Croton Falls, N. Y...... she Jocagbatads i? . 30000 

Cross River, N. YV.. ss seccescaeeccsccserers 24 000 

New Croton, N. Y...... 5 Ale caret s eer 0 

Scioto, OHIO. «0.5 as.s:- tye 2 ¢109 PST re ee 34 000 

Wanaque Reservoir, N. J.....-.+eee+++ee0-> 20 000 

The writer thinks that except where the back of the dam is approximately 

vertical and where also the reservoir shore is steep and the distance from the 

dam to the shore does not exceed 200 times the assumed thickness of the ice, 

these tabulated pressures are far in excess of actual ones, otherwise low dams 

which have been built would have failed on account of ice pressure, whereas 

the only records which have come to the writer’s attention of the failure of 
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low dams have occurred where the back of the dam and the banks were 
practically vertical and the distance between the dam and the banks small. 

The writer computed some years ago that, based on such assumed ice pressures, a 
dam 10 ft. high should have a base 40 ft. wide, which is absurd. (See Trans. Am. Soc. 
C. E., Vol. 75, p. 219; “Eng. News-Rec., Vol. 99, p. 742.) 

Effect of Wave Action. The height of the top of the dam and the thickness 
of the top should be sufficient to prevent overtopping and to withstand the 
force of the waves. 

Temperature Changes often seriously affect dams, and expansion joints 
should be provided in gravity dams perpendicular to the axis of the dams at 

- intervals of about 30 to 60 ft. If expansion joints are not 
provided at about these intervals, cracks may form which 
will be unsightly and will leak. (See Sect. 11, Art. 1.) 

Comparative Cross-sections of several high masonry 
dams.are shown in Fig. 89, and data regarding them and 
a large number of other dams are given in Sect. 15. 

Cost of Masonry for Retaining Walls and 
Dams. The cost of masonry for retaining walls 

and dams varies with the locality, size of 
wall, availability of local materials, the 
difficulties of foundation construction and, 

in the case of dams, with the diffi- 
\ culties of handling the water during 

Lf H -—\— \ construction. The average cost $per 
cubic yard is about as follows: 
Ashlar facing, first class mas- 
onry $40.00 to $50.00 per cu. 
yd.; second class and backing 
$30.00 to $35.00 per cu. yd., 
rubble $15.00 to $20.00, con- 
crete $8.00 to $12.00 depending 
on location and quantity in- 

Fig. 89. Five American Dams volved. 

Wachusett 

Ashokan 

Meters 
PLO ry “12 16 

New Croton 

31. Investigation of Masonry Dams 

An Investigation of a Proposed Section must be made for two cases: ide 
when the reservoir is full and the water level is at its maximum height; (2) 
when the reservoir is empty. Inthe first case, the resultant should always be 
within the middle-third, and then the compressive unit stress is greatest at 
the toe and least at the heel. (Art. 21.) In the second case, the resultant 
may be allowed to come at the edge of the middle-third nearest the heel, and 
then the compressive unit stress is greatest at the heel and least at the toe. 
Maximum economy of material will result when the resistance line for reservoir 
full lies just inside the limit of the middle-third and when the resistance line 
for reservoir empty coincides with the limit of the middle-third nearest the 
back. For other heights of water the resistance line will lie well within the 
middle-third. 973 

The following formula gives the safety factor against rotation 
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where W = weight above any horizontal plane considered; ' 
t = distance from toe to point where resistance line cuts that plane; 
H = horizontal water pressure above the plane; 
~ = height of H above the plane. 

A Trapezoidal Section, such as is generally used for low dams, can be inves- 
tigated by the methods given for retaining walls in Art. 25. The resultant 
must cut the base within the middle-third for all cases. This will always 
occur when the reservoir is empty, so that the entire base is then under com- 
pression. For reservoir full to the top of the dam, the resultant cuts the base 
on the other side of the middle, and it should also lie within the middle-third in 
order that the entire base may be under compression. 

Example. Fig. 74 may represent a section of a trapezoidal ashlar masonry dam of 
30-ft. height, 5-ft. top, and 18-ft. base, the back face plumb and the foundation sound, 
impervious rock. The weight of the masonry will be taken at 160 1b. per cu. ft. Let 
a be the top width, 5 the base width, and 4 the height, all in feet; then the weight of 
a section one foot long is 804 (a +6) = 55200 1b. The line of action of this weight 
passes through the center of gravity of the trapezoid whose horizontal distance from 
the toe A is 

t = (202 +2 ab — a?)/3 (0 +b) = 11.64 ft. 

Therefore the resisting moment about the toe is M; = 55 200 X 11.64 = 642 530 ft-lb. 
For reservoir ful] the water surface is taken as level with the top of the dam, and its 
horizontal pressure P is 31.25 X 302 = 28 125 lb. The overturning moment about the 
toe is M = P X 1/3h = 281 250 ft-lb. Hence the factor of safety against rotation 
is M,/M = 2.3, which is ample provided the resultant cuts the base within the middle- 
third. That this is the case is found by using the formula 

e= 1/25 —t+1/3 Ph/W = 2.45 ft. 

where / is the distance 11.64; the value of ¢ is less than 1/6 }, so that the resultant lies 
within the middle-third. The ratio 6e/b is 6 X 2.45/18 = 0.817, and W/b = 3070; 
hence (Art. 21), the maximum and minimum pressures on the base are S; = 3070 
(1 + 0.817) = 5580 lb. per sa. ft., and S2-= 3070 (1 — 0.817) = 560 Ib. per sq. ft. 
The coefficient of friction required to prevent sliding on the base with a safety factor 
of 2is f = 2 P/W = 1.02, so that the rock should be made very rough. For reservoir 

empty, e = 9.0 — 11.64 = 2.64 ft. on the other side of the middle, so that here 6 e/b 

= 0.88, and hence the pressure at the heel is slightly greater than at the toe for reser- 

voir full, and the pressure at the toe is slightly less than at the heel for revervoir full, 

but the line of resistance here also falls within the middle-third. For ice pressure see 

Art. 30. The formulas for walls with a vertical back (Art. 25) could have been used 

in this example. 
Fig. 74 shows a simple graphic analysis for this case by the use of the force and equi- 

librium polygons, the trapezoid being divided into a rectangle and a triangle whose 

centers of gravity are known without computation and the lines of action of the weights 

W and W»2 being drawn through these centers. 

A Dam with Curved Front (Fig. 90) is 60 ft. high, 40 ft. wide on the base, 

top width 10 ft., built of granite ashlar weighing 160 lb. per cu. ft., and is 

to be founded on impervious rock. The first step in its investigation is to 

divide the cross-section into subdivisions A, B, . . . G by horizontal lines, 

these being sufficiently near together so that the dubdivisions may be re- 

garded as trapezoids. The areas and centers of gravity of the subdivisions 

are next found, the latter marked on the drawing by small circles. The 

horizontal lines at a, 0, . .. gare, for brevity, called joints, although no 

joints may really exist. Pg, Pp . . . Pg denote the horizontal water pressure 

acting above the joints a, b, . . . g, each of these being applied at a distance 

above the joint equal to one-third of the depth of the joint below the water 

level at O. 

Resistance Line for Reservoir Full. To determine the point where the 

resistance lme cuts any joint as d in Fig. 90a, the weight of A + B is to be 
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laid off vertically through its center of gravity and Py produced until it inter- 
sects this vertical at the point marked by the small square, then the resultant 
of the weight A + B and the pressure Py is determined, and this, being pro- 
duced until it intersects the joint, locates a point in the line of resistance. 
The steps of the graphic analysis are as follows: 

(1) In Fig. 90) the resultant forces acting against the joints are found. 
The load line Oig; is first laid off to scale to give the different weights, Oia; 
being that of A, a; b; that of B, and so on. On the horizontal line at the top 
the distances 01 Pg, OiP5, etc., are laid off to represent the horizontal forces 

Fig.90(c) 

Fig. 90. Graphic Analysis of a Masonry Dam 

Pa, Pp, etc. Joining corresponding points Rg, Rp, etc., are the resultants in 
direction and magnitude which act on the joints a, 8, etc. 

(2) In Fig. 90) a force polygon is constructed with pole at any point O, as 
shown by the broken lines, this to be used for locating lines through the centers 
of gravity of the areas A + B, A + B+, etc., the points where these lines 
intersect the horizontal forces Pp, Pe, etc., being indicated by small squares. 

(3) To find these vertical lines, Fig. 90c is used where verticals through a’, 
b’, etc., are first drawn at the same horizontal distances apart as the small 
circles on Fig. 90a. Usually a larger scale is used for Fig. 90c and the hori- 
zontal distances are laid off to this scale from a reference line, these corre- 
sponding to the horizontal distances from a vertical through the heel ¢ to the 
small circles. Then an equilibrium polygon a», be, . : . go is constructed 
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and its sides produced to cut the first side in the points ha, hp, hess c. hg. 
The distances from these points to the reference line are the distances to be 
laid off on Fig. 90a from the vertical through the heel, proper consideration 
being given to the different scales, in order to find the verticals through the 
centers of gravity of A + B, A + B+C, etc. 

(4) Producing the horizontal directions of Pa, Po, ... Py to these last 
vertical lines, the points of intersection are marked by small squares. Through 
these points draw lines parallel to the resultants Ra, Ro, . . . Rg in the force 
polygon, and the intersection of these with the joints a,b, ... g will give 
points on the resistance line for reservoir full. A curve is then drawn through 
these points, and it is seen that the resistance line for reservoir full lies well 
within the middle-third, so that there is full security against rotation and 
against any ocurrence of vertical tension at the heel of the dam. 

Resistance Line for Reservoir Empty. Through the small squares draw 
verticals to cut the corresponding joints and pass a curve through the points 
thus determined. The resistance line thus detérmined is also within the mid- 
dle-third but nearer to its limit than for the preceding case. 

Stresses at the Base Joint. The weight of the dam, equal to the full load 
line Og; in Fig. 905 is 201 050 Ib. and hence the average normal pressure on 
the base is 5026 Ib. per sq. ft. The resistance lines for reservoir full and 
empty cut the base at distances of 5.5 and 6.0 ft. from the middle, so that the 
ratios for 6e/b are 0.825 and 0.9. Then for reservoir full, using formula 
S = W/b X (1 + 6e/b), (Art. 21), the maximum vertical pressure intensity 
is at the toe and is equal to 5026 (1 + 0.825) = 9170 Jb. per sq. ft.; whereas 
for reservoir empty the maximum vertical pressure intensity is at the heel and 
is equal to 5026 (1 + 0.9) = 9550 lb. per sq. ft. Both these are very low for 
both the masonry and the rock foundation... The value of the principal stresses 
will now. be found for the case of reservoir full. The following data are 
necessary: 

Vertical pressure intensity at the toe S, = 9170 lb. per sq, ft. 
Vertical pressure intensity at the heel S2 = 880 lb. per sq. ft. 
Intensity of water pressure Y = 60 X 62.5 = 3750 1b. per sq. ift. 
Average intensity of shear g = 1/2 X 60? K 62.5/40 = 2810 lb. per isa. ft... 

Then the principal stresses at the toe will be (Art: 21) 

Smax = 1/2 (9170 + 3750 +'~/ (9170 + 3750)? — 4 (9170 X 3750 — 28102)) 
= + 10 365 lb. per sq. ft. 

Smin = 1/2 (9170 + 3750 — +/ (9170 + 3750)? — 4 (9170 & 3750 + 28107)) 

} = + 2555 lb. per sq. ft. 

Both principal stresses being positive at the toe, no tension exists there on 
any plane. 

The principal stresses at the heel will be 

Smax = 1/2 (880 + 3750 + ~/ (880 + 3750)? — 4 (880 & 3750 — 28102)) 
= + 5470 Ib.\per sq. ft. 

Smin = 1/2 (880 + 3750 — v/ (880 + 3750)? — 4 (880 X 3750 — 2810?)) 
= — 840 Ib. per sq, ft. 

The latter value being negative a tensile stress of about 5.8 lb. per sq. in., 
which is so small as to be negligible, exists on a plane at the heel of the dam, 
which plane is inclined to the horizontal at an angle 6 determined by the rela- 
tion 

Got Gist Sse ie ony gzetoin whick's Wopege shy 
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Security against Sliding. The base of masonry dams on rock foundation 

is usally placed several feet below the surface of the rock (Fig. 94). Ifthe base 

line of the dam here investigated (Fig. 90a) represents the joint at the level of 

the original rock surface, sliding of the dam is prevented by the shearing resist- 

ance of the masonry. If the dam were placed with its base upon the surface 

of the rock it would slide on the base if the tangent of the angle between the 

resultant pressure on the base and a vertical line is greater than the coefficient 

of friction between the materials of the dam and the foundation, orif the coeffi- 

cient of friction were less than P/W = 0.56. For full security the base should 

be roughened so that the frictional resistance will be greatly augmented. In 

high dams “ stepped shoulders ” should be cut in the rock in sufficient depth 

and number so that independent of the frictional resistance at the base the 

entire horizontal thrust might be taken by these shoulders without too high 

stresses on the rock shoulders or the abutting concrete, thus assuring at least 

a factor of safety of 2 against sliding. If the rockbed slopes downward from 

the heel of the dam, these steps are especially necessary. In high dams or 

poor laminated rock the possibility of the rock bulging up in front of the dam 

should be considered. Make doubly sure that the dam will not slide. Serious 

dam failures have been quite usually due in whole or part to failure to provide 

adequately for the transfer of the horizontal thrust to the foundation bed. 

32. Details of Design of Masonry Dams 

The Back of the Dam is often vertical or has a uniform batter, this being 
always the case fora low dam. Fora high section, however, the profile of the 
back as well as the front of the section is often formed by straight lines of dif- 
ferent inclinations (Fig. 93), but more often the front is curved. The water 
pressure is normal against a battered back, but its horizontal and vertical 
components may be used instead. (Art. 20.) It is customary to neglect the 
vertical component V (Art. 20), since such neglect is on the side of safety, and 
since the percolation of water beneath the heel would entirely annul it. For 
a uniform inclination above an assumed joint the normal water pressure 
P = 1/2 whi? cos @, where /; = depth of joint below water level and w = 
weight of water per cubic unit. For further security it is best to consider @ 
as 0, and then H = 1/2 wh,’, which is strictly true for a vertical back. 

Above the assumed joint there are hence only two forces acting, the horizontal water 
pressure and the weight of the masonry. The resultant of these should cut the base 
within the middle-third. The point where the resultant cuts the planes of several 
joints gives points through which the resistance line can be drawn. This may be done 
either graphically (Art. 31) or analytically, the latter leading to complicated formulas. 

kas! . Trapezoidal Dams with vertical backs are designed 
by the same methods as those given in Art. 25 for re- 
taining walls, the water pressure being taken horizontal 
and equal to 1/2 wd? when no overflow occurs, or in 
pounds P = 31.25 d’, if d is in feet; d is height from 
water line to base, this being usually less than the height 
h of the dam. The resultant should cut the base at or 
inside the edge of the middle-third for reservoir full, and 
for the resultant at the edge required width of base is 

b = —05a+ a/ 1.25 a® + d?/s, where s is the specific 
gravity of the masonry. This formula applies for 

water pressure only and takes no account of the action of ice or waves. 

For any Trapezoid (Fig: 91) let a = top width, kh = height, d= height of 
water line above base, 0 = inclination of back to vertical, w = unit weight of 
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water, 0 = unit weight of masonry, H; = ice‘or wave’pressure acting at water 
line on one unit of length of dam. Then proper base width so that resistance 
line cuts base at edge of the middle-third is b = (A2 + B) 1/2 — A, in which 

A = 1/2 (a — htan@) B= a +2 ahtan0 + (6 Hi + wa?) d/oh 
Example. For Fig. 74, let a = 5, h =d = 30 ft., 9 = 0°, w = 62.5,0 = 

160, H; = 0;then A = 2.5, B = 376.5, and the formula givesb = 17.1ft. If 
however, H: = 43 000 Ib. for ice pressure, then B = 537.8 and the formula 
gives b = 20.8 ft. The amount of material in this dam is increased over 30% 
by taking ice pressure into.account. 
A trap*zoidal dam with vertical back requires less material than one with inclined 

back if vertical water pressure on the inclined back is ignored. For example: h = 
60 ft., d = 57 ft., @ = 9 ft., v = 150 lb. per cu. ft., Hj = 0. Then 

for tanéd = 0 6 = 32.7 ft. area = 1251 sq. ft. per cent = 100 
for tan@ = 1/12. 6 = 36.2 ft. area = 1356 sq. ft. per cent = 108 
for tan 6 = 1/6 b = 39.8 ft. area = 1664 sq. ft. per cent = 117 

When a trapezoid is used for a high dam, the compression at the toe may become 
greater than the allowable value even though the resultant cuts the base at the edge 
of the middle-third. When this is found to be the case by computation or graphic 
analysis, the section is too small and the base must be widened. Let .S be the safe work- 
ing compressive stress, and the other quantities as above; then the required width 
of the base is b = (C + +/C2 + D), in which C = 1/2 vk? tan 0/S; and D = (wd3 + 
vha? + 2 vah? tan 6)/S. 

A Pentagonal Section (Fig. 92) is a modification of a triangular one by giving 
to the top a width of 5 ft. or more and then making the front face fg vertical 
until it reaches the inclined line dc. The 

top width may be 10 to 17% of the aver- Jd 
age height, though this width may be 
governed by ice pressure, or the desir- 
ability of a roadway on top of the dam. 
For a triangular section the necessary 

width of the base is b = 7.91 hv/ i). For 
the pentagonal section the width of base 

should be 6; = B/vV/1 +2r? — 27r3, where 
7 is the ratio of the width of the top to 
the computed 6. A short back batter of 
height 1/4 hk above the heel, and base 
width of 1/12 6; may here, as in other 
cases, be advantageously used to dimintsh 
any tendency to tension at the heel. This 
formula does not include the effect of ice 
or wave pressure at the water line. 

Water under the Base reduces the unit weight of masonry by 62.5 lb. per 
cu. ft. if this produces a full uniform pressure. It is best to keep the unit 
weight of masonry at its full value, however, and to introduce beneath the 
base such upward pressures as may be specified. For discussion of the uplift 
see Art. 30. 

Dams over 60 Feet High may be designed by means of Fig. 93, known as 
Wegmann’s “ Practical Type No. 2,’’ and with the help of the following table, 
these being taken from Wegmann’s “ Design and Construction of Dams ’”’ 
(1927) and modified in columns 4 and 5 in order to diminish the tendency to 

tension at the heel (Art. 21). The figure gives this profile for a 200-ft. dam, 
- the masonry of which was assumed to weigh 145.8 lb. per cu. ft. This profile 
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is drawn for a top width of 20 ft. or one-tenth the height of the dam, and 

the table is made for the same ratio of top width to base. For a dam of the 

same top width cut off the section at any 
desired height. For a dam of less top 

width, for example 12 ft. and 100 ft. high, 
draw a dam 12 ft. X 10 or 120 ft. in height, 
by reducing the given profile in the pro- 
portion of 120/200 and cut off a height of 
100 ft. Ifthe width of the top of the dam 
is less or greater than 20 ft., the pressures 

in columns 6 and 7 must be reduced or 
increased proportionately. 

For a dam having a top width of 12 ft. 
and a height of 120 ft., the maximum pres- 
sure on the base for reservoir full is 14.32 
X 0.6 = 8.59 tons per sq. ft., and for 

reservoir empty 14.65 X 0.6 = 8.79 tons 

per sq. ft. The minimum width of the 
top of a dam over 60 ft. should be at least 
8 ft., and this width must often be arbi- 

Fig. 93 trarily increased by the designer on ac- 
count of the pressure of ice. The height 

of the dam above high-water level varies from 2 ft. in low dams to 10 ft. in 
high dams. The tables and profile recommended are for dams upon impervious 

Elements of Wegmann’s Practical Profile No. 2 
Slightly modified in fourth and fifth columns 

Maximum pressure, 
Depth of tons per sq. ft. 
water be- 
low top of 
dam, ft. 

Length of joint in feet Tangent of 

Reservoir|Reservoir 
A B full empty (o) Total 
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rock, no upward water pressure being considered: For dams upon pervious 
rock proceed as in trapezoidal and pentagonal dams. The profile recom- 
mended is made without regard to the effect of ice pressure in tending to over- 
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turn the dam, except that the upper section has been arbitrarily increased 
- so as to provide for this pressure. For heavy ice pressures the specified pres- 

sures per linear foot at the water line can be taken into account in a graphic 
analysis. 

The Ashokan Dam, completed in 1912, in the lower Catskill region, for 
_ impounding the additional water supply of the city of Greater New York, has 

some novel features in design which are 
shown on F ig. 94. The length of the central 
and masonry section of the dam is 1000 ft., 
height 220 ft., width of base 190.2 ft., width 

2 of top 23 ft., which is corbeled to 26.3 ft. 
= The dam is built of cyclopean concrete faced 

with solid concrete blocks laid up as 
cEisee2 ashlar. The interior of the masonry 
“is drained into galleries approximately 

level, one at the water level and the 
other about 40 ft. above the 
base. The galleries are con- 
nected at intervals by vertical 
porous concrete drains. This 
drainage system is designed 
to intercept water so as to 

prevent seepage 

h h ‘ Lae through the dam 

te — 26/4 5 

Concrete —_ — 

VANS) 
joka Original surface of rock ~ 

s 
20 0 20 40 10 4 8 12 16 
ee Assumed line 

of excavation Feet Meters 

Fig. 94. Maximum Section of Ashokan Dam 

A Spillway Dam is one built to discharge water over its crest. The design 
of the spillway dam embodies all the essential features of the design of masonry 
dams in general and besides must provide for the thrust and discharge of the 
overtopping water. The spillway dam is subjected to all the forces of a reser- 
voir dam and in addition to the pressure of the overtopping water and, if 
not properly designed, to a pressure resulting from the formation of a partial 
vacuum between the face of the dam and the overflowing water (Art. 20). 
To prevent the formation of such a vacuum the face of the dam must have a 
sufficiently flat slope so that the falling sheet of water will not separate from it 
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in transit from the top to the bottom. Special care must be taken to so design 

the bottom of the dam that the water in leaving the dam will cause a minimum 

amount of erosion. This is accomplished by so designing the base of the 

dam that the delivery of the water is tangential to the stream bed below the 

dam. If itis not of the hardest rock, the lower stream bed adjacent to the dam 

should be paved with concrete or masonry and in some cases a pool is created 
at the toe of the dam to absorb the shock of the falling water. If the designer 
is not experienced in the erosive action of falling water he should, before design- 

ing the spillway section, make a thorough study of such effect by observing 
the erosion at other existing dams. Often the paving is made too light or is 
not carried far enough below the dam, or the downstream end of the paved 
apron is not provided with a proper cutoff trench filled with masonry. 

Unless it is made with the greatest care and of the best grade of materials, 
concrete has not usually been found satisfactory for the discharge surface of 
spillways, especially of high dams and those built in northern latitudes. The 
writer recommends concrete for the discharge surface of spillways only in 
southern latitudes, or in northern latitudes for spillway dams having a height 
not exceeding 50 ft. For higher dams and those in northern latitudes it is 
recommended that the discharge surface be paved with either hard brick 
thoroughly bonded to the concrete backing or with ashlar built of hard and 
durable stone. 

The Form of the Crest, as shown by the Cornell experiments on weirs (Sect. 

13, Art. 14), has an important bearing on the discharging capacity and on the 
economy of spillway dams. It is often difficult, in narrow valleys of large drain- 
age area, to get sufficient length of spillway to discharge freshets without a great 
depth of water passing over the dam. Every effort should be made to keep 
this depth a minimum because it increases the pressure on the dam and the 
scour at the bottom and increases back water and thereby floods more land. 

Flat-topped rectangular dams up to 1 ft. top-width discharge practically the 
same volume of water as the standard sharp-crested weir. With wider crests, 
the discharge diminishes rapidly, a 6-ft. horizontal crest passing only 80% of 
the standard discharge. So-called compound crests (Fig. 96), with a sloping 
top (dotted line in figure), discharge more than standard weirs, the volume of 
discharge being about 20% more for an inclination of 45 deg. of the sloping top, 
which is connected by a circularly or parabolically rounded portion to the 
down-stream face. This face should be inclined about 30 deg. to the vertical 
(Fig. 96) so that the nappe of the overflowing water will adhere. For any 

dam the precise profile to insure an ‘“‘ adherent nappe’’ may be computed by 
the ordinary principles of hydraulics, assuming the depth of the overflow. 

The sloping top is also useful in preventing injury of the upper part of the 
dam, due to ice and logs, and also reduces ice pressure of the reservoir if full, 
since the ice will slide up the slope without exerting pressure. 

If to the compound crest and sloping face a smooth transition to the river 
bed or to an apron protecting same is added (ik in Fig. 96) the familiar ogee 
section results. This section, which, in masonry spillway dams, is of general 

use, not only approximates the theoretical economical section, but possesses 
several practical advantages. The lower curved part helps to keep the eddies 
and back waves at a distance from the toe of the dam and thereby protects the 
dam against the impact of logs and ice revolving with great velocity in these 
eddies and waves. The inclined face and the rounding of the downstream 
top make the falling sheet of water adhere to the dam, eliminating the possi- 
bility of a vacuum below the nappe, and help somewhat to destroy by friction 
a part of the energy of the falling water. This energy may be very large and 
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is the cause of the greatest danger to spillway dams by the scouring action 
upon the bed of the stream at and near the toe. The destruction of this energy 
is sometimes attempted by building the downstream face in steps, as for in- 
stance at the Pedlar River dam in Virginia (Fig. 97). The Gilboa Dam of 
the New York City water supply was built with a stepped spillway, the action 
of the steps in dissipating the energy of the overflowing water being increased 
by the addition of baffle vanes on the top step. (See Trans. Am. Soc. C. Ei, 
Vol. 86, p. 280.) The use of 4 stepped spillway may not be advisable with a 
concrete dam in that it means the pounding out of the energy of the overflow 
upon the dam itself. This may result in rapid wear of the concrete steps, 
requiring numerous expensive repairs; and the rounding off of the steps may 
destroy their effectiveness in breaking up the sheet of overflowing water. 
The face of the Bassano dam (height of spillway 38 ft., 13 ft. of water over the 
crest) is equipped with two staggered rows of baffle piers built like snow plows 
and pointed upstream. The baffle piers are not designed to take the shock of 
the falling water, but to split and divert the stream into interfering jets and so 
create eddies and disturbances within the body of the downstream pool, which 
is 50 ft. long. The Gatun dam (height of spillway 59 ft., 18 ft. of water over 
the crest) has two staggered rows of baffle piers on the apron close to the toe. 
These piers have vertical upstream faces, the upper row consisting of piers 14 
ft. wide and 9 ft. high and 12 ft. long. They are designed to take the shock 
and are faced with heavy cast-iron protection. The destruction of the kinetic 
energy of the falling water is almost complete. The cast-iron protection was 
later extended around the sides of the piers to prevent erosion of the concrete; 
and the spillway floor for a distance of 3 ft. in front of and around the sides 
of the piers was protected with 3/4-in. steel plates, for the same reason. 
The wear on the concrete was due only to the impact of the water, as 
there is no silt carried over the spillway. The metal protection has been 
quite effective. 

Baffle piers were also used on the spillway aprons of Pitt River Dams Nos. 3 and 4, 
in California, the baffles being staggered in two rows and placed just beyond the toé 
and in a pool about 15 ft. deep. (Trans. Am. Soc. C. E., Vol. 93, p. 451.) 

The necessity of adequate protection of a dam with free overfall is shown at natural 
waterfalls where at the foot a deep pool is formed in the stream bed. The erosion of 
the bed stops as soon as the pool becomes deep enough for the contained water cushion 
to take up and dissipate the shock of the falling water. A similar artificial pool, the 
bottom and sides well protected by heavy concrete lining, should therefore be built at 
the toe of free overfall dams, except in case of low dams on hard rock, ‘the dimensions 
of the pool and its lining being a function of the material of the river bed, the height 
of the fall and the volume of the discharged water. 

In the case of a spillway dam with an ogee face or any other form with adherent 
nappe, it is customary to protect the bed of the stream with a concrete or masonry 
apron for a considerable distance below the toe of the dam. The design of this apron 
on any but the hardest rock foundation is a matter of the greatest importance. Besides 
its function of protecting the bed from scouring, it also increases the percolation factor 
of dams built on sand, gravel or other pervious foundations. (Art. 30.) The apron 
should extend far enough downstream so that the river bed would be protected at least 
to the point where the velocity of the flow becomes normal, in other words where the 
velocity of the flow becomes the same as it was before the dam was built. The dissipa- 
tion of the energy of the water flowing over a dam apron may be conveniently and 
economically accomplished by the creation of the “‘ hydraulic jump ” close to the toe 
of the dam. (Sect. 13, Art. 17.) If this energy is not dissipated and the stream bed is 
readily erodible it may be highly important to create an hydraulic jump near the toe of 
the dam to save the expense of extensive paving down the stream. 

~ Professor Sherman M, Woodward (Eng. News-Rec., Vol. 99, p. 974) states in part: 
* There is some lack of agreement among authorities as to just what phenomena should 
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be considered to be the typical hydraulic jump, but probably all will agree that the 

jump occurs in its most definite, striking and conspicuous form when it is produced on 

a practically level floor by a stream of water moving with a high velocity striking 

against.a higher wall of relatively quiet water. In this typical jump the kinetic energy 

of the moving stream is transformed . . . into heat so that the out-flowing water 

moves away in a quiet, placid stream with a uniform low velocity . . . In order 

that the jump may form, however, there must be a definite mathematical relation 

between depth and velocity of the high velocity stream and the depth of the tail . 

water .... The easiest way to insure the formation of the jump is to provide a 

sloping floor so that by moving up or down the slope the jump may automatically 

adjust itself to such position as will provide the needed depth of tail water. Although 

a sloping floor provides a conyenient automatic regulation of the jump, it has the dis- 

advantage that if the floor is given much slope the nature of the slope is modified. If 

the slope is made greater than 1 on 3, experiments indicate that the certainty and 

effectiveness of the jump in destroying energy are perceptibly reduced. If the slope is 

made as steep as 45 deg. the usefulness of the jump is mostly lost.” 

See also “ Hydro-Electric Handbook,” by W. P. Creager and J. D. Justin, p. 142; 

Reservoin Level 

Tailwater. 
— 

Fig. 95 

“The Hydraulic Jump and Critical Depth in the Design of Hydraulic Structures,” by 
J. Hinds, Eng. News-Rec., Vol. 85, p. 1034. 

The thickness of the apron must be so proportioned that it will more than equalize, 
by its weight, the uplifting force from below, or it will ‘‘ blow up.” Weep-holes can 
be used if the foundation is seamy rock, but they should be avoided in material which 
easily erodes. It is best to give the apron a form similar to Fig. 87, where an artificial 
pool of moderate depth is formed. Such an apron is very efficient in dissipating the 
kinetic energy of the falling water and brings the location of the jump to the, point 
desired, i.e., to the lower end of the pool. Baffle walls on the ogee or on the apron will 
be found necessary only in the case of very high dams or if a very large volume of 
water is discharged. 

Rarefied air space forms between the nappe and the face of the dam if the nappe is 
not adherent and the space between the falling sheet of water and the dam is not con- 
nected with the outside atmosphere. Air ducts are occasionally provided for to equalize 
the pressure of the air, as shown in Fig. 97 illustrating the Pedlar River dam. There 
is, however, a tendency among engineers to attribute too much importance to the 
vacuum which may possibly occur behind the nappe (Art. 20), some authors stating 
that the hydrostatic pressure may thereby increase by as much as the full atmospherical 
pressure, equivalent to 34 ft. of additional head. Observations do not admit the pos- 
sibility of such a condition. When the air is gradually exhausted from behind the nappe 
by action of the falling water, a water cylinder is pushed up into the space between 
the nappe and the dam from the foot of the overfall. The height to which this cylinder 
(Fig. 95) rises is a measure of the rarefaction of the air and of the additional pressure 
upon the dam. The cylinder, however, reaches only a certain limiting height which has 



Art. 32 Details of Design of Masonry Dams 953 

_ been found to depend upon the quantity of the discharge over the spillway. When this 
height is reached, the nappe is pierced very soon and air admitted through it so that 
the pressure beneath the nappe again becomes atmospheric. In one case, where the 
water stood about 2-1/2 ft. over the crest, the nappe was pierced every 10 seconds 
with a thunderlike report, at which time the pressure of the air in the enclosed space 
under the nappe was diminished by about 1/20 atmosphere. The experiments were 
repeated with different amounts of the overflow and showed that the limit of the 
farefaction is proportional to the y 
thickness of the nappe. It is recom- 
mended, for a dam with non-adherent 
nappe and the space between nappe 
and the face not ventilated, that an 

- Increase of pressure on the back 
equivalent to 60% of the height of 
the water above the crest be con- 
sidered. 

The spillway dam is usually treated 
as a masonry dam with trapezoidal 

obs be Satenaeied 

Water 
Surface 

cross-section, the curved portion 
Aik (Fig. 96) being disregarded 
in design and investigation. For 
the magnitude of the acting 
forces and their point of appli- 
cation, see Art. 20 and Art. 21. 

The spillway dam at Austin, 
Tex., which failed in 1900, was 
60 ft. high and had an effective 
width at the base of 44 ft., the 
height of the water above the 
crest being 11 ft. at the time of 
the failure. Sliding occurred on 
the defective rock foundation 
and also shearing on four vertical 
cross-sections so that two pieces 
of the dam, each about 250 ft. 
long, were pushed out of the 
main portion and moved down- 
stream without overturning. For 
full details, see Eng. News, April 
14, 1910. 

The Siphon Spillway, a 
simple form of which is shown 
in Fig. 98, is adapted to cases 
where close regulation of re- 
servoir level is desirable. The 

Fig. 97. Pedlar River Dam common overflow spillway 

requires considerable rise of 
water surface above crest level before the discharge reaches any large amount 
unless the length of spillway is very great. The only way in which the dis- 
charge can be increased, without lengthening the spillway, is by increasing the 
head on'the spillway. This may be accomplished without raising the pond 
level by using flashboards or crest gates, or by constructing a conduit within 

benmabisnnity (Manono ple ao epiglt a 2 

ros 
0/ 20/40’60's0! Face of Dam 
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the dam with its discharge end at an elevation lower than maximum pond 

level. 

Flashboards may be used to limit backwater rise during floods, but do not 

give a close regulation of pond levels because the water must rise considerably 

above top of flashboards before the boards will go out and the boards cannot 

be replaced until the flood has subsided. Ordinary crest gates may be used to 

give close regulation of pond levels, even during floods, but they are not 

automatic like flashboards, and involve considerable expense for operation. 

Automatic crest gates may be used, but they are expensive, and their opera- 

tion may be uncertain due to complicated machinery, especially if they are 

designed to maintain close regulation of pond level. 

The siphon spillway is automatic and involves no operating cost and it per- 

mits close regulation of the pond level. While more expensive than an over- 

flow spillway with flashboards, it should 
compare in cost with crest gates, for 

the same discharge capacity. It may be 
used in conjunction with an overflow 

spillway, the siphon serving to regulate 
the pond level for ordinary rates of 
flow, while floods are discharged in 

part over the main spillway. As the 

water entrance is below freshet water 
level, this type of spillway is useful 
where it would be undesirable to dis- 
charge débris or ice below the dam. On 
the other hand, if close regulation of 
pond level is not essential, the siphon 

spillway may not be desirable, for it prevents storage of water above ordinary 
pond level, as is possible with flashboards, and it may involve considerable 

loss of water in case of a slight rise of pond level. 
The essential feature of a siphon spillway is that it takes advantage of a 

considerable portion of the head between pond water and tailwater level. 
The siphon consists of a conduit constructed within the dam, as shown in Fig. 
98, the upper entrance being below the desired maximum water level in the 
reservoir. The lower end of the conduit may discharge into the air or under a 
pool of water at the downstream side of the dam. The discharge end is placed 
lower than maximum water surface of the reservoir, but this difference should 
not be more than the atmospheric head unless the cross-sectional area of the 
conduit is reduced toward the lower end. For efficient operation the siphon 
at all points should lie below the hydraulic gradient (Sect. 9, Art. 8). The 
crown of the siphon is placed somewhat below maximum desired water !evel. 
An air vent must be provided from the top of the siphon to the upstream face 
of the dam, its upstream entrance lying between maximum desired water 
level and the level of the siphon crown. 

The discharge of the siphon in cubic feet per second is: 

Q=CAV/2eH 
where C is a coefficient depending on the detail of the conduit and the curves 
of entrance and exit and varying between 0.6 and 0.8, A is minimum cross- 
sectional area in square feet, H is headin feet and g = acceleration of gravity. 
As the velocity of flow varies with the square root of the head, the discharge 
does not change much for considerable variations in the head. If the total 
head from the highest point of the siphon to the outlet minus frictional losses 
is greater than atmospheric head, the lower end of the conduit must be reduced 

Max. Desired 
Water Level 
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in area in order to avoid breaking the water column. The capacity of the 
siphon, however, will not be increased by making the gross head greater than 
atmospheric head. 

In operation, as the water in the reservoir rises above the crown of the 
siphon, the air vent is cut off and water begins to flow through the conduit. 
The air trapped in the siphon is exhausted by the flowing water and siphonic 
action is quickly started. When the pond level starts to fall again, the air 
vent is exposed and admission of air to thé conduit breaks the siphonic action. 
The water will then merely flow over the crown of the siphon until the pond 
drops below this level. If an air valve is placed_at the top of the siphon, the 
siphonic <ction can be stopped or prevented by opening the valve. 

Where several siphons are used, their crowns may be placed at different 
elevations, so as to cause the siphons to come into action successively as the 
pond level rises, thereby preventing all the siphons from acting under a slight 
rise of pond level. At the Conklingville Dam of the Hudson River Regulating 
District, siphon spillways are provided in order to prevent breaking up the 
ice-sheet on the reservoir and canal due to a sudden rise of water level above 
the overflow spillway. In some cases, the siphons have been constructed 
at a convenient location near the dam, but separately from the dam itself. 
Siphons have also been used in place of sluice gates in canal locks. (See paper 
on “ Siphon Spillways” by G. F. Stickney, Trans. Am. Soc. C. E., Vol. 85, 
p. 1098; also Eng. Rec., Vol. 67, p. 488.) 

A Shaft Spillway consists of a vertical shaft usually built in rock connected 
with a tunnel for the purpose of discharging water from the upper to lower 
ponds in lieu of the normal spillway. It may be economically used in con- 
nection with am earth-fill or rock-fill dam and where the cost of a separate 
spillway built adjacent to the earth-fill or rock-fill dam would be prohibitively 
expensive, or in a narrow and deep gorge where the handling of freshet water 
during and after construction cannot be satisfactorily worked out without it, 

The writer has had occasion to design two 
such spillways where the shaft type was nec- 
essary because of the narrowness and depth 
of the gorge, the available width being hardly 
more than was required for the power house, 
and this type affording the further advantage 
of using the tunnel portion of the spillway 
during construction. Fig. 99 indicates a 
shaft spillway and tunnel planned for an arch 
dam in a narrow gorge. A somewhat similar 
spillway was built at an earth-fill dam on 
the North Platte River, Wyoming. (Eng. 
News-Rec., Vol. 100, p. 264.) 
A shaft spillway was used at Davis Bridge 

Dam (see article by Ford Kurtz, Trans. Am. 
Soc. C. E., Vol. 88, p. 1). This type of spill- 

PLAN way was built in connection with an earth-. 
fill dam, the tunnel being used during the 
construction period and the shaft in con- 
nection with the tunneljafter completion. 
The article referred to goes carefully into 

the hydraulics of the design, and is followed 

| 

SECTION A-A by most interesting criticism. 

: Special care is required in the design 

cb Fe to insure that the actual discharge 

capacity of the shaft for a given head will be equal to that assumed, or the 

reservoir level may rise to dangerous height in case of flood. The mouth of 
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the shaft must be protected against inflow of logs and ice in order to avoid 
damage to the lining of the shaft and tunnel, and if high velocities are used 
in the shaft and tunnel the lining must be given careful consideration. Where 
large trees may be carried by the stream as a result of freshet in storm, care 
must be taken to protect the tunnel against stoppage in whole or part. 

33. Arched Dams 

Single Arch Dams. When a masonry dam is to be built in a gorge with 
firm rock sides it may be economical to curve it in plan so that it will act as an 
arch, although the masonry near the rock foundation will act partly as a can- 
tilever beam. Even in a high, straight gravity dam in a narrow gorge, it is 
obvious that arch action must take place to some degree, although this may 
reduce to a wedging effect in extreme cases. Consideration of arch action 
will permit the use of less masonry than in the gravity type. This saving 
will be increased where the costs of materials and labor are high as in the case 
of dams built at inaccessible places. 

Although there are obvious economies in the volume of masonry required 
in an arch dam, there are certain objections: 

1. The internal stresses are more indeterminate than for a gravity dam, 
and therefore low unit stresses must be used in the design. 

2. In the upper portions where the masonry is thin, greater care must be 

taken to build a watertight structure, seeping through the masonry being 
detrimental on account of leeching out of soluble material and injury by 
freezing. 

3, The rock foundation, being subject to high pressures, must be of good 
quality. 

An arched dam may be considered as consisting of two systems of structural 
elements: 

1. Horizontal arches cut by parallel horizontal planes. 

2. Vertical elements contained between radial planes which transfer part 
of the water load directly to the foundation through beam action. If these 
elements are fixed to the foundation they will act as cantilevers. 

To determine the approximate thickness, use the “ cylinder formula,” 

T. = PR/s, 

where T = thickness of the arch ring in feet; 
R = radius of upstream face in feet; 
P = water pressure in pounds per square foot; 
s = allowable stress in pounds per square foot. 

It will be noted from this formula that the thickness increases with the height, that is, 
with the water pressure, and decreases with the assumed allowable’stress. It may be 
proyen theoretically that the volume of concrete will be a minimum when R is such 
that the subtended angle between the abutments is about 133 deg. This principle 
forms the basis of design of the “ constant angle ” form of dam. (Trans. Am. Soc. C. E. 
Vol. 78, p. 685). : 

A few years ago all arched dams were designed by the cylinder formula, 
this being possible because of the low unit stresses assumed. In designing 
high dams, however, and for economy of material, a more accurate method of 
computation is desirable. In such designs the influence of cantilever action 
is considered. ‘The problem then is divided into two parts: 

1. Division of the water load between the arches and the cantilevers. 
2. Computation of stresses in the arches and in the cantilevers. 
The problem is complicated by the fact that, although the arches may be 

symmetrical, the cantilevers are not all the same length. As the subdivision 

too 



eae 

» 

Art. 33 Arched Dams 957 

of the load between arches and cantilevers depends upon relative stiffness, in 

any given horizontal arch the portion of the water load carried by the arch will 

be much greater in the middle than near the abutments. This factor, how- 

ever, is disregarded in most methods of analysis. 

The methods that have been recently developed for analyzing arch dams are sum- 

marized below, the details being omitted as it is evident that more correct methods of 

analysis are in the process of early development with the help of models. 

1. Method of F. A. Noetzli (Trans. Am.Soc. C. E., Vol. 84, p. 1). The distribu- 

tion of water load is computed at the center of the dam (crown of the arches) and is 

assumed to be the same throughout the length of the dam. The relative amount of 

load carried by the arches is fixed by the condition that the deflection of any arch at 

the crown must be equal to the deflection of the cantilever at the same elevation. A 

trial division of the load is assumed and the deflections computed, the load division 

being adjusted until the deflections of the arches and cantilever are approximately the 

same. Arch deflections are computed approximately for temperature and load, the 

arch being assumed to have hinged ends. Noetzli’s method neglects the following: 

(a) Influence of shear. 

(b) Influence of Poisson’s ratio (the fact that an elastic material that is under stress 

in one direction will develop strains in a plane at right angles to that direction). 

(c) Unsymmetric profile of dam. 
(d) Temperature and shrinkage cracks. : 

2. Method of B. H. Smith (Trans. Am. Soc. C. E., Vol. 83, p.. 2027). This method 

is a mathematical analysis of 
(a) A cylindrical dam of uniform thickness. 

(b) A cylindrical dam with a trapezoidal cross-section, the thickness therefore vary- 

ing uniformly from crest to base. This method involves most of the approximations 

of Noetzli’s method, but is possibly more precise mathematically, though its application 

is complicated. 

3. Trial Load Method. Described by C. H. Howell and A. C. Jaquith (Trans. 

Am. Soc. C. E., Vol. 93, p. 1191). This method is similar to Noetzli’s but takes into 

consideration the variable heights of the cantilevers and the unsymmetric dam profile. 

The arch deflections are computed by the elastic theory, taking into consideration 

temperature and rib shortening. This method seems more laborious than Noetzli’s 

but appears to be somewhat more accurate. 

In all the foregoing methods the computation of the arch stress is dependent on the 

assumptions as to distribution of water load over the arches, that is, the division of the 

water load into that carried by the masonry as an arch and as a cantilever. If the 

loading on any given arch is assumed to be uniform throughout its length (as in 

Noetzli’s and Smith’s methods) the computation of arch stresses may be simplified 

by the use of formulas that have been developed by Professor Wm. Cain (Trans. 

Am. Soc. C. E., Vol. 85, p. 233; Vol. 90, p..522).. These formulas have been plotted 

diagrammatically by F. H. Fowler (Trans. Am. Soc. C. E., Vol. 92, p. 1512). The 

Cain formulas assume horizontal circular arches of constant thickness, fixed or hinged, 

and subjected to uniform water pressure. These formulas include the influence of 

shear on arch stresses, and take into account that the neutral axis of a thick arch 

js closer to the intrados than the extrados. If the arch load is not assumed as uniform, 

the elastic method of arch analysis must be used. (See also Trans. Am. Soc. C. E., 

Vol. 93, p. 1191.)* 
The theory of arch dams involves so many indeterminate factors and is so difficult 

of mathematical analysis that attempts have recently been made to check the avail- 

able theoretical analysis or enable the development of better methods by means of 

experiments on models. Engineering Foundation made observations of an experi- 

mental arch dam at Stevenson Creek, California. This dam was 60 ft. high, 2 ft. thick 

» at the crest, 7-1/2 ft. thick at base, and had a constant upstream radius of 100 ft. 

It was built in a narrow canyon. Facilities were provided for measuring deflections, 

strains and temperature changes. 

* An excellent paper on “ Load Distribution in High Arch Dams,” by R. A, Suther- 

land (Trans. Am. Soc. C. E., Vol. 93, p. 1623), gives a summary of various methods 

of determining load distribution on arch dams, and develops formulas and diagrams 

to assist in-computing loads and stresses. 
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The Stevenson Creek experiments have also been checked by tests upon a celluloid 
model made by Prof. G. E. Beggs. A model was constructed to a scale of 1 to 40 and 
loaded with mercury in order to magnify the liquid load. The results of the model 
experiments compared with those at Stevenson Creek are indicated in Figs. 100, 101 
and 102. 

The laboratory experiment furnishes an excellent check upon the field tests. It is 
thought that the reason for certain disagreements was the cracking of the concrete in 
the Stevenson dam, and that results from the celluloid model would check the Steven- 
son Creek Dam even more closely if the model were grooved deeply to simulate 
cracks in areas of high tensile strain. Both experiments indicate combined arch and 
cantilever action; and they show that an appreciable portion of the water load at the 
intermediate levels is transferred to the upper arches through the cantilevers, as indi- 
cated by the fact that the curvature of the cantilevers is reversed near their upper 
end. Fig. 100 shows the peculiar effect of an appreciable upstream deflection near the 
quarter points of the upper arches. The field and laboratory experiments indicate 
that the theoretical methods should give approximately correct values for stresses in 

» the dam, provided proper assumptions are made as to the degree of fixity of the dam 
at the base and at the abutments. The report of the Committee on Arch Dam In- 
vestigation of Engineering Foundation is published in Proc. Am. Soc. C. E., May, 1928. 
Every engineer engaged on design of arched dams should study this report carefully. 

It is believed that the use-of laboratory models is worth while in the design 
of large arch dams and as a check on’stresses computed by theoretical methods. 

The writer, though convinced of the economy resulting from the use of arch 
dams in narrow rock gorges, thinks that the design should be conservative in 
the unit stresses used because of indeterminate stresses. Based on a 1 me ee 
portland cement concrete made according to the best practice and with 
first-class aggregates, the maximum unit stress computed by the more accurate 
methods should not exceed 400 lb. per sq. in. The following stresses com- 
puted by the cylinder formula were used in design: 

Lb. per “rans. 
sq.in. | Am. Soc. C. E. 

—_—_--——————— 

Barren Jack Dam, New South Wales....... 1907 264 Vol. 78, p. 603 
Huacal Dam, Sonora, Mexico.............. 1912 225 Vol. 78, p. 603 
Goodman Dam, California................ 1913 300 Vol. 78, p. 603 
Lake Spaulding, California. ..0.. 000.050... 1913 330 Vol. 78, p. 716 
Salmon "Creek Alaska? ?)¢ A008 18 NO SioGny 1914 330 Vol. 78, p. 708 

Loyd badowren if 225 Vol. 84, p. 106 

Multiple-Arch Dams. The multiple-arch dam will be found economical in 
many locations. This type requires less masonry than the gravity dam but 
involves more labor. If of concrete, the formwork is increased and the nar- 
rowness of the forms results in a higher cost of placing. Usually reinforcing 
steel is.also required. Further, on account of the thinness of the masonry the dam must be built more carefully to insure strength and watertightness 
and is therefore more expensive per unit. 

In approximate terms, the multiple-arch dam on a rock foundation will require from one-fourth to one-half as much concrete as a solid gravity dam and will cost from one-half to two-thirds as much as the gravity type. It.is more advantageous where the cost of materials is high and the cost of skilled labor is relatively low. Ina spillway dam the saving in material and cost is smaller, due to the necessity of providing a slab upon the downstream side of 
the buttresses for the overflow water. 

This type of dam, if an inclined back is used, has the further advantage of making use of the weight of the water upon the inclined back to increase the 
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stability against sliding and overturning and to obtain a lower pressure per 
square foot upon the foundations. 

On a rock foundation the only advantage a multiple-arch dam usually offers 
is a saving in cost. Ona soft foundation it may be the only feasible masonry 
type, the designer having to choose between a multiple-arch dam or an earth- 
filled dam due to, the fact that a gravity section brings excessive pressures 
upon the soft foundation. Further, the wide base of the multiple-arch type 
increases the distance the water must travel under the dam and therefore the 
safety of the structure. With a multiple-arch dam, by flattening the slope of the 
back and by steepening the face of the buttress as in Fig. 103, the pressure 
upon the foundation may be distributed over a very large area. 

When constructed upon a soft or porous foundation special provision must 
be made to prevent percolation of the water under the dam and the washing 
out of the sub-soil (for discussion of cutoff walls see Art. 30). A recent 
multiple-arch dam upon a soft foundation was constructed at Sherman Island 
in 1922, which is shown in Fig. 103. (Trans. Am. Soc. C. E. Vol. 88, p. 1257.) 

Uplift Pressure 
at ordinary 
Flood Level Et. 255s Total Vert. Pressure SECTION A-A 

D 4643 Lb. per Sq. Ft. 
TYPICAL SECTION THROUGH MAIN DAM 

Urom Troms, A.S.C.E Vol 88, pg. 1267) 

Fig. 103. Sherman Island Dam 

The early designs of multiple-arch dams were constructed with buttresses 
which were braced together with tie struts to prevent buckling and to take 
the unbalanced arch thrust during construction. With this type of buttress 
the economical limit of height is about 125 ft. More recent designs use hollow 
buttresses or solid buttresses with counterforts which serve the same purpose 
as tie struts. With buttresses of this type it has been possible to construct 
economically multiple-arch dams, more than 200 ft. in height, on rock foun- 
dations. ; 

On soft foundations, sand or gravel, the possible safe height of the dam is 

limited by the practicability of getting a water cutoff and also by the low sup- 
porting capacity of the foundation bed. Assuming the maximum safe depth 
of the steel sheet pile cutoff in sand or gravel at 75 ft., the maximum safe 
height of a multiple-arch dam is thought to be less than 100 ft. Even if a 
concrete caisson cutoff is extended to rock, the practical safe height is prob- 
ably not greater than this due to the resulting high pressures upon the 
foundation bed. 

In order that the resultant thrust of adjacent arches may lie parallel to 
and substantially coincident with the middle line of the buttresses, all arches 
should have the same span in any multiple-arch dam. If this is not possible 
the buttresses must be designed to take the unbalanced thrusts. 

The economical arch span will depend somewhat upon the height, being 
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about 25 ft. for a dam 30 ft. high, and increasing to 50 ft. for a dam 100 ft. 
high. This theoretically economical span, however, must be reduced for soft 
foundations in order to avoid excessive bending in the foundation slab between 
buttresses. 

If the dam is built with an inclined back the arches should preferably be 
circular in any horizontal plane, resulting in an ellipse on a plane normal to the 
axis of the arch barrel. The horizontal radius of the upstream face should be 
constant throughout, and for a minimum of material the angle subtended be- 
tween the abutments should be between 120 and 145 deg. The amount of 
material saved by this limitation of angle is, however, small unless the angle 
is smaller than 100 deg. or greater than 160 deg. The economical slope of 
water face will usually vary between 50 and 60 deg. with the horizontal, but 
with a soft foundation the slope should be flatter in order to spread the load 
over a greater foundation area. For convenience and economy in construc- 
tion of inclined arches, it may be advisable to design the extrados and intrados 

on a section normal to the axis in the form of a three-centered curve approx- 
imating an ellipse. In this way the horizontal sections can be maintained 
approximately circular. The form work will be greatly simplified if the 
same intradosal curve is used throughout the height of the dam and if the 
increase in the thickness of the arch is attained by offsetting the interior or 

exterior forms at intervals. 
After a preliminary design is made a check should be made of the arch 

stresses, considering the water pressure and the weight of the concrete. The 
arch should be analyzed in slices perpendicular to the axis, the arch being 
divided into voussoirs with lengths such that J/s is constant (see Art. 39). 
The weight of each voussoir should be resolved into two components, one 
parallel to the sloping face of the arch and one normal to the slope, that is, 
in a direction parallel to the plane of the abutment. The water load upon 
each voussoir should be added to the second component of the weight and the 
arch analyzed by the usual methods. For preliminary design the static 
method may be used (Art. 36). The final design should be checked by the 

elastic method (Art. 38) and the effect of temperature and rib shortening con- 
sidered (Art. 40). It may be necessary in large arches to consider combined 

temperature and dead load with the reservoir empty. The arches should not 
be made unnecessarily heavy as this will cause high stresses from temperature 

changes when the reservoir is empty. If the computations indicate that ten- 

sion will exist in the concrete, reinforcing steel must be introduced in the 

design and construction. 
The upper portions of the arches should not be made very thin, because 

the difficulty of placing the concrete, especially if reinforcing steel is used, 

would be increased and the watertightness jeopardized. If the arches are 

vertical the thickness should be further increased where ice pressure is ex- 

pected. 
_ The buttresses should be analyzed as gravity walls, considering the com- 

puted reactions of the arches and the weight of the buttress and_ bracing. 

If, however, the arches are vertical the weight of the arch concrete cannot be 

assumed to be of value against overturning unless there is sufficient shear value 

to transmit the concrete arch weight to the buttress. The method of analyz- 

ing the buttresses will be similar to that given in Art. 31 for masonry dams. 

If the dam is high it may be necessary to brace the buttresses by struts or 

counterforts or by using the hollow reinforced type. (Trans. Am. Soc. C. E. 

Vol. 87, p. 342.) 
Tf the buttresses rest directly upon the foundations (rock or hardpan) it will 

be unnecessary to consider hydraulic uplift; if the buttresses rest on spread 
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footings (soft ground) or a continuous foundation slab, uplift must be con- 
sidered. 

A multiple-arch dam with a steep face is likely to have a small factor of 
safety against sliding upon the foundations, requiring special provision against 
sliding by roughening the foundation or providing keyways (see Fig. 103, 
showing Sherman Island Dam). 

In the higher dams of reasonably thick cross-section, considerable saving 

in cost may be obtained by the use of large-sized aggregate; but watertightness 
is jeopardized unless the arch cross-section is relatively large. 

It is of special importance that the foundation of a multiple-arch dam upon 
soft ground shall be uniform, to guard against cracks and leakage of water. 
In the case of Sherman Island dam 90% of the buttresses rest on a concrete 
slab built upon sand; the buttresses at either end, however, rest upon rock. 
In order to prevent non-uniform settlement, it was necessary on one side of 
the river to excavate the rock and cover it with 2 ft. of sand upon which the 
buttress slab was constructed. 

In constructing this type of dam it is probable that the arch action may be 
developed by the impounded water back of the dam before it is complete. 
This assumes that the dam will first be built for one-half or two-thirds the 
river width, the freshet water discharging in the remaining portion of the river. 
If the remaining width of the river is not adequate, water will be impounded 
against the back of the arches of the incompleted dam and therefore provision 
must be made to take this unbalanced thrust, either by having an anchor 
buttress at the end of the incomplete series of arches or by provision of tie 
struts. Such enlarged buttresses or tie struts are recommended in any large 
series of multiple arches to facilitate construction. 
Among recent multiple-arch dams constructed on soft foundations may be 

mentioned: 

Sherman Island Dam (Fig. 103), constructed on Hudson River in 1921-23. 80 ft. 
high, 590 ft. long; buttresses 19 ft. on centers, standing on concrete base 108 ft. by 
3 ft. Upper portion of arch barrel 18 in., lower portion 24 in. thick. Built on sand, 
with steel sheet-pile cutoff. Interior of bays filled with sand to increase resistance to 
sliding. Apron slab extended 50 ft. downstream to increase length of water travel under 
dam; sand fill on upstream side for same purpose. (See also Art. 30, p. 937, Dams 
Built on Sand.) 

Cave Creek Dam, near Phoenix, Arizona (1922). 60 ft. high above river bed, 
120 ft. to foundation of cemented gravel. Buttresses 44 ft. on centers. Total length 
1692 ft. Upstream face vertical at top and curved to 56 deg. slope 80 ft. below crest; 
below this point, arches are vertical. (Trans. Am. Soc. C. E., Vol. 87, p. 402). 

The following are some of the high multiple-arch dams constructed in recent 
years: 

Palmdale Dam, Little Rock Creek, California (1923-24). Maximum height 175 ft.; 
690 ft. long. Buttresses 24 ft. on centers, braced with tie struts and counterforts. 
Arch slope 45 deg., top 10 ft. vertical. 

Lake Pleasant Dam, Arizona (1927). Maximum height 256 ft., 170 ft. above river 
bed; 1850 ft. long. Double-wall buttresses, 16 ft. out to out, with cross walls. But- 
tresses 60 ft. on centers; no tie struts. Arch slope 47 deg. (Eng. News-Rec., Vol. 100, 
p. 180; Vol. 102, p. 275.) ‘ 

Sutherland Dam, Santa Ysabel Creek, near San Diego (started Feb., 1927). Maxi- 
mum height 180 ft.; length 780 ft. Buttresses 60 ft. on centers, 3 ft. thick at crest, 
and 10 ft. thick at 180-ft. level. ; 

Tirso Dam, Sardinia (1919-23). Maximum height 239 ft.; length 930 ft. But- 
tresses of cut-stone masonry, 49.2 ft. on centers, 8.2 ft. thick at top, 23.8 ft. thick at 
200-ft. level; with tie struts. Arches of concrete. Arch slope 57 deg. (Trans. Am. 
Soc. C. E., Vol. 87, p. 397.) 



» 

Art. 34 General Data for Arches : 963 

Pavana Dam, Italy (1924-25). Combination of multiple-arch and hollow gravity 
types. Maximum height of multiple-arch section 177 ft.; spans 54.1 ft. Arch slope 
60 deg. 

Tidone Dam, Italy (1924-25). Maximum height 171 ft.; length 900 ft. Buttresses 
32.8 ft. on centers, 2.3 ft. thick at top, 7.2 ft. at base. Arch slope 45 deg. 

Gleno Dam, Italy. As built, about 160 ft. high. This dam failed, but the failure 
was due to improper construction and not to its design as a multiple-arch structure. 
This is the only recorded instance of the failure of an arch dam. 

The Flat-Slab Reinforced-Concrete Darfi is closely related to the multiple- 
arch dam. This type is known as the ‘“ Ambursen Dam.” It is a hollow 
structure, with buttresses similar to those of the multiple-arch dam, but the 
upstream face is built of flat reinforced-concrete slabs instead of masonry 
arches. The action of the structure as a whole is similar to that of the multi- 
ple-arch dam. Therefore all the statements under the heading Multiple-Arch 
Dams, except those referring to the arches, will apply to the Reinforced-Con- 
crete, or Ambursen Dam. This is true as to economical location, stability and 
safety, precautions to be taken with soft or porous foundations, slope of water 
face, design of buttresses, safe height, uplift, safety against sliding, and im- 
portance of uniform foundation. 

The Flat-Slab Dam has certain advantages over the Multiple-Arch Dam: 

(1) It is less subject to injury due to slight inequalities in settlement of the 

buttresses, on soft foundations. (2) The formwork is less expensive. (3) 

There are no unbalanced arch thrusts on the buttresses during construction. 

The Flat-Slab Dam has the disadvantage that the economic span (distance 

between buttresses) is less than for a multiple-arch dam. This spacing is 

generally between 15 and 20 ft. Expansion and contraction under tempera- 

ture variations are arranged in the flat-slab dam by providing a sliding joint 

on both sides of each deck slab. Expansion and contraction of the multiple- 

arch dam are taken up by the flexibility of the arches, which must be ade- 

quately reinforced for the resulting stresses. 

The details of design will be similar to those of other reinforced concrete 

structures (Sect. AL); 

MASONRY ARCHES AND PIERS 

34. General Data for Arches 

Definitions. Fig. 104 shows most of the technical terms relating to the 

‘construction of stone arches. The span is the horizontal distance between 

abutments. The soffit is the under or concave surface of an arch. The 

back is the upper or convex surface of an arch, marked BBB in figure. The 

rise is the vertical distance between the lowest and highest points of the soffit. 

The crown is the highest part of the arch ring. The skewback is the in- 

clined surface or joint upon which the end of an arch rests. The springing 

line is the inner edge of the skewback. The axis is an imaginary horizontal 

line, parallel to the abutments, passing through the middle point of a line 

joining the springing lines; in an arch built to withstand horizontal pressure 

only, as for a shaft, the axis is vertical. The intrados is the line of intersec- 

tion of the soffit with a vertical plane perpendicular to the axis. The extrados 

is the line of intersection of the back with a vertical plane perpendicular to 

the axis. The arch ring is the entire arch included between the skewbacks, 

the soffit and the back. The haunch is the portion of the arch ring between 

the springing line and the crown; haunching or backing is masonry, with bed 

joints nearly horizontal, which is placed above the haunch. The spandrel 



964 Masonry Arches and Piers »  Seet 21.0 

is the space between the extrados and the roadway, marked SSS in figure. 
Spandrel filling is earth deposited between the back and roadway. A vous- 
soir is one of the wedge-shaped blocks of stone or concrete of which the arch 
is composed; in design the voussoir is regarded as having a depth equal to the 
depth of the arch ring, but in construction the voussoir may be of less depth; 
the keystone is the highest voussoir. Ring stones are voussoirs which show at 
the ends or faces of the arch ring. Arch sheeting comprises all voussoirs ex- 

ly 
at a 
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Fig. 104. Technical Terms for Masonry Arches 

cept the ring stones; in concrete arches, which are not faced with stone vous- 
soirs, the term arch sheeting includes the entire arch ring, 

Kind of Arches. Hinged arches are those with stone, steel or lead hinges 
at crown and springing line; hinged masonry arches are always built with three 
hinges. Fixed arches are those constructed without hinges. A full-centered 
arch is one whose intrados is a semicircle. A segmental arch is one whose 
intrados is less than a semicircle. A pointed arch is one in which the intrados 
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Fig. 105. Spandrel Arches and Columns 

consists of two arcs of radii greater than the half-span, these arcs intersecting 
at the crown. A right arch is one terminated by vertical planes perpendicular 
to its axis. A skew arch is one terminated by vertical planes oblique to its 
axis. Spandrel arches are those which rest upon the back of the larger or 
main arch; they are called transverse when their axes are parallel to that of 
the main arch (Fig. 105a) and longitudinal when their axes are at right angles 
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to that of the main arch (Fig. 105)). Spandrel columns are shown in Fig. 

105c. 

Loads. Dead load includes the weight of the masonry itself, the weight 
of the spandrel filling and that of the roadway. The live load to be used in 
investigating a masonry arch is the greatest that comes or is liable to come 
upon its roadway, while for design that given in the specifications is to be 
employed. Since the spandrel filling distributes the load to a large extent, 
uniform live loads are often used, about 150 lb. per sq. ft. for heavy highway 
traffic and about 700 lb. per. sq. ft. for rail*oad traffic for spans over 80 ft., 
and 1000 Ib. per sq. ft. for shorter spans. Culverts and small arches are 
designed for a uniform live load over the entire span. Larger arches are to be 
analyzed not only for full uniform load but also for a live load extending over 

certain portions. 

Earth-filled arches should be designed for uniform live load over the span and half- 
span. Arches with the roadway supported on spandrel arches or spandrel columns 
should be designed for uniform live load over the span, half-span, middle-third of the 
span, and the outer thirds of the span. Narrow highway arches with spans under 
100 ft., and all railway arches should be designed for concentrated loads. Impact of 
live loads need not be generally considered except for short span arches with arched 
or column spandrels. In northern latitudes a snow load of 25 Ib. per sq. ft. over the 
entire span should be considered for a highway bridge if a uniform live load of less 
than 100 Ib. per sq. ft. is provided for. Arches for aqueducts must be figured for the 
live load of the water. Wind loads are rarely taken into account for the arch, but may 
be needed for a pier. 

In computations an arch one unit in width parallel to the axis is considered. The 
total live load over the portion considered being divided by the width of arch gives the 
weight per unit of width, and this may be reduced, for convenience of representation 

on the drawings, to a rectangle whose height is that of an equivalent weight of masonry. 

For an Arch with Horizontal Axis under water pressure, the loading at any 

point of the extrados depends on the depth of that point below the water sur- 

face, and its direction is normal to a tangent to the extrados at that point. 

If the arch is circular, bending moments as well as thrusts are developed in the 

arch. For symmetrical arches, the loading (both dead and live) will be sym- 

metrical. The arch may be analyzed by the usual methods, taking into con- 

sideration both the vertical and the horizontal components of the water 

pressure. 

A Horizontal Thrust H (Fig. 109, Art. 35) is produced at the crown when 

the arch is loaded symmetrically. For non-symmetrical loading an inclined 

pressure P acts at the crown, and its horizontal component H is also called 

the horizontal thrust for that loading. The semi-arch is held in equilibrium 

by the system of forces consisting of the horizontal crown thrust, the vertical 

loads and the reaction of the skewback. For any joint 2-2 the part of the arch 

on the right is held in equilibrium by the horizontal thrust #7, the vertical 

loads W; and We and the reaction of the arch below the joint. This reac- 

tion is equal and opposite to the resultant of H and the loads Wi and W2, 

and the point r2 where this resultant cuts the joint is a point in the resistance 

line, the definition of this term being the same as in Art. 23, except that in 

the arch the joints are not horizontal. The resistance line itself is a curve 

joining the points 0 717.737475. ° 

A Linear Arch is a curve which is in equilibrium under the action of a given 

system of loads; it is an equilibrium polygon with an infinite number of sides. 

Tn an actual arch the resistance line is a linear arch for the actual loading. 

Each kind of loading has a linear arch which corresponds to it and which holds 

that load in equilibrium. The three simplest cases are: (1) The linear arch 
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for water pressure isa circle if the axis of the arch is vertical or if the depth 
of water over the crown is very large compared to the rise of arch (Fig. 106a)-. 
(2) The linear arch for uniform horizontal load is the common parabola (Fig. 
1066). (3) The linear arch for a load of uniform density between a horizontal 
roadway and the curve itself is the transformed catenary (Fig. 106c). Let 
a be the half-span and 8 the rise of a linear arch. Let x and y be abscissa and 
ordinate of any point in the curve with respect to the crown as an origin. Let 

(a) Circle (b) Parabola (C) Trans. Catenary 

Fig. 106. Loadings for Linear Arches 

c be the depth of the load at the crown, and = (6+ )/c. Then the 
equations of these linear arches are: 

r—~Vr — x, where r = 1/2 b + 2/25. 
bx?/a?. 
¢ (cosh (6x/a) — 1) 

in which 6 is the Napierian logarithm of n+++/n? —1. Let w = load per 
linear unit at the crown. Then the horizontal thrust at the crown and the 
vertical reaction at the skewback are: 

for circle, y 

for parabola, y 
for transformed catenary, y 

oil 

for circle, H, = wr — wh H=wr and V=wa 
for parabola, H =wa?/2b and V=wa 
for transformed catenary, H = wa/c82 and V = (wa/@) sinh B 

The resultant thrust at the skewback is the square root of the sum of the 
squares of H and V. (For tables of Napierian logarithms. and hyperbolic 
functions see Sect. 1.) 

Curves for Arches. The central curve of an arch, that is, the curve lying 
half-way between intrados and extrados, may be the circle, the parabola, 
the transformed catenary, the ellipse, or various combinations of these. In 
Fig. 107 are shown the first three curves for four different ratios of rise to span, 
these having been plotted from the above equations. The transformed 
catenary curves are for a height of roadway above the crown equal to 1/20 of 
the span, or¢ = 1/10a. When the ratio of rise to span is 1/10 or less, the three 
curves are practically the same. Economic curves, or those giving a minimum 
amount of masonry for various loadings, have been determined to be as fol- 
lows: (1) A circle should be used for water or other fluid material under a head 
which is large compared with the span. (2) A parabola should be used for a 
uniform load on the horizontal projection, which is closely the case for an arch 
having spandrel columns or spandrel arches. (3) A transformed catenary 
should be used for vertical loads like those of Fig. 106c or for an earth-filled 
arch having a ratio of rise to span less than 1/4. (4) An ellipse should be used 
for an earth-filled arch having a ratio of rise to span greater than 1/4. 

The transformed catenary is difficult to lay out and is unsightly, but an approximate 
catenarian curve consisting of a compound curve made up of circles of different radii 
may be used. The parabola may be modified for the sake of appearance by short circu- 
lar curves at its ends, made tangent to the parabola and to the vertical side of the pier. 

When arches are built of cut-stone voussoirs, the cost of cutting each stone to a differ- 
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ent curve more than offsets the saving in material resulting from using the theoretically 

correct curves. Many designers for this reason prefer the segmental arch, and for flat 

arches use the same depth of voussoirs from the crown to the springing line. The eco- 

nomic curves may be used advantageously for concrete arches, because falsework may 

be laid out as easily for a parabolic, elliptical or multi-centered arch as for a segmental 

arch. 
When the maximum waterway for the given span and height of crown is desired the 

ellipse must be used. The flatter the ellipse the greater the area of waterway. The 

flatter the arch, however, the greater the thrtist and the larger and more expensive the 

requisite abutments. For economic abutment design the ratio of the rise of the arch 

to its span should be as large as possible. 

Fig. 107.. Comparison of Curves for Arches 

The Span and Rise are, as a rule, determined by physical conditions. A 

creek or river must be spanned and ample waterway provided. Roadways 

must pass under the bridge in fixed positions. Railway rights-of-way must 

be left unobstructed. Piers and abutments must be located, if possible, where 

the cost of foundation isa minimum. Where the cost of foundation is uniform 

from end to end of bridge, a series of arches should for economy be of equal 

spans. When unequal spans are mandatory, the spans should be made as 

nearly equal as possible. The rise of the soffit of the arch is always governed 

by the necessary clearance under the arches or the necessary level of the road- 

way or by both. 

The length of span and the curve of an arch are often determined by the necessities 

of river travel. The position of the piers should be made parallel to the thread of the 

current, and this condition may necessitate a skew arch. Passage of vessels may require 

maximum clearance over certain portions of the river, or a maximum waterway may be 

necessary on account of freshets or ice gorges. 

Appearance is sometimes the governing factor in selecting the curve of an arch. The 

semicircular arch best satisfies this demand, and next in sequence are the segmental, 

modified parabolic and basket-handle arches. A series of arches should, for appear- 

ance, always be of approximately equal spans, unless the profile of the ground demands 

unequal spans; if of unequal spans, a symmetrical arrangement of spans is desirable. 

The number of spans should, for appearance, always be odd unless the number exceeds 

seven, in which case it may be odd or even. For the most satisfactory appearance, 

the spans should increase slightly in length from the banks toward the center of the 

bridge, and the profile of the roadway should be cambered. If the spans are all of the 

same length, the middle span will appear shorter, due to an optical illusion; and if the 

profile is straight, the roadway will appear to sag at the middle of the bridge. If the 
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spans are unequal, the piers must be large enough to withstand the unbalanced arch 
thrusts. 

Economic Types. If the arches are of low rise or of high rise and under 
100-ft. span, the earth-fill bridge is generally the cheapest type. , However, 
if the foundations are poor, regardless of span, the three-hinged ribbed arch 
(Fig. 110) is the safer one and therefore the better type to use. If the founda- 
tions are neither poor nor first-class, the arches should be heavily reinforced 
with steel, to provide better for possible deformation of the arches due to settle- 
ment, however small. 

If the arches are of high rise and spans over 100 ft., the arch with arched or column 
spandrels is generally cheaper. This is due to the great cost of the retaining walls of 
earth-filled bridges. However, for very wide bridges where the cost of the retaining 
walls per foot width of bridge is small, comparative designs should be made before 
selecting the type of design. The three-hinged ribbed type of bridge is generally expen- 
sive, due to the cost of the hinges and the added cost of two-faced masonry, or, if 
concrete, due to the added cost of formwork. The column spandrel is used only for 
reinforced concrete, but it is cheaper than the arched spandrel. 

Masonry arches may be built of cut stone, or plain or reinforced concrete. Concrete 
is generally more economical if suitable materials are available, as it does not require 
skilled labor and permits a lighter structure, especially if reinforced. A stone arch, 
however, is more permanent, as it is less subject to attack by weathering, and the 
workmanship is liable to be better. A stone arch is generally a more beautiful struc- 
ture, but more costly. 

Dimensions for Designs. The approximate thickness at the crown of an 
arch built of masonry, with portland cement mortar, is given in the table 

below in feet, / being the span of the arch in 
b feet. The thickness at the springing line 

may be approximated by the following 
empirical rules in which the percentages 
are to be added to the crown thickness 

Fig. 108 found from the table: (1) Add 50% for 
circular, parabolic and catenarian arches having a ratio of rise to span less than 1/4, (2) Add 100% for circular, parabolic, catenarian and three-centered arches having a ratio of rise to span greater than 1/4. (3) Add 150% for elliptical, five-centered, and seven- centered arches. These thicknesses should be measured along radial joint as in Fig. 108, namely at aa for cases (1) and (2) and at bb for case (3). 

Thickness in Feet at Crown for Highway Arches (Original) 

Span in feet 
Kind of masonry 

| 
Under 20 *| 20 to 50 * 50 to 150 + Over 150 ¢ 

| First-class ashlar. ... 
Second-class ashlar or 

DrIGKaniean sts oo 

' Reinforced concrete. . 

0.04 (6 +7)|0.020 (30 +1)]0.00012 (11 000 + 72)|0.018 (75 +7) 

0.06 (6 +-1)|0.025 (30 +.7)|0.00016 (11 000 + 72)}0.025 (75 + 12) 0.04 (6 + 7)|0.020 (30 + 1)}0.00014 (11 000 + 72)|0.020 (75 +7) 0.03 (6 +1)/0.015 (30 +7)/0.00010 (11 000 + 72)}0.016 (75 +7) 
* For culverts under a high fill, add 60%; for railroad arches, add 25%. +For railroad arches add 20 %-. For railroad arches, add 15%. 
The Top Thickness of a Pier capable of supporting adjacent arches of equal span may be taken as 3-1/2 times the crown thickness. In a series of arches of more than five spans, abutment piers capable of resisting the entire thrust of one adjacent arch should be introduced at every third or fifth span, foundations of one arch the entire series would not fail. The top width of abutment Plers may be assumed at five times the crown thickness. 
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Cost of an Arch Bridge in 1928 was approximately given in dollars as follows: 

For a bridge of concrete, plain or reinforced, Cost = 2.0 d/ V/ d. 

For a bridge of ashlar, Cost = 3.5 dl Vd, 
in which 6 = the width in feet of the bridge, / = its length in feet, and d = 
the average depth in feet of the bed of the stream below the roadway level.. 
These formulas cannot be used when foundation work is expensive. 

Before laying out the spans and the curves-of the arches, a contour map and profile 
of the site of the bridge should be made. On the profile the depth and character of the 
foundation and its overlying material should be indicated. The position of the piers 
should be located with reference to economic foundation, clearance of waterway, road- 
way and right of way; the spans to be made equal unless impossible or, on account of 
the cost of foundation, manifestly uneconomical to do so. The most economical type 
of bridge should then be selected and also the curves of the arches requiring a minimum 
amount of material, due consideration being given, however, to cost of labor of cutting 
stones, clearances and appearance. 

Long Span Stone Masonry Arches 

Name Location 
pletion 

Bellefield.......... Puttshurgh;Par-cwss cae C507 G53 6- 7: 4.0 1900 
Mare St. 2 .o35.5:. > Wheeling, W. Va......... 159.0 | 28.3 4.5 1892 
Grosvenor......... Chester, England......... 200.0 42.0 4.0 1834 
Gour Noir: .7.7.... Near Uzerche, France..... 203.4 | 52.8 5.6 1889 
Krummenau....... Krummenau, Switzerland. .| 207.5 45.4 5.9 1911 
Jaremezes. 7... 2103" Jaremcze, Poland......... 21373 58.7 6.9 1894 
Cabm John-..-.... Washington, D.C-........ 220.0 |" 57.3 4.2 1864 
Sidimeached: .+. <'.. .|(ABIeTS.. 6.5 he ta teal. oe ols 225.6 82.0 4.9 1912 
Morbegno *,...... Near Morbegno, Italy..... 229.7 32.8 4.9 1903 

Stevring... jocks... Near Steyrling, Austria....| 229.7 54.15 6.6 1905 

CTROZION  wqeveyerciseterore Near Trezzo, Italy........ 236.2 69.2 6.7 1377 

Montanges........ PRRAIEOE oc, ses do aprice aevona'« 263.4 67.2 4.9 1909 

Luxemburg........ TAtxemburgy. «. 6 fe °. 277.7 |-101.7 4.7 1903 

Salcano.. . <:, s6i-ie~ « Near Salcano, Austria..... 278.9 FAIS 6.9 1906 

Plauen, Saxony.........+. 295.3 59.1 4.9 1905 | 

* Three-hinged during construction; afterwards fixed. 

t+ Destroyed 1416. 

Long Span Plain Concrete Arches 
| 

Crown 

: Span, | Rise, [crown Date of 
Name Location ft. tt. ness, || °O@= 

ft pletion 

Connecticut Ave....| Washington, D.C......... 150.0 | 75.0 5.0 1907 

Almandares *...... Havana, Cubdes. cost of «tan 190.9 32.5 5.5 Miter 

Neckarhausen +....| Neckarhausen, Germany...| 194.9 | 41.3 2.8 1900 

Walnut Lane......| Philadelphia, Pa.......... 233.0-)- 70.3 Sto) 1908 

Rocky River.......| Cleveland, Ohio.......... 280.0 | 80.8 6.0 1910 

Monroe St.........| Spokane, Wash..........- 281.0 | 113.7 6.8 1911 

Villeneuve......... Villeneuve, France........ 315.8 | 50.7 4.8 1916 

* Built on pile foundation. 
+ Three-hinged arch. 
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972 Masonry Arches and Piers Sect. 10 

35. Equilibrium and Stability 

Methods of Failure. A masonry arch may fail in the following ways. 
(1) By crushing of the masonry. (2) By sliding of one voussoir upon another. 
(3) By one voussoir or section of masonry overturning about an adjacent 

voussoir or section. (4) By shearing in a horizontal or vertical plane, this 
applying to solid concrete arches and not to voussoirs. (53) As a column 
when the ratio of the unsupported length of an arch to its least width is greater 
than 12. (6) From striking the centering before the mortar is hard or when 

the arch, though stable under the full load, is not stable under its weight alone. 
(7) By striking the centering or loading the arch during construction un- 
symmetrically. (8) By settlement of the foundations. (9) By sliding upon 

the foundations. (10) By overturning about any point in the pier or abut- 
ment. Methods (8) and (9) are the most common ways of failure. All 
methods of failure, however, must be guarded against in design. 

Just before an arch fails the forces acting upon it are in equilibrium, but there is no 
stability. For any degree of stability, however, the forces acting on the arch are in 
equilibrium. The conditions of stability are, in general, the same as those explained 
in Art. 23 for walls and dams. 

Conditions of Stability corresponding to the above methods of failure are 
as follows: (1) The unit compression must not be greater than the safe unit 
compressive stress givenin Art. 16. (2) The angle between the resistance line 
at any joint and a normal to the joint should be less than the angle of friction 
of masonry upon masonry. (3) The resistance line should lie within the mid- 
dle-third of the arch ring; in reinforced-concrete arches it may depart a small 
distance outside the middle-third, but there should be sufficient steel to take 
care of the tension which will develop upon the portion of such joints farthest 
from the resistance line. (4) The greatest tendency to shear is in a horizontal 
plane for a high arch, and in a vertical plane for a low arch; it is sufficient to 
calculate the shear for points near the springing line, and the frictional resist- 
ance in the vertical or horizontal plane should be regarded as an additional 
factor of safety against failure by shear. (5) When the span is more than 
twelve times the width of the arch at the crown, either the crown width must 
be widened or the faces of the arch ring must be battered so as to reduce the 
ratio; for an arch formed of independent ribs, the ribs must be well bonded 
together by transverse walls. (6) The exposed mortar in the joints should 
always be inspected before striking the center, and in case of large concrete 
arches it is best to drill holes through the last concrete placed, to make sure 
the concrete is set up within the interior of the arch ring; an analysis should be 
made to find whether the arch ring is stable under its own weight, and if not, 
the centering should not be struck until the total dead load rests upon the 
arch. (7) If the masonry above the arch is to be built after the center is 
struck, it should be built symmetrically; if for any reason this appears im- 
practicable, the arch must be analyzed for the desired unsymmetrical load. 
(8) Foundations for fixed arches must be practically unyielding, and the 
allowed unit load should not, as a rule, exceed 50% of that for ordinary 
foundations. (9) The horizontal thrust on the foundation should be less 
than the vertical load upon the foundation multiplied by the coefficient of 
friction of masonry upon the material of which the foundation bed is com- 
posed, or in case of hard or rotten rock, the foundation bed should be rough- 
ened; when piers and abutments rest upon piles, the piles should be driven 
parallel to the line of the resultant thrust or they should be braced by means of 
horizontal struts to unyielding foundation. (10) The line of thrust must lie 
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Art. 35 Equilibrium and Stability 973 

within the middle-third of the piers and abutments, including the foundation 

masonry. 

The External Forces (Fig. 109) holding a semi-arch in equilibrium are the 

vertical loads Wi, We, etc., the horizontal thrust H, a vertical reaction V1 

at the skewback, and a vertical shear Vo at the crown which is due to the 

action of the other semi-arch. When both semi-arches are loaded equally 

and symmetrically, then 
V, = 0... For the case 
where the position of 
the resistance line within 

the arch ting is known, 

~ so that the half-span @ 
and the rise 0 of the 
linear arch (Art. 34) are 

also known, the forces 

V1, Vo, H are found as 

follows: first, the verti- 
cal reaction Vi is com- 
puted in exactly the 

same way as for vertical Fig. 109 

loads on a simple beam, 

by taking the center of moments at the right end of the arch; second, the 

shear Vo is equal to the sum of all the loads on the semi-arch under consider- 

ation minus V1; third, the horizontal thrust H is found by taking moments 

about r; at the left end, or Hb + Voa = DWI, in which the last term is the 

sum of the moments of the loads. 

Example. For arch loaded symmetrically, let a = 30 and 6 = 21 ft.; Wi = 3, 

W2 = 4, W3 =7, Wa = 10, Ws; = 12 tons, their lever arms being 1; = 28, lo = 16, 

Iz = 10, ly = 4, 15 = 1.5 ft; here V1 = 36 tons and Vo = 0; 6 SO eS SS as 

4% 16 + etc, = 276 ton-ft., whence H = 13.1 tons. For arch with no load on right- 

hand span and above loads on left-hand span: Vi X 60 = 3 X 32 +4 X 44 + etc. = 

1882 ton-ft., whence V; = 31.4 tons; Vio = 36.0:—31.4..= 4.6 tons, which acts 

downward upon the right half-span or upward upon the left half-span; H X 21 + 

4.6 X 30 = 276 ton-ft., whence H = 6.6 tons. 

For a Three-Hinged Arch (Fig. 110) the above method gives the correct 

values for V1, Vo and H, since @ is the half-span between end and middle 

(b) 
Section 

Fig. 110. Three-Hinged Arch 

hinge and 0 the rise of the middle hinge. For a common unhinged arch it is 

usual to take a as the horizontal and b as the vertical distance between the 

middle of skewback and middle of crown, but the values found are approxi- 

mate only, since the assumption that the resistance line passes through the 

middle points of crown and skewback joints is rarely correct, and since the 

method of computing V1 is not exact. 

The three-hinged arch in Fig. 110¢ consists of three ribs, which support the roadway 

on spandrel columns. Each rib has hinges at both ends and one at the crown, the hinge 

being a steel pin set in a pedestal and upon which abuts the steel shoe which holds the 

end of the concrete arch. Another form is that in Fig. 110b, where a lead plate or a 

steel plate covered with lead is placed between two abutting concrete surfaces; this 
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form limits the resistance line to a smaller area, but can scarcely be called a real hinge. 

(See Art. 37.) 

Stability against Sliding along any joint will be secured when the resultant of 

all the forces on each side makes an angle B witn the normal to the joint such 

that 2 tan f is less than tan ¢ where @ is the angle of friction of masonry upon 

masonry (Arts. 18 and 23). Or, let F and N be the components of the result- 

ant parallel and normal to a joint (Fig. 111) and f the coefficient of friction; 

then fN/F should not be less than 2. After Vo and 
H have been found, F and WN for any joint are 

computed by F =@H sin 6 — (W — Vo) cos 6, 

N =Hcos@ + (W — Vo) sin @, in which W is 
the sum of all the loads between the crown and 

the joint, and @ is the angle which the joint makes 

with the vertical. When F is positive it acts 

upward; when negative it acts downward. 

Stability against Rotation at any joint is secured 
when the resultant cuts the joint ab within the 
middle-third mm (Fig. 111), for, the entire joint 
being then under compression, no tension or open- 

ing of the edges of the voussoirs will occur (Arts. 21 and 23). 

Stability against Crushing of the material is secured if the compressive unit 

stress Sq at the edge nearest the resu!tant is less than the allowable value given 

in Art. 16. The average unit stress on the joint is N/A, where A is the area 

of the joint, and the unit stress at a is found by multiplying V/A by 1 + 6 e/b, 

where b is the length of the joint and e is the distance from its middle to the 

point where the resultant R cuts it (Fig. 111). When R cuts the joint without 

the middle-third, this rule must be modified unless the joint can take tension 

(Art. 21). 

At each and every joint throughout the arch the above conditions must be satisfied 

in order that security may prevail throughout. The points cut by the resultants at 

all joints being connected by a curved line, the resistance line is constructed. The 

most important of the above conditions is that the resistance line must lie within the 

middle-third. Although the word joint has been used in this discussion, all the con- 

clusions apply to the imaginary radial joints of a plain concrete arch. 

Fig. 111 

36. Static Analysis of an Arch 

The Static Method of investigating an arch is that outlined in a general 

way in Art. 35, and is so called because only the principles of statics are used. 

To determine the horizontal pressure H by that method it is necessary to 

assume its point of application at the crown joint and also the point of appli- 

cation of the resultant at the skewback joint. Then H can be computed and 

the resistance line be drawn within the arch ring, but there is no assurance 

that this is the true resistance line. It is, however, generally accepted that 

an arch has proper stability against rotation if a resistance line can be con- 

structed which will lie within the middle-third of the arch ring at all radial 

joints. Hence, different assumptions as to points of application are to be 

made and different resistance lines to be constructed, and the design should 

be pronounced deficient in stability if a resistance line cannot be found which 
lies within the middle-third. (See ‘‘ Stresses, Graphical Statics and Ma- 
sonry,” by G. F. Swain, 1927, p. 411.) 

The static method was used in America almost exclusively prior to 1900. Although 
the elastic method (Art. 38) has the advantage that it determines both H and its point 

of application, yet the static method is still of great value in preliminary investigations. 
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The Resistance Line can be constructed, after H has been computed, by 

help of the force polygon. In Fig. 109 the thrust Hi is laid off horizontally 

and the loads vertically in succession; then from / as a pole the rays are drawn 

to the points of division between the loads, the last ray thus giving the mag- 

nitude and direction of the resultant R on the joint 5-5. An equilibrium 

polygon is then constructed, the first side being in the line of H produced, 

the second parallel to the first ray, and so on until the last side through e gives 

the position of R. The pointsri, re, 73, 74,75, where these sides cut the joints, 

are points in the resistance line, and the resistance line itself is the curve 

joining them. 

This force polygon is for the the case of symmetrical loading on the arch so that the 

crown shear Vo is zero. The method, however, is perfectly general and may be used to 

give closely approximate results for unsymmetrical loading by drawing Vo as the first 

vertical force in the force polygon, laying off its value upward if the same is positive 

and downward if it is negative. 

A Graphic Method of finding the horizontal thrust H is shown in Fig. 112 

for a simple case where only three loads are used for the sake of clearness. 

The arch has the live load on the half- K 

span shown, while the other half-span 

has only dead load. The horizontal 

thrust is assumed to act at the crown 

at the upper middle-third limit, and 

the resultant at the skewback is 

assumed to act at the lower middle- 

third limit. The correct horizontal 

thrust H on the foregoing assumptions 

is that which will, with the three loads 

Wi, W2, Ws, give an equilibrium poly- 

gon passing through the assumed point 

a at the crown and the assumed point 

y at the skewback. The procedure is 

as follows: 

(1) The reaction Vi is computed in 

exactly the same way as for a simple beam. 

The crown shear Vo is found by subtract- Fig. 112 

ing V; from the sum of the three loads. 

The load line for the force polygon is laid off from , the distances 3-2, 2-1, 1-0, op 

being made equal on a proper scale to the values of W3, We, W1, Vo, respectively. 

(2) Assume & in the force polygon to be the value of H; with k as a pole draw the 

rays hO, k1, k2, #3, the last of which should be the resultant at the skewback if the 

assumed H is correct. Above the arch, in order not to confuse the drawing, extend 

upward the lines of action of the loads and place the points a’ and r’ above a and 7, and 

at the same vertical distance apart. Then construct the equilibrium polygon a’‘b’c’d’s, 

each side being parallel to the corresponding ray in the force polygon. The last side 

d's of this trial equilibrium polygon does not pass through 7’. Extending its line of 

direction upward until it meets that of H’, there is found at h’ the point through which 

the resultant of the vertical forces acts. Then a line joining 7’ and /’ gives the direction 

of the true resultant. 

(3) In the force polygon, draw R parallel to r’k’ then ph is the value of the horizontal 

thrust H on the scale employed. From # draw a new set of rays, and in the arch ring 

itself construct the equilibrium polygon abcdr, which must now pass through the point 

rv on the skewback joint. 

(4) This equilibrium polygon cuts the two radial joints at the points 71 and 72, these 

being points in the resistance line, which is a curve joining a, 11, 72, and 7. This curve 

lies everywhere within the middle-third of the arch ring, and hence there is full stability 

against rotation. The direction and magnitude of the resultants acting on these joints 

are given by the rays /1 and h2 in the force polygon. 

6” , 
—— H 

, 
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An Actual Investigation of a proposed design by the static method involves 

no principles not explained above. The practical procedure is as follows: 

(1) Vertical lines are drawn dividing the arch structure into an even num- 

ber of parts, about 16 parts being used for a span of 80 ft. (2) The weight of 

the masonry and earth filling for each of these parts is found for an arch one 

unit in width, as also the line of action of that weight; earth is usually reduced 

to an equivalent height of masonry, and then the center of gravity of an area 

is the point through whichits weight acts. (3) For loads Wi, We, etc., which 

act through these centers of gravity the horizontal thrust may be found and 

the resistance line be located as above explained. (4) The points assumed at. 

crown and skewback may be the middle points for the first investigation, but 

the upper limit of the middle-third at one joint and the lower limit at the 
other joint may be used for other resistance lines. (5) One set of lines should 
be found for full dead and live load over the whole span, another for the 
case when the live load is on the left half-span only. Lines for other loadings 

may be sometimes necessary (Art. 34). 

To Design an Arch by this static method, a drawing is made which seems 
to give good proportions and dimensions for the given local conditions and 
loads, the thickness of the arch ring being assumed from the data in Art. 34. 
Then several resistance lines are constructed, and, if none can be found which 
lies within the middle-third, the proportions or thicknesses are unsafe ones 
and must be changed. Another drawing with different dimensions is then 
made and resistance lines constructed for it. When several drawings or 
designs all furnish proper stability for the given loads, then that one should 
be chosen which can be built for the minimum cost. 

Cain’s Method of finding the crown thrust H and crown shear Vo for a case of un- 
symmetric loading is as follows (Fig. 113). P, = weight of left half of arch and the 

load upon it, P2=weight 
ie ——-dy--- se — = 5 a 2,1—-=+ deiobes me of right half of arch and 

3 the load upon it, Ps = 
weight of the portion of 
the arch and load _ be- 
tween a joint rr; and the 
crown, other notations in 
the figure. It is neces- 
sary to assume the points 
of application of the 

”) resultants on the lowest 
t joints mm, and nn, and 
H the point of application 
1 of the resultant upon 

Fig. 113. Unsymmetric Loading some other intermediate 
0 Og 8H § : joint as at L, while J, L, 

and K are points through which it is desired to pass the resistance line. All of the 
points should be taken within the middle-third of their respective joints. If J and 
L are on the more heavily loaded half of the span and K therefore on the more 
lightly loaded half, J should be assumed a little below the middle of its joint and L 
and K alittle above the middle of their joints. If J and L are on the lighter half 
and K on the heavier half, I should be taken a little above the middle of its joint 
and L and K a little below the middle of their joints. The following formulas (Cain’s 
Voussoir Arches, 1904) give the horizontal and vertical components of the inclined 
crown thrust and its point of application: 

ea ayeyP, — aenP. + aze3P3 i ee, a1d\P\ + agdoPo — agd3P3 
éod3 — e3d2 

t= hy — (ay Py — &iVo0)/H 

Limitations of Static Method. The static method of design gives curves of resist- 
ance which agree closely with those determined by the elastic method. The maximum 
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unit stresses determined by the static method agree with those found by the elastic 
method within less than 10%, and usually the difference is less than 5%. It is there- 
fore a safe method of design, and may, in general, be used for the design of an arch, 
The elastic method, however, should be used in the final! design of all important arches. 
The static method ignores temperature stresses (Art. 40). Inclined loads, resulting 
from pressure of earth, may usually be treated more simply by the elastic method. 

Longitudinal Walls and masonry haunching resting upon the back of the arch do 
not exert their full weight upon the back of the arch, but, for safety, the full weight of 
walls and haunching should be used in determining the line of resistance. 

A Retaining Wall resting upon the back of the arch exerts greater pressure upon the 
arch at the toe of the wall than at the heel, and the pressure varies between the heel 
and toe, hut it is exact enough to regard the pressure upon the base of the wall as uni- 
formly distributed upon the back of the arch. The ring stones should be tied by iron 
cramps to the sheeting back of the ring stones, otherwise the horizontal thrust upon 
the back of the retaining wall may separate them from the arch sheeting. 

Change in Spandrel Loading. The line of resistance may be shifted in 
position so as to lie closer to the neutral axis, by changing the spandrel load- 

ing. For instance, in Fig. 114, whichis an arch 
of an earth-filled bridge, the resistance line will be 
changed if transverse hollow arches are formed 
through the haunches on each side of the arch; 
such hollow tunnels are used in the longest 
masonry arch in the world, that at Plauen in 
Saxony. Changes in the spacing of spandrel 
columns will also modify the resistance line; such 

changes, however, should be mainly confined to Fig, 114 

cases where errorsin design are detected after the 

arch is erected and before the spandrel columns are built. In an earth-filled 

arch it is manifestly impracticable to change the line of resistance by chang- 

ing the unit weight of the earth fill at selected points. 

Transverse Spandrel Arches (Fig. 115). The spandrel columns or walls 

of transverse arches should not generally be spaced parallel to the span at 
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Fig. 115. Connecticut Ave. Arch, Washington, D. (orm 

intervals exceeding about 1/7 of the span. The spandrel columns should not 

generally be spaced parallel to the axis of the arch, transverse to the span, 

at intervals exceeding about two and one-half times the thickness of the arch 
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ring upon which the columns rest. When the columns are se placed, the 
load brought upon the back of the arch may be regarded as distributed uni- 
formly across the transverse section of the arch. In the case of a reinforced- 
concrete arch this transverse spacing of the columns may exceed two and 

one-half times the thickness of the arch. 

Fig. 115 shows the method of determining the resistance line for transverse spandrel 
arches, this being shown by a heavy dot and dash line, while the limits of the middle- 
third are shown by light dotted lines. This arch is one of the main spans of the Con- 
necticut Avenue bridge in Washington, D.C. The 5-ft. arch ring is of concrete blocks 
and the arch sheeting of plain monolithic concrete. The arch is a full-centered one of 
150-ft. span, and the span of transverse arches is 14 ft. The analysis shown is for a full 
uniform load over the entire span. The resistance line comes nearest the edge of the 
middle-third at the joint jj, and the maximum compression there is 350 lb. per sq. in. 

37. Three-Hinged Arches 

Advantages. (1) If the foundations are compressible, such as pile or clay 
foundations, the three-hinged arch offers the best type, as it permits consider- 
able settlement without injury to the arch. (2) If the arch has a rise of less 
than 1/4 the span, on account of the high temperature stresses in a solid arch, 
the three-hinged arch is the better. (3) Since the temperature stresses are 
practically nothing, and as the arch is statically determinate, higher unit 
stresses may be used than in the solid arch. 

Disadvantages. (1) High cost of the hinges, which may be offset somewhat 
by the saving in concrete for long-span arches. (2) Difficult maintenance and 
possible short life of the hinges, if of iron or steel, as compared with the life of 

the masonry. (3) The three-hinged arch usually lacks the graceful appear- 
ance of most fixed arches, due to the increased thickness that is necessary at 
the haunches. 

Approximate Design. The crown thickness 4 may be taken a little less 
than those given by empirical rules for the solid arch. The thickness at the 
springing line may be approximately 1.25 #, and that at the middle of the 
haunch approximately 1.5 4%. Having selected these dimensions, the arch 

should be drawn to a large scale and be analyzed according to the static 
method. The cheapest type of the three-hinged arch is one of detached ribs 
supporting spandrel columns, although there appears to be no reason why an 
arch with continuous sheeting should not be used. In what follows the lower 
hinges will be assumed at the same level and the crown hinge at the middle of 
the arch. 

Dead and Live Load over the Entire Span. The weights and lines of appli- 
cation of the loads may be found as in the static method (Art. 36). As the 
loads are symmetrical, only the left-hand half of the arch need be considered. 
The crown shear is here zero. The crown thrust H, which is horizontal for 
symmetrical loading, may be computed from H = 2Wz/b, in which W = 
any load applied upon the left half of the arch, z = horizontal distance from 
it to the left hinge, 6. = rise of arch measured from the horizontal line passing 
through the lower hinges to the crown hinge. Knowing H, lay off the load 
line, construct the force and equilibrium polygons as in the static method, 
applying H at the center of the crown hinge. If the graphical work is correct, 
the last line of thrust will pass through the center of the lower hinge. 

For dead load on entire span and live load on the left half, let W = any dead load of 
the left half-span, W’ any live load, and z and z’ be the horizontal distances from them 
to the left end hinge. Then 

Thrust H = (2Wz + 1/2 2W’z’)/b Crown shear Vo = + 2W’z'/2a 



s 

Art. 37 Three-Hinged Arches 979 

in which a = half-span. For dead load over entire span and live load on the right half 
the same formulas apply, except that Vo is negative. The force polygon for either case 
is then constructed as in Fig. 112, and the equilibrium polygon drawn, taking H and 
Vo as applied at the middle hinge; the last line giving the direction of the resultant 
thrust at the skewback should pass through the end hinge. 

Special Method for Thickness of Arch Ring. The hinges may be drawn at 
the given points and the approximate loads of the spandrels and arch be ap- 
plied as shown in Fig. 116. These loads-and their point of application may be 
determined by a practically complete design of the spandrels made prior to 
the arch design. The weight of the arch ring may be approximated, using 
the dimensions recommended, but the arch ring itself need not be drawn. 

After computing H and Vo for each case construct the equilibrium polygons 
or thrust lines for (1) dead and uniform live load over the entire span, (2) for 
dead and uniform live load over the right half-span, (3) for dead and uniform 
live load over the left half-span. The first line is shown in Fig. 116 as a full 

Fig. 116. Three-Hinged Arches 

line, the second by a line of dashes and the third by a line of dots. After the 
lines are drawn, knowing, from the force polygon, the intensity of the resultant 
thrust at any point, the correct thickness of the arch ring at any point may be 

determined by keeping all thrust lines within the middle-third and the unit 
stresses within safe limits. If the assumed thicknesses are found to be wrong, 

a second analysis may be necessary. 

This method, considering only dead load, or dead and uniform load over the entire 

span, may be used to determine the curve of the neutral axis of a solid arch, which will 

closely approximate the linear arch. This approximate linear arch would be the one 
requiring a minimum amount of material for any given loading. 

Hinges have been used for stone masonry arches in many European bridges, 

but they are almost unknown in America. Recent European practice has 

been to construct concrete arches also with hinges. The lack of experience 

with such construction has been the chief cause for not using hinges with con- 

crete arches in America. Hinges may be of cut stone, structural or cast steel 

pins (Fig. 110a), lead plates (Fig. 1100), or reinforced concrete. The steel 

hinge requires painting, but locates the line of thrust more precisely than the 

others. The lead hinge requires no maintenance; it should not carry a 

greater pressure than 1250 lb. per sq. in. for a plate 1/2 in. thick, 1000 lb. per 

sq. in. for 3/4 in. and 750 lb. per sq. in. for 1 in. in thickness. Adjacent to the 

hinges, blocks of hard stone should be placed to withstand the high unit 

pressure; or if concrete is used, it should be rich and heavily hooped. Stone 

hinges have not been used to an extent to warrant their general adoption. 

A recent development in French practice is the use of reinforced-concrete 

hinges. These are not true hinges, but consist of a decided reduction in 

thickness of the arch at the crown and springing lines, with the addition of 

reinforcing steel, so that the flexibility of the structure at the reduced section 

is greatly increased. This type of hinge has given satisfactory service, and 

requires no maintenance. (See Hool’s “Reinforced Concrete Construction,” 
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Vol. III; also article by J. F. Brett, Journal Western Soc. of Engineers, 

Sept., Oct., 1926.) Examples of long-span reinforced-concrete arches with 

flexible concrete hinges are given in Art. 34. 
In some cases, arches have been made “ semi-hinged.”” These are con- 

structed as 3-hinged arches in order to keep the resistance line for dead-load 

closer to the center of the masonry. After the centering is removed, and the 

arch has attained its dead-load deflection, the hinges are filled in with concrete 

or mortar, and the arch is then fixed under live load and temperature stresses. 

The stone masonry arch at Morbegno, Italy (see Table in Art. 34), was con- 
structed by this method. The Knox Bridge over the Aqueduct Canal, near 
Montreal, was constructed with flexible concrete temporary hinges (Canadian 
Engineer, Vol. 52, p. 521, May 17, 1927). In reinforced-concrete arches, the 
main arch reinforcement may be carried past the hinges, or overlapped at 
those points, and both hinges and main reinforcement are then concreted in 
solid to complete the structure. The Candelier Bridge near Charleroi, Bel- 

gium, was constructed with two permanent concrete rolling hinges at the 
abutments. This arch was actually 3-hinged for dead load, as jacks were 
provided at the crown to introduce a horizontal thrust into the arch (see 
Method of Rib-Compensation, Art. 43), but is a 2-hinge arch under live-load 

and temperature. 

‘ 

38. Elastic Method of Analysis 

The True Resistance Line for an arch ring is found in the static method 
by a series of approximations which start with assumed points on the crown 
and skewback joints. In the elastic method this true line is found without 
such approximations in its exact location. This can be done entirely by 
computation, but graphic work may also be used to draw the equilibrium 
polygon within the arch ring after H and its point of application have been 
found. An arch one unit in length is considered, as in the static method, 
and the neutral axis of the flexural forces is represented by a central line 

drawn. half-way between intrados and extrados. The thickness of the arch 
at any joint being called ¢, the moment of inertia of the surface of that joint 
for an arch of a unit length about the neutral axisis J = 1/12 #. The bending 
moment for any point on the neutral axis is the algebraic sum of the moments 
of all the forces on one side of that point. A moment is positive when it tends 
to increase the compression on the back of the arch, this being the same con- 
vention as for beams (Sect. 7). The resisting moment at any joint is the 
product of the normal pressure V acting upon the joint and its distance e from 
the middle of that joint. The word ‘“‘ moment ” when used without qualifica- 
tion applies to the bending moment. 

Notation (Fig. 117). At the crown: Vg = vertical shear, H = horizontal thrust. 
Mo = bending moment, eo = distance of H from crown of the neutral axis, Hey = 
resisting moment. For any point: « = horizontal distance from it to crown, y = ver- 
tical distance of it below crown, V = yertical shear, M = bending moment, R = 
resultant thrust on joint, 4 = component of R normal to joint, e = distance of V 
from middle point of joint or from the neutral axis, Ve = resisting moment. 

Preliminary Steps. (1) The arch ring is to be drawn to scale and be divided 
into an even number of parts by the broken radial lines shown in Fig. 117, 
while half-way between these are drawn solid radial lines to represent joints. 
When the arch ring is of constant thickness, the arch divisions are equal in 
length; when it increases in thickness from crown to skewback, the lengths of 
the divisions are to be determined so that the ratio J/s shall be the same for 
all, s being the length of any division and J the average of the moments of 
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_ inertia of the two limiting joints. Let the middle points of the joints be 
marked 1, 2, 3, etc., and the coordinates x and y be found for each point by 
computation or measurement. (2) Let 2x = sum of the values of x for these 

points, 2x? = sum of the squares of the abscissas, Ey = sum of their ordi- 
nates, Dy? = sum of the squares of these ordinates. (3) Fora load W, placed 
at one of these points, let z denote the distance from it. toward the nearest 

skewback, to another middle point; also let 2z = sum of all these distances, 
that is, the sum of the distance of W from each of the points nearer the nearest 
skewback, 2z% = sum of the products of all values of z by the corresponding 
x, and Zzy = sum of all products of z by the corresponding y; thatis, each z 

Sch sncedai ane tAenivoty Hy ci 

Fig. 117. Data for the Elastic Method 

in the last two summations is multiplied by the x or y of the point back of W 
which corresponds to Z. 

For a Single Load W on the left semi-arch of Fig. 117, the elastic theory of 
the arch furnishes the following formulas, m being the number of parts into 
which the semi-arch is divided. 

, mt n2zy — Ly.2z 
For horizontal thrust, H=1/2W hey? — Oy)? (A) 

For moment at crown, My, = (1/2 Wrz — H2y)/n (B) 

For shear at crown, Vo = 1/2 W22zx/2x? (C) 

Summations are for the half arch only.. The value of H is always positive; 
that of M@, may be either positive or negative, depending upon the position of 
W. The formula for Vy gives positive values only, this force acting upward 
with respect to the left semi-arch, the load being on the left of the crown, but 
downward with respect to the right one. 

When W is on the right semi-arch the same formulas apply if z is measured from W 
toward the right-hand skewback. For this case, however, the value of Vo is to be 
taken as negative with respect to the left semi-arch, and positive with respect to the 
right one. 

For Two Symmetric and Equal Loads, such as W, on the left and W, on the 
right in Fig. 117, let W be the weight of each; then the horizontal thrust and 
crown moment due to both loads are double those found by the above formulas, 

while the crown shear Vo is zéro. 

For Several Loads, the formulas are to be applied to each in succession 
and the results added. Thus if one load produces a crown moment of 640 
ft-lb. and another — 870 ft-lb., then for both loads M = — 230 ft-lb. 

The denominator in formula (A) depends only on the coordinates of the curve and 
is independent of the span. Hence, when H is to be computed for several loads, the 
different numerators should be added and then their sum be divided by the constant 
denominator. ‘Art. 39 gives an example. 



982 Masonry Arches and Piers Sect. 10 

For any Joint whose middle point is at horizontal distance x from the 

crown, values of the moment and shear may be computed, after H, Mo, Vo 

are known, from the formulas 

M = M, + Hy + Vox — 2Wz V=V—=W (D) 

where ZW is sum of all loads between that joint and the crown, and [Wz is 

the sum of the moments of those loads with respect to the middle of the joint. 

The components of the resultant thrust normal and parallel to the joints are 

N =Hoosé — Vsin6é F = Hsiné + Vcosé (E) 

where 0 is the angle which the plane of the joint makes with the vertical 

(Fig. 111). The resultant thrust itself is R =1\/H?4+ V2. 

Resistance Lines should be determined, in the design of an important arch, 

for at least three cases: (1) For dead load only. (2) For dead load plus live 

load over the entire span. (3) For dead load plus live load on left of crown 

only. | In each of the cases let Mp and H be found for the crown, and M and N 

for any other joint. Then the distances from the neutral axis to the resistance 

line are 
At the crown, €) = M,/H_ At any joint, e = M/N (F) 

and thus that line may be located at every joint. Or, after having found é, 

an equilibrium polygon can be drawn as in the static method, but here no 

approximation is needed, since H and ¢ being correctly found for the crown, 

the force and equilibrium polygons are immediately drawn in correct mag- 

nitude and position. 

The coefficient of friction which is necessary in order that there may be full security 

against sliding along the joint is f = nF/N, in which F and N are to be computed from 

(E) and » should be 2 or greater. 

A common masonry arch is a statically interderminate structure like a continuous 

beam or like a beam fixed atits ends. The elastic theory, by which the above formulas 

are deduced, makes the following assumptions: (1) that the material is elastic and 

obeys Hooke’s law; (2) that the material is homogeneous so that modulus EZ is the 

same in all parts of the arch; (3) that thearch is fixed atits ends so that a tangent 

there remains unchanged under the loading; (4) that the loads cause no change 

in the length of the span; (5) that the ends remain in the same horizontal plane under 

allloadings. Although it is often difficult in practice to secure the complete observance 

of these. assumptions, the theory gives correct results if they are fulfilled. When an 

arch is built upon piles or compressible soil the conditions (3), (4), (S) may be fulfilled 

only partially, and for such cases the three-hinged arch (Art. 37) may be preferable. 

For rock foundations the elastic theory is entirely satisfactory, and in an important 

case the old static method of trial and approximation ought not to be_used, except as 

a check. 

In concrete arches with reinforced-concrete floor and spandrels, the use of models 

will be helpful to indicate errors resulting from the application of the elastic theory 

and the difficulty of properly considering the effect of the stiff superstructure upon the 

actual stresses. (See Art. 42.) 

39. Example of the Elastic Method 

Data. It is required to design a plain concrete arch for a double-track 

railroad which shall have a width of 24 ft., a span of 46 ft. between centers of 

skewback joints, and a rise of 10 ft. from the springing line to the center of 

the crown joint. The railroad track is to be 3.6 ft. above the center of the 

crown joint, and the filling above the back of the arch will be earth. The 

live load per linear foot of track is specified as 4000 Ib. Assume the thick- 

ness of the arch as 1.42 ft. at the crown and 2.14 ft. at the skewback. Through 

the given end and middle points draw a curve approximating a parabola, 
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and lay off these two radial joints. Then draw the extrados and intrados 
curves so that the radial distance between them shall increase uniformly 
from middle to end, that is, so that the thickness of the arch at horizontal 
distance x from crown is 1.42 + 0.0313 x. Following is an investigation of 
this proposed design (Fig. 117). 

(1) Divide the central curve of one semi-arch into four parts, of unequal length, those 
nearest the crown being the shortest. Let the lengths of these divisions, measured on 
the curve, be represented by s1, sa,,s3, sg. Let tadial lines be drawn through the middle 
points of these divisions and their lengths fy, fo, ¢3, t4 be found. Compute the ratios 
4,2/s1, t23/so, #33/s3, t43/s4; if these are equal, the division is correctly made; if not, the 
process must be repeated until four points 1, 2, 3, 4 are found for which these ratios 

' #8/s have anproximately the same value. 
A convenient graphical method for making this sub-division is shown in Fig. 118. 

A curve is plotted showing the variation of J (= 23/12) with respect to the distance, S, 
along the arch axis, starting from 
the crown. A series of isosceles tri- 
angles is drawn under this curve (as 
shown in the figure) with parallel 
sides but variable heights, the slope 
of the sides being determined by 
trial, so that the base of the last 
triangle will just reach the skewback. 
The bases of these triangles will then 
represent the proper lengths of the 
arch subdivisions, measured along 

— the arch axis. I 
(2) Let the final results of this 

work be that the thicknesses of the 
four joints are # = 1.52, tg = 1.72, Crown s Skewback 
tz = 1.90, t, = 2.06 ft.; that the Fig. 118 
abscissas of their middle points are 
3.22, 9.47, 15.20, 20.50 ft.; and that the corresponding ordinates are 0.21, 1.84, 
4.62, 8.31 ft. These coordinates are entered in the second and third columns of the 

_ table below. 
(3) Drawing vertical lines at the limits of the four divisions, the loads for the points 

1, 2, 3 are, for an arch one foot in length, 

For dead load, Wy = 4500 W2 = 5400 W3 = 7000 Ib. 
For live load, W, = 2100 W2 = 2000 W2 = 1800 lb. 

The last load, W, in this case, is not used, because by this method of division and com- 
putation it does not produce stresses in the arch; in reality, it does, of course, cause 
stresses, but they are small on account of its nearness to the skewback. In Fig, 117 
the dead loads are shown for both halves of the span, but the live loads are shown only 
for the left-hand half. 

(4) The summations and quantities involving only x and y, which are required for 
use in the formulas of Art. 38, are computed and entered in the following table; the 
denominator in the formula for H has the constant value 150.9 for all loads in all 
positions. 

—— 
Point >¢ y y? x? 

1 3.22 0.21 0.04 10.4 
2 9.47 1.84 3.39 89.7 
3 15.20 4.62 21.34 231.0 
4 20.50 8.31 69.06 420.2 

2 = 224.4 =4 : 
oles — (Sy)? aed Ly = 14.98 Ly? = 94.87 Dx? = 751.3 

(5) The products and summations involving z, which depend upon both position of 
load and the other points of division, are computed and entered in a second table. 



984 Masonry Arches and Piers Sect. 10 

Since the load W; is taken as applied at point 1, the values of z for it are found by 

subtracting the first value of « from each of the following ones; also for W2 the second 

value of x is subtracted from the following ones. The distances 29, 23, 24, shown in 

Fig. 117, are the values of z for the load Wj. 

Values of z Values of zy Values of zx 

595.5 | 313.2 

(6) Formula (A) of Art. 38 is now used to obtain the horizontal thrust caused by 
each load, and then Formulas (B) and (C) to find the crown moment and crown shear. 

For example, the work for the first load is 

H = 1/2 Wy (4 X 210.4 — 531.8)/150.9 = 1.026 Wy 
Mo = (1/2 Wy X 35.5 — 1.026 Wy X 14.98)/4 = 0.595 Wi 
Vo = 1/2 Wy X 595.5/751.3 = 0.396 Wi 

This value of Vo is positive if W is on the left and negative if it is on the right of the 
crown, because it is understood that the left semi-arch is the one for which the analysis 
is to be made. For each load in Fig. 117 the computed results for the crown now are 

for Wy, H = 1.026 Wy Mo 0.595 Wy Vo = 0.396 Wy 

for Wo, H = 0.733 We Mo =— 0.645 Wo Vo = 0.208 Wo 

for W3, H = 0.320 W3 Mo =— 0.535 W3 Vo = 0.072 W3 

(7) Only one case of loading will be here investigated, namely, that when the live 
load covers the left semi-arch only, as in Fig. 117.. For dead load over the whole span, 
the values W; = 4500,W> = 5400, W3 = 7000 Ib. are to be inserted above, the products 
added and the sums doubled for Hand M, while those for V cancel each other on 
account of the double sign. For live load over left semi-arch only, the values Wy = 
2100, We = 2000, Ws = 1800 Ib. are to be inserted and the products added. Thus, for 

dead load, H = 21 600 My =— 9100 Vo =0 
for half liveload, H = 4200 Mo =— 1000 Vo =+ 1400 

Lastly, the addition of these gives the final values for the case of loading shown in 
Fig. 117, namely, H = 25 800 lb., Mp =— 10 100 ft-lb., Vo = 1400 lb. The negative 
sign of Mo shows that it tends to produce tension on the back of the arch. 

(8) These final crown moments and shears reduce formula (D) of Art. 38 to 

M =— 10100 + 25 800 y + 1400% —2Wz, V = 1400 —-=2W 

and the values of the moment and shear for each joint are placed in the table below. 
Also the first formula (E) takes the form V = 25 800 cos 6 — V sin 6, and the com- 
puted normal pressures for each joint are given in the last column. 

4 

Skewback 
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(9) Finally, the eccentricity e, or the departure of the resistance line from the neutral 
axis, is obtained for each joint by formula (F) of Art. 38, namely‘e = M/N. The fol- 
lowing table shows that the resistance line is within the middle-third of the arch ring 
except at the crown and at joint 2 and skewback; the values of 1/6 ¢ are distances 
from neutral axis to limits of middle-third. The maximum compression S 1 and the 
maximum tension Sy, using the formulas of Art. 21, and using only the normal com- 
ponent V of the thrust, are computed for the joints under the assumption that no 
rupture of the material occurs under the tensife stress; if such occurs, then the com- 
pression on the other side is increased to the value shown in the last column. 

Maximum unit stress, 
Middle- a Ib. per sq. in. 

Joint |Thickness,| third, Heconctty, 
t, ft. 1/6 t, ft. e Compression,| Tension, 

S: 

Crown 1.42 0.237 —0.391 ~, ou 

1 1.52 0.253 —0.018 120 

Z 1.72 0.287 +0. 322 220 

S 1.90 0.317 +0.294 200 

4 2.06 0.343 —0.286 210 

Skewback 2.14 0.357 —0.572 280 
roar a if 

Other cases of loading cannot here be investigated, but a live load over the entire 
span, or perhaps live loads W; and W2 acting on both sides of the crown, may produce 
a greater moment at the crown and raise the resistance line higher above the neutral 
surface. The result of the investigations thus far made shows that the resistance line 
Passes outside the middle-third at three points, and hence the design must be modified 
in order to be satisfactory. This may be done by increasing the rise, by increasing the 
thickness of the arch ring at the crown, or by introducing steel reinforcement. 

The above method, in its essential features, was first given in America by Howe 
(Arches, 1890), the formulas being materially simplified by Turneaure and Maurer 
(Reinforced Concrete, 1907); both formulas and tabulations are here given in some- 
what different form. The way of obtaining the loads and applying them above the 
centers of the joints is regarded as not perfectly satisfactory. There is, however, 
nothing in the theory which requires the loads to be applied at the points 1, 2, 3 in 
Fig. 117; they may be applied at any other positions, but the x’s for any W must be 
measured from the position of W to all the points between it and the skewback. 

Multiple-Arch Bridges on high, elastic piers are difficult to analyze since the elastic 
deformation of the piers affects the stresses in the arches. Elaborate analytical methods 
have been proposed for this purpose. (Trans. Am. Soc. C. E., Vol. 90, p. 1094; Vol. 88, 
p. 1142; Vol, 91, p. 459.) A simpler method of deriving stresses for such structures 
is by the use of models (see Art. 42). 

Skew Arches should be avoided if possible because they are more expensive 
and involve many complications in design and construction. An approximate 
method of analysis is outlined in G. F. Swain’s “Stresses, Graphical Statics 
and Masonry ” (1927), p. 426. (Also see Eng. News-Rec., Vol. 88, p. 638.) 
An elaborate analytical method is given by J. C. Rathbun, Trans. Am. Soc. 
C. E., Vol. 87, p. 611. See also article by S. C. Hollister in Proceedings, Am. 
Concrete Inst., Vol. 24 (1928). 
A skew stone arch may be one of three types: (1) If courses are laid parallel 

to arch axis, it is called a ‘‘ false skew arch.”” (See Stereotomy, Art. 6.) This 
method is suitable only where the angle of skew is small (not over 20 deg.) 
unless the span is very short. (2) A ribbed skew arch (Fig. 134) in which the 
soffit is offset at regular intervals, each rib being constructed as a right arch. 
The ribs should be tied together by cramps at the extrados. (3) The real 
skew arch is constructed with the courses laid out in spiral curves, so as to 
maintain the joints perpendicular to the pressure line. (Books on Stereotomy 
referred to in Art. 6 contain descriptive matter.) 
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40. Temperature and Deformation 

General Effect of Temperature. If a ring of any elastic material, as in 
Fig. 119, is rigidly fastened to fixed abutments, the expansion of the ring under 
a rise of temperature exerts a horizontal thrust against the abutments. The 
abutments being immovable, the ring distorts, and the points dd retreat from 

the horizontal diameter ab. Ifthe temperature falls, the ring is also distorted, 
but the points dd approach ab. Since the ring is still in equilibrium, the 
stresses at all sections will have undergone a change. The removal of the 

lower half of the ring would evidently not affect the distortion of the upper 
half under the change of temperature, provided the upper half is rigidly 
fastened to the immovable abutments. The condition of the upper portion 
of the ring is approximately that of a solid masonry arch built upon a rock 
foundation. Ifthe upper portion of the ring is of loose voussoirs (Fig. 1198), 

Fig. 119. Influence of Temperature 

that is, without mortar in the joints, it is evident that the arch would adjust 
itself with but little strain. In practice, however, the arch ring is held down 
by the loads upon it so that the stresses due to-the loads are increased or dimin- 
ished by a change in temperature. Fig. 119¢c shows a three-hinged arch which, 
disregarding friction of the hinge, is free to move under change of temperature 
without developing temperature stresses. 

Changes in Crown Thrust and Moment occur when the temperature varies 
from that prevailing at the time of closing the arch. When the temperature 
rises above the standard, the horizontal thrust is increased; when it falls below 
the standard, the horizontal thrust is decreased. Let H’ = the change in H 

due to a change of T degrees; let e = the coefficient of expansion and E = 
modulus of elasticity of the material (Art. 17); let » = the number of divisions 
into which the half arch ring is divided and m = the constant ratio J/s for 
each division (Art. 38); let Dy and Ly? be the sum of the ordinates and the 
sum of their squares for the middle points of the several joints; let a = half- 
span of the arch. Then, for a rise of T degrees, 

ET 

Crown Moment = M’y) = — H’2y/n Crown shear Vj) = 0 

The bending moment at any point due to this rise in temperature is M’ = 
M’, + H’y. The computed values of H’, Mo’ and M’ are to be combined 
with those found for H, Mo and M in Art. 39 for the case of loading under 
consideration. For a fall of temperature T is to be taken negative. 

The standard temperature is usually assumed in the design at 50° Fahr. and a range 
of from 20° to 45° above and below it is allowed,.or T = + 20° for a spandrel filled 
arch and T= + 45° for an isolated arch ring. Instead of using a standard temper- 
ature, it is best to compute the design with reference to the temperature conditions 
that will probably be met. These will be not only a function of latitude and altitude, 
but also of the time of year in which the arch will be built and, to some extent, of the 



- Art. 40 Temperature and Deformation 987 

method of building. For instance, if the arch is built as a continuous monolith the 
heat resulting from chemical action will add to the normal temperature. If, however, 
keyways are provided and these keyways are not concreted until a week or so after the 
balance of the arch has been built, there will be little added temperature as a result 
of chemical action. 

There are few actual temperature observations of arch concrete. Some tests, how- 
ever, indicate that the variation of the temperature in the arch will be about 75% of 
the mean seasonal atmospheric variation for a spandrel filled arch; and for an exposed 
arch ring the temperature of the arch will vary nearly as much as in the atmosphere. 
(See Bulletin 30, Eng. Exp. Sta., Iowa State College, 1913.) 

-The values of M due to temperature are most conveniently taken from a diagram, 
being the ordinates between the neutral axis and a straight horizontal line drawn at 

_a distance (Zy)/n below the crown if the ordinate below the crown represents on a 
certain scale the value of Mo’, or these ordinates in feet multiplied by H’. 

Example. For the arch discussed in Art. 39, the value of m is 0.45. Then for T = 
45° and E = 2 500 000 X 144 Ib. per sq. ft., the horizontal thrust due to temperature 
is H’ = + 27000 lb. Hence under dead load the horizontal thrust ranges from! 
21 600 + 27 000 = 48 600 ib. at 95° Fahr. to 21 600 — 27 000 = — 5400 1b. at 5° Fahr. 

Temperature changes will often, on the basis of the formulas, cause the line of thrust 
to pass outside of the middle-third of the arch ring. It does not, however, seem neces- 
sary, when temperature is considered, that the line of thrust at all joints, based upon 
the maximum moments, shall lie inside the middle-third. The following tabulation 
shows the stresses, in pounds per square inch, as given by the formulas, for an arch of 
150-ft. span with a uniform thickness of 4 ft., the range of temperature being 40° Fahr. 
from the normal. 

Ratio of Crown Skewback 
rise to. | |—_—_—_ 
span Concrete *| Ashlar + | Ashlar ¢ | Concrete *| Ashlar t+ 

1/2 40 35 65 70 65 
1/4 110 105 180 210 190 
1/5 150 140 240 270 250 
1/10 340 320 550 625 580 
1/20 770 720 1260 1375 1280 

* E = 2500000 lb. per sq. in. and e = 0.0000060. + For average joints, EZ = 
4000000 and e = 0.0000035. tFor very thin joints, E = 7000000 and ¢ = 
0.0000035. 

Shortening of the Arch Ring under the compressive stresses would produce 

the same effect as a decrease in temperature if the compression were uniform 

throughout. If S = average compressive unit stress in the arch ring, this 

being found by taking the average of several values, or known in advance 

by specification, then the shortening per unit of length is S/Z instead of eT, 

and accordingly 
Snma 

nZy” — (Zy)? 
but the expression for crown moment is same as beforeand crown shear is 

zero. For the numerical example of Art. 39, this value of H’ is — 5300 Ib., 

or about 25% of the thrust due to dead load. , 

If keyways are not provided the shrinkage of the concrete after setting will 

have the same effect as shortening of the arch ring under compression. There 

is no accurate way of computing the horizontal thrust resulting from shrinkage, 

but the following formula indicates the elements that enter into it. 

ECsnma 

: ny? — (Zy)” 
where Cs = shrinkage coefficient (Sect. 11, Art. 2). 

Horizontal thrust H’ = — 

H” = 
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The writer has given this formula to indicate that stresses result from con- 
crete shrinkage, but suggests that in design it is best to use conservative allow- 
able unit stresses rather than to attempt to apply any formula. 

The Deflection of the Crown under load may be closely found by the 1ol- 
lowing formula. For dead load, or for full live load, it is 

=— (M,)>x + H2xy — DWzx)/mE 

in which the summations are for the half span only, as in Art. 39. For any 
loading on the left of the crown the deflection of the crown is 

f =— (M)>x + H2=xy + Virx? — DWzx)/mE 

and this expression applies also to any loading on the right of the crown if 
the negative sign be used before Vp. With these formulas, a positive result 
indicates downward deflection, and a negative result shows upward deflection. 

The stiffness of the arch will be considerably increased if the roadway is 
part of a concrete superstructure which is integral with the arch. This will be 

the case with an open spandrel bridge, if the spandrel columns are fastened 
rigidly to the arch by reinforcing steel; or with a closed spandrel bridge with 
hollow superstructure, where the interior walls or columns are similarly 
attached to the arch. The resulting increase in stiffness will generally reduce 
the stresses in the arch due to dead and live loads, but may cause a decided 
increase in temperature stresses. The actual effect of the superstructure on 

the arch stresses is difficult to determine analytically, but may be investigated 
by the use of models. (See Art. 42.) 

For Temperature Changes the deflection of the crown is much greater than 
that due to the loads. If the rise of the arch is }, and the half-span a, the de- 
flection may be computed from 

xv — f= eth + eTa(n>xy — =xLy) 

nZy’ — (Zy)? 
the deflection being negative (or upward) for an increase in temperature. 

In this formula, the first term gives the change in the rise of the arch which 

would occur if the ends were entirely free to 
move under temperature variations, and the 
second term gives the change in rise due to 
the restraint of the abutments. This is also 
shown in Fig. 120, in which SCS is the arch 
curve under normal temperature, S’’C’S’ is 
the shape which the arch would assume after a 
temperature increase if the abutments were 

Fig. 120 entirely free, and SC’S is the shape which 
the arch must take due to the restraint at the 

ends. Most engineers have been accustomed to compute temperature deflec- 

tion according to the second term of the above formula, neglecting the in- 
fluence of the first term, but this results in a computed deflection less than 
the writer believes to be correct. 

The above equation can also be written 

f; =— eT(b + 2aip) 

where i is the thrust at the crown due to a unit vertical load on the arch at the crown. 
(See article by Prof. Hardy Cross, Eng. News-Rec., Vol. 96, p. 190.) 

For important arches the deflection from load and temperature should be computed 
and allowance for this deflection should be made in-the cambering of the centering. 

In computations for deflection, either from direct loads or from tempera- 

ture, it is essential that the sub-divisions of the arch be made relatively small 
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jn order to avoid errors due to the summation process involved in the formulas. 

This is particularly true in the case of an arch which has a considerable varia- 

tion in thickness from crown to skewback. Where the skewback is exception- 

ally heavy, it may be better to consider the lower portion of the arch as part 

of the abutment, basing the computations on an arch of reduced span and rise. 

Tests made by the Austrian Society of Engineers on masonry arches ranging in 

span from 6 to 75 ft. have confirmed the correctness of the aboy? formulas for deflection 

under load, and hence also the validity of the elastic theory (see Eng. News, Nov. 21, 

1895, and April 9, 1896). Measurements of temperature deflections were made on a 

145-ft. arch of the 6-span-concrete bridge at Danville, Ill., in 1927, by the Engineering 

Experiment Station of the University of Illinois, the results confirming the above . 

formula for temperature deflection. (Bulletin 174, Eng. Exp. Sta., Univ. of Illinois.) 

Flow of Concrete. The elastic method of arch design assumes that the de- 

formation of the masonry under a sustained load is the same as under a load 

applied for only a short time. Experiments and tests, however, have shown 

that when concrete is subjected to continuously acting stress, the deformation 

does not stop after the application of the load, but gradually increases during 

a considerable period of time, and the concrete is subject to additional de- 

formation without increase of stress. (See paper by R. E. Davis, Proceedings 

Am. Concrete Inst., Vol. 24, 1928.) This yielding or ‘‘flow” of the concrete 

is variable, depending on the proportions of the concrete aggregate, conditions 

of mixing and curing of the concrete, and the intensity of the stress. In arches, 

temperature changes are generally gradual and extended over a considerable 

length of time, and the stresses due to temperature change will cause a gradual 

flow of the concrete, which tends to neutralize the temperature effect toa con- 

siderable extent. It is suggested that in reinforced concrete arches with 

reinforced spandrels and floor, if temperature stresses are computed as. de- 

scribed hereinbefore, the unit allowed stresses given in Art, 16 may be 

increased 25%. 

41. Diagrams and Influence Lines» 

Formulas for a Three-hinged Arch (Fig. 1212). For a single load on left of 

the crown, 

H = Pa(1 —k)/2b Vo =P (i —k)/2 M, =0 

02h sa die iy i 

b a“ 

A by — Vy, — eS YH B- a 

‘cof | a am 1 

(a) Three-Hinged Arch (b) Fixed Arch 

Fig. 121. Moments due to Load J if 

The moments are shown by the vertical lines above and below the arch curve. 

The moments at all hinges are 0. If the ordinate DD, to some scale equals 

the moments at Dj, then the moment at any other point equals the length 

of the vertical line at that point included between the neutral axis ACB and 

the resultant Ri or Re, measured to the same scale. Or the moment at any 

point equals H multiplied by the vertical line or ordinate included between 

ACB and R or Re, measured to the same scale as the arch. For uniform load 
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over the entire arch, H = wa?/2 b, while Vp = Oand My = 0. The resistance 
line is a curve passing through the hinges; it may coincide with the neutral axis 
or may lie above or below this axis. 

Formulas for a Fixed Parabolic Arch (Fig. 1215). Fora single load P at 
a distance ka from the crown, 

y1 = 20 (1 —5&)/15 (1 — &) gy2 =20(14+52&)/15 (1 +8) 

15 Pa (1 — k?)? Vv, = P(2—3k+k') 

ote 32 b : 4 
— Pa (3 — 16k + 18k? — 5k‘) 

hae 32 
y1 and 42 are laid off above AB when positive and below AB when negative. 
The reaction locus, or the locus of the intersection of all loads with their result- 
ants, is a horizontal line 0.2 6 above the crown of the neutral axis. The 
moments are shown graphically at all points of the arch. © This may be drawn 
for any load by laying off the reaction locus and y1 and y2 computed by formu- 
las. This moment diagram should be interpreted in the same manner as ex- 
plained for the three-hinged arch.. For uniform load over the entire arch, 
H = wa’/2 b, while V) = Oand My = 0. 

The following Table for Fixed Parabolic Arches is useful in obtaining 
H, Vo, and Mp for a single load P at a distance ka to the left of the crown. 
The numbers of each column should be multiplied by the factors shown in 
the first line. This table may be used for the design of earth-filled bridges 
or for arches with spandrel arches or columns, if the loads are applied at 
tenth points. By use of formulas this table may be extended to cover all 
classes of ‘parabolic arch design. The table may be used as a close approxi- 
mate check for all positions of loading and for non-parabolic arches in which 
6/a is less than 0.5. 

Thrust, Crown Shear, and Moment for Fixed Parabolic Arches 

k H Vo Mo 

0 0.4687 Pa/d +.0.5000 P + 9.0938 Pa 
Or1 0.4593 + 0.4252 + 0.0494 
0.2 0.4320 + 0.3520 + 0.0161 
0.3 0.3881 + 0.2818 — 0.0069 
0.4 0.3308 + 0.2160 — 0.0203 
0.5 0.2636 + 0.1562 — 0.0254 
0.6 0.1920 + 0.1040 — 0.0240 
0.7 0.1219 + 0.0608 — 0.0181 
0.8 0.0607 + 0.0280 — 0.0103 
0.9 0.0169 + 0.0072 — 0.0031 
1.0 0.0000 + 0.0000 — 0.0000 

An Influence Line is a line whose ordinates represent the values of a func- tion as a single unit load travels over the span, the ordinates being drawn at the positions of the load. Thus in Fig. 122a let a load P travel from the left end A of the span to the middle C. Then the influence line for the horizontal thrust H is constructed by laying off from AC an ordinate at each position of the load to represent the value of H for that position. Since H varies as the first power of & in a three-hinged arch, the influence line is straight and it is only necessary to determine the ordinates for k= 0 and k = 1. For the three-hinged arch both H and Vo are 0 when the load is at the springing line, and reach their maximum values at the crown, while Mois always. For the 
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atch with fixed ends, Fig. 1226 shows influence lines for Ho, Vo and Mo 

which have been constructed by the help of the preceding table. For both 

cases the ordinates for the other half span have the same values as for CA, 

except that those for Vp are negative, as the load travels from C to B. The 

influence lines clearly show that loads near the crown produce the greatest 

thrusts, shears, and moments. 

Where a moving live-load must be considered, the influence lines are most 

useful in determining the distfibution of the loading which will cause maximum 

moments, shears and thrusts. Thus, from Fig. 122b, the maximum positive 

(a) Three-Hinged Arch (b) Fixed Arch 

Fig. 122. Influence Lines 

value of My, will be found by multiplying the several positive ordinates of the 

influence diagram by the loads which may be applied at those points and taking 

their sum; and similarly, to obtain the maximum negative value of Mo. 

42. Analysis of Structures by Use of Models 

Many masonry structures, especially bridge arches and arched dams, are 

statically indeterminate, i.e., their stresses can be computed only by taking 

into consideration the elastic deformation of the structure. As pointed out 

in Art. 38, the use of the elastic theory for this purpose involves certain as- 

sumptions and approximations which render the results approximate. More- 

over, the correct use of this theory for the analysis of any complicated structure 

is accompanied with serious mathematical difficulties. To eliminate these 

troubles, various methods have been developed by which it is possible to find 

the stresses in a statically indeterminate structure by producing known deflec- 

tions at selected sections of a model of the structure, and observing deflections 

at points of assumed loading. The writer recommends the use of models for 

checking stresses in indeterminate structures. 

In order to make possible the convenient application of these methods 

within the limited space of an ordinary drawing board, use is made of small- 

scale elastic models. These may be splines of steel, hard rubber or other 

elastic material for the case of continuous beams or simple frames of uniform 

section. For more complicated structures, the models may be cut from cellu- 

loid sheets or fine quality cardboard. The widths of the model members are 

varied so that the moment of inertia of any section of the model will be 

proportional to that of the corresponding section of the actual structure. 

An elementary application of the model method, for analyzing a continuous 

beam, is described by R. Fleming, Eng. News-Rec. Vol. 83, p. 428 (Aug. 28, 

1919). This method is credited to Prot. George E. Beggs of Princeton Uni- 

versity, and was first used by him to check the reaction influence lines for the 

Bessemer and Lake Erie Bridge near Pittsburgh. The extended development 

of this method for the practical solution of continuous structures of various 

kinds was described by Professor Beggs in Proceedings Am. Concrete Inst., 

Vol. 18, p. 58, (1922) and Vol. 19, p. 53 (1923). 
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Others employ steel splines or metal rods of suitable thickness, clamped or 
soldered together to form models of proportionate stiffness. Reference is 
made to the “‘ Continostat ’’ developed by Otto Gottschalk, Buenos Aires 
(described in Journal of Franklin Institute, July 1926, p. 61; and in Journal of 
Boston Society Civil Engineers, Vol. 14, p. 495); and to the ‘‘Nupubest ’’ of 
Christian Rieckhof, Darmstadt, Germany (see Bauingenieur, Heft 7, 1925). 
A home-made apparatus applicable to continuous beams and simple frames 
employs hardened brass wires soldered together at joints by special details 
(see description by Anders Bull, Eng. News-Rec., Vol. 99, p. 920; also Vol. 
100, p. 370). In the methods used by Gottschalk, Rieckhof and Bull, appre- 

ciably large deflections are applied to the model so that the desired deflections 

at the load points may be 
read without. magnification. 
Although such devices are in 
special cases more convenient, 

they cannot easily be applied 
to structures with rapidly 
varying sections. They are 

not so generally applicable as 
Professor Beggs’s apparatus. 
A detailed comparison of 
existing devices for use with 
structural models is given by 
Rudolph Bernhard in Bauin- 
genieur, Heft 8, 1928, pp. 
127-132. 

The above methods of anal- 
ysis by models are based in 
general on Maxwell’s theorem 
of reciprocal deflections. As 
a corollary to this theorem, 
it follows that for any elastic 

structure (Fig. 123) the re- 
action V at a point A due to a 

load Pat B is given by V = 
Pd:/d;, provided the deflec- 

tions d; and dy are so minute 

that the structure is not 
2 appreciably deformed from 

“Unit Distance its geometrical shape. The 
A value of the ratio do/d; may 

Pipi 7h25) be obtained by an experiment 
with an elastic model. It is only necessary to introduce a relatively small 
known deformation d, at the point A in the direction of the desired reaction 
component. (see Figs. 123-125), and measure accurately the corresponding 
deflection component dy at B in the direction of the assumed applied load. 
Then for any assigned value of the load, the reaction component is computed 
by the formula P d2/d). It is evident that this deflection ratio is independent 
of the value of the coefficient of elasticity EZ, provided E is constant in the 
range of stress. 

Professor Beggs has developed the Deformeter Gage, shown in Fig. 126, for the accurate production of the deformations noted as dy, in Figs. 123, 124 and 125. The essential feature of this instrument is the pair of clamps at Y. The upper bar is screwed to the drawing board; the lower bar is clamped 
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tightly to the model, and is held to the upper bar by spring bolts. By chang- 

ing the size or shape of the pins in the V-notches (marked g) a definite deflec- 

tion d; of known amount may be applied to the model, either as a vertical or 

horizontal translation, or as an angular rotation. Thus, by changing from 

plugs / to i, a vertical upward deflection is produced in the model; plugs 7 will 

cause a counter-clockwise rotation; plugs & will produce a horizontal deflection 

to the left and plugs / a horizontal deflection to the right. By means of a 

microscope, the reciprocal deflection dz of the model at the assumed load point 

P is measured. The reaction at Y is then given by the relation: V = Pd2/d,. 

The Beggs apparatus can be used to study practically any type of structure 

for which a model of suitable material has been made. (See description in 

aa 

awing Board 

Fig. 126 

Trans. Am. Soc. C. E., Vol. 88, p. 1208; also Journal Franklin Institute, 

March, 1927.) 

The advantages of using models in analyzing indeterminate structures are: 

1. This method makes unnecessary some of the assumptions required in the applica- 

tion of the elastic theory, particularly the omission of the influence of shear, and of the 

unknown distribution of stresses around corners in frames. 

2. It gives an independent check upon analyses made by the elastic theory and per- 

mits further easy and rapid analyses which, on account of the time involved, would 

not be practicable with the elastic theory. 

3. It eliminates elaborate mathematical formulas and laborious computations. 

4. The method is largely self-checking because the components of the reactions 

obtained by model deflections may be readily checked by using the three equations 

of static equilibrium, which have not been previously used in the solution of the 

problem. 
5. Difficult problems may often be more readily solved by models. 

6. The use of models permits greater freedom in the choice of structural forms 

which one might hesitate to use because of the difficulty or impossibility of analysis 

by usual methods. 

An important use of these methods in analyzing open spandrel arches is to 

determine the influence of the superstructure on the strength of the arch- 

barrel. This effect has generally been disregarded in design, although elab- 
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orate studies were made in connection with the La Balme Bridge (see Table, 
Art. 34) by the use of a plate-glass model and polarized light. (Cornell Civ. 
Eng., Vol. 32, p. 17.) In general, the study of such structures by models 
shows that the superstructure acts to strengthen the arch-barrel in supporting 
direct loads, which may be taken advantage of by saving material in the arch 
itself. However, the increased stiffness produced by the integral super- 
structure may result in greatly increased temperature and rib-shortening 
stresses, both in the arch-barrel and in the superstructure itself. (See Art. 
40.) Fig. 127 shows the effect of a continuous superstructure upon the 

moments and thrusts of the 
arch, and also illustrates the 
stresses that may be produced 
in the superstructure itself 
due to its construction in- 

a en i tegral with the arch. 

In the design of the Arlington 
Memorial Bridge at Washington, 

Influence Line- Thrust at Crown D. C. (Fig. 136) the stresses in 
the arch and in the superstruc- 
ture were ‘studied by the use of 
models, the superstructure being 

| Without Superstructure| designed to act integrally with 
4 the arch. In this bridge, the 

= 5 deck is supported by transverse 
walls resting on the arch. The 
ring stones are of granite ashlar, 
and the spandrel walls are con- 
crete faced with granite. The 
weight of this heavy spandrel 
wall is transferred to the concrete 
arch-sheeting by the transverse 

Poritive Moment-+n walls, and the effectiveness of 
a Cross Wall Tends to these walls for this purpose was 
Bend-Member as Shown also studied by means of a 

three-dimensional model. (See 
: description by John Nagle, 

Military Engineer, Vol. 20, p. 
154.) 

The use of models is not Fig. 127 limited to masonry structures. 
This method may be applied effectively to the study of indeterminate structures of many types and ma- terials. (See also Art. 33, “ Arched Dams.”) For an application to rein- forced concrete frames, see article by A. G. Hayden, Eng. News-Rec., Vol. 96, p. 686. 

With Superstructure 

43. Construction and Erection 
Materials of Construction. In selecting the material of which the arch is to be built, the designer must be governed by the available materials in the local market, due consideration being given to labor conditions. If cement, sand, and broken stone are cheaper than cut stone, the arch should be built of concrete, provided, however, architectural conditions do not demand stone. For arches over 150 ft. in span the stone arch may be cheaper than the con- crete arch, but usually this will not be so. Occasionally when labor rates of cutting and setting stone are low and stone can be quarried at abnormally low tates, the stone arch may be cheaper for all spans 
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Ti the foundations are compressible the reinforced-concrete arch with 1% of steel is 
preferable, as it can better withstand deformation without failure. It is not correct to 

figure the reinforcement as carrying the total bending moment at all joints as is occa- 

sionally done, while the concrete is assumed to take the thrusts only. Such assump- 

tions result in an absurdly high percentage of steel. However, when the cost of false- 

work is abnormally high, as for an arch of large span over a deep gorge, the percentage 

of reinforcement may be made high so as to reduce the amount of concrete and therefore 

the load upon the falsework. In such cases the cost of the falsework governs the design. 

As steel can never be stressed higher than 15 times the maximum compression in the 

concrete, or about 7500 Ib. ver sq. in., a large percentage of steel is not generally 

economical nor is a steel of high strength advantageous. 

In a large work where the amount of arch construction is small, it is often better to 

build arches of stone, as they may not get the inspection care necessary for concrete. 

_When stonecutters and setters are first-class and concrete labor poor, the stone arch 

is the safer arch to build, although if first-class inspection can be had, concrete work 

can be well done under nearly all conditions. 

In order to decrease the cost of work at the quarries, it is common practice to make 

the voussoirs of a stone bridge of the same depth from the crown to the springing line, 

and to haunch the arch with concrete or rubble. When this is done the arch should 

generally be designed 

regarding the haunching 
as load and indirectly 
as a factor of safety. 
By bonding this haunch- 
ing with stone vous- 
soirs, however, they 
may be regarded as 
acting together and the 

combined masonry may Fig. 128. Concrete Voussoirs 

be analyzed as an arch, 

in which case it is suggested that the safe working unit compressive stresses be taken 

as 70% of those recommended in the tables of Art. 16 for the weaker material. 

For arches over 100 ft. in span it is not good practice to use cut ring stones with the 

- arch sheeting of rubble, concrete or brick, due to the great difference in the moduli of 

elasticity. Where large concrete arches, which should be built in alternate sections, 

are faced with stone voussoirs, the difficulties of erection are much increased. 

The Architectural Details for all masonry bridges should be simple and 

logical. The accentuation of the roadway by an ornamental but simple 

coping and parapet, the accentuation of the ring stones and springing blocks 

by projection and simple ornamentation, the apparent strengthening of the 

abutment adjacent to the arch by projection, all tend to enhance the appear- 

ance of the bridge. The paneling and ornamentation of the spandrels, more 

commonly seen in concrete bridges, injure the appearance of the structure 

and lower the magnitude of its scale. No amount of ornamentation will 

relieve the awkward appearance of a bridge where spans and arch curves 

have been illogically selected. The ornamentation of a bridge depends upon 

its location. Where appearance is of paramount importance, a bridge should 

be designed so as to be in harmony with the surrounding landscape, present 

and future, whether it be rural or formal. 

Drainage. The roadway of a masonry bridge should have drains at either 

side of the roadway at intervals of 30 to 40 ft., for a level roadway, and 100 

ft. when the roadway is on a grade. These drains should have a minimum 

diameter of 2 in. and preferably 3 in. The minimum area of a drain in square 

inches should be a = 4/200, where A = area of the surface drained in square 

feet. Ifa drain is placed at every 40 ft. of each gutter for a bridge 50 ft. 

wide, A = 50/2 X 40 = 1000 sq. ft. and a = 1000/200 = 5 sq. in. If the 

drains are at 100-ft. intervals, A = 50/2 X 100 = 2500 and a = 2500/200 = 
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12.5sq.in. The drains should be designed with an intake trap, and the entire 
drainage system carrying the water to the ground should be so designed as 
to permit of easy cleaning. 

In an.arch with solid spandrels, the extrados of the arch sheeting should be 
waterproofed so as to prevent seepage of water through the masonry or con- 
crete, and resultant discoloration of the soffit. This precaution may be ad- 
visable even where the roadway is properly drained, as there is always a possi- 
bility of rain water leaking from the roadway to the interior of the bridge. 

Falsework. Arches are generally built upon temporary falsework called 
centers or centering, which may be of timber or steel. Timber centering is 
generally more economical and less subject to deformation from temperature 
changes, but it deforms due to changes in moisture content. The deflection 
of steel centering due to loads is about the same as for timber centering. The 
actual deflection of any type of centering does no harm, however, provided 
the amount of settlement can be estimated in advance and occurs prior to 
final closure of the arch. (For the design and construction of timber cen- 
tering, see Sect. 9, Art. 13.) 

Steel centers are generally more economical than timber when they can be 
used over again about four times, either by moving them transverse to the 
bridge or to several different arches of the same span length. They may be 
desirable where a clear opening is required under the arch during construction, 
for traffic, or to leave adequate water way. If the necessary foundations 
are provided the cost of steel centers will be approximately as follows: 

F Cost per cubic yard or 
of arch concrete 

40-foot span $4.00 
80-foot span 6.00 

150-foot span 8.00 

Steel centering, however, is not usually feasible unless the steel sections can 
be handled by means of derricks. 

Steel centers are generally constructed as 3-hinged trussed arches. They may be designed for unit stresses 10 to 15% higher than are customary for permanent structures, the loads being nearly static. It is advisable to make the general designs of the centering before the bridge piers are built, because usually the reactions of the centering can best be carried by masonry offsets near the top of the piers. This means of support saves the cost. of building additional foundations to take the centering loads. (See Fig. 136.) The design of the offset must be predicated upon the design of the centering. Provision also must be made to take the horizontal thrust of the centers at their supports. If the span is short, a horizontal tie rod can be used for this purpose, with turnbuckles for adjustment. If the arch is flat and of long span, the horizontal thrust of the centers must be taken directly by the pier, by the use of wood or steel wedges. Steel wedges are better than wood, and should be planed. The horizontal tie rod should also be provided, however, in order to facilitate lowering and moving the centering. 
Provision must be made to enable lowering the centering after the arch is closed. This may be done by sand boxes (Sect. 9, Art. 13) or by wedges. Sand boxes are excellent but requite more expert care, and generally steel wedges are best for this purpose. As steel centers are affected by tempera- ture changes, the concrete should enerally be placed in alternate sections, with keyways. The final closure should not be made at a time when a sudden drop in temperature is expected, for the resulting contraction of the centering might cause the fresh concrete to carry practically the entire dead load of the 
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arch ring. (For comments on steel centers, see Eng. Rec., Vol. 65, p. 478.) 

Fig. 128¢ shows steel centers for the Arlington Memorial Bridge. 

Concrete arches have been built using structural steel ribs as the reinforcing 

arch steel and to support the forms and green concrete during construction. 

This may be economical for a single narrow and short span, but not where 

the steel centers may be used several times. 

Methods of Construction. , All arches must be built symmetrically. That 

is, the centering must be loaded equally’ on either side of its middle. Stonie 

arches under 75 ft. in span may be built continuously from springing line to 

crown, but unless the centering is abnormally unyielding for spans of more 

than 40 ft. hair-line cracks will occur at one or more joints, showing that the 

fensional value of the mortar is destroyed. Where the span is over 75 it., 

these cracks may amount to 1 /Sin. Asa result, when the centering is struck 

90° | 

Fig. 128¢ 

there will be a settlement of the crown of at least one inch. Therefore for 

‘spans of more than 75 ft., the masonry work should be laid up in alternate 

sections as shown in Fig. 128. The sections are numbered in the general order 

qn which they should be built. The sections last built, called’ the keying sec- 

tions and- marked K, should be as small as will permit the men to work. The 

length of the larger sections should not exceed about 15 ft. In arches built of 

voussoirs each of which is composed of more than one stone, the masonry 

blocks should be “‘racked back.” This is not shown in the figure. 

Plain and reinforced-concrete arches under 40 ft. in span should be built as con- 

tinuous work between umbrella points if possible... Arches of plain concrete over 40 ft. 

cand under 75 ft. may’ be built continuously from the springing line to the crown; if 

over 75 ft. the alternate block system should be used. 

Reinforced-concrete arches over 40 ft. and under 100’ ft. in span may be built in 

longitudinal ribs 3 or 4 ft. wide, so arranged as to incorporate two or more ribs or nes 

-of reinforcing steel. If so built the centering should be made very stiff, so that having 

-one rib. complete, the adjacent rib will not-so'deform-the center as practically to strike 

the. center under the first rib before the concrete of that rib is hardened. If built in 

ribs, transverse reinforcement should be used to tie the ribs together. Reinforced- 

concrete arches over 100 ft. in span would better be built in alternate blocks extending 

transversely across the bridge because of the danger of an adjacent longitudinal rib 

striking the centering under the completed ribs. The longitudinal rib method, how- 

ever, has been successfully used in'spams over 100 ft. Asvall centers settle and deform, 

the steel reinforcement becomes more or less buckled in construction and therefore 

will not be found in its theoretical position. In the construction of large arches it 

appears better to have the reinforcing steel in. lengths not exceeding 30 ft., the length 

to be spliced after the large blocks have been placed. The splice may be an overlap, 

_a bolted or a riveted joint. In concrete arches the concrete should be laid in horizontal 
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courses or, where the inclination of the soffit is not too great, in courses parallel to the soffit. If alternate concrete blocks are used, the size of each block should be such that it can be completed as continuous work. Several keying blocks can usually be made ina day. The use of construction keyways also permits shrinkage due to settling and drying to take place without developing additional stresses in the concrete. When arches are built in alternate sections the large blocks must be supported by stone, concrete or steel piers or columns until the key block masonry is in place (Fig. 128), or tie rods may be used as shown. The stresses in these piers or tie rods may be computed by resolving the weight of the blocks normal and tangent to the soffit (Fig. 128) and deducting the friction. W = og = weight of block. V = op = normal thrust against the centering. T = pg = tangential component. of is a line making an angle with V = the angle of friction of masonry upon wood. Then fq is the total stress in the pier P, due to the weight of block abcd. When the angle fog = or < bof, the block exerts no pressure upon P. The upper strut P; may bring additional load upon -P, due to the tendency of the upper blocks to slide down the arch centering. If tie rods are used, the stresses are found in a similar manner, but in that case the accumu- lated stress in the tie rod ¢ is due to the lower blocks. As the arch centering settles or deforms, the block above the pier P rotates about the foot of the pier P and in con- 
It is therefore suggested that when stone or concrete piers are used the unit com- pressive stress be taken at 40% of those given in Art. 16. 
The Method of Rib-Compensation has been developed by French engineers to facilitate the construction of long-span concrete arches. In this method, a keyway is left at the crown until after the arch concrete has attained its proper strength. Jacks are then placed at intervals in this keyway, and a large horizontal force is applied to each half-arch through the jacks. This force may be made sufficiently large to raise the arch slightly, at the crown, thereby relieving the centering of its load and avoiding the difficulties of striking the centering. The jacks may be placed in any position relative to the arch axis, so as to bring the resistance line under dead load to the desired location. By 

developed by the jacks. (See article by J. F. Brett, Jour. West. Soc. En- 

Elorn and Boutiron bridges (see table, Art. 34). 
Striking or Lowering of the Centering should be done gradually. The wedges or sand boxes should be lowered symmetrically, beginning at the 

prevent temperature cracks. The joints of Fig. 130, when made permanent, should be about 1 in, wide, and the spandrel arches should be reinforced with. 
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steel so as to act as beams and cantilever beams. The spandrel expansion 
joints of the Walnut Lane Bridge, described in Trans. Am. Soc. C. E., Vol. 65, 
p. 423, are of excellent design. Expansion joints should extend from the 
back of the arch to the top of the parapet. 

In an open spandrel bridge, if the’crown of the arch is close to the roadway, 
the deck structure and arch will be joined together for a short distance on each 
side of the crown, forming a “ saddle.’”’ In this case, no expansion joints need 
be provided adjacent to the saddle, the Only joints required in the deck being 
near the ends of the arch above the skewbacks. Measurements of the action 

of expansion joints were made on a multiple-span open spandrel bridge at Dan- 
ville, Ill. (Bulletin No. 174, Eng. Exp. Sta. Univ. of Illinois), which lead to 

3 és j Jj 

yY J 

Fi (a) 7 
Fig. 129 Fig. 130 

the following conclusions: ‘‘ There was practically no movement at the expan- 

sion joints adjacent to the saddles. These expansion joints are not needed 

to relieve the temperature stress in the deck, and they seem to weaken the 

structure by localizing the temperature deformation in the rib at the ends of 

the saddle.” 

In a three-hinged arch with permanent hinges, an expansion joint must be 

provided in the spandrels and deck over the crown hinge, as well as over the 

end-hinges. 

The permanent paving of earth-filled bridges should not be laid for two years after 

the earth fill is placed, as the settlement will crack and warp the pavement. The 

filling should be spread in layers and thoroughly rammed to decrease the amount of 

settlement. 

44, Large American Masonry Arches 

Cabin John Bridge at Washington, D. C., completed in 1864, is the longest 

stone arch and the one having the largest ratio of span to width of bridge in 

America. It is further notable as the first American example of the use of 

hollow or cellular abutments. The arch was built up continuously from 

springing line to crown. The clear span is 220 ft. and the rise is 57.3 ft. 

Walnut Lane Bridge at Philadelphia, Pa. (Fig. 131), completed in 1908, is 

the largest masonry archin America. The main span consists of two detached 

parallel plain concrete arch ribs each supporting spandrel arches upon which 

rest low spandrel walls. These walls support steel I beams encased in concrete 

and the concrete jack arches of the floor. The main arch was built in alter- 

nate blocks. 

The Edmondson Avenue Bridge at Baltimore, Md. (Fig. 132), completed 

in 1909, has piers and arches of plain concrete. The spandrels and floor sys- 

tem are of reinforced concrete. The order of building the large arch in alter- 

nate transverse blocks is shown in the sectional elevation. 

The Bellefield Bridge atePittsburgh, Pa. (Fig. 133), is a stone arch com- 

pletedin 1900. It is the only large masonry bridge in America built with longi- 

tudinal spandrel arches. The necessary great width of the outside walls which 

must resist the spandrel arch thrust limits this type of construction to special 
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cases. The face wall in section C-C is marked abutment wall. The Bellefield 
arch was built continuously from springing line to crown. 

/ The Pennsylvania R. R. Bridge at New Brunswick, N. J. (Fig. 134), con- 
sists of a series of stone arches having spans between 51 ft. and 72 ft. Two 
of these arches are shown in the figure. 

Connecticut Avenue Bridge, Washington, D. C. (Fig. 135), was completed 
1907. It consists of five 152-ft. spans and two 82-ft. spans. It is built of 

Half Section_B-B Half Section, 
B a) c-C 

Elevation of Ribbed Skew Arch “B 
Elevation of Arch 

Fig. 134. Railroad Bridge, New Brunswick, N.J. 

= 100102020 
Section through Abutment Pier 

Fig. 135. Connecticut Ave. Bridge, Washington, D. C. 

plain concrete. The coigns, belt courses, copings and other ornamental 
details were cast upon the ground, dressed and set in place as ashlar blocks. 

These details are indicated, in part, in the figure. Each spandrel arch nearest 
a pier and nearest the crown of the main arch has an expansion joint at its 
crown. These spandrel arches are therefore not true arches, and were rein- 
forced with steel so as to act as simple and cantilever beams. 

The Arlington Memorial Bridge, Washington, D. C. (Figs. 128¢ and 136), was 
under construction in 1928. This bridge,-which is of monumental character, crosses 
the Potomac River, and consists of eight reinforced-concrete fixed arches and one 
steel-truss double-leaf bascule span. The clear arch spans vary from 166 ft. to 180 ft., 
and rises vary trom 22.56 ft. to 27.38 ft.; crown thickness is 2.25 ft. The ring stones 
are of granite ashlar, and support a solid concrete spandrel wall faced with granite. 
The deck is supported by transverse walls spaced about 10-ft. centers, both deck and 
supports being reinforced concrete. 

The Cappelen Memorial Bridge, Minneapolis, Minn. (Fig. 137), was completed in 
1923. This bridge has the largest span of any concrete bridge in the United States 
(400 ft.) and with two side spans of 199 ft. The arches are fixed, and consist of two 
tibs, with open spandrels and beam-and-slab deck construction. The main arch rein- 
forcement consists of latticed steel trusses. 
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45. Piers and Abutments 

Engineers interested in design of bridge piers should consult “Hydrauli Beers ydraulic Laborator 
Practice, edited by John R. Freeman, and published in 1929 by the Am. Soc. spe 
Engineers, New York. ‘ : 

Location of Bridge Piers should be based on (a) keeping the combined cost 
of superstructure and substructure a minimum, (b) securing a stable founda- 
tion, and (c) causing a minimum disturbance to stream flow and navigation. 
The cost of a pier does not vary greatly with the length of span. Topo- 
graphical conditions, however, or the depth of water and the vertical distance 
to rock at various points of the river materially affect the cost of the piers and 
therefore the economical span length. The minimum cost for a steel bridge 
may be approximately attained if the cost of one river pier equals the cost 
of the main and lateral trusses of one span. (See ‘“‘ Roofs and Bridges,” 
by Merriman and Jacoby, Part III, Art. 9.) 

Piers should be located approximately parallel to the direction of the current 
so as not to cause (1) a shift in the river channel, (2) currents that may inter- 
fere with navigation, (3) erosion of the foundation bed, or (4) unnecessary 
obstruction to the flow of the stream resulting in increased backwater up- 
stream in times of flood and possible damage and lawsuits. In order that the 
axes of piers may be approximately parallel to the direction of the current, it 
may be necessary to build skew spans. As skew spans result in higher cost 
of design and bridge fabrication (both of steel and masonry), they should not 
be adopted unless freshet and ice conditions and the direction of the current 
make them mandatory. 

In navigable rivers the location of piers must be approved by the Secretary 
of War. The most important considerations in this case are: (a) Location of 

crossing relative to current and to river traffic requirements, (b) type of span 
over navigable channel, and (c) clear width of channel opening. (See paper 
by C. E. Smith, Proceedings, Am. Railway Eng. Assoc., Vol. 14, p. 185 of 
appendix.) If a movable span is undesirable because of its cost or the 
operating expense, or if the river banks are high, it may be desirable to build 
a high bridge. The War Department will generally approve a height that 
will clear shipping, which height on important streams may be 150 ft. or 
more above high water. 

Dimensions of Piers. Height is usually determined by design of super- 
structure and required clearances above high-water level. With non- 
navigable streams, 10 ft. clearance above high water is usually sufficient to 
pass drift and ice. The. pier top should be wide enough to allow a clearance 
of 1 to 1-1/2 ft. outside of bridge pedestals. Width under coping should be 
not less than 4 ft., and at least 1 ft. wider than the pedestals. Length 

under coping should be not less than distance out-to-out of pedestals plus 

1-1/4 times the width of the pier. The coping thickness usually varies 

from 1 to 2-1/2 ft. The sides of the pier are usually battered, for stability 

and to improve the appearance. For tall piers, on rock or solid foundations, 

use a minimum batter of 1:48 or 1/4 in. per foot; for piers of ordinary 

height the usual batter is 1 : 24 or 1: 12. 

Forces Acting on a river pier may include: 

(1) End loads of two adjacent bridge spans, including all dead load, and 

live load on either one or both spans. Impact of live load is generally omitted. 

Eccentricity of pier loading must not be overlooked where the two adjacent 

spans differ widely in length. 
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(2) Wind Load, generally assumed as 300 lb. per sq. ft. of exposed vertical 
surface of the pier and of both trusses and train, or 150 lb. per linear foot of 
bridge for both the upper and lower lateral systems applied at the panel 

ints, and 300 lb. per linear foot of train applied 7 ft. above the base of rail. 
frend of pier is rounded, use 20 lb. per sq. ft. for wind on end of pier. 

(3) Traction Force of Train, for which is used from 10 to 20% of the live 

load on one track applied at top of bearing. In determining the stability of a 
pier this force must be used with a good deal of discretion because of the inde- 
terminate factors resulting from the continuity of the roadbed (the ballast and 
tails) and the friction in the roller bearings, all of which tend to transmit 
this force over more than one pier if there are a series of piers. Moreover, 
with a long train it is improbable that all the brakes will act simultaneously. 

(4) Centrifugal Force, which occurs only when the track is on a curve, and 
which equals 0.00001167 WV2D, where W = weight of train on track sup- 
ported by the pier, V = velocity of train in miles per hour and D = degree 
of curvature of track. V may be taken as 60 — 2-1/2 D. Centrifugal force 
will be applied about 6-1/2 ft. above the rail and acts horizontally and in the 
direction of the radius of the curve away from the center of curvature. 

(5) Impact of Floating Debris and Ice, which must be considered, as it may 
occur, but its. value can only be conjectured. Unless it is liable to be con- 
siderable, it may generally be neglected. For small river piers it would be 
well to add to the normal pier thickness to guard against floating ice if records 
show probable large floes of ice. There are a few records of piers having been 
moved by floating ice. 

(6) Pressure of Flowing Water and of Solid Ice. Ice pressure may 
usually be neglected. There are records, however, of piers having been moved 
by solid sheets of ice. This was believed to be partly due to the uplift of rising 
water and ice expansion. Therefore in designing small river piers in cold 
climates make them somewhat heavier than normal and have smooth masonry 
between high and low water. (See Art. 30, for pressure of ice against masonry 
dams.) Pressure of flowing water may be computed by the formula: P = 
KW V?/64.4, where P = pressure in pounds per square foot, V = velocity of 
current in feet per second, W = weight of a cubic foot of water, and K is a con- 
stant. Greiner gives value for KW/64.4 as 1.5 for flat surfaces and 0.75 for 
rounded surfaces and minimum value for P as 150 lb. per sq. ft. for flat sur- 
faces subjected to freshets and 50 lb. per sq. ft. for flat surfaces in tidal 
streams. 

(7) Forces Exerted by Expansion or Contraction of the Superstructure. 
If the expansion support is a sliding plate, this force may be the reaction of the 
superstructure multiplied by the coefficient of friction; where suitable roller 
or rocker supports are used, the force will be much less than this maximum, 

(8) Weight of the Pier Itself. If the foundation is pervious, the weight of 
that portion of the pier below water level should be reduced by 62.5 lb. per 
cu. ft. 

Stability. A pier should be stable (based on the forces given in the pre- 
ceding paragraphs) as to: (1) sliding downstream, (2) sliding parallel to the 
axis of the bridge, (3) overturning about the downstream toe, (4) overturning in the direction of the axis of the bridge. The maximum unit pressure at the downstream toe and at the side should not exceed the allowable masonry or foundation pressure (Art. 16). The stability should be examined under various combinations of track, wind and water loads. 7 

Determination of stability consists of computing the point of action of the resultant 



Art. 45 Piers and Abutments 1005 

reaction of the foundation, and thé maximum unit pressure exerted on the foundation. 
In a plane through the pier at right angles to the bridge axis (see Fig. 138, sect. 4A); 
let Mz = sum of the moments of all forces (vertical and those horizontal and trans- 
verse to the bridge) about the center line of the footing, 0,. Ina plane through the 
pier parallel to the bridge axis (sect. BB), let My = sum.of moments of all forces 
(vertical and those horizontal 
and parallel to the bridge) about 
the center O2. W.= sum of all 
vertical loads, that is, the reac- 
tion or the magnitude of the 
resultant; x = longitudinal ec- 
centricity; and y = transverse 
eccentricity of the reaction. 
Thenx = Mx/Wandy=My,/W. 

These coordinates therefore lo- 
cate the point where the result- 
ant intersects the pier base. 
With W and x and y known, 
the maximum and minimum 
unit stresses on the rectangle 
base are computed by the for- 
mulas of Art. 22. The stability 
against sliding of the pier on its 
foundation should also be con- 
sidered, using the frictional co- 
efficients given in Art. 16, Ex- 
cept upon firm and rough rock, 
the ratio of the sum of the hori- 
zontal loads to the vertical, 

a. should not be greater than 
W Fig. 138 
0.36, and the departure of the 
resultant from the vertical should not exceed 20 deg. if friction alone is to be de- 
pended on. On rock the horizontal loads or pressures may be entirely taken by cutting 
the rock into steps, or by cutting depressions in the rock into which the masonry may 

be keyed. 

For example, let the vertical loads W, and W» of the larger span (Fig. 138) include 
live load, Wz and W4 of the smaller span being dead load only. Assume two double- 
track spans, one 400 and the other 300 ft. long, dead load being 2000 Ib. per linear 
foot of track and live load 4000 lb. per linear foot of track. Then Wy = Wy = 600 
and W3 = W4 = 150 short tons. Lateral wind pressure is 300 lb. per lin. ft. (150 lb. 
per linear foot of top and bottom lateral systems) on truss and 300 lb. per linear foot of 
train. Wind reaction on pier from long span = 30 tons on truss applied 25 ft. above 
top of pier (the distance of the middle of the truss above the top of pier) and 30 tons 
on train applied 12 ft. above top of pier; wind reaction on pier from short span = 
22.5 tons applied 20 ft. above top of pier. Hence resultant wind reaction is Py = 
82.5 tons, and is applied 18.9 ft. above top of pier. 

Dimensions of pier are a = 26 ft., b = 18 ft., h = 21 ft. Weight of pier (approxi- 
mated) = 360 tons, after subtracting weight of displaced water; ¢ = 6 ft., cf = 
2.5 ft. P2 = wind on end of pier (approximated) = 2 tons. 3 = pressure of cur- 
rent (150 Ib. per sq. ft.) = 10 tons. P4 = traction force of train (taken as 10% of 
live load reaction of one track only) = 0.1 * 400 = 40 tons. Ps; = wind on side of 
pier = 0. (For very high piers a check computation should be made with the wind 
30 lb. per sq. ft. in this direction and 0 parallel to the length of the pier.) hy = 39.9 ft.; 
he = 14 ft.; 43 = 4 ft.; hg = 21 ft. (All #’s are approximate in this example.) 

Then Myx = Pih, + Poho + Ph; = 3360 ton-ft. 
My = Puhy + (Wi + Wa)c’ — (W3 + Wa)c’ = 3090 ton-ft. 
W = sum of vertical loads = 1500 + 360 = 1860 tons 

Then x = M;/W = 1,81 ft, 

y = M,/W = 1.66 ft. 
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By the formulas of Art. 22, the stress at corner 1 of the base of the pier = S; = 
w 

ab 
S3 = 0.12 ton per sq. ft., compression. The resultant lies within the kern of the base, 
hence compression everywhere prevails. 

1+6 ars +6 = 7.84 tons per sq. ft., compression; and at the opposite corner 
a 

Tendency to slide or rotate may be diminished, when the pier is on a rock 
foundation, by the use of anchor bolts (Art. 22). If the current is very strong, 
or if it is probable that the river may become choked with ice, round dowel 
rods, extending for at least 40 diameters into both rock and pier, may be used, 
as seen in pier F of Fig. 139. This figure illustrates the forces which act on 
the piers of a bascule bridge, which may include wind on the open bascule 
leaf in the direction of the bridge axis in addition to the forces discussed 
above. 

Shape of Pier. The rectangular shape is the cheapest, but causes greater 
interference with the current. Experiments by F. A. Nagler at the University 

of Michigan led to follow- 
pay rea " ing conclusions (Trans. Am. 

Soc. C. E., Vol. 82, p. 334): 
(1) Best practical form of 
nose is either the _ half- 
round or the semi-elliptical, 
these being better than the 
pointed nose. (2) Back- 
water may be appreciably 
reduced by using an efficient 
tail. Best practical form of 
tail is either half-round or 
pointed. (3) The 90-deg. 
nose is not satisfactory; 
best angle for a pointed 
nose is 45 deg. or less. (4) 
For piers of same design up- 
stream and downstream, the 
half-round shape gives least 
backwater. Where the nose 
is pointed and circular seg- 

Fig, 139. Piers of Bascule Bridge ments are used, the’ curves 
should be tangent to sides 

of the pier and the radius should be greater than half the pier thickness. 

Piers of Arch Bridges are subject to horizontal thrust from the skew-backs 
of the adjacent spans, and the difference of these acts at the top and causes 
an overturning tendency. The ordinary arch pier should be analyzed for one 
adjacent arch without live load and the other adjacent arch with live load over 
the whole span. It is not necessary to consider thrust due to temperature or 
rib shortening except when two reinforced concrete arches of widely different 
spans rest upon the same pier and the larger arch has a rise of less than 1/6 
the span; even then the consideration of these thrusts may be an unwarranted 
refinement. If the pier is an abutment pier it should be analyzed for either 
arch standing and the other arch removed and for both arches standing. 
Every third or fourth pier in a series of arches should be built wider than the 
others so as to act as an abutment in case of failure of one or more of the 
arches. 
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Fig. 140 shows graphic analysis for an abutment pier for the case of the left arch 
standing and the right arch removed. The pier is arbitrarily divided into horizontal 
courses for the purpose of analysis. The resultant pressures are shown for each joint, 
and the resistance line passes through the points where the resultants cut the joints. 
For each joint the distance e from the middle to the resistance line is measured and 
then the maximum stresses may be found from the formulas of Art. 21. The resistance 

line should lie within the middle-third of all joints. The inclination of 
the resultant thrust at each joint and at the foundation should be 
noted and the safety factor against sliding be determined. 

e Abutments for Arches. The method of analyzing the portion 
of an arch abutment whick takes the arch thrust is similar to that 
used for piers, except that for an earth-filled bridge the earth pres- 
sure against the abutment should be combined with the other 
forces. In the case of a railway bridge the pressure produced by 
the earth fill behind an abutment should be increased by a sur- 

charge of 800 lb. per sq. ft. Fora 
| single span, the cost of the abut- 

e ments often exceeds the cost of the 
arch. The U abutment, Fig. 141, 
is uneconomical except for a very 

~~ wide or very low bridge. If built 
upon a compressible foundation a 
crack cc will usually form at the 
junction of the transverse and 
longitudinal walls. This may be 
prevented by steel rods rr or by 
providing an-expansion joint at ee. 

In the design of U abutments the 
Fig. 140 earth pressure against the back of the 

« longitudinal walls may be less than 

against an ordinary retaining wall, since the wedge of earth which exerts pressure 
against the back of the wall is smaller. At the approach end of the abutment, the 
earth at the outside of the wall is effective in resisting the earth pressure at the 
back of the wall. It is not believed advisable, however, to decrease materially the 
masonry at the approach end on 
this account, as the outside fill 
may be disturbed by future excava- 
tion. As an additional factor of 
safety against rotation, the longi- 
tudinal walls may be tied together 
by steel rods. 

A good type of abutment is @ 
shown in Fig. 142 for the case 
where the earth pressure is against 
the outside of the walls. The 
interior is cellular as shown in the 
plan or horizontal section bb. The 
earth thrust is taken by the in- 
terior walls acting as buttresses, 
ss being a line at the top of the outside earth-filled slope. The cells below ss may be 

partially filled with earth to help resist the pressure of the outside earth. Above this 

line the masonry walls may be changed to columns, as they carry only vertical loads 

of the roadway. The abutment-may be built of stone, plain concrete, or reinforced 

concrete. If built of stone or plain concrete, the masonry should be arched as shown 

by dotted lines in the sections aa and 6); if built of reinforced concrete the arches may 

be changed to flat slabs as shown in full Jines. 

Owing to lack of knowledge regarding the material that may be deposited behind 

abutments by contractors, no very definite computations regarding earth thrust can 

center Line 

Center Line 

Fig. 141 



1008 Domes of Masonry Sect. 10 © 

generally be made. Probably a horizontal pressure equal to one-third of that of water 

will be sufficient for most cases. 

a 
| 

m= a) a 

| & 

Section b-b a Section a-a 
Longitudinal Section 

Fig. 142. Cellular Type of Abutment 

DOMES OF MASONRY 

46. General Data for Domes 

Definitions. A dome (Fig. 143) is a spherical or spheroidal vault, a solid of 

revolution with vertical axis. The section of the inner surface of the dome 

(soffit) may be semicircular (Fig. 144), pointed (Fig. 145) or segmental (Fig. 

146); in the last case the dome is also termed a “‘ cupola.” Domes may be 
closed, as that shown in Fig. 149, or open on the summit (Fig. 143), the opening 

being termed the “ eye’ of the dome. The rim of the eye frequently supports 
a structure called a lantern (Fig. 147). The section of the outer surface (ex- 
trados) is usually similar to that of the soffit, but may have a different curve. 
The solid bounded by the soffit and extrados is the shell of the dome. The 
bed joints are conical. Annular parts of the shell between bed joints (true or 
imaginary) are called crowns. In Fig. 143 the points a, 6, c, d, ¢, f, g, h, inclose 
one-fourth of a crown. Voussoirs are parts of the crown included between 
meridian joints, that is, vertical planes passing through the axis of the dome. 

The plan of the dome is always a circle; it may be supported on a circular 
wall (drum) or carried over a square or polygonal area, resting upon walls or 
arches whose plan circumscribes the plan of the dome. The vaulted areas 
between the arches or walls and the base of the dome are called pendentives 
(Fig. 148). The joint between the shell of the dome and the supporting walls 
is the springing joint. 

Data and Precedents. The dome is a remarkably stable form of structure; 
it can be shown analytically to be stable with a uniform thickness of 23/1000 
of its diameter, which is less than 1/3 of the necessary thickness of a semi- 
circular masonry arch of uniform thickness, carrying only its own weight. 

If the thickness of the shell is tapered from the springing joint toward the 
summit, it need only have a volume of 9/16 of the thinnest uniform dome 
of the same span. If enough steel bands are provided at the springing joint, 
the upper portion of the shell extending down 26 deg. from the summit can be 
made abnormally thin and yet be stable. The dome of the Cathedral of St. 
John The Divine, in New York City, built by Gustavino, is an excllent exam- 
ple of this. It has a diameter of 110 ft. and is built of tile, having a thickness 
of 4in. for 29 deg. from the summit or 3/1000 of the span. For the next 19 
deg. it is 6 in., and from there to the springing line 12 in. thick. 
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According to Rondelet the following thicknesses are usually given to domes built of 

brick: : ; 

For spans up to 13 ft., a uniform thickness of 4 in. , 

For spans from 13 to 20 ft., a uniform thickness of 8 in. ; 

For spans from 20 to 25 ft., 12 in. at the springing, 8 in. at the summit. 

For spans from 25 to 35 ft., 16 in. at springing, 8 in. at the summit. 

Fig. 144. - Hemispherical Dome Fig. 145. Pointed Dome 

Pointed domes are generally stronger than hemispheres; a dome generated 

by the revolution of an equilateral arc (60 deg.) requires, to be self-supporting, 

a thickness of only 5/8 of that of a hemispherical dome of the same span. 

ee es 
Fig. 146. Segmental Dome (Cupola) Fig. 147. Open Dome with Lantern 

The dome of the Pantheon in Rome, built about A.D. 112, is the largest existing 
hemispherical dome of masonry, its diameter being 142 ft. It rests on a circular wall 
nearly 20 ft. thick which, however, is interrupted by 8 large and 8 small niches. The 

dome is open on the top, the “‘ eye”’ being about 30 
ft.‘in diameter. The lower courses of the dome, built 
of Roman tile, were all laid horizontal up to about 40 
deg. from the springing line. Above this the con- 
struction is not known but is said to consist of tile 
arches and ribs of concrete. The outside of the dome 
shows a strong masonry backing beginning at the 
springing line and extending about half-way up. 

NX el ta 

SS The dome of Santa Sofia in Constantinople, built 
An ee ein by Justinian, A.D. 532-537, from the designs of 

// 

Anthemius of Tralles and Isidorus of Miletus, has a 
diameter of 104 ft. and is carried on pendentives 
over a square area. The shell consists of 40 stone 

; : 5 ribs and the space between same (about 6 ft. at the 
Fig. 148.—Hemispherical Dome springing line) is filled with brick masonry. The 

and Pendentives dome is closed at the summit and has 40 windows 
between the ribs. 

The dome of St. Peter’s Cathedral in Rome, built by Michelangelo, has an inside 
diameter of 140 ft. and is built of brick. The lower quarter of the shell is of solid con- 
struction 9ft. thick. The upper three-quarters of the height consists of a double shell. 

/ 

fA—Supporting Walls—» 
or Arches 
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The outer shell, which carries a lantern, is raised higher than the inner one and the two shells are connected by 16 stone ribs. St. Paul’s Cathedral in London, designed by Sir Christopher Wren, has three shells; the innermost is hemispherical, open at the summit, the middle one is conical and carries the lantern, the outer dome is framed 
in timber and covered with lead 

47. Conditions of Stability 

The dome is usually built without centering, by constructing the crowns in 
succession, beginning at the springing joint. Every complete crown is self- 
supporting; consequently open domes may be stable. This stability is the 
result of tangential pressures acting normally on the meridian joints (Hp in 
Fig. 143). Pressures of this character do not exist in simple arches. In Fig. 
149, two meridian planes are shown in plan making a small angle ¢ with each 
other. They cut from the dome two lunes having contact only in a line at O, 
or, if the dome were open at the summit, the lunes would have no common 
point at all. The difference between the stability of the arch and the dome is 
manifest. The arch for its stability depends upon the balancing of the hori- 
zontal thrust of each half on either side of the crown or summit. In case of 
the dome the contact of symmetrically opposite sections (lunes) is in a line 
without area and incapable, therefore, of transmitting horizontal thrust which 
would counteract the tendency of the opposing sections to fall into the space 
below. Therefore the stability of the lunes must be the result of tangential 
forces or forces acting upon their sides (that is, upon the meridian joints), 
and normal to them. 

These forces, called crown thrusts, are horizontal and act upon both sides of 
each voussoir (Hp in Fig. 143). They result in the forces H or Hi, Ho, etc., 
which act radially outward in a horizontal direction. The forces H are termed 
resultant crown thrusts. Consider first the uppermost crown of adome. To 
insure stability, in other words to prevent the voussoir from rotating or sliding 
upon its bed joint, the magnitude of H; must be such that if it is combined with 
the weight of the voussoir W;, the resultant force P;, called the meridian thrust, 
shall cut the bed joint ac and its direction shall not be inclined to the normal 
to the bed joint by more than the angle of friction of masonry upon masonry, 
say 30 deg. The meridian thrust acting upon the bed joint ac of the first 
voussoir will be transmitted to the crowns below, and at each voussoir new 
forces Hz, H3, etc., must exist to maintain stability. In the case of domes 
having a high rise there will be found a bed joint called the joint of rupture 
below which no additional forces H occur, the above requirements of stability 
(as to the resultant) being fulfilled without the action of such additional hori- 
zontal forces. From this joint downward, the dome can be treated as a simple 
arch, 

48. The Line of Pressure 

Crown Thrust. In the analysis of stresses in domes of masonry it is assumed 
that the least horizontal force which is sufficient to keep the voussoirs from ro- 
tating and sliding will be the resultant crown thrust H (Fig. 143) if its combina- 
tion with the weight of the voussoir, the meridian thrust, does not cut the bed 
joint so close to the edge as to crush the masonry or, due to the elasticity of the 
masonry, cause the joint to open on the opposite side. 

The Meridian Thrusts, P;, P2, etc., in Fig. 149, result from combining weight 
W of the voussoir and the resultant crown thrust H. In order to make the 
latter a minimum, H must be applied as near to the extrados as possible and P 
must cut the bed joint as near the soffit as possible, consistent with the fore- 
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going requirements. This may readily be proven graphically by assuming any 

other point of application of these forces. Theoretically, in order that no 
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Fig. 149. Graphic Analysis of a Dome 

joit may open, the resultant force upon any joint shall not lie outside the kern 
or the middle-third (Art. 21 and 22). In the case of domes, however, investi- 
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gation of domes which have been standing for centuries shows that the limits of the middle half of the meridian and bed joints can be safely used as points of application for both crown thrust and meridian thrust. The use of these limits furnishes smaller dimensions than the use of the middle-third points and is here recommended for practical design. Therefore'the point of application of the minimum force H should be taken at the upper middle half limit of the shell and the meridian thrust should be applied at the lower middle half point of the bed joint, provided that the condition of stability against sliding permits this location of the meridian thrust. If with the help of the so-found forces H a line of pressure can be drawn that will be within the middle half of the shell, the dome will be stable, provided that the unit stresses on both the meridian. and the bed joints are not excessive, 

49. Graphic Analysis 
In Fig. 149 are shown a plan ofa lune anda meridian half section of a cl-sed dome. The soffit of the dome is segmental, the radius of the soffit being 8 ft. and its rise 5 ft. The central angle ¢ of the lune is 15 deg. The shell of the dome is 1 {t. 3 in. thick throughout. The section is divided by full radial lines into voussoirs 1 ft. 9 in. long on the center line. These radial lines form the bed or conical joints. The middle half limits of the shell are shown by the dotted curves and their intersections with the bed joints give the middle half limits of these joints. The weight of each voussoir acts at its center of gravity, which may be taken, with sufficient accuracy, as coincident with the geometrical center of the voussoir, except at the topmost wedge-shaped one in which the center of gravity is taken at the lower third. The weights of the voussoirs, including the superimposed loads if an , may be determined graphically or analytically. In the example given (Fig. 149) the weights of the voussoirs, Wi, Wo, W3, etc., are proportional to the lengths of the arcs Wy, Wo, etc., of the plan which pass through the geometrical. centers of the voussoirs, The lengths of these arcs are used directly in the force polygon to represent the weights of the voussoirs. The true magnitude of all the forces shown on 

the force polygon will therefore be found by measuring their lengths to the 
same scale as that of the plan of the dome, and multiplying these scaled 
lengths by the length of the voussoir X the thickness X the weight per unit 
volume of the masonry. W1, We; to W. show on the section the lines of action 
of the vertical force. 

The lines of action of the horizontal resultant crown thrusts H1, Ho, etc., are assumed to be and are shown as applied at points A,B, C, D,E, and F, which points are located at the upper limit of the middle half of the shell and on the same radii as the centers of gravity of the corresponding voussoirs. The lines of action of the combined weights 
Wi + We, Wi + W2 +Ws3, etc., may be determined graphically or analytically and 
are shown in Fig. 149 as passing through points 2 to 6, inclusive. For example, the line 
of action of combined loads W; + Wo + W3 + W4 passes through point 4. At Dy, Do, 
etc., the limiting directions of the meridian thrusts (which must not be inclined to the 
normal of any bed joint by more than 30 deg.) are shown for every conical joint. 

Point 1 is the intersection of the weight W, of the first voussoir and of the resultant 
crown thrust H;. The resultant of these two forces must pass through this point and 
its direction, if the dome is to be stable, must be such that it will intersect the first bed 
joint between the middle half points, and it must not be steeper than the limiting direc- 
tion Dj. Draw 1my (in section) and also bby (force polygon) parallel to D,; bb; is the 
probable magnitude of the meridian thrust Pj, because if its direction were steeper 
it would not fulfill the condition necessary to prevent sliding; if it were less inclined, 
it would require a greater resultant crown thrust than the minimum. Therefore, my is 
a point of the probable line of pressure and aby (force polygon) is the magnitude of the 
resultant crown thrust H acting on the first voussoir. 
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The combined weight of voussoirs 1 and 2 passes through point 2. If no additional 

crown thrust were present the meridian thrust on the second bed joint would be ob- 

tained by combining H, and W; + Ws, in other words by drawing lime 2 x through 

2 parallel to byc (force polygon). This line 2 x falls outside the second bed joint and 

is too steep for stability against sliding. Therefore, at point p (the intersection of 2 x 

and Hp») an additional horizontal force acts, if the dome is stable. If through point 9, 

a line py parallel to the limiting direction Do, is drawn, this line is also seen to fall 

outside the joint. The minimum resultant crown thrust He acting at the second 

voussoir and consistent with the requirements of stability, will therefore be such as to 

make the meridian thrust pass through the lower middle half limit m2 of the second 

bed joint. 
Draw pm», in which mg is a seond point of the line of pressure; and draw cc; (force 

polygon) parallel to pma. Then cc; is the magnitude of the meridian thrust P2 and 

bic, the magnitude of the resultant crown thrust Ho. 

A similar construction is carried out for the other voussoirs to determine meridian 

thrusts P3, P4, Ps, and the resultant crown thrusts H3, H4, Hs. At voussoir 6 it is 
found that the sum of the horizontal forces H to Hs is sufficient to insure the stability 
of the voussoir and therefore the value of Hg reduces to zero. Bed joint 5 then is the 
joint of rupture of this dome. 

The magnitude of the crown thrust Ho (the normal force acting on the meridian 
joints (Fig. 143) can be calculated by the formula: Ho = H/(2sin ¢/2) or if ¢ is 
small Ho = H/¢, ¢ being measured in radians and H being the value of H1, Ha, etc., 
for the voussoir in question. After the magnitudes of both the crown thrusts and 
meridian thrusts have been determined, the maximum unit stresses upon the bed 
joints and the meridian joints can be obtained by the methods given in Art. 21 and 
Art. 22. 

It is sometimes necessary, in order to insure the stability of a dome or its supporting 
walls, to eliminate the transmission of the resultant crown thrust either at the joint of 
rupture or at the springing joint. This may be done by hoops of iron or steel. The mag- 
nitude of the tension for which these hoops must be figured can be determined by the 
above equation, where, in this case, Hp denotes the tension in the band (hoop tension) 
and H denotes the sum of the values Hj, Ho, etc., at and above the joint in question. 

Numerical Example. How large is the crown thrust Ho acting on the meridian joint 
of voussoir 3 (Fig. 149) and what is the maximum compressive stress on this joint? 
By scaling (force polygon) H3 is found to be 1.0 ft., the length of the voussoir is 1.75 ft., 
its thickness is 1.25 ft., and the weight of the masonry is 165 lb. per cu. ft. Then 

H3 =1 X 1.75 X 1.25 XK 165 = 360 Ib. 

¢ being 15 deg., Hp = 360/0.262 = 1385 lb. 

By Art. 22, Smax = 2 Ho/3 rb, 

where r = 1/4 X 1.25 and b = 1.75 ft. for the case here discussed. 

Smax = 8 X 1385/3 X 1.25 X 1.75 = 1740 lb. per sq. ft. 

What is the required section of iron bands necessary to take the hoop tension at the 
springing joint so as to make the thrust at the springing vertical? 2H = 3.15 (force 
polygon) X 1.75 X 1.25 KX 165 = 1135 lb. Ho = 1135/0.262 = 4335 lb. If the 
allowable unit stress for iron is 8000 lb. per sq. in., the iron section required = 
4335/8000 = 0.54 sq. in. 

In a Conical Dome, if the base is kept from spreading by friction on a firm abut- 
ment or by means of a hoop, tension is nowhere exerted from the summit down. 

References on analytical solution of domes: Trans. Am. Soc. C. E., Vol. 52 (1904), 
p. 262; Vol. 55 (1905), p. 201; Vol. 88 (1925), p. 102. 
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PLAIN CONCRETE 

1. Factors Controlling Quality of Concrete 

Concrete is a comparatively new major structural material and the tech- 

nique of its manufacture is subject to constant revision as we learn more con- 

cerning it by experience and scientific research. Present-day opinions regard- 

ing such effects as that of curing temperature, of prolonged mixing (such as 

several hours in a mixer-conveyor), of re-tempering and of other conditions 

may later be modified. Some recent investigations seem to indicate this. 

Caution should be exercised, however, in accepting the results of practical 

experimenting. Deviation from the rules of established practice may be per- 

missible under one given set of conditions and not under another set of con- 

ditions. Practical experiments give results that are sometimes apparently 

contradictory. Established practice should then be discarded only after 

research by persons accustomed to separate and recombine effects and deduce 

general principles thereby, and not on the strength of ordinary observation. 

The rules set down in this section are intended to be in accordance with what 

is now considered good practice. 

The essential factors in proper control of concrete manufacture are: Selec- 

tion of good materials, correct proportioning of all ingredients, and proper 

technique in manipulation. The neglect of any one factor will offset to a great 

degree the good results anticipated by observance of the other factors. Ade- 

quate discussion cannot be given here; only the high points will be touched 

upon, and the reader is referred to standard treatises for detailed discussion. 
Concrete is a physico-chemical mixture of cement, water and aggregate 

(sand and stone). The cement and water combine by a process known as 
hydration of the cement which binds the particles together. Insufficient 
cement paste in concrete to fill the voids in the aggregate will weaken the prod- 
uct. More water in the cement paste than is necessary to hydrate the cement 
remains uncombined and leaves minute water voids in the concrete, which 
weakens it structurally and leaves it pervious to the passage of water. Only 
about 2-1/2 gal. of water is necessary to hydrate a bag of cement and anything 
in excess of this produces water voids. With this minimum amount of water, 
however, it is not possible to produce a mixture that can be manipulated. A 
considerable amount of water in excess of this minimum is required to give 
mixtures suitable for placing. ““ Workability ” is an essential requirement. 
Fortunately workable mixes can be made, with quantities of water so limited 
that the water voids are negligible in effect and the concrete strong, durable 
and impervious. 

It is obvious that another essential requirement for a good concrete is struc- 
tural uniformity throughout the mass. The water and cement must be inti- 
mately incorporated so that all the cement will be hydrated and unavoidable 
water voids uniformly distributed; the cement paste must be uniformly 
distributed throughout the mass of aggregates so that no portion of the mass 
will be impoverished; the fine and coarse aggregates must also be uniformly 
mixed and thoroughly coated with the cement paste. Thorough mixing is 
therefore essential. 

After mixing, the material must be transported and deposited in the forms 
so that the results of good mixing will not be vitiated by subsequent segrega- 
tion before the concrete has set. All these requirements may be classified 
under the general head of proper manipulation. 

The chemical changes incident to setting and-hardening do not take place 
at once but, after hydration of the cement, continue over a considerable period 
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of time in the presence of water. This process is called ‘‘ curing ”’ and there- fore concrete should be kept wet, after it has set, for as long a period as is prac- ticable. Curing not only increases the strength of concrete and therefore its structural value, but is a necessity for the production of watertight and durable concrete. Excess mixing water damages concrete by producing water voids in the concrete but a plentiful supply of curing water is essential. 
The essential requirements for making good concrete may therefore be summarized as follows, each,item being treated in detail later in this section: (1) Proper selection of materials 

(a) Cement 
(b) Water 

(c) Aggregate 
(2) Correct proportioning 

(a) For strength and durability 
(b) For workability 

(3) Proper manipulation 
(a) Mixing 
(b) Transporting 
(c) Depositing 

(4) Continued curing to increase strength and durability. 

2. Physical Properties of Concrete 
The physical properties of concrete vary widely depending upon the quality 

and proportion of the ingredients and the technique of manufacture. Con- 
crete is characterized by a relatively high compressive strength, increasing 
with age, a relatively low tensile strength (about 10% to 12% of the compres- 
sive strength) and a true shearing strength (as distinguished from the combined 
shear and tension action in the webs of beams) of about one-half the compres- 
sive strength. (It is on the basis of the combined action that web shear is 
sometimes given as 1-1/2 to 2 times the tensile strength.) The modulus of 
Tupture as determined by transverse bending tests on plain concrete beams 
is about twice the tensile strength. 

From the above general comparisons it is seen that plain concrete is suitable 
only for structures not subject to tension, either direct or in bending; such as 
foundations for structures, piers and abut- 4000 
ments, dams, gravity retaining walls and 
small arches in which the pressure line 
can be kept within the middle third of the 
section for all conditions of loading and all 
ranges of temperature For structures sub- 
ject to tension in transverse bending, such 
as floor slabs, beams, large arches, etc., 
the deficiency in tensile strength is supplied 
by reinforcing steel. Reinforced concrete 
will be discussed later. 

In the discussion immediately following, 
the classes of concrete are designated by ‘ibe Navay Mears Win. Ws oer 
the proportions of the dry ingredients — Age in Months 
cement : fine aggregate : coarse aggregate, Fie. 1 

as forexample 1:2 :4, 1:2-1/2:5andsoon. g. 
The principal element affecting the strength of the concrete is the amount 

of mixing water relative to cement. The approximate variation of compres- 

co S S =) 

Compressive Strength 

iw} 
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TW ros f 
sive strength with the water-cement ratio rol is shown in Fig. 5, Article 6. 

The strength of concrete increases with age. Fig. 1 shows typical curves for a 

particular set of laboratory conditions. 

The ratios of compressive strength, tensile and shearing strength and modu- 

lus of rupture to each other vary considerably; the values depending upon the 

kind and age of the concrete and upon the methods used in their determination 

The ratios given at the beginning of the article are approximate. 

Elastic Properties. Concrete does not possess such perfect elasticity as 

steel and many other metals. In a compression test, for example, small 

permanent deformations or set occur at comparatively low loads and the stress- 

strain curve is slightly curved almost from the beginning. If the load is not 

excessive, however, repeated loading causes the material to become more per- 

fectly elastic and the stress-strain curve will approach a straight line up to the 

amount of stress which is repeated, as illustrated in Fig. 2. The elastic limit 

Compressive Stress 

Strain Inches per Inch 

Fig. 2 Fig. 3 

is, for the reasons stated above, not well defined. There appears, however 
to be a limit to the stress which can be repeated indefinitely without continuing 
to add to the deformation and this limit may for all practical purposes be 
taken as the elastic limit. It is about one-half the ultimate strength; above 
this point the rate of deformation increases rapidly as the stress increases as 
indicated in Fig. 3. Since concrete is not perfectly elastic, the true modulus 
of elasticity is a variable depending upon the degree of stress existing at the 
time the increments of stress and strain are assumed to be measured. The 
stress-strain curve being nearly straight, however, within working limits of 
stress the modulus may be calculated on the basis of the working stress and the 
corresponding total deformation. In this regard there is some disagreement 
in method of experimenters; some calculating £ as the ratio of total stress to 
corresponding total deformation (BD + O Din Fig. 2); others calculating 
it as the ratio of total stress to the total deformation minus the permanent set 
aes when the specimen experimented upon is first stressed; that is 

OD — OC 
with the age. Typical values are given in the table at top of next page. 

The moduli for tension and compression are about equal. 

Coefficient of Expansion. Tests show little variation in the coefficient of 

The modulus also varies with the different kinds of concrete and 
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fol ( eso wl oa ie eee 

oes 

Modulus of elasticity, lb. per sq. in. 

Based on elastic deformation Bused’n’total Name of concrete deformation ee A aR ee Pe ge 
At 114 Ib. At 570 lb. At 570 Ib. 
per sq. in. per sq. in. per sq. in. 

|}1:2-1/2 :5 (broken stone)...:... 4 660 000 3 590 000 3 440 000 
Ew Veer) re be ne 3 170 000 2 520 000 2 200 000 
|1:3:6 (broken stone)....:..... 3 870 000 2 990 000 2 570 000 
be ede MO NETAVEN) ote cre cide sans | 3000 000 2 240 000 2 110 000 

Modulus of elasticity between loads of 100 and 
iad. i cemerete 600 lb. per sq. in. based on elastic deformation 

7 to 10 days 1 month 2 months 

} Ln Cipeeocfe ef OSPR 2 090 000 2 620 000 3 650 000 
2 Oe Meee cee eee ee 1 970 000 2 590 000 3 210 000 

expansion, which may be assumed as 0.0000065 per degree Fahrenheit or about 
equal to that of steel. 

Contraction after Hardening. The shrinkage of concrete after setting and 
hardening and drying may be assumed as 0.02% to 0.04% for1:2:4 concrete. 
Weight of Concrete. Average concrete weighs about 145 lb. per cubic foot. 

Reinforcing steel may be assumed to add 5 lb. per cubic foot, giving the usual 
figure of 150 lb. used in calculating dead loads. 

3. Cement, Cement Testing 

Natural Cement is the finely pulverized product resulting from the calcina- 
tion (dehydration) of an argillaceous limestone at a temperature below fusion, 
which, when mixed with water, hydrates again into a solid. The proportions 
of lime and clay in the raw material vary considerably, depending upon the 
source, and therefore natural cement is not so uniform in quality as the arti- 
ficial product known as Portland cement. It sets quicker, hardens more 
slowly, attains less strength—approximately 1/3 that of portland cement, and 
varies more in strength. For “Early Strength Cements’’ see page 158, Sec- 
tion 20. 

Portland cement, which has almost entirely displaced natural cement for 
all structures, is an artificial mixture of calcined argillaceous and calcareous 
materials having more definite chemical and structural qualities. The proper 
control of the chemical composition in the process of manufacture determines 
its structural value. 

The composition and method of manufacture of cement are discussed briefly 
in Appendix 1. 

Testing. Cement being the active ingredient of concrete should be tested 
if it is to be used on important work, although there is little danger in using a 
well-known brand without testing, particularly if the engineer has used it in 
previous work within a reasonable period of time and knows its qualities, 
The results of tests depend largely upon the methods employed. Tests 
should therefore be made by experts who specialize in this work and in ac- 
cordance with the methods standardized by the American Society for Testing 
Materials. 
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The usual tests made for portland cement are: (1) For fineness, (2) for 

soundness, (3) time of setting, (4) tensile strength. 

Chemical tests are sometimes required on important work. The methods 

of testing are described in Appendix 2 and the requirements under tests are as 

given in Appendix 3. 

Sampling. The above tests are to be made on samples selected, in ac- 

cordance with A. S. T. M. standard methods, by the engineer or under his 

supervision as follows: 

Sampling. 1. Tests may be made on individual or composite samples as may be 

ordered. Each test sample should weigh at least 4 Jb. 

2. (a) Individual Sample. If sampled in cars one test sample shall be taken from 

each 50 bbl. or fraction thereof. If sampled in bins one sample shall be taken from 

each 200 bbl. 

(b) Composite Sample. If sampled in cars one sample shall be taken from one sack 

in each 40 sacks (or 1 bbl. in each 10 bbl.) and combined to form one test sample. If 

sampled in bins or warehouses one test sample shall represent not more than 200 bbl. 

3. Cement may be sampled at the mill by any of the following methods that may be 

practicable, as ordered: 

(a) From the Conveyor Delivering to the Bin. At least 4 lb. of cement shall be 

taken from approximately each 100 bbl. passing over the conveyor. 

(b) From Filled Bins by Means of Proper Sampling Tubes. Tubes inserted ver- 

tically may be used for sampling cement to a maximum depth of 10 ft. Tubes inserted 

horizontally may be used where the construction of the bin permits. Samples shall be 

taken from points well distributed over the face of the bin. 

(c) From Filled Bins at Points of Discharge. Sufficient cement shall be drawn 

from the discharge openings to obtain samples representative of the cement contained 

in the bin, as determined by the appearance at the discharge openings of indicators 

placed on the surface of the cement directly above these openings before drawing of 

the cement is started. 

4. Samples preferably shall be shipped and stored in airtight containers. Samples 

shall be passed through a sieve having 20 meshes per linear inch in order to mix the 
sample thoroughly, break up lumps and remove foreign materials. 

4. Gaging Water 

Certain impurities in mixing water will seriously impair the quality of con- 
crete. If it is necessary to use water from a stream liable to pollution from 
sewage or manufacturing wastes, tests should be made. It is customary to 
specify that mixing water shall be free from oil, acids, alkalis and organic im- 
purities. ; 

Oil may be detected by the iridescent film which it forms on quiet water. 
Oils of organic origin are very injurious to concrete. Mineral oils in small 
quantity lower the compressive strength but only to a slight degree. 

Acids or alkalis may be detected by litmus paper, which may be procured 
ata drugstore. Blue litmus paper changing to red when dipped in the water 
indicates the presence of acid. Red litmus paper changing to blue indicates 
the presence of alkali. If the color changes are rapid and decided, dangerous 
amounts of acid or alkali are indicated.’ If the color changes are slow and the 
resulting color faint, the water is safe to use. 

Turbidity of the water indicates impurities, that may or may not be in- 
jurious, held in suspension. Investigation should be made to determine 
whether such matters comes from sewage or manufacturing waste or whether 
it is natural silt. 
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The use of sea water for mixing is generally prohibited, though very limited 
tests indicate that it is not injurious to concrete. Further investigation is 
ge to determine its effects definitely, especially its effects upon reinforcing 
steel. 

The action of sea water on finished concrete structures seems to be physical 
rather than chemical. Marine structures of a dense concrete, manufactured 
under rigorous control, are durable. The destructive effect of sea water other 
than direct physical damage seems to be the disruptive effect of crystallization 
within the pores of concrete, in which’excess mixing water has been ‘used, or 
the action of frost within the voids of concrete which has been improperly 
transported or deposited; or similar causes. 

5. Aggregates. Test for Aggregates 

The aggregates — stone or gravel and sand—are the inert ingredients of 
concrete but their quality and grading affects the quality of the concrete. All 
aggregates should be structurally sound; the particles should not be soft nor 
friable. Aggregates consisting of flat or elongated particles do not make good 
concrete. Trap, granite and gravel are generally the best aggregate; some 
Timestones are their equal; in particular, those having a high coefficient of 
wear. Soft limestones and, in general, sandstones and shale are weak. 
Blast furnace slag used with care makes a strong concrete, but sulphur should 
have been removed by two or three years’ weathering to prevent subsequent 
deterioration of the concrete. Also in proportioning mixing water the absorp- 
tion of slag should be measured, otherwise the mix is likely tobe harsh. 

Aggregates containing mica should be rejected. Even small amounts of 

mica in the aggregate will seriously reduce the strength of the concrete. 

Aggregates can usually be obtained from sources supplying materials of 

known quality; so that tests are unnecessary. If there is doubt as to the quality 

of the aggregates offered, compression tests should be made on concrete cylin- 

ders as described in Appendix 6, to determine their suitability. The aggre- 

gates may be provisionally accepted on the 7-day test subject to satisfactorily 

passing the 28-day test also. 

Pre-mixed Aggregates. Aggregates are often placed upon the market as 

“« pre-mixed,” containing about the correct proportions of fine and coarse 

materials for making good concrete. The fine and coarse materials tend, 

however, to segregate in the cars, or barges, so that earlier batches of concrete 

may vary considerably from later batches. . It is considered better practice 

by some engineers to store fine and coarse aggregates separately on the job so 

that, although the finer particles in each may settle to a degree, correction may 

be made as the work progresses by varying the proportions of fine to coarse 

so that uniformity of the mixed materials may be maintained. The use of 

pre-mixed aggregate, however, decreases the cost of the concrete. If properly 

graded in the first instance and if segregation is not invited by long transporta- 

tion in cars or in rehandling, there is no disadvantage in its use. 

Size Classification. Fine aggregate (sand, fine gravel or stone screenings) is defined 

as material that will pass a No. 4 screen (4 meshes to the inch, or 3/16-in. square 

spaces between wires). Coarse aggregate (gravel, broken stone or slag) is the material 

retained on the No. 4 screen. Coarse aggregates are designated by the largest sized 

particles as measured by the clear space between the sides of the smallest opening 

through which 95% by weight of the material can be passed; thus we have 3-in, coarse 

aggregate, 2-1/2-in., 2-in., 1-1/2-in., 1-in., 3/4-in., 1/2-in. 

Grading of Aggregates. Fine aggregate should be graded from fine to coarse 

within the following limits: guens 
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Passing 3/8-in. sieve (3/8-in. square openings)....2..... 100% 
Passing No.4 sieve (4 meshes to the inch).........-4.. 85% to 100% 
Passing No. 16 sieve (16 meshes to the inch).....:..... 45% to 80% 
Passing No. 50 sieve (50 meshes to the inch), not more than..... 30% 

Passing No. 100 sieve (100 meshes to the inch), not morethan... 5% 

Coarse aggregate should be graded from fine to coarse; from 40% to 75% 
passing a sieve with square openings the side dimension of which is one-half 
the size classification of the aggregate. Not more than 10% should pass the 
No. 4 sieve. 

Sampling Aggregates. The engineer should select stock samples of both 
fine and coarse aggregate from which to obtain the smaller samples foramaking 
the various tests to determine structural soundness, proper grading, presence 
or absence of organic impurities, amount of clay and silt, etc., as described 
elsewhere. A 50-Ib. sample of fine aggregate and 100-lb. sample of coarse 
aggregate should be obtained, selection being from various locations in the 
supply. Bear in mind the tendency of the larger particles to roll to the bot- 
tom and outside of stock piles. 

The small samples for the various tests to be made should be selected from 
the stock sample as follows in order that they too shall be representative: 

Place the stock sample on a square of canvas or oilcloth and mix thoroughly. 
Spread the mixed material in the form of a circle 3 or 4in. thick. Quarter the 
circle and discard opposite quarters. Re-mix the remainder and repeat the 
operation until the sample is of the required size for the test that is to be made. 

Natural Sand. The selection of a natural sand for the fine aggregate re- 
quires particular attention since many sand pits have become impregnated 

. with organic impurities of a 
humus nature from the over- 
lying soil. The presence of 
silt or clay is not a necessary 
indication of organic impurity 
in the sand; neither is its 
absence an indication that 
there are no organic impuri- 
ties. A clean-looking sand 
may contain organic impuri- 

Tensile Strength Lbs. per Sq. Inch 

se 2 4 6 8 10 ties in the nature of a thin 
Approx, Per Cent Organic Matter in Sang Coating on the grains that will 
0 10 20 30 result in a very inferior con- 

Percentage of Loam in Sand crete. Only 10% of organic 
‘ loam may decrease the 

Fig. 4 strength of concrete 50% or 
more.. On the other hand, 

the presence of as much as 5% weight of clay or silt is not seriously detrimental 
if it is free from organic matter. The effect of organic matter on the strength 
of concrete is illustrated in Fig. 4. 

Colorimetric Test for Organic Impurities. The detection of organic impuri- 
ties in sand may be accomplished by the colorimetric test devised by Professor 
Duff A. Abrams and Oscar Harder, formerly of Lewis Institute, Chicago. 
Obtain a 12-oz. graduated prescription bottle and a stock of sodium hydroxide from a drug store. Make a 3% solution of the hydroxide by dissolving 1 oz. of it in 32 oz. of water. Fill the bottle to the 4-1 /2 oz. mark with a representa- 
tive sample of the sand to be tested, and add enough of the sodium hydroxide solution to bring the mixture to the 7-oz. mark after shaking thoroughly. If after 24 hours the liquid above the sand is colorless or of a light yellowish 
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color, the sand may be considered safe in so far as organic impurities are con- 
cerned. 

A standard color solution with which to compare the color of the test sam- 
ple may be made as follows: Make a 2% solution of tannic acid in 10% alcohol. 
Add 2.5 c.c. of this to 97.5 c.c. of a 3% solution of sodium hydroxide, place in 
a 12-oz. prescription bottle, stopper it, shake and allow to stand 24 hours. 
This will give the standard light yellowish color. Any sand which by the 
colorimetric test produces a color darker than this should be subjected to 
strength tests in mortar or concrete to decide its suitability for making con- 
crete. Washing sand will remove organic impurities but re-tests should be 
made afterward. 

Structural Qualities of Sand. Tests to determine the structural value of 
sand are also of importance when the sand is obtained from a source where 
the quality of the product is unknown. The grains of some sands are soft 
and friable, which renders the sand unsuitable for making concrete. The 
structural value of a sand may be determined by making the standard tensile 
or compressive tests on specimens made with the sand and comparing with 
similar tests of specimens made with standard Ottawa sand. The standard 
tests are given in Appendices 2 and 6. The standard sand generally used for 
test comparisons is that obtained from a natural sand bank in Ottawa, Ill. 

Clay in sand is sometimes beneficial and sometimes slightly detrimental. 

Lean concrete—a mixture of aggregate and lean mortar—is improved up to the 
point where the voids in the sand are completely filled by the cement and clay. 
The strength of richer concretes, in which the voids of the aggregate are filled 
due to careful proportioning and the addition of sufficient cement, is somewhat 
reduced by the presence of clay which reduces cohesion without increasing 
density. The effect of 5% of clay is not particularly harmful if it is finely 
divided and well distributed in the mass, although the American Society for 
Testing Materials’ standard specification for fine aggregate limits the amount 

to3%. The determination of the amount of clay and silt in sand or fine aggre- 

gate may be made by the Decantation test devised by the American Society 

for Testing Materials or by the approximate Sedimentation test as follows: 
Fill a 32-0z. graduated prescription bottle to the 14-oz. mark with the sand 

or fine aggregate to be tested. Add clear water to the 28-oz. mark, shake 

vigorously and allow to settle one hour or more. If more than one ounce of 

sediment appears above the aggregate, the aggregate should be rejected or 

else it will require washing. Re-tests should always be made after washing. 

6. Proportioning of Concrete 

Theoretically the best concrete as to both quality and economy would be 

that in which the mixed aggregate is so graded that the minimum percentage 

of voids results and in which the voids in the aggregate are completely filled 

with a cement paste containing just enough water to hydrate the cement com- 

pletely so that absolutely no water voids would be formed in the concrete to 

weaken it structurally. Practically, ideal conditions cannot be realized, for 

reasons stated at the beginning of the section. Some sacrifice of strength 

and density must be made by the use of more water than is necessary merely 

to hydrate the cement, in order to obtain workable mixes economically; 

but beyond a certain range the use of excess water is extremely damaging to 

concrete even as a practical structural material. 

Evidences of this are on every hand in many structures. Unnecessary 

excess water is the cause of “day’s work” planes—planes indicating the 

interruption of the depositing of concrete. This is due to laitance carried 
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Effect of quantity of mixing water on the strength of concrete. 
average values from nine series of tests made over a period of four years. 

Water U.S. Gallons per Sack of Cement 
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Ratio of Volume of Water to Volume of Cement 

Fig. 5 

Curves based on 
Curve A to 

be used for design where the water-cement ratio is carefully controlled by accurate 
measurement of quantities of water, cement and aggregate, with proper correction for 

Curve B to be used for design where the water- 
cement ratio is indifferently controlled and where-only rough methods are used for 

water carried by the aggregate. 

measuring quantities of materials. These are curves developed by Duff A. Abrams. 
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by the excess water, which forms a structurally weak deposit as soon as con- 
creting ceases and prevents the new concrete from bording to the old. A 
pervious stratum is formed through which moisture percolates carrying along 
the solubles and forming a disfiguring chalky efflorescence. Within the body 
of the concrete, too, the minute water voids cause structural weakness not at 
first evident to the eye. The formation of minute frost particles due to the 
percolation of water or the physico-chemical formation of crystals in the 
minute voids exerts a tremendous disruptive force which causes the disinte- 
gration of many concrete structures. Such a condition is very unfortunate 
because entirely avoidable. 
A prime requisite for making good concrete is therefore the strict limitation 

of the amount of water in the mix relative tothe cement. Strength and dura- 
. [WwW 

bility are a direct function of the water-cement ratio He , other factors 
Cc 

being constant; as shown in Fig. 5. For work requiring concrete that will de- 
velop a given strength in a given time as determined from Fig. 5, the relative 
amounts of water and cement must be kept constant. If it is found necessary 

Classes of Concrete for Different Degrees of Exposure 
From “ Design and Control of Concrete Mixtures,” Portland Cement Association. 

Class of Maximum 
concrete quantity * 
(expected mixing water 
strength at | U.S. gallon 
28 days |b. per sack of 
per sq. in.) | cement (94 Ib.) 

f 

| 

Type of structure or degree of exposure 

3000 6 Roadways, piles, pressure pipe and tanks. Thin 
structural members in severe exposure. Walls, 
dams, piers, etc., where exposed to severe action of 
water and frost. 

2500 6-3/4 Sewers, bridges, walls, dams, piers, etc., for all 
weather conditions and moderate action of water 

| and frost. 

} 2000 7-1/2 Ordinary enclosed reinforced-concrete buildings. 

) Bridges and retaining walls of heavy sections in 
moderate exposure. 

1500 8-1/4 Mass concrete, basement walls, etc., protected from 
water or severe weather conditions. 

* Free water or moisture carried by the aggregates must be included as part of mix- 

ing water. 

to increase workability so that the concrete can be properly manipulated in 

the forms and around reinforcing steel, the proportion of cement paste to 

aggregate may be increased but relative amounts of water and cement must 

not change. The unit of field measurement of cement being the bag (94 lb., 

or about one cubic foot), the proportions of cement paste and aggregate may 

best be varied by changing the amount of aggregate per batch. 

From the above it-is seen that classification of concrete by arbitrary pro- 

portions has no real significance with respect to quality and is only a general 

indication (subject to modification) of the workability required for particular 

’ classes of work, hence, the approximate amount of cement paste relative to 

aggregate. A relatively stiff mix can be properly placed and compacted en 

masse as in abutments or gravity retaining walls and the mix may approach 
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1:3:5 or 1:3:6. The placing of concrete around steel reinforcement in 
the bottoms of deep beams or in thin vertical walls requires more workability 
and the concrete may approach 1 : 1-1/2 : 2 or 1: 1-1/2: 3. Above the rein- 
forcement in the beams where the concrete can be more effectively manipu- 
lated, it may approach 1:2:3o0r1:2:4. In any case, however, the water 
must not exceed the amount that will produce the required strength. 

Aggregates stored in the field, particularly the fine aggregates, usually con- 
tain a considerable amount of moisture and this must be taken into account 
in preparing the mix. Fine aggregates in storage piles under ordinary condi- 
tions will contain 1/4 to 1/2 gallon of water per cubic foot, and after a heavy 
protracted rain may contain as much as a gallon. Coarse aggregate retains 
less—from 1/8 to 1/4 gal. Account of this in determining the quantity of 
water to be added to the mix may be taken by weighing samples of the aggre- 
gate before and after drying and converting the loss in weight into gallons of 
water per cubic foot of aggregate. Moisture content of storage piles will 
remain. constant for two or three days under settled weather conditions 
Determination of the content may therefore be made at such intervals. After 
a rain a re-determination is necessary. 

METHODS OF PROPORTIONING 

Proportioning by Determination of Voids in the Aggregates. 
Proportioning by Trial Method for Maximum Density. 
These ‘‘ rational” methods require considerable modification of the Proportions 

determined by them, in order to obtain smooth workable mixtures and, in fact, resolve 
themselves in the final analysis into a method of judgment. 
Proportioning by Fineness Modulus, as developed by Professor Duff A. Abrams, is 

based upon careful research and the results of numerous laboratory experiments, and 
is the most scientific and accurate method given uniform aggregates. Even this 
method requires some modification in the field, and further study is needed to adapt 
its rules to field conditions. The necessary procedure is complicated and has been the main obstacle to its general adoption. The presentation of the technique will therefore 
not be given here. 

Proportioning by Arbitrary Proportions. The customary arbitrary proportions (1: 1-1/2 :3 or 1:2: 4 for richer mixes, and 1 : 2-1/2 : 5 or 1: 3:6 for leaner mixes) give fairly satisfactory results with well graded aggregates proportioned dry. Coarse aggregate measured loose contains from 30% to 55% voids, depending upon grading; dry sand from 30% to 40%. Ina 1:2 mixture of fine and coarse aggregates, both reasonably well graded from coarse grains to fine, the fine aggregate would presumably 4ll the voids in the coarse aggregate with a little to spare as allowance for bulking of ‘he coarse aggregate in the matrix. Aggregate under job conditions, however, con- ‘\ains moisture which causes it to bulk. This bulking is considerable for fine aggre- gate. Coarse aggregate bulks little from surface moisture. A very wet sand may bulk so that a measured quantity will contain only about 80% of the solid material measured dry. Therefore a 1:2 mix of fine and coarse aggregates measured under job condi- tions without allowance for bulking will sometimes be “ undersanded ” and result in a harsh mix. Modification of the standard proportions, according to the nature of the work and conditions on the job, is therefore necessary. 
Proportioning by Judgment Based on Experience. On all ordinary work satisfac- tory results may be obtained by modifying arbitrary proportions as the work proceeds, according to the trained judgment of the engineer. 
The following observations will be an aid to judgment: 
(a) The larger sized aggregates, reasonably graded down from coarse to fine particles, will produce the more economical concrete, that is, one which will require less cement paste to make a concrete of given consistency or degree of workability. Thus a concrete of 1 part cement and 5 parts of mixed fine and coarse aggregate well graded down from particles 2 in. in diameter will 
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have about the same consistency or degree of workability as a concrete of 1 
part cement and 4-1/2 parts of mixed fine and coarse well graded down from 
particles 1 in. in diameter. In this connection it may be noted that the 
volume of mixed fine and coarse aggregates will be about 85% of the sum of the 
volumes of the separated aggregates. 

(b) Larger ratios of coarse to fine aggregate may be used with the larger 
size aggregates; thus with a 2-in. coarse aggregate the fine and coarse may well 
be mixed in the proportion of 2 : 3-1/2 whereas a 1-in. coarse aggregate will 
require a larger proportion of the fine t6 make a smooth working mixture, say 
2:3. Too little fine aggregate tends toward harshness and leads to the danger 
of honeycombing. Too much, on the other hand, will produce porous con- 
crete o: low density. The yield in cubic yards of concrete for a given quantity 

of cement is also less for mixes containing larger proportions of fine aggregate 
relative to coarse aggregate. The best proportion depends upon the grading 
and other characteristics of the aggregates. 

Summary of Procedure. (1) Select coarse aggregate of the maximum size 
appropriate for the work, say 1/1-2-in. to 3-in. for exclusively mass work; 
1-1/2-in. for heavy reinforced-concrete work (heavy reinforcing bars with at 
least 2-in. clear spacing); 1-in. for light reinforced-concrete work. (2) From 
Fig. 6 determine the water-cement ratio for the strength concrete required. 
For example, for a 2000-lb. concrete, and using curve B (if moisture contents 
of aggregates are estimated from tables instead of being determined by tests) 
we find the required water-cement ratio to be 0.9. Quantity of water per bag 
of cement (about 1 cu. ft.) = 0.9 K 7.5 = 6.75 gal. 

(3) Determine the water content of the aggregate by test as previously 
explained, or, approximate from the following table: 

PIL MEER OES adden BS oss Vas sn MG d aloe, Bo ta 3/4 to 1 gal. per cu. ft. 
moderately MOISt. 4. dsjecre da cesecie perce about 1/2 gal. per cu. ft. 
ON ale Sta gE A A on about 1/4 gal. per cu. ft. 

WOATSE ARSTEZATE, TOBE ooo ce vee 0 vic ce tas. about 1/4 gal. per cu. ft. 

Deduct such amount from the quantity determined above in (2) to obtain the 

quantity of added mixing water. © 

(4) Adopt tentative proportions of cements: fine aggregate: coarse aggre- 

gate as follows: 
1:2: 3-1/2 for maximum size aggregate 2 in. or over. 
1:2:3 for maximum size aggregate 1 in. 

and proportionately for intermediate or smaller sizes. 
If it so happens that the aggregates are well graded and have been measured 

dry (stock piles containing little moisture) the proportion of coarse aggregate 
to fine may be increased without resulting in harshness. The yield in con- 
crete per unit volume of cement will be slightly increased thereby. 

If, however, the first trial mix proves, for some aggregates, to be harsh, the 

proportion of coarse aggregate to fine may be decreased until smoothness is 

reached. Avoid, however, excessive proportions of the fines, for reasons be- 
fore stated. Smoothness may also be secured by increasing the cement 

content. 
Vary the consistency or degree of workability required for various portions 

of the work by varying the quantity of total aggregate per unit volume of 

cement; but always maintain the predetermined ratio of water and cement. 

An idea of the relationship between consistency, size of aggregate and water- 

cement ratio may be gained from the following table furnished by the Port- 

land Cement Association: 
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Trial mix, dry compact volumes for 
maximum size of aggregate 

Consistency indicated 

lin | 2in 

Water-Cement Ratio, 5-1/2 Gals. per Sack 

STE ot eecnanen a <pcpdacee < otek oa cniemeees C5 ie ha 1523 3-4/2 
PIASUC: 9365.54 ee ee be. eee 1: 1-3/4 : 2-1/2 1: 1-3/4:3 
RSOLU. nee pete oe ae Ohe whales Heat ae © pais Fe Re ater 4 1: 1-1/2 : 2-1/2 

Water-Cement Ratio, 6 Gal. per Sack 

Stirs cobalt siebinh wie ams deh Shyer we 1; 2-1/4 : 3-1/4 1:2-1/4:4 

NEE a ark Alves al sant eecveneten ene wurete + ME es 112 = 3-1/2 
STO aemay tel Pages Sa RIES, Bee, Sh SHE 1: 1-3/4 : 2-1/2 1:1-3/4:3 

Water-Cement Ratio, 6-3/4 Gal. per Sack 

SU ae ig Mie ais edit te ciate 1: 2-1/2 : 3-1/2 1;2-1/2:4 

ELASTIC. tis achielnaic mmascanitare nian aaa etiaees ee 1: 2-1/4 > 3-1/4 1 : 2-1/4 : 3-3/4 

SOli ts mies oe p tetein's Se cleat Cary Mae 22 33 1:2: 3-1/2 

Water-Cement Ratio, 7-1/2 Gal. per Sack 

Se onde otayseceg-al es (eye. a6 éowelb Aes aE: Se | 1:3:4-3/4 
1 RRC te PGRN 1 55 2: 1: 2-1/2 : 3-3/4. | 132-1/2 : 4-1/4 
j Soft...» ain asnncecsh: aametus® ast cinta 1: 2-1/4 : 3-1/2 1 : 2-1/4 : 3-3/4 

Water-cement ratios indicated include moisture contained in the aggregate. 
Proportions are given by volume, aggregate dry and compact. Thus 1:2 : 3-1/2 

* indicates 1 volume of cement, 2 volumes of sand and 3-1/2 volumes of coarse aggre- 
ate. 

J If the aggregates are to be measured in the damp and loose condition they will 
occupy greater volume than when dry and compact. Amount should be determined 
by test. Approximate average value for sand 20%, for coarse aggregate 6%. 

For approximate proportions by weight add 15% to proportions of aggregate shown 
in the table. 

. Absorptive Aggregate. The particles of light and porous aggregates will 
absorb an appreciable amount of water and for such condition a corrective 
addition to the quantity of mixing water may be made. This correction may 
be determined by means of the absorption tests recommended by the Ameri- 
can Society for Testing Materials (1920 Proceedings, Part 1, Appendix 2, 
Report of Committee C-9). A rough test may be made by thoroughly drying 
samples in an oven to expel all absorbed water, weighing the sample, immersing 
in water for about half an hour, then removing surface water by spreading out 
for a period in the air so that the surface water is evaporated, and then weigh- 
ing. The difference between the two weighings will indicate the amount of 
absorbed water. Very light and porous aggregate may absorb as much as 
25% by weight of water; porous sandstone 7%. Average sand, pebbles and 
crushed limestone particles will absorb about 1% by weight; trap rock and 
granite 1/2%, and for these no correction need be made. 

Yield. The yield in concrete of a given mix may be easily determined due 
to the fact that the volume of concrete is equal to the sum of the absolute 
volume of its ingredients, which may be calculated from the weights per unit 
volume. 

One sack of cement (assumed 1 cu. ft.) weight 94 Ib. The specific gravity 
of cement being 3.1, the “ absolute weight ” of a cubic foot of solid particles 
would be 3.1 X 62.5 = 194 lb. 

The specific gravity of the aggregates may be assumed as 2.65; hence the 
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“ absolute weight ” of the material of which it is composed is 2.65 X 62.5. =. 

165 lb. 
For a concrete mixture of 1 sack cement, 2 cu. ft. fine aggregate, 3-1/2 cu. ft. coarse 

aggregate, and 7 gal. (0.93 cu. ft.) water, the yield in concrete would then be calculated 

as follows: 

First | weigh 1 cu. ft. fine aggregate (say 110 lb.) 

weigh 1 cu. ft. coarse aggregate (say 100 lb.) 

Calculate: 

From cement <= / 2= 0.49 cu. ft. 
194 

From fine aggregate Voie = 1.33 cu. ft. 

-1/2 
From coarse aggregate oo = 2.11 cu. ft. 

5 

From water 0.93 cu. ft. 

Vield in concrete. ..........-+6 4.86 cu. ft. 

7. Field Measurement of Materials 

The application of accurate proportioning necessitates accurate measure- 

ment of materials for the mixer. The measurement of the cement is easily 

done by counting the bags. On important work close measurement of the 

aggregates by means of calibrated bottomless boxes should be required. 

Attempts to measure the aggregates by calibrating the barrows, carts or 

buckets used to convey the materials to the mixer are not effective. Unless 

measuring boxes are used it is better to adopt arbitrary proportions (say 2 to 3 

or 2 to 4) of fine to coarse aggregate and rely on struck loads. 

Accurate measurement of water should be demanded on all structural work 

and rigid inspection at the mixer should be provided. Reliable water meas- 

uring devices are on the market and installation of an approved device tested 

by experience should be required of the contractor. 

Of equal importance with correct proportioning are proper mixing, trans- 

porting, depositing and curing. Neglect of proper observance of any one 

element will vitiate the good results of observance of all the others. 

8. Mixing 

Mixing of the ingredients must be thorough, so that fine and coarse particles 

of aggregate will be uniformly distributed, so that the water and cement will 

be intimately incorporated to cause complete hydration of cement, so that the 

water voids caused by the unavoidable excess will be well distributed in the 

mass, and so that the aggregate particles will be completely coated with the 

cement paste. A minimum of one minute actual mixing, after all ingredients 

including the water, are in the mixer, should invariably be demanded. 

A batch a minute from a batch mixer means a net time of mixing after all 

the materials are in, of little more than half a minute. Fig. 6 shows the effect 

of time of mixing upon the strength of the concrete. Thorough mixing also 

increases the workability of the mix and makes it easier to place in the forms. 

It is also essential for watertight construction. Speeding up a rotary mixer 

by increasing the revolutions per minute has little effect in reducing the time 

required to produce the desired results; it is the time element rather than 

speed element that is important in mixing. Time of mixing also affects uni- 

formity of product. Test specimens made of concrete mixed 15 seconds may 
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show a mean variation of 30% in strength whereas those mixed 2 minutes 
should vary less than 10%. 

Machine Mixers are of two general types. (1) the batch mixer and (2) the continuous 
mixer. In the batch mixer the proper amounts of material for a single “ batch ” of 

concrete are placed in the mixer and 
the contents are then mixed either by 
means of moving paddles or blades, or 
by the rotation of the receptacle itself, 
in which are generally placed deflectors 
to aid in the mixing. In the continu- 
ous mixer the operation is continuous, 
more or less adequate provision being 
made for maintaining the proper pro- 
portions of materials. 

The gravity mixer is a type of con- 
tinuous mixer into which the material 
is introduced at the top and is mixed 
by striking various obstructions or de- 
flectors in its descent. Continuous 

E 

Compressive Strength Lbs. per Sq. In. 0 power mixers utilize some form of 
0. 2 4 6 8 0 screw or paddle blades. 

Time of Mixing Minutes Although good results may be se- 
Fig. 6 cured by either type, the correct pro- 

portions are more readily secured in 
the batch mixer and it is generally to be preferred, especially for small plants where 
the supervision is likely to be inadequate. 

9. Transporting 

The effect of methods of transporting concrete from the mixer to the forms 
upon the quality of the set concrete is of prime importance. 

(1) Cencrete should be transported quickly enough so that it will not get its 
initial set before its manipulation in the form has ceased. Since initial set 
should not occur within 45 minutes after mixing there is little danger from a 
violation of this principle except where there is a central mixing plant for 
several jobs and transportation is by truck. In such case avoidable delays 
by drivers may be prevented by a time checking system. 

(2) The mode of transportation should prevent segregation or loss of mate- 
rials. Buckets, chutes, belts of conveyors, etc., should be watertight so that 
the cement will not be lost from the mix. Chutes should be at such an angle 
(not less than 30 deg. with the horizontal) that the coarser materials will not 
be left behind. Continuous delivery from the chute will help to prevent 
segregation. 

10. Depositing 

The results of all previous care may be lost to a great degree by lack of care 
in depositing. 

(1) Concrete must be deposited evenly in the forms in uniform layers and 
not allowed to pile up. Localized delivery causes the more liquid mortar to 
flow away from the aggregates and not only impoverishes part of the concrete 
but promotes the formation of laitance from the segregated cement and water, which has been discussed in Art. 6. In beam and slab floors the beams should 
be completely filled first; the concrete should not be dumped on the slab floor 
and allowed to flow into the beams thus causing segregation. The temptation to localize delivery from chutes, particularly in high walls, is very great. 

(2) Concrete should be deposited so as to prevent as far as possible the entraining of air. Concrete should not be dropped from a height of more 
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than 5 ft. without the aid of a pipe or chute. It should be puddled or tamped 

so as to expel entrained air as well as to insure complete filling of the forms 

and close contact with reinforcing steel. In inaccessible forms as for thin walls, 

the outside of the forms should be tapped vigorously with automatic air ham- 

mers or with sledge hammers or mauls. 

(3) Concreting should proceed without interruption so far as possible in 

order to prevent stoppage planes by the formation of laitance under initial 

set.. Stoppage planes are only less pronounced than days’ work planes. 

(4) Concrete should not be deposited during freezing weather without 

special precautions, since it hardens very slowly at low temperatures. Freez- 

ing of the water while setting exerts a tremendous disruptive force which 

disintegrates the concrete and invariably causes failure although concrete 

frozen before setting will sometimes set up after thawing, with apparently little 

harmful effects. 

If it is necessary to deposit concrete in cold weather, the aggregates through- 

out their mass and the water should be heated, but the water must not be so 

hot as to cause flash-set of the cement. The concrete should be delivered into 

place at a temperature above 50° F. but not over 100° F., and all materials 

should be heated to within these limits. A sheet-iron pipe or inverted trough 

buried in the aggregates and fired with wood is the usual method of heating 

small quantities of aggregates. Large quantities are sometimes heated by a 

network of steam pipes underlying the storage piles. 

(5) Fresh concrete must be protected from the action of flowing water. 

In ordinary construction excavations should be unwatered. When ground- 

water is encountered, it is advisable to-enlarge the excavations one or two feet 

in all dimensions, build the forms to dimension and surround them with a 

channel to lead the ground-water to a sump whence it may be removed without 

disturbance to the fresh concrete until it has set. Where springs are encoun- 

tered, the water should be piped and led away from the area upon which con- 

crete is to be placed. 

Under-water Concrete. In marine work proper, concrete may be lowered 

through the water by means of tightly closed buckets which may be opened at 

the bottom and discharged when in contact with the concrete already de- 

posited; or, it may be deposited through a pipe or tremie. The latter method 

is usually to be preferred both on account of the better results obtained and on 

account of economy of operations. 

Depositing by Tremie. Concrete may be placed under water through a 

tremie or watertight pipe 12 in. to 24 in. in diameter, having a conical shaped 

top the better to receive the charge of concrete. At the start of operations 

the mouth of the pipe is set on the bottom and the pipe filled with concrete. 

The pipe is then slowly raised, allowing the concrete to flow out as more con- 

crete is poured in at the top, always keeping the pipe fully charged. It is essen- 

tial, once the concreting operations are started, that the lower end of the pipe 

be kept buried in the concrete until the entire operation is completed. 

In this manner, washing out of the cement is prevented. The upper layer of 

concrete displaces the water, and laitance is kept at the surface of the concrete 

whence it may be finally and effectively removed. If at any time during the 

operations the bottom of the pipe loses contact with the concrete, the charge 

will be lost; therefore particular care must be taken in continuing operations 

not to stir up the fresh concrete in place. Tremie operations should be con- 

tinuous until the structural unit has been completed. 

Tremie concrete must be of a consistency that will permit it to flow readily 

and it therefore requires more cement and water than concrete placed in the 

dry. ; 
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11. Curing 

Proper curing of concrete after setting is an important factor for successful 
work, as indicated in Art. 1. Excess mixing water is an evil. There is no 
danger from an excess of curing water. Fig. 7 shows graphically the value of 5000 proper curing. Keeping 

concrete wet for the first 
ten days after setting in- 
creases its strength and 
durability 75% over that 
which might be expected 
from its ordinary aging. 
Three weeks’ curing shows 
115% gain and four weeks’ 
curing shows 145% gain. 
These results were observed 
from compression cylinder 
tests as follows: Specimens 
A were allowed to harden in 
air for four months and 

Compressive Strength at 4 Months 

0 : 
0 20 40 60 80 100 =: 120 
Storage- Days in Damp Sand Followed by hen tested — 1800 Ib. Air Storage until Tested. Total Age 4 Months bonailial Epes oe A wd 

Fig. 7 cured in damp sand 3 days, 
kept in air the remaining 117 days and tested — 2100 Ib. per sq. in. Specimens C were stored in damp sand 21 days, kept in air the remaining 99 days and then tested — 3900 Ib. per sq. in. Specimens D were stored in damp sand the full 120 days and 

then tested — 4400 Ib. per sq. in. 
Concrete structures should be cured by adequate means. Drenching the forms with water before placing concrete will reduce absorption. Horizontal surfaces such as floors and pavements can be covered with damp sand the day after they are laid when they have hardened sufficiently to prevent pitting the surface, and kept damp by frequent sprinkling. Sometimes small dikes of clay are built around a section of floor or pavement, which is then flooded by water. Vertical surfaces can be kept damp by frequent sprinkling of the forms or exposed concrete. Sometimes walls are coverd with canvas or burlap which is drenched with water several times a day. In road work continuous drenching from sprinkler heads is something practical. 
For like moisture-curing conditions, the time required for concrete structures to set and develop a given strength depends upon the external temperature maintained during the period of curing and also upon the rate of dissipation of internal heat generated by the chemical reactions of setting, as affected by massiveness. Fig. (8) shows graphically the effect of temperature upon the rate of strength increment of small test specimens for which the dissipation of internally generated heat would be rapid. 
Measurements of the internal heat generated within massive structures have been made by embedding thermometers and making observations, 9 shows the results observed during the construction of the Arrowrock Dam by the U. S. Reclamation Service near Boise, Idaho (‘‘ Temperature Changes in Mass Concrete,” by Chas. H. Paul and A. B. Mayhew, Trans. Am. Soc. €@) B1915): 
The resultant effect of external temperature, generation of internal heat and rate of radiation upon the curing of structures in general is largely a mat- ter of guess. Massive structures will not require elaborate cold-weather pro- 

Fig. 



Art. 12 Miscellaneous Notes 10383 

tection to develop early strength. Structures having relatively thin sections, 
such as reinforced-concrete buildings and bridges, do require careful cold- 
weather protection to develop sufficient strength to permit early removal of 
supporting falsework. It is probable that many so-called inexplicable  cold- 

110 

Strength in Percentage of 28 Day 
Strength of Concrete Cured at 70° F 

ao Oo 

Internal. Temperature, F. 0 5 lo 866 20 25 0 40 80 120 160 
Age in Days Time in Hours 

Fig. 8 Fig. 9 

weather failures are due to slow setting at low temperature or to actual freezing. 
In such construction cold-weather protection by enclosure and‘ heating by 
salamanders may be necessary but this does not warrant dispensing with pre- 
heating the materials since the transference of heat through forms is slow. 

12. Miscellaneous Notes 

12a. Effect of Cold Weather Concreting 

Although the rate of strength increment is slow at low temperatures, cold 
weather concreting need not be detrimental to the final quality of the product. 
If actual freezing is prevented during the setting process, and supports are 

left in place sufficiently long to permit the concrete to develop self-sustaining 

strength, there need be no concern as to the effects of low temperatures upon 

final quality. Supports for structures should not be removed, however, with- 
out making due time allowance for delayed rate of setting or until a sufficient 

period of warm weather has intervened. 

12b. Construction Joints 

Proper treatment of construction joints, stoppage planes or days’ work 

planes is of vital importance and is too frequently neglected. Even in struc- 

tures not required to carry a head of water, improperly treated joints permit 

percolation and disfigurement by efflorescence, besides being an element of 

structural weakness. An almost perfect joint can be made if mixing water is 

properly regulated to prevent excess, if the more liquid portions of the con- 

crete are not allowed to segregate in transporting and depositing, if the surface 

of the concrete in place is thoroughly scrubbed with stiff wire brushes to 

remove laitance completely so that clean aggregates are exposed; and if the 

surfaces are again drenched before concreting proceeds and coated with a rich 

thin mortar, just before the fresh concrete is placed. The procedure may seem 

to be “fussy,” but it is easy of execution and the results will pay both in avoid- 
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ing unsightliness and planes of weakness. The formation of efflorescence on 
the surfaces of completed structures in which the concrete was not properly 
placed will appear sometimes promptly, sometimes after the lapse of consider- 
able time. 

12c. Payment for Concrete 

Payment for concrete is usually by the cubic yard measured in place in the 
completed work. 

Complete control of the proportions, however, is predicated on the use of 
sufficient cement to keep the water-cement ratio constant and at the same time 
give the required degree of workability. Since the contractor has necessarily 
based his bid upon the assumption of definite proportions, orders to increase 
cement content instead of merely adding water to increase workability will 
invariably lead to disputes, and as a matter of fact equity is on the side of the 
contractor, despite the technique in the matter. Specifications calling for 
strength concrete do not solve the question. No court would uphold orders 
to replace, extensively, structures for which the field tests of concrete indicated 
inferior quality. The real responsibility rests with the engineer, and the con- 
tractor is entitled to payment for the materials entering the construction in so 
far as is possible. 

A separate payment item for the number of barrels of portland cement 
ordered to go into the concrete should be provided and payment for this 
amount should be made in addition to the number of cubic yards of concrete 
in the work. Cause for argument will be removed and responsibility for the 
quality of the product will be indisputably in the hands of the engineer where 
it belongs. 

13. Admixtures 
Various admixtures are so:netimes used to increase workability; to increase 

impermeability or watertightness; to hasten setting; to facilitate curing; etc. 
In general the judicious use of such admixtures is not harmful and may be 
beneficial to the leaner mixtures; they are as a tule, however, palliatives and 
unnecessary in high-grade work. 

Anti-freezing Admixtures. Admixtures to prevent freezing may be used 
with judgment in moderately cold weather to avoid expensive housing, but 
should not be relied upon when extremely cold weather is likely to follow. 
Common salt (NaCl) is sometimes used to prevent freezing, though it re- 

tards the setting process and somewhat reduces the strength of the concrete. 
About 1% by weight to that of the mixing water is required to lower the freez- 
ing point each degree below 32° F. Up to 10% it is not particularly harmful 
to concrete if the tendency to reduction of strength is overcome by the addition 
of a little excess cement. 

Calcium Chloride (CaCl) is used as an anti-freezing compound and also to 
accelerate setting and assist the curing process. It may be safely used up to 
4% by weight to that of mixing water. With concrete cured at low tem- 
peratures a mixture of 2% calcium chloride and 9% common salt is more 
effective as an anti-freezing compound than common salt alone. 2% calcium 
chloride is effective as an accelerator for road concrete and permits opening the 
road to traffic in less time than ordinarily required. 

Workability Admixtures. Neutral admixtures such as the diatomaceous earths (marketed under such trade names as diatomite and celite), kaolin and hydrated lime, are designed to increase workability and act as a void-filler to increase imperviousness. The amount of such admixtures that can be used beneficially depends upon the quality of the concrete and the character of the 
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aggregate. It is more beneficial to the leaner mixes. Beyond the point of 
maximum of density these admixtures begin to decrease the strength by re- 
ducing cohesion. A rule for the “‘ judicious use ” of such admixtures as given 
by Pearson and Hitchcock, Proc. American Concrete Institute, Vol. 20, 1924, 
is as follows: percentages being by weight relative to the cement: For con- 
cretes leaner than 1 : 1-1/2 : 3 the maximum percentage of celite used should 
be equal to the index number for the coarse aggregate; of kaolin, to twice the 
same index number; of hydrated lime, three times the same index number. 

For example, for 1 : 3 : 6 concrete the maximum percentages would be 6 for 
celite, 12 for kaolin, 18 for hydrated lime. Some engineer-chemists claim that 

siliceous admixtures may be used to advantage in sea-water concrete to com- 

bine with the free lime of the cement into a calcium silicate and prevent the 

combinction of the free lime with the magnesium sulphate and chloride of 

the sea water into a calcium sulphate which is expansive, soluble and destruc- 

tive to concrete. Two pounds of a siliceous admixture per bag of cement is 

the usual proportion. 

Clay. Clay acts much the same as lime. Finely divided and evenly dis- 

tributed, it fills the voids of lean mixtures and improves quality, while reducing 

the cohesion of rich mixes. 

Oils. Mineral oils are sometimes used in gaging concrete to increase work- 

ability andimperviousness. Up to5%or 10% by weight of cement they lower 

the strength of ordinary concrete but little. In excess they are injurious. 

Some commercial oils for concrete contain oils of organic origin in addition to 

the mineral oils and are very detrimental. Rich mixes designed for imper- 

viousness require no waterproofing compounds. 

14. Watertight Concrete 

The best concrete is watertight. Strict observance of the rules outlined 

in the preceding text will result in a strong, durable, impervious material with- 

out the use of waterproofing compounds. To obtain the required density for 

watertightness the water content of the mix should be kept low, say 6 gal. per 

sack of cement, which will require possibly a 1:2:3 or 1:1-1/2 : 2 mix for 

workability so that it will compact properly. Mix thoroughly, prevent segre- 

gation in transporting and depositing, spade or tamp 6 or 8-in. layers in the 

forms to break up stone pockets and expel entrained air, cure thoroughly. 

Tanks and other structures to be subjected to hydrostatic pressure should be 

thoroughly cured before the pressure is applied. If construction joints are 

unavoidable observe the rules for bonding new concrete to old, strictly. 

Abundant experience has shown that care will produce the desired results. 

In tests conducted by the U. S. Bureau of Standards, thin slabs of a lean 

(1 : 6) portland cement mortar and 1: 1-1/2 : 2 concrete were subjected to a 

water pressure of 60 lb. per sq. in. This pressure is equivalent to a 138-ft. 

head of water. Although water penetrated through 1-5/8-in. limestone 

slabs in periods ranging from 20 seconds to 20 minutes, it took 3-1/2 hours for 

water to penetrate through a 2-in. slab of 1 : 6 mortar, while at the end of 24 

hours, When the test was terminated, the 2-in. slab of 1 : 1-1/2 : 2 concrete was 

still dry. 
Hundreds of concrete tanks are being used for the storage of fuel oil, which 

is lighter than water, and these tanks are oiltight, and of course watertight. 

Concrete basements, pits, bridges, and tanks will also be watertight if proper 

care is taken in their construction. Experience and tests have shown that 

proper practice will make watertight concrete. 
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15. Follow-up Tests of Concrete 
Field tests of concrete afford a means of determining the effectiveness of the 

field control of concrete. It is not to be expected that the tests on the standard 
compression-test cylinders sampled from mixes in the field would agree very 
closely with tests on blocks cut out from the completed structure, when such 
tests are made, or that they prove the exact quality of concrete in the work. 
Such factors as differences in curing conditions, differences in degree of com- 
pactness due to static head and a variety of other factors would be reflected 
in the results. Such tests are, however, an approximate indication of the 
quality of the concrete if the material in the form is representatively sampled 
and if a sufficient number of test specimens are made to reflect daily varia- 
tion. 

Since the test specimens are small, they should be made with strict observ- 
ance of a rather elaborate technique, and should be stored and cured under 
standard conditions and tested in an exact manner in order to be of any value 
at all. 

Appendix 6 describes the proper method of making and storing concrete 
test pieces. 

If test cylinders are tested at 7 days’ age, the 28-day strength may be ap- 
proximately estimated by the following formula Sos = S; + 30 /S:. 

Test cylinders should be cast in pairs; at least one pair for each 100 cu. yd. 
of concrete placed, or a minimum of two pairs for each day’s work. The sam- 
ples of concrete should be taken at the point of delivery and be as representa- 
tive of the product as possible. 

16. Forms for Concrete 
General Requirements. Forms for concrete should be strong and rigid 

and should be tight enough to prevent leaking of the mortar. The material 
should be planed on one side and be of even thickness if a smooth face is 
desired. This is generally advisable for convenience in handling. Material 
which warps readily, such as hemlock or oak, is not desirable. Pine or spruce & 8 is commonly the best avail- 

able material. For repeated 
use in built-up | sections, 
tongued and grooved material 
is to be preferred. 

Pressure of Concrete. The 
pressure of wet concrete, such 
as is frequently used, will be 
the full hydraulic pressure of 
a liquid weighing about 150 
Ib. per cu. ft., until initial set- 
ting begins. If the forms are eee to be filled before this occurs 1: 1400 1600 1800 2000 i Max. Pressure on Forms, Pounds per Sq. Ft. Sd Rat os i 

Fig. 10. Pressure of Concrete gins while the work isin prog- 
ress, then the maxim - sure will be less than the full hydrostatic pressure, this maximum lichintleraest ing upon the rapidity of filling and rate of setting of the concrete. It will therefore depend largely upon the existing temperature. Results of experi- ments made by F. R. Shunk on the maximum pressure of concrete are shown in Fig. 10. This diagram gives the maximum pressure which occurred, for va- rious rates of filling and at various temperatures. The tests were made by 

gi 

> 

wo 
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means of a pressure board 9.23 in. in diameter, set into the side of a form sup- 
porting a large mass of concrete. The concrete was made of 1:3: 5-1/2 pro- 
portions and was very wet, the workmen sinking into it about 18in. (Eng. 

News, Sept. 9, 1909.) 
Design of Forms. Either 1-in. or 2-in. stuff is suitable for lagging but, 

excepting for small parts, 2-in. is preferable. One-inch stuff requires supports 
spaced 18 to 24 in. apart and 2-in. stuff a spacing of 4 to 5 ft. Studding or 
joists should be 2 in. by 4 in. to 2 in. by Sin. for 1-in. lagging, and 4 in. by 6 in. 
up to 4in. by 10 in. for 2-in. lagging. Forms for opposite faces of walls of ordi- 
nary thickness should be connected together by ties designed to take the full 
pressure. Thus connected, the outside bracing need be only sufficient to 
steady the forms as a whole while the concrete is being placed. Forms are 
convenicntly connected by wire twisted into a sort of turn-buckle for adjust- 
ment. Iron rods fitted with nuts are more readily adjusted. These may be 
passed through small pipes cut slightly shorter than the thickness of the wall, 

which are afterwards filled with cement. 
Where no cross ties are used the entire pressure must be borne by outside 

props placed, generally, as diagonal struts. Great pains must be taken to 

secure the ends of such struts from settlement. Rigidity is as important as 

strength, and deflections of forms should be limited to very small amounts. 

Column Forms should be made of 2-in. plank and well clamped together to 

resist the heavy pressures involved. They are conveniently held together by 

wooden blocks connected by bolts and adjusted by wedges as shown in Fig. 11. 

Care must be taken to see that the bottoms of column forms are thoroughly 

clean before pouring concrete. To render this easy and certain it is advan- 

tageous to arrange a small removable panel at the base of the form. 

Beam Forms are preferably made of 2-in. stuff. The bottoms should be 

well supported and the sides held together by wedges or clamps. Wedges 

are also conveniently used at top or bottom of the supporting struts. 

S| 

Fig. 11. Form for Column Fig. 12. Form for Beam 

Slab Forms are made of 1-in. or 2-in. stuff. If the former is used it should 

be supported on joists spaced not more than 2 ft. apart. Joists are con- 

veniently supported on 2-in. strips fastened to the sides of the beam forms or 

may be independently supported. Fig. 12 shows a typical arrangement of 

beam and slab forms. 

Adhesion of Concrete to the forms can be prevented by oiling the forms 

with crude oil, soap or other greasy material. This aids also in preventing 

warping. If not oiled the forms should be thoroughly wet before placing the 

concrete. This is especially necessary in hot dry weather. 

Wall Forms. Forms for thin walls are generally made to be supported by 

the concrete already in place. Fig. 13 shows a common arrangement. The 

bolts and slotted holes enable the sections to be raised conveniently as the 

work proceeds. 
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Removal of Forms should be 
done only under expert supervi- 
sion. In warm weather column 
and wall forms can be removed 
in 2 to 4 days, slab forms in 10 
to 15 days, and beam forms in 
2 to 3 weeks. Low tempera- 
tures require much more time 
for hardening. Forms should 
be removed very carefully and 

Fig. 13. Form for Wall 

gradually and the concrete examined before general removal is ordered. 

47. Quantities of Material for One Cubic Yard of 
Compacted Concrete 
(Without allowance for waste) 4 

Based on 3.8 cu. ft. per bbl. of cement. Sand and stone measured loose 
Proportions by volume Ratio: Quantities of material 

Mortar Cement, Sand, Stone, Sand Stone Stone bbl. cu. yd. cu. yd. 

1-1/2 0.98 3.10 0.44 0.65 
Z 0.72 2.75 0.39 0.78 

1 2-1/2 0.58 2.48 0.35 0.88 
3 0.48 2.25 0.32 0.95 
3-1/2 0.42 2.05 0.29 1.01 
2 0.92 2.40 0.51 0.68 
2-1/2 0.73 2.20 0.47 0.78 10h we 0.61 2.00 0.42 0.85 
3-1/2 0.53 1.85 0.39 0.91 
4 0.46 se 0.36 0.97 
3 0.74 1.85 0.52 0.78 
3-1/2 0.63 1.32 0.49 0.85 2 4 0.55 1.60 0.45 0.90 
4-1/2 0.49 1.48 0.42 0.94 
Sy 0.44 1.39 0.39 0.98 
3-1/2 0.75 1.60 0.56 0.79 
4 0.66 1.48 0.52 0.83 2-1/2 4-1/2 0.58 1.38 0.49 0.87 
5 0.52 1.30 0.46 0.91 
5-1/2 0.47 L522 0.43 0.95 
6 0.44 ce bg 0.41 0.99 
4 0.75 1.40 0.59 0.79 
4-1/2 0.67 1.30 0.55 0.82 
5 0.60 1.22 0.52 0.86 
5-1/2 0.55 1.16 0.49 0.90 
6 0.50 1.10 0.46 0.93 
6-1/2 0.46 1.04 0.44 0.95 
7 0.43 1.00 0.42 0.99 
5 0.78 1.10 0.62 0.77 
6 0.65 1.00 0.56 0.84 
7 0.55 0.92 O52 0.91 
8 0.48 0.85 0.48 0.96 
9 0.43 0.80 0.45 1.01 9 0.52 0.73 0.51 0.93 10 0.47 0.68 0.48 0.96 li 0.42 0.64 0.45 1.00 { 10 0.55 0.63 0.53 0.89 12 0.45 0.58 0.49 0.98 
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REINFORCED CONCRETE 

18. Reinforcement for Tension 

Concrete having very little tensile strength must be reinforced with steel 
when subjected to bending stresses. In beams and slabs the usual amount 

of main tension steel is about 
3/4% to 1% of the cross-sectional 
area of the beam; the size of the 
rods or bars depending upon the 
size (as to cross-section) of the 
beam; say 1/2-in. for thin floor 
slabs; from 3/4-in. to 1-1/4-in. for 
rectangular beams; structural 
shapes for very -heavy girders. 
Plain round rods are sometimes 
used though the use of deformed 
rods (having depressions or projec- 
tions) is general practice in order to : Fig. 14 
increase the grip or bond between 

the concrete and steel. Four types of deformed bars are illustrated in Fig. 14. 

Standard specification for reinforcing steel is given in Appendix S. 

Adhesion of Concrete to Steel. The grip or bond between concrete and 

plain rods (clean but not too smooth) depends somewhat upon the quality of 

the concrete — in general the stronger the concrete the higher the bond. 

Bond stress is determined in two ways: (1) by direct pulling out of a rod 

embedded in a concrete block; (2) by embedding the two ends of a rod in a 

concrete beam (the middle of the rod being exposed by. a recess in the beam) 

subjecting the beam to bending by loads and measuring the stress in the ex- 

posed middle portion of the rod by means of strain-gage readings. The latter 

method gives somewhat lower results than the former. Under test, initial 

slip of plain bars, indicating the destruction of pure adhesion, occurs at about 

2/3 the maximum bond stress, after which frictional resistance comes into 

play until the maximum is reached. Maximum bond stress is in plain bars 

about 20% of the compressive strength of the concrete. 

Deformed bars behave under test as do the plain rods up to the point of 

maximum bond of the plain rods. Beyond this point the bond of plain rods 

falls off rapidly up to failure, whereas the bond of the deformed rods continues 

to increase due to the abutting action between the concrete and the bar pro- 

jections. Maximum bond of deformed bars at a slip of 0.05 in. is about 50% 

greater than the maximum bond of plain bars at a slip of 0.01 in. 

Ordinary rust increases the bond. Mill or rust scale, however, destroys it. 

Bond of flats is much less per square inch than the bond of square or round 

rods. 

Right-angle bent ends do not affect initial slip but increase ultimate bond 

near the hook about 50%. 
Hooked ends—180° semicircular. bends with a short length of straight 

beyond the bend — are more effective, increasing ultimate bond near the hook 

about 100%. 

19. General Principles of Design 

Use and Advantages of Reinforced Concrete. Steel isa material especially 

well suited to resist tensile stresses, and for such purposes the most economical 

form, the solid compact bar, is well adapted. A disadvantage in the use of 
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steel in many locations is its lack of durability, thus rendering it necessary to 
add a protective covering to prevent corrosion and injury from fire. Concrete 
is characterized by low tensile strength, relatively high compressive strength, 
and great durability. It is a good fire-proof material and therefore serves 
both as a good inhibit of rust and as a good fire-proof covering for steel. A 
combination of steel and concrete constitutes a form of construction possess- 
ing in a large degree the advantages of both materials without their disad- 
vantages. 

For those structural members carrying purely tensile stresses steel must be 
employed, but it may be surrounded by concrete as a protection against 
corrosion and fire, or for the sake of appearance. For large and compact 
compression members plain concrete may be used. For more slender mem- 
bers, however, such as long columns, plain concrete is too brittle a material, 

and therefore too much affected by secondary and unknown stresses to be 
satisfactory; and for such members steel alone, or the two materials in com- 
bination, will preferably be used. For those structural forms in which both 
tension and compression exist, that is to say, in all forms of beams, the com- 

bination of the two materials is particularly advantageous. In this form the 
tensile stresses are carried by the steel and compressive stresses by the con- 
crete. 

Some of the most important types of construction in which reinforced concrete can be 
advantageously employed are the following: In buildings, for floors or for the com- 
plete structure; in foundations, especially where broad footings are required; in culverts 
and.smal]l beam bridges; in retaining walls, dams and abutments; in arch bridges; in 
bins and tanks for coal, grain and other material; in conduits and pipe lines subjected 
to low pressures; in chimneys and towers; and in separate structural forms such as 
piles, railroad ties, poles, etc. : 

General Assumptions in Calculations. In calculations of stresses and 
sections of reinforced-concrete structures the following general principles 
are usually followed: 

(1) Calculations are made with reference to working stresses and safe loads 

rather than with reference to ultimate strength and ultimate loads, although 
some prefer to calculate ultimate loads and then apply a safety factor. 

(2) Perfect adhesion is assumed between concrete and reinforcement. 

Under compressive stresses the two materials are therefore stressed in pro- 
portion to their moduli of elasticity. Under tensile stresses this relation also 
holds up to the ultimate strength of the concrete. 

(3) Inasmuch as the extensibility of concrete is small, its tensile resistance 
is usually neglected and the entire tensile stress is assumed to be taken by the 
reinforcement. Where the stresses are very small, as frequently occurs in 
arches, the resistance of the concrete is sometimes considered. Certain beam 
formulas also take account of the tensile resistance of the concrete. 

(4) Under working stresses the modulus of elasticity of concrete in com- 
pression is constant and the variation of compressive stress on a section of a 
beam is therefore rectilineal. The variation of tensile stress is also rectilineal 
andat the same rate. For ultimate loads a curvilinear law is usually assumed, 
the parabola being a convenient approximate curve to use. 

(S) In beams, a plane section before bending remains plane after bending, 
(6) Initial stress in the reinforcement due to contraction or expansion in 

the concrete is neglected. 

20. Theory of Reinforced Beams 

General Arrangement of the Reinforcement. ~The purpose of steel rein- 
forcement is to carry the principal tensile stresses, the concrete being depended 
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upon for the compressive and direct shearing stresses. If no steel were present 
the concrete would tend to rupture on lines perpendicular to the direction of 
maximum tension, as shown in Fig. 15, and hence we may conclude that ‘the 
ideal tension reinforcement would require the steel to be distributed in the 
beam along the lines of maximum tension. 

U7 : 
SZ Lat | oA 

Fig. 15 Fig. 16 

Fig. 16 shows by the dotted lines the lines along which failure of the concrete 
in a reinforced beam tends to occur. The inclined full lines show how the 
beam may be reinforced against such failures. 

Where the shearing stresses exceed about 50 lb. per sq. in. some form of 
shear reinforcement is necessary. Fig. 17 shows various methods of arranging 

Cm 0 

Fig. 17. Methods of Shear Reinforcement 

such reinforcements. Figs. (a) and (c) show the use of vertical stirrups and 
Fig. (d) inclined stirrups. Inclined stirrups must be firmly fastened to the 
horizontal rods.. For maximum strength form (c) or (d) should be used. 

Methods of Failure. A reinforced-concrete beam tested to destruction 

will usually fail in one of three ways: (a) By the yielding of the steel at or near 

the section of maximum bending moment. (b) By the crushing of the con- 
crete at the same place. (c) By a diagonal tension failure of the concrete at 

a place where the shearis large. 
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General Results of Tests. From the results of tests made by various ex- 
perimenters the following general conclusions may be drawn: 

(1) The elastic limit or, more strictly speaking, the yield point of the steel, 
may safely be taken as its ultimate strength in reinforced beams. 

(2) The crushing strength of concrete as determined by tests on cylinders 
hardened under similar conditions will be fully realized in the beam. 

(3) The usual shearing strength for beams reinforced with straight rods 
only is from 100 to 150 lb. per sq. in., but this can readily be increased by the 
use of proper web reinforcement to 300 or 400 Ib. per sq. in. 

(4) Steel used on the compressive side of beams is stressed in accordance 

with the usual assumptions. 

Flexure Formulas for Working Loads. Assumptions: Rectilineal law of 
stress variation is assumed and the tension in the concrete is neglected. The 
notation used is as follows: 

For Rectangular Beams: 

fs = tensile unit stress in steel. 
f, = compressive unit stress in concrete. 
E, = modulus of elasticity of steel. 
E, = modulus of elasticity of concrete. 

M = moment of resistance, or bending moment in general. 

Mg and M, = moments of resistance with respect to the concrete and the steel. 

A = steel area. = breadth of beam. 
d = depth of beam to center of tension steel. 
t = total depth of beam. 
k = ratio of depth of neutral axis to effective depth d. 
z = depth of resultant compression below top. 
j = ratio of lever arm of resisting couple to depth d. 

jd = d — s = arm of resisting couple. 

n= Es/Ec m= - p = A/bdd. 
c 

For T Beams (in addition to preceding): 

b = width of flange. 6’ = width of stem. 
t = thickness of flange (see also t above). 

p = steel ratio based on circumscribing rectangle bd. 

For Beams Reinforced for Compression: 

A’s = area compressive steel. 
p’ = steel ratio for compressive steel. 

7 f’s; = compressive unit stress in steel. 
Zz 

C = total compressive stress in concrete. 
¢ _ C” = total.compressive stress in steel. 

d’ = depth to center of compressive steel. 
= z = depth to resultant of C and C’. 

T From Fig. 18 by proportion 
=— k f.—Es on 

$s 

Hiei wd dea 

1-k Eds m = 
By composition 

Fig. 18 k __n is ba 
ie 4! (B28) ae wT selon (2) 

From (2) “pis ee j da 6) (3) 

Since the total compression in the beam must equal total tension (2H = 0); 
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A n 
f ich — =p = ———_. tom whic 4 p Sate D (4) 

f, E 
Assuming ratios form = 7 andn — = equations (3) and (4) give all neces- 

c Cc 

sary solutions of a reinforced concrete beam. For » = 15 and m = 24.5 

f i = “ e havi as for example a we have 

F 5 r <7 IaIG 15 > 

Ie b= SF ope OK 30,5 ee 
Percentage Reinforcement 

1.0 

0.0 0.6 1.0 1.5 2.0 
: Percentage Reinforcement 

Fig. 19. Diagram for Reinforced Rectangular Beams. (n = 15) 

The above values for 7, p, m, are usual values, hence for design calcula- 
tions the moment of resistance of a beam 

148 M 
= 0.0077 pated =M or bd?= 

= 8 fs 
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Also (forn = 15), bd? = wo”. 
c 

To design a beam for a bending moment of 416 000 in-lb. at 17 000 Ib. in 
7 000 

the steel and 700 lb. in the concrete ( a = 245) 

148 X 416 000 
bd? = Dar 7 pars = 3630. Ifb = 12in., d? = 303 ord = 17-1/2 in. 

Cover = 2 

19-1/2 in. 

Use of Diagram Fig. 19. Fig. 19 gives values of & and 7 for various per- 
centages of tensile reinforcement, also steel and concrete stresses for various 

M 
ba (for m = 15). 

Assume a beam under bending moment 416 000 in-Ib. to design for 16 600 
lb. in the steel and 650 Ib. in the concrete. At intersection of proper curves 

M M 416 000 
Fy — 2 a ee for unit stresses read to left bd 108 or bd 108 108 3860 and 

read to bottom p = 0.77%. Various values of } and d will suit the case. 

T-Beams. A T-beam may be treated as a rectangular beam / w in Fig. 20 

if the neutral axis as for a rectangular beam lies in the flange (at or above the 
bottom. of the floor slab). In such case 

Ww the T-beam is theoretically a rectangu- 
me: 4 t lar beam with part of the neglected 

h tension area of the concrete omitted, 
Fig. 20 leaving sufficient stem to contain the 

reinforcing steel and resist longitudinal 

shear between the tension and compression flanges. If any considerable 
compression area of the enclosing rectangular unit is missing in the T-beam 
the structure will require special consideration. -Derivation of formulas will 
not be given here. 

Fig. 21 is a diagram for designing T-beams, the use of which will be illus- 
trated in an example later on. 

values of 

21. Over-reinforcement to Reduce. Compression 

From Fig. 19 it is seen that if the dimensions ofa concrete section are for 
any reason limited, its moment of resistance may be increased (within limits) 
without exceeding allowable stresses by increasing the percentage of:tension 
steel. The resulting steel stress will be low in order that the stress in the con- 
crete may be kept within limits. For example, assume.a beam 15 in. wide, 
20 in. deep to carry a bending moment of 845 000 lb. without exceeding 

M 845 000 
16 000 lb. in th i eens ee in the steel and 650 Ib. in the concrete ba? 153020 X20 

141. In diagram Fig. 19 find p = 2% for fe = 650. fs will then be a little 
less than 9000. Steel area 0.02 X 15 X 20 = 6 sq. in. 

It is usually considered better practice to keep the concrete stress within 

proper limits by over-reinforcement with tension steel as shown above, than 
by the use of compression steel. If, however, the compression steel is well tied 
into the concrete by inverted stirrups so as to make the compression flange 

in effect like the hooped column, it will be effective. . The following discussion 
of beams reinforced for compression is therefore given: 
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Fig. 21. Diagram for Reinforced T Beams. (nm = 15) 

22. Beams Reinforced for Compression 

The normal capacity of a 15-in. X 20-in. beam for 16 000 Ib. in the steel and 650 lb. 

in the concrete would be as follows: From Fig. 19 oa = 108; moment of resistance 

=15 X 20 X 108 = 648 000 in-Ib.; p. = 0.77%; As = 15 X 20 X 0.0077 = 1,3 sq. in. 
As in the above example a bending moment of 845 000 in-lb. is to be carried. 845 000 
— 648 000 = 197 000 in-lb. to be carried by additional steel reinforcement. Com- 
pressive steel will be placed 2 in. from the upper face. From Fig. 19, k = 0.38; kd = 

7.6 in.; therefore from Fig. 22) unit stress in compressive steel (for m = 15) = 
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‘ 197 000 
eee = 7200 lb. per sq. in. Required compressive steel 18 7200 = 

sq. in. 

To maintain equilibrium of tension and compression forces, add tension steel 
197 000 ; 

algo & —————— = 0.7 sq. in. Total tension stee] 2.3 
18 X 16 000 
+ 0.7 = 3sq. in. 

Fig. 23 is a diagram for obtaining the arm z of 
the resisting couple and the ratio between the unit 
stress in tension steel and that in the extreme fiber 
of the compression flange. (Unit stress in the 
compressive steel will always be small.) The dia- 

H E 
gram is based onn = —s — 15, 

Fig. 22 eS 3 y 
Example 1. Required the carrying capacity of a 

beam 15 in. wide, effective depth 20 in., having 3 sq. in. tensile steel and 1.5 sq. in. 
2 

compressive steel placed 2 in. from the top of the beam so that . = = = 0.1, 

Steel ratio p for tensile steel = =e = 0.01. 
15 X 20 

4 3 15. 
Steel ratio p’ for compressive steel = ————. = 0.005. 

15 X 20 

In the upper part of the diagram pass a straight-edge through = 0.01 at left and 

p’ = 0.005 at right and at its intersection with line-for . read off z= 24.5. In lower 

part of diagram find in like manner 7 = 0.88. The moment value of the beam as de- 
termined by the tensile steel at a working stress of 16 000 Ib. per sq. in. = jdAsfs = 
0.88 X 20 X 3 X 16 000 = 845 000 in-lb. The corresponding unit stress in the con- 

16 000 
crete ws fc fear eal oo he 6 hb per sq. in. 

5 
If the allowable stress in the concrete were to be limited to say 600 or 1/27 of the 

stress in the steel, the moment value of the beam as determined by the concrete would 

be a X 845 000 = 766 000. 

Value of & may be found from the upper part of the diagram. From the intersection 

of the straight edge with the proper line for . follow the direction of the radial lines 

to the left hand ordinate, then horizontally to the scale for k. In the above atple 
k = 0.38. 4 

Example 2. A floor slab carries a moment of 12 000 in-lb. per inch of width. 

Design for unit stresses 16 000 Ib. and 600 lb. If fs as found from the upper 
c 

: : 16 000 hb 
diagram is less than  coueees 27 the strength of the slab will be limited by 

the tension steel. Upper steel is to be 1-1/2 in. from the upper face. Assume 
‘a 

Pp = 0.01 and p’ = 0.005. Assume tentatively . = 0.15. Find from upper 

part of diagram s = 24; then unit stress in steel must not exceed 
c 

7 X 16 000 to give 600 in the concrete. From lower part of diagram find 

j = 0.866. 
24 
7 X 16000 X 0.01id X 0.866d = 12 000 
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S/S 932 

EB, 
=-—t= n E. 15 

Ff, = Unit Stress 

in the Tensile Steel 
FS, = Unit Stress in 

the Concrete 

For n =12 Use for p & p'in 

Diagram, Values = 4% True 

Values. True Value of r= 

that found by Diagram 

Steel Ratio for Compressive Reinforcement 

025 005 

-020 010 

Example , 
p=0.015, p=0.010,%4 0.16 
Required j, k and r =4Lf,) 
At the intersection of the line 
for 44=0.16 with a straight - 
edge passing thru the point 

G p=0.015 on the left hand ver- 
7 tical ordinate and point p=0.010 on the right | 
hand vertical ordinate read j =0.853 from the 
lower diagram. In like manner obtain r (= 
Se ff, ) = 20.5 from the upper diagram. Ob- 
tain K from the upper diagram as follows: 
From the intersection point referred to above 

follow the direction of the radial lines of r to 
the left hand vertical ordinate, thence hori- 
zontally to the scale for k, Read k=0,.425 

015 015 

-020 

Steel Ratio for Tensile Reinforcement 
Steel Ratio for Compressive Reinforcement o x on -005 

-0380 

DIAGRAM FOR CONCRETE BEAMS REINFORCED FOP. TENSION 
AND COMPRESSION OR FOR TENSION ONLY 

Fig. 23 

Solve ford = V/97 = say 10 in. 
\ 

Actual © = 0.15, as assumed; hence no correction to the calculation is 

needed. 
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23. Combined Bending and Direct Stress 

Case 1. Tension Over Part of the Section 

As in the case of beam action alone, the compressive stress in the concrete 
may in case of necessity be kept-within proper limits by increasing the per- 
centage of tensile reinforcement or by adding compressive steel. 

Assume that on a concrete section 1 ft. wide and 34 in. effective depth there 
has been calculated a bending moment of 113 000 ft-lb. and a direct thrust of 
20 000 Ib. acting along the axis of the structure or at the middle of the section. 
To avoid confusion reduce all figures to inch and pound units. M = 
113 000 X 12 = 1 360 000 in-lb. 

The bending moment and thrust are equivalent to a single force 20 000 

acting a distance Sante = 68 in. from the axis = 84 in. from the steel 

(Fig. 24).. This is equivalent to a pure bending moment 1 680000 in-lb. 

N=20000 N-20000 

= 
N 

Fig. 24 Fig. 25 

acting on the section and a direct force VW = 20 000 Ib. acting directly on the 
20 000 

steel which will reduce the area of steel required for bending alone by 16 000 

M 1 680 000 
= 125 sq, in. \ el ar —— re YO 

125 sq. n\n x 34 eae 
From Fig, 19 for 16 000 Ib. or 650 Ib. limiting find fe = 650; fs = 13 000; 

p=11%. Required ds = 0.011 X12 X 34 — 1.25 = 3.25 sq. in. 
Since the concrete stress is limited, in the above example, compressive steel 

might have been used. Moment of resistance of normal beam 12 in. X 34 
in. is 108 X 12 X.34 K 34 = 1500 000 in-lb. with fs = 16 000 lb.; fe = 650 
lb.; k = 0.38; kd = 13 in.; p = 0.77%; As = 3.15 sq. in. Balance of moment 
1 680 000 — 1 500 000 = 180 000 in-lb. may be provided by additional com- 
pressive steel and tensile steel. (See Fig. 25.) Unit stress in compressive steel 
= 650 X 15 — 11/13 = 8250 lb. per sq. in. Required compressive steel area 
180 000 

= 0.68 sq. in. Required additional tensile steel (neglecting effect 
8250 X 32 

it 180 000 . : m5 of direct stress) 32% 16000 ~ 0.35 sq. in. Total tensile steel required 

20 000 
5 35 — +—'= 2, Nise S) + 0.35 16 000 2.25 sq. in 

Case 2. Compression Over Entire Section 

The following construction is by E. H. Harder as published in the December 1927 
number of “ Concrete.” 

For a plain concrete section no tension exists if the direct force is within the 
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middle-third as limited by the “ core points,’’ which are then situated a dis- 
tance 1/6 ¢ from the center of the section. If the section (as for a concrete 
arch, for example) is reinforced, the effect of the reinforcement is to move the 
“core points”’ outward. Ten per cent reinforcement may move the core 
points to a distance 1/3 ¢ from the 
axis. An assumption of 1/4 ¢ will 
in general lead to sufficiently accu- 
rate results without further ap- 
proximation. Without generaliz- 
ing a concrete example will illus- 
trate the method of determining 
the stzesses in the concrete and the 
steel for an eccentric direct thrust. 
Assume a section 12 in. X 30 in. 
acted upon by a thrust of 150000 
lb. and a bending moment of 
840000 in-lb. Eccentricity e= 
840 000 

24 t=30'——_>4 

= 5.6 in. Find the neces- 
150 000 

sary reinforcement to keep com- 
pressive stress in the concrete 4100 A» 
within 600 lb. Refer to Fig. 26. Cone. Stress 
Assume core points 30/4 = 7-1/2 Fig. 26 
in. from the center line, as indi- 
cated. Lay off fe = 12 X 600 = 7200 to scale at the extreme compres- 
sive fiber and carry over to the direct force 150000 lb. as indicated at a. 
Connect @ with core points c; and cy. 

Where line @C2 cuts the axis, scale the average concrete stress = 4100. 

Load carried by concrete = Nz = 4100 X 30 = 123000 lb. Remainder to 
be carried by steel = 150 000 — 123 000 = 27 000 lb. 

17.6 
Carried by upper steel 27 000 X ryt ky 19 800 lb. 

6.4 
Carried by lower steel 27 000 iy ine 7 200 Ib. 

At these steel areas the concrete stresses may be found by scale as follows: 

6600 
At upper steel 7 adi 550 lb. 

1620 
At lower steel pt lb. 2 135 

19 800 

15 X 550 

7200 

15 & 135 

Required area of upper steel (n = 15) = 2.4 sq. in. 

Required area of lower steel = 3.5 sq. in. 

24. Shear and Bond Stresses 

Horizontal shear at any point in a beam is assumed as a measure of the 
diagonal tension for which secondary reinforcement may be required. 

In Fig. 27 is indicated a small length x of beam with opposing compressive 
stresses on opposite sides indicated as C and C’, opposing tensile stresses T 
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and T’ and shear = V, no loads being assumed in the length x. The total 

horizontal shear above the steel and below the neutral axis is then TJ’ — T 

and unit horizontal shear 

ee (1) 
0 be 

in which } = width of beam. Taking moments with 

CC’ as center, 

W —f) = = (2) 

From (1) and (2) find unit horizontal shear above the 

steel and below the neutral axis 

8V 
sy = — 3 a aor (3) 

Total horizontal shear per unit of length for the full width of beam 

8Vb 8V a 4 
7 bd —=7.4 (4) 

In that portion of the beam containing no other tension reinforcement than 
Vv 

the horizontal rods, the horizontal shear per inch of length must be de- 

veloped by the grip of the concrete on the rods. If 20 = the sum of the 
8V 

7450 
In the above the approximate value of 7/8 for 7 was used and is correct 

within 1% or 2% for rectangular beams. For T-beamsj may possibly vary 
from 0.85 to 0.95 and since the proportioning of T-beams usually necessitates 
the use of a diagram giving correct theoretic values of j, the correct value 

might as well be used. 

perimeters of all the rods, the bond per square inch = 

25. Web Reinforcement for Shear 

Fig. 28 represents a portion of a beam having some of the main rads bent 
up to resist diagonal tension which tends to open up cracks as indicated. 

Fig. 28 Fig. 29 

Horizontal shear is taken as a measure of the diagonal tension. S = distance 
between bend-up of rods, and rods each of cross-section A are bent up at 
any one point. 

From equation (4) total horizontal shear in length S = _— = ue carried 
bjd jd 

by concrete and bent-up rods. At 40 lb. per sq..in. allowable in the concrete, 
the concrete will carry 40 bs lbs. At 16 000 lb. per'sq. in. in the steel, the steel 

will carry 16 000 V/2nA, assuming the rods bent up at 45 deg. Then 
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ii Vs 
40bs + 16000 4/2 nA — jd’ from which the proper spacing s may be deter- 

mined. 
Fig. 29 represents a portion of beam having straight rods and vertical stir- 

tups. If A’ = area of stirrup rod and » = number of legs (2 for U-stirrup, 

4 for W-stirrup, etc.) 40bs + 16 000 nA’ = =. 
J 

26. Example: Complete Design of T-Beam for a Floor 

Figs. 30 and) 31. Span 40 ft. == = 72" 
Dead load 1200 Ib. per Jin. ft. Mov- EA Ew Pere Wey sa I 
ing live load concentration 9000 
lb. 

Assume floor slab to have been de- 
signed and required total depth t = 8 
ies (fs = 17.000 
in. Working stresses em 700 

Maximum deadload Matcenter = 1/8 X1200 X 40 X 40 X 12 = 2 880 000 in-lb. 
MaximumliveloadMatcenter = 1/4 X 9000 X40 X 12 = 1 080 000 in-lb. 

3 960 000 in-lb. 

Uniform dead and moving live loads give parabolic variation of maximum 

2D Framing Rods 

SHEAR REINFORCEMENT | 

20'-0" ated 

Fig. 31 

moments from point to point as shown to scale on Fig. 32. Eight rods 1-1/4 
in. round would give 10 sq. in. of steel. 

For thi imate d = i at atrd 26 i in or this area, approximate d = 10 X 17000 x 7/8 = . 

t 10 8 
Ford = arp gi 030 Prine ye yy 953% 

From diagram Fig. 217 = 0.90 - = 30 
c 

3 960 000 A 
1 => = 00 lb. 5 . Stress in steel 0.90 X26 X10 16 900 lb. per sq. in 

16 900 
Stress in concrete = = 540 lb. per sq. in. 

Moment value of each bar = 1.23 X 17000 X 0.90 K 26 = 495 000 in-Ib. 
Plotting twice this moment value accumulatively on diagram for bending 
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moment in the beam, Fig. 32, indicates where each pair of rods may be bent 
up for shear reinforcement. 

Points where 
> Pairs of Bars 
may be Bent up 

SHEAR DIAGRAM MOMENT DIAGRAM 
HALF BEAM HALF BEAM 

Fig. 32 

Shear and Bond Stresses. 

End shear. Dead load 1200 X 20 = 24 000 Jb. 
Live load 9 000 Ib. 

33 000 Ib. 

Center shear = 4500 1b. Plot shear diagram as shown. 
Horizontal shear acts just above the rods in the stem of the beam; hence 

for shear and bond calculations 6 = 18 in. (not 72 in.). 
33 000 Unit horizontal (longitudinal) shear above rods FE5%0903.26 = 79 Ib. 

Allowable without shear reinforcement or special anchorage, as explained in 
Art. 29 = 40 lb. per sq. in.; hence shear reinforcement is required. 

Circumference of 1-1/4-in round rod = 4in. Four rods of upper layer will 
be bent up for shear reinforcement; hence at the end of the beam the maximum 
bond will act on 4 lower rods. 

33 000 

0.90 X 26xX4xX4 

Shear capacity of concrete alone 18 X 0.90 X 26 X 40 = 16 700 lb. 
Shear capacity of one rod bent up at 45 deg. 

1.23 X 17000 X V/2 X 0.90 X 26 693 000 
S Ne rans 

Shear capacity of one 3/8-in. round vertical W-stirrup (4 legs): 
4 X 0.11 X 17000 X 0.90 26 _ 175000 

S = t TSS 
On the shear diagram plot shear capacity of concrete alone = 16 700 lb. 

Shear in excess of this must be supplied by bent-up rods and stirrups. To 
right of line @ — a shear is less than shear capacity of concrete and no shear reinforcement is needed. Shear carried by steel at first bend-up point is 

693 000 

14 500 

Bond = 88 Ib. per sq. in. 

scaled 14500. Hence S is calculated at 

ceed about 3/4 d = 20 in. 

= 48 in., but should not ex- 
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Shear just to right of bent-up rods is scaled 11000. Hence S’ at this 
wat _ 175.000 

Pon = Ti 000 
in stirrups is assumed to be 

' developed by grip of the con- 
crete through half the depth of 
the beam. 

= 16 in. but should not exceed 1/2 d = 13 in. Bond stress 

Framing Rods 

17000A 
1/2d=0 — 

17000 X 4 X 0.11 _ 
1/2 X26X4X 12 

120 Ib. per sq. in. 

Bond = 

3° 47" 

Space stirrups on 11-in. centers, STIRRUP DETAIL 

reducing bond to 11/13 & 120 

= 100 Ib. per sq. in., unless 

reinforcement is provided with special anchorage as described in Art. 29. 

Fig. 33 

27. T-Beams in Beam and Slab Construction 

Total width of flange to be considered as effective width in design calcula- 

tions not to exceed 1/4 span length of beam. Overhanging width on either 

side of stem to be considered as effective, not to exceed 1/2 clear distance to 

next beam nor 8 times the flange thickness. (See Fig. 34.) 

For beams having flange on one side only, effective width in design not to 

‘ exceed 1/12 span length of 
Not over 1 beam, and overhanging 

width not to exceed 1/2 

clear distance to next beam 
nor 6 times the flange thick- 
ness. 

Isolated T-Beams (de- 
signed to provide additional 
compressive area): 

Flange thickness to be 
not less than one-half 
width of stem. 

Total flange width to be not more than four times width of stem. 

In all cases adequate shear and bond resistance must be provided between 

flange and stem. 
The rules governing design as given in the following, Articles 28 to 33, are 

in agreement with the Joint Code of the American Concrete Institute and Con- 

crete Reinforcing Steel Institute. Unit stresses mentioned in the text are 

for 2000-lb. concrete (that is, concrete that will develop an ultimate compres- 

sive strength of 2000 Ib. per sq. in. as determined by tests in accordance with 

A. S. T. M. standards at age of 28 days.) For concrete of different strength 

the allowable unit stresses are in proportion. 

28. Ordinary Anchorage of Main Reinforcement 

In simple beams or free ends of cantilever beams, at least one-fourth of the 

positive reinforcement should extend along the tension face and beyond the 

face of the support a distance equal to at least 10 diameters of the bar. 

Fig. 34 
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In any span of a continuous, restrained or cantilever beam, the tensile nega- 
tive reinforcement should have a length of anchorage beyond the face of sup- 
port sufficient to develop full maximum tension at an average bond stress of 
80 lb. per sq. in. for plain bars and 100 Ib. per sq. in. for deformed bars (2000- 
Ib. concrete assumed). At least one-third of the negative reinforcement 
should extend straight to or beyond the point of inflection and the remainder 
should be bent down not sharper than 45 deg. and overlapped with the posi- 
tive reinforcement or anchored in a region of compression. Not less than one- 
fourth the positive reinforcement should extend along the same face into the 
support and be embedded at least 10 bar diameters beyond face of support. 

29. Special Anchorage of Main Reinforcement 

Tests show that beams in which the main bars and shear bars or web rein-~ 
forcement (when required) are more securely anchored than as specified above 
have greater resistance against ultimate failure. In such beams, higher unit 
stresses in shear and bond may be allowed. The designer must determine 
whether it is more economical, in a particular case involving heavy shear and 
bond stresses, to use special anchorage to justify higher unit shear and 
bond, or to proportion the beam for the lower unit stresses with ordinary 
anchorage. 

In simple beams or free end of continuous beams, at least one-half of the 
tensile reinforcement should extend along the tension face to provide ancho- 
rage beyond face of support for one-third the allowable working stress in 
tension at an average bond stress not toe exceed 80 for plain bars nor 100 for 
deformed bars (based on 2000-Ib. concrete). 

In continuous and restrained beams, anchorage beyond points of inflection 
of at least one-third ot the negative reinforcement and anchorage beyond face 
of support of at least one-third of the positive reinforcement should be pro- 
vided to develop one-third of the allowable working stress in tension at aver- 
age bond stresses not to exceed 80 for plain bars nor 100 for deformed bars 
(based on 2000-Ib. concrete). 

Figs. 35 to 38 illustrate types of anchorage. 

Fig. 35 

Series of 
Vertical Stirrups 

; Series of Inclined 
Bars or Stirrups 

Fig. 36 
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—— 

Allowable Shear = 0.08f,, 

Fig. 37 

asd 
Not Greater than a@+10 

Shear on this Section not to Exceed 0.02f,' Not Less than 20° 

Bars Bent up 
in Single Plane. 

Fig. 38 

30. Anchorage of Web Reinforcement 

Web reinforcement shall be anchored at both ends by one of the following 

methods or a combination thereof, but only anchorage meeting the require- 

ments of (a), (b) and (c) shall be used for shearing unit stresses in excess of 

160 lb. per sq. in. (for 2000-Ib. concrete). 

(a) Providing continuity with the main reinforcement. 

(b) Bending around the longitudinal reinforcement. 

(c) A hook which has a radius at least 4 times the diameter of the web 

bar. 
(d) A length of embedment in the compressive half (upper or lower) of the 

beam sufficient to develop the stress in the stirrup at bond stresses of 80 for 

plain bars or 100 for deformed bars (based on 2000-lb. concrete) and also pro- 

vided that the other end of the stirrup is anchored as specified in (a). 

The free end anchorage of a web member not bearing on the longitudinal 

reinforcement shall be such as to engage an amount of concrete sufficient to 

prevent the bar from pulling out. Tn all cases the stirrup should be carried 

close to the upper and lower surfaces. 

31. Unit Stresses in Beams and Slabs 

Allowable unit stresses for 2000-lb. concrete are, expressed in pounds per 

square inch: 

Flexure. Extreme fiber stress in compression, 800 lb., excepting adjacent 

to the supports of continuous beams, 900 lb. 

Shearing Stress. (a) Beams without web reinforcement and with ordinary 

anchorage of longitudinal bars, 40 lb. 

(b) Beams without web reinforcement, and with special anchorage of 

longitudinal bars, 60 lb. 

(c) Beams with properly designed web reinforcement and ordinary an- 

chorage of longitudinal bars 120 lb.; the concrete being assumed to carry its 

share at 40 and the balance being carried by the web steel. 

(d) Beams with properly designed web reinforcement and special anchorage 
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of longitudinal rods 180 Ib.; the concrete being assumed to carry its share at 60 and the balance being carried by the web steel. 
Bond Stresses. Allowable bond stress between concrete and reinforcement for ordinary anchorage of main rods: 

80 for plain rods. 
100 for deformed rods. 

In beams provided with special anchorage of main rods, the above values may be doubled. 

Tension in Steel Reinforcement. Structural steel grade, 16 000 Ib. per sq. in. Intermediate grade, hard grade or rail steel, 18 000. 
Note. The Joint Code recommends 20000 for the intermediate grade as the single standard for billet steel reinforcement conforming to the “ Stand- ard Specification for Billet-Steel Concrete Reinforcement Bars,” (Serial Desig- nation A15-14, of the American Society for Testing Materials) or for “ Rail Steel Concrete Reinforcement Bars,” conforming to the Standard Specification A.S.T.M. (Serial Designation A16-14.) See Appendix 5 for Specifications. 
Ratios of Moduli of Elasticity, to be used as a basis for design calculations, are recommended as follows: 

Es _ {15 for 2000-Ib. concrete at 28 days. 
E, | 10 for 3000-Ib. concrete at 28 days. 

and proportionately for other values; but not less than 10. 

32. Calculation of Web Reinforcement 
The calculation of web shear reinforcement consisting of bent-up main rods at 45 deg. and of vertical stirtups separately in different portions of the beam has been illustrated in the example of T-beam design. In more extreme cases a combination of bent-up rods and stirrups in the same region may be required. In such cases the total shearing resistance of the beam may be assumed as the sum of the shearing resistance of the concrete (at its proper value, 40 or 60 lb. per sq. in., see Art. 31) and the shearing resistances of each type of reinforce- ment, providing the total calculated Tesistance does not exceed the values given above (Art. 31). The effectiveness of an inclined bar or stirrup depends upon the angle of inclination (a) with the horizontal, expressed in degrees, and is assumed to be as follows: 

When ais less than 45 deg., 

Allowable total direct stress in bar 

sin a. 
When @ is between 45 and 90 deg., 

Allowable total stress in bar X (sina + cosa). (See Fig. 39.) 

Main bars bent up for shear should have an inclination not less than 15 deg. 
Inclined stirrups should have a minimum inclination of 30 deg. (from 30 to 90 deg.). 
When the total unit shearing stress is less than 120 Ib. sq. in. (for 2000-Ib. concrete) the distance from edge of support to the first stirrup or first bend- up point of main rod or between stirrups or bend-up rods shall not exceed S = 45d 

@ + 10’ 
in which d = effective depth of beam. 
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When the total unit shearing stress exceeds 120 Ib. sq. in. (for 2000-lb. con- 
30d ; 

a+10 

When the web reinforcement consists of bars bent-up at a single plane (see 

Fig. 38) the point of bending and shear at point of bending must not exceed 
the values indicated, and the portion of the total unit shear on the concrete 
assumed to be carried by the steel should not exceed 75 lb. per sq. in. 

crete) S shall not exceed 

Fig. 39 

33. Practical Points of Design 

Minimum clear spacing between reinforcing bars: 

1-1/2 times diameter of round bars. 

1-1/2 times diagonal of square bars. 

One diameter of round bars. 

One diagonal of square bars. 

(a) Unanchored bars: 

(b) Anchored bars (see Sect. 29) \ 

(c) Never less than 1 in. or 1-1/3 times maximum size of aggregate. 

Maximum spacing of principal slab reinforcement in other than flat slabs 
and ribbed floor construction should be 3 times the slab thickness. 
Minimum clear distance between bar and side of beam or other member 

should be equal to bar diameter but not less than 1 in. 
Minimum protective cover of reinforcement in fire-resistive construction; 

1 in. for slabs and walls, 1-1/2 in. for beams, girders and columns; in ordinary 
construction 3/4 in. for slabs and walls, 1 in. for beams, girders and columns. 
When concrete is deposited directly on the ground, reinforcement near the 

ground should have 3-in. protection. At other surfaces of concrete exposed 
to the ground or weather, 2-in. protection should be provided. 

Splices. Splicing by over-lap of bars: 

(a) Preferably at other points than those of maximum stress. 

(b) Splices of adjacent bars to be staggered. 
(c) Minimum spacing between laps, as given for separate bars. 
(d) Amount of overlap to be sufficient to transfer stress between bars 

by shear and bond; in general a minimum of 40 diameters of 

the bar. 

Span Length (assumed for design purposes): 

Simple beams; center to center distance of supports, but not more than 

clear span plus depth of beam. 
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Continuous or restrained beams built to act integrally with supports; 
clear distance between supports. 

Unsupported Length of compression flange of a beam should not exceed 24 
times width of flange. 

Reinforcement against Shrinkage and Temperature Stresses. Reinforce- 
ment normal to the principal reinforcement in roof and floor slabs reinforced 
in one direction only should be from 0.2% to 0.3%; but in no case should bars 
be spaced more than 5 times the slab thickness nor more than 18 in. 

34. General Notes on Building Construction 

Floor Slabs. Reinforced-concrete floors are well adapted to use where 
the framework is of steel columns and beams, as well as where the entire 
structure is of concrete. 

Ses 

Fig. 40 Fig. 41 

Figs. 40 to 43 illustrate various designs of floors supported on steel I-beams. 
In Figs. 40 and 41 the reinforcement may be of small rods or a metal fabric 
of some sort, the latter being convenient for short spans. In Figs. 42 and 43 

Fig. 42 Fig. 43 

the reinforcing bars are hooked around the flange of the beam, thus providing 
anchorage. 

Fig. 44 illustrates floor arch construction in the case of a very heavy floor 
to support a load of 1500 Ib. per sq. ft. In this case the shearing stresses were 

TOR AGH: FETE AAILINM GL. Y VED Wy 

Reinforcing rod 

Fig. 44 Fig. 45 

so great that a sufficient bond strength could not readily be obtained without anchorage. When such anchorage is used it changes the beam to an arch 
and enables the thickness of the concrete to be greatly reduced near the cater 
of the span. Fig. 45 shows a common form of floor construction in which 

terra-cotta tile is used with 
concrete. The ribs of con- 
crete form essentially small 
T-beams. 

Where concrete beams are 
used the slab and beam are 

Fig. 46 built simultaneously. For 
short spans a metal fabric is 

Fig. 46 shows common arrange- 
s being provided for by bending 

convenient, asin Fig. 41. For longer spans, 
ment of reinforcement, the negative moment 
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up a part of the rods as in (a) or (b). The result may also be arrived at 
by using separate short straight rods over the support. 

T-Beams. Beams and girders are usually designed as T-beams, utilizing 
a portion of the floor slab asa part of the beam. The proportions of the beam 
below the slab will be determined by considerations of strength, economy, 
requirement of head-room, and space for reinforcing material. Generally 
the ratio of depth to width will vary from 1 to 3 as extreme values, the larger 
ratio being suitable for very large beams. Deep beams are economical of 
concrete, but cost more for forms than shallow beams. An effective bond 
should be provided at the junction of the beam and slab. When the principal 
slab reinforcement is parallel to the beam, transverse reinforcement should 
be used extending over the beam and well into the slab. 

If designed as continuous, the beam will be a rectangular beam at the 
support and will require strengthening at that point by compressive rein- 
forcement, or by increase of depth. An increase of compressive stress at the 
support, amounting to 10 or 15%, is often permitted. Fig. 47 illustrates the 
main features of beam and girder design. 

Fig. 47. Methods of Beam and Girder Design 

Walis and Partitions 

Concrete or Reinforced Concrete is well adapted to the construction of 
all walls where considerable strength is desired. For walls supporting light 
loads, such as curtain walls between the framework of a reinforced-concrete 
building, or partitions, the requirements of strength are met by the use of 
very thin walls, but such walls become relatively expensive on account of the 
cost of forms and do not make a dry or warm construction. 

Walls of Double Thickness. Concrete walls are often made of double 
thickness with an air space enclosed, each part being 3 to 4 in. thick. The 
air spaces are formed by core boxes which are drawn up with the outside 
forms as the work proceeds. Cheap pipe of thin metal may also be used 
and left in place. 

Brick Facing. Walls of single thickness are often finished with a single 
layer of face brick, with satisfactory results both in appearance and dryness. 

Reinforcement of walls should be sufficient to prevent cracks, unless the 
wall is to be faced. A small amount of reinforcement is desirable in any case 
to insure adequate strength. 

Partitions may be made as thin as 2 or 3 in., if the concrete is slightly rein- 
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forced. Hollow concrete tile or metal lath and plaster will, however, generally 
be more economical for partitions than poured concrete. 

Roofs 

General Design. Reinforced-concrete roofs are designed and constructed 
in the same manner as floors. For steep slopes the concrete in the slabs must 
be laid quite dry, or else top forms must be used to retain the concrete. The 
latter method is slow and expensive. Cinder concrete may frequently be used 
to advantage as the loads are relatively light. 

Imperviousness. Concrete roofs may be designed merely as the support- 
ing area for a roof covering of other material, or may be designed to be im- 
vious and complete without such covering. To secure absolute impervious- 
ness requires special precautions, and a maximum amount of reinforcement 
against shrinkage cracks (0.5 to 1.0%). If designed to support a separate 
roof-covering, the construction is much simplified and the design can be made 
very economical. To support the roof covering nailing strips of wood are 
embedded at suitable intervals. 

Adaptability. Reinforced concrete is well adapted to roof construction 
where a fireproof construction is desired. To support the roof, beams may 
be employed for spans up to 40 or 50 ft. and trusses for still longer spans. 
The arch type of construction can also be readily carried out in reinforced 
concrete. Domes have been built of reinforced concrete in several instances. 
The stresses are resisted chiefly by circumferential tension rods and by the 
compressive stress in the concrete in a radial direction. 

Girder Bridges, Trestles 

Beam or Girder Bridges are designed in the same manner as other heavy 
concrete floors. Spans up to 20 or 30 ft. may well be made in the form of a 
simple slab of uniform thickness spanning the opening. For railroad struc- 
tures the loads are relatively so large that shearing stresses will usually require 
careful attention. For longer spans a gain in economy will result by the use 
of main horizontal girders of relatively great depth, with a floor supported by 
the girders and reinforced transversely. The bridge may be made either a 
“through ” or “ deck ’’ girder, according to the requirements of the case, 
the latter being the more economical. The details are arranged in a variety 
of ways, but the calculation and design of the reinforcement to meet the given 
conditions require no special consideration. The proper allowance for impact is an important point in this connection. Durability is an important factor 
favorable to the use of reinforced concrete for bridge floors. 

Trestles. Where several short spans are required and concrete is used for both the girders and the piers, the latter may usually be made of compa- ratively small cross-section—much smaller than possible if ordinary masonry is used. The structure then approaches the ordinary floor and column con- struction in the relation of its parts. The piers may generally consist of two or more columns connected by a suitable portal. Where the piers are small, as here assumed, they must be built rigidly in connection with the girders of one or more spans, as are the columns in a building. The girders must be designed with proper reference to their continuity, and the piers must be rein- forced somewhat near the top to enable them to resist a part of the bending moment due to the continuity of beams and piers. 
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Expansion joints should be provided at intervals not exceeding 75 to 100 ft., other- 
wise the movement due to contraction and expansion will be concentrated at the ends 
of the structure, resulting in severe stresses in the end columns. Fig. 48 illustrates the 
general arrangement of a large concrete trestle. Low trestles may be made without 
longitudinal bracing, the bending resistance of the columns giving the necessary sta- 
bility. The end piers or abutment must be designed to act also as retaining walls. 

Fig. 48. Concrete Trestle 

Pile Trestles, in which reinforced-concrete piles are used, are advantageous 
in many locations. They are somewhat more expensive than wooden trestles, 
but are durable and are well adapted to ballast floor construction. In their 

construction the concrete piles are driven into place and then caps of reinforced 

concrete are molded about the heads of the piles. On the caps are then placed 
slabs, forming the supporting floor for ballast. 

35. Two-Way Reinforcement 

Reinforcement of Slabs in Two Directions. If the length of a slab supported 
on all 4 sides exceeds 1.5 times its width the entire load should be carried in the 
short direction. Square slabs may well be reinforced in both directions. The exact 
distribution of load on square and rectangular slabs, supported on four sides and rein- 
forced in both directions, cannot readily be determined. The following method of cal- 
culation will give results on the safe side. The distribution of load is to be determined 
by the formula 

in which r = proportion of load carried in the short direction, / = length, and b = 
breadth of slab. For various ratios of //b the values of r are: 

V/b-= 1.0 LA Le2 1.3 1.4 1.5 

r = 0.50 0.6 0.7 0.8 0.9 1.0 

Using the values above specified each set of reinforcement is to be calculated in the 
same manner as slabs having supports on two sides only. The spacing of rods so de- 
termined may safely be increased somewhat for the portions of the slabs between the 
edges and the quarter points. 

Beams and Girders. The arrangement of columns, girders and beams is 

determined according to the same principles as in steel construction. Where 
the spacing of girders is not large (12 to 
15 ft.) and where cross beams are not 
needed to secure lateral stiffness, the 
latter may be entirely omitted or used 

only at columns so as to form a panel 
which is square or nearly so. Reinforce- 
ment in two directions is not economical Fig. 49 

for oblong panels. Generally where 

cross beams are used they should be spaced from 5 to 8 ft. apart. 

If the panels are square or nearly so, the distribution of load on the beam may be 

assumed in accordance with Fig. 49. Under this assumption the bending moment at 
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the center is equal to w/3/12, where w = load per square foot and/ = length of beam. 
Strictly speaking, the distribution is somewhat more uniform than here indicated, so 
that the bending moment given by this formula is somewhat on the safe side. 

36. Effect of Continuity in Floors 
Continuity of beams and slabs over their supports affects the moment fac- 

tors that may be used in design. The following are the usuzl approximate 
rules for equal spans... For unequal spans special analysis is required. Beams 
and slabs built to act integrally with beams, girders or other slightly restrain- 
ing supports and carrying uniform loads: 

H Wl 
Single span: Maximum possible moment near center = aL 

al” wl? _ wl? 4? _ wl? 
. 16 10 8 10 

Two spans: (Fig. 50) 16 

l pS 

Fig. 50 

More than wil? wl? _wl? , wl? _wl? 4? _ wl? 

twospans: — 16 *10 12 12 12 12 16 
Fig. 51 (Fig. 51) i ; : 

Fig. 51 

For beams and slabs built to act integrally with columns, walls or other 
restraining supports and assumed to carry uniform loads, the customary ap- 
proximate moment factors depend upon the relative stiffness factors of beam 

d supports: that is relative I moment of inertia 
2 orts: is aeaf ig eee ne we Bey 

“lege be 7? length of member 
Refer to Fig. 52 

{Columns or Walls 

Case 1. F for beam <> x 1 for col Mp =+ — 

Case 2. 7 for beam 5 Fs for col.j Mp =+ = 

For moment and shear factors in continuous beams for particular conditions 
of loading see Sect. 7, Art. 14. 
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37. Distribution of Concentrated Loads in Floor Slabs 

Various tests by Ohio State Highway Commission and the University of 
Illinois show that a slab having a width at least twice the span length and 

simply supported will distribute a point load at the center in such manner 

that the bending moment produced will be the same as for an independent 

slice of the slab having a width equal to 2/3 the span length and supporting 

the load asa line load across its width. From this it may be concluded that a 

joad concentrated on a line parallel to thesupports (Fig. 53) will be distributed 

over an “ effective width ” equal to the length of line plus 2/3 span length. 

Thus for a 5000-Ib. load on a line 2 ft. long parallel to supports of a slab of 

9-ft. span, “ effective width ” = 2/3 X 9 + 2 = 8 ft. and bending moment = 

5000 _ 9 —— x = = 14000 ftJb. 8 x Z 14 ft-lb 

Line of Support Line of Support 

Fig. 53 j Fig. 54 

A center load concentrated on a line perpendicular to supports (Fig. 54) 

may be considered as distributed along the length of line in direction of span 

and across the width of a slab having a width equal to 2/3 span length. 

Theoretical considerations indicate that for a point-load off center the 

“ effective ” lateral distribution at each support will be 4/3 X distance to 

: support. In calculating moment due to such 

mal iad a load the effective width at load may be 

assumed to be the average of the lateral distri- 
bution at both supports or 2/37 as for center 

load. (See Fig. 55.) 

w+35d 

Pe tkhe 
12% d! Line of Support 

Calculating Moment = 21 tw ie 

Fig. 55 Fig. 56 

Critical shears for a concentrated load approaching a support have not been 

determined experimentally but existing data indicate that a slab properly 

designed for moment in accordance with the above will fail by punching 

shear rather than by diagonal tension. In the absence of more definite 

experimental data it may be safer to follow one of the rules adopted as good 

practice. The specification of the American Railway Engineering Associa- 

tion is as follows: Calculate shear at support by placing the load a distance 

from support equal to 2-1/2 times effective depth of slab and assume lateral 

distribution equal to 4/3 this distance as indicated in Fig. 56. ae 

It is usually the case that rules for shear control the proportioning of the 

slab and require thickening the slab as designed for moment, or haunching at 

the supports which increase the cost of formwork. Experiments are now 
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under way at Iowa State College, Ames, Iowa, to determine more definitely 
the laws of load distribution in floor slabs in relation to shear as well as mo- 
ment and the results may lead to considerable economy in the design of floor 

slabs for moving concen- 
trated loads. 

For narrow slabs (width 
less than twice span 
length) the following rules 
are supported by experi- 
mental data, tests being 
made for point center load 
at middle of width. If 
width is 0.6 span length, 
“ effective width ” = half 
span length. Straight line 

‘Span Length variation of “effective 
Lateral Distribution of Point Load widths ” may be assumed at Mid Span= Kl for intermediate widths 

Fig. 57 between this case and r 

= 2, and between this case and 
~/8 

=0. (See Fig. 57.) 

38. Flat-Slab Floors 
The flat-slab floor is.a type of floor in which a slab is supported directly upon the columns without the use of beams and girders, the slab acting asa continuous plate built into the column supports. Three general arrange- ments of slab reinforcement are in common use as illustrated in Figs. 58, 59 

ry 
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Fig. 58 Flat Slab Reinforcement Fig. 59 
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and 60. Columns are usually enlarged at the top into capitals. “ Dropped 
panels ” are often formed by thickening the slab in the vicinity of the columns 
as shown in Fig. 62.- 

Bending moments in the slab are approximated. When not governed by 
municipal building codes, the Joint 
Code of the American Concrete 
Institute and Concrete Reinforcing 
Steel Institute may be followed as 

quoted in part in thetext following. 
Fig. 61 shows the sections for 

the critical moments given in the 
table for the interior panels of a 
slab having three or more rows of 
panels in each direction, and in 
which the panels are approximately 
uniform in size. 

Dropped panels should have a 
length or diameter 6 not less than 
0.35 of the panel length / in that 

direction and a thickness ¢2 not 
greater than 1-1/2 times nor less 
than 1-1/4 times the thickness 4; of the slab proper. 

In calculating reinforcement all bars crossing the section are considered 

effective. For diagonal bars in 4-way reinforcement the effective area is taken 
as the cross-sectional area multiplied by the sine of the angle between the bar 
and the section on which moments are figured. 

Column Héad Sections AB and GH Follow 
the Circumference of the Column Capital 

Fig. 61 

Due attention must be paid to bending moments at sections intermediate 

to the critical sections. The lines of inflection may be assumed as follows, 

distances being measured from center lines of panel: 

Without drop With drop 

CoJumn strip 
Middle'strip ...,:c:-:iviem: RNa a OHO Ie Ss Viera) 
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Allowance for shifting of points of inflection due to varying loads is made 
by carrying all bars in rectangular or diagonal bands, each side of sections of 
critical positive or negative moment, to a line at least 20 diameters beyond 

the lines of inflection. At 
least 0.4 of all bars in each 
band provided for positive 

moment should extend con- 
tinuously in either direction 
to act as reinforcement for 
the opposite critical sections 
for negative moment. At 
least 1/3 of bars for positive 
moment in the column strip 

Fig. 62 should extend into the 
dropped panel at least 20 

diameters of the bar, or, if there are no dropped panels, to a point not 
more than 1/87 from the center line of the column or support. 

Critical Moments for Interior Panels 

W = Total uniform load on a single panel area. 

: 2-way reinforcement, no drop 2-way reinforcement, dropped Section 
panel panel 

2 2 
AB —oosia wi (1 -2¢) — 0.0450 wi (1 — 2 & 31 3 

2£ = Zc 4 BC — 0.0144 WI (: et “) — 0.0135 WI (: See 3 1 37 
Bro. \in Zio’ = DE + 0.0198 wi(1 — = © + 0.0180 Wi (1 —< © 31 30% 

2aC\G 2c EF + 0.0144 WI (: ar ‘) + 0.0135 WI (: a “) 

Section 4-way reinforcement, no drop 4-way reinforcement, dropped 
panel panel 

Zn \e 2 AB —ooss wi(1 ~ 2.2 — 0.0486 Wi(1 — < © = Sa 
2c - 7. i BC — 0.009 wi(1 —? © = 0.0072 wi (1 — 2. © hay 77 

~4 DE +0018 Wi (1 Sie + 0.0171 Wi(1 — 2% Bue 31 
Zee 3 2 2 EF + 0.018 Wi (1 — = =i + 0.0171 WI (: —s = 

For moments on GH, HK, LM and MN substitute 1, for J in the above moment factors for 4B, BC, DE and EF respectively. 
For square panels J; = /. 
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The numerical sum of positive and negative moments for the column strip 
and middle strip in each direction is the same for all cases, namely, 

2o07\2 ap 
0.09 W1\1 —-—— K a aes MA i( 3 *) and 0.09 wis (1 31 

The ratio of ZL should not exceed 4/3. 
1 

In wall panels and other panels in which the slab is discontinuous at edge of 
panel, the maximum positive moments on the strips perpendicular to the dis- 
continuous edge should be calculated as 5% greater than those given in the 
table for interior panels, and all positive moment reinforcement should extend 
to the discontinuous edge and be embedded into the supports. The negative 
_Moments at the discontinuous edge are assumed as follows: in the column 
strip 90% of that for interior panels and in the middle strip, 5/8 of that for 
interior panels. 

In panels having a marginal beam on one edge or two adjacent edges, the 
beam should be designed to carry at least the directly superimposed loads, 
exclusive of panel load. A marginal beam having a depth greater than 1-1/2 
times minimum slab thickness should be designed to carry, in addition, a uni- 
formly distributed load equal to at least 1/4 the total load for which the ad- 
jacent panel or panels are designed. Slabs supported by marginal beams on 
opposite edges should be designed as freely supported slabs for the entire 

load. 
Minimum thickness t; of slab without drop 

= 0.038 (1 — 1.44 “) L/w 41-1/2, 

in which w equals total load in pounds per square foot. Minimum thickness 

of dropped panel t, = 0.02 1 /w +41. In addition, the slab thickness 4 

or f2 should not be less than J for floor slabs or i for roof slabs (based on 

2000-lb. concrete). 

Shearing Stresses. Let + = proportional amount of total negative rein- 
forcement in the column strip which directly crosses the dropped panel; or 
if there is no drop, the proportional amount directly crossing the column 
capital. Unless the slab is reinforced for shear, the unit shearing stresses 
calculated on the critical sections indicated in Fig. 61 should not exceed 40 
(1+ r) or 60 |b. per sq. in., whichever governs (2000-lb. concrete being as- 

sumed). 

Three-Way System. In 3-way systems, negative amount on the column 

head sections may be assumed as 0.032 WI (1 — - 4 é for each sextant strip 

around the column, and positive moment midway between the columns as 

0.016 W1 ( -F4) : for each sextant. J = distance center to center of 

columns and W = the total load on the parallelogram panel. 

39. Reinforeced-Concrete Columns 

The rules of design below follow the Joint Code of the American Concrete 

Institute and Concrete Reinforcing and Steel Institute and may be used when 

building codes do not govern. 
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Concrete Columns may be: (a) reinforced by longitudinal bars (at least 4 
having a minimum diameter of 5/8 in.) and separate hoops or ties. Longi- 
tudinal bars should have an effective cross-sectional area not less than 0.5% 
nor more than 2% of the total area of the column, and be embedded at least 
2 in. clear from the face. The hoops or lateral ties should be not less than 1/4 
in. in diameter spaced not more than 12 in. 

(b) reinforced by longitudinal bars (at least 6 having a minimum diameter 
of 1/2 in.) and closely spaced continuous spirals enclosing a circular core the 
diameter of which may be measured c. to c. of the wire. The longitudinal 
bars should have an effective cross-sectional area not less than 1% nor more 
than 6% of that of the core. The spiral reinforcement should be not less than 
1/4 the volume of the longitudinal reinforcement and the spirals spaced 
not more than 1/6 the diameter of the core nor more than 3 inches. Spirals 
should be evenly spaced and held by at least 3 vertical spacer bars. 

Notation 

n = ratio modulus of elasticity, steel to concrete. 
p = steel ratio (area of steel to.area of concrete core) for spirally reinforced column. 

As = effective cross-sectional area of longitudinal reinforcement : 
A’c = net area of concrete in columns without spiral reinforcement (total column 

area less area of steel). 
= area of concrete core of spirally reinforced column. 

Ac = A (I — ) = net area of core of spirally reinforced column. 
= allowable compression in concrete not to exceed 0.225 tS’ 

f'c = the ultimate strength at 28 days. 

(a) Safe axial load for reinforced concrete columns without spiral reinforcement 
= (A’, + Asn) fo. 

(b) Safe axial load for spirally reinforced columns 

= (Ag + npA) X [300 +(0.1 + 4p) f’,]. 
The above safe loads are for columns having a ratio of length, 4, to radius 

of gyration, R, less than 40. 
If the ratio exceeds 40 the safe load should be reduced, as follows: P being 

the safe load for the shorter column: 

Safe load for long columns = P (133 — oR) , R for spirally reinforced 

columns should be calculated for the radius of gyration of the core. 

Columns subjected to bending should be designed for the combined stresses, 
and additional reinforcement may be added to provide for the bending. For 
columns without spiral reinforcement the allowable compressive stress on the 
concrete may be increased 50%. The total amount of reinforcement con- 
sidered in the calculations should not exceed 4% of the total column area. 

For spirally reinforced columns the allowable compressive stress on the 
concrete core may be increased 20% over that shown in the bracket of the 
formula for safe axial load. 

Principal columns in buildings should have a minimum diameter or thick- 
ness of 12 inches. Posts that are not continuous from story to story should 
have a minimum diameter or thickness of 6 inches. 

Composite Columns. Safe load on composite columns in which a structural- 
steel or cast-iron column is thoroughly encased ina circumferentially reinforced 
concrete core may be based on the allowable unit stress of the metal column 
plus a unit stress of 0.25 /’, on the area within the spiral core. The diameter of 
a cast-iron section should not exceed half of the diameter of the spiral core. 
Spiral reinforcement should be not less than 0.5% of the volume of the core. 
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40. Column and Wall Footings 
Reinforced Concrete is especially well suited for the construction of footings 

for walls and columns and the foundations of any structure where the bearing 
area must be considerably larger than the superstructure resting thereon, 
such as towers, chimneys, lighthouses, arches, and, frequently, bridge piers 
and abutments. To secure the necessary bearing area by the use of plain 
concrete or other masonry requires great depth of foundation, increasing the 
expense and, often in the case of buildings, occupying much valuable space. 
Grillage foundations, consisting of steel I-beams protected by concrete, are 
more expensive than slabs of reinforced concrete, as they do not utilize the 
compressive resistance of the concrete; generally, therefore, the reinforced 
slab is to be preferred. Reinforced concrete is also used extensively for bear- 
ing piles and also for sheet piling, caissons, and other forms of foundation work. 

Footings. The problem of the design of reinforced-concrete footings is in 
general the same as that of floors. For single footings of ordinary size a single 
square slab is most convenient. For larger footings and for footings carrying 
more than one column, a combination of beam and slab, similar to floor con- 
struction, is often most economical. For very soft soils this may need to 
spread as a floor over the entire foundation area, forming a monolithic 
structure. 

For a square slab (Fig. 63) the pressure should be carried as directly as pos- 
sible from the extremities to the center. Two sets of main reinforcing rods 
aa’ and bb’ should be used, as shown in the figure. 
The reinforcing of the remaining corners can best be 
done by sets of diagonal rods dd’. If these do not 

cover the area, then a few short cross-rods may be 
used. Reinforced in this way the total pressure on 
the area A BCD may be assumed to be carried to the a} 
line BC, where the bending moment and shear will 
bea maximum. Figured as a free cantilever the 
resulting stresses will be higher than actually exist. 
If the entire square is reinforced by rods in two 

directions only, as ce’, then a considerable part of 

such rods in the corners of the square are ineffective. 

In cantilever beams, used as footings, the maximum shearing stress is 
near the base of the wall where the moment is large. Shear cracks tend to 

form on the dotted lines a, a, Fig. 64. Bent rods, if used, should be bent just 
outside the column base, and not at the end of the beam, 
and stirrups must be spaced closely at this point. The 
beam being short the bond stress may require special 
attention. The shearing stresses in the concrete are 
likely to be high and exceed the limit generally allowed 
for beams. In this case, since the depth of the beam is 

telatively great, the dangerous section will be some 
distance from the face of the well. This distance may be taken equal to 

the effective depth of the beam and the rules for maximum shear then applied. 

For large individual footings a beam and slab may be economical. To 
secure the benefit of a T-section and to give a flat upper surface the beam 
may be placed under the-slab as shown in Fig. 65. This arrangement requires 
some attention to the connection of slab to beam, as the upward pressure 
against the slab.tends to pull it away from the beam. The use of a horizontal 
rod in the top of the main beam, bonded by stirrups, will give a thoroughly 
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good anchorage for the transverse rods of the slab. For still larger areas a 

system of girders and beams may be adopted, constituting a floor reversed as 

é (a) (d) 
Fig. 65. Large Individual Footings 

to loads. For wall footings a simple slab construction with transverse rein- 
forcement is suitable. 

Stresses in Footings Eccentrically Loaded. If for any reason (eccentric 
load, earth pressure, wind pressure, etc.) the resultant of the forces acting 
above the foundation level intersects that level eccentrically, the pressures 
upon the earth below are not uniform but vary in intensity from a minimum 
at one edge to a maximum at the other. It is customary, and sufficiently 
accurate for the purpose, to assume that in such a case the pressure varies uni- 
formly from one side to the other. In Fig. 66 let e = eccentricity of resultant 
pressure, / = length of base, W = total vertical load per lineal foot on faunda- 

‘DB wast sini), 0s B ? * 

es TTT ram ae 
pe al 

Fig. 66 Fig. 67 Fig. 68 

tion, and S = pressure per unit area at any point. Then for rectangular 
areas, if é is less than 1/6 /, the variation in pressure is as represented in Fig. 
67. The values of the intensity of pressure at A and B are as follows: 

For edge A, Sa = ¥ (: a =) 

For edge B, Sp = * (: ne +) 

If eis greater than 1/6 / the pressure is distributed as in Fig. 68 over a length //; 
equal to3 (1/27 — e), and the pressure at Ais Sg = 2 W/l’ = 4 W/3 (i — 2c). 
The bending moments at C and D are then given by the formulas: 

i WwW 
For Fig. 67, Mc =7, t+ 6e—4 €a)) a,” 

WwW 
and Mp = 5,5 @ — Gel + 4 ea) a? 

” 2 Wa? 
For Fig. 68, Mec = '————. = = or Fig c 3d = 2en 18 e — 2a) 

WwW 
and Mp = ———— (2a, +1 — 6e)3 

54 (1 -- 2:e)? 
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41. Arch Bridges 

In ordinary masonry or concrete arches tensile stresses are not permissible. 
The ring must therefore be designed so that the line of pressure will not pass 
outside the middle-third. In reinforced arches this limitation does not exist. 
The arch rib is a beam, and if properly reinforced it may carry heavy bending 
moments involving tensile stresses in the steel. Besides this advantage, rein- 
forcement renders an arch a much more secure and reliable structure, it 
greatly aids in preventing cracks due to-any'slight settlement, and by furnish- 
ing a form of construction of greater reliability makes possible the use of work- 
ing stresses in the concrete considerably higher than those used in plain 
masonry. Furthermore, in long-span arches where the dead load constitutes 
by far the larger part of the load, any increase in average working stress counts 
greatly towards economy. It affects not only the arch itself but also the 
abutments and foundations. 

Since the arch is a beam subject to either positive or negative bending 
moment it is essential that it should be reinforced on both sides, but the shear- 
ing stresses due to beam action are relatively small, so that little is needed in 

the way of web reinforcement. It is desirable, however, that the inner and 
outer reinforcements be tied together, somewhat as in a column, although in 
this case the necessity therefor is much less. 

Technical terms are illustrated in Fig. 69. Abutment, pier, arch ring are 
the main parts of the structure. Soffit, back, and skewback are surfaces, 

the skewback being the surface of the abutment or pier from which the arch 
ring proper springs. Intrados and extrados are the lines on a longitudinal 
section, being the intersection of the cutting plane with the soffit and back 
respectively. The spandrel is the space between the back of the arch and 
the roadway over. The application of other terms is self-evident. ‘ Span” 
and “rise” may also be applied to center-to-center distances on the neutral 

: fe ; : h 
axis of the longitudinal section. The rise-ratio is ratio of rise to span = rT" 

The several types and sub-types of arch structure are as follows: 

(1) Solid barre) arch in which the arch ring is continuous for full width of 

bridge. 

(a) Spandrel filled (Fig. 69). The roadway is carried over the bridge on 
earth fill placed over the arch. Spandrel retaining walls at the two sides of 

arch retain the roadway fill. 
(b) Open Spandrel (Fig. 70). The arch ring supports small spandrel arches 

or transverse walls or columns which in turn carry the floor system. 

(2) Ribbed Arches consist of a number of relatively narrow arch ribs spring- 
ing from the abutments and piers, supporting small spandrel arches or columns 

which in turn support the floor system. 
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Classification by Static Condition. A second classification of arches may 
be made with reference to their static condition, namely, three-hinged arch 

(statically determinate), two-hinged arch (indeterminate to first degree), and 
fixed or hingeless arch (indeterminate to third degree). The single hinge arch 
(hinge at crown) is rarely used. 
The three-hinged arch is unaffected by temperature change, as regards 

stresses — excepting in a minute degree due to slight change in rise-ratio 
caused by rise or fall at the crown. Tem- 
perature stresses in a two-hinged arch of 
large rise-ratio are relatively small and may 
sometimes be neglected altogether. As the 

rise-ratio decreases temperature stresses 
become more important. Temperature 

stresses in the fixed arch are relatively 
large and increase in proportion as the rise- 
ratio decreases; the minimum rise-ratio may 
be determined by the temperature stresses. 

Fig. 70 The above considerations are important in 
selecting the type of structure, particularly 

for grade crossing elimination when it is necessary to keep distance from 
roadway under to roadway over at a minimum both on account of limitations 
of grades and cost of approaches. In such cases the rigid-frame bridge, to be 
discussed later, is preferable to either the arch or beam type structure. 

4-6" 

Expansion Joint 

Top of Rail 

Bottom of Rail San Ch ee byt 

+49’. 0" 
| Spandrel Wi 

Fig. 71 

Fig. 71 shows a two-hinged solid barrel reinforced-concrete arch designed 
to carry railroad traffic on an existing high embankment over a highway cut 
through the embankment. 
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, Hinges. One type of hinge for concrete arch, designed for the above bridge, is shown in Fig. 72. Several other types of hinge are illustrated in F ig. 73. 

Copper Flashing 

+"Brass Lining 

; Steel Casting 
Detail of Hinge 

Fig. 72 

Main Reinforcing 

Arch Rib 

Concrete Base on 
Abutment or Pier 

Fig. 73 

42. Details of Design 

The various parts of the arch structure should be well bonded together to 
resist temperature changes. All walls should be reinforced both vertically 

and horizontally with 0.1% to 0.2% of steel in order to prevent contraction 
cracks. Spandrel retaining walls should be provided with expansion joints 

above or on each side of the pier or at the edge of abutment to prevent crack- 
ing due to rise and fall of the crown caused by temperature changes. 

Arches may safely be constructed on a good earth foundation that is not too 

compressible and that offers good resistance to sliding; also on pile foundations 
if the piles are driven to proper resistance and batter piles are driven to take 
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the horizontal thrust. If the driving of the piles indicates uneven bearing 

capacity, the arch and abutments should be well reinforced transversely and’ 

any construction joints should be well keyed. Transverse reinforcement is 

a safeguard to any arch not built on ledge rock. 

43. Intrados Curves 

The intrados curves of arches should be true curves; preferably circular 

segments, elliptical segments, or (for “ full-centered ”’ arches) semicircles, or 

semi-ellipses. Parabolic and transformed catenary curves and their inter- 

mediates are not so pleasing and their use is justified only for structures of 

large size when strict economy is urgent. The use of * multiple-centered ” 

curves invariablyde tracts from the appearance of the structure. 

Clearance requirements as in the case of an arch over a highway sometimes 

require a modification of the elliptical curve as indicated in Fig. 74, The lower 

Fig. 74 

b 
are respectively semi-major and semi-minor axes and coincident with the axes 

‘ GaN ase 2.2 
of reference. The upper curve has the equation (©) + s =1 and 

a 
provides more clearance at the sides of the roadway under, and, as it is a 
truly mathematical curve, irregularities are avoided. Different results may 
be obtained by applying different fractional exponents to the equation 

‘xg \ m y\% 
=) + (-) = 1. Such curves may be rapidly calculated by use of the 

log. slide rule, and have been used for bridges of the Westchester County 
(New York) Parkways with pleasing effect in contrast with nearby bridges 
having multiple-centered curves or “‘ spline ” curves. 

2 2 
curve is a true ellipse of equation form (:) ~ (F) =1. In whicha andbdb 

44. Preliminary Design 

The design of the two-hinged and fixed arch is ordinarily a process of 
approximation being the mathematical analysis of a predetermined arch 
section. Various methods of direct design have been developed which are 
useful for large structures, notably that of Whitney described in Trans. Am. 
Soc. C. E. 1925. For small and moderate span bridges the methods of 
analysis illustrated by examples following are simpler. Various formulas for 

determining crown thickness for preliminary design have been derived but 
are not particularly useful as different formulas give different results. Judg- 
ment based on experience will enable the designer to lay out a section for analy- 
sis that will not require a re-analysis. 



Art. 46 Theory of Indeterminate Reinforced-Concrete Structures 1075 

45. Three-Hinged Arch ° 
The three-hinged arch is merely a truss frame abc (Fig. 75) in which the 

stress in the omitted tie member ac is replaced by thrust H at the abutments. 
Loads may be applied along the curved 
members ad and dc which act as beams 
transferring their reactions to the joints 
of the truss frame. Thus in Fig. 75 the 
vertical component of reaction of be at 

Pa 2 Pa ‘ 
b= 1/2t ntieges Taking moments about 

Vil Pa 1 
Ba. TS. = Hh from which H 

Pa 
= % Further discussion of analysis is 

unnecessary. 

46. Theory of Indeterminate Reinforced-Concrete 
Structures 

The reader is referred to textbooks for a general discussion of the criteria 
for statical determinateness or indeterminateness of structure. In statically 
indeterminate structures the direction and magnitude, or direction, magni- 
tude and points of application of the reactions cannot be found by the laws 
of statics alone, but depend also upon the relative elastic properties of different 
parts of the structure itself. There are no evident lever arms of the reaction 
from which the bending moments in the structure can be determined. 

The methods explained in this section for attacking the problem depend 
upon a few simple fundamental laws of flexture which are illustrated, in the 
pages immediately following, by a few simple examples in beam deflection. 
The treatment is not rigorous. Shear and direct stress deformation is neg- 
lected in the development although correction for direct stress deformation 
may be made as “ rib-shortening ” as indicated for the arch. Other approxi- 
mations are made to which attention will be called, but for all practical 
purposes the methods shown are sufficiently accurate for the design of the 

structures illustrated. Involved in 
these calculations are quantities which 
are a measure of the elastic properties 
of the structure, all containing values 
for moment of inertia. In such cases 
gross moments of inertia should be 
used, although the unit stresses are 
finally calculated on the occasional 
“‘ cracked section,”’ neglecting tension 

in the concrete. 
Assume a very small length s of a 

beam originally straight as indicated 
in Fig. 76. After strain due to flexure 

Fig. 77 alone, the change in length of a 
4 fiber distant c from the neutral axis 

will then |be (in circular measure): 

s + cA@ — s = cAO, A@ being the measure of the change in direction of the 
tangents at the two ends ofs. The strain (change in length) of this ber may 
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M aes 
also beexpressed as “© in which —‘ is the stress on the fiber, due to the mo- 

EI T 

ment M of all external forces acting on the beam, as determined by the well- 

és . Ms 
known beam formula. Comparing the two equations above, AO = Er The 

change in direction of the tangent between any two points will be the sum of 

the small changes for all the small lengths s between the points considered, or 

> Ms 

EI 
Assume next a small length s of the neutral axis of a beam originally curved 

and subtending an angle @ before flexure and 6’ after flexure (Fig. 77). The 

change in length of a fiber distant c from the neutral axis (due to flexure alone) 

will then be (s +c6’) — (s +¢6) =cA@. The strain (change in length) 

f(s +8) 
of this fiber may also be expressed as meni es} in which f is the unit stress 

on this fiber due’ to the external moment M on the section. We then have 
5 6 AGE 

¢ Ab. = iG se) from which f= pa . Ifa = thecross sectional area of 
E s+cé@ 

7 ae, 

this fiber, the moment of the stress about the neutral axis = fac = —. 
s+oa 

Dac? EAO  IEA@ 

stc@é s+c0 

. For the curvature occurring in ordinary 

Summing over the entire cross-section, M = 2 fac = 

M (s+ ¢@) 
ii i = rom which Aé@ EI 

Ms 
arches, s + ¢@ may be assumed equal to s. Hence A@ = Er approximate. 

Summing over any given length of the axis the change in direction of the tan- 
~ Ms 
hal sagt 

EI 

Fig. 78 represents a straight cantilever beam supporting a load. Assume ori- 
gin of coordinates (at the point where 
displacements are to be measured) 
in this case at a. The angle between 
the tangents at the ends of any small 
division s of the axis after flexure is 

gents at the end of such length = 2A@ = @ = 

Ad = ot in which M is the bending 

Fig. 78 moment (due to the external loads) at 
such point. The deflection at a con- 

tributed by the flexure in s is in circular measure, xA@ = ae The total an- 

gular change @ is the sum of effects of all the small divisions between the points 
Ms _ IMs 

considered; that is, 2 Fl E z Tr E being placed outside the summation 

sign if the beam is homogeneous; that is of constant E. Likewise the total 

displacement 6 between the points considered, is © x A@ = a rs The T 

length considered may be from the support to any other point or between any 
two points away from the support. In the numerical example following, the 
total deflection of point a from a line perpendicular to the support is measured. 
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In this example also s is constant and could have been placed outside the sign 
of summation, but was retained to illustrate the method when it is convenient 
to vary the lengths of divisions. Moments of inertia J and bending moments 
at centers of divisions are as indicated. (Fig. 79.) 

45S, ni BienZe Bp 910 

coon Pees 

—10 Ft.=120 eae 

zis Measured from the Point 
at which Displacements are to be 
Figured, to the Centers of Divisions 

Fig. 79 

Ms Mxs M 

I I EI 

456 000 : : 27 400 1 810 000 - 0000760 

408 000 : 4 27 200 1 470 000 - 0000756 

360 000 F 27 000 1 135 000 - 0000750 

312 000 in. A 26 700 800 000 . 0000743 

264 000 fs 4 26 400 475 000 - 0000733 

216 000 Ei , 26 000 156 000 . 0000720 

160 700 5 846 000 

E = 30000 000 (steel beam assumed). Approximate angular change from 
160 700 

on = 0.00535 radian. Approximate deflec- support to a = 2 +7 = 39 000 000 
3 Mxs TAM xs 5 5 846 000 

fon, abo = hep Tp 9M 39 000 000 
visions, the closer will be the ap- 
proximation. 

From what precedes it is seen that 
the angular change will be the area 

= 0.2 in. The smaller the di- 

of the a diagram plotted to scale 

as indicated in Fig. 80 although not 
here reproduced to scale. Also the 
deflection will be the moment of the 

Mean Ordinate to 

M j ij O40 2.58 1475 .624 Ey astam about the point of dis Fra fii 

placement A. of Figure 
Angular change 0 to A = .0000744 Fig. 80 

x 6 X 12 = 0.00535 radian. 
Deflection at A = 0.00535 X 36.4 = 0.2 inch. 

The Curved Cantilever Beam. (Fig. 81.) The angular change contributed 

by the flexure of any division s of the axis of a member may be measured by 

the change in angle between the tangents at the ends of the division or be- 
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tween the radii or between any lines straight or broken, attached to the ends of 
the divisions. Making use of this geometric principle the deflection of a 
point in any desired direction may be readily calculated as shown. Assume as 
before, origin of coordinates at the point a whose calculated displacements are 
desired. From the figure it is seen that the vertical displacement of point a 

contributed by the flexure in s is x A9 = = and the horizontal displace- 

ment is y A9 = eg in which M is the bending moment on division s due to 

the loads acting on the beam. Summing the effects of all points on the axis 
M: 

(from support to a) total vertical displacement = 2 —s and total horizontal 

k eS ea eee 
displacement is > 7 Likewise the total angular change (from support to 

a) is = a Note that in the expressions Ss above (for straight or curved 

cantilever beams) x is the moment on the several divisions s due to vertical 
unit load placed at the point where vertical displacements are to be measured. 

Mas C 
,in Whence the expressions for vertical deflections may be written 2 = 7 

which Mg is the moment on the several divisions s due to unit vertical load at a, 

Fig. 81 Fig. 82 

likewise for horizontal deflection at a in the curved beam, > =“ may be 

. MM’sas , . 
written > Sr 2 which M’g is the moment on the several divisions due to 

unit horizontal load at a. 

Simple Span Beam. (See Fig. 82.) For simplicity of demonstration the 
flexure contributed by a small length s only is shown to exaggerated scale in 
the figure. It will be convenient in what follows to find the constants for a 
load unity (say 1 lb.). Let dap indicate deflection at a due to unit load at } 
and indicate the increment of deflection contributed by s as Adgp. By geom- 

xAéd 
etry Aédgo = a From what has preceded A@ = Moz in which My = 

moment ons due to unitload. ThenAdgy = <M ie Summing the effects 

of flexure on all elements s we have 5g, = 2M. as For load P greater 

than unity we have of course Pigg = PZM a Note now that the ex- 
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pression 7: is the same as for moment on s due to unit load ata = Mg. The 

equation for deflection may then be expressed as Pdgp = P2MgM or It 

= =P Sba- 
is obvious from the form of this equation that Pdgyp = P>M. aM EI 

(Maxwell-Mohr’s Theorem of Reciprocal Displacements.) 

Application. Find R for the continuous beam shown in Fig. 83. If there were no 
reaction R the downward deflection at a for the 22-ft. span beam would be 

Péac = PEM. alr. The upward deflection at a due to R acting on the 22-ft. 

span beam (that is Réaa = R=MaMa~) must be equal and opposite; whence 

In the numerical calculation J is, for simplicity of demonstration, assumed 
s 

EI 
then be placed outside the sign of summation and appearing in both numerator 
and denominator, it will cancel out. The method is just as simple for variable 
ZI and unequal divisions excepting that these quantities would be retained in 
the summations as illustrated in the example for the cantilever beam. The 
results are accurate to within 1%, 

constant and equal divisions of 2 ft. are taken. , being constant, may 

Point} M, | Mp |M,zMp|M,Ma 

1 |0.45/0.23} 0.10] 0.20 a P 5Ft 

2 |1.36/0.68} 0.93] 1.85 1-28.04 5-6 7.8 9710 1 
3 |2.27|1.14| 2.59] 5.16 ; 
4 |3.17|i1.59| 5.04] 10.05 R, R Ry 

5 |4.09/2.05| 8.39] 16.70 12 Ft 7 10 Ft 
6 |5.09/2.50} 12.72}| 25.85 

7 |4.90!2.95| 14.45] 24.00 "1.95 RLe kp 

8 [3.81/3.41] 13.00] 14.51/p 7195 _g gp p= SP _o07P 
9 |2.72|3.86] 10.50} 7.40 108.7 22 

10 |1.64/2.32] 3.81] 2.69 Ry =0A1P 
11 |0.54/0.77| 0.42 0.29 Fig. 83 

>a ee BARS 71.95 |108.70 

% xx 
Referring to Fig. 83 and the equation above for R, note that My = Tt" 

Then Pébgc = PZ )y = P multiplied by the moment at the load 
5d a 

M 
point b of all the quantities i considered as loadson the beam in their proper 

position as shown in Fig. 84. 

The quantities a when used in this way are termed “ elastic” loads and 

the moments due to them will be designated by m. Mg in all cases is the 
moment on any division s due to a unit load acting at the point where the 
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displacement is to be measured and in the direction in which the displacement 
is required. ; ‘ 

Applying this principle to the continuous beam, influence line for the reac- 

may be calculated as the load P moves over the span 

7 s : 
as illustrated in the numerical example. In this example 7 being constant, 

may be placed outside the summation sign, and appearing in both numerator 
and denominator it cancels out. 

My = 15.5 Pat Fi Ra = P( 15.5 + 108.7) = 0.14 P 

Myo = 45.4 Pat 10 Ra = P ( 45.4 + 108.7) = 0.42 P 

My = 72.0 Pat 9 Ra = P ( 72.0 + 108.7) = 0.66 P 

Msg = 93.3 Pat 8 Ra = P ( 93.3 + 108.7) = 0.86 P 

M7 = 107.8 Pat? Ria = P (106.8 + 108.7) = 0.98 P 

Ma = 108.7 Pate Ra = P (108.7 + 108.7) = P 

Ms = 110.6 P at 06 Ra = P (110.6 + 108.7) = 1.01 P 

etc etc. etc. 

47. Two-hinged Arch 

Refer to Fig. 85. Assume a curved beam resting on rollers at one end 
and simply supported at the other. Flexure in any small division s of 
the beam will cause a horizontal displacement at the free end = yAd = 

Mys. ; t : F a0 os in which M is the bending moment 
<S 2 is a yA 2) Sirs on the division s due to the external 

are ee Se x H gad —- loads neglecting the horizontal thrust 
I} H. The total displacement due to 

Mys 

EI 
Now assume a horizontal thrust applied to the end of the beam sufficient 

to counteract the horizontal displacement. New moments Hy are introduced 
acting on the individual divisions and we have: Total horizontal displacement 

H Hy 
due to thrust = LyA@ = sane = = sr The horizontal displacement 

due to external loads and that due to the thrust being equal and opposite we 
have 

Fig. 85 flexure in all the divisions s ‘= 

HH y’s' plans alee ye OZ) Bese aedes. 
Ms RRL cee Pe 
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Mys 

From which H = 5 for a curved beam hinged at the ends but ends 2 
fixed in location. (Two-hinged arch.) 

In the above equations y is also an expression for moment in the several 
divisions due to unit horizontal load acting like H. Whence the expression 

F 

=MMa; 
for H may be written in which Mg is the moment in the several 

=MaMarz 

divisions due to such unit load. 

Temperature Stresses. c = coefficient of expansion (0.0000065). ¢ = 
temperature change in degrees Fahrenheit. J = span length. E = modulus 
of elasticity of concrete. 

2 Ectl SyA0 = ct = 252". trom which A = ZH 
Saat E ys 

mr 
Rib Shortening. fc = approximate average stress on the concrete through- 

out the arch due to thrust from the dead load. 

is Fel - H ys . “2 tel ZyAd = me EZ T° from which H = ws 

nie 
48. Rigid-Frame Bridges 

The rigid-frame bridge developed by the Westchester County (New York) 
Park Commission, A. G. Hayden, Designing Engineer, has proven its advan- 

Knee Footing 
Crown Abutment 

DEVELOPED PLAN 1 Inch Sq. Rods 6 Inch Ctrs, 7 
OF INTRADOS STEEL DEVELOPED PLAN OF EXTRADOS STEEL 

i in. Thickness T'- 4" 
> 

Fig. 86 

tages both from an economic and architectural point of view and is peculiarly 
adapted to structures separating intersecting highways. ; ‘ 

Fig. 86 shows typical details of a single-span solid-section frame; Fig. 87, 
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two-span solid-section frame. Fig. 88 shows a ribbed type frame consisting 

of a series of 5 rigid frames supporting a floor slab and having a reinforced- 

concrete cutoff wall at each end to retain the approach fill. Although certain 

effects of skew exist in the skewed ribbed type frame and were accounted for 

in design, it was used for heavily skewed bridges before other effects had been 

SECTION AT CROWN 

Fig. 88 

evaluated. The complete solution of problems of design relating to skewed 
arches and frames of solid section now makes it possible to design such struc- 
tures with certainty and supersede the ribbed type. Fig. 89 shows the adapta- 

tion of rigid-frame design to structural steel, which will not be treated in this 
section. 

The intrinsic economy of the rigid-frame bridge lies in the fact that the 
external work and therefore equivalent internal work done under load is less 
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for the rigidly connected structure than for the beam separately supported 
on its abutments. Moreover, the entire structure is effective for resisting 
this smaller amount of external work. There are no idle members. Still 
further, the horizontal loads due to earth pressure counteract to a degree the 
effect of the vertical loads. 

In design, the structure may be made safe asa self-supporting unit discount- 
ing earth pressure. Passive earth pressure developed by flexure in the struc- 
ture may also be taken into 
account though this must ’ 
be assumed. Stresses are 
easily calculated for an as- 
sumed uneven settlement of 
the footings. 

In addition to the in- 
trinsic economy of the 
frame bridge further econo- 
my is realized in the ap- 
proaches since the distance 
from roadway under to 
roadway over may be made 
less than for other types on 
account of the slender pro- 
portions of the structure. 
The fixed arch of like span 
and equal area-way requires 
greater rise in order to re- 

duce temperature stresses. 
Temperature’ stresses in 
frame bridges of the pro- 
portions illustrated are 
negligible, although in spe- 
cial cases they should be 
examined. 

Methods of Design. 

Frame bridges of the West- 
chester County Parkways 
have been designed by a 
variety of methods, some 
entirely new, but all giving the same results. Later methods have been 
greatly simplified. It is beyond the scope of this work to do more than 
indieate the line of attack which will be illustrated by a partial design of 

Fig. 90 

a double-span solid-section reinforced-concrete rigid-frame bridge by the 
influence-line method. 
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Before proceeding with the illustrative example some general observations 

will be made. The calculation given is based on the assumption of hinged 

condition at the bottom of the footings. Fixed condition might as well have 

been assumed although for a structure resting free on the soil such condition 
could not be realized. The absence of a definite 
hinge at the bottom of the footing does, however, 
introduce a small amount of restraint here which 
may be taken into account as follows, though this is 
generally unnecessary. Fig. 91 shows one type of 
base, resting free on the soil. It is obvious that the 
resultant reaction cannot come at either edge, since 
this would presume infinite soil pressure at these 

Fig. 91 points. If it could suddenly come very close to the 
edge causing extremely high local pressure, slight 

yielding of the soil would automatically throw it inward again. There is, 
therefore, a reasonable range on the base within which the resultant re- 

action must come, and theoretical critical positions controlling the stresses 
in any region of the frame may be easily determined for any particular 

case. Detailed discussion, however, is beyond the scope of this work. It 
is usually sufficient for all practical purposes to make analysis as for hinge 

at a, since the footing reinforcement extending upward into the leg and the 
uncalculated soffit reinforcement will adequately provide for uncalculated 
restraint. 

If the structure is seriously restrained at the footings, as by embedded piles, 
calculation for both hinged and fixed conditions will cover all contingencies. 

49. Design of Double-Span Continuous Frame 

If the statically indeterminate structure shown in Fig. 92 is designed for 
hinged conditions at the footings (resting free on the soil) there will be, for any 

system of loads, six unknown horizontal and vertical components of reactions 
as shown. These cannot be solved by the laws of statics. Suppose the 
supports are arbitrarily altered by the removal of redundant reactions 

C, D and F as shown in Fig. 93. This “ transformed ” structure is 
statically determinate and for any given condition of loading all the stresses 
and therefore all the deflections can be found by statics. The problem re- 
solves itself into finding in Fig. 93 the vertical and horizontal deflections at 
(2) and horizontal deflections at (3), due to the load P by the methods indi- 

cated in the preceding text, and then finding what unknown forces C, D and 
F will bring these deflections back to zero; that is, what reactions will restore 

the conditions to those shown in Fig. 92 when the problem will be solved. 
When C, D and F have been determined, the application of them to the struc- 
ture in Fig. 93 causes reaction in the direction of Hi, V1, and V3 which, added 
to the latter, gives the final reactions A, B and G as will be shown. 

Let 5¢y = deflection in direction and at point of application of C due to 
unit load applied like P. 

dce = deflection in direction and at point of application of C due to 
unit load applied like C. 

6ca = defiection in direction and at point of application of C due to 
unit load applied like D. 

6 er= deflection in direction and at point of application of C due to 
unit load applied like F. 



_ Art.49 Design of a Double-Span Continuous Frame Bridge 1085 

Then the deflections in the direction and at point of application of C due 
to the actual loads and unknown reactions are 

Pocp; Cbecc, Déca, F dcr 

Since the reactions C, D and F must be such that the deflection Pd¢p caused 
by the load P in the transformed structure (Fig. 93). 

Pocp + Cé&cc + Déca + Foécr =0 

By like reasoning we have also the following equations: 

Péap + Cbac + Débaa + Foar = 0 
Poppy + Cire + Dora + Fore = 0 

As demonstrated for the pa a beam, = quantities Sep: Sce, Sed, Scy and 

=M-M, <>} aA c ioe MeMs >> and so 

on in which My is the moment on any division s due to the load P and M¢, 
Ma, My (and so on) are moments on any division s due to load unity acting 
like the reaction components. Whence we have the final equations 

so on, are equal to 2M,.My,— = =IM-.M-e— 

— PEMeMpz> = CZMe Mey 7 + DEMe Maz; 7+ FEM My 

= PEMaM y=; = C2MaMes 7+ DEMaMazz + Peels 

— Pr] My Moz = CEM; Mex dee DEM; Ma 4+ FEMy My = 

When the coefficients of C, D and “g have been determined numerically, the 

above three equations may be 
solved for the three unknown 
components of reactions C, D 
and F. If there is more than 
one load on the structure 
My is the moment on any 
division s due to the system 

of loads. 

This method of determining the redundant reaction components C, D and 

F is well adapted for cases where a fixed loading is being considered, as was 

illustrated in the example of the 2-span beam. If, however, moving load is 

to be considered and influence lines for the redundant reaction components 

are desired the method of placing the “‘ elastic loads ” on the.structure may 

be used as was illustrated for the 2-span continuous beam in the text preceding, 

The labor “ calculation is thereby reduced. For example, the expression 

PUM My = above may be put PZ (Meg; 3) My in which My is the mo- 

Fig. 92 Fig. 93 

ment on any particular division s of the transformed structure, due to load 

‘ 5 
P= 1, that is (lL being total span of transformed structure) and Merz 

isa ques pertaining to such division. The arithmetical process in calcu- 

lating Me + y p ais the same as calculating the moment at P due to the quan- 
Ae 

5 4 

tity M@ ws acting as a load on its particular division; and 2M Hy py is the 
vig 

Sie 5 ‘ : 
moment at P due to the several quantities CRT in their appropriate posi- 

tions. It follows that the calculation of moments at all points of the. trans- 



1086 Reinforced Concrete Sect. 11 

formed structure under such loading will give a complete influence line for the 
influence load unity moving over the span. 

se s 
If we designate moments due to the quantities M CET treated as loads by 

the symbol m, we have as the final equation 

Ss s s 
Pme = C2 Me Mer + DEMc Maz, + FZM- Mys— 

EI 
Likewise 

= oe > ie, > ree Pmga CZMaMer, — DzMaMaz, _ FEMaMys7 > 

and 

x = > a > 2 Pm = CZM Mer + DEM; Maz, + F2Ms My 

The use of these equations will be illustrated in the example following: 
Nomenclature: Terms not defined in the text or indicated on the figures 

are: 
Mer and Nz: Moment and thrust at any point in the structure due to earth 

pressure. 
Np, Ne, Na, Ny: Thrusts at any point in the structure due to the loads and 

reactions P, C, D and F. 
M; and N;: Movement and thrust at any point in the structure due to tem- 

perature change. 

¢ = total depth of section of arch ring or frame. 
In the following calculations the divisions s are all 5 ft.; s and E (modulus 

of elasticity) being constant cancel out of all equations, excepting temperature 
equations. 

Fig. 94 shows the structure to be analyzed and Figs. 95a, 955, 95¢ and 95d 
show the method of calculating M;, Ma, M 7 and My used in the equations. 

/ Dead Loads in Kips (1000 Lbs.) per Foot Width of Structure 
x x 
NESSRSSRSSRERSESERRZESSELY ww oS No 

On the Earth Pressure Diagram 
Distances are from a Division 

Point to Center of Gravity of 
Earth Pressure acting below 

the Point; Loads are Resultant 
0 32 Earth Pressures below each Point 232 

—10 Spaces ¢ 5 Ft.=50 Fi.=1 10 Spaces a 5 Ft.=60 Ft,=1 

Fig. 94 

Loading on Transformed System 

{ef 
: x > 

| | | | | | | | la U 
C=+1 F-+1 

a 

7 

D=+1 
Mew -y from 0tol4: Mya-txfrom 4to14 M,= —y from 0 to 28 M,~ 24 oy Points to Left of P ‘ 14 to 32 =-1(21-x) from =0 in Center Post o-d ; = 0 from 14 te 28 14 to 24 Mp= (2i-d) (h=x) eae) Points 

Right of P 

Fig. 95a Fig. 956 Fig. 95¢ Fig. 95d 
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Table of Frame Constants and Elastic Loads 
S = S.0 ft. 

Point ¥ y t c Ma Me 

bee be ee oa I I 
1 0 1.8 2.00 2th lene 0 
2 0 6.8 2.6 4.6} — 0 
3 0 11.8 Sie 3.9/e— °O0 
4 0 16.8 3.75 3.9 | — 0 

5 18.5 2.8 .2 1.4 : 
6 10 19.2 pe .8 bS ; 
7 15 19.9 ee .0 8 4 
8 20 20.4 pes “4 4 
9 25 20.5 1.0 AY a2 ° 

10 30 20.4 1.2 om oh 3 
11 35 20.2 1.8 % — 41.2 as a 
12 40 19.8 2.6 Wty SEES 6) = - 
13 45 19.1 4.0 i0|— 3.6 3 fis 13.6 
14 50 18.6 er | vo — 0.6 Cth ds ads L 
15 55 19.1 4.0 3S - 0 73 | — + 336 
16 60 19.8 yea: s — 0 WON is Loe D 
17 65 20.2 1.8 — 0 2 | — 41.2 
18 70 20.4 12 — 0 an —145.7 
19 75 20.5 1.0 —- 0 B74 —256.2 
20 80 20.4 1.2 —- 0 90.9 | —185.4 
21 85 19.9 1.5 -— 0 26.8 | — 71.0 
22 90 a9-2 2.0 -—- 0 (fer) 28.5 
23 95 18.5 2.8 : —- 0 1.4 10.2 

24 100 16.8 3.75 4 — 0 ee eee) 
25 100 11.8 3.3 — 0 — "0 —"3.9 
26 100 6.8 2.6 0 = 0 —"@ — 8:6 
27 100 1.8 2.0 J —- 0 — 0 — 2.7 
29 50 13.6 2.0 . — 20.4 |-— 70 —- 0 
30 50 8.6 2.0 ; — 12.9; —- 0 —- 0 
31 50 3.6 2.0 ; —- 5.4] - 0O - 0 

Some) Me | Ma | Op? | MMe) Meg) MG |x 
I I I I I I 2 

1 5 0 5 5 0 0 0 

2 31 0 31 31 0 0 0 
3 46 0 46 46 0 0 0 | 
4 65 0 65 65 0 0 0 
5 189 3 189 189 26 26 2.5 
6 553 38 553 553 144 144 5.0 
«f 1413 201 1413 1413 533 533 Lace 
8 3 782 909 3 782 3.782 1 854 1854 10.0 
9 5 252 1953 5 252 5 252 3 203 3203 A705 

10 2971 1 607 2971 2971 2 185 2185 15.0 
11 832 625 832 832 721 721 1730 
12 267 272 267 267 270 270 20.0 

13 69 96 69 69 81 81 22.5 

14 10 38 21 10 28 14 25.0 
15 0 96 69 0 81 Di ine ss 
16 0 272 267 0 270 [2a ae 
17 0 625 832 0 721 Oh etait q 
18 0 1 607 2971 0 2 185 Ua rater Caceres 
19 0 1953 5 252 0 3 203 eT ater teyera 
20 0 909 3 782 0 1 854 Ol, padtelatics 
21 0 201 1413 0 533 ON atitiah aay 
22 0 38 553 0 144 Oni srpetae sua 
23 0 3 189 0 26 i ad eR 

24 0 0 65 0 0 (We iro Mey iae 

25 0 0 46 0 0 On NVisetaae. 

26 0 0 31 0 0 ON" nates hae 

27 0 0 5 0 0 OMA are eeusiee 

29 PAT) 0 0 0 0 OMT Stele ae 

30 111 0 0 0 0 AN avae ie 

31 19 0 0 0 0 U7) POM 

15 903 11 446 30971 | 15 485 18 062 OSA eS as cntlonen 
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AE ers : , M. Me SS aS 315 ing RL OSC COO OOOH T S8ERRS SaaS I 

20 Spaces @ 5 Ft.= 100 Ft. Me iy su by 

oaNtine op Bt II in w_ Md Fett, «3BG -—— are; the 

Panegegegesesagegeseay Tr NT 
“elastic loads” derived in 
the preceding table, whose 

x use was illustrated in the 
example for the continuous 

1 My beam, page 1080. 

I 

aT In Oh OM 

Fig. 96 

Table of “Elastic Load ”» Moments 

(Calculations not shown) 

Point Me 

15 8127 
16 7224 

17 6321 
18 5418 
19 4515 
20 3612 
21 2709 
22 1806 
23 903 

24 

— | 

Calculation for Reactions C, D and F 

From equations heretofore derived (p. 1085) but canceling out s and E which 
are’ constant: 

Pm. = cpMeMe =i psieMa 3 pelicMs 
Ds §2 Fé 

M 
Pmqg = ceMaMe 4 pxMaMa 4 pe eMs 

EL I yf 

MyM, M;Ma My My 
Pmy = CZ + Dae FS 

ui 

Substituting the numerical valves for terms that have been calculated in 
the table we have for P = 1: 

me = 15903 C + 9031 D = 15485 F 

ma = 9031 C + 11446 D + 18062 F 

my = 15485 C + 18062 D + 30971 F 
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Solving these Cian 

C =— 0.00006115 my + 0.00012235 m, 

D =— 0.00063834 my + 0.00109462 mg 

F =— 0.00043514 my — 0.00006115 me + 0.00063834 mg 

In the table that follows the values of mc, mq amd my are substituted and 
reactions C, D and F obtainéd. 43 

ws mc 

+. 121 — 2,413 .017 

E +.239 — 4.794 . 061 

1.027 +.349 — 7.082 159 

1.311 +.435 — 9,147 «S20 

1.482 +.465 —10.616 - 598 

1.497 +.417 —11.270 . 826 

1.423 +. 325 —11.458 939 

1.323 +. 220 —11.516 985 

34.215 +.111 —11.528 999 

1.105 +.001 —11.528 .999 

—.110. —11.528 .999 

884 —.219 —11.516 . 985 

- 939 

. 826 

. 598 

oe 
.159 

- 061 

.017 

C+F 

Wee te a ea 

: 

| x iS & 

1k are Pd Neae=) 

en ho. i ae eS eS eS Se a a ed +4441 

HEL s 
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Influence Table for Moments 

M =Mp+McC + MaD + M/F = Mp — (C+ F)y — 0.5 Dx for left span) 

Point2 [Point 4| Point 7 Point 9 

fe x oy fe 
+ na * a7 

is) o YZ Qa Y A 
= co} Mp a w M Mp pl a M 
6 e sa nN Ss si 
| | | | | | 

5 —1.18]—2.91) 4.25 |—3.44;— .13/+ 68, 3.75)}— 3.54|— 21 00 

6 —2.22|/—5.49| 8.50 |—6.51]/— .46/+1.53) 7.50)/— 6.70]— 76|+ .04 

7 —2,97|—7.34/12.75 |—8.70]—1.19 +2.86 11.25)— 8.96/— 1.99}+ .30 

8 |—3.34)/—8.2512.00 |—9.77|—2.45|— .22) 15.00)—10.06)— 4.09|/+ .85 

9 —2.86|—7.0611.25 |—8.36|—4.48 —1,59} 18.75|— 8.61|— 7.47|4+2.67 

10 —2.02]—5.01/10.50 |—5.93]—6.20|—1.63} 17.50/— 6.11|—10.32 +1.07 

a —1.33 —3.29) 9.75 |—3.90)—7.04)—1.19) 16.25|— 4.02}—11.74/+ .49 

12 — .81 2.00) 9.00 |—2.36|/—7.39|— .75| 15.00)— 2.44/—12.31]/+ .25 

13 — .39)— .96) 8.25 |—1.13}—7.49|— .37) 13.75]— 1.17|—12.49]+ .09 

14 0 0 | 7.50 0 —7.50! O 12.50 0 —12.50} 0 

15 + .37/+ .91| 6.75: |+1.07)—7.49}4+ .33] 11.25/+ 1.11]/—12.49]— .13 

16 |+ .69/4+1.70 6.00 |4+2.01|—7.39|+ .62| 10.00/+ 2.07/—12.31|— .24 
17 |+ .88/4+2.17| 5.25 |42.57/—7.04|+ .78| 8.75]+ 2.64|—11.74/— .35 
18 |+ .81/+2.00 4.50 |+2.37|/—6.20|+ .67| 7.50|+ 2.44|—10.32|— .38 
19 -|+ .31/+ .76 3.75 |+ .89|—4.48/+ .16| 6.25/+ .92/— 7.47|— .30 
20 |— .37|— .92) 3.00 |—1.09)—2.45|— .54) 5.00/— 1.13|— 4.00/— 22 
21 |— .63]/—1.55) 2.25 |~1.83|—1.19|— .77| 3.75/— 1.89|— 1.99|— .13 
22°: |— .61)=1:50] 1.50°|41.77,— .46|— 73) 2: S0l— 1.82|2° 276/08 
50° | +. 35 872 7S (OMe AST — 41) as] — Worl 5a] Bg 

Point 11 Point 14 

a fi 
Load + + 

be M - M M S = a 2 2° Se M : Ss s ue % R 
| | | | 

5 o.25 —3.49 — .30) — 54 2.50 —=3, 22 = .42) — 4.14 
6 6.50 —6.60 — 1.07) —1.17 5.00 —6.08 — 1.53) — 2.61 
7 9.75 —8.83 — 2.79} —1.87 7.50 —8.13 — 3.98] — 4.61 
8 13.00 —9.92 — 5.72] —2.64 10.00 —9.13 — 8.17| — 7.30 
9 16.25 —8.48 —10.46) —2.69 12.50 —7.81 —14.95| —10.26 

10 19.50 —6.02 —14.46 98 15.00 —5.54 —20.65| —11.19 
11 22.45 —3.96 —16.43} +2.36 17.50 —3.65 —23.48]) — 9.63 
12 21.00 —2.40 —17.24) +1.36 | 20.00 Jed —24.62| — 6.83 
13 19.25 —1.15 —17.48 . 62 22.50 —1.06 —24.97| — 3.53 
14 17.50 0 —17.50 0 25.00 0 —25.00 0 
15 | 15.75 | +1.09 | —17.48} — .69 | 22.50 | +1.00 | 24.97] — 14.47 
16 14.00 | +2.04 —17.24| —1.20 20.00 +1.88 —24.62) — 2.74 
17 1:25:25 +2.61 —16.43} —1.57 17.50 +2.40 —23.48) — 3.58 
18 | 10.50 | +2.40 | —14.46] —1.56]| 15.00 | +2.21 | ~20.65| — 3.44 
19 | 8.75 | + .91 | —10.46/ ~ .80 | 12.50 | + .84 | —14.95| — 1.61 
20 7.00 —1.11 — 5.72|~4-.17 10.00 —1.02 — 8.17} + .81 21 | 5.25 | ~1.86 | — 2.79] + .60] 7.50 | -1.71 | ~ 3.98] + 1781 22 | 3.50 | -1.80 | — 1.07] + .63| 5.00 | ~1.66 | —°1.53| + 1 81 23°44.75 | 2205 | = .30h-.401} U97s05] — (07 fie.t 49] 4 ita 
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Influence Table for Thrust in End Post 

Load at Point| 4 5 6 7 8 9 10 

Np 1.000 | 0.950] 0.900] 0.850] 0.800 | 0.750 | 0.700 
0.5 D 0.000 | 0.008 | 0.030 | 0.079 | 0.163 | 0.299 | 0.413 

Np —05D | 1.000] 0.942] 0.870 | 0.771 |. 0.637 | 0.451 | 0.287 

Load at Point| 11 12. 13 | 14 15 16 17 

Np 0.650 | 0.600 | 0.550 | 0.500] 0.450] 0.400 | 0.350 
0.5D 0.469 | 0.492 | 0.499 | 0.500 | 0.499 | 0.492 | 0.469 

Np —0.5D | 0.181 | 0.108 | 0.051] 0 —0.049 |—0.092 |—0. 119 

Load at Point 18 

Np 0.300 
0.5 D 0.413 

Np — 0.5 D |—0.113 

For horizontal member N = C + F. For end post N = Np — 0.5 D. 

é Point 
4-4 6 8 10 12 14 16 18 20 22 2% 

LEBER ENE? Cee eNe eee 
HH 9| I. Beer? sane HEAT 
2A N ENV, 

Moment (Kip-ft.) 

mah 

SeeN0BuGn'ee 
KAA TTA TI Se iie AEH 

NZ 

EEE 

Fig. 97 
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7.6 
H, | ae Hy = 7.6 

ee eS Vi =— Vz = 0.57 
VT 10ft. |V, 

Calculations for Earth Pressure, Right Side Only 

CONIAUPWNHE 

6.115 
~ 400 000 

_ 63.834 
100 000 

43.514 hie 
+ 100 000 

C =— 1.38 

NNORrRN KAD 

CRPUADBOR NES 

-_ rs to 

AwmMOoOAnAaAsN OTST 

COCK SOON UIROORW OA 

MyMy _ 12.235 
I 100 000 

My 
I 

MyMp 6.115 
I 100 000 

D =— 0.18 

= 

191 635 

MM» 
I 

MM yp 

I 

- oe 
/ 

Sect. 11 / 

eooooocococoocoooooa 

111 922 107 023 

109.462, MaMp 
z 100 000 Uf 

_ 63.834 | MaMy 
100 000° 7 

F =— 5.40 
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- Me = Mp +M:F+MaD+M-C}| Ne =Np+MNiF+NgD +N,C 

a : 
Pa | McC | MgD| M;F Mg N-C | NaD | NF Np Ne | 

33 (=a 
1 2.48 | 0 9.72 | — 1.40 ) +.09 0 SN aisle 3X0 
2 9.38 | 0 36.72 | — 5.60 0 +.09 0 + .57| + .66| 
3} 16.28 | 0 63.72 | — 9.70 0 +.09 0 + .57) + .66 
4} 23.18 | 0 90,72, 033.80 |], ca thsi a oe S sorta SO oie 
5 | 25.53 -45 | 99.90 | —12.15 || +1.38) 0 —5.40| +7.60) + .82. 
6| 26.50 | .90]} 103.68 | — 9.12 || —1.38} 0 —5.40) +7.60) + .82! 
7 | 27.46 | 1.35 | 107.46} — 6.43 || —1.38| 0 —5.40| +7.60) + .82 
8 | 28.15 | 1.80} 110.16 | — 3.49 || —1.38] 0 —5.40| +7.60) + .82 
9| 28.29 | 2.25 | 110.70] — .36 || —1.38) 0 —5.40| +7.60| + .82 

10 | 28.15 | 2.70 | 110.16} + 3.11 |} —1.38) 0 —5.40| +7.60) + .82 
11 | 27.88 | 3.15 | 109.08 | + 7.33 || —1.38) 0 —5.40) +7.60) + .82 
12 | 37.32 | 3.60 | 106.92 | + 9.54 || —1.38 0 —5.40 +7.60| + .82 
13 | 26.36 | 4.05 | 103.14 | +13.92 |} —1.38) 0 —5.40) +7.60) + .82 

+17.91 || —1.38) 0 —5.40| +7.60) + .82 
14 | 25.67 | 4.50 | 100.44 | — 7.80 0 0 —5.40| +7.60| +2.20| 
15 0 4.05 | 103.14] — 6.61 0 0 —5.40' +7.60| +2.20 
16| 0 3.60 | 106.92 | — 5.78 0 0 —5.40 +7.60| +2.20! 
17} 0 3.15 | 109.08 | — 3.45 0 0 —5.40| +7.60| +2.20 
ot ie 2.70 | 110.16 | — 2.14 0 0 —5.40| +7.60| +2.20 
19| 0 2.25 | 110.70} — .05 0 0 —5.40| +7.60| +2.20 
20} O 1.80 | 110.16 | + 2.56 i) 0 —5.40) +7.60) +2.20 
21 0 1.35 | 107.46 | + 6.11 0 0 —5.40) +7.60| +2.20 
22 0 .90 | 103.68 | +10.53 || » 0 0 —5.40, +7.60| +2.20 
23 0 -45 | 99.90 | +13.95 0 0 —5.40| +7.60) +2.20 
24 0 0 90.72 | +20.02 O°: hel sccaeea nec oe Kt a 
25 0 0 63.72 | +24.72 0 +.09 0 — .57| — .48 
26 0 0 36.72 | +22.72 0 +.09 0 — .57| — .48 
27 0 0 9.72 | + 8.62 0 +.09 0 — .57| — .48 
29 | 18.75 | 0 0 +18.75 0 —.18 0 0 — .18 
30.| 11.90 | 0 0 +11.90 0 —.18 0 0 — .18 
31 4.97 |0 0 + 4.97 0 —.18 0 0 — .18 

i 

Temperature Stresses 

c = coefficient of linear expansion = elongation per unit length per degree 
Fahrenheit rise in temperature. 

t = temperature change in degrees Fahrenheit. 

1 = span length. 

Table of moments and thrusts gives values for 50° rise. 
For 50° drop in temperature, the signs will change. 

Fundamental equations already derived are: 

Pbep + Cécc + Déca + Focs =0 

P3ap + COac + Débaa + Far = 9 

Pbpp + Coe + Déya + Foy =0 

in which Pécp, Pdap and Pdyp are deflections of points in the transformed 

system. An increase of temperature causes deflection of these same points in 

like directions and these temperature deflections may be substituted for the 

deflections Pdcy, Péay and P dyp in the above equations. Substituting the 
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proper flexual equivalents in the remaining terms and multiplying through 
E/s, we have 

M,M M,M ee = cytes Mi DE —* + FZ 3 f 

MaM MaM. Os cy ame if pels i RES. 
fy I I 

] MyM. MyM _- So ip cy Me 0 pe ed 
Ss I I I 

After substituting numerical values in these equations and solving 

C=0. 
E 

D=-— iirc Xx 21 X et. 

E 
F= 0.00040457 se X21 xX ct. 

= X 2h = aes X 100 X 0.0000065 X 50 = 2 340 000. 
g 

Then Cz 0 D =— 1.494 kips. F = 0.947 kip. 

Table of Moments, Kip. ft., 50° F. Temperature Rise 

Point 8 9 10 ll 12 13 14 

Dz 
ae 14.9 18,7 22.4 26.2 29.9 33.6 37.4 

yF 19.3 19.4 19.3 19.1 18.7 18.1 17.6 

Mp = 5" — yr 4.4 | -0.7| +3.1]- +7.1| 411.2 | 415.5 | 419.8 
les 

In center post Mt = 0. Nt =— 1.49 kips. 

In end posts Vt = — ; =+ 0.75 kip. 

In top (horizontal member) Wz = F =+ 0.95 kip. 

Live load: Bridge is designed for uniform live load of 70 Ib. per linear foot 
width of structure and in addition a single concentration of 3300 lb. per foot 
width of structure. 

Uniform live load on a 5-ft. division = 5 X 70 = 350 lb. = 0.35 kip. 
Concentration as above 3.30 kips. 

The following calculations are for the design of section at Point 11. Mo- 
ment and thrust due to earth pressure are brought forward from the calcula- 
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tion sheet for “earth pressure.” Dead load and live load moments and 

thrusts for actual loads are derived in the following table. Column 1 shows 

the load point. Columns 2 and 3 tabulate respectively the influence line 

ordinates for moment and thrust as scaled from the influence diagram for 

point 11. Column 4 tabulates the actual dead loads at the various points as 

shown on the structure diagram. Column 5 tabulates the live loads with 

concentration placed at Point 9 for negative moment and at point 11 for posi- 

tive moment. Actual dead and live load moments and thrusts are obtained 

by multiplying across columns 2 X 4,’2 X 5, 3 X 4 and 3 X5 to obtain 

results in columns 6 to 11. The summations at the bottom give total effect 

of all the loads on the structure. 

Sample Calculations of Actual Dead and Live Load Moments and 
Thrusts for Point 11 

1 2 3 4 5 6 rf 8 9 10 11 

apstes 30 yam Srerntyo Os) as e0e8971S 9) Dn eos Ee eee 

i file! Live Dead load Live load Live load 

jondsi leads|=-7.,, tic a0 bel eoersell 

M N M N M N 

5.22) 0.35 0 1D. Vovetere ore tote ieee ce 0 0 

3275| O35) 2.20) 0 420.7). os |e le alee —0.2} +0.06 

25 94)-0.535]). —3.2) 70-955. cee leev ews. —0.4| +0.11 

2.19) 0.35| —4.47 41.0]... ...]ecevees —0.7} +0.15 

1.80] 0.35) —4.8) 40.9].....0]-.2«00- —0.9| +0.17 

1.64]. 3.65| —4.4] 40.7), ...-.}ucreces —9.8} +1.53 

1.80| 0.35) —1.8] +0.5]......]....--. —0.3) +0.10 

2.19| 3.65} +5.2) +0.4| +8.6) +0.72)......]....5-- 

2.97| 0.35} +4.0} +0.4) +0.5| +0.04......]...-.-- 

3.99] 0.35} +2.5| +0.2| +0.2) +0.02)......]....--- 

4.96} 0.35 0 Oud lire wsied Lasmos cup > « » oeillers ots 

3.99] 0.35] —2.8) —O.2]....--|-enenee —0.2| —0.02 

2.97) 0.35) —3.6| —0.3).....-]es-00%- —0.4) —0.04) 

2.19) 0.35) —3.4| —O.3]...0..|.--008% —0.5| —0.05| 

4'30|°0. 351) —2; 8)" 0.2)... ee lee eee —0.5| —0.04| 

1.64| 0.35} —1.3) —O.1].....-|.---+-. —0.3| —0.02) 

1.80| 0.35| +0.3} +0.1| +0.1 +0.02 NB Ste eG | 

2.19| 0.35| +1.3| +0.2) +0.2 AVP OSIE ccs Helle sivcneteie 

2.74) 0.35) +1.7| +0.2| +0.2 “6; 03... nee louis ere 

3.75| 0.35} +1.5| +0.2) +0.1 4-0),02); tastes Nate wie 

5.22) 0.35 0 0 0 O! wilaisteyacusllerets voegehe 

©, PRA Pic —17 nae 3) +9.9| +8.8 |—14.2] +1.95 

Moments in kip-ft. (1000 ft-lb.) 

Thrusts in kips (1000 lb.) 

Summary of Maximum Forces Acting on Section at Point 11 

Note. Forces have been calculated for the various sections due to earth 

pressure acting at the right end of the structure. Forces at any section due to 

earth pressure left will be the same as forces on a symmetrically placed sec- 

tion in the other span due to earth pressure right. For example, forces at 

point 11 for earth pressure left will be the same as forces at point 17 calculated 

for earth pressure right. The sum of the calculated forces for points 11 and 

17 will therefore give the forces due to balanced earth pressure for either point. 
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Correspond- 
ing thrust, 

DUD, totals. se at ek ce pane oe te 
TAC LOad cc hastens ete oe ee Se = Se 

Subtotals). .2:c,7.00 syuietn teehee esis ws. oo 
Hemperattre. cttw cling Adee eee eee 

Having the maximum moment and thrust acting on the section, the re- 
quired area of reinforcing steel and the stresses in the concrete may be calcu- 
lated by the methods described elsewhere in this Section or by any other con- 
venient method. 

Similar calculations needed for all other parts. 

50. Analysis of a Symmetrical Fixed Arch 
The symmetrical fixed arch is statically indeterminate to the third degree, The analysis is therefore similar to that of the two-span rigid frame given 

above. 
One-half of the transformed structure used in this analysis is shown in Fig. 98. The problem is to find the redundants B, C and D, such that under ap- plied loads or deformations the ends of the two cantilevers formed by cutting the arch at the crown will coincide. To simplify this problem, the redundants are applied at the end of a rigid bracket directly below and at z distance from the crown. The equations taken directly from the previous analysis express the conditions here: 

do = Boon + Cdnce + Diva + UP Sy =0 
bc = BSen + Cécc ar Déca + Z2P ick =0 
da = Bday + Cdac + Ddaa + UP Say =0 

From the condition of symmetry d9q = dap = Pe =0 and dg = bac 

Jy <: s Dy’’s/I - In addition, d9¢ = dcp = 2 = 0whenZ = < 7 . (See Fig. 98.) 
The equation then becomes: Bdon + =2UP5p~p = 0 

Cdec + ZPScx =0 

Déaa + =P bax = 0 
Temperature and rib shortening effects are determined by substituting, for the loading deflections, the corresponding deflections due to temperature change and shortening of the arch caused by axial thrust. The equations become: 

Temperature Rib Shortening 
Bépn = 0 Biny =0 

Cbcc ait 928 hee 0 C8e¢ + fey =0 

Déaa = 0 Déaa = 0 
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The minus sign in the temperature equation expresses the fact that for a 
rise (positive) in temperature, the movement of point O is opposite to the 
direction of C. 

In the rib shortening formula, f, = thrust at the crown divided by area of 
crown cross-section. This method for determining the effect of rib shortening 
is approximate, but the results are sufficiently near those determined by more 
accurate analysis to make the design safe for the usual arch under live load. 

The solution of a problem is shown. A load of unity is applied (see Fig. 98) 
and the redundants determined. Any system of loads in the plane of the arch 
axis can be applied and B, C and D determined in the same manner. The 
remaining reactions can be determined by laws of statics. 

This method applies equally to concrete or to steel structures, the only dif- 
ference being in the calculation of J. 

Influence lines are particularly useful in presenting a problem clearly and a 

systematizing of computations will save time and labor. 

General Equations 

Loads: Bésp + 2P dnt 

Cébce a DP obck 

Diaga + 2P bak 
Temperature: B 

Céce = ctl 

D 

Dy’ s 

Fd 104.5 % 2+To Left Symmetrical 
2 ae Ses 5.23 y+Down about this Line, 

a ys ety 

M = moments due to load P Fig. 98 

2.5 0.04 | 2.55 | 1.38 | 0.44 1.82 DOs Nas, 

78 0.40 | 2.63 | 1.52 | 0.47 1.99 5.0 | 2. 

| 12.4 1.07% | 2273 shel 970 0, 52 2) 5.0 sh 22. 

17.3 2.10 | 2.82 | 1.87 | 0.56 2.43 SO ez 

227% 3.46 | 2.91 | 2.05 | 0.60 2.65 50 5 

; 26.9 5.15 | 3.00 | 2.25 | 0.65 2.90 5.0 ae 

7 | 31.4 7.16 | 3.09 | 2.46 | 0.70 3.16 550i de be 

84,.3558 9.49 | 3.18 | 2.68 | 0.75 3.43 5.0 i 

9 | 40.0 12-10;| 3.27, \.2.91.| 0:80 Sara 5.0 La 

.1 | 15.00 | 3.36 | 3.16 | 0.85 4.01 SO ae ia 

48.0 | 18.20 | 3.45 | 3.42 | 0.91 4.33 570) hee 

Poo hed CLAS ae BE i ae i a 2000 HACE SUNG). PE 
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These quantities only vary with These quantities apply for load 
4 P in any position load position 

xo) 
= sr | gies . 

M M— My — Mx- 
I ay I 

1 |—14.28 6.88 74.1 17 0 0 0 0 
2 }—12.17 18.90 58.8 142 — 2.5 |]— 6.3 30.4 |— 47 
3 |/— 9.35 27.90 38.9 346] — 7.4 |— 16.7 69.1 |— 207 
4 |}— 6.45 35.60 20.2 616 | —12.3 |— 25.4 79.3 | — 438 
§ |— 3.34 41.70 5.9 “Wl IEE ah tc $7.1 |— 714 
6|— 0.14 46.50 0 1250) —21.9 |— 37.8 3.1 }/— 1018 
7 3.05 49.60 5.9 1557 | —26.4 |— 41.7 |— 80.5 |— 1310 
8 6.22 52.30 26.5 1874 | —30.8 |— 45.0 |— 191.8 |— 1610 
9 9.27 54.00 63.7 2160 | —35.0 |— 47.2 |— 324.0 |— 1890 

10 12.21 55.10 119.3 2 430 | —39.1 |— 48.9 |— 478.0 |— 2150 
11 15.02 55.70 194.6 2670 | —43.0 |— 49.9 |— 646.0 |— 2400 

= 444.2 607. SRS OSG. ek —351.2 | —1481.3 |— 11 784 

Edy = 2M =2E~ = 2°20 S40 
£ I 

yee ES, 
Edce = iMey =2 =e =2 xX 607.9 = 1 215.8 

5 s 
Eéaaq = =Ma*y 2 zx7 = 2 X 13 986 = 27 972 

s s 
Ein, = TMMpy>- ==ZTM— =— 3542 

Pa I 

s Ss 
Eéck = 2MM,— = DMy— =— 14813 

I I 

Ss Ss 
Edazt = =MMay = =Mx- =— 11 784 

BX 40 — 391.2, =.0; B= 8.77 

C X 1215.8 — 1481.3 =0;C = 1.22 

D X 27972 — 11784 =0;D = 421 

Temperature effect 40° rise or fall. 

CEbcc — EctL = 0 

Cc 288 000 000 X .000006 x 40 x 100 
=> —eO)]E 

=> 

1215.8 

51. Integral Arch Action 
In the design of open spandrel reinforced-concrete arches it has been cus- tomary to design the arch rib as carrying the dead load of the spandrel columns or walls and the floor system without being otherwise affected by the super- structure, and to design the superstructure as such without being affected by the action of the arch rib. Recent investigations both analytical and exper- imental in connection with structures in service show that large discrepan- cies, not always on the safe side, are introduced by neglecting in design the continuity of the structure. Reinforced-concrete does not lend itself to a complete segregation of the parts, and the usual assumptions made in 

+ 5700 
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design are often at serious variance with the conditions realized in construc- 
tion. This caution is introduced here, without detailed discussion of the 
correct methods of design, in order that certain important points shall be 
recognized and proper means taken for tieir solution. 

Fig. 99 shows a comparison of the calculated influence line for moment 
near the quarter point of an arch rib for the two cases. ‘The solid line is the 
influence line obtained by assuming the entire structure to act integrally as 
usually constructed; the dotted line is that obtained by assuming the arch 
rib to carry the superstructure as dead load without inter-action between the 
two. Comparisons for thrust and shear at this point and for moment, 
thrust and shear at other points show like discrepancies, not always on the 
safe side. 

The influence lines were obtained by the deformeter method of Professor 
George E. Beggs of Princeton University. This is a process of obtaining a 
ratio between an indeterminate reaction or between the stress in a member 
of an indeterminate structure and the load producing it, by measuring, in a 

celluloid or cardboard model of the structure, the relation between an arbi- 
trarily imposed displacement at the section under consideration and the 
resulting displacement at the point of application of the load and in the 
direction of its application as described in Sect. 

The structure for which the above comparisons are given is the Ashtabula 
Viaduct in Ohio as analyzed by D. H. Overman, Bridge Designer, Ohio 
Department of Highways, of which J. R. Burkey is Chief Engineer of Bridges. 
Fig. 100 shows Professor Beggs’s deformeter apparatus mounted over the 
celluloid model of this structure. The model is shown weighted down upon 
small ball-bearings resting upon plate glass to reduce friction acting against 
free motion in the model. 

. 52. Skewed Arches 
Demonstration of methods of analysis for the skew arches beyond the 

scope of this book but a brief general discussion is pertinent. 
The failure of many skewed reinforced-concrete arch bridges and concern 

for the safety of others have led many engineers to condemn such construction. 
The rapid growth of automobile traffic, however, and the economic pressure 
for elimination of grade crossings have brought this problem to the fore. It 
is doubtful if the public with its growing appreciation of esthetics in bridge 
construction will tolerate the construction of old-time girder and truss types 
for the many over-passes and under-passes that will have to be built in the 
near future, and the nature of modern traffic precludes kinking one highway, 
crossing another, in order to avoid the construction of a skewed arch or frame 
structure. The Arch Committee of the American Society of Civil Engineers 
has gone far toward a solution of this problem, taking advantage of the 
mathematical researches of Professor J. Charles Rathbun of the South 
Dakota School of Mines * and the investigations of Professor George E. Beggs 
of Princeton University by deformeter methods of mechanical analysis. 

Fig. 101 shows graphically the principal forces acting on a skewed single 
span arch-like structure (rigid-frame bridge) that do not exist in the “ right ” 
structure. A comparison of Figs. 102 and 103 shows the effect, on the prin- 
cipal system of reinforcing, of the forces introduced by the skew. The trans- 
verse rods in Fig. 102 are merely tie-rods whereas the transverse rods in Fig. 
103 are principal reinforcement. This is sufficient evidence of the importance 
of accounting for structural effects of skew in the safe design of important 
structures. 

* Trans. Am. Soc. C. E., 1924. 
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MISCELLANEOUS STRUCTURES 

53. Retaining Walls 

Forms of Walls built of reinforced concrete are made such that advantage 
is taken of the weight of the material supported to increase 
the stability of the wall against overturning. -Fig. 104 
represents in outline the usual type of reinforced wall. 
It consists of a vertical wall AE attached to a floor DC. 
For low walls the upright part of AE may act simply asa 
cantilever; and Ihkewise the parts EC and ED. For 
higher walls the part AE is tied to EC at intervals by 
back walls, AEC, in the form of thin transverse walls 
with tension reinforcement. The projecting portion ED 
may still act as a cantilever, or it, also, may be con- 
nected to the vertical wall 4 E by means of buttresses. 
In either case the earth pressures act in essentially the 
same manner, and the necessary width of base is found 
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in the same way. The first type is adapted to heights of 12 to 18 ft. For 
higher walls the second type will be more economical. 

Stability of Wall. The stability of a retaining wall is usually determined 
with reference to its overturning. For safety in this regard the common 
requirement is that the resultant line of pressure shall intersect the base within 
the middle-third. This gives a distribution of pressure such that there is 
some compression over the entire section. Besides stability against over- 
turning, the pressure on the foundation must be investigated and if found 
excessive the footings must be extended yntil the pressures are reduced to safe 
values. 

In Fig. 104 let k = height of wall, 7 = width of base, x = distance from toe 
to back of wall AE, k = x/l, P = total horizontal pressure of earth against 
the vertical section GC, w = weight of earth filling per cubic foot, Wi = weight 
of masonry per lineal foot, W2 = weight per lineal foot of earth above the 
floor EC, a = lever arm of W about point F, the edge of the middle-third. 
Then in order that the resultant pressure shall cut the outer edge of the middle- 
third the value of J is given by 

a 4 2 Ph — 6 Wia 
~ Vwh (1 +2k —3k) 

If the moment of the masonry, Wa, be neglected the value of & which will 
give a minimum value of /is 1/3. Using this value of & and taking w = 100 lb. 
per cu. ft. the value of / becomes 1 = 1/8 VV P in which / is to be expressed in 
feet and P in pounds. 

For other values of x//, or k, the width of base must be increased over that required 
for k = 1/3 by the following percentages: 

For z/l=k=0.5 0.25 0.15 0.10 0.0 
Per cent increase = 2 2 4 6 15 

Compared to masonry walls the reinforced wall with J/h = 1/4 to 1/3 has about the 
same stability as a solid masonry wall of the same width of base, and of the common 
type in which the outer face is battered 1 to 2 in. per foot. Under ordinary conditions 
a width of 0.4 to 0.5 the height will be required. 

Foundation Pressures. If the pressures on the foundations need to be 
considered the value of these pressures is obtained as described for footings, 
after first determining where the 

resultant of Wi, W2 and P cuts the jf fA. oO 
base. This feature of the design is 
too often neglected and most of the 
failures of retaining walls have been 
due to excessive pressures at the 
outer toe. The pressure can be re- 
duced to safe limits by widening the 
foundation or the foundation may 
be strengthened by means of piles. 

Stresses in the Wall. Form (1), 
Fig. 105 or 106. The bending mo- 
ment at the base of the upright por- 
tion AE is Ph/3. At any other 
section, F, it is P’h’/3, where P’ is Fig. 105 Fig. 106 
the pressure for depth /’. : 

Only a portion of the reinforcing rods need be carried up the full height. 
At the base the vertical rods must have sufficient anchorage to develop 
their full strength. 

~~------f--—---- ast Se ne pe gt gt 
i bu h kk 
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_The cantilever DE must be treated in the same manner as the upright can- 

tilever. The pressures will be much heavier and the shear and bond stress 

may need attention. The cantilever EC is acted upon by an upward and a 

downward force as shown in the figure. The maximum moment will be at E 

and will be negative. It is provided for by reinforcement as shown, which 

may be bent around into the toe DE or down into the projection EH if such 

is necessary to prevent sliding. The bending moments in DE and EC, due 

to upward earth pressure, can be readily found by means of the moment 

formulas given under the subject of footings for foundations. 

Form (b), Fig. 107. he external pressures are practically the same as in 

the case previously considered. The pressure against the longitudinal wall 

AE is carried laterally for the most part and given over to the inclined back 

its 

Fig. 107. Retaining Walls 

walls. The wall AE must therefore be designed as a slab supported along the 
lines AE, A’E’, and EL’, Fig. (b). 

The floor EC is supported by the back wall A EC and is therefore reinforced 
longitudinally as a floor slab in accordance with the resultant pressure at any 
point. The back wall ACE acts as a cantilever beam anchored to the floor. 
It is also a T-beam, the flange being the longitudinal wall AZ. The tension 
along the edge AC is carried by rods near the edge, whose stress at any point 
is found with sufficient accuracy by an equation of moments taken about the 
center of the front wall. The maximum stress will be at the bottom. The 
main tension rods in AC should be well anchored in the reinforcing rods of 
the floor EC. A few additional vertical rods should also be put in to insure 
thorough bonding of floor to wall. 

A horizontal beam may be made of the coping at A, thus giving some sup- 

port to the wall AB along its upper edge. A downward projection may be 
necessary at the toe D, or at some other point in the base, in order to increase 
the resistance against forward sliding. 

To prevent unsightly cracks, long walls must be provided with expansion joints at 
intervals of 50 to 75 ft., or must be reinforced longitudinally by 0.1 to 0.2% of steel. 
Long walls have thus been successfully built without expansion joints. 

The form of retaining wall shown in Fig. 107 was extensively used on the Great 
Northern R. R. at Seattle, Wash. (Eng. News, Vol. 53, 1905). . An estimate by C. F. 

Graff of the amounts of material per lineal foot required in reinforced and plain con- 
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is less likely to be injured in driving than a wooden pile. Where the bearing 

capacity depends largely upon frictional resistance the strength of the concrete 

pile may be taken the same as that of the wooden pile. Tapered piles appear 

to have a bearing capacity in soft material considerably greater than a straight 

pile of the same average diameter. 

In the construction of piers in sandy beaches molded piles having an enlarged base 
have been very successfully used. These have been jetted into place. The same 
form is well adapted generally to foundations in sand where the jet process can be used. 

In driving molded piles a driving head is used in which a cushion of sand, rope, or 
some other convenient material is interposed between a driving block of wood and the 
concrete. Experience indicates that any injury caused in driving rarely extends more 
than a few inches from the base of the pile. The jet process may often be used as in 
the case of wooden piles. In this case the end of the pile is preferably made square 
in order to provide a maximum of bearing surface. Where piles of considerable length 
are required the lower portion may often be advantageously made of wood and the 
upper portion of concrete doweled to the wooden pile. A considerable saving in cost 
is thus possible. In open water a hollow concrete pile driven over a wooden pile and 
to a firm bearing into the ground has given very satisfactory results. 

The cost of concrete piles is generally from two to four times as much as that of 
wooden piles, so that the former are not likely to be economical where the conditions 
are favorable to the life of the wooden pile. 

Sheet piling may also be made of concrete to advantage wherever it is desirable to 
leave it in place as a part of the permanent structure. 

Repairs to Wooden Pile Structures have been successfully made by enclosing the 
upper portion of the wooden pile within a concrete box constructed of slabs of rein- 
forced concrete. 

55. Pipe and Box Culverts 

Pipe and Box Culverts. For small openings the monolithic pipe or box form 
is very advantageous. Considerable settlement, as a whole, may be permis- 

sible, and hence solid founda- 
tions may not be needed. The 
cross-section may be circular, 
eliptical or rectangular. Theo- 
retically, the elliptical form is 

f the best, as it corresponds more 
{ nearly to the requirements for 
+ resisting the earth pressure. 

The circular is practically as 
good for small openings, whereas for large 
openings the rectangular form will often be 
the best on account of its simplicity and the 
smaller head-room required. Where the cul- 
vert is manufactured at a shop and trans- 
ported to the site, the circular or the elliptical 
form will usually be the most advantageous. 

The loads coming upon such structures cannot be 
very closely estimated, but except for small spans 
and high embankments the entire weight of filling 
and live load is usually assumed to act directly 
upon the structure. Thestresses may be calculated 
on the assumption that this load acts vertically 

Fig. 109. B and is uniformly distributed over the width or 
1g plane Of Gouvent diameter of the culvert. The lateral pressure 

should not be considered as an aid in supporting the vertical] load. On this basis the 
maximum bending moment in a circular culvert is given by M = 1/16pd?, where M = 

BA VUE 
eavnnvaaune’ rics 

LP 
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bending moment at crown and at center of base for a unit .ength of culvert, p = load per unit area andd = diameter of culvert. For rectangular culverts the bending moments may be taken as for a simply supported beam, and in the vertical walls the moments may be calculated for a lateral Pressure equal to 1/8 the vertical load. 
Reinforcement of Culverts. In the circular form a wire mesh is con- 

venient, especially for small diameters. A single mesh is sufficient, placed near the extrados at the sides and crossing the central axis at about the quarter 
point. In the rectanglar form, if reinforcement for negative moments at the 
corners is omitted, then the four sides will act as simple beams. 

Longitudinal reinforcement should be provided to some extent. Where 
foundations are good a very small amount will be sufficient, but if settlement 
is likely to occur the longitudinal reinforcement becomes of importance. The 
entire culvert will act as a beam subjected mainly to positive bending mo- 
ments. Most of the reinforcement should therefore be placed along the bot- 
tom of the culvert. Fig. 109 is a standard design for a rectangular box rail- 
toad culvert. 

Tests of reinforced culvert pipe by A. N. Talbot showed that under concentrated 
loads the actual strength was fully equal to the theoretical strength; and that under a 

- load distributed by means of a sand box the actual effective strength was relatively 
somewhat greater than for concentrated loads. Complete failure in the latter tests was generally prevented by lateral support from the sand box. 

56. Dams 
Two Types of Reinforced-Concrete Dams are shown in Figs. 110 and 111. 

The first is suitable for locations where little or no water passes over the crest, 
the second is designed to act as a spillway. 

—— = 

Fig. 110 Fig. 111 

of a water-tight reinforced floor on the upstream side, supported by solid 
buttresses placed 10 to 15 ft. apart and 12 to 24 in. thick. The upper wall 
may be supported directly on the cross walls and reinforced with longitudinal 
rods, or longitudinal beams may be used as shown and the slab supported on 
these. The pressure on the foundation is determined by considering the 
resultant of water pressure and weight of dam. The buttresses or cross walls 
are subjected to compressive stresses only. Ample longitudinal reinforcement 
should be provided to bind the structure together thoroughly. 

Where the foundation is solid rock the buttresses may rest directly upon it, but where 
a pile foundation is required a continuous floor should be provided under the entire 
structure and covering the heads of the piles. If well bonded together a reinforced- 
concrete dam is exceedingly strong and stable and must fail as a unit if at all. Great 
care must be exercised in securing a thorough connection between the foundation and 
dam by means of a deep concrete connection at the upper toe. When founded on 
piles all seepage of water underneath the dam must be cut off by a line of sheet piling 
at the upper toe. This piling should be well covered by the concrete. To prevent 
upward pressure’ on the floor, or upon the lower face, drain openings should be pro- 
vided connecting the interior with the tail-water level. 
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57. Dock and Harbor Wallis; Breakwaters 

Forces to be Considered. Dock and harbor walls not subjected to wave 

action are designed as retaining walls subjected to the earth pressure.on the 

land side with surcharge due to loads on docks or quays. The action of heavy 

ice may require consideration, both with respect to its pressure and its wearing 

effect. In the case of outer protecting works, such as breakwaters, piers or 

jetties, the action of the waves is the principal force to be considered. . 

Force of Waves. The pressure or force exerted by waves depends upon 

the velocity of the impinging water and its depth. The former depends upon 

the exposure, wind velocity, depth of water and shape of bottom. The 

velocity in shallow water is approximately proportional to the square root of 

the height of wave and the depth of water. The pressure due to impact is 

proportional to the square ofthe velocity and therefore is also approximately 

proportional to the height of wave and depth of water. 

Pressures due to impact of high waves have been measured in several cases. 

For waves 10 ft. high, pressures of 1800 to 3000 lb. per sa. ft. have been ob- 

served, and for extremely high waves of 25 to 30 ft. pressures of 6000 to 7000 

Ib. per sq. ft. have been noted. | In exposed locations large blocks of concrete 

weighing 3000 tons have been moved, requiring an estimated average pressure 

of over 2 tons per sq. ft. The maximum intensity occurs at about the mean 

water level, is zero at the crest and gradually diminishes towards the bottom. 

The impact of waves on either vertical or sloping walls causes large masses 

of water to be thrown upward which, on falling, strikes severe blows upon the 

upper surface of the wall or breakwater, tending to rupture it. 

Breakwaters are constructed in various ways. Timber cribs filled with 

stone are suitable for moderate wave action. The same construction, capped 

Fig. 112 

with concrete, as shown in Fig. 112, forms a strong combination. The struc- 
ture is built to above the water-level by the use of large concrete blocks. .The 

whole is then capped with mass concrete. Fig. 113 illustrates the same general 
type in which the mass is built of mass concrete deposited under water within 
temporary frames. Separate concrete blocks are often dovetailed or clamped 
together to give additional stability. ; 

Foundations for Breakwaters, not located: on solid rock, are commonly 
prepared by first depositing a broad layer of rubble stone at a flat slope and 
leveling up the top by the aid of careful soundings or by means of divers. 
Piles are also used, which are cut off below water level and protécted by heavy 
riprap. Bags of cement have also been frequently employed for the purpose. 

The Reinforced-Concrete Caisson furnishes perhaps the most satisfactory. 
method of construction yet devised. Fig. 114 illustrates such a form used 



i 

Art, 57 Dock and Harbor Walls 1109 

by W..V. Judson on Lake Michigan. The caisson is built at shore and 
towed to place. It is then sunk by filling one or more compartments with 
stone, and the whole is capped with concrete, sufficiently reinforced to pre- 
serve the monolithic character of the structure. Similar caissons have been 
employed for quay walls and breakwaters in European works. At. Rotter- 
dam, caissons were employed of dimensions 131 ft. X 32 ft. and 43 ft. high. 
These were built in dry docks, towed. to place and brought into alinement by 
means of a tongue-and-groove joint. Some cells were filled with concrete, 
others with sand or rock. Reinforced concrete possesses great advantages for 

Fig. 114. Reinforced-Concrete Caisson 

construction of this sort over ordinary masonry or concrete construction by 
reason of its monolithic character. 

Concrete sheet piling, fitted with tongue and groove, has been used success- 
fully for breakwaters. Two rows of such piling are driven, after which the 
intervening space is filled with sand and the whole capped with a super- 
structure of reinforced concrete. 

Sea Wall. Fig. 115 illustrates the Galveston sea wall. It is founded on piles and 
- constructed of mass concrete, but’this is reinforced near the front face, as shown. 

Dock and Harbor Walls are built, in the main, like ordinary retaining walls. 
Frequently a pile foundation is necessary. If the piles are driven in soft mate- 

Fig. 115. Galveston Sea Wall 

rial, one or more rows should be driven at a considerable inclination in order 
to resist the horizontal component of the pressure. The walls are commonly 
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constructed of concrete, either in loose blocks of mass concrete, plain or rein- 
forced. Where the wear from ice is heavy a concrete wall may well be faced 
with granite or with other hard stone. Reinforced concrete possesses the 
same advantages in this type of wall as for ordinary retaining walls and is 
built of the same general form. Fig. 116 shows the essential features. 

Anchored walls of reinforced concrete are often advantageous, especially in the con- 

struction of new walls along a river front where anchorage is readily secured. Fig. 117 

illustrates such a construction as carried out at Berne, Switzerland. The wall consists 

Fig. 117. An Anchored Wall Fig. 118. Canal Lock 

of a series of anchored beams connected by slab construction. The stability of the wall 
is measured by the stability of the entire mass between the wall and the anchorage. 

Dry Docks and Canal Locks. In this construction reinforced concrete is of ad- 
vantage, not only in the construction of the walls, but also in the floors, enabling them 
to be readily designed against upward pressure and in one piece with the walls. Fig. 
118 is a section through the lock on the Charles River, boston, showing this feature. 

58. Reservoirs, Tanks, Bins 

For Covered Reservoirs reinforced concrete is very well adapted. The rect- 

angular form with flat cover is usually the most convenient; its design involves 
the same features as building design with the additional one of impervious- 
ness. Fig. 119 illustrates a typical design of this kind for Indianapolis (Eng. 
News, Oct. 15, 1908). Especial care is required in such structures to prevent 
contraction cracks by the use of a liberal amount of reinforcement. 

Fig. 119. Covered Reservoir - 

Fig. 120 illustrates the general form of construction used in a large elevator 
at Baltimore. The walls of the bins are 8 in. thick and are reinforced with 
vertical rods of 1/2-in. round steel, spaced 3 ft. apart, and with horizontal 
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bars 3/8 in. by 1 to 1-3/4 in. spaced 12 in. apart. The hopper bottoms, the tunnels for the conveying machinery and the foundation floor resting upon the piles are all of reinforced 
concrete. (Eng. Record, Feb. 
20, 1909.) 

Elevated towers and tanks 
may also be made of concrete, 
but high pressures are difficult 
to deal with. Bins and coal 
pockets are structures for which 
concrete is well adapted. For 
the storage of coal bins of 
unprotected steel are not 
durable, but reinforced concrete 
furnishes an almost ideal ma- 
terial, lending itself readily to 
the necessary form for strength 
and furnishing the desired 

- durability. 
él be a L Reinforced concrete is ad- pn Si vantageously used in other [ 

minor forms of structures and 
structural elements. Note- 
worthy among such uses is its 
employment for fence posts and poles for various purposes. In building 
construction it is found that sills, lintels, steps and staircases’ are usually 
cheaper in reinforced concrete than in stone or metal. 

a 

Fig. 120. Grain Elevator 

59. Conduits, Sewers, Pipes 

For Conduits not under pressure, large sewers and the like, reinforced con- 
crete lends itself to convenient and economical construction. As to the analy- 
sis and design, these structures are only special cases of the monolithic pipe 
or box which was discussed in Art. 55. The character of the foundation and 
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Fig. 121 ; Fig. 122 

convenience in construction will lead to various modifications of design. 
Fig. 121 is a typical cross-section of a large sewer for Harrisburg, Pa. ? A mesh 
of expanded metal is used for reinforcement, arranged to resist positive mo- 
ments excepting at bottom and corners. Fig. 122 illustrates a design of a 
circular pipe or conduit molded in place. 

Reinforced concrete has also been used to some extent for pipes under Pressure, but 
it is very difficult to secure imperviousness under heads of considerable magnitude. 



fob 4 Miscellaneous Structures Sect. 11 

In pressure pipes the tensile stress is entirely taken by the steel, the concrete furnishing 

merely for the impervious layer and resisting bending due to earth loading. 

Pipes of reinforced concrete separately molded in sections 

have been successfully used for moderate pressures with a 

considerable economy over metal. The joining of such pipes is 

accomplished by overlapping of the reinforcement. One method 

of doing this is illustrated in Fig. 123. 

60. Chimneys 

General Design. A reinforced-concrete chimney con- 

sists of the outer main shell, the inner shell or lining, 

and the base. The outer shell is made 4 to 6 in, 

thick at the top and 8 to 12 in. at the bottom, depending upon the height 

and diameter. The inner shell is generally made 4 in. in thickness, and of con- 

crete or fire brick, the latter being preferable for high temperatures. The 

amount of reinforcement required is small, as the load is purely vertical and 

ofsmallamount. Half-inch rods spaced 1 to 2 ft. apart areample. The lining 

is generally carried up about one-third the height, but the large amount of 

cracking which has occurred in some chimneys just above the lining indicates 

the desirability of more extensive linings. The outer shell is designed to 

resist wind pressure and also with some reference to the temperature stresses. 

The base must be of such an area that the maximum earth pressure due to 

vertical load and wind pressure will not exceed safe limits. The thickness 

is then determined with reference to the bending and shearing stresses which 

are caused by these pressures. 

Fig. 123 

Wind Stresses. The stresses at any given section, distance k below the 

top, will be determined. The notation is as follows: 

A 

As 
W 

area of chimney section under consideration. 
total area of steel sections. 
weight of superincumbent portion of chimney. 
wind pressure on that portion. 
bending moment at the section. 
distance from the center of the section to where the resultant of the weight 

and wind pressure cuts the section (“‘ eccentric distance ’’). 

unit stress in concrete adjacent to the steel at lee side. 
unit stress in concrete adjacent to steel at windward side. 
distance from top to section considered. 
mean radius of section. 
unit stress in steel at the windward side. 
steel ratio, As/A. 
a coefficient such that fe = mW/A. 
a coefficient such that fc’ = m’W/A. ie 
ratio of modulus of elasticity of steel to that of concrete, taken at 15. 

i 

ig 
M 
€ 

hid iod tan 

The value of-e is first to be determined by the formulas: 

M = 1/2 Ph e =M/W = Ph/2 Wi 

If eis greater than 1/2 7 there will be tension on the windward side... In this 
case it is assumed that the steel will carry all the tension. . If the tensile stress 
is small, however, the concrete will not be overstressed and it may be desirable 

to calculate its stress on this assumption. Two cases will therefore be con- 
sidered: (1) Where the stresses are all compressive, or the tension on the 
windward side is small (less than 50 lb..per sq. in., say), and (2) where there 
are large stresses on the windward side and the concrete is neglected. 
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Case 1. Having found e as above described the unit stresses are found by 

ea Ww t +2e/r aoe epate 2e/r W fo = ms alee hl 
Ai As eet cae = l—np A 

Case 2. Practical formulas for this case cannot be stated, but the curved 
lines in Fig. 124 give values of m for different values of e/r and of bd. Then 
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Fig. 124. Diagram for Reinforced-Concrete Chimneys 

fe =mW/A. The straight lines give the ratio of 2 for the given value e/r 
c 

and #; from this ratio the value of Ss is determined. 
The maximum concrete stress is slightly greater than the values calculated 

by the above formulas, as these give the stress adjacent to the steel. The 
results are, however, sufficiently accurate. 

The Wind Pressure commonly assumed is 25 to 50 lb. per sq. ft. on the 
projected area, but this is probably higher than necessary. Experiments 



1114 Miscellanous Structures Sect. 11 

made at the Eiffel Tower and at the National Physical Laboratory of England 

show that the pressure per square foot on square, flat surfaces, from 10 to 100 

sq. ft. in extent, is 0.0032 times the square of the wind velocity in miles per 

hour. Taking the velocity at 100 miles per hour and the pressure on a cylin- 

drical surface at 2/3 that on the projected plane, a value of 20 Jb. per sq. ft. is 

deduced, which should be ample. 

Temperature Stresses. Both theoretical considerations and evidence from 
practice indicate that temperature stresses are likely to be high, especially 
near the top of the lining. They occur in direction both vertically and cir- 
cumferentially and are due to the high temperature of the interior as com- 
pared to the exterior. Both vertical and horizontal cracks of the exterior are 
of frequent occurrence and are doubtless due to this cause. Assuming the 
coefficient of expansion to be the same at all temperatures, a theoretical analy- 
sis indicates that for 1% of circumferential reinforcement the compressive 
stress in the concrete on the interior is as much as 350 lb. per sq. in. for each 
100° difference in temperature between exterior and interior surfaces; the 
corresponding stress in the steel is about 5000 lb. per sq. in. Approximately 
the same stresses are caused in the vertical reinforcement. The stresses in the 
concrete increase somewhat with increase in reinforcement, but decrease in the 
steel; they are proportional to the differences in temperature of outer and inner 
surfaces. A difference in temperature of 200° will therefore bring the com- 
pressive stress well up to safe limit. So far as temperature stresses are con- 
cerned it is advantageous to use a small amount of steel. 

Bases. The bases of chimneys are designed in the same manner as column footings. 
In this case, however, the earth pressures must be determined with reference to the 
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Fig. 125 

effect of wind pressures and vertical load combined. The resultant of the wind pres- 
sure, the weight of chimney, the earth filling above the base and the base itself is to be 
first determined. Suppose the resultant cuts the base at a distance e from the center. 
Let W = total vertical load, M = wind moment at bottom of base, A = area of base, 
d = maximum diameter of rectangular base, or diameter of circular base, and p = 
maximum pressure on foundation per unit area. Then e = M/W. The values of » 
are as follows: ; 

For rectangular bases, wind acting in the direction of the diagonal, and for values of 
e less than d/12, = W/A +12'M/Ad. For circular bases, and values of e less 
than d/8, p = W/A +8M/Ad. For either rectangular or circular bases, and values 
ps é greater than the limits above given, = mW/A, in which m is to be taken from 

ig. 125, 
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APPENDICES 

The American Society for Testing Materials (1926) 

Appendix 1. Cement Manufacture 

Cement. In engineering literature the term cement is understood to mean 
the finely pulverized product obtained by the burning of a suitable mixture of 
argillaceous and calcareous materials, or by an artificial mixture of such 
materials after burning, which will possess the property of hardening into a 
solid mass when mixed with water. The essential ingredients in the manu- 
facture of cement are calcium carbonate (CaCOs), silica (SiO2) and alumina 
(Alz03); the last two, combined in various proportions, constitute the argil- 
laceous material. The characteristic property of cement is that of harden- 
ing by the addition of water, and therefore its ability to harden when 
excluded from the air. 

Portland Cement is the finely pulverized product resulting from the cal- 
cination to incipient fusion of an intimate, artificial mixture of properly pro- 

~ portioned argillaceous and calcareous materials. It has a definite chemical 
composition. varying within comparatively narrow limits. There are three 
distinct stages in the process of its manufacture: (1) the preparation of the 
correct mixture by the selection, mixing and grinding of the ingredients, 
(2) the burning of the mixture to a clinker, and (3) the pulverizing of the 
burned clinker to a fine powder. Portland cement is distinguished by uni- 
formity of quality and high strength which it rapidly acquires. 

Portland cement should be used in structures where strength is of special 
importance, or where the structure is exposed to the action of the elements. 
It should be used invariably in reinforced concrete construction. 

Manufacture of Portland Cement. A great variety of materials is avail- 
able for the manufacture of portland cement. The principal combinations in 
use are as follows: 

Argillaceous. Calcareous. 

(1) Argillaceous limestone (cement rock). Pure limestone. 
(2) Clay or shale. Pure limestone. 
(3) Clay or shale. Chalky limestone or chalk. 
(4) Clay. Marl. 

(5) Clay Alkali waste. 
(6) Blas urnace slag. Pure limestone. 

Two general processes are used in the grinding and mixing of the raw mate- 
rial, the dry and the wet. In the dry process, the material is thoroughly 
dried and then finely ground, the latter stages of grinding being done after the 
mixing. Where slag is used it is first granulated by being run into water, 

which causes it to form into small, easily crushed particles. In the wet process 
the material is mixed and ground together into a “ slurry ” containing 60 to 
70% of water. This slurry is then pumped directly to the burning kiln. The 
wet process is generally used with clay and marl. 

After this preparation the material is burned to a clinker in a kiln of which 
there are two general types, the fixed vertical kiln and the continuous rotary 
kiln. The latter is used in most American plants, and to its development is 

due, largely, the growth of the cement industry in this country. From 100 
to 200 lb. of coal are required per barrel of product, and the production per 
kiln is generally from 100 to 300 barrels. 
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The final grinding of the burned clinker is of the greatest importance. As 

it is only the very finest particles (the “ flour ”) that possess active properties, 

the advantage of fine grinding is obvious, this is done in two or three stages. 

The necessary calcium sulfate is generally added before the final grinding. 

Natural Cement is the finely pulverized product resulting from the cal- 
cination of an argillaceous limestone at a temperature below fusion. The 
proportions of lime and clay in the raw material may vary between much 
wider limits than in the case of portland cement. Natural cement does not 
develop its strength as quickly nor is it as strong or uniform in composition 
as portland cement. It is now little used in the United States. 

Natural cement is silitable for use in structures where mass and weight 
rather than strength are the essential features. It is thus adapted for use in 
many underground structures, such as sewers, conduits, massive foundations 
and in the unexposed portions of large and massive structures above ground, 
such as dams, retaining walls, piers and abutments. Used alone, or mixed 
with lime mortar, it also makes a suitable mortar for ordinary brick and stone 

masonry. 

Puzzolan or Slag Cement is the finely pulverized product resulting from 
grinding a mechanical mixture of fused argillaceous material and hydrated 
lime. The argillaceous substance may consist of natural puzzolaric material, 
such as volcanic ash, trass or allied igneous material, or of artificial materials, 
such as blast-furnace slag or burnt clay. Puzzolan cement is not as strong or 
reliable as portland or natural cement and is not extensively used in’ the 
United States. Its use should be confined to unexposed work where great 
strength is not required. 

Appendix 2. Testing of Cement 

Standard Cement Tests. In all important work the cement should*be 
fully specified and regularly tested. For unimportant work, however, there 
is little danger to be feared in using well-known brands of cement without 
testing. Results of test depend largely upon the method of making them; it is 
hence very important that definite and uniform methods be used. The kinds 
of tests usually made are as follows: (1) Fineness. «(2) Time of setting. 
(3) Tensile strength of neat cement and of sand mortar. (4) Soundness, or 
constancy of volume. A chemical analysis is also desirable on large work. 
Of much importance in securing uniform and reliable results are the methods 
of sampling, the consistency of the mortar, temperature of the material, char- 
acter of sand used and of apparatusemployed. The standard methods of test- 
ing given below have come into general use in the United States. 

Standard Methods of Cement Testing devised and recommended by the 
American Society for Testing Materials (1926) are given here (chemical analy- 
sis omitted). 

Fineness. Wire cloth for standard sieves for cement shall be woven (not twilled) 
from brass, bronze, or other suitable wire, and mounted without. distortion on frames 
about 2 in. below the top of the frame. The sieve frames shall be circular, approxi- 
mately 8 in. in diameter, and may be provided with a pan and cover. 

2. A standard No. 200 sieve is one having nominally an 0.0029-in, opening and 200 
wires per inch standardized by the U.S, Bureau of Standards, and conforming to the 
following requirements: 

The No, 200 sieve should have 200 wires per inch, and the number of wires in any 
whole inch shall not be outside the limits of 192 to 208. No opening between adjacent 
parallel wires shall be more than 0.0050 in. in width. ~The diameter of the wire should 
be 0.0021 in. and the average diameter shall not be outside the limits 0.0019 to 0.0023 
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in. The value of the sieve as determined by sieving tests made in conformity with the 
standard specification for these tests on a standardized cement which gives a residue 
of 25 to 20% on the No. 200 sieve, or on other similarly graded material, shall not show 
a variation of more than 1.5% above or below the standards maintained at the Bureau 
of Standards. 

3. The test shall be made with 50 grams of cement. The sieve shall be thoroughly 
clean and dry. The cement shall be placed on the No. 200 sieve, with pan and cover 
attached, if desired, and shall be held in one hand in a slightly inclined position so that 
the sample will be well distributed over the sieve, at the same time gently striking the 
side about 150 times per minute against the paJm of the other hand on the up stroke. 
The sieve shall be turned every 25 strokes about one-sixth of a revolution in the same 
direction. The operation shal] continue until not more than 0.05 gram passes through 
in 1 minute of continuous sieving. The fineness shall be determined from the weight 
of the residue on the sieve expressed as a percentage of the weight of the original 

sample. 

4. Mechanical sieving devices may be used, but the cement shall not be rejected if 
it meets the fineness requirement when tested by the hand method described in Par. 3. 

5. A permissible variation of 1 will be allowed, and all results in excess of the speci- 
fied limit but within this permissible variation shall be reported as 22%. 

Mixing Cement Pastes and Mortars. 6. The quantity of dry material to be 
mixed at one time shall be 500 grams for neat cement mixtures and 1000 grams for 
mortar mixtures. The proportions of cement or cement and sand shall be stated by 
weight in grams of the dry materials; the quantity of water shall be expressed in cubic 
centimeters (1 cc. of water = 1 gram). Thedry materials shall be weighed, placed 
upon a non-absorbent surface, thoroughly mixed dry if sand is used, and a crater 
formed in the center, into which the proper percentage of clean water shall be poured; 
the material on the outer edge shall be turned into the crater by the aid of a trowel. 
After an interval of 1/2 minute for the absorption of the water the operation shall 
be completed by continuous, vigorous mixing, squeezing and kneading with the 
hands for at least a minute. During the operation of mixing, the hands should be 
protected by rubber gloves. 

7. The temperature of the room, apparatus, materials and mixing water shall be 
Maintained as nearly as practicable at 21° C. (70° F.). 

Normal. Consistency. 8. The Vicat apparatus consists of a frame bearing a mov- 

able rod weighing 300 grams, one end being 1 cm. in diameter for a distance of 6 cm., 

the other having a removable needle 1 mm. in diameter, 6 cm. long. The rod is rever- 

sible, and can be held in any desired position by a screw, and has midway between the 

ends a mark which moves under a scale (graduated to millimeters) attached to the 

frame. The paste is held in a conical, hard-rubber ring 7 cm. in diameter at the base, 

6 cm, at the top, and 4 cm. high, resting on a glass plate about 10 cm. square. 

9. In making the determination, 500 grams of cement, with a measured quantity of 

water, shall be kneaded into a paste, as described in paragraph 6, and quickly formed 

into a ball with the hands, completing the operation by tossing it six times from one 

hand to the other, maintained about 6 in. apart; the ball resting in the palm of one hand 

shall be pressed into the larger end of the rubber ring held in the other hand, completely 

filling the ring with paste; the excess at the larger end shall then be removed by a single 

movement of the palm of the hand, the ring shall then be placed on the larger end ona 

glass plate and the excess paste at the smaller end sliced off at the top of the ring by a 

single oblique stroke of a trowel held at a slight angle with the top of the ring. During 

these operations care shall be taken not to compress the paste. The paste confined in 

the ring, resting on the plate, shall be placed under the rod, the larger end of which shall 

be brought in contact with the surface of the paste; the scale shall then be read, and the 

rod quickly released. The paste shall be of normal consistency when the rod settles 

to a point 10 mm. below the original surface in 1/2 minute after being released. The 

apparatus shall be free from all vibrations during the test. Trial pastes shall be made 

with varying percentages of water until the normal consistency is obtained. The 

amount. of water required shall be expressed in percentage by weight of the dry 

cement. 

10. The consistency of standard mortar shall depend on the amount of water re- 
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quired to produce a paste of normal consistency from the same sample of cement. 

Having determined the normal consistency of the sample, the consistency of standard 

mortar made from the same sample shall be as indicated in the table, the values being 

in percentage of the combined dry weights of the cement and standard sand: 

Percentage of Water for Standard Mortars 

Percentage of 
water for neat ce- 
ment paste of 

normal 

consistency 

Percentage of Percentage of 
water for neat ce- | water for one ce- 
ment paste of ment three 

normal standard Ottawa 
consistency 

Percentage of 
water for one ce- 

ment, three 

standard Ottawa 
sand 

13 
16 
17 
18 
19 
20 
21 
22 RO@ONUwWNO AwNnNOMTNW wares 

Soundness. 11. A steam apparatus, which can be maintained at a temperature 
between 98 and 100° C. is recommended. 

12. A pat from cement paste of normal consistency about 3 in. in diameter, 1/2 in. 
thick at the center, and tapering to a thin edge, shall be made on clean glass plates 
about 4 in. square, and stored in moist air for 24 hours. In molding the pat, the ce- 
ment paste shall be flattened on the glass and the pat then formed by drawing the 
trowel from the outer edge toward the center. 

13. The pat shall then be placed in an atmosphere of steam at a temperature be- 
tween 98 and 100° C. upon a suitable support 1 in. above boiling water for 5 hours. 

14. Should the pat leave the plate, distortion may be detected best with a straight- 
edge applied to the surface which was in contact with the plate. 

Time of Setting. 15. The following are alternate methods, either of which may be 
used as ordered: 

16. The time of setting shall be determined with the Vicat apparatus. 

17. A paste of normal consistence shall be molded in the hard-rubber ring as de- 
scribed in paragraph 8 and placed under the movable rod, the smaller end of which 
shall then be carefully brought in contact with the surface of the paste, and the rod 
quickly released. The initial set shall be said to have occurred when the needle ceases 
to pass a point 5 mm. above the glass plate in 1/2 minute after being released; and the 
final set, when the needle does not sink visibly into the paste. The test pieces shall be 
kept in moist air during the test. This may be accomplished by placing them on a 
tack over water contained in a pan and covered by a damp cloth, kept from contact 
with them by means of a wire screen, or they may be stored in a moist closet. Care 
shall be taken to keep the needle clean, as the collection of cement on the sides 
of the needle retards the penetration, while cement on the point may increase the pene- 
tration. The time of setting is affected not only by the percentage and temperature 
of the water used and the amount of kneading the paste receives, but by the tempera- 
ture and humidity of the air, and its determination is therefore only approximate. 

18. The time of setting shall be determined by the Gillmore needles. 

19. The time of setting shall be determined as follows: A pat of neat cement paste 
about 3 in. in diameter and 1/2 in. in thickness with a flat top mixed to a normal con- 
sistency shall be kept in moist air at a temperature maintained as nearly as practicable 
at 21° C. (70° F.). The cement shall be considered to have acquired its initial set 
when the pat will bear, without appreciable indentation, the Gillmore needle 1 /12 in. 
in diameter, loaded to weight 1/4 lb. The final set has been acquired when the pat 
will bear, without appreciable indentation, the Gillmore needle 1/24 in. in diameter, 
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loaded to weigh 1 1b. In making the test, the needles shall be held in a vertical posi- 
tion, and applied lightly to the surface of the pat. 

Tension Tests. 20. The form of test piece shown in Fig. 126 shall be used. The 
molds shall be made of non-corroding meta] and have sufficient material in the'sides to 

(1 inch thick) 

1 : ‘ 
\ ~ 

see 

Fig. 126 

prevent spreading during molding. Molds shall be wiped with an oily cloth before 
using. 

21. The sand to be used shall be natural sand from Ottawa, Ill., screened to pass a 
No. 20 sieve and retained on a No. 30 sieve. This sand may be obtained from the 

Ottawa Silica Co., Ottawa, IIl. 
22. This sand, having passed the No. 20 sieve, shall be considered standard when not 

more than 5 grams pass the No. 30 sieve after one minute continuous sieving of a 

500-gram sample. 

23. The sieves shall conform to the following specifications: 
The No. 20 sieve shall have between 19.5 and 20.5 wires per whole inch of the warp 

wires and between 19 and 21 wires per whole inch of the shoot wires. The diameter of 
the wire should be 0.0165 in. and the average diameter shall not be outside the limits 
of 0.0160 and 0.0170 in. 

The No. 30 sieve shall have between 29.5 and 30.5 wires per whole inch of the warp 
wires and between 28.5 and 31.5 wires per whole inch of the shoot wires. The diameter 
of the wire should be 0.0110 in and the average diameter shall not be outside the limits 
0.0105 to 0:0115 in. 

24. Immediately after mixing, the standard mortar shall be placed in the molds, 
pressed in firmly with the thumbs and smoothed off with a trowel without ramming. 

Additional mortar shall be heaped above the mold and smoothed off with a trowel; 

the trowel shall be drawn over the mold in such a manner as to exert a moderate pres- 

sure on the material. The mold shall then be turned over and the operation of heap- 

ing thumbing and smoothing off repeated. 

25. Tests shall be made with any standard machine. The briquets shall be tested 

as soon as they are removed from the water. The bearing surfaces of the clips and bri- 

quets shall be free from grains of sand or dirt. The briquets shall be carefully centered 

and the load applied continuously at the rate of 600 lb. per minute. 

26. Testing machines should be frequently calibrated in order to determine their 

accuracy. 

27. Briquets that are manifestly faulty, or that give strengths differing more than 

15% from the average value of all test pieces made from the same sample and broken at 

the same period, shall not be considered in determining the tensile strength. 

Storage of Test Pieces. 28. The moist closet may consist of a soapstone, slate or 

concrete box, or a wooden box lined with metal. If a wooden box is used, the interior 

should be covered with felt or broad wicking kept wet. The bottom of the moist closet 

should be covered with water. The interior of the closet should be provided with non- 

absorbent shelves on which to place the test pieces, the shelves being so arranged that 

they may be withdrawn readily. 
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29. Unless otherwise specified all test pieces, immediately after molding, shall be 
placed in the moist closet for from 20 to 24 hours. 

30. The briquets shall be kept in molds on glass plates in the moist closet for at 
least 20 hours. After 24 hours in moist air the briquets shall be immersed in clean 
water in storage tanks of non-corroding material. 

31. The air and water shall be maintained as nearly as practicable at a temperature 
OTIC. 702 Fs 

Appendix 3. Specifications for Cement 

Standard Specifications for Portland Cement. American Society for Test- 
ing Materials, Standards, 1926. 

Definition. Portland cement is the product obtained by finely pulverizing clinker 
produced by calcining to incipient fusion, an intimate and properly proportioned mix- 
ture of argillaceous and calcareous materials, with no additions subsequent to calcina- 
tion excepting water and calcined or uncalcined gypsum. 

Chemical Properties. The following limits shall not be exceeded: 

Loss on Ignition, Pereeht... . oe. «vc << abs cane code onc 4.00 
Insoluble residue, perieent sc. o< casc << Gavsccecdnme 0.85 
Sulfuric anhydride (SO3), per cent..............-..00 2.00 
Magnesia (MgO), per cent...........a0c00e 

Physical Properties 
(1) Fineness. The residue on a standard No. 200 sieve shall not exceed 22% by 

weight. 

(2) Soundness. A pat of neat cement shall remain firm and hard, and show no 
signs of distortion, cracking, checking, or disintegration in the steam test for sound- 
ness. 

(3) Time of Setting. The cement shall not develop initial set in less than 45 min- 
utes when the Vicat needle is used or 60 minutes when the Gillmore needle is used. 
Final set shall be attained within 10 hours. 

(4) Tensile Strength. The average tensile strength in pounds per square inch of 
not less than three standard mortar briquets composed of one part cement and three 
parts standard sand by weight, shall be equal to or higher than the following: 

Age at P 
teat days Storage of briquets 

7 
28 

7. The average tensile strength of standard mortar at 28 days shall be higher than 
the strength at 7 days. 

Packages, Marking and Storage, 8. The cement shall be delivered in suitable bags or barrels with the brand and name of the manufacturer plainly marked thereon, unless shipped in bulk. A bag shall contain 94 lb. net. A barrel shall contain 
376 Ib. net. 

9. The cement shall be stored in such a manner as to permit easy access for proper inspection and identification of each shipment, and in a suitable weather-tight build- ing which will protect the cement from dampness. 
Inspection. 10. Every facility shall be provided the purchaser for careful sampling and inspection at either the mill or at the site of the work, as may be specified by the purchaser, At least 12 days from the time of sampling shall be allowed for the com- pletion of the 7-day test, and at least 33 days shall be allowed for the completion of the 28-day test. The cement shall be tested in accordance with the methods herein- before prescribed. The 28-day test shall be waived only when specifically so ordered. 
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Rejection. 11. The cement may be rejected if it fails to meet any of the require- 
ments of these specifications. 

12. Cement remaining in storage prior to shipment for a period greater than 6 
months after test shall be retested and shall be rejected if it fails to meet any of 
the requirements of these specifications. 

13. Cement shall not be rejected on account of failure to meet the fineness require- 
ment if upon retest after drying at 100° C. for 1 hour it meets this requirement. 

14. Cement failing to meet the test for soundness in steam may be accepted if it 
passes a retest using a new sample at any time within 28 days thereafter. 

15. Packages varying more than 5% from the specified weight may be rejected; 
and if the average weight of packages in any shipment, as shown by weighing 50 
eeereees taken at random, is less than that specified, the entire shipment may be 
rejected. 

Standard Specifications for Natural Cement. Adopted by the American 
Society for Testing Materials, 1904; revised 1908, 1909: 

Definition. 1. Natural cement is the finely pulverized product resulting from the 
calcination of an argillaceous limestone at a temperature only sufficient to drive off the 
carbonic acid gas. : 

Physical Properties. 2. The residue on a standard No. 100 sieve shall not ex- 
ceed 10%, and on a standard No. 200 sieve shall not exceed 30%, by weight. 

3. Pats of neat cement about 3 in. in diameter, 1/2 in. thick at center, tapering toa 
thin edge, shall be kept in moist air for a period of 24 hours. 

(a) A pat shall then be kept in air at normal temperature. 
(b) Another pat shall be kept in water maintained as near 70° F. as practicable. 
These pats shall’ be observed at intervals for at least 28 days, and, to satisfactorily 

pass the tests, shall remain firm and hard and show no signs of distortion, checking, 

cracking, or disintegrating. 

4. The cement shall not develop initial set in less than 10 minutes, using the Vicat 
needle. Final set shall be attained in not less than 30 minutes nor more than 3 hours, 
using the Vicat needle. ) : 

5. The minimum requirements for tensile strength for briquets 1 sq. in, in cross- 
section shall be as follows, and the cement shall show no retrogression in strength 
within the periods specified: 

Age Neat cement Strength 

Pee OUP S A TROIS Ashe bscrostne > erat spn our A vtln pies iarrme\ ons ide 75 lb. 
7 days (1 day in moist air, 6 days in water)...........64 150 lb. 

28 days (1 day in moist air, 27 days in water)..-.-...+4-- 250 lb. 

One part cement, three parts standard Ottawa Sand 

7 days (1 day in moist air, 6 days in water)..-...-..0006 50 lb. 
28 days (1 day in moist air, 27 days in water)............ 125 lb. 

Packages, Marking and Storage. 6. The cement shall be delivered in suitable 

bags or barrels with the brand and name of the manufacturer plainly marked thereon. 

A bag shall contain 94 lb. net. A barrel shall contain 282 Ib. net. 

7. The cement shall be stored in such a manner as to permit easy access for proper 

inspection and identification of each shipment, and in a suitable weather-tight building 

which will protect the cement from dampness. 

Inspection. 8. (a) Every facility shall be provided the purchaser for careful sam- 

pling and inspection at either the mill or at the site of the work, as may be specified by 

the purchaser. Atleast 10 days from the time of sampling shall be allowed for the com- 

pletion of the 7-day test, and at least 31 days shall be allowed for the completion of the 

28-day test. 

(b). The cement shall be tested in accordance with the methods contained in the 

Standard Specifications and’ Tests for Portland Cement of the American Society for 

Testing Materials. 
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Rejection. 9. The cement may be rejected if it fails to meet any of the require- 
ments of these specifications. 

10. Cement failing to meet the 7-day requirements may be held awaiting the results 
of the 28-day tests before rejection. 

Note. For specification for High-Early-Strength Cement see Appendix 7. 

American Society for Testing Materials. 

Appendix 4. Tentative Specifications for Concrete 
Aggregates 

Serial Designation: C 33 — 28 T 

This is a Tentative Standard, published for the purpose of eliciting criticism and 
suggestions, and as such is subject to annual revision. 

Issued, 1921; Revised, 1923, 1926, 1928 

Quality of Aggregates 

It is recognized that for certain purposes satisfactory results may be ob- 
tained with materials not conforming to these specifications. In such cases 
the use of fine and coarse aggregate not conforming to these specifications 
should be authorized only under special provisions based upon laboratory 
studies of the possibility of designing a mixture of materials to be used on the 
job that will yield concrete equivalent to the specified mixture made with 
material complying with these specifications in all respects. 

Fine Aggregate 

General Characteristics. 1. Fine aggregate shall consist of sand or other approved 
inert materials with similar characteristics, or a combination thereof, having hard, 
strong, durable particles and shall conform to the requirements of these specifications. 

Deleterious Substances. 2. (2) The maximum percentages of deleterious sub- 
stances shall not exceed the following values: 

Per cent 
by weight 

Removed by decantation. a cet Se sis detassts wb arabe 2 Saxe 3 
SRLS os va ssw ss COREE SE ee OSs atte Sabaneta 1 
COR Tre ote ce hee eee eee eS eee cee ines 1 
Clay adumpstoes 2 ko ae eer be es ee rad Breas 1 
Other local deleterious substances (such as alkali, mica, 

coated grains, sift and flaky particles)............... 

Note. It is recognized that under certain conditions maximum percentages of 
deleterious substances less than those shown in the table should be specified. 

(b) The sum of the percentages of shale, coal, clay lumps, soft fragments and other 
deleterious substances shall not exceed 5 per cent by weight. 

(c) All fine aggregate shall be free from injurious amounts of organic impurities. 
Aggregates subjected to the colorimetric test for organic impurities and producing a 
color darker than the standard shall be rejected unless they pass the mortar strength 
test as specified in Sect. 4. 

Grading. 3. (a) Fine aggregate shall be well graded from coarse to fine and when 
tested by means of laboratory sieves * shall conform to the following requirements: 

* For detail requirements for these sieves, see the Standard Specifications for Sieves 
for Testing Purposes (Serial Designation: E 11) of the American Society for Testing 
Materials, 1927 Book of A.S.T.M. Standards, Part Th p91 
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Per cent 

PASSMES A GlO-MT SIE ET oe oc ee tla le h ee NB AN 100 
PAGAN @ AUG. SOSIONE 5 Leite i itrnn e's dine vaicivts +e EO) REO. (100) 
Pane # NG 1ORIEVE. ious at ee ee eee (45) to (80) 
PANE at, NO SOTMIEVES tcc one le ee (2) to (30) 
Pasnew Norte sieves... sicwee sk ce bee cs. 5 (0) to (5) 

Note. Figures in parentheses are suggested as limiting percentages but they may 
be altered within these limits to suit local conditions. 

(b) In case the concrete resulting from. a-mixture of aggregates approaching the 
extreme limits for gradation is not of a workable character, or when finished does not 
exhibit a proper surface, due to an excess of particles approximately 1/8 to 1/2 in. in 
size, either a fine aggregate having a sufficiently greater percentage of fine material, or 
a coarse aygregate having a sufficiently smaller percentage of fine material must be 
used. 

Mortar Strength. 4. Fine aggregates, when subjected to the mortar strength test, 
shall have a tensile or compressive strength at the age of 7 and 28 days of not less than 
(100) % * of that developed by mortar of the same proportions and consistency made 
of the same cement and standard Ottawa sand. 

Coarse Aggregate 

General Characteristics. 5. Coarse aggregate shall consist of crushed stone, 
gravel, blast-furnace slag, or other approved inert materials of similar characteristics, 
or combinations thereof, having hard, strong, durable pieces, free from adherent coat- 
ings and conforming to the requirements of these specifications. 

Deleterious Substances. 6. (a) The maximum percentages of deleterious sub- 
stances shall not exceed the following values: 

Per cent 
by weight 

HEOAV CU OY GECAMCALIOM. «uty Ha cual Viale sl Varo alepn tea otto ocala 1 
I LC ey ete Sete A OO oy anes Le a oe cee 1 
BOTS Re es Sg SET Oe i A ee ES CI RR 1 
MAY MEINE SS 5.95/23 Peta ane A sP ote cap hee Erelse ke Bec tensab alah dceansah ole 1/2 
SOLE TL AMICUS cic oc5 tolls erie PRED «oe he up canal PGT ETE 5 
Other local deleterious substances (such as alkali, friable, 

thin, elongated, or laminated pieces),..............0. ee 

Note. It is recognized that under certain conditions maximum percentages of 
deleterious substances less than those shown in the table should be specified. 

(b) The sum of the percentages of shale, coal, clay lumps and soft fragments shall 
not exceed 5% by weight. 

Grading. 7. (a) Coarse aggregate shall be well graded, between the limits 
specified, and shall conform to the following requirements: 

Per cent by weight 
Passing ...... in. sieve t or screen (maximum size)..........: not less than (95) 

ace sarte (intermediate size).... 2.2... not less than (40) 
soe Aig ili 4 Be screen { (one-half maximum size)... not more than (75) 

5 KG (intermediate sizes)........ not less than..... 
a a weg ig (as mecded) "Fh... os ost not more than.... 
Passing No. 4 sieve or a 1/4-inscreen..... 0... )e eee elles e eee not more than (10) 

Note. Where a range is shown the engineer should use an appropriate figure 
within the limits recommended. The percentages in parentheses are recommended 
but may need to be altered to suit local conditions. 

* Percentages in parentheses are recommended but they may be altered to suit 
local conditions. 

t The question whether round or square openings shall be used for testing aggregates 
is now being studied by the Section on Coarse Screens of the Technical Committee 
on Size and Shape of Committee E-1 on Methods of Testing. 
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(b) In case the“concrete resulting from a mixture of aggregates approaching the 
extreme limits for gradation is not of a workable character, or when finished does not 
exhibit a proper surface, due to an excess of particles approximately 1/8 to 1/2 in. in 
size, either a fine aggregate having a sufficiently greater percentage of fine material, or 
a coarse aggregate having a sufficiently smaller percentage of fine material shall be 
used. 

Weight of Slag. 8. Blast-furnace slag that meets the grading requirements of 
these specifications shall conform to the following minimum weight requirements: 

Base concrete........... Rie Mes h-Griaisex- 65 lb. per cu. ft. 
Surface concrete (subject to abrasion)........ 70 lb. per cu. ft. 

Durability. 9. Coarse aggregate shall pass a sodium sulfate accelerated soundness 
test, except that aggregates failing in the accelerated soundness test may be used if 
they pass a satisfactory freezing and thawing test. 

Appendix 5. Reinforcing Steel 

Excerpts from Specifications for Billet Steel Concrete Reinforcement Bars 
and Rail Steel Concrete Reinforcement Bars, American Society for Testing 

Materials Standards, ; 

Billet Steel Bars 

The material for billet steel bars may be made by the Bessemer or open-hearth 
process.. The bars shall be rolled from new billets; no re-rolled material will be ac- 
cepted. 

Bessemer; not over 0.10% i ition: horus..... Chemical composition: Phosphorus hen tocar theinct acer sos 

An analysis of each melt of steel shall be made by the manufaciurer to determine the 
percentages of carbon, manganese, phosphorus and sulphur. The analysis shall be 
made from a test ingot taken during the pouring of the melt. The chemical composi- 
tion thus determined shall be reported to the purchaser or his representative. 

Analysis may be made by the purchaser from finished bars representing each melt 
of open-hearth steel and each melt or lot of tons of Bessemer steel. 

One tension and one bend test shall be made from each melt of open-hearth steel 
and from each melt or each lot of 10 tons of Bessemer steel except that if material 
from one melt differs 3/8 inch or more in thickness or diameter, one tension and one 
bend test shall be made from both the thinnest and thickest material rolled. 

Rail Steel Bars 

Bars shall be rolled from standard section Tee-rails. oe ek 
One tension and one bend test shall be made from each lot of 10 tons or less of each 

size of bar, rolled from rails varying not more than 10 lb. per yd. in nominal weight. 

Billet Steel and Rail Steel Bars 

Tension and bend test specimens for plain and deformed bars shall be taken from the 
finished bars, and shall be of the full thickness or diameter of bars as rolled; except 
that the specimens for deformed bars may be machined for’a length of at least 9 in. if 
deemed necessary by the manufacturer to obtain uniform cross-section. Tension 
and bend test specimens for twisted bars shall be taken from the finished bars without 
further treatment. a 

Twisted bars shall have one complete twist in a length not over 12 times the thick- 
ness of the bar. 
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Appendix 6. Compression Tests for Concrete 

Making and Storing Test Cylinders. The quality of the concrete in any 
portion of a structure should be based on the average of tests of not less than 
three cylinders, and better five. Test cylinders should be made and stored 
in accordance with the “‘ Standard Methods of Making and Storing Speci- 
mens of Concrete in the Field ”’ of the American Society Testing Materials, 
Serial Designation: C 31-21. 

The concrete for testing must be taken from the forms immediately after 
placing, whenever possible. Shovel the concrete from the forms into a bucket 
and mix with a trowel before placing in the molds. If the concrete is being 
placed with buggies, the sampling should preferably be done by means of a 
“buggy sampler,” designed especially for the purpose. This is a trough- 
shaped receptacle made of metal and provided with hooks at the ends which 
fit over the front and rear edges of the buggy. The top of the “‘ trough ” is 
partially closed by means of two inclined baffles converging upward and in- 
ward from the sides. Thus a long, narrow opening is formed which allows 
only a portion of the concrete entering the buggy to pass into the sampler. 
When the buggy is in position under the hopper or spout, the opening into the 
sampler takes a representative portion of the batch as it enters the buggy. 
This eliminates the inaccuracy of sampling the concrete with a scoop after 
the buggy has been filled, partial segregation of aggregates and cement making 
such procedure unreliable. 

Breaking Test Cylinders. When the cylinders arrive at the laboratory they 
should be unpacked at once and stored in damp sand or in a moist room until 
broken. If the cylinders have not been capped on the job they should be 
capped upon arrival so that both ends shall be smooth, parallel and at right 
angles to the axis of the cylinder. 

Compression tests should be made soon after removal of the specimens 
from the curing room, that is, while still in a damp condition. 

The cylinders should be carefully placed in the testing machine so as to give 
an even bearing surface. The metal bearing plates should be placed in con- 
tact with the ends of the specimen. 

The load should be applied through a spherical bearing block placed on top 
of the test piece. The diameter of the bearing block should be approximately 
the same as that of the test cylinder. The upper section of the bearing block 
should be kept in motion as the head of the testing machine is brought to a 
bearing on the test piece. The load should be applied smoothly and evenly, 
without shock. The moving head of the machine should travel at the rate of 
about 0.05 in. per minute. : 

Results of Compression Tests. In general, only the ultimate compressive 
strengths need be observed. The load indicated by the testing machine, at 
failure of the test piece, should be recorded and the unit compressive strength 
calculated in pounds per square inch, the cross-sectional area having been 
computed from the average diameters of the specimen. The type of failure 
and appearance of the concrete should also be noted. 

Report Forms. A record of the investigation and design of the concrete 
mixtures together with the history and results of the concrete tests should be 
kept. Such report forms may be made to suit the particular requirements at 
hand. 

From “ Design and Control of Concrete Mixtures ” Portland Cement As- 
sociation, 
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Standard Method of Making and Storing Specimens of Concrete 
in the Field 

Serial Designation: C 31-27. A.S.T.M. 

1. The methods herein specified apply to molding and storing of test specimens of 
concrete sampled from concrete being used in construction. 

2. The test specimens shall be cylindrical in form with the length twice the diam- 
eter. The standard shall be 6 by 12-in. cylinders where the coarse aggregate does 
not exceed 2 in. in size; for aggregates larger than 2 in. 8 X 16 in. cylinders shall 
be used; 2 by 4 in. cylinders may be used for mixtures without coarse aggregates. 

3. (a) The molds shall be cylindrical in form, made of non-absorbent material, and 
shall be substantial enough to hold their form during the molding of the test speci- 
mens. They shall not vary in diameter more than 1/16 in. in any direction, nor 
shall they vary in height more than 1/16 in. from the height required. They shall be 
substantially water tight so that there will be no leakage of water from the test. speci- 
men during molding. 

(b) Each mold shall be provided with a base plate having a plane surface and made 
of non-absorbent material. This plate shall be large enough in diameter to properly 
support the form without Jeakage. Plate glass or planed metal are satisfactory for 
this purpose. A similar plate should be provided for covering the top surface of the 
test specimen after being molded. 

(c) Suggestions for suitable forms are shown in the accompanying figures, 

Material: No. 20 Gage Galvanized 
strap Tron, Rolled Steel or Waxed Board 

i Sheet Iron, Rolled 

es py Shes” 

Cfo at Lightly Soldered 
seca: p = or Laced with 
eater 2"x3"Square Wire Staples 

spicttead Bolt TOP VIEW 
2x1 Steel Pipe 

SIDE VIEW TOP VIEW SIDE VIEW 
Fig. 127 

4. (a) Concrete for the test specimens shall be taken immediately after it has been 
placed in the work. All the concrete for each sample shall be taken from one place, 
A sufficient number of samples — each large enough to make one test specimen — 
shall be taken at different points so that the test specimens made from them will give a 
fair average of the concrete placed in that portion of the structure selected for tests. 
The location from which each sample is taken shall be noted clearly for future reference. 

(b) In securing sample, the concrete shall be taken from the mass by a shovel or 

similar implement.and placed in a large pail or other receptacle, for transporting to the 

point of molding.~ Care shall be taken to see that each test specimen represents the 

total mixture of the concrete in that place. Different samples shall not be mixed 

together but each sample shall make one specimen. 

5. (a) The pails or other receptacles containing the samples of concrete shall be 
taken as quickly as possible to the place selected for molding test specimens. To 
offset segregation of the concrete occurring during transportation, each sample shall 
be dumped into a non-absorbent water-tight receptacle and, after slight stirring, 

immediately placed in the mold. 

(b) The test specimens shall be molded by placing the concrete in the form in layers 



1128 Appendices Sect: 11 

approximately 4 in. in thickness. Each layer shall be puddled with 25 strokes with’a 
5/8 bar about 2 ft. long, tapered slightly at the lower end. After puddling the top layer, 
the surface concrete shall be struck off with a trowel and covered with the top cover 
plate which will later be used in capping the test specimens. 

6. Two to four hours after molding, the test specimens shall be capped with a thin 
layer of stiff neat cement paste in order that the cylinder may present a smooth end 
for testing. Thecap shall be formed by means of a piece of plate glass 1/4 in. thick 
or a machined metal plate 1/2 in. thick and of a diameter 2 or 3 in. larger than that of 
the mold. This plate is worked on the fresh cement paste until it rests on top of the 
form. The cement for capping should be mixed to a stiff paste some time before it is 
to be used in order to avoid the tendency of the cap to shrink. Adhesion of the con- 
crete to the top and bottom plates can be avoided by oiling the plates or by inserting 
a sheet of paraffined tissue paper. 

7. At the end of 48 hours the test specimens shall be removed from the molds and 
buried in damp sand except in case the molds shown in Fig. 3 are used; in this case test 
specimens may be buried in damp sand without removal of the mold, thus permitting 
shipping of the test specimens in the molds. 

8. (a) The test specimens shall remain buried in damp sand until 10 days prior to 
the date of test. They shall then be well packed in damp sand or wet shavings and 
shipped to the testing laboratory, where they shall be stored either in a moist room or 
in damp sand until the date of test. 

(b) Should a 7-day test be required, the test specimens shall remain at the work 
as long as possible to harden and then shall be shipped so as to arrive at the laboratory 
in time to make the test on the required date. 

(c) Test, specimens .shall be protected from drying after removal from damp 
storage and before testing. 

Appendix 7. Notes on High-Early-Strength Cements 
By Durr A. ABRAMS 

Director of Research, International Cement Corporation, New York City 
High-Early-Strength Cements are being used for many varieties of concrete 

work where time is an important factor. The Principal features of these 
cements are that concrete made from them may be placed in service after 
curing for 1 to 3 days. They have gained widespread recognition for con- 
struction of pavements, bridges, buildings, floors, concrete products, etc. 

Three types of these cements are now available: 
(1) True portland cement. 
(2) Portland cement with certain chemical admixtures, 
(3) High-alumina cements. 

The specification for these cements has not been fully standardized. The Committee on Cement recently recommended to the American Society for Testing Materials a specification for High-Early-Strength Portland Cement which differs from the present ‘* Standard Specification and Tests for Portland Cement ”’ only in that the following requirements are substituted for tensile 
strength and SO3 content: 

Tensile Strength 1-3 Standard Briquets 

24 hr. — 275 Ib. per sq. in. 

3 days — 375 1-3 Standard Briquets 

SO; not more than 2.50% 
One American manufacturer produces a high-early-strength portland cement by a double-burning process. Cements of this type are ground to such a fineness that 90 to 99% will pass the standard 200-mesh sieve. 
For the use of high-early-strength cement in connection with concrete Pavements see Sect. 20, Art. 17, p. 1158. ( 
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ROOFS AND BUILDINGS 

1. Data for Roof Trusses 
The constituent parts of a roof are the covering (including covering proper 

and any sheathing or slab that is used), the purlins and the trusses. 
Roof Coverings are of many kinds, the most familiar being wood, slate, 

tin, sheet metal, tile, concrete, gypsum and the various composition roofings. 
It is highly important that the choice of covering be adapted to the slope of 
the roof or vice versa. The lack of this adaptation is a frequent cause of leaky 
roofs. 

The Slope of a roof is the natural tangent of the inclination with the horizontal and is 
best expressed in inches of rise to one horizontal foot. The preferable slope for tar and 
gravel on sheathing is from 3/4 to 1-1/4 in. per ft.; reinforced cement tile of the “‘Bo- 
nanza” and similar types, 5 in. per ft.; corrugated sheet metal, 6 in. per ft.; slate, 7 in. 
per ft. The kind of waterproofing used on concrete and gypsum roofs will determine the 
slope. 

Purlins are either wooden or steel beams extending horizontally from truss 
to truss and carrying the roof loads to the trusses. For long spans it is some- 
times economical to space trusses far apart and to use deep purlins supporting 
intermediate beams called jack rafters. 

Trusses are used to support roofs covering openings of from 20 to 200 ft., 
while for spans exceeding 200 ft. arches are generally used. A truss is an as- 
semblage of bars, or members, which forms a structure to carry transverse 
loads and which under vertical loads has vertical reactions, the bars being so 
joined together at their ends that they bear only direct tension or compression 
when the external loads are applied at the joints. A riveted truss (Fig. 6) is 
one in which the members are connected together at the joints by being riveted 
to connecting steel plates, and a pin truss or pin-connected truss has the 
members joined together at their ends by means of one steel cylinder or pin at 
each joint. Purlins usually rest on the top surface of the upper chord, which is the upper bar of a truss, and should be placed directly over the joints whenever possible. In some roofs without jack rafters the purlins must be spaced so close together that some of them rest on the upper chord between the joints, thus causing the upper chord to act as a beam in addition to its direct stress. 
A Panel of a roof truss is the space between two consecutive joints of the top chord, and a panel length is the distance from one of these joints to the next. A bay is the space between two adjacent trusses, and the bay length is the distance from center to center of trusses. 
Forms of Trusses vary to suit the span length, outline of roof and clear head-room required underneath. The Fink and Warren trusses shown in Figs. 1 and 2 are suitable for spans up to about 120 ft. When the short web member of a Fink truss is replaced by two members, the Fink truss is converted into a fan truss as shown at (a) and (6) Fig. 2. 
Loads on Roof Trusses are: dead, snow, wind; also ceilings, a crowd of people on a gallery or floor, or machinery suspended from the truss. Dead loads consist of weight of roof covering, sheathing rafters, purlins, trusses and suspended ceilings. 
Weights of roofing per square foot of roof surface. 
1. Coverings: wood shingles, 2 to 3 lb.;_ tin sheets or shingles, 1 lb.; corrugated steel, 2 to 3 lb; slates, 7 to 10 Ib.; tiles, 8 to 25 Ib.; felt and_-gravel, 8 to 10 lb.; skylight glass 3/16 to 1/2 in., including iron frames, 4 to 10 Ib. 
2. Sheathing: spruce, white pine or hemlock boards, 1 in. thick, 3 Ib.; Southern Pine, 1 in. thick, 4 Ib. 
3. Rafters: wood, 2 by 4 to 2 by 8 in. spaced 16 to 24 in. on centers, 1.5 to 5 Ib. 4. Purlins: wood, 1 to 3 lb.; steel, 1-1/2 to 5 Ib. 
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5. Ceilings: plastered, 10 Ib. per square foot of ceiling area. 
6. Cinder concrete, 9 lb. per in. of thickness; stone concrete 12 lb. per in. of 

thickness. 

1131 

EM pr iS 
(a) 

Fig. 1. 

Span 
c. to c. of 
Bearings, 

. 

25 
30 
35 
40 
45 
50 
55 
60 
65 
70 
75 
80 

Fink Roof Trusses 

2 

T=Tie 
S=Strut 

eo: 
Lo 

Bottom Chord 
(2) 

WI ee AAAS 
Fan and Warren Trusses Fig. 2. 

Weights of Fink Trusses In Pounds 
Slope of Top Chord, 6 in. on 1 ft. 

Load in Ib. per linear ft. of Top Chord, Uniformly Distributed 

620 

1106 
1400 

2100 
2340 

3000 
3450 

4430 

650 

1250 
1620 
1920 
2170 
2420 
2920 
3500 
3930 
4560 
4800 

10000 

820 
1140 
1650 
1920 
2320 
3000 
3340 
3800 
4200 
4900 
5560 
6350 

Weights of Warren Trusses in Pounds 

Slope of Top Chord, 3/4 in. on 1 ft. for 25 to 35-ft. spans; 1 in. on 1 ft. for 40 to 55-ft. 
spans; 1-1/4 in. on 1 ft. for 60 to 80-ft. spans 

Span 
c. to c. of 
Bearings, 

ft. 

25 
30 
35 
40 
45 
50 
55 
60 
65 
70 
75 
80 

Load in Ib. per linear ft. of Top Chord, Uniformly Distributed 

600 

700 
1000 
1270 
1420 
1800 
2230 
2680 
2720 
3300 
3920 
4360 
4940 

700 

730 
1020 
1360 
1620 
2080 
2400 
2730 
3270 
3620 
4030 
5000 
5320 

900 

900 
1200 
1640 
1940 
2420 
2920 
3600 
3840 
4220 
4980 
5730 
6120 

1000 

980 
1350 
1870 
2100 
2640 
3280 
3700 
3900 
4770 
5350 
5800 
6850 
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Weights of Steel Trusses are often determined from empirical formulas, 
but such formulas are not trustworthy as they neglect many of the variable 
factors entering into the weights. The preceding tables are for the two most 
common forms of trusses: 

The weights of ordinary Fink Trusses with slopes 5 in. and 4 in. on 1 ft. are 
from 5 to 15% more than those with 6 in. on 1 ft. given in the table. 

Snow Loads on roofs vary with the latitude and slope of roof. The follow- 
ing values for weight of snow per horizontal square foot are commonly 
specified: New England and Michigan, 30 lb.; New York City and Chicago, 
20 lb.; Baltimore, Cincinnati and St. Louis, 10 lb. Snow loads need not be 

used on roof surfaces having an inclination of 45 degrees or more from the 
horizontal, if there are no snow guards. 

Wind Loads for roofs vary with the locality and slope of the roof and’should 
be taken as acting horizontally at 30 lb. per sq. ft. on vertical surfaces of the 
most exposed structures and-15 to 25 Ib. per sq. ft. on vertical surfaces of less 
exposed structures. On inclined surfaces only the normal component of the 
wind pressure need be? considered, and this varies with the inclination of 
the roof. 

Duchemin formula for wind pressure on inclined surfaces: 

2 sin @ 

N= Pry sin?) 
in which V = normal pressure in pounds per square foot; $ 

= horizontal pressure on a vertical plane (taken at 20 lb. per 
SELtS 

@ = degrees of inclination to the horizontal. 

P 

6 N 

4° 45’ 49” 3.30 

Pad’ 457° 6.39 

14° 2’ 10” 9.14 
182126""6" 11.50 
22O3 TN 13.42 

26° 33’ 54" 14.88 
302.157-247" 16.06 
Soe el 257” 

For a pressure other than 20 lb. per sq. ft. the above values are to be 
changed proportionally. 

The Total Load for an ordinary roof truss may be either 

Dead + Wind + 1/2 Snow 

or Dead + 1/2 Wind + Snow 

It is improbable that both the maximum snow and wind loads will be upon the roof at the same time. Sufficient accuracy is obtained in designing roofs up to 100-ft. span by assuming a total load per square foot of exposed surface large enough to include the dead, wind and snow loads. This combined load may be considered applied vertically. Unless governed by a local building code, for spans up to and including 90 ft. and in climates corresponding to that 
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of New York, the total minimum uniform load in Ib. per sq. ft. of roof surface 
for different kinds of covering may be taken as follows: 

Corrugated metal on steel purlins. ....,....c..seecececcecsesess 40 
Gravel or composition on wood sheathing..........csececcecees 50 
plate pn ‘beards i252. Ries oP MS Prabs wiets nc alee malbiele Cielelcnis b hOO 
Tile on steel purlins.....3..) 855. os oss SSE, Coe P Do Sue..i 55 

Gravel or composition on cinder concrete...........-- Reet... ba j05 
ORSEQHE CONCLCLE,, bie ipie\5 ¢.0:19:010 ofojaisioin.5)<e ae edo 

Slate or tile on cinder concrete........ Soe ror oe atl 

Fireproof buildings of the mill-building Class when slope is less than 
DYSTES TICE E th eee earache cls le pipe parole CHR ciao iets attlele's 2 > (90 

For roof spans over 90 ft. the above cited loads should be increased 1% for 
every 2 ft. increase of span. For roofs in climates where snow is excessive 
5 to 10 lb. should be added. and in climates where there is not liable to be 
snow 10 lb. may be deducted. Additions should be made for any special loads 
such as shafting, ceilings or trolleys carried by the bottom chord, and tanks, 
elevator supports or similar loads above the roof. 

Stresses may be found by analytic or by graphic methods, the latter being 
-usually employed. The analytic method can be profitably used as a check 
when advisable. For roof trusses the simplest analytic solution is by the 
method of joints or method of moments. In applying the method of joints 
a section is passed around a joint in such a manner as to cut all the bars 
meeting at that joint and then applying the relation from statics that the 
algebraic sum of all the vertical components meeting at the joint must = 0, 
or that the algebraic sum of the horizontal components meeting at the joint 
must = 0. Thus, by passing a section around joint A, Fig. 3, it is seen at 
once that the vertical component of P; = 3-1/2 W and therefore the stress in 
P, = 3-1/2 W sec 0, where 0 is the 
angle the bar P,; makes with the 
vertical. Similarly, the horizontal 
component of P3, that is, stress in 
Ps; = horizontal component of P, 
= 3-1/2 W tan @. The method of 
moments is that method of com- 
puting stresses in which a section 
is first passed through the truss, 
cutting in general not more than 
three members, one of which shall 
contain the stress desired; and then 

the equation of moments about 
the intersection of the other two 
bars cut is written and solved for the desired stress. Thus, in Fig. 3, to com- 

pute stress Pip by method of moments, pass a vertical section through P,, 

P14, Py and consider the left side of this section. The equation of moments 
about B, the origin of moments for Pio, is (3-1/2 W)l/2 — W6l/8 — Pywh 
=0. In this equation Py is assumed to be in tension, and since in the 
solution of the equation both sides are positive the bar Po is in tension and 
its value = Wi/h. The section passed may be straight or curved, vertical or 
inclined. In Fig. 3 the dotted section for Pig is passed in such a way as to 
cut 6 bars, but by taking the origin of moments at B and writing the equa- 
tion of moments of all forces above the section there results — W1/8 + 

Py» h/2 = 0; whence Pjy = W1/4h. 

By using the method of moments or method of joints the stresses in the Fink truse 
of Fig. 3 have been computed and the accompanying table prepared for a span of /, a 
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height of # and a vertical load W at each upper joint. The load W is called a panel 
or apex load. 

Coefficients for Stresses in Fink Truss. Fig. 3 

Tt I I 
h =4 h =5 h 6 

6. vis 7.83 9.42 11.07 
Ss 6. 7.38 9.05 10.75 
5. 6. 6.93 8.68 10.43 
4. ~ 6.48 8.31 10.12 
0. 0. 0.89 0.93 0.95 
1. a: 1.79 1.86 1.90 
0. 0. 0.89 0.93 0.95 
ie 6. 7.00 8.75 10.50 
4. 3. 6.00 7.50 9.00 
3. 3. 4.00 5.00 6.00 
0. 0. 1.00 1.25 1.50 
0. 0. 1.00 1.25 1.50 
A 1. 2.00 2.50 3.00 
Zi ue 3.00 3.75 4.50 
0. 0. 0.00 0.00 0.00 

The upper chord panel loads are equal. To obtain stress in pounds in any bar of 
the truss, multiply the coefficient by the panel load in pounds. 

2. Design of Roof Trusses 

Working Stresses. For designing the structural steel of roof trusses and 
buildings (when not governed by a local building code) the following unit or 
working stresses in lb. per sq. in. are recommended: 

(a) (b) 
Acceptable Standard 

Steel Steel 

Tension, net section, rolled steel.............-0005 16 000 18 000 
Axial compression, rolled steel and steel castings, 

shortlengths ons ym ect ee ee eee oe 16 000 18 000 
Bending: on extreme fibers of rolled shapes, built sec- 

tions, girders, and steel castings............0. ++. | 16000 18 000 
Bending, on extreme fibers of pins...........eseeee 24 000 27.000 
Shear on power-driven rivets and pins.......... wy dt 2000 13 500 
Shear on bolts and hand-driven rivets............. 10 000 11 200 
Shear, average, on webs of plate girders and rolled 

Hea MS Prose SECHON yaw. hoe eee es 10 000 11 200 
Bearing pressure on power-driven rivets and pins.... | 24000 27 000 
Bearing on bolts and hand-driven rivets........... 20 000 22 500 
Axial compression on gross section of columns and 

SUUES EG FE aise De eed werd t weitere arene ciel bias abs 16 000-70 1/r|_ 18 000-80 2/r 
Withya,. maximum. of, (oats ave dee tte. des Sens 13 000 14 500 

Where / = effective length of member in inches; 
r = least radius of gyration of section in inches. 

By ‘‘ acceptable steel” is meant steel which is acceptable to the building 
official, but of which the origin and physical characteristics are not definitely 
determined. By “standard steel” it is meant that the steel to be used is 
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guaranteed to conform to the American Society of Testing Materials Standard 
Specification for Structural Steel for Buildings (serial designation A9=24). 

For combined stresses due to wind and other loads the above-mentioned unit 
stresses in column (a) may be increased 50%, provided the section thus obtained is 
not less than that required if wind forces are neglected. In column (b) they may be 
increased 33-1/3%. 

The effective length of main compression members should not exceed’ 125 times 
their least radius of gyration, and those for wind and lateral bracing 200 times their 
least radius of gyration. ‘ > 

Any portion of the cross-section of a compression member may be neglected 
in computing the radius of gyration, provided this portion is neglected in the 
design of the member. Eccentricity, shock, rust, the bending of lateral struts 
due to their own weight, should all be considered. 

Spacing of Trusses. Theoretically, the economic spacing of roof trusses is 
about one-quarter the span, but in practice the spacing may be governed by 
conditions peculiar to the structure under consideration. If the covering or 
sheathing rests on purlins a spacing of about 16 ft. is commonly used for spans 
“up to 65 ft.; beyond that the spacing may be one-quarter of the span. Where 
plank sheathing rests directly on the trusses the spacing may be 6 to 8 ft. for 
2-in. and 8 to 10 ft. for 3-in. tongued and grooved plank. If spans are of 
unusual length or roof loads are very heavy it may be found economical to use 
jack rafters resting on latticed or beam girders framed into the roof trusses. 
Sub-purlins can rest on top of the jack rafters or wood sheathing can extend 
from rafter to rafter. 

Proportioning Purlins. Steel purlins are usually made of L’s, C’s or 
I beams, although for long spans they are made of truss form. Where the 
purlin is placed so as to deflect in the plane of the resultant load acting upon 
it, as when an I beam is set with its web vertical to carry a vertical load, the 
Size of the purlin is computed by the formula, M/S = I/c, where M is the 
maximum bending moment on the purlin in inch-pounds; S, the allowable 
unit stress in pounds per square inch; J, the moment of inertia about axis 
perpendicular to web; c, half depth of beam in inches. Having computed 
M, S is assumed, the value of I/c (called the section modulus) is found by 
dividing M by S, and the size of a beam having a section modulus equal to or 
slightly greater than this is chosen from a table giving properties of structural 
shapes. 

If the purlin is placed so that the deflection is not in the plane of the resultant load 
carried by it, as when an I beam supports a vertical load and rests on an inclined 
chord of a truss, hence having its web inclined, a trial size of the beam is taken and 
the maxmum fiber stress in the outermost fiber is computed by the formula 

Mic, M2c2 
S= L ar Lb? 

where S = maximum fiber unit stress, 14; = bending moment due to that component 
of load which is normal to plane of roof, J} = moment of inertia of section of purlin 
about a gravity axis parallel to roof. c, = the distance from this axis to fiber on which 
stress is maximum, Mz = bending moment due to component of load which is parallel 
to roof, 72 = moment of inertia of section about a gravity axis normal to roof, and 
¢2 = the distance from this axis to fiber on which stress is a maximum. This method 
does not apply. to purlins of L section, but the moments must be resolved into the 
planes of their principal axes. By connecting the purlins together with sag rods 
running up both sides of a sloping roof to the same connection at the peak of the roof 
the second term of the preceding equation is negligible in the design of all purlins 
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Section Moduli in Plane of Vertical Loading of Angles and Channels 
Placed at Right Angles to Roofs as Indicated in Fig. 4 

Slope of Roof in Inches on 1 Foot 
Purlin 

o |] 1 | 5 Spay ON ee en eee 

2 x2. & 1/4 L | 0.18] 0.19) 0:20) 0.21] 0.22) 0.24] 0.26] 0.29] 0.31 
2X2 3/8 L + 0.27] 0.28) 0.29] 0.31] 0.33] 0.35] 0.37] 0.40] 0.4 
2-1/2X2 1/4 L | 0.30] 0.31] 0.33| 0.35| 0.38] 0.41] 0.44] 0.46] 0.49 
2-1/2X2  X3/8-L | 0.40] 0.42] 0.45| 0.48] 0.52] 0.57| 0.61| 0.65| 0.69 
2-1/2 X 2-1/2 K 1/4 L | 0.31} 0.32! 0.33] 0.35] 0.37! 0.39] 0.421 0.45] 0.48 
2:1/2 X 2-1/2 X 3/8 L | 0.42] 0.44] 0.46 0.49] 0.52] 0.55| 0.60] 0.64] 0.68 
3 21/2 X1/4 L | 0.44] 0.46] 0.49] 0.52] 0.56] 0.60! 0.65] 0.69] 0.74 
3 X2-1/2 X 3/8 L | 0:64] 0.67] 0.71] 0.76} 0.82} 0.89] 0.95| 1.00] 1.06 
3-1/2 X 2-1/2 X 1/4. L_ | 0.56] 0.59] 0.64| 0.70] 0.76] 0.83| 0.89] 0.96] 0.84 
3-1/2 X 2-1/2 X 3/8 i | 0.84} 0.89] 0.96] 1.04] 1.14] 1.221 1. 20/°1,37) 4019 
4X3 -X 1/4 LC} 0.75} 0.80) 0.86, 0.93| 1.02] 1/11] 1.18] 4.261 1.27 
4X3. -X3/8 L| 1.11) 1.18). 1.26} 1.35} 1.47] 1.58] 1.70] 1.811 1.76 
5 X34/2 X 5/16 L | 1.48] 1.55] 1.66] 1.80|.1.96] 2.12] 2.30] 2.39] 2.06 
5 .-X3-1/2.X 3/8 L.| 1.76] 1.86] 1.99| 2.15] 2.34] 2.52] 2.71] 2.80] 2.4 
6  X4  X3/8 L | 2.50| 2.66] 2.87| 3.10] 3.41|-3.70| 4.00] 3.64] 3.17 
6 x4 X1/2' L | 3.30) 3.52] 3.79] 4.10] 4.52] 4.841 5-18] 4.65] 4.09 

ax sac 1.9 111.2 | 0.9 | 0:72] 0.62] 0:55] 0.48! 0.45] 0.4 
5 Xo6oTt 3.0 | 1.85] 1.3 | 1.05} 0.86] 0.76] 0.67| 0.61 0.5 
6X, 8.25 4.3.| 2.5 | 1.8 | 1.42|.1-15| 1.01|-0.9-| 0.83] 0.78 
7X 9.8C 6.0] 3.3 | 2.3] 1.8 | 1.5 | 1.38] 1.17] 4.07} 1.0 
8X11.5E 8.1} 4.3] 3.0] 2.3 | 1.85] 1.6 | 1.45] 1.25] 1.2 
9X13-4E 10.51 5.6 | 3.8 | 2.9} 2.4:\2008} 1.95)4.7 11.6 10°X15.3-£ 13.4] 6.7} 4.7 | 3.54 2.8} 2.9} 2.2 | 2.0 | 1.9} 
12.X 20.7 £ 21.4 110.5 | 7.0] 5.4-| 4.3 |.3.8 |.3.4|3.012.8 
15 X 33.9 £ 41.5 |19.8 18.0 | 9.8-| 8.0 | 6.5 | 6.0 5.4 | 5.0 

except the one or two at the peak carrying the pull from the sag rods. Sag rods are 
usually made $/8 or 3/4 in. in diameter and are spaced 6 to 7 ft. apart.. To prevent 
undue deflection the depth of a rolled beam purlin should not be less than 1/32 of 
its span length. For fiber stress not exceeding 10 000 it may be 1/40. 

To determine the strength of the ordinary sizes of L.’s and (’s for purlins without 
sag rods and free to bend in any direction, the section: moduli can be taken from the 
preceding table and used in the fundamental formula for flexure. 

It should be noted that L purlins set as in Fig. 4 are stronger than those of Fig. 5. 
This table is based.on purlins being set as shown in Fig. 4. 

“~ 

Fig. 4. Proper Way of Fig. 5. Improper Way of 
Turning Purlins Turning Purlins 

Proportioning Tension Members. A tension member or bar of a truss, 
also called a tie, is one that carries a pull or tensile stress. For riveted trusses 
2 L’s, and for pin trusses 2 eyebars are commonly used for each tension 
member. For design of eyebars see Art. 27. In riveted trusses carrying light 
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loads the 2 _’s should be placed side by side with a space between them equal 
to the thickness of the gusset plates, Fig. 6, and should have their ‘vertical 
legs up. These L’s should be connected together at points from 2 to 3 ft, 
apart throughout their lengths by placing a circular steel washer between 
the L’s and driving a rivet through the 2 |_’s and the washer. These rivets 
are called tack or stay rivets, and simply hold the L.’s together during trans- 
portation and erection and make the L’s act together when under stress. 

To proportion the cross-section of a tension member of 2 L’s divide the total stress 
in the member by the allowable unit tensile stress, thus obtaining the required net 
area of the 2 L’s, and then choose from a table of properties of L’s, 2 L’s of the 
same size, each having a net area equal to or slightly larger than 1/2 the required net 
area. The net area of an L is found by deducting from the gross area of the cross- 
section the greatest sectional area cut out by rivet holes in any one section. In 
computing net areas the diameter of a rivet hole is assumed 1-8 in. larger than the 
diameter of the cold rivet before driving. An angle is sometimes connected to a 
gusset plate by rivets in one leg only, in which case there would usually be only one 
tow of rivets in the connecting leg, and hence only one rivet hole area, equal to diam- 

eter of hole times thickness of piece, would be deducted from the gross section. Where 
there are two rows of rivets in the L at one end the rivets should be staggered so that 
there would be only one rivet hole in any one section. 

Proportioning Compression Members. A compression member or column 
in a truss is one which carries a compressive stress, and for roof trusses is made 
of one or two L’s, Fig. 6, two |’s with a plate between, or of two [’’s, In 
light work one or two |’s are nearly always used for each member, while for 
heavy trusses the top chord is composed of two [[’s or two or more {_’s. To 
proportion the cross-section of a compression member subjected to compres- 
sion only, the simplest way is to assume a trial cross-section and compare the 
actual average stress per square inch on this section with the allowable average 
stress per square inch as computed from a column formula. If the actual and 
allowable stresses are equal or if the actual is only slightly less than the allow- 
able the section is used, but if the actual is greater than the allowable a new 
trial area is chosen and the process repeated. 

The Actual Average Stress per square inch is found by dividing the total stress in 
the member by the gross area of the cross-section. The allowable average stress is 
found from the column formula of the specifications (see p. 1184). 

The following example will illustrate the method of proportioning the inclined top 
chord of a Fink truss having a panel length along this chord of 7 ft., a direct compres- 
sion of 46 500 lb., and made of 2 L’s spaced 3/8 in. apart for the gusset plates, the 
allowable unit stress being given by the formula S = 16000 — 70//r. Assume two 
4 by 3 by 5/16 in. L’s and place the 4 in. legs vertical and 3/8 in. apart. From a 
steel company’s handbook (or p. 676), the area of the 2 L’s is found to be 4.18 sq. in. 
and the least radius of gyration that about the gravity axis parallel to the short 
legs. Dividing 46 500 lb. by the area 4.18, the actual average unit stress is found to 
be 11 120 lb. per sq. in,, and by substituting / = 84 in. and 7 = 1.27 in. in the column 
formula the value of the allowable unit-stress, S, is 11 370 lb. per sq. in. Hence the 
2 ’s assumed are of correct size. These ’s must be riveted together at intervals 

not exceeding 0.65 X 84/1.27 = 43 in.; 0.65 being the least radius of gyration of one 
L and 1.27 the least for 2 1_’s. It is customary to place tack rivets every 2 or 3 ft. 
apart throughout the length of these members. 

Purlins resting between joints on the top chord of a truss cause cross-bend- 
ing therein, which, in addition to the compression acting, must be considered 
in the design of the chord. In such cases the shortest method for designing 

the chord is to assume a section, usually two L.’s or two L.’s and a vertical 
plate for light trusses, and compare the maximum unit stress with the allow- 
able. If the section thus-assumed is too large or too small a new trial section 
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is chosen and the process repeated until the section is satisfactory. The 
maximum unit-stress in a continuous chord due to combined direct com- 
pression and bending is with sufficient accuracy given by 

Me 
I 

a PR 
1 TORI 

where S is the maximum unit stress on the most strained fiber, in pounds per 
square inch; P the direct compressive load in pounds; A the area of cross- 

section in square inches; M the maximum bending moment on the chord 

acting as a beam of panel length / and continuous over the joints; ¢ the dis- 
tance from gravity axis to most strained fiber under consideration; J the 
moment of inertia of cross-section; E the modulus of elasticity, for steel say 

30 000 000 lb. per sq. in. 

Designing Joints. Since most roof trusses are of the riveted type, only riveted 
joints will be considered. For the design of pin joints see Art. 29. In laying out the 
members of the truss their center lines should meet at a point at each joint and should 
coincide with the truss diagram. It is the usual practice in roof work to use the gage 
lines of the angles for the center lines, instead of center of gravity lines. The error is 
negligible. Rivets should be placed in each member to transmit the stress from that 
member into the gusset plate. As an illustration of the method of computing the num- 
ber of rivets, consider a member carrying a direct stress of 46 500 lb., and made of 
2 L’s 4 by 3 by 5/16 in., one-on either side of a 3/8 in. gusset. The rivets connecting 
the L.’s to the gusset are in double shear, that is, they must be sheared on two sections 
before failure can occur; they are in bearing on the 3/8-in. gusset plate and in bearing 
in the oppostie direction on 2 thicknesses of 5/16 in. L.. The double shearing value 
of one rivet is equal to twice the area of its cross-section multiplied by the permissible 
shearing stress per square inch, or, assuming rivets 3/4 in. in diameter, the double 
shearing strength is 2 X 0.44 X 12 000 = 10560; the 12 000 being the permissible 
shear in pounds per squareinch. The bearing value of a rivet on a piece is the product 
of the diameter of the rivet in inches, the thickness of the piece in inches and the 
permissible bearing pressure in pounds per square inch. In the case here assumed 
the bearing value of the 3/4-in. rivet on the 3/8-in. gusset plate is 3/4 X 3/8 X 24000 = 
6750 lb., and since this is smaller than either the double shearing value or the bearing 
on the two 5/16-in. L’s, 6750 lb. is the allowable stress on one rivet; 24 000 being the 
permissible bearing strength per square inch. The number of rivets in the member at 
this joint is 46 500/6750, or 7. 

P S=;+ 

The Permissible Unit-Stresses used in the problem just solved, namely 12.000 Ib. 
per sq. in. for shearing and 24 000 Ib. per sq. in. for bearing, are safe values for shop, 
that is, machine-driven rivets. For field rivets driven by hand, or for bolts, the safe 
shearing and bearing values are 10 000 and 20 000 Ib. per sq. in., respectively. Allow- 
able shearing and bearing values for rivets of different diameters are given in Art. 21. 

Fig. 6 shows a fan roof truss with details. 
Fig. 7 shows details of an ordinary steel building with covering of corrugated steel. 

Details. Even though to make what is usually considered the design of a structure 
may be easy, to detail it may be difficult. The ideal draftsman is a designer, a designer 
of details. Seldom has a structure given way for lack of strength in the main members 
but faulty details have invited and brought disaster. Theoretically, in laying out the 
members of a roof truss the center of gravity lines should meet at a point at each 
joint and should coincide with the truss diagram. However, in practice the rivet lines 
are generally used. Details are thus simplified. Eccentric rivet connections should 
be reduced to a minimum. Economy will be gained by having as many duplicate 
parts as possible. Connections that induce secondary stresses should be avoided, 
Details should be designed in accordance with shipping facilities, cost of transporta- 
tion and ease of erection. While it may lessen the cost of field work to fabricate trusses 
in few sections, the transportation charges may be enough larger to consume all saving. 
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Again, while it may lessen freight charges to ship a truss in many Dieces, the cost of field riveting will be increased.. 

3. Steel Mill-Building Frames 

Steel Mill-buildings jn general are divided into three types. Those of the first type haye steel frames carrying the roof loads as well as the weight of the walls which protect the frames; the walls being constructed of corrugated steel sheets or of concrete supported by the steel frames. The essential parts of the steel work are the roof trusses, columns and bracing; a truss together with the columns which support it constitutes a bent, of which Figs. 8, 9, and 10 represent typical cases. In the second type of steel mill-building the columns are braced Principally by thin masonry walls, thus eliminating most 

Monitor Glass. 
Glass lass 

Center Knee-brace 

Center 

Fig. 8 Fig. 9 Fig. 10 

Steel Mill-building Frames 

of the steel bracing between columns, while in the third type the steel roof 
trusses are supported on masonry walls instead of on steel. Light is admitted 
to the interior of mill-buildings through windows in the side and end 
walls and in addition through skylights in the roof proper or in the monitor 
roof, or through windows in clerestory of the monitor. A monitor, (Fig. 8), is 
that portion of building extending above the main roof for the purpose of 
ventilating or lighting the interior of a building. Fig. 9 shows saw-tooth 
roof construction. Roofs of this form of construction are extensively used 
for wide areas. The glazed portions should of course face the north; a diffused 
light thus illuminates the floor below without casting shadows. 

Columns should be proportioned to resist (1) direct stress due to roof, 
crane or other loads, (2) stress due to wind and (3) stress due to eccentric 
loads. A great number of column formulas have been suggested for the 
design of steel members in compression. The “ straight-line” formula 
S = 16000 — 70 l/r, except where noted otherwise, is used throughout this 
section. 

Rivets in tension should be avoided when practicable. Carrying the crane 
load on a column flange directly under the web of the runway girder is prefer- 
able to carrying it on a bracket. By connecting roof trusses to columns with 
gussets greater stiffness is obtained than by resting them on column caps. 
Various column details are shown in Figs. 11 and 12. 

Girts, sometimes called side purlins, are beams, usually of angles or 
channels fastened to the columns to support the side covering and to resist 
wind pressure. For corrugated steel siding the wind pressure is the greater 
load and the longer leg of the angle or the web of the channel should be laid 
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horizontal. To prevent deflection sag rods 5 to 
8 ft. apart fastened to the girts and running to 
the eave struts are used. 

The Bracing of a mill-building should be so 
designed that wind and vibratory stresses are car- 
tied to the foundations. Diagonal bracing should 
be introduced into the plane of both top and bot- 
tom chords for stiffness as well as for calculated 
stresses. This applies also to roof trusses resting 
on brick walls. Adjustable rods may be used for 
top chord bracing, the purlins acting as struts, 
but the bracing of the bottom chord should be 
angles or other rigid shapes. Diagonals between 
the steel columns in each end of the building and 

in an occasional side bay are usually sufficient to 
carry the induced stresses to the foundations. 
When it can be done an excellent way is to carry 
the transverse thrust from the wind as well as 
that from the cranes to the ends of the building 
and thence by diagonals to the ground. The 

usual way is to design each bent as a unit for 
both the vertical and horizontal loads of one-half 
the adjoining bays. In such cases the kneebrace 
isanimportant member. A kneebrace is a short 
diagonal, usually a pair of angles, used to connect 
a truss or beam to a column. Traveling cranes 
running through a building often bar the use of 
transverse kneebraces. The gusset plates connect- 

ing the trusses to the col- 

umns should then be as 
large as possible and calcu- 
lations made accordingly. 
Angles may be added to 
stiffen the edges of the 
plates. Kneebraces should 
be used between crane gir- 
ders and their supporting 
columns. 

Electric Traveling Cranes 
are an important part of ~ 
the ecuipment of most mill- 

buildings and are often the 
dominant factor in the de- 
sign. Ten-ton cranes are 
the most common. Cranes 
of 50 short tons capacity 
and less are usually carried 

OR) 

(a) 

on a two-wheel carriage at 
Pe a each end. Those of 60 to 
a 125 short tons capacity 
La wl should have four-wheel car- 

tlages in order to avoid ex- 
Fig. 12, Connection cegsively concentrated loads 

of Crane Bracket to 
Column 
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on the runway girders. Cranes of 150 short tons capacity and more are built 
with end carriages of both four and eight wheels. The eight-wheel carriage 
reduces the concentrated load on the runway girders. The wheel bases, 
maximum wheel loads and clearance of cranes vary with the design of the 
maker. The figures given in the table on next page represent average values. 

Minimum 2" Minimum 3" 

~?Ritighest Point? 
of Mechanism 

(c) (@) 
Fig. 13. Wheel Diagrams for Traveling Cranes 

Stresses due to the wheel loads given in the table should be increased 25% for vibra- 
tion and impact except for hand-power cranes, where 10% is sufficient. For two cranes 
in action on the same girder, no impact need to added provided the stress obtained is 
larger than the stress due to a single crane with impact. In addition to the vertical 
loads the top flanges of crane girders should be designed to resist a transverse horizontal] 
thrust on each carriage, applied to the wheels, of 10% of the lifting capacity of the 
crane. The traction stress due to starting or stopping the crane should be assumed 
at 10% of each wheel load and may be considered as distributing itself along the entire 
length of the runway. 

Floor Loads. Live Loads in pounds per square foot on floors of the 
mill-building class should not be assumed at less than the following: 

Mold lofts, pattern and template shops................ 60 
Machine shops, light machinery............c0+eeeseeee 120 
Machine shops, heavy machinery.............0see0005 150 to 200 
WACEOMIESS AN a RESS eae aa oo ac coli e cod ub seem 100 to 250 
Foundries) charging AdOri sii baa le ee ecied ocetee cledhecele « 300 to 800 
Powerthouses® 7455 CRO hea ceosrntbecveroke o «cto Me's She a 200 

It is important that industrial processes be understood sufficiently to make proper 
provision for their loads and stresses. Provision should also be made for the support of 
all engines, boilers, tanks or other concentrated loads carried by the steel construction. 

The Working Stresses given in Art. 2 may be used in proportioning 
members. 

Wind Stresses. For buildings not more than 25 ft. to the eave line a hori- 
zontal wind pressure should be assumed at not less than 15 lb. per sq. ft. 
on the sides and the corresponding normal component on the roof according 
to the Duchemin formula for wind pressure on inclined surfaces. For build- 
ings more than 25 ft. to the eave line the horizontal pressure should be taken 
at not less than 15 lb. for the lower 25 ft., and 20 lb. for the side surface above 
25 ft. and the corresponding normal component on the roof. The steel frame- 
work should be designed to carry wind pressure to the ground. 

The stresses in the framework due to wind acting on the vertical and 
inclined sides of a building depend to a great extent on the manner of fixing 
the ends of the columns. If the ends are hinged, that is, free to turn, the 
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Loads and Clearances for Electric Cranes. See Fig. 13 
1 

Span Mazimum Li H 
: i Vertical} Side | Am. Soc. 

Capac-| in ft. Wher Sie Loadintlb)Ciear- | Clear- | C.E. 
é ve fer sae ance ance Rail in 
BeOS D)_ |lb. per yd. (ww) (C) (D) per y | 

t. in. in. 
eee 13000 | 6 0 10 so". | 

Sed feeslatU se OT). cee ee 15000 | 6 0 10 50 
eee. 18000 | 6 0 10 50 

eae 20000 | 6 6 12 60 
LOCH COe | tO Unico eee eee. 23000 | 6 6 12 60 

oc REE ESS: 26000 | 6 6 12 60 

EE eee 30000 | 7 0 12 60 
15, |lfe-6ieued): 110"). Seno eee 33000 | 7.0 12 60 

ete | ee 36000 | 7 0 12 60 

aie cae 35000 | 7 6 12 80 
20(ai (owOdey (al 6 |: Lene cenes 39000 | 7 6 12 80 

Re ak ae 43000 | 7 6 12 80 

ailoreet ae eee 50000 | 8 0 13 80 
30m 60% | 125.0 |... eee 54000 | 8 6 13 80 

bivode Feey 9a] 59000 | 8 6 13 so 

Pa hc se are 66000} 8 6 14 100 
AOr Wee GOs Attn OT): corset chee oe. 71000 | 9 0 14 100 

Bares! | or ts 77000 | 9 0 14 100 
\nilt to edad? SA Dar lta AOL. Klee g0000 | 9 6 15 100 

S02 Ms GOVOAL 19676 4dt Raaoee sus 85000 | 10 0 15 100 
Grjaib.en Bearebie 90000 | 10 0 15 100 

5 65000 | 12 0 16 100 
75 5 70000 | 12 6 16 100 

5 90000 | 14 0 18 150 
100 5 95000 | 15. 0 18 150 

5 110000 | 15 0 20 175 
125 5 120000 | 16 0 20 175 

5 130000 | 16 0 22 175 
150 5 140000 | 17 0 22 175 

7 65000 | 17. 0 24 150 175 7 75000 | 18 0 24 150 
7 75000 | 17 0 24 150 

200 7 85000 | 18 0 24 150 

Loads and Clearances for Hand Cranes 
nek euil eens sds of HEP aad e eine con iNheel aah) Sielteds Gaon 

30 TP RT TESS. 3500] 4 0 7 30 
2 50 CARR Yo Pees As a cect 4000 | 4 0 7 30 
j 30 PATON ce BN RS ey 5500 | 4. 6 8 30 

50 TQ as oe. eal ene 6500| 4 61. 8 30 

30 614 Gish ak -OE thas ekg 8000} 5 °0 9 40 
6 50 ia Dilhe choc aed lc eta 9500| 5 0 9 40 

30 6 <O4).03 conde be 10500 | 5.0 10 50 
8 50 2 -aOyilee aire ell As 12.000 | 5 0 10 50 
ais 30 Or IMISRa Seay ae 13000} 5 0 10 50 

50 8 x 14500 | 5.0 10 50 
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stresses throughout the frame are different from those existing when the 
ends of the columns are fixed. A column is fixed at the end when it is so 
rigidly held there that the axis of the column cannot change its direction at 
that point. In the case of a fixed-end column the point of contra-flexure, 
that is, the point where the direction of curvature changes, is taken halfway 
between the base of the column and the foot of the kneebrace. In light build- 
ings the columns should not usually be assumed fixed at the bottom. 

The case of an intermediate transverse bent of a kneebraced mill-building will be 
considered. The example taken will be a bent of 60-ft. span, height 18 ft. to foot of 
kneebrace, 24 ft. to bottom chord and slope of roof 6 in. to 1 ft. Trusses are 16 ft. 

Fig. 14. Load and Reaction Diagram. 

apart c. toc. The wind pressure will be taken at 15 lb. per sq. ft. perpendicular to 
the sides of the building and at 11.2 lb. (Duchemin formula, Table, Art. 1) normal to 

3 the roof. The columns are assumed partially fixed at the lower end, with the point 
of contra-flexure at one-third the distance between the lower end and the foot of the 
kneebrace; the upper ends are considered supported. 

Fig. 14, the load and reaction diagram, shows the arrangement of the forces and the 
method of finding the reactions at the points of contra-flexure in the columns. The 

A x Xx xX 

Fig. 15. Stress Diagram 
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wind shear is assumed to be divided equally between the two columns, making the 

horizontal reactions at A and Bequal. CE is the resultant of CD and DE, the wind 

on the roof and the sides. The wind resultant is laid off, FG, so that it is bisected by 

the mid-vertical line at O. The perpendiculars dropped from F and G upon the dotted 

lines OA and OB gives the vertical components of the reactions at B and A respec- 

tively. Draw the horizontal line JI intersecting the mid-vertical at K. Then KF = 

R, and GK = X, the reactions at Band A respectively. ; ; 

Fig. 15 is the stress diagram. The heavy lines indicate compressive and the light 

Ines tensile stresses. Dotted lines indicate stresses in imaginary truss members 

which are inserted to make the stresses statically determinate. Removing these mem- 

bers will produce bending stresses in the columns but will not affect the stresses in 

truss members and kneebraces. The stress 
in any member can also be determined by 
the method of moments or sections. For 
instance, let S = required stress in the knee- 
brace.. Take M (Fig. 15a) as center of mo- 
ments and since the sum of moments of all 
forces about M =zero; (4200 X 15.0) — 
(4320 X 9.0) —(S X 5.0) =O from which 

S = 4800 lb. tension. This checks with the 
stress obtained by the graphical method of 
Fig. 15. 

The stresses in the columns due to wind 
are as follows: The direct stresses in the 
portion below the kneebrace are 2250 lb for 
the windward and 3150 lb. for the leeward 
column, being the vertical reactions V and 
Vy, scaled from the reaction diagram. The 
horizontal shear at the point of contra-flex- 
ure of each column scaled from the reaction 
diagram is 3500 1b. The direct stress in the 
portion of the windward column above knee- 
brace equals the vertical reaction V plus the 
vertical component of the kneebrace and in 
the leeward column the vertical reaction Vy, 

minus the vertical component of the knee- 
brace. The horizontal shear in the portion 
of the windward column above the kneebrace 
equals the horizontal component of the stress 

j in the kneebrace (3960) + wind (4320) — 

Fig. 15a. Stress in Kneebrace H (3500) = 4780. The horizontal stress in 
the portion of the leeward column above the kneebrace equals the horizontal com- 
ponent of the stress in the kneebrace (10 200) — Hy (3500) = 6700. 

The bending moments in the columns are: 
Ft.-lb. 

At foot of leeward column, 3500 X 6 = 21000 
At foot of leeward kneebrace, 3500 X 12 = 42 000 
At foot of windward column (3500 X 6) + (1440 x 3) = 25 320 
At foot of windward kneebrace (3500 X 12) — (1440 X 12) = 24 720 

It is seen that the maximum bending moment is at the foot of the leeward kneebrace. 

To Design a Mill-Building Bent proceed as follows: Determine stresses 
in truss due to a total uniform load over the entire roof surface, as in Art. 1. 
The total load includes the wind load which may be assumed at 10 Ib. per 
sq. ft. for roofs of 3 in. slope and more and at 5 lb. for slopes of less than 3 in. 
Proportion the members for these stresses using the working stresses recom- 
mended in Art. 2. Then find the wind stresses due to the normal wind forces by 
the methods of Figs. 14 and 15. If the wind stress in any member from 
Fig. 15 is greater than the wind stress (obtained by interpolation) due to a 
vertical load of 10 or 15 lb. per sq. ft. over the entire roof surface, that member 
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is proportioned for the maximum wind plus the stress from the uniform loads 
other than wind, using working stresses 50% more than in the first calcula- 
tion, but in no case is a less section to be used than that first obtained. The 
members be and bc; will generally need to be increased; often cd and od1; 
oceasionally gd, gf, gf: and gd;. Compressive stresses are noted in certain 
tension members, particularly 6,c; and the lower chord. The diagonals bc and 
bic, can be made of two angles instead of one as when designed for tension 
alone. The compressive stresses in the-lower chord are overcome by the 
tensile stresses due to the dead load. The kneebraces have wind stresses 
only, and are proportioned for the larger working stresses. 

The Columns may be designed as follows: 
(1) Proportion for the direct stress from the specified total uniform load 

on the roof surface using the column formula specified. (See p. 1184.) 
(2) Proportion for combined compressive and bending stresses using the 

formula of Art. 2, 

Me 
P I Cie hinges 

10 EI 

S in this formula is the actual maximum fiber stress which should not exceed 
by more than 50% the S obtained from the column formula in (1). The direct 
stress, P, is that due to the roof loads (other than wind) and the vertical reac- 
tion from wind. For M the maximum bending moment due to wind is to be 
used. 

The greater section obtained by (1) or (2) is to be used. 

For example, if the roof of Fig. 14 be of corrugated steel, the total direct load on a 
column is 31 ft. X 16 ft. X sec 26° 34’ K 40 lb. = 22 200 lb. The column is propor- 
tioned for this load according to (1) above. As with truss members it may be assumed 

- that 10 Ib. of the 40 lb. uniform load is from wind leaving 16 650 lb. from loads other 
than wind. The reaction diagram shows a direct stress in the leeward column of 
3150 Ib. In proportioning the column according to (2) the value of P in the formula 
is therefore 16 650 + 3150 = 19 800 lb. The value of M is the maximum bending 
moment, 42 000 ft.-lb. = 504000 in.-lb. The greater section in this particular case 
is that obtained by (2) and it should be used. 

4. Tall Building Frames 

The Steel Frames used in the construction of modern tall buildings such 
as office buildings carry the entire weight of walls, floors and, in fact, all dead 
and live loads. To these buildings have been given the name skeleton con- 
struction. 

Columns should always be made of steel, although in cheap construction 
cast iron is sometimes used. Fig. 16 shows various common sections employed 
for columns in buildings. Where two [’’s or four L’s are used to form a 
column they should be connected together by lattice bars, which are flat bars 
from 1-3/4 to 2-1/2 in. in width riveted first to one CL or pair of L’s and 
then to the other. Columns made of L’s and plates must be riveted together 
with rivets in the body of the column spaced not over 16 times the thickness 
of the thinnest outside piece connected, the maximum distance used being 
6 in. on centers. At ends of such columns the rivet pitch, which is the dis- 
tance of rivets on centers, should not exceed four diameters of the rivet for a 
length equal to 1-1/2 times the greatest width of the member. Columns 
should be continuous over two stories, and splices should be placed just above 
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the floor levels. Cast-iron bases or pedestals are often used under columns to 
distribute the load over the foundations, although rolled steel slabs are 
preferable in most cases and have come into quite general use. For heavy 
loads foundations are made of one or more tiers of grillage beams on con- 
crete footings. All columns must be encased in concrete, terra cotta or other 
fireproof materials, Fig. 16, and no pipes should be placed within such 
casings. Two inches of concrete or 2 to 4 in. of terra cotta is the minimum 
thickness for casings, and the space between the terra cotta and the columns 
should be filled with concrete or other similar filling. 

In tall buildings wind bracing is a prime requisite. No other feature of 
their design has called forth a greater variance of opinion. Dependence for 
bracing is often placed upon the walls, floors and partitions in buildings less 
than 100 ft. high where the height is not more than twice the minimum 
horizontal dimension. The columns are strongly spliced and secured to the 
floor framing. For greater limits the wind stresses are carried to the ground 
by the steel frame. This often presents a difficult problem. Kneebraces are 
excellent when they do not project into rooms and corridors. A system of 
diagonal bracing, L’s or ([’s, as shown in Fig. 17 (a), is ideal but it can seldom 
be used. In a system without diagonals the connections of floor girders and 
beams to columns must be designed to take bending stresses and at the same 
time come within prescribed architectural limits. Connections that have 
often been used are shown in Fig. 17 (8), (c), (d). For the lower floor con- 
nections details (6) or (d) are used and for the upper floors where wind stresses 
are light (c) is used. 

See Art. 7. Wind Stresses in Tall Buildings. 

Live Loads. Tall buildings are usually within the limits of a city and must 
be designed in accordance with the provisions of a municipal building code. 
When not governed by a building code the following loads and working 
stresses are recommended: 

Minimum Live Load in Pounds per Square Foot of Floor Area 
Dwellings (private residences) first floor.............-.-.. 40 
Dwellings (private residences) upper floors............... 30 
Apartment houses, first oor. Gash, asteditiendawarsicioiem of hoa. 50 
Apartment houses, upper floors...............0cce.0e-.. 40 
Hotels, frst Hoon 6 otc. ape eee Essen eee 80 
Hotels, upper floorstses sd... mssipeageh,. He’ E Sk oo. 40 
Office buildings; firstdloonsneeeepeeee 6 0b es cee oe 100 
Office buildings, upper floors.................0.00......, 50 
School buildings, class rooms. .... 0.0... ..0.00.0 00 ee eee, 50 
School buildings, assembly rooms................2...... 75 
Churches and; theatres. 4:0: Oe 1c Lae a, 75 
Places of public assembly where floors are used for drilling or 

dancing. fa Cte eee ae SO SV ewes Dn 120 
Wherenotisoiuped £uonieg Seale! aril. . dieu earns 100 

Retail:stores, ordinary) io... .¢00).000. J... ee LA 100 
Private garages, pleasure vehicles only). basoaustutk BA hlios 60 
Public garages, pleasure vehicles ONLY ad dish ofa ROE? 90 
Garages, motor trucks 1 to 3 tons Capacity, 930) p ee es) 
Garages, motor trucks 3-1/2 to 5 tons CADBCILY, «22h dusEioe p 200 
WarehOises so iasu.euin voce ae tt ae Ce ame 200 to 500 

Every steel beam in any floor should be capable of sustaining a live load 
concentrated at its center of not less than 3000 Ib. if used for business pur- 
poses; of 2000 Ib. if used as a private garage storing pleasure vehicles only; 
of 3000 Ib. if used as a public garage storing pleasure vehicles only; of 8000 lb. 
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rf motor trucks of 1 to 3 tons capacity are stored and of 12 000 lb. if motor 
trucks of 3-1/2 to 5 tons capacity are stored. The kind of material stored in 
a warehouse will determine the floor load. 

Reduction of Live Load. In computing stresses for columns in such buildings as 
warehouses and factories which are likely to be fully loaded on all floors simultaneously 
the full specified live load should be used. In types of buildings such as apartment 
houses and office buildings the specified floor loads may be reduced in computing 
column stresses as follows: for the roof the specified live load should be used, for the 
top floor 90% of the live load, for each succeeding lower floor the live load may be 
reduced by 5% until 50% of the live load floor loads is reached, when such reduced 
loads should be used for all remaining floors, except the first or ground floor for which 
the full specified live load should be used.  Girders of office building type carrying 
more than 200 sq. ft. of floor may have the specified live load reduced 10%. Dead 
loads must be computed in all cases. 

Wind Pressure should be assumed at not less than 20 Ib. per sq. ft. on the 
sides of building and the corresponding normal component on the roof. 

The Working Stresses given in Art. 2 should be used in proportioning, 
members. 

5. Fireproof Floors 

Floors for Steel Buildings consist of a wearing surface of wood, concrete 
marble or tile laid on hollow-tile blocks, brick or concrete arches which are 
carried by I beams, called joists or floor beams, spaced from 4 to 8 ft. apart, 

Sa 

Terra Cotta Arch (End Construction) HeimjoneedConenets 

Fig. 18. Fireproof Floor Construction 

though usually from 5 or 6 ft., depending on the kind of arches used and the 
span of the beams. Floor girders, that is, deep I beams or plate girders run- 
ning from column to column, support the joists, and if between exterior 
columns, they also support the walls. Hollow-tile blocks made of porous terra 
cotta, and used as flat arches, are placed between the I-beam joists and set in 
cement mortar so as to cover the bottom flanges of the beams, thus affording 
protection of the beams against fire underneath. A layer of concrete is spread 
over the blocks, covering the top flanges of beams toa depth of about 2 in., and 
on this concrete the wearing surface is placed. Concrete floors are either 
arched or flat. In the latter case they consist of a slab in which steel netting 
or rods are embedded. The concrete surrounds the steel beams, and a flat 
ceiling is usually suspended from the beams. Fig. 18 shows details of fire- 
proof flooring. 

Dead or Fixed Loads on floors should be computed for each case. The following are 
ordinary values in pounds per square foot for fireproof flooring: wooden wearing sur- 
faces, 4 to 6; screeds or nailing strips, 2; concrete filling, 15 to 30; arch or slab, 20 
to 50; steel floor joists and girders, 8 to 12; ceiling construction and plaster, 3 to 10. 
The tota] dead weight of fireproof floors varies from 50 to 100 Ib. per sq. ft. The 
accompanying table gives weights of hollow-tile floor arches. 
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Weight of Hollow-tile Flat Floor Arches 
Exclusive of Weight of Steel, Filling or Wearing Surface 

End Construction Side Construction 

Depth of | Beam Spacing, Weight, Depth of | Beam Spacing, Weight, 
Tile, in. ft. Ib. per sq. ft. || Tile, in. ft. Ib. per sq. ft. 

6 3 to4 25 6 3.5 to 4.0 27 

7 4to5 26 7 4.0 to 4.5 29 

8 5 to 6 27 £38 4.5 to 5.0 32 

9 6 to7 29 9 5.5 to 6.0 36 

10 7 to 8 33 10 6.0 to 6.5 39 

12 8 to9 38 12 6.5 to 7.0 44 

Reinforced Concrete Floor Slabs weigh about 9 lb. per sq. ft. per inch of 
thickness if of cinder concrete and 12 lb. if of stone concrete. Cinder con- 
crete fireproofing around beams weighs from 40 lb. per lin. ft. for 8-in. to 
170 lb. for 24-in. standard beams of light weight. These weights will be 
increased for beams of wider flanges. 

The Spacing, or distance between centers of floor beams, varies with the 
type of fireproofing, the length of span of the beams and character of loading. 
After determining the live load and the type and weight of fireproofing the 
total live and dead load can be easily computed and the correct size and spac- 
ing of I beams for this loading and span can be taken from tables in steel 
companies’ handbooks, or the spacing may be assumed and the proper beams 
to be used for the spacing is found by taking from pages 666 to 669 a size and 

weight having a section modulus which equals the value of I/c in the following 

formula: 
I 3dwi 

c ee 

where J/c is the section modulus in inch units, J being the moment of inertia 
and ¢ the half depth of beam; d, the distance center to center of beams in feet; 
w, total live and dead load in pounds per square foot; 1, span of beam in 
feet; S, allowable unit fiber stress in pounds per square inch. If a beam 

cannot be found with a section modulus close to that required, a slight change 

in the spacing may be advisable. In this case a beam may be chosen and the 
2 SI 3 ‘ ; 

distance d = —— computed. The heaviest section of a given depth of 
3 cwl? 

I beam should be avoided, as it is not as economical as a lighter beam of a 

greater depth. The size of a beam required to carry a uniform load may also 

be chosen by multiplying the load per running foot of beam by the span and 

selecting from a handbook a beam corresponding, and in case the load on 

the beam is concentrated at the center it can be reduced to an equivalent 

uniform load by multiplying it by two. For loadings not uniform or not con- 

centrated at the center of the span the section modulus I/c must be found 

from the formula I/c = M/S, where M is the bending moment in inch-pounds 

and S the unit stress which is usually taken at 16 000 lb. per sq. in. 

The Deflection of Floor Beams carrying plastered ceilings underneath should not 

exceed 1/360 of the span. For I-beams carrying uniform loads, simply supported at 

the ends and stressed to 16 000 Ib. per sq. in., this limit of deflection will be exceeded if 

the ratio of span length to depth of beam exceeds 24. 

Compression Flanges of I Beams or girders should be stayed laterally at distances “ 

not exceeding 12 times the flange width. If this ratio is exceeded the allowable unit 
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stress should be found by the formula, S = 19 000 — 250 1/b, where S = allowable unit 
stress in pounds per square inch, /= unsupported length and 6 = width of flange. A 
corresponding reduction should be made in the tables of safe loads given in steel com- 
panies’ handbooks. For example, the tabular allowable uniform load for an 18 in. 55-Ib. 
beam 20 ft. long based on a maximum bending stress of 16 000 Ib. per sq. in. is 47 000 
lb. The beam length J, is 240 in. and the flange width, 5, is 6 in. If the top flange is 
unsupported laterally the allowable unit stress is 19 000 — 250 //b = 9000 and the safe 
load is 9/16 X 47 000 lb. = 26 500 Ib. 

Tie Rods from 5/8 to 7/8 in. in diameter are used to connect the webs of I beams in 
buildings to assist in construction, in bracing the beams laterally and to take the thrust 
from the floor arches. For uniformly loaded floor arches the horizontal thrust is given 
approximately by T = 3 wi?/2r, and the spacing of the tie rods by lo = 10 000 ra/wi2, 
where T = thrust in pounds per linear foot of floor beam; w = total live and dead load 
per square foot; / = span of arch in feet; 7 = rise of arch in inches; lp = distance be- 
tween rods in feet; a = net area of tie rods in square inches. For flat arches r is approx- 
mately 6/10 to 8/10 the depth of the arch. 

The Safe Unit Shearing Strength of I-beam webs or of plate-girder webs for build- 
ings is given by 

12 000 

where Ss is in pounds per square inch; d = depth of beam or web of plate girder, ¢ = 
thickness of web, # = vertical distance between flanges of I beams, and for plate girders 
horizontal distance between stiffeners or vertical distance between flanges, whichever is 
the smaller. All dimensions are in inches. To obtain the total safe shearing strength 
V of a web multiply the above unit stress by the gross cross-sectional area of web, or 
V= Ssdt. 

Safe Unit Shearing Strength of I-Beam Webs for Buildings 
Pounds per Square Inch 

6. Fireproof Walls and Partitions 
Walls for Steel Mill Buildings are made of brick, concrete, tile, corru- 

gated steel, hy-rib and concrete, metal lath and plaster, wood or metal sash. 
Two or more kinds of siding are often used in the same building. If corrugated 
steel is used for the roof the sides are often made of it also but of lighter weight. 
Less than No. 22 should not be used for roofs nor less than No. 24 for siding. 
For the roof the usual method of fastening is by straps to [ purlins and for 
sides by straps or clinch rivets to £ or L. girts. Though more expensive, 
galvanized sheets are preferable to painted sheets. Walls between columns are 
usually made 12 in. thick if of brick and 8 in. thick if of tile or concrete. A 
greater thickness may be required when the walls carry all loads or when 
the columns are set free from the walls. 

. ‘Where a rectangular opening is to be made in a solid Masonry wall, and there are no windows or other openings in the wall above, one or more I beams placed side by 
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side, and connected together by cast-iron or rolled 
steel C separators fitting between the beams, are 
used to support the masonry. Assuming that the 
beams carry a triangular portion of the wall having 
for its base the span and for its altitude 1/2 the 
span, the section modulus of the combined beams 
= w#l3/32 000, where w is the weight of the masonry 
in pounds per cubic foot; # = thickness of wall in 
feet; 7 = span of opening in feet. If there are 
windows above the opening, the entire weight 
vertically above the opening should be taken on 
the beam. In either case the beams should have 
a depth of not less than about 1/24 the span. 

The 4uestion of lighting has been much 
discussed in recent years. It is important that 
natural light should be utilized to the best 
advantage. The location of windows as well 
as their area should be considered. The types 
of sash most used for mill buildings are the 

ordinary wooden sash and the rolled steel sash. 
The latter is more satisfactory and is used 
almost entirely for the best modern buildings. 

Walls in Office Buildings having steel 
frames are made of brick, stone or terra cotta 
and are carried by girders or I beams at each 
floor level, thus separating the wall into.parts 
each one story in height. The thickness of 
these walls is usually fixed by building laws, 

12 in. being the minimum. Terra cotta facing 
with brick backing for exterior walls is good 
construction. Cement mortar should be used. 
Hollow-tile furring blocks, usually 2 to 6 in. 
in thickness, attached to the inside surfaces 
of exterior walls, are used as a protection 
against dampness and noise, and serve to 
hold the plaster. A spandrel, which is that 
part of an outside wall in an office building 
over a window and under the window verti- 
cally above, is carried on I beams, or on [-’s 
and _.’s. The terra cotta blocks are anchored 
to the steel. Fig. 19 shows spandrel construc- 
tion. 

Partitions in Fireproof Buildings, Fig. 20, 
are made of hollow terra cotta blocks, plaster, 
plaster block, brick and of various patented 
materials. Of these materials terra cotta 
hollow blocks are commonly employed. Parti- 
tions of this material are made from 4 to 12 in. 
thick, 4in. being the usual thickness for the 
blocks, which for the body of the partition are 
12 by 12 in. in size but for the top and sides 
are 6 to 8 by 12 in. to fit in with the square 
blocks. Terra cotta should be wet before be- 
ing laid and also before being plastered, and 
should be laid in a mortar composed of one 

Fig. 19. Spandrel and 
Cornice Sections 

1153 
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part lime-putty, two parts cement and two to three parts sand. Plaster 
on both sides of a terra cotta partition increases the thickness by about 
1-1/2 in., that is, 3/4 in. per side Twelve feet for 3-in., 16 ft. for 4-in., 20 
ft. for 6-in., are the usual heights for the thicknesses of partitions given. 
Solid plaster partitions are made from 2 to 4 in. thick and are supported on 

3 Cell 
2x12x12 

15 lb, 

Plaster 
Finish 

8 Cell 
4x12xJ2 

16 lb, 

PARTITION GYPSUM BLOCK RIBBED-LATH 
TILE PARTITION PARTITION 

Fig. 20. Fire-resisting Partitions 

wire lath on steel framework. For the 4-in. partitions a central body of cin- 
der concrete supported between two such wire nettings is built, then plastered 
on both sides. Hollow plaster partitions consist of a steel framework of [’s 
to which metal lath is attached on each side, and to this the plaster is 
applied, leaving a hollow space between the two layers of plaster. 

The accompanying table gives weights of various forms of partitions, the weight in 
each case of terra cotta and plaster blocks not including the plastered surfaces. For 
each plastered surface used add 5 lb. per square foot of surface. The weights given 
are per square foot of partition. 

Weights of Partitions 

Kind of Thickness, 
Partition in. i wits Partition 

10 to 14 
11 to16 Solid plaster 

Porous or hard- 12 to 19 Hollow plaster 
burned terra 17 to 22 

cotta 22 to 24 Plaster blocks 
28 to 33 

Wood stud and plaster partitions weigh from 80 to 150 lb. per lin. ft., depending 
upon height and thickness of plaster; gypsum block partitions may be assumed at 
10 Ib. per sq. ft. for 3-in. thickness with an increase of 2-1/2 lb. for each additional 
inch of thickness. To this should be added the weight of the plaster. 

The question of whether partitions, especially those subject to relocation, should 
be considered as dead or live load is perplexing. An-approach to a solution is to 
consider them equivalent to an addition of 15 lb. per sq. ft. to the dead load of the floo-, 
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7. Wind Bracing in Tall Buildings . 
Wind Pressure for many-storied buildings when not specified by a building 

code should be assumed at not less than 20 Ib. per sq. ft. on the sides of build- 
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Fig. 21a 

ings and the corresponding normal pressure 
on the roof. The steel frame should be 
designed to resist the stresses caused by 
these pressures. It is inadvisable to allo- 
cate a certain amount of wind force to the 
walls, partitions, and floors, and the remain- 
der to the steel framework. 

The gusset-plate type of wind bracing is 
now used almost exclusively in the bracing 
of high tier buildings. The large bending 
moments in girders and columns do not make 
it economical with the use of steel. Its great 
advantage is that it interferes much less 

with the development of architectural fea- 
tures than other types. Different methods 
of calculating wind stresses have been pro- 

posed. A method in quite common use is 
the one here presented. 

The three-aisle bent of a six-story building MOMENT DIAGRAM 
shown in Fig. 214¢ will-be taken for illustration. Moments Gi ‘ 
Loads and direct stresses are given throughout. of Faae ec eerads 
The shear diagram (Fig. 2th), gives Shears and Fig. 
21¢ gives bending moments for both girders and Fig. 21¢ 
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columns. It is evident that for horizontal wind pressure the bent is a cantilever 
beam or truss with fixed end at the foundation. Wind loads are assumed as given in 
the figure. It is also assumed that the point of contra-flexure of each column is at 
mid-height of the story, that the point of contra-flexure of each girder is at its center 
of span and that the joints are perfectly rigid. 

The structure is regarded as equivalent to a series of independent portals. The 
total horizontal shear is divided equally between the number of aisles. An outer 
column thus takes but one-half the shear of an interior column. For equal transverse 
spacing of columns the direct or axial stress due to the overturning moment of the 
wind is taken by the outside columns. The interior columns belong to adjacent 
portal systems. The compressive stress from one portal balances the tensile stress 
from the other, making the resultant axial stress zero. The direct stress in the outer 
columns of any story is then equal to the wind moment at the point of contra-flexure 
divided by the width of the building. Numerically: in the fourth story outer columns 
the direct stress is 

(2.4 X 30) + (3.9 X 18) + (3.9 x 6) 

48 
= 3450. 

The difference in axial stress between any two abutting sections of an outside column 
acts as a shear at the point of contra-flexure of each of the row of girders of the 
abutting sections. ; 

Considering in detail the fourth floor, Fig. 22, we have as the shear in each girder, 
6487 — 3450 = 3037. The maximum bending moment in each girder is 3037 K 8 = 
24 296 ft-lb. In the same way the maximum bending moment in a third floor girder 

Contraflexure = 10,2! --—-—--—--—~- +S Q-—-—-----— 

80 ET | 
14,100) ontraflerure =14,100 

—— I, ) 

Col. A Col, B Col. C Col. D 

Fig. 22 

is (10 500 — 6487) X 8 = 32104. The bending moments in columns are the shears 
at points of contra-flexure multiplied by one-half the story heights. 

Since panels are equal and each portal assumed to take one-third the shear, each 
leg of the portal takes one-sixth of the shear. The windward columns therefore reduce 
the panel loads by one-sixth, leaving five-sixths as the direct stress in the windward 
girder. The direct stress in the middle girder is further reduced by two-sixths, leaving 
the direct stress three-sixths. The leeward girder is further reduced by two-sixths 
leaving a direct stress of one-sixth. Numerically: the direct compressing stesses in 

the fourth floor girders are, from A to B, 3900 — — = 3250; from B to C, 

390 
3250 — = = 1950; from C to D, 1950 — = 650. 

It will be observed that the bending moments in girders of the same floors are alike 
and equal to the sum of those in the outer columns above and below the girder. Their 
values are not affected by the width of the aisle. The bending in an outer column in 
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any story equals the total shear in that story multiplied by the story height and the 
product divided by four times the number of aisles. The bending moment in an 
interior column equals twice that in an outer column. Of course the algebraic sum of 
the moments about any point is zero. 

If the transverse spaces between columns are unequal, the wind shear taken by 
each aisle may be assumed proportional to its span. Though not theoretically correct, 
the direct stresses in columns will thus be brought to the outer rows. The bending 
moments at each end of a floor girder will be the same though they will not be alike 
for all the girders of a floor. 

Column splices should be madé in lengths ef two or more stories and care taken that 
they are spliced sufficiently to make them continuous as retards transverse bending. 
Column splices and the connections of girders and beams to columns should be riveted. 
As a general rule unless the height of a building exceeds twice the least width the wind 
stresses require but little special consideration. 

8. Cost Data and Building Laws 

The following Costs are average values for buildings. The cost of shop 
work in cents per pound for light building work is as follows: roof trusses 1.25 
to 2.50, hip and valley framing 2.50 to 5.00, beam work 0.50 to 1.00, columns 
from 0.60 for rolled sections to 1.75 for riveted plate and L sections, plate gird- 

ers 0.90 to 1.50. Steel mill-building frames, shop work about $35.00 per short 
ton including drafting. Erection of Steel: bolted work $16.00 to $24.00 per 
short ton, riveted work $18.00 to $30.00 for office buildings with riveted con- 

nections $20.00 per short ton is a common figure. Corrugated steel $12.00 to 
$18.00 per square, furnished and laid. Roofs per square: slate $15.00 to 
$20.00, three- or four-ply gravel, not including sheathing, $4.00 to $6.00. 
Structural Steel for building costs approximately from 5 to 8 cents per lb. in 
place complete, including painting. Two-inch cement mortar walls on metal 
fabric $2.00 to $3.00 per sq. yd. 4 

Material. The “ Standard Specifications for Structural Steel for Buildings ”’ of the 
American Society for Testing Materials are in general use. Among required properties 
of structural steel mentioned in these specifications are: ultimate tensile strength, 
55 000 to 65 000 lb. per sq. in. of cross-section; maximum phosphorus, -0.06%; mini- 
mum per cent of elongation in 8 in., 1 400 000 divided by the ultimate tensile strength, 
for material over 3/4 in. in thickness a deduction of 1 from the above percentage of 
elongation shall be made for each increase of 1/8 in. in thickness above 3/4 in. to a 
minimum of 18%, for material under 5/16 in. in thickness a deduction of 2.5 from the 
above percentage of elongation shall be made for each decrease of 1/16 in. in thickness 
below 5/16 in.; cold bends without fracture 180 degrees flat for plates shapes, and bars 
3/4 in. or under in thickness, for thickness over 3/4 in. and including 1-1/4 in. around 
a pin the diameter of which is equal to the thickness of the specimen, and for material 
over 1-1/4 in. in thickness around a pin the diameter of which is equal to twice the 
thickness of the specimen. 

Rivet steel shall have an ultimate tensile strength of 45 000 to 56 000 lb. per sq. in. 
of cross-section; maximum phosphorus, 0.06%; maximum sulfur, 0.045%; minimum 
per cent of elongation in 8 in., 1400000 divided by the ultimate tensile strength; 
cold bends without fracture 180 degrees flat. 

Standard Specification for Steel Castings and for Gray Iron Castings have also been 

issued by the A. S. T. M. 

Workmanship. All workmanship should be first-class in every respect and in accord- 
ance with practice followed by the best bridge shops. Before being worked, material 
should be thoroughly straightened by methods that will not injure it. Punching should 
be done accurately, but occasional inaccuracies in matching of holes may be corrected 

with reamer. The diameter of the punch should not be more than 1/16 in. larger, nor 
that of the die 1/8 in. larger than the diameter of the rivet. Rivets should be driven 
by pressure tools wherever possible. Abutting surfaces of compression members 
except where joints are fully spliced, should be planed to even bearing so as to giv 
close contact throughout. ; 



1158 Roofs and Buildings Sect. 12 

Painting. Red Lead or Graphite Paints are commonly used for painting steel in 
buildings, one coat being applied at the shop and one after erection. Linseed oil may 
be used instead of paint for the shop coat. Red-lead paint should be mixed just 
before using and should be kept thoroughly stirred and should be applied with round, 
not flat, brushes. Painting should not be allowed in wet or freezing weather nor on 
any but clean surfaces. 

Cast iron need not be painted until after erection. Steelwork for foundations to 
be entirely embedded in concrete need not be painted but should be free of dirt, 
grease or other matter which would impair the bond of the concrete. 

Inspection. All inspection and tests are usually made at the option and expense 
of the purchaser, the contractor furnishing necessary test pieces and the free use of a 
testing machine. 

Erection. Care should be taken that all steelwork be level and plumb 
before bolting or riveting and that proper provision be made for resisting 
stresses due to erection operations. Field connections are better when riveted 
than when bolted but specifications are often needlessly severe in calling for 
all connections to be riveted. Field connections may be bolted throughout 
for one-story buildings carrying no concentrated loads, shafting or cranes. 
Other buildings should have connections riveted for column splices, trusses, 
girders and beams to columns, chord splices of trusses and for bracing. In 
structures subject to heavy loads and vibrations rivets should be used through- 
out, except that purlins and girts that do not form part of the bracing may be 
bolted. Drift pins should be used only to bring parts together. Unfair holes 
should be made to match by reaming. 

Building Laws. In the United States there are 80 or 100 cities having a popu- 
lation of over 100 000 each and about 200 cities with a population of from 
30 000 to 100 000 each in which are located the great majority of buildings 
other than mill buildings requiring steel in their construction, the design of 
which must usually be in accordance with a municipal building code. The 
engineer should acquaint himself with these regulations before beginning 

Allowable Live Loads for Floors According to Building Laws a Es attain SE RAE A Sh Biel tah Basle din 1A i ia IN ee Na 
Maximum Live Load, pounds per square foot 

Class of Building 
New York Chicago /|Philadelphia! Boston 

| Dwellings, Apartment Houses, 
| Hotels. Tenement Houses or 

Lodging Hnusts:.. 555... 40, 60 <0, 50 40 50 
Office Buildings, First Floor. . . 60 50 60 125 
Office Buildings, above First 

Bloor th. Que off DOO cbs. 60 50 60 60 
Schools or Places of Instruction 75 75 75 50-100 
Stables or Carriage Houses...|........... 40% or 1004.) .04 Sesioude 50-150 
Buildings for Public Assembly 100 100 120 100 
Buildings for Ordinary Stores, 

Light Manufacturing and 
Ligh tsS tora geasssneretunons 120 100 120 125 

Stores for Heavy Materials, 
Warehouses ‘and ‘Factoriés «(| ijpdascie twelve. el ened 150 250 

Roofs, pitch 20° or less... ... 40 25 S0ylotieecas onddas 
Roofs, pitch more than 20°... 30 25 BOwdT | ..xomman cae 
Sidewalks i jcils. fsouts-« caewt SOO SHER yah s, sr cela tide vel.cne Rit. 250 
PublichBalldingssiiindiids shyt gum aeceometal ingests nislew ai eee cade 75-100 

* Stables less than 500 sq. ft. in area. t Stables over 500 sq. ft. in area. 
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his work. As the data given in handbooks may have been superseded, all 
information should be obtained from the building code itself. When codes are 
incomplete, as many are, the engineer must supply lacking data from such 
authorities as he deems advisable. 

Cast-iron Columns to be used in construction of buildings in New York City must 
not have diameter less than 5 in. or thickness of metal less than 3/4-in.; nor shall 

they have an unsupported length of more than 70 times their least radius of gyration 

or 20 times their least lateral dimension or diameter except by special permission or 
except as modified by column formula; top and bottom flanges, seats and lugs must 

Allowable Unit Loads for Columns According to Building Laws 

—. aterial of Column 

Allowable Unit-load, pounds per square inch 

New York Chicago Philadelphia | Boston 

Medium Steel...... 16 000 — 70/| 16 000° — 70%} —*® = 2 ae 
Tr r 

1. + ee fd + 
11 000 72 te 20 000 r2 

Cash iron So 3. 2, 9.000 — 4041 10 000 — 602} —! “ 9000 — 404 
Tr r Le 

400 a2 

] = length, r = radius of gyration, d = diameter or least side, all in inches. 

be of ample strength reinforced by fillets and brackets, and shall be at least 1 in. thick 

when finished. Column joints secured by not less than 4 bolts of at least 3/4-in. diam- 

eter. The core of a column below a joint shall be not larger than the core of the 

column above and the metal shall be tapered down for a distance of at least 6 in., 

or a joint plate of sufficient strength may be inserted to distribute the load. If the 

core of a column shifts more than one-fourth the thickness of the shell, the strength 

shall be computed-by assuming the thickness of metal all around equal to the thinnest 

part, and the column will be condemned if this computation shows the strength to 

be less than that required by the New York building code. Whenever blowholes or 

imperfections are found which reduce the cross-sectional area of the column more than 

10 per cent, such column will be condemned. Posts and columns not having one 

open side or back to be drilled with 3/8-in. hole in shaft to show thickness. 

Wind Bracing. Building codes vary greatly in their provisions for wind 

bracing. The New York code requires that all buildings over 150 ft. in height 

and all buildings or parts of buildings in which the height is more than four 

times the minimum horizontal dimension, be designed to resist a horizontal 

wind pressure of 30 lb. for every square foot of exposed surface measured from 

the ground to the top of the structure. When the stress in any member due 

to wind does not exceed 50% of the stress due to live and dead loads, it may 

be neglected. When such stress exceeds 50% of the stress due to live and 

dead loads, the specified working stresses may be increased by 50% in design- 

ing such members to resist the combined stresses. The Chicago code specifies 

that all buildings shall be designed to resist a horizontal wind pressure of 

20 lb. per sq. ft. and allows the same increase of working stresses as the 

New York code. In Philadelphia a wind pressure of not less than 30 lb. per 

sq. ft. is called for on all buildings erected in open spaces or on wharves. 

On tall buildings erected in built-up districts the wind pressure is to be 

figured for not less than 25 lb. at tenth story, 2-1/2 lb. less on each succeeding 

lower story, and 2-1/2 lb. additional on each succeeding upper story to a 

maximum of 35 Ib. at the fourteenth story and above. In proportioning 



1160 Roofs and Buildings Sect, 12 

members subject to stresses due to wind loads the working stresses may 
be increased 30%. The code of Boston requires on a structure a wind 
pressure of not less than 10 Ib. per sq. ft. for the first 40 ft. in height above 
ground, a pressure of 15 lb. per sq. ft. for from 40 to 80 ft. and 20 Ib. per 
sq. ft. for portions more than 80 ft. above ground. An increase of 20% in 
working stresses is allowed for wind loads combined with other loads. 

Allowable Unit Stresses According to Building Laws 

Allowable Unit-stress, lb. per sq. in. 

Kind of Material 

Philadelphia 

Compression : 
Rolled: Steel -a-wvet-s-ewrornlr wean 14 500, 16 250 
CaseSteel i>. SES ATs. eee eee 

Steel Pins and Rivets (Bearing) 
Tension: 

‘Rolled Steel.t...:. oat oo osst keer eee 14 500, 16 250 ast steel’. eccaete. he ae eee 
Wrought Irom, onc.c5. cc bee eee ee 12 500 Cast Iron. 5 SP eee, = eee 2 500 

Extreme-fiber Stress, Bending: 
Rolled-steel Reams.s4-. $5.4 See 16 000 
Rolled-steel Pins, Rivets and Bolts. . 25 000 
Riveted Steel Beams (Net Flange 

Settion iN Gan asym sewed 16 000 
Cast Iron, Compression Side........ 10 000 
Cast Iron, Tension Side. ........... 

Shear: 

Steel Field Rivets and Pins......... 
Steel’ Fidl@ Bolts!) J720 5. ola 
Case Tonite Sans Dee sheik ee 

Under Philadelphia, the first value is for mild and the second for medium steel. 

A number of provisions besides those for floor and wind loads affect the design of the steelwork. Fireproofing around exterior columns in New York must be 8 in. thick on the outer face while in Chicago 4 in. will answer. Thickness of enclostire walls when carried by the steelwork is specified as 12 in. for New York, Chicago and many other cities. A large number have a thickness of 12 in. for a top section of 75 ft. and a greater thickness for sections below. Still other variations are found. 
Limitations upon the heights of buildings ranging from 120 to 250 ft. are placed in many cities. For fireproof commercial buildings 2-1/2 times the width of the adjoining street is quite common. A number of cities have limits of 150 to 175 ft. Special requirements must not be overlooked. One such, found in a few codes is that prohibiting the spacing of floorbeams of fireproof buildings more than 5 ft. on centers for stores, warehouses and factory buildings and 8 ft. on centers for other buildings. This eliminates “Jong-span ” construction. Other requirements are confined to the individual code in which they are found. As stated previously, the structural engineer should be acquainted with the municipal code by which the construction of his building is governed. 
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GENERAL DATA FOR BRIDGES 

9. Dead Loads 

Simple Bridges include all beam, girder or truss bridges supported at both 
ends only. Continuous bridges include those which continue unbroken over 
two or more spans and which under vertical loads have vertical reactions. A 
cantilever beam is one that is fixed at one end and unsupported at the other 
and a cantilever bridge is therefore ofte having one or more cantilevers. 
An arch bridge may be defined as one which under vertical loads produces 
inclined pressures on its supports, thus including suspension bridges which 
have the end reactions outward as well as the more common forms of arched 
bridges which have reactions upward and inward. 

The first important bridge of metal was a cast-iron arch of 100-ft. span built at 
Coalbrookdale in England in 1779, and the first iron truss bridge in the United States 
is believed to be the one built at Frankfort, N. Y.,in 1840. The largest cast-iron bridge 
in America was built in 1866, in Chestnut St., Philadelphia, its longest span being an 
arch of 185 ft. Steel was first used in bridge construction in the arches of the Eads 
bridge at St. Louis in 1874. The modern steel truss span is the outgrowth of the 
wooden and the combination truss, the latter being a truss in which some members are 
of wood and some of iron: 

A Deck Bridge is one in which the floor system is supported on or near the 
top chord of the trusses or girders, and a through bridge is one in which the 
floor is on or near the lower chord, but the depth of which is sufficient to 
permit the use of overhead bracing. A half through bridge is a through 
bridge which is so shallow, or whose floor is so near the top chord that no 
overhead bracing can be used. Bridges are square or skew, the former 
including those having the ends of the span at right angles to the length, hence 
having the trusses parallel and of the same length; while skew spans have 
one or both ends at oblique angles with the length and the trusses of a span 

may be of the same or different lengths. 

Economical Types of simple bridges include rolled I-beam bridges for short 
spans up to 40 or 50 ft.; plate girders for longer spans up to 65 or 70 ft. for 
highway and up to 100 or 125 ft. for railway bridges: riveted half through 
trusses for highway bridges between 50 and 100 ft; riveted deck or through 
trusses up to about 150 ft. for highway, and to about 200 ft. for railway 

bridges; pin-connected trusses for longer spans. 

Loads on Bridges include the dead or fixed, the live or movable, impact 
due to live loads, wind, and lateral dynamic forces due to irregularities of 
track, centrifugal force due to electric cars or trains moving on curved tracks, 

snow, longitudinal forces due to friction, and forces due to changes of 

temperature. 

The Dead Load of railroad bridges includes the weight of the girders and 
trusses, of the top, bottom and transverse lateral bracing, and of the floor 
system which may be of either the open or solid type. The following weights 
are approximate only but are sufficient for use in preliminary designing and 

they should in every case be checked from the finished design. For ordinary 

open floors the weight of track is from 400 to 600 lb. per ft. for one track in- 

cluding rails, guard timbers, ties and all fastenings. The weight of steel per 

foot of span in single-track railroad bridges of the several types named below, 

having open floors and designed for Cooper’s Class E-40, E-50 and I-60 
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loadings (Art. 10) in accordance with the American Railway Engineering 
Association Specifications, 1925, is approximately expressed by: 

Deck plate’girders.. ghee.) . bold A. w = k (131+ 100) 
Through plate girdersde goles... <2. cee eee w =k (151+ 500) 
Through pin-connected or riveted trusses.... w = k (91 + 700) 

where / = length of span; & = 0.88 for E-40; & = 1.00 for E-50 and & = 
1.12 for E-60 loadings. . 

The weight of steel in a double-track girder bridge is about 100% greater, 

and in a double-track truss bridge from 80 to 90% greater than for a similar 
single-track structure. 

The Total Weight of Material in one single-track span is found by adding 
the weight of the track, 400 to 600 Ib. per ft. to the weight of steel as given 
by the above formulas and multiplying by the span in feet. A dead panel 
load on one truss is the weight on one panel point from one panel length of 
truss and floor system. For a single-track bridge the panel load on one truss 
is found by multiplying the total dead load per foot of truss by the panel 
length. For example, if a single-track through bridge designed for a Cooper 
E-50 live load, has a span of 200 ft. divided into 8 equal panels of 25 ft. the 
above formula, w = 9/7 + 700 gives 2500 lb. per ft. as the weight of steel in 
the bridge. If the track weighs 450 lb. per foot of bridge the total load per 
foot of one truss = 1/2(2500 + 450) = 1475 lb., and the panel load per truss 
is 1475 X 25 = 36 875 lb. It is customary to assume two-thirds of the panel 
load on the loaded and one-third on the unloaded chord panel points, but a 
better method is to divide the weight of the truss equally between the upper 
and lower chords and apply the weight of track and floor after the latter has 
been obtained from the floor design at the loaded chord. 
Highway Bridge Dead Loads include in addition to the weight of the side- 

walks, if any, the weight of the roadway and the steel in the stringers, floor 
beams, trusses and bracing. Highway bridges vary greatly in size and design 
and no formula will give accurate results for the dead weight. The floor is 
designed first and its weight computed. The weight of the steel in the trusses 
or girders and the lateral system may be assumed. After the sections of the 
main members have been found for the live, impact and trial dead load, the 
assumed dead load may be checked, a percentage being added for details. 
More than one or two trials will seldom be necessary. After the bridge has 
been completely designed an accurate final estimate of the dead weight 
should be made and the sections corrected if necessary. For computing the 
loads on highway bridges the following weights of materials in pounds per 
cubic foot will be found useful: timber, creosoted, 60; oak, untreated, 54; 
pine, untreated, 48; concrete, 150; paving brick, 150; granite blocks, 160; 
asphalt, 135; macadam, 130; sand or earth, 100; stone ballast, 100; steel, 
490; cast iron, 450. The following weights are in pounds per linear foot: 
ordinary latticed sidewalk railings, 30; rails and fastenings, street railway 
tracks, 100 per track; rails and fastenings, railroad tracks, 150 per track, 
Snow Loads for railroad bridges are-usually negligible, but for highway bridges in 

cold climates it is necessary to consider the snow load in some cases, especially for 
drawbridges when open. The maximum allowance is 20 lb. per sq. ft. 

10. Live Loads 

Live or Movable Loads ordinarily used for the design of railroad bridges 
consist of one or two locomotives followed by a uniform load representing the 
weight of the heaviest cars. To allow for future increase the weights specified 
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by this loading should be greater than the heaviest locomotives and cars in 
service on the road for which the bridge is designed. Wheel spacings and 
weights of actual rolling stock are so variable that typical loads are largely 
used, those specified by Cooper being most common. Fig. 23 shows Cooper’s 

Axle loads in pounds 

$2222 ££ 28°23 S222 8228 
tS = ets 883 883 88 88 Uniform 

10 ll 12 13 14 15 16 17 18 

109 iecare * =neeeey 

Fig. 23. Cooper’s Standard Loading, Class E-50 

Axle Loads-Pounds 

2 282282 g8888 

Fig. 23a. Class M-60 

Class E-50 standard loading, consisting of two consolidation locomotives 
followed by a uniform load of 5000 Ib. per lin. ft. The loads given are axle 
loads. Cooper’s standards provide for heavier traffic by using Classes E-60 
and E-55 and for lighter traffic by using Classes E-45, E-40, and E-30, each 
of which has the same wheel spacing as Class E-50, but the weights, and hence 

all functions of these weights such as reactions and stresses, are less, being 
proportional to the class number;. thus the weights of E-60 are 12/10 those 
of E-50 and of E-45 are 9/10 those of E-50; E-40, 8/10 of E-50; E-30, 
6/10 of E-50. At the present time, 1929, most of the important bridges on 
main lines are designed for E-60, and, in some cases, especially for floor 
systems, for as high as E-75 to E-90. In the latter case higher unit stresses 
than those ordinarily allowed are used. 

The Cooper System of Loading was introduced about thirty years ago 
when the heaviest loads were represented by E-40. Since then there has 
been a continuous change in type, as well as in weight, of locomotives. Fig. 24 
shows four of the heaviest existing locomotives arranged in the general order 
of their stress-producing effect. The first two are of the Mallet, or articulated, 
type, with 12 and 10 driver axles, respectively; the last two are the Santa Fé 
type, with 5. driver axles. No. 1 produces maximum stresses in spans above, 
roughtly, 150 ft.; No. 2 in spans between about 70 and 150 ft.; and No. 3 in 
shorter spans. The stresses produced by these locomotives differ from those 
obtained by the use of any single Cooper loading. Thus No. 1 will produce a 
center moment in a 100-ft. span equivalent to that from E-72; in a 200-ft. 
span, to E-66; in a 300-ft. span, to E-63; 400-ft. span, to E-62; 2000-ft. 
span, to E-60. Again, a 140-ft. span designed for No. 3 has ratings varying 
between E-54.8, for the center chord members, to E-69.5, for the center 
panel diagonals, and E-75 for the floor beams. 
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To overcome these inconsistencies, and more nearly to fit modern loading 

conditions, Dr. D. B. Steinman has proposed a new conventional wheel load 
diagram, M—60, (Fig. 23a), which very closely produces the same maximum 
stresses in all spans as those produced by the heaviest existing locomotives. 
This proposed loading is a composite of the first three locomotives shown in 

Wh. 97-0" 

All loads are in thousand pounds per axle. 

Fig. 24. Wheel Diagrams of Heavy Locomotives in Service. 

Fig. 24. While it is of the Mallet type, it conforms very closely, in stress- 
producing effects, with the Santa Fé, Decapod, and other heavy locomotives. 
As in the case of the Cooper E series, lighter or heavier loadings can be pro- 
vided by using a different class number, such as M-50, or M-70, and changing 
weights and stresses proportionately. 

Equivalent Uniform Live Loads which will give stresses as close as possible 
to those computed for actual wheel loads are sometimes used, the most com=- 
mon for computing chord stresses being the uniform load per foot which pro- 
duces a moment at the center of the span equal to the maximum moment 
produced on the span by two locomotives followed by a uniform train load. 
The equivalent uniform load for computing web stresses is the uniform load 
per foot which produces an end shear equal to that produced by the locomotive 
loading. The table on p. 1165 gives for Cooper’s E-50, maximum moments; 
end, quarter point and center shears; pier reactions for equal spans; and the 
equivalent uniform loads based upon center moments, end shears and pier 
reactions. The table on pages 1168 and 1169 gives the same data for M-10 
loading. For M-60 multiply by 6. 

The latest type of passenger electric locomotives, Class T-3a, used by the 
N.Y. C. & H.R. R.R., weighs about 285 000 Ib: distributed nearly equally 
on 8 axles, as shown in the last wheel diagram in Fig. 24, 



ta 
_ Art. 10 Live Loads 1165 

Maximum Moments, Shears, Floor Beam or Pier Reactions, and 
Equivalent Uniform Loads for Cooper’s Class E-50 

For One Rail 

Max. Shears, V Equivaient Uniform Load 

=. che =a 7 ,.1> Max. 

Pier oe For For 

End | 1/4Pt.| Cent. | React. | naax, | Max. | Max. 
R Moment) £24 Pier 

Shear React. 

31 25.0 12,5 50.0 5625 7500 5000 

40.9 26.1 13.6 54.5 5430 7450 4960 

43.8 21,28 14.6 58.4 5560 7290 4860 

46.2 27.9 15.4 61.6 5625 7100 4740 

48.2 29.5 16.2 65.2 5610 6900 4660 

50.0 31-2 16.6 68.3 5560 6670 4555 

16 175.0 53. 1 32.9 ae wk 5470 6640 4445 

17 193.8 55.9 34.3 Bh 8 5360 6580 5325 

aie 18 212.5 58.3 35.4 17.4 75.9 5250 6490 4210 

19 233-5 60.5 36.5 17.5 78.6 5170 6370 4140 

20 257.9 62.5 3125 ies 81.9 5160 6250 4100 

| 

| 22 282.5 64.3 39.2 18.1 84.9 5100 6125 4040 

22 307.1 65.9 40.9 18.8 87.6 5050 5990 3980 

23 331.8 67 4 42.4 19.3 90.2 5000 5860 3920 

24 356.5 69.3 43.8 19.8 92.4 4940 5775 3850 

25 381.3 71.0 45.0 20.2 94.6 4880 5680 3780 

26 406.0 72.6 46.1 20.6 97.1 4820 5585 3735 

27 430.8 74.0 : fy pX OM 100.1 4750 5480 3710 

28 456.9 (SES) 48.2 21.4 102.8 4690 5390 3670 

29 435.0 76.9 49.1 21.8 105.4 4625 5300 3635 

30 513.0 78.8 50.0 22.62 107.9 4560 5255 3595 

31 541.1 80.5 50.9 22.7 110.6 4500 5195 3570 

32 569.3 82.1 51.8 23.4 113.7 4450 5130 3555 

| 33 597.4 83.7 52.5 24.0 116.7 4390 5070 3535 

34 625.8 85.1 53.5 24.6 119.4 4330 5005 3510 

35 653.8 86.5 54.4 2572 122.0 4275 4945 3485 

36 685.8 88.2 55. SL 25.8 124.4 4240 4900 3455 

| 37 717.9 89.8 56.0 26.2 126.9 4200 4855 3430 

38 750.0 91.4 56.7 26.6 129.7 4170 4810 3410 

39 783.3 92.9 57.5 27.1 132.3 4135 4765 3390 

40 819.5 94.3 58.5 24-8 135.0 4100 4715 3375 

41 855.8 96.0 59.4 27.9 137.6 4070 4680 3355 

42 892.0 97.6 60.2 28.3 140.2 4040 4650 3340 

43 928.3 99.2 OL. L 28.6 142.9 4010 4615 3325 

44 964.5 | 100.7 61.9 29.0 145.6 3980 4580 3310 

45 1000.8 | 102.1 62.6 29.3 148.3 3960 4540 3295 

| 46 1037.3 | 103.5 63.4 29.6 150.9 3930 4500 3280 

47 1073.3 } 104.9 64.2 29.9 153.4 3900 4465 3265 

48 1109.5 | 106.3 65.1 30.2 156.0 3870 4430 3250 

49 1148.5 | 107.7 66.0 30.6 158.5 3840 4395 3235 

50 1188.6 | 109.0 |. 66.8 31.1 161.0 3810 4360 l 3220 

For units see note at end of table. 
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Maximum Moments, Shears and Uniform Loads—Continued 

Equivalent Uniform Load 

For For 
Panis fe 

ax. | End Pier Moment <5 
Shear | React. 

$1 «9 4 -6 3790 4330 3210 
52 -0 -8 oS 3770 4300 3205 
53 “2 a ap 3750 4270 3200 
54 -8 5 wd 3730 4240 3195 
55 on -8 -0 3710 4215 3195 

56 3690 4185 3195 
57 3670 4160 3195 
58 3650 4130 3195 

3630 4110 3195 
3610 4080 3195 aunrou Uy wh i Ur S100 CROAwW UH 00 

61 29 — -0 2 wa 3600 4060 3190 
62 2 2 -6 -6 ae 3585 4040 3190 
63 a) -6 -4 .0 | 3570 4020 3185 
64 -4 2 2 -4 -6 3560 4005 3180 
65 39: ov -8 -8 yh 3550 3990 3180 

66 4 2 5 37.1 209.7 3535 3975 3175 67 9 .0 3 37.5 242-2 3520 3970 3175 
68 .4 -8 0 37.8 215.6 3510 3965 3170 
69 22 5 7 38.1 218.5 3500 3955 3165 70 -4 me 4 38.4 221.3 3485 3945 3160 

71 -6 8 83.1 38.8 224.1 3475 3940 3155 72 a 7 83.8 39.2 226.9 3460 3935 3150 73 4 A) 84.4 39.6 229.6 3450 3930 3145 74 .0 3 85.0 40.0 232.4 3440 3925 3140 7S 33 1 85.7 40.4 235.2 3430 3920 3135 

76 .0 -8 5 40.8 238.0 3420 3915 3130 77 wa 2 4 = ¥ besa 240.7 3410 3910 3125 78 2 hk 2 41.5 243.3 3400 3900 3120 79 4 -8 9 41.7 245.9 3385 3895 3115 80 -6 3 6 42.1 248.6 3375 3885 3110 

81 Oye 57 20 90.4 42.5 251 3370 3875 3100 82 9 | 158.6 91.2 43.0 253.6 3360 3870 3090 83 ak 160.3 9204 43.4 256.1 3350 3860 3085 84 4] 161.8 93.0 43.7 258.7 3345 3855 3080 85 -6 | 163.4 93.9 44.1 260.8 3335 3850 3070 

86 ORE PTES a 94.3 44.5 263.0 3325 3840 3060 87 -3 | 166.8 95.7 44.9 265.6 3320 3830 3055 88 -3 | 168.4 96.5 45.2 268.3 3310 3825 3050 89 OUP h170. 6 97.4 45.6 270.8 3300 3820 3040 90 MOPE LT. S 98.4 45.9 273.2 3295 3810 3035 

For units see note at end of table. 
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Maximum Moments, Shears and Uniform Loads—Continued 

Max. 
Span, Moment, 

* M 

91 | 3403 
92 | 3470 
93 | 3539 
94 | 3606 
95 | 3674 

96 | 3743 
97 | 3811 
98 | 3883 
99 | 3952 

100 | 4024 

101 | 4097 
102 | 4169 
103 | 4263 
104 | 4344 
105 | 4422 

106 | 4500 
107 | 4583 
108 | 4681 
109 | 4773 
110 | 4858 

111 | 4947 
112 | 5033 
113 | 5123 
114 | 5215 
115 | 5306 

| 116 | 5398 
117 | 5486 
118 | 5579 
119 | 5673 
120 | 5767 

121 | 5858 
122 | 5953 
123 | 6045 
124 | 6146. 
125 | 6245. 

150 | 8827. 
175 |11690. 
200 /14841. 
250 |21990. ANDO UNMHERE AUNAOUNU NOMA NOAWHK COWWSO Comte wawon 

Max. Shears, V 

End 1/4 Pt. | Cent. 

173.1 99.4 46 
174.7 100.4 46 

176.4 101.2 46 

178.0 102.1 47 

179.5 103.1 47 

181.0 104.1 47 

182.7 105.1 48 
184.3 106.2 48 

186.0 107.2 48 

187.5 108.2 49 

189.0 109.1 49 

190.6 110.1 49 

192.1 111.0 50 
193.6 111.9 50 
195.1 112.7 50 

196.6 113.6 51. 

198.1 114.5 51 

199.5 115.5 51 

201.0 116.4 52 

202.5 117.4 52 

204.0 118.2 52 

205.5 119.1 52 
207.0 129.0 53 

208.4 121.0 53 

209.9 121.9 56 

211.3 122.9 54 

212.8 123.7 54 

214.2 124.6 54 

215.7 125.5 55 

217.1 126.4 55 

218.6 127.2 55 

220.0 128.1 56 
221.4 129.0 56 

222.8 130.0 57 

224.2 130.9 57 

259.2 252.2 68 

293.1 172.9 78 

326.3 191.8 88 

391.5 229.6 106 BONS MNOMNO AWOADN OURAN WOVTNHE UAUNROM NOUR O UBwWOAW 

Equivalent Uniform Load 

Max. 

Pier For Fo: 
React ois Max. Max. 
R sale End | Pier 

Shear | React. | 

275.6 3290 3805 3030 
278.0 3280 3800 3020 
280.3 3270 3795 3015 
282.7 3265 3790 3005 
285.1 3260 3780 3000 
237.5 3250 3770 2995 
289.7 3240 3765 2985 
292.0 3235 3760 2980 
294.2 3225 3755 2970 
296.5 3220 3750 2965 

298.6 3220 3745 2955 
300.8 3220 3740 2950 
303.0 3215 3730 2940 
305.3 3215 3725 2935 
307.5 3215 3715 2930 
309.8 3215 3710 2920 
312.0 3215 3700 2915 
314.2 3210 3695 2910 
316.3 3210 3690 2900 
318.5 3210 3680 2895 

320.7 | 3210 13675 2890 
322.8 3210 3670 2880 
324.9 3210 3665 2875 
327.0 3210 3655 2870 
329.0 3210 3650 2860 
331.1 3210 3645 2855 
333.3 3205 3640 2850 
335.6 3205 3630 2845 
337.8 3205 3625 2840 
340.0 3205 3620 2835 

342.2 3205 3610 2830 
344.5 3205 3605 2825 
346.7 3200 3600 2820 
349.0 3200 3595 2815 
351.2 3200 3590 2810 

406.7 3140 3455 2710 
464.6 3055 3350 2655 
523.8 2965 3265 2620 
644.0 2815 3130 2575 

J 
| For span lengths L greater than 284 ft., max. moment = 5/16 L? + 2375, 

For span lengths L greater than 100 ft., max. end shear = 1.25 L + 90 — 2750/L. 
For span lengths L each greater than 142 ft., max. pier reaction = 2.5 L + 4750/L. 

Moments are in thousand pounds per foot; shears are given in thousand pounds; 
pier reactions are given in thousand pounds and are for piers between two spans each 
equal to the tabulated span; equivalent loads are in pounds per linear foot. 
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Maximum Moments, Shears, Reactions, and Equivalent Uniform 
Loads. M-10 Loading 

Per Track 

Equivalent Uniform Load | 
Span, Maximum 

tt. *| Moment, 7 
ft.-lb. M Ss R 

10 35 156 2813 3750 2500 
11 41.051 2714 3719 2583 
12 50 000 2778 3646 2604 
13 59 375 2811 3550 2589 
14 68 750 2806 3444 2551 
15 78 125 2778 3333 2500 

16 87 500 2734 3320 2443 
17 96 850 2681 3287 2386 
18 106 250 2624 3241 2329 
19 116 610 2584 3186 2273 
20 128 910 2578 3125 2219 

21 141 220 2562 3118 2167 
22 156 250 2583 3099 2117 
23 171 880 2599 3072 2069 
24 187 500 2604 3638 20233; || 
25 203 120 2600 3000 1980 

26 218 750 2589 2960 1953 
27 234,380 2572 2920 1927 
28 250 000 2551 2881 1900 
29 265 620 2527 2843 1873 
30 281 250 2500 2806 1847 

esi 296 940 2472 2769 Ee | 
Hh ef 312 780 2444 2733 1816 
| 33 328 770 2415 2699 1799 | 

34 344 880 2387 2665 1782 
| 35 361 150 2359 2633 1765 

36 377 550 2331 2601 1760 
37 394 110 2303 2579 1753 
38 410 790 2276 2541 1745 
39 427 620 2249 2512 173601 | 
40 444 590 2223 2484 1727 

42 478 620 2171 2431 1717 
44 513 880 2124 2382 1705 
46 549 340 2077 2335 1690 
48 585 390 2033 2291 1673 
50 622 060 1991 2250 1655 

52 660 270 1954 2223 1640 
54 702 280 1927 2202 1624 
56 744 770 1900 2184 1607 
58 787 950 1874 2170 1590 
60 833 550 1852 2153 1573 
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Maximum Moments, Shears, Reactions, and Equivalent Uniform 
Loads. M-10 Loading—Continued 

Equivalent Uniform Load 

Moment, Shear, Floor Beam 
ft.-Ib. Ib. Reaction, Ib. M s R 

881 910 66 129 96 605 1835 2133 1558 
930 860 67 578 98 758 1818 2112 1543 
980 420 69 015 100 840 1801 2091 1528 

1 032 690 70.441 102 860 1787 2072 1513 
1 086 320 71 786 104 820 1774 2051 1497 

1 144 230 “73 056 106 730 1766 2029 1473 
1 202 850 74.2357 108 590 1757 2007 1467 
1 263 040 75 395 110 400 1749 1984 1453 
1326 600 76 474 112 170 1744 1961 1438 
1 390 950 77 500 113 910 1739 1938 1424 

1 455 720 78 476 115 730 1732 1914 1411 
1521 520 79 405 117 510 1725 1891 1399 
1 587 760 80 291 119 250 1717 1867 1387 
1 654 710 81 136 120 960 1709 1844 1375 
1722 230 81944 122 640 1701 1821 1363 

1 790 320 82 722 124 290 1692 1798 1351 
1 859 160 83 457 125 910 1683 1776 1340 
1928 500 84 745 127 510 1674 1766 1328 
1998 520 86 066 129 080 1665 1756 1317 
2 071 830 87 375 130 620 1658 1747 1306 

3 036 310 102 900 149 920 1555 1646 1199 
4 109 130 117 417 170770 1461 1566 1139 
5 286 100 131 360 192 800 1381 1501 1102 
6 555 170 144 940 215 580 1449 1078 
9 370 310 171 450 262 460 

An Exact Equivalent Uniform Load is one which gives exactly the same 
stress in a member as the actual wheel loading. The following charts and 
tables, based upon Cooper and Steinman loadings, were constructed by 
Dr. D. B. Steinman. Fig. 25 is a chart from which may be obtained the 
exact equivalent load, based upon Cooper’s E-60 loading, for any stress 
function haying a triangular influence line the lengths of whose segments are 
l, and7/,. Since, for end reactions or intermediate shears in a girder without 
floor beams the influence diagram is a triangle with /; = 0, instead of extend- 
ing the chart the values of the corresponding equivalent uniform loads are 
given in a separate table. Fig. 25M is a similar chart for the M-—60 loading. 
Fig. 26 gives the governing wheel of a Cooper loading for maximum of any 
stress having a triangular influence line. Fig. 26M gives the same informa- 
tion for an M loading. The use of these charts will be explained in Arts. 17, 

24, 25 and 26 in connection with stresses in girders and trusses. 

A Conversion Table, (Fig. 27a), is given on page 1175 by which stresses com- 
puted for an E loading may be compared with those for an M loading. Thus, 
for a 100-ft. span designed for E-60, the center moment is equivalent to an MW 
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Shorter Segment 1, 
10 15 20 25 30 35°40 4550 60 70 80 90100 150 

a 
TT 

Mb 
OUTING 
tt 
ith 

| wih 
ECHL Aan 

wi 
it 

Longer Segment le 

= 3 

lh 

seu 
Ait in 

Porrectt 1915 

D. B. Steinman 

Continued on 
page 1172. 

& 
R PSR AINA 

29 SSSSSAS SAAN 

Fig. 25. Equivalent Uniform Loads for Cooper’s E-60 in Pounds per Linear Foot 
of Track 
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Longer Segment l, 

(.776 X 60) on M-46.56; the end shear to an M (.858 X 60) = M-S51.48. Conversely, if the span is designed for M-60, the center moment is equivalent 
60. 

to that from an E (=) = E-77.40; the end shear from E-70; the pier 

reaction from E-66. A still more useful conversion chart, applicable to any 

S 1 
1000 = 
900 
800 
700 

600 

500 
450 SaaS 
400 
350 = 
300 =s: H 

250 % 
% 

200 : Wa, 
% 150 5, Ye 

~~ > vag % 

Rae, 
100 ae GN My 

90 7, aig? 
80 Lge tif 

= ba a Proposed M-60 Loading 
G te g * 2 oJ e 5 ed 

oN \\ Se ie 45 og ate SMOO0SOMEGOOOD) 
35 a ae ce apne 
30 DOs, qe 10° 51 5'5'5' 15" 5! 5' 8 5! $' Train ee, 
25 © Oa 

20 Se ca 

< 

“ MG ee For Formulas for Use of Chart, see following page. 
15 “Gq ge (l, Shorter Segment of Influence Triangle, lz Longer Segment, 

%,. Gs “age gq Equivalent Uniform Load, taken from Chart for l, and 1) 
% C- 

10% Ny, % 

“My Fig- 25M. Equivalent Uniform Loads for M-60 Loading 
% in Pounds per Linear Foot of Track. 

Continued on page 1174 

stress whose influence line is a triangle, is given in Fig. 27b. It is recom- 
mended that all stresses, whether from an E or an M loading, be computed 
from the equivalent uniform load corresponding to the shorter and longer 
segments, /; and /) respectively, of the influence line. 

The Live Loads for a Highway Bridge should be chosen to correspond with 
the location of the structure, suitable provision being made for future traffic. 

Most of the large cities have their own specifications. In many states the 
design of highway bridges must conform with the specifications issued by 
the Highway Commissions of those states. The Final Report, 1924, of the 
Special Committee of the Am. Soc. C. E. on Specifications for the Design of 
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Formulas for Use of Fig. 25 and 25M WEB STRESSES 

1; =Shorter segment of influence triangle. 
lz =Longer segment. 
q=Equivalent uniform load, taken from 

chart for /y and /2. 

BENDING MOMENTS 
(and Chord Stresses) 

“|e Influence Line for M 

a) 
For Member shown full: 

eek) oo vegas Max.+ Web | = 1/29 L122, 

(, and]2=The Two Semnents of the Span) aerS zy @Q 
Max.— Web) _ 1/2 ali sec 

SHEARS Stress 18-2 Pp 

For Member shown dotted: 

Max.— Web} _ sec 6” e 
Stress =1/2 ails 2 

Max.+ Web} _ Se ee Te Ll 
Stress =V2qlil's i 

FLOORBEAM REACTIONS 
Intermediate Pier Reactions 

Influence Line for R 

= 1/2 all, 

Max. Intermediate Reaction: 

R =1/2q4 (Lh + bh) 
(ly; und l2 =The Two Adjoining Spans:) 

l 
Max. Shear at C: *V=1/2 abt 

Max. Reaction at A: (/2=1). 

R=1/2ql 

2 | @ jj | ol) @ ||| @ |b he 
1000 6418 825 6504) /650/6634) 475/6852 300 7295|'150 8300/90 9140 55 10100/20/15000 

975|6429| 800|6519/'625|/6658) 450|6896 275 7400) 140 8420) 85/9230 50 10450)}15}16000 

950|6440)|775)| 6535) |600/6683)/425 6945) 250 7520)130 8540/80 9315) 45 10900/}10/18000 
925}6451)/750}6552)|575]6711}|400}7000\\225|7660) 120)8680)75 9410/40 11310) 5/24000 

900 6463| 725|6571||550|6741 37S 7060/|200}7830)110 8840/|70)9470)35|11830 

875 “8 700|6591)|525 ss 175)8035))100}9000) 65/9600!|30)12650]. -|. 0... |350]7130 
850|6490)/675|661 2\|500]6812}|325|7205\\160}8185}} 95/9060} 60/9800) 25)13625)..)... 2: 

* Note: In the formula for ‘“‘V” the effect of wheel © is neglected. To correct for 

1,+8 
this, subtract 30000 {1 — 3 ; ) from the above value of V. 

q |_ #2 q \\le 

N 

Fig. 25a. Equivalent Uniform Loads for Cooper’s E-60, for Shears and Reactions 
(4, = 0), per Linear Foot of Track. 
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Shorter Segment l, 
15 20 25 30 35 4045 50 60 70 80 90100 

15317 
5 67 8 HK 9 11011 12h 13 14 T36) 

AQ) 

‘Copyright 1915 
Tz, by 

D. B. Steinman 

12 12 General Notes.—The chart 
gives wheel for maximum for 

18 

13, 

Fig. 26. 

any stress which has_a triangular 
influence line. 

In case of two unequal segments, the 
live load approaches on the longer seg- 

ment except where wheel is overlined, when 

live load approaches on shorter segment. 

When both segments are each greater than, 142 
ft., advance load on longer segment first, and upon 

the next segment until wheel No. 1 is within 33 ft. of the 

far end of the latter. 

Wheel Determining Maximum Stress. Cooper’s Loadings 
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Steel Highway Bridges, and the Standard Specifications, 1926, for Highway 

Bridges of the A. A. S. H. O. (American Association State Highway Officials) 

represent the best modern practice which is being followed in many states. 

Railway and highway bridge specifications differ little in unit stresses and 

details of design, workmanship and materials. The principal difference lies 

in loadings and impact. : 

TL_]o] 5 [29]3s]20]25[50|35| oo] «| s0|s5| [6s |20| 75 es 20 ene 

[200 _| 

6678 | 160 | 9229 
875 | 6696 18 9893 
950 | 6716 9574 : 800 | 6759 | 120 | 9990 

[775 | 6783 | 110 | 10227 | 
| 750 | 6808 | 100 | 10489 | 
[725 | 6834 | 95 | 10620 | 
| 700 | 6863 | 90 | 10926 | 
| 675 | 6894 | 65 | 11273 | 
[650 | 6926 | 80 | 11625 
[625 | 6962 [75 | 11973 | 

[575 | 70a | -65 | 12604 | 

eee toe Lae 
The Shorter Segment |~soo_[tist [#0 | 1550 | 

is Ahead followed by the {475 | 7246 | 45 | iatas | 
Longer One except where | 450 | 7310 | 40 | 14906 | 

3 : | 425 | 7382 | 85 | 15796 | 
Wheel is Overlined. For l>117.5 {400 | 7462 | 30 | 16833 | 

place Head of Uniform Load 117.5 _ as oe | 18000 | 
from Head of Span | 325 | 7767 | 15 | 20000 | = 275 | 8051 | 5 | 30000 

Fig. 26M. Wheel Determining Maximum Stress. M Loadings. Equivalent Uniform 
Loads for Shears and Reactions (/1=0), M-60 Loading per Linear Foot of Track. 

Modern Requirements in Highway Bridge Loadings are clearly shown in 
the following excerpts from the Am. Soc. C. E. 1924 Specifications. The 
Standard Specifications of the A. A. S. H. O. for 1926 differ only slightly 
from these loading requirements. 

9. Traffic Classification of Bridges. Bridges shall be classified, on the basis of 
traffic, as follows: 

Class A. City bridges or other bridges carrying a highway traffic of 
exceptionally heavy load units. 

Class B. Bridges on primary roads. 
Class C. Bridges on secondary roads. 
Class D. Bridges carrying electric railway traffic in addition to highway 

traffic. 
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CONVERSION TABLE 

To Convert E-Rating to Equivalent M-Rating 
Multiply by the Coefficients in this Table. 
To Convert M-Rating to Equivalent E-Rating 

Divide by the Eaciments tn this Table. — is 

5“ 10% Each 6.5% Each 5% 10* Each 6.5 X rach pif 

8 6 65 9 6 6 BB tain 

12.5% Each 1p. tf: 

is 6 6 Bb 6 Lrain 
Span Span 

Length Length 

ae Feet in Feet 

Tam {69908 | 

818 
| 825 _| : 759 

eee 

a 18 ae 778 ae 

746_|_.778 a 84 
6 |. 

| 33 
| 34726 | 752 | 
Pee tr . 
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} 
10, Width of Roadway. The minimum clear width of roadway shall be 9 ft. for 

each lane of traffic, with a minimum of 12 ft. for one lane of traffic. Bridges designed 

for two lines of highway traffic preferably shall have a clear width of roadway of not 

less than 20 ft. 

Shorter Segment l, . 

S eR R eRe Sees @ 388 

sat 
a ~ fi 
mbt 

aN 
SERA cts Ga 

TUT 
Aid 

0 SS UI 
FS TUL 
&. iB EDLOAREEL COURADNES Ubaani rae MR WA 
31 IRE URREROUGOQEOGQQQQQNVEENOSUNC Nos 

i 
50 Any Value 

Any Triangular ay 
4 Influence Line, 

35 i, +—1, 

30 l= Shorter Segment of Influence Triangle 
l,-Longer Segment of Influence Triangle 

CHART 
OF 

EQUIVALENT M-RATINGS 
FOR 

COOPER’S E-60 LOADING 

This Chart gives the M - Index equivalent to 
E -60 for any Stress in any Span. Use this Chart 
Sor conversion of E'- Ratings into M - Ratings, 

Ffg. 276 

103. Roadway Live Load. The live loads for roadway shall be represented by 
typical truck loadings. Each typical truck loading shall’ be considered as occupying 
one lane of traffic 9 ft. wide. Typical truck loading shall be designated by the letter 
H, followed by a numeral indicating the weight in tons of the typical truck loads. 
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104. Typical Truck Loadings. 

For Floor System: 

Bs 4) Re a Eales eo At etait ee ace 20-ton trucks 
fa i Se i idle vera Oh 15-ton trucks, or one 20-ton truck 
12 Sh PR ape Been 9 eee 13-ton trucks, or one 15-ton truck 

For Girders and Trusses: 

PE2002. FL. 225 eae 600 Ib. per lin. ft. and 28 000 lb. concentrated 
dS ts Sees nee FARE 450 Ib. per lin. ft. and 21 000 Jb. concentrated 
EES § 28, ISOS, 390 Ib. per lin. ft. and 18 200 1b. concentrated 

The concentrated loads are to be placed so as to cause maximum effect. Typicat} 
trucks shall have total loaded weights distributed as in Fig. 2. 

Width of each Rear Tire 
fete ses 14-0" aiahiomeen equals Lin. per Ton of Total 

Weight of Loaded Truck 

TYPICAL TRUCK 

Fig. 2 

(Of Report) 

105. Typical Electric Cars. A train on each track shall be composed of two 
double-truck cars coupled together, with wheel concentrations and spacing of axles 
as shown in Fig. 3 or Fig. 4. 

TYPICAL PASSENGER CAR 
Fig. 3 

(Of Report) 

any ay < ad ad ad we 

3 3 8 3B 8 2 8 
| 

TYPICAL FREIGHT CAR 

Fig. 4 

(Of Report) 
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"106. Selection of Live Loads. 

Class: A Bridges’. «ja... eee SEE ee, ee ...H-20 loads 
Class "BY Bridges: ... ceuunariotten picts s nists oicinio S's sin6 scm H-15 loads 
Cigks Bg ies. 0  ob aE e ane Seta w se aos hae we H-13 loads 

107. Application of Loads. 

To Floor System: 

* Floor systems shall be designed for as many trucks, side by side, and headed 
in the same direction, as the width of roadway will accommodate, with a maxi- 
mum of four. For floors of Class B and Class C bridges the alternate single- 

truck load shall also be considered. 
In the design of floor beams and floor beam hangers, the following percentages 

of the resultant live load stresses shall be used: 

For one;or-two; loaded 1gntSsn.< 6205 2s Soest esesyleen ciate s 100 
For three loaded laniess i aait.= thenie ule ot Siewaa = ess» bio ateentere 90 
For four loaded lanes... 2% 522 sp). othe es SOOT ies 80 

To Girders and Trusses: 

For the purpose of determining the amount of live load delivered to each 
girder or truss, each foot of roadway width for roadways 18 ft. or less in width, 
shall be assumed to carry one-ninth of the load on one traffic Jane. 

For roadways greater than 18 ft. in width, the number of lanes of traffic shall 
be determined by the equation: 

Ww 
K=117, 

in which K = the number of lanes of traffic, expressed in a whole or mixed num- 
ber, distributed uniformly over the entire width of roadway; W = the width 
of roadway that must be loaded to cause maximum stress in the girder or truss. 

Class D bridges shall be designed for the highway live loads as herein specified, on 
any portion of the roadway; or the electric live loads on the car track and the highway 
live loads on the remaining lanes of traffic. For this condition, the clearance line for 
electric cars shall be 5 ft. 0 in. from the center line of track. 

108. Sidewalk Loading. Sidewalk live loads for Class A bridges shall be deter- 
mined by the following formula: 

2250\ /(W +5 
P) = 425 —— ( ok ) ( Ww ) 

in which P = live load in pounds per square foot; ZL = loaded length in feet; W = 
width of sidewalk in feet. ’ 3 

For Class B and C bridges use 80% of this loading. For foot-bridges use the 
loading for Closs A bridges, making W equal to one-half the width of the roadway. 

The maximum value of P shall in no case exceed 100 Ib. per sq. ft. 

Distribution of Truck Wheel Loads 

109. Shear. In calculating end shears and end reactions of stringers and floor 
beams, no lateral or longitudinal distribution of wheel loads shall be assumed. 

110. Bending Moment in Stringers. In determining bending moments in stringers, 
each wheel load shall be assumed to be concentrated at a point. 

When the floor system is designed for one truck, each interior stringer shall be 
proportioned to support that part of one rear-wheel load, or those parts of one front- 
wheel load and one rear-wheel load, represented by a fraction the numerator of which 
is the stringer spacing, in feet, and the denominator of which is: 

4 ft. 0 in. for plank floors; 
5 ft. 0 in. for 4-in. and 6-in. strip floors and wood blocks on a 4-in. plank 

sub-floor; omy nd: 
6 ft. 0 in. for reinforced concrete floors. 

When the floor system is designed for two trucks, each interior stringer shall be 
proportioned to support that part of one rear-wheel load, or those parts of one front- 
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wheel load and one rear-wheel load, represented by a fraction the numerator: of which 
is the stringer spacing, in feet, and the denominator of which is: 

3 ft. 6 in. for plank floors; 
4 ft. 0 in. for 4-in. and 6-in. strip floors and wood blocks on a 4-in. plank 

sub-floor; 
4 ft 6 in. for reinforced concrete floors. 

The live load supported by the outside stringers shall be the reaction of a wheel in 
the most unfavorable position, assuming the flooring to act as a simple beam, but this 
live load shall in no case be less than would be required for interior stringers under 
these requirements. , 

These distribution rules govern only when “the stringer spacing is not greater than 
the denominator which applies to the particular case under consideration. When the 
stringer spacing is greater than this distance, the stringer loads shall be determined 
by the reactions of the truck wheels placed in the most unfavorable position, assuming 

' the flooring between stringers to act as simple beams. i 

The combined load capacity of the stringers in a panel shall be not less. than the 
total live and dead load in the panel. 

111. Bending Moment in Floor Beams. In determining bending moments in 
floor beams, each wheel load shall be assumed as concentrated at a point. 

When stringers are omitted and the floor is supported directly on the floor beams, the 
- latter shall be proportioned to carry that fraction of one axle load, when the floor 
system is designed for one truck, or of two axle loads, when the floor system is designed 
for two trucks, the-numerator of which is the floor beam spacing, in feet, and the 
denominator of which is: 

4 ft. Oin. for plank floors; 
5 ft. Oin. for 4-in. and 6-in. strip floors and wood blocks on a 4-in. plank 

sub-floor; 
6 ft. 0 in. for reinforced concrete floors. 

When the spacing of floor beams exceeds the denominator given, but is less than 
the axle spacing (14 ft. 0 in.), each beam shall be proportioned to carry the full axle 
load or loads. 

When the floor-beam spacing exceeds the spacing of axles, the load supported on 
each floor-beam shall be the maximum reaction due to the axle loads, assuming the 
flooring between floor beams to act as a simple beam. 

112. Distribution of Electric Railway Wheel Loads. Electric railway wheel loads 
may be assumed to be uniformly distributed longitudinally over a length of 3 ft. 6 in. 
In the case of ballasted floors, a lateral distribution of 10 ft. for an axle load may be 

assumed. 

Example. Maximum bending moment at the center of a Class A bridge, span 
100 ft., width of roadway 20 ft., is computed as follows: For one lane of traffic, load 
the entire span with 600 lb. per lin. ft. and place the 28 000 lb. concentration at the 
center. M = 600 X 1002/8 + 28 000/2 X 50 = 1450000. K =1 + 20/18 = 2.11, 

Moment in one girder = 1.05 X 1450000 = 1525000. For the maximum shear 

at the 1/4 point, place the 28 000-lb. load at that point, and the uniform load over the 
part of the span lying to the right of that point. Then maximum shear at 1/4 point 
in one girder = 1.05 (600 X 752/200 + 21 000) = 37 875. A 16-ft. roadway will 
carry 16 X 1/9 = 1.77 lanes of traffic, divided equally between the two girders, and © 
the stresses from one lane of traffic will be multiplied by 0.885, instead of 1.05. If 
there is a 6-ft. sidewalk the adjacent girder will carry the following additional sidewalk 
loading, placed so as to produce the maximum effect: for center moment, P= 
(25 + 2250/100) 11/6 = 87.1 lb. per sq. ft. = 523 Ib. per lin. ft. of girder; for shear 

at the 1/4 point, P = (25 + 2250/75) 11/6 = 100 Ib. per sq. ft. = 600 Ib. per lin. ft. 

For shear in any section to the right of the 1/4 point, use 600 Ib. per lin. ft. over the 

portion of the bridge between the section and the right end. 
If the bridge has a concrete floor supported on longitudinal stringers 4 ft. apart, the 

wheels on one side of a truck, assumed to be moving longitudinally, are placed over 

the stringer in the position to produce maximum stress. and the stress thus found 
is multiplied by 4/6, if there is but one lane of traflic, and by 4/4.5 if there are two or 

more lanes. ‘ 
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Impact is the dynamic effect on a bridge due to the moving load and allow- 
ance should be made for it. The usual method is to increase the live load 
stress by a certain per cent of itself. The Am. Soc. C. E. specifications for 
highway bridges require, for floor beams and stringers, that this increment 
be taken as 30%, and for floor beam hangers as 60% of the live load stresses, 
provided these percentages are not less than would be given by the following 
formula for girder and truss members of highway bridges: 

et 
~ 3\1600 + 101 

where J= impact or dynamic increment to be added to live load stress; S= 
computed maximum live load stress; / = loaded length of lane of traffic, or 
of track, in feet, producing the maximum stress in the member. For bridges 
carrying more than one lane or track, the aggregate loaded length of all lanes 
or tracks producing the stress shall be used. 

The A. A. S. H. O. specifications for highway bridges require an impact 
allowance of 60% for floor beam hangers. For all other portions of the 
structure the percentage is determined by the following formulas: for electric 

L + 900 3 L + 250 
at ZL 7 1200° for highway loads, I = ToL +500 (when 

a ‘ 36 L + 250 3 
W = 18'ft.), or; I W 118 10L +500 (when W > 18 ft.). ‘For highway 

loads the maximum value to be used is not to exceed 30%. JL = loaded 
length of span producing the maximum stress; W= width of roadway 
between girders or trusses; J = impact coefficient. Impact is not added to 
stresses produced by longitudinal, lateral or centrifugal forces, nor generally 
to those due to sidewalk loads. 

Other Forces acting upon a highway bridge are covered by the 
Am. Soc. C. E. Specifications as follows: 

115. Centrifugal Force. Bridges carrying electric railway traffic on a curve shall 
be designed to resist a lateral force equal to 10% of the moving railway load without 
impact allowance. This load shall be assumed to act 4 ft. above the rail. 

116. Lateral Forces. Spans of 150 ft. and less shall be designed to resist a lateral 
force of 300 lb: per lin. ft. on the loaded chord and 150 Jb. per lin. ft. on the unloaded 
chord. For spans of more than 150 ft., for each additional 30 ft. of span there shall 
be added 10 lb. per lin. ft. for the loaded chord and 5 lb. per lin. ft. for the unloaded 
chord. (Compare with corresponding A. A. S. H. O. Specifications, below.) 

All lateral forces are to be considered as moving loads. 

117. Viaduct towers shall be designed for a horizontal wind force of 50 Ib. per 
sq. ft. on one and one-half times the vertical projection of the structure unloaded. 

118. Longitudinal Force. Provision shall be made for the starting and stopping 
of electric railway trains, with a coefficient of friction of 15%. (Compare with corre 

_ sponding A: A. S. H. O. Specifications, below.) 

119. Temperature. Provision shall be made for movement due to temperature. 
For thermal stresses in fixed arch bridges provisions shail be made for stresses induced 
by a temperature range of 120° F. 

railway loads, I 

120. Alternate Stresses. Members subject to alternate stresses of tension and 
compression shall be proportioned for the kind of stress requiring the larger section. 
If the alternate stresses occur in succession during the passage of live load, as in stiff 
counters, each stress shall be increased by 50% of the smaller. Connections shall be 
designed for the sum of the original stresses. 

121. Combined Stresses. Members subject to both axial and bending stresses shall 
be proportioned so that the combined fiber stresses will not exceed the unit stresses given 
in Art. 201 (page 1184)... In members continuous: over panel points, three-fourths 
of the bending stress computed as for simple beams shall be added’ to the axial stress. 
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122. For stresses produced by combination of longitudinal or lateral forces with live 

load, dead load, impact, and centrifugal force, the unit stresses may be increased 25% 

over those specified in Art. 201. When secondary stresses are included the unit stress 

may be increased 33-1/3%. In no case shall the section be less than that required 

for deal load, live load, impact, and centrifugal force at the unit stresses specified in 

Art. 201, or less than that required if secondary stresses are not considered. 

The following A. A. S. H. O. Specifications differ slightly from Sections 

116 to 118, above: 

Traction, or longitudinal force, due to electric trains, 20% of the load on 

one track only. Provision for wind is as follows: 

Lateral Force. The force due to wind and lateral vibrations shall consist of a 

horizontal moving load equal to 30 Ib. per sq. ft. on the side area of any floor con- 

struction, the side area of all railings, and 1.5 times the side area of each truss, girder 

or arch. In addition to the foregoing, a moving load of 150 Ib. per lin. ft. shall be 

considered as acting in the plane of the loaded chord, on highway bridges, and 300 lb. 

per lin. ft. upon bridges for combined highway and electric railway service. However, 

in the case cf structures having a reinforced concrete floor slab, effectively anchored 

to the supporting structure, this additional loaded chord load need not be considered. 

The transverse bracing and anchorage of trestle towers and bents shall be propor- 

tioned to resist the above specified lateral forces acting upon the superimposed spans, 

plus a pressure of 30 lb. per sq ft. on 1.5 times the side areas of all columns, struts 

and bracing. 

The longitudinal bracing of trestle towers shall be proportioned to resist, not less 

than 0.7 of the transverse lateral forces above described, in addition to the tractive 

or longitudinal force due to electric railway traffic, when the latter exists. 

11. Specifications for Loads and. Stresses 

The General Specifications for Steel Railway Bridges, 1925, ofthe 

American Railway Engineering Association have been adopted, either in 

their exact or in some modified form, by the majority of American railways. 

The essential clauses relating to unit stresses, proportioning; detailing, 

materials, workmanship and inspection apply and are much used in the 

design of other classes of steel structures, such as highway bridges and 

buildings (compare unit stresses for buildings, Art. 2). On account of their 

importance the most important clauses relating to design are here given 

nearly in full. The Final Report, 1923, of the Am. Soc. C. E. Committee 

on Specifications for Bridge Design does not differ essentially from the 

A. R.E. A. Specifications. Where im- 

portant differences do occur, both SS -  4.8'0" 

clauses will be given, that of the Am. wm 4-0" 4-0" 

Soc. C. E. being indicated by an *. 7 CER ae it 

(II) General Features of Design & of Trach 
= o 

Materials Used. 8. Structures shall be 2.00 a 

made: wholly of structural steel except an 

where otherwise specified. Rivet steel x Ayr bp: 7 Top of Rail_y 6" 

shall be ased for rivets only. Cast steel  1'.0"-9°-3 oneal 5'-9"SBase of Rail x 

preferably shall be used for shoes and A f 

bearings.’ Cast iron may be used only Fig. 1 

where specifically authorized by the en- (Of Report) 

engineer. 

Spacing of Trusses, Girders, and Floor Beams. 12. The width center to center of 

girders or trusses shall be not less than oné-fifteenth of the effective span, and not less 

than is necessary to prevent overturning under the assumed lateral, loading. Panel 

lengths shall not exceed 1-1/2 times the width center to center of trusses or girders 
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Clearances. 13. If the alignment is straight, clearances shall be not less than as 
shown on the diagram, Fig. 1. If the alignment is curved, the width of the diagram 
shall be so increased as to provide the same minimum clearances for a car 80 ft. long, 
14 ft. high and 60 ft. center to center of trucks, allowance being made for curvature 
and superelevation of rails. The height of rail shall be assumed as 6 in. 

(IT) Loads 

18. Members shall be proportioned for that combination of stresses which gives the 
maximum total stress, except as otherwise provided. 

Dead Load. 19. The dead load shall consist of the estimated weight of the entire 
suspended structure. Timber shall be assumed to weight 4-1/2 lb. per ft. B. M.; 
ballast, assumed level with the base of rail and including track ties embedded therein, 
120 lb. per cu. ft.; reinforced concrete, 150 Ib. per cu. ft.; waterproofing, 150 1b. per 
cu. ft.; and rails and fastenings, 150 lb. per lin. ft. of track. 

*Live Loads. 103. The live load for each track shall consist of typical engines 
followed by a uniform train load, according to either Class E series, or Class M series, 
as may be specified by the engineer. 

Loading E-60 or Loading M-50 is recommended for main-line bridges of American 
tailways. 

22. A train load of 1200 Ib. per lin. ft. of one track shall be used in determining the 
stability of spans and towers against overturning. 

Multiple Tracks. 23. In calculating the maximum stresses due to live load and 
centrifugal force when two, three or four tracks are loaded simultaneously, the follow- 
ing percentages of the specified live load shall be used: 

For tWO tracks. fo or. come eect ee te eee eer 90% 
POY Uhree Tracks. ess Senco mee eee e e ae 80% 
Por Four trackse vis. ot. at ene oro eee eae 75% 

Floors. 24. Timber cross-ties shall be designed for the maximum wheel load 
distributed over three ties and with 100% impact added. The fiber stress shall not 
exceed 2000 lb. per sq. in. The ties shall be not less than 10 ft. in length. They shall 
be spaced with openings not exceeding 4 in. and shall be secured against bunching. 
The maximum dap of ties shall be 1-1/4 in. 

25. Floors consisting of beams transverse to the axis of the structure shall be 
designed for 2 uniform live load of :15 000 lb. per lin. ft. for each track, with 100% 
impact added, when the minimum live loads specified in. Sect. 20 (Cooper’s E-60, or 
two axle loads of 75 000 Ib. each spaced 7 ft. apart), is used. When heavier loadings are 
used, this uniform load shall be increased proportionately. 

26. Floors consisting of longitudinal beams shall be designed for the wheel loads 
specified. 

27. In ballasted floor bridges, the live load shall be considered as uniformly dis- 
tributed laterally over a width of 10 ft. 

Impact. 28. The dynamic increment of the live load shall be added to the maximum 
computed live load stresses and shall be determined by the formula, 

300 
I=S ) L? 

300 + — 
+ 100 

impact or dynamic increment to be added to the live-load stress; 
computed maximum live-load stress; 
the length in feet of the portion of the span which is loaded to produce 

the maximum stress in the member. 
*Impact. 104. The dynamic increment of the live load shall be added to the maximum computed live load stresses and shall be determined by the formula: 

2000 — L I ss, 
$7600 + 10L 

* No reduction given for multiple tracks as is done in A. R. E. A. 
* A. S. C. E. Specifications. 

in which 

bas Wood 
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in which J = impact or dynamic increment to be added to live load stresses; 
S =computed maximum live-load stress; 
L = loaded length of track, in feet, producing the maximum stress in the 

member. For bridges carrying more than one track, the aggregate 
length of all tracks producing the stresses shall be used. 

29. For bridges designed exclusively for electric traction, the impact stresses shall 
be taken as one-half of those given by the formula in Sect. 28. 

* 105. For bridges designed exclusively for electric traction, impact shall be taken 
as one-third of that given by the impact formula. 

30. Impact shall not be added to stresses produced by longitudinal or lateral forces, 
or by the train load specified in Sect. 22. 

* Allowance for Increase of Live Load. 106. Wherever an additional counter 
would be required, or reversal of stress would be caused, or heavier dimensioning 
would result, a member and its details shall be designed for a live load 50% greater 
than that given in Art. 103, with an allowance of 50% increase in unit stresses. 

Eccentricity of Load on Curves. 31. For bridges on curves, provision shall be made 
for the increased load carried by any truss, girder or stringer due to the eccentricity 

of the load. 
Lateral Forces. 32. The wind force on the structure shall be a moving load of 

30 Ib. per sq. ft. on 1-1/2 times its vertical projection on a plane parallel with its axis, 

but not less than 200 Ib. per lin. ft. at the loaded chord or flange, and 150 Ib. per lin. ft. 

at the unloaded chord or flange. 
The wind force on the train shall be a moving load of 300 Ib. per lin. ft. on one track, 

applied 8 ft. above the base of rail. 
33. The lateral force to provide for the effect of the sway of the engines and train, 

in addition to the wind loads specified in Sect. 32, shall be a moving load equal to 5% 

- of the specified live load on one track, but not more than 400 Ib. per lin. ft., applied 

at the base of rail. 
34. The lateral bracing between compression chords or flanges and between the 

posts of viaduct towers shall be capable of resisting a transverse shear in any panel 

equal to 2-1/2% of the total axial stress in the chords or posts in that panel. 

35. In proportioning the bracing, Sects. 32 and 33 shall be combined or Sect. 34 

used alone, whichever gives the greater section. 
* Lateral Forces. 108. All spans shall be designed for a lateral force on the loaded 

chord of 200 Ib. per lin. ft. plus 10% of the specified train load on one track, and 

200 Ib. per lin. ft. on the unloaded chord, these forces being considered as moving. 

* Wind Force. 109. Viaduct towers shall be designed for the one of the following 

loads that causes the greater stress: 

Viaduct towers shall be designed for a force of 50 Jb. per sq. ft. on 1-1/2 times the 

vertical projection of the structure unloaded; or 30 lb. per sq. ft. on the same surface 

plus 400 lb. per lin. ft. of structure applied 7 ft. above the rail for the assumed wind 

force on the train when the structure is either fully loaded or loaded on either track 

with empty cars assumed to weigh 1200 Ib. per lin. ft., whichever gives the larger stress, 

Centrifugal Force. 36. On curves, the centrifugal force (assumed to act 6 ft. above 

the rail) shall be taken equal to a percentage of the live load, including impact, 

according to the following table: 

Cla Ocuetcas Io 1.3% 14° (5° 1 0°1 7° | 6>| 9° |L0o aS ae 

Degree of Curve....} 20’ | 40’ 

Percentage..si clei we 2-1/2| 5} 7-1/2] 10 | 10} 10 | 10} 10 10} 10} 10} 10} 10 | 10 

Speedinmilesperhour} 80 | 80} 80 | 65 | 53) 46 | 41 38 | 35 |. 33-| 31 | 29 | 28 | 27 

| 
* Centrifugal Force. 107. Structures on curves shall be designed to resist the 

centrifugal force of the live load applied 7 ft. above base of rail, as computed by the 

following formula: 
0.067 W V? 

R > 

* A. S. C, E. Specifications. 
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in which C = horizontal centrifugal force; 
W = live load, including impact; 
R = radius of curve (5730 + degree of curve); 
V = speed, in miles per hour = (60 — 2-1/2 times the degree of curve). 

Longitudinal Force. 37. Provision shal] be made in the design for the effect of a 
longitudinal force of 20% of the live load on one track only, applied 6 ft. above 
the top of the rail. In structures (such as ballasted deck bridges of only three or 
four spans) where, by reason of continuity of members or frictional resistance, the 
longitudinal force will be largely directed to the abutments, its effect on the super- 
structure shall be taken as one-half that specified above. 

* Longitudinal Force. 110. Provision shall be made for the starting and stopping 
of trains, with a coefficient of friction on the engine drivers at 20% and on the 
remainder of the train at 10%. 

(IV) Unit Stresses and Proportioning of Parts 
38. The several parts of structures shall be so proportioned that the unit stresses 

will not exceed the following, except as modified in Sects. 46 and 47: 

Lb. per sq. in. 
Axial tension, net Secon sate sige a ae 16 000 TF 
Axial compression, gross section.........cceceeecceeees 15 000 — 50- 

putmot Lovexceediwms geticineeieein es cs cede ne 12 500 r 
? = the length of the member in inches. 
r = the least radius of gyration of the member in 

inches. 

Tension in extreme fibers of rolled shapes, built sections 
and girders,/net‘section! 2. 222200 2220 220 28 bacl 3 16,000 

Tension in extreme fibers of pins................. :. . 24000 
Shear in plate girder webs, gross section............... 10 000 
Shear in power-driven rivets and pins.................. 12 000 
Bearing on power-driven rivets, pins, outstanding legs of 

stiffener angles, and other steel parts in contact....... 24 000 

Bearing on expansion rollers, per linear inch.......... 600d 
d = the diameter of the rollers in inches. 

Bearing on granite masonry. ..,........ 00.0 00.200... 800 
Bearing on sandstone and limestone MMASOUTY «5 Cee eet 400 
Bearing on concrete masonry. ..............-0550..,, : 600 

* 201. Compression (one diameter)......... ee Visieine eejefeee a RO MOD. 
Compression on columns: 

— 16 000 
= Ez 

1 Es 
¥ 13 500 r? 

ll $ but not to exceed the value for fi 
u 

* A. S. C. E. Specifications. 
t Many engineers favor an increase in unit stresses to 18 000 or 20 000 Ib., and in exceptional cases even higher. Accompanying higher unit stresses there should be a liberal allowance for al] external forces, impact and all possible combinations of stresses, in consequence of which a more consistent, economical and safe design will result. High unit stresses have been used in some notable bridges. Thus, 20000 for Blackwell’s Island bridge, ordinary loading, and 24 000 congested loading; 20000 for the Quebec bridge, exclusive of secondary stresses, and 22 000 inclusive of second- ary stresses. 
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Proportioning Web Members. 43. Web members shall be so proportioned that 
an increase of live load which will increase the total unit stresses in the chords 50% 
will not produce total unit stresses in the web members more than 50% greater than 

the designing stresses. 

Reversal of Stress. 44. Members subject to reversal of stress under, the. passage 
of the live load shall be proportioned as follows: 

Determine the resultant tensile stress and the resultant compressive stress and 
increase each by 50% of the smaller; then proportion the member so that it will be 
capable of resisting either increased resultant stress. The connections shall be pro- 
portioned for the sum of the resultant stresses. 

Combined Stresses. 45. Members subje¢t to both axial and bending stresses 
(including bending due to floor beam deflection) shall be so proportioned that the 
combined fiber stresses will not exceed the allowed axial stress. In members con- 
tinuous over panel points, only three-fourths of the bending stress computed as for 

simple beams shall be added to the axial stress. 

46. Members subject to stresses produced by a combination of dead load, live 
load, impact, and centrifugal force, with either latera! or longitudinal forces, or bending 
due to lateral action, may be proportioned for unit stresses 25% greater than those 
specified in Sect. 38; but the section shall not be less than that required for dead load, 

live load impact, and centrifugal force. 

Secondary Stress. 47. Designing and detailing shall be done so as to avoid second- 

ary stresses as far as possible. In ordinary trusses without sub-paneling, no account 

usually need be taken of the secondary stresses in any member of which width 

measured in the plane of the truss is less than one-tenth of its length. Where this 

ratio is exceeded, or where sub-paneling is used, secondary stresses due to deflection 

of the truss shall be computed. The unit stresses specified in Sect. 38 may be increased 

one-third for a combination of the secondary stresses with the other stressses, but the 

section shall not be less than that required when secondary stresses are not considered. 

Compression Flanges. 48. The gross area of the compression flanges of plate girders 

and rolled beams shall not be less than the gross area of the tension flanges, but, the 

stress per square inch of gross area shall not exceed 

l 
16 000 — 150 b’ 

in which} = the length in inches of the unsupported flange between latera] connec- 

tions or knee braces; 
b = the flange width in inches. 

12. Specifications for Details 

(V) Details of Design 

Slenderness Ratios. 49. The ratio of length to least radius of gyration shall not 

exceed; 
100 for main compression members; 

120 for wind and sway bracing; 

140 for single lacing, and for double lacing not riveted at intersections; 

170 for double lacing riveted at intersections; 

200 for riveted tension members. 

Depth Ratios. 50. The depth of trusses preferably shall be not less than one-tenth 

of the span. The depth of plate girders preferably shall be not less than one-twelfth 

of the span. The depth of rolled beams used as girders and the depth of solid floors 

preferably shall be not less than one-fifteenth of the span. If smaller depths that 

these are used, the section shall be so increased that the maximum deflection will not 

be greater than if these limiting ratios had not been exceeded. 

Effective Area of Angles. 54. The effective area of single angles in tension shall 

be assumed as the net area of the connected leg plus 50% of the area of the uncon- 
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nected leg. Single angles connected by lug angles shall be considered as connected 
by one leg. 

Counters. 55. If web members are subject to reversal of stress, their end connec- 
tions preferably shall be riveted. Adjustable counters shall have open turnbuckles. 

Strength of Connections. 56. Connections shall have a strength at least equal to 
that of the members connected, regardless of the computed stress. Connections 

shall be made, as nearly as practicable, symmetrical about the axes of the members. 

Limiting Thickness of Metal. 57. Metal shall be not less than 3/8 in. thick, except 
for fillers. Metal subject to marked corrosive influences shall be increased in thick- 
ness or protected against such influences. 

Sizes of Rivets. 58. Rivets shall be 3/4 in., 7/8 in. or 1 in. in diameter as specified. 

Pitch of Rivets. 59. The minimum distance between centers of rivet holes shall be 
three diameters of the rivet, but the distance preferably shall be not less than 3-1/2 in. 
for 1-in. rivets, 3 in. for 7/8-in. rivets and 2-1/2 in. for 3/4-in. rivets. The maximum 
pitch in the line of stress for members composed of plates and shapes shall be 7 in. 
for 1-in. rivets, 6 in. for 7/8-in. rivets, and 5 in. for 3/4-in. rivets. For angles with 

two gage lines and rivets staggered, the maximum pitch in each line shall be twice 
the amounts given above. If two or more web plates are used in contact, stitch 
rivets shall be provided to make them act in unison. In compression members, the 
stitch rivets shall be spaced not more than 24 times the thickness of the thinnest 
plate in the direction perpendicular to the line of stress, and not more than 12 times 
the thickness of the thinnest plate in the line of stress. In tension members, the 
stitch rivets shall be spaced not more than 24 times the thickness of the thinnest outer 
plate in either direction. In tension members composed of two angles in contact, a 
pitch of 12 in. may be used for riveting the angles together. 

Edge Distance. 60. The minimum distance from the center of any rivet hole to a 
sheared edge shall be: 1-3/4 in. for 1-in. rivets, 1-1/2 in. for 7/8-in. rivets, and 1-1/4 in. 
for 3/4-in. rivets; to a rolled edge 1-1/2 in., 1-1/4 in. and 1-1/8 in. respectively. The 
maximum distance from any edge shall be 8 times the thickness of the plate, but shall 
not exceed 6 in. 

Sizes of Rivets in Angles. 61. The diameter of the rivets in any angle whose size 
is determined by calculated stress shall not exceed one-fourth of the width of the leg 
in which they are driven. In angles the size of which is not so determined 1-in. rivets 
may be used in 3-1/2-in. legs, 7/8-in. rivets in 3-in. legs, and 3/4-in. rivets in 2-1/2-in. 
legs. 

Long Rivets. 62. Rivets which carry calculated stress and the grip of which 
exceeds 4-1/2 diameters shall be increased in number at least one per cent for each 
additional 1/16in. of grip. If the grip exceeds 6 times the diameter of the rivet, speci- 
ally designed rivets shall be used. 

Pitch of Rivets at Ends. 63. The pitch of rivets at the ends of built compression 
members shall not exceed 4 diameters of the rivet for a distance equal to 1-1/2 times 
the maximum width of the member. 

Compression Members. 64. In built compression members, the metal shall be 
concentrated in the webs and flanges. The thickness of each web shall be not less 
than 1/30 of the distance between the lines of rivets connecting it to the flanges. The 
thickness of cover plates shall be not less than 1/40 of the distance between the nearest 
rivet lines. 

Outstanding Legs of Angles. 65. The width of the outstanding legs of angles in 
compression (except when reinforced by plates) shall not exceed the following: 

(a) For stringer flange angles, 10 times the thickness. 
(b) For main members carrying axial stress, 12 times the thickness, 
(c) For bracing and other secondary members, 14 times the thickness. 

Stay Plates. 66. The open sides of compression members shall be provided with 
lacing bars and shall have stay plates as near each end as practicable. Stay plates 
shal] be provided at intermediate points where the lacing is interrupted. In main 
members, the length of the end stay plates shall be not less than 1-1/4 times the 
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distance between the lines of rivets connecting them to the outer flanges, and the 
length of intermediate stay plates shall be not less than 3/4 of that distance. Their 
thickness shall be not less than 1/50 of the same distance. 

67. Tension members composed of shapes shall have their separate segments stayed 
together. The stay plates shall have a length not less than two-thirds of ‘the lengths 
specified for stay plates on compression members. 

Lacing. 68. The lacing of compression members shall be proportioned to resist a 
shearing stress of 2-1/2% of the direct stress. The section shall be made as required 
by Sects. 38 and 49, in which / shall be taken as the distance between connections of 
the lacing to the main sections. 

The minimum width of lacing bars shall be% in. for 1-in. rivets, 2-3/4 in. for 7/8-in. 
rivets, 2-1/2 in. for 3/4-in. rivets, and 2 in. for 5/8-in. rivets. 

69. In members composed of side segments and a cover plate, with the open side 
laced, one-half the shear shall be considered as taken by the lacing. Where double 
lacing is used, the shear in the plane of the lacing shali be distributed equally between 
the two systems. 

70. Lacing bars of compression members shall be so spaced that the i of the por- 
tr 

tion of the flange included between their conneciions will be not greater than 40, and 
b 1 

not greater than two-thirds of the — of the members. 
r 

71. In connecting lacing bars to flanges, 5/8-in. rivets shall be used for flanges less 
than 2-1/2 in. wide, 3/4-in. rivets for flanges from 2-1/2 to 3-1/2 in. wide, and 7/8-in. 
rivets for flanges 3-1/2 or more inches wide. Lacing bars with at least two rivets in 
each end shall be used for flanges over 5 in. wide. 

72. The angle of lacing bars with the axis of the member shall be not less than 
45 deg. for double lacing, and 60 deg. for single lacing. If the distance between rivet 
lines in the flanges is more than 15 in. and a single-rivet bar is used, the lacing shall 

be double and riveted at the intersections. 

* 315. The latticing of compression members shall be proportioned to res‘st 
shearing stress normal to the member not less than that calculated by the formula: 

Pl 

4000 y’ 
in which R = normal shearing stress, in pounds; 

P = strength of column as a compression member, expressed in pounds; 
1 = length of column, in inches; 
y = distance from neutral axis to extreme fiber, in inches. 

In a compression member with a cover-plate, the cover-plate will be assumed to 

take one-half the shear. 

* 316. The diameter of the rivets shall not exceed one-third the width of the bar, 

Splices. 73. Abutting joints in compression members faced for bearing shall have 
their component parts-spliced. The gross area of the splice material shall be not less 

than 50% of the gross area of the smaller member. In determining the number of 

rivets in compression splices, the stress in the splice material shall be taken as 

15 000 lb. per sq. in. of gross area. 

74. Joints in riveted work not faced for bearing shall be fully spliced. 

* Built Chord Splices. 310. Built chords subjected to compression only, when 
faced for bearings, shall be spliced on four sides sufficient to hold the abutting members 

accurately in place and to transmit at Jeast 25% of the stress through splice-plates. 

Generally, they shall be spliced as near to panel points as practicable. All other 

joints shall be fully spliced. 

Net Section at Pin Holes. 75. In pin-connected riveted tension members, the net 

section across the pin hole shall be not less than 140% and the net section back of the 

pin hole not less than 100% of the net section of the body of the membe-, and there 

shall be sufficient rivets to make the material effective. 

* A. S.C. E. Specifications. 



1183 General Data for Bridges Sect. 12 

Net Section Defined. 76. The net section of riveted members shall be the least 
area which can be obtained by deducting from the gross sectional area the areas of 
holes cut by any plane perpendicular to the axis of the member and parts of the areas 
of other holes on one side of the plane within a distance of 4 in., which are on gage 
lines 1 in. or more from those of the holes cut by the plane, the parts being deter- 
mined by the rormula: 

Pp 

alr ~ 3], 4 
in which A = the area of the hole; 

P = the distance in inches of the center of the hole from the plane. 

77. In determining the net section, the diameter of the rivet hole shall be taken 
1/8 in. larger than the nominal diameter of the rivet. 

Pin Plates. 78. Where necessary to give the required section or bearing area, pin 
holes shall be reinforced on each segment by plates, one of which on each side must 
be as wide as the outstanding flanges will permit. These plates shall contain enough 
rivets and be so connected as to transmit and distribute the bearing pressure uniformly 
over the full cross-section and to reduce the eccentricity of the segment to a minimum. 
At least one full-width plate on each segment shall extend to the far edge of the stay 
plate and the others not less than 6 in. beyond the near edge. 

Indirect Splices. 79. If splice plates are not in direct contact with the parts which 
they connect, rivets shall be used on each side of the joint in excess of the number 
required in the case of direct contact to the extent of two extra lines for each 
intervening plate. 

Fillers....80. Where rivets carrying stress pass through fillers, the fillers.shall be 
extended beyond the connected member and the extension secured by additional 
tivets sufficient to develop the value of the filler. 

Forked Ends. . 81. Forked ends on compression members will be permitted only 
where unavoidable. . Where forked ends are used, a sufficient. number. of pin plates 
shall be provided to make the jaws of twice the sectional area of the member and 
they shall be extended as far as necessary in order to carry the stress of the main 
member into the jaws, but shall not be shorter than required by Sect. 78. 

Upset Ends. 85. Bars with screw ends shall be upset so that the area at the root 
of the thread will be at least 15% greater than in the body of the bar. 

Expansion Be-rings. 88. Spans more than 70 ft. in length shall have rollers at one 
end. Shorter spans shall be arranged to slide on smooth surfaces. 

Fixed Bearings. 89. Bearings and ends of spans shall be secured against lateral 
motion. 

Rollers. 90. Expansion rollers shall be not less than 6 in. in diameter. They 
shall be coupled together with substantial side bars, which shall be so arranged that 
the rollers can be cleaned readily. Rollers shall be geared to the upper and lower 
plates. 

Pedestals and Shoes. 91. Pedestals and shoes preferably shall be made of cast 
steel. The difference between the top and bottom bearing widths shall not exceed 
twice the depth. For hinged bearings, the depth shall be measured from the center 
of the pin. Where built pedestals and shoes are used, the web plates and the angles 
connecting them to the base plate shall be not less than 3/4 in. thick. If the size of 
the pedestal permits, the webs shall be rigidly connected transversely. The minimum 
thickness of the metal in cast-ste 1 pedestals shall be 1 in. Pedestals and shoes 
shall be so constructed that the load will be distributed uniformly over the entire 
bearing. Spans more than 70 ft. in length shall have hinged bearings at each end. 

(VI) Bracing 

Spacing of Stringers. 98. Stringers usually shall be spaced 6 ft. 6 in. center to 
center. If four stringers are used under one track, each pair shall be placed 
symmetrically about the rail. { 

I-Beam Girders. 99. Rolled beams supporting timber decks shall be arranged 
with not more than four, and preferably not less than two beams under each rail. 
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The beams in each group shall be placed symmetrically about the rail, and shall be 
spaced far enough apart to permit cleaning and painting. They shall be connected 
by solid web diaphragms near the ends and at intermediate points, spaced not over 
i2 times the flange width. Bearing plates shall be continuous under each group of 
beams. End stiffeners shall be used if required by Sect. 38. 

_Floor Beam Connections. 100. Floor beams preferably shall be square to the 
girders or trusses. They shall be riveted directly to the girders or between the posts 
of through and deck truss spans. 

End Connection Angles. 101..The legs of stringer connection angles shall be not 
less than 4 in. in width, and not less than 5/8 in. in thickness before facing. Shelf 
angles shall be provided to support the stringers during erection, but the connection 
angles shall be sufficient to carry the whole load. Stringers in through spans shall 

be riveted between the floor beams. 

Stringer Frames. 102. Where two lines of stringers are used under each track in 
panels more than 20 ft. in length, they shall be connected by cross frames. 

(VIL) Bracing 

Design of Bracing. 105. Lateral, longitudinal, and transverse bracing shall be 
composed of shapes with riveted connections. Lateral bracing shall have concentric 

connections to chords at end joints, and preferably throughout. The connections 

between the lateral bracing and the chords shall be designed to avoid, as far as prac- 

ticable, any bending stress in the truss members. 

106. When a double system of bracing is used, both systems may be considered 

simultaneously effective if the members meet the requirements as both tension and 

compression members. ; 

Lateral Bracing. 107. Bottom lateral bracing shall be provided in all bridges 

except deck plate girder spans less than 50 ft. long. Continuous steel or concrete 

floors shall be considered lateral bracing. 

108. Top lateral bracing shall be provided in deck’ spans, and in through spans 

having sufficient head room. 

Portal and Sway Bracing. 109. Deck truss spans shall have sway bracing at every 

panel point. The top lateral loads preferably shall be carried to the supports by 

means of a complete top lateral system, or the loads may be considered as transferred 

to the bottom lateral system at each sway frame. 

110. Through truss spans shall have portal bracing, with knee braces, as deep as 

the specified clearance will allow. 

111. Through truss spans shall have sway bracing at every intermediate panel 

point if the height of the trusses is enough to allow a depth of 6 ft. or more for the 

bracing. When the height of the trusses will not allow that depth, the top lateral 

struts shall be of the same depth as the chord and shall have knee braces. 

Cross-Frames. 112. Deck plate girder spans shall be provided: with cross-frames 

at each end proportioned to resist centrifugal and lateral forces, and shall have inter- 

mediate cross-frames at intervals not exceeding 18 ft. 

Laterals. 113. The smallest angle to be used in lateral bracing shall be 3-1/2 by 

3 by 3/8 in. There shall be not less than three rivets at each end connection of the 

angles. Angles shall be connected at their intersections by plates. 

(VIII) Plate Girders 

Spacing of Girders. 115. The girders of deck bridges usually shall be spaced 

6 ft. 6 in. between centers, except that: 

(a) In single-track deck spans 75 ft. or more in length, girders shall be spaced 

in accordance with Sect. 12, but not less than 7 ft. 6 in. between centers. 

(b) In bridges on curves, the girders shall be spaced as shown on the plans. 

Design of Plate Girders. 116. Plate girders sha]l be proportioned either by the 

moment of inertia of their net section including compression side; or by assuming 

that the flanges are concentrated at their centers of gravity. In the latter case, one- 
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eighth of the gross section of the web, if properly spliced, may be used as flange section. 
For girders having unusual sections, the moment of inertia method shall be used. 

Flange Section. 117. The flange angles shall form as large a part of the area of 
the flange as practicable. Side plates shall not be used except when flange angles 
exceeding 1 in. in thickness otherwise would be required. 

118. Flange plates shall be equal in thickness, or shall diminish in thickness from 
the flange angles outward. No plate shall have a thickness greater than that of the 
flange angles. 

119. Where flange cover plates are used, one cover plate of the top flange shall'ex- 
tend the full length of the girder. Other flange plates shall extend at least 18 in. be- 
yond the theoretical end. 

Thickness of Web Plates. 120. The thickness of web plates shall be not less than 
1 

dai 5 D, where.D represents the distance between flanges in inches. 

Flange Rivets. 121. The flanges of plate girders shall be connected to the web 
with a sufficient number of rivets to transfer to the flange section the horizontal shear 
at any point combined with any load that is applied directly on the flange. Where 
ties rest on the flange, one wheel load shall be assumed to be distributed over 3 ft. 
Flange Splices. 122. Splices in flange members shall not be used except by special permission of the engineer. No two members shall be spliced at the same cross- section. If practicable, splices shall be located at points where there is an excess of 

section. The net section of the splice shall exceed by 10% the net section of the mem- 
ber spliced. Flange angle splices shall consist of two angles—oné on each side. 
Web Splices. 123. Web plates shall be spliced symmetrically by plates on each side. The splice plates for shear shall be the full depth of the girders between flanges. The splice shall be equal to the web in strength in both shear and moment. There shall be not less than two rows of rivets on each side of the joint. 
End Stiffeners. 124. Plate girders shall have stiffener angles over end bearings, the outstanding legs of which will extend as nearly as practicable to the outer edge of the flange angles. These end stiffeners shall be proportioned for bearing of the out- 

standing legs on the flange angles, and shall be arranged to transmit the end reaction to the pedestals or distribute it over the masonry bearings. They shall be connected to the web by enough rivets to transmit the reaction. End stiffeners shall not be 
crimped. 

Intermediate Stiffeners. 125. The webs of plate girders shall be stiffened by angles 
at intervals not greater than: 

(a) Six feet. 
(b) The depth of the web. 

(c) The distance given by the formula 

t 
d = 5 (12000 — S), 

in which d = the distance between rivet lines of stiffeners in inches; 
t = the thickness of the web in inches; 
S = web shear in pounds per square inch at the Point considered. 

126. If the depth of the web between the flange angles or side plates is less than 50 times the thickness of the web, intermediate stiffeners may be omitted. 
127. Stiffener angles shall be placed at points of concentrated loads, and shall not be crimped. 

128. Intermediate stiffeners shall be riveted in pairs to the web of the girder. The outstanding leg of each angle shall be not less than 2 in. plus 1/30 of the depth of the 
girder, nor more than 16. times its thickness. 

Gusset Plates in Through Girders. 129. In through plate girder spans, the top flanges shall be braced by means of gusset plates or knee-braces with solid webs con- nected to the floor beams and extending usually to the clearance line. If the unsup- 
ported length of the inclined edge of the gusset plate exceeds 18 in., the gusset plate shall have one or two stiffening angles riveted along its edge. The gusset plate shall 
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be riveted to a stiffener angle on the girder. Preferably it shall form no part of the 
floor beam web. 

(IX) Trusses 

Type of Truss and Sections of Members. 136. Trusses shall have single intersec- 

tion web systems and, preferably, inclined end posts. The top chords and end posts 

shall be made usually of two side segments with one cover plate and with stay plates 

and lacing on the open side. The bottom chords of riveted trusses shall be made 

symmetrical, usually of vertical side plates with flange angles. Web members shall 

be symmetrical in section. 

Camber. 137. The length of members’of truss spans shall be such that the camber 

will be equal to the deflection produced by the combined dead and live loads without 

impact. 

Riveted Members in Pin-connected Trusses. 138. In pin-connected trusses, hip 

verticals (and members with similar functions) and, in single-track spans, the two 

panels at each end of the bottom chords shall be riveted members. 

Eye Bars. 139. The thickness of an eye bar shall be not less than one-eighth of the 

width nor less than 1 in., and not greater than 2 in. The cross-sectional area of the 

head through the center of the pin hole shall exceed that of the body of the bar by at 

least 37-1/2%. The form of the head shall be submitted to the engineer, for approval 

before the bars are made. The diameter of the pin shall be not less than seven-eighths 

of the width of the widest bar attached. 

Packing. 140. The eye bars of a set shall be packed symmetrically about the plane 

of the truss and as nearly parallel as practicable. In no case shall the inclination of 

any bar to the plane of the truss exceed 1/16 in. to the foot. They shall be packed 

close, held against lateral movement, and so arranged that bars in the same panel will 

not be in contact. 

Gusset Plates. 141. The thickness of gusset plates connecting the chords and web 

members of the truss shall be proportionate to the stress to be transferred, but shall 

not be less than 1/2 in. 

(X) Viaducts 

Type of Viaduct. 144. Viaducts shall consist usually of alternate tower spans and 

free spans of plate girders or riveted trusses supported on bents. The tower spans 

usually shall be not less than 30 ft. long. 

Bents and Towers. 145. Viaduct bents shall be composed preferably of two sup- 

porting columns, and the bents usually shall be united in pairs to form towers. In 

towers having more than two vertical panels, horizontal bracing shall be placed at 

alternate intermediate panel points. In double track towers, provision shall be made 

for the transmission of the longitudinal force to both sides. 

Single Bents. 146. Where long spans are supported on short single bents, such 

bents shall have hinged ends, or else have their columns and anchorages proportioned 

to resist the bending stresses produced by changes in temperature. 

Bottom Struts. 147. The bottom struts of viaduct towers shall be proportioned 

for the calculated stresses, but in no case for less than one-fourth of the dead load 

reaction on one pedestal, considered as compressive stress. Provision shall be made 

in the column bearings for expansion of the tower bracing. 

Batter. 148. The columns usually shall have a batter transversely of one horizontal 

to six vertical for single track viaducts, or one horizontal to eight vertical for double 

track viaducts. 

Depths of Girders. 149. The depths of the girders in a viaduct preferably shall be 

uniform. 

Spacing of Girders. 150. In single-track viaducts, the girder spacing usually shall 

be uniform throughout, and shall be determined by the spacing for the longest span 

in the viaduct, according to the rules specified for deck plate girder spans. 

151. In double-track viaducts, the girders under each track usually shall be 

spaced 6 ft. 6 in. between centers, and the inner lines of girders shall be supported by 

cross-girders framed between and tiveted to the posts. 
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Girder Connections and Bracing. 152. The girders of tower spans shall be fastened 
at both ends to the tops of the posts or cross-girders. Girders between towers shall 
have one end riveted, and shall be provided with an effective expansion joint at the 
other end. No bracing or sway frame shall be common to abutting spans. 

153. Tf neither-of the girders under-a track rests directly over a tower post, bracing 
shall be provided to carry the longitudinal force into the tower bracing without pro- 
ducing lateral bending stress in the cross-girders or posts. 

Sole ard Masonry Pilates: 154. Sole and masonry plates shall be not less than 
3/4 in. thick. 

Anchorage for Towers. 155. Anchor bolts for viaduct towers and similar structures 
shall be designed to engage a mass of masonry the weight of which is at least 1-1/2 times 
the uplift. 

13. Highway Bridge Floors 

A Highway Bridge Floor consists of the floor proper, stringers and floor 
beam (Fig. 28). The upper surface of the floor is the wearing surface. Stringers 
are beams placed lengthwise of the bridge which carry the loads from floor 
to floor beams, the latter being transverse to the length of the bridge and 
connected to the trusses or girders at opposite panel points. Sidewalks are 
usually of plank supported on stringers which are in turn carried either by 
brackets at the panel points of the trusses or by extensions of the floor beams. 
The hand railing at the outer edge of the sidewalk is supported by the brackets, 
and when the panels are long, an intermediate railing support is also provided 
at the middle of each panel. The economic panel length for light bridges 
having plank flooring is from 13 to 15 ft., whereas for heavy traffic it is from 
15 to 20 ft., and even as much as 25 ft. for heavy structures. of long spans. 

Floors on Secondary Country Road Bridges generally consist of one or 
two layers of planking; one layer is usually 3 in. thick, laid transversely to 
the length of the roadway; and for two layers the lower is 2 to 4 in. thick 
and laid transversely, while the 2-in. upper planking is either transverse or 
diagonal. The lower planking should be pressure treated with creosote oil. 
Weights of Floors. For 3-in. yellow pine planking on 3 by 12-in. yellow 

pine stringers, spaced 2 ft. on centers, the total weight of planking and 
stringers is 21 lb. per sq. ft.; 2-in. spruce on 3-in. pine with 3 by 12-in. stringers, 
28 lb. per sq. ft.; 3-in. yellow pine on 4 by 14-in. stringers spaced 2-1/2 ft., 
23 Ib.; 3-in. pine on 4 by 14in. stringers spaced 3 ft., 22 lb., 2-in. spruce 
on 3-in. pine with 6 by 14-in. stringers spaced 3-ft., 32 Ib. per sq. ft. Asphalt 
laid 2 in. thick on 1 in. of.sand and 4 in. of concrete on 5/16-in. buckled plates 
gives a weight of 85 to 90 Ib. per sq. ft. not including stringers. 

Steel Stringers are usually made of I beams which are set on the top 
flanges of the floor beams or connected to the floor-beam webs by hitch or connecting L’s. To find the size of I beam compute the required section modulus M/S, and look up in a table of properties of I beams the size and weight of beam corresponding. M = maximum bending moment in inch- pounds, S = allowable unit stress, generally 16 000 Ib. per sq. in. 

Each stringer should have two hitch |.’s at each end to connect stringer to floor- beam web. The number of rivets connecting the two L’s to the stringer web equals the maximum end shear on one stringer divided by the value of one shop rivet. The rivets through the floor-beam web, connecting hitch L’s from a stringer on each side of the floor beam, are field-driven, and their number is obtained by (1) dividing the maximum end shear on one stringer by either the single shearing value of the rivet or the bearing on one thickness of hitch L. whichever is the smaller, or (2) by dividing the maximum load going the through connection from both sides of the floor beam by the bearing value of a field rivet on the floor-beam web, or on two thicknesses of 
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hitch L if smaller. The greater number of rivets from (1) and (2) should be used. 
Some engineers claim that double the number just found should be used to allow 
for bending. 

Floor Beams are made of I beams or of built-up beams. I beams require 
little shop work and should be used if possible. A built-up beam is a plate 
girder (Arts. 20 and 21) and is designed as such. In any case the maximum 
moments and maximum shear must be computed. The following formulas 
are applicable to floor beams where there is a sidewalk on each side of the 
roadway. The live load per-running foot of floor beam-and-of sidewalk is 
properly placed to produce the maximum effects. 

Maximum moment on floor beam = 1/8 (p + w) d? — 1/2 wie? 

Maximum moment on sidewalk bracket = 1/2 (p; + wi) e? 

Maximum reaction at one truss = 1/2 (w +p) d + (w: + pi) e + pie?/2d 

Maximum shear on floor beam = 1/2 (w + p) d + pje?/2d 

in which w = dead load in pounds per linear foot of floor beam; 
p = live load in pounds per linear foot of floor beam; 

w, = dead load per linear foot of sidewalk brackets; 
P; = live load per linear foot of sidewalk brackets; 
d = distance center to center of trusses in feet; 

e = width of each of two sidewalks in feet. 

Moments are in foot-pounds and reaction and shear in pounds. 

Floors on Primary Road Bridges are now generally built of concrete with 
some form of wearing surface. The slabs may be supported upon longitudinal 
stringers, as in the case of wooden floors, or, when the panel length is short, 
directly upon the floor beams, the stringers being omitted. Wearing surface 
may be concrete, brick, asphalt, asphalt block, bituminous carpet, or creosoted 
block. 

A Concrete Wearing Surface consists either of an additional thickness 
(usually about 3/4 in.) of rich concrete placed monolithically with the slab, or 
of a separately placed wearing surface of rich concrete, varying from 2-1/2 in. 
in thickness at the edges of the roadway to 4 in. at the center. 

A Brick Wearing Surface consists of paving brick laid on edge in successive 
courses. They are placed, after the concrete is cured and dampened, upon a 
dry sand-cement bedding course of 1/2 to 1-in. finished thickness. Joints are 
filled with hot asphalt filler, the surface dressed with a thin surface of dry sand 
or fine screenings, and a final rolling given to bind the dressing in the asphalt 
coating. 

An Asphalt Block Wearing Surface is constructed in a similar manner. 
The mortar bed is spread out to a uniform thickness of 1/2 in. and the blocks 
are immediately laid with close joints and uniform top surface. Clean dry 
sand is swept into the joints, the residue being allowed to remain 30 days or 
longer. No rolling is permitted during construction. 

The Bituminous CarpetWearing ‘Surface is placed éither tipon a wood or 
upon a concrete sub-floor. The former is thoroughly sealed by calking with 
oakum, or by other suitable means. Either type must be thoroughly cleaned. 
The prime coat of thinned tar is applied at the rate of 1/4 gal. per sq. 
yd. of surface. After 12 hours a second tar coat of slightly different quality, 
and heated to about 200° F. is applied at the rate of 1/2 gal. per sq. yd. 
Immediately after application of the tar the surface is covered to a depth of 
about 1/2 in. with gravel, stone chips or slag aggregate of about 1/2 in. or less 
in size, and-hand tamped or rolled with a heavy hand roller. Successive 
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applications of tar and aggregate are made until a total thickness of about 
3/4 in. is reached. 

The Creosoted-wood Block Wearing Surface likewise may have either a 
wood or a concrete sub-floor. The former is calked, cleaned, and mopped 
with a coat of hot filler upon which is placed a layer of 3-ply roofing felt, laid 
with 6 in. laps and thoroughly rolled into contact with the filler. The con- 
crete sub-floor is prepared by cleaning and drying, and spreading a thin 
smooth coating of hot filler of about 1/2 in. in thickness. The creosoted-wood 
blocks are laid upon this surface in straight parallel courses. After rolling, 
the joints are filled with Kot bitumindus filler. The surface is covered with 
about 1/2 in. of clean, dry sand which is allowed to remain under traffic for 

several weeks. 

Floors on City Bridges differ from those on primary roads in general only 
in having wider roadways and sidewalks, harder and more durable surfaces, 
and heavier loading conditions, usually including one or two street-car tracks. 
The live load will be Class A loading, together with 50 or 60-ton electric rail- 
way cars, when tracks are present. The sub-floor may consist of concrete 
arches enclosing I beam stringers and arching the spaces in between; of steel 
buckled plates riveted to the stringer flanges and supporting a covering of 
concrete; or of a reinforced-concrete slab similar to the one used on primary 

country roads, Fig. 27. 

Buckled Plates (Fig. 28) made by pressing dome-shaped buckles in flat 

stee! plates are used for supporting brick, asphalt, or granite blocks. These 

pavements are laid on 1-in. sand spread on concrete which is laid on the 

buckled plates. Plates are 1/4, 5/16, 3/8, 7/16 in. thick, 5/16 being most 

common for roadways and 1/4 for sidewalks; and should be riveted, not 

bolted, to the stringer flanges with 5/8 or 3/4-in. rivets spaced not over 6 in. 

Buckles are from 2 to 3-1/2 in. deep, from 2.0 to 5-1/2 ft. on a side, and from 

1 to 15 buckles are used in one long plate. Plates are stronger with the 

buckles turned down. 

The Wearing Surface of City Bridges may be any of the types already 

described, but generally consists of brick, asphalt, or granite blocks. Creo- 

soted-wood blocks have also been much used in some cities, but are not as 

durable as the more metallic surfaces. Sidewalks of city bridges frequently 

have a concrete sub-floor and a concrete or granulithic wearing surface. 

The Weights of Floors in pounds per cubic foot are: Yellow pine, 48; 

spruce or white pine, 30; creosoted yellow pine paving blocks, 65; paving 

bricks, 150; concrete, 150; bituminous concrete, 125; Trinidad asphalt, 

140. Waterproofing (felt, roofing pitch, sand and road pitch) weighs 12 lb. 

per sq. ft. Street-car tracks about 100 Ib. per lin. ft. Snow, freshly fallen, 

8 Ib. per cu. ft.; moistened and compacted, 15 lb. Weights of finished floors, 

exclusive of stringers and floor beams, vary considerably, from 30 to 100 (or 

more) lb. per sq. ft., and should be computed in each case. 

14. Railroad Bridge Floors 

In Open Floors of through bridges (Fig. 29) the ties rest directly on steel 

stringers, one or two of these being under each rail. The stringers are sup- 

ported by the floor beams. In deck bridges the ties rest on the top flanges 

of the girders. In solid or ballasted floors the ties are embedded in stone 

pallast carried either by trough floors or by solid floors of buckled or flat 

plates, or reinforced-concrete slabs which are supported on I beams. The 
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Fig. 29. Floors for Railroad Bridges 
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I beams for short spans run lengthwise of the track and rest on the abutments, 
while for long spans they are placed transversely and rest on girders or trusses. 

On tracks the guard timbers should be notched 1 in. over each tie, should 
be bolted to every fourth tie and at splices, and spaced at least 20 in. outside 
of the main rail. Ties should be not less than 8 by 8 in., by 10 ft. in length, 

should be spaced with not more than 6-in. openings, notched over the stringers 
1 in. and secured to the same by hook bolts every third tie. Ties should be 
designed to carry. the maximum axle load, with 100% impact, assumed as 
distributed over three ties with allowable unit stress nut over 2000 lb. per 
sq. in. Steel guard rails are spaced 10 in. clear inside of each main rail and 
extend across the bridge 50 ft. beyond the abutments and around curves if 
any exist at the bridge. They should be spiked to every tie on the approaches 

and at least to every other tie on the bridge, and should be provided with a 

metal cap at the outer ends where they meet. 

For Solid Floors troughs were first used to hold the ballast, but more 

recent bridges have the ballast carried by flat plates 3/8 or 7/16 in. thick riveted 

to I beams laid transversély to the track. The I beams are spaced 14 to 24 in. 

on centers; and in through bridges are connected to the girder webs and in 

_ deck spans rest on the top flanges of the girders with fascia girders or deep 

L’s along their ends to retain the ballast. The ties are spaced from 18 to 

24 in. on centers and the guard rails and timbers are usually omitted. Buckled 

plates have been used instead of the flat plates; they are stronger and the 

I beams can be spaced 3 ft. apart, thus diminishing their number. | Floors 

have been built by supporting the flat or buckled plates on the lower flanges 

of the beams and embedding the ties in ballast between the beams, but in this 

construction the I beams are almost entirely covered and cannot be inspected 

or painted without removing the track and ballast, so that best practice places 

the plates on the top of the I beams. Ties are usually 6 in. deep and have 6 to 

8 in. of ballast underneath. Reinforced concrete is also used in place of the 

floor plates. 
A Preservative should be placed between the ballast and steel of ballasted floors. 

A layer of asphalt-concrete not less than 2 in. thick is sufficient, and the upper surface 

of the coating should be sloped to allow for drainage. The asphalt should cover all 

steel parts which otherwise would be in contact with the ballast, and it should be 

applied only to clean, dry steel surfaces, and if the steel is cold or damp a layer of hot 

sand should be placed on it and swept off just before the asphalt is applied.’ The best 

results are obtained by first coating the steel with hot asphalt, then adding a layer of 

at least 1 in. of a mixture of one part hot asphalt and four parts hot sand and finally 

applying a 1/4-in. coating of hot asphalt sprinkled with sand. The layers are each 

tamped or ironed. Examination of steel surfaces thus treated has been made after 

11 years’ service and the steel found in good condition. 

Stringers for through bridges are I beams or built-up beams; if the latter, 

the depth should be approximately 1/8 the panel length. When only one line 

is used per rail the stringers should be not less than 6 ft. 6 in. nor more than 

8 ft. on centers, and if two lines are used per rail they should be spaced sym- 

metrically about the rail and from 9 to 15 in. from its center. Sometimes 

the main stringer is placed under or near the center of the rail and an addi- 

tional stringer of smaller size is placed outside near the ends of the ties. This 

outer is called a safety stringer. Deck plate girder bridges generally have 

no stringers, the ties resting on the top flanges. 

Built-up Stringers are designed in the same manner as deck plate girders except 

that flange plates are not generally needed. Where flange plates are used the ties 

must be notched to fit over the rivet heads or else’ the rivets in the top flange plate 

must be countersunk. Unless the stringer is directly under the rail, flange L’s with 

unequal legs should be used and the long leg should be against the web, or else two rows 
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of rivets must be used in the vertical leg. Placing the iong leg horizontal increases the 
effective depth but also increases the bending due to the deflection of the ties. If the 
ratio of the length of top flange to its width exceeds 12, cross frames should be added 
to reduce the unsupported length. 

In Proportioning the Cross-section of I-beam stringers or flanges of built- 
up stringers the absolute maximum moment (Art. 17) for the live load 
should be used and to it should be added the dead load moment at the middle. 
This is not exact but is on the side of safety and the error is very small. The 
following formulas are useful in computing the absolute live moments on 
stringers. They apply for equal loads spaced 5 ft. on centers, and since con- 
solidation locomotives are generally used in design and since more than four 
wheels would rarely be on a stringer at a time, the formulas cover most panel 
lengths. There are four cases: 

With one wheel on the stringer, M = 1/4 WI; 

With two wheels on the stringer, M = W (21 — 5)2/8l; 

With three wheels on the stringer, M = W (3/41 — 5); 

With four wheels on the stringer, M = W (2/— 5)2/4l — 5 Ww; 

where W = the weight on one wheel in pounds; 
1 = length of stringer in feet; 

M = absolute maximum live bending moment in foot-pounds per rail. 

With one or with three wheels on the stringer the absolute maximum 
moment occurs at the middle; with two or with four wheels the absolute 
maximum is at a wheel 1-1/4 ft. from the middle when the wheel spacings are 
5 ft. as assumed above. 

Floor Beams are ordinarily built-up beams riveted between the webs of 
girders or the posts of trusses. In connecting them to pin-connected trusses 
it is advantageous to place the beams opposite the pins even though this 
necessitates cutting away the lower corners of the beams (Fig. 29). In addi- 
tion to its own weight, which is practically uniformly distributed, a floor 
beam is subjected to a concentrated load at each line of stringers. The dis- 
tance between centers of girders varies, for different roads and for different 
girder depths, from 12 to 16 ft. on straight track. For double tracks the 
stringers are frequently placed 6 ft. on centers and the two girders 28 to 
30 ft. on centers. The economic depth of floor beams is much larger than for 
stringers, but the economic depth usually cannot be used since in through 
bridges the floor must be kept as shallow as possible and the floor beams are 
frequently made only slightly deeper than the stringers. In through plate 
girder bridges a portion of each end of each floor-beam web plate is replaced 
by a gusset plate of the same thickness but having greater depth at the girder. 
These gussets extend to the top flanges of the girders to support the flanges 
laterally (Fig. 29). The gusset and web should be spliced with plates on each 
side of the web and with sufficient rivets to transmit the shear at the splice 
and to carry that portion of the moment that the web is allowed tocarry. For 
deep girders the inclined edge of each gusset should be stiffened with two esi 
The lower flange of the floor beam should rest on the lateral connecting plate, 
which in turn should rest on and be riveted to the outstanding leg of the lower 
flange L of the girder, but there must be sufficient rivets in the hitch L’s to 
carry all the floor-beam reaction into the girder web. The stringers should 
either rest on the lower flange of the floor beam or else on a small shelf 
to aid in erection, but neither the flange nor-the shelf should be counted in 
computing the rivets required to connect stringers to floor beam. 
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If there is a flange plate on a symmetrical floor beam of a single-track bridge with two 
lines of stringers the length of the plate can be determined by applying the expression 
2 ba . A 7 . 
me. + c¢ +2, which gives the total length of the plate in feet; 5 being the distance 

from girder to stringer and c the distance between stringers, both in feet, a, net area of 
plate in square inches, A, net area of bottom flange at point of maximum section plus 
1/8 gross section of web in square inches. If there are two plates on each flange the 
above expression also holds for the Jength of the plate next to the L’s if the a is made 
to include the net area of the second plate as well as of the first. 

For a uniform live and dead load the maximum load on a floor beam at a stringer 
~ connection is twice the maximum live and dead end shear on one stringer, the panels 

being all equal, but with a series of wheel loads this is not true. For wheel loads the 
position of the wheels to give maximum load on floor beam is the same as will give the 
maximum bending moment at the corresponding point on a span whose length equals 
the sum of the two adjacent panels. For an end floor beam the maximum load on 
the floor beam at a stringer connection is equal to the maximum live and dead end 
shear on one stringer. 

15. Transportation and Erection 

In Loading on Cars care must be taken not to get the steel so high that 
it will strike overhead obstructions. In some sections of this country the 
clear head room above top of rail is as low as 14 or 15 ft., but generally more 
room is available. Posts, chords and other similar members when ‘piled on 
cars should be braced and bolted in position to prevent displacement. Wher- 
ever possible the length of a piece should be such as to overhang one car 
length by just a few feet. 

Long Plate Girders require special attention in loading so that they will 
not be too high and will be free to ride around curves. They are loaded on 
flat cars, generally with their webs vertical, and supported at two points only. 
If a girder is longer than two cars one or more idler or spacer cars carrying no 
load are used between the end cars on which the whole weight of the girder 
is carried. Each support consists of a transverse bolster or sill made of one 

or two timbers laid on the floor of each end car and bolted to the same with 
one large bolt 2 or 3 in. in diameter, passing through the center of the sill and 
countersunk in its top. Under the center and each end of the sill is a steel 
track plate upon which the sill at one support can rotate and by means of a 
slotted pin hole can rotate or move longitudinally at the other support. The 
top flange of the girder is braced to the ends of the sills by inclined wooden 
braces, 6 or 8 in. square, connected together at the top by yoke plates passing 
over the top flange and connected to the ends of the sills by bent plates and 
bolts. The ends of the sills are tied to the bottom flange of the girder by 
diagonal rods, two or four rods being used at each support. For the heaviest 
girders steel gun-truck cars of 100 000 lb. capacity are used and the distance 
from top of a vertical girder to top of rail is about 5-1/2 ft. more than the 
depth of the girder. Girders as long as 125 to 130 ft. and from 9 to 12 ft. 
deep have been shipped as described above or with slight modifications. 

In Designing the following items should be observed to facilitate erection. 

Avoid details which necessitate telescoping one member into another, as in 

top chords, connections of floor beams to girders and stringers to floor beams; 

swinging a member vertically or rotating it horizontally into place is much 

easier. Place shelf |.’s or the equivalent on floor beams under all stringer 

connections where two stringers connect at the same point on opposite sides 

of the beam. All through spans should be designed so that either trusses and 

girders or the floor system may be erected first in final position. Avoid 
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notching ties to clear rivet heads and laterals. Ship lateral plates loose or 
bolt them to members so they will not be bent or broken. Deep gusset 
plates on floor beams should be stiffened with L’s. Tack “loose ’’ fillers 
with countersunk rivets. Allow clearances for drilling anchor-bolt holes in 
masonry and for setting the bolts after the steel is all in place. Top chord 
sections nearest the center should contain at least two panel points. Provide 
a separate bed plate for each shoe. In riveted bridges the gusset plate at the 
top of the end post should be shop-riveted to the end post. At pin-connected 
joints, tie plates should be kept far enough away from the joints and enough 
rivets should be countersunk to allow the members to swing in place, 

The Erection of a Bridge consists in assembling its various parts to com- 
plete the whole. A derrick car is a car upon which a derrick or similar device 
is placed and operated, usually by power carried on the car. Falsework is 
the temporary steel or wooden supports upon which the final steel work is 
erected. A traveler is a steel or wooden frame with which the parts of the 
structure are handled during erection, and which is supported by and moves 
back and forth upon either the falsework as in ordinary truss bridges, or upon 
a portion of the finished structure as in cantilever erection. The traveler was 
formerly much used but is now seldom employed, derrick cars or locomotive 
cranes being used instead. Very high towers are often erected by means 
of a creeper derrick, which moves up the columns as the structure increases 
in, height. 

Girders and Small Trusses are Erected with gin poles, derrick cars, der- 
ticks or gallows frames. Where derrick cars are available they should be used, 
for with them a girder of ordinary size and weight can be taken from the cars, 

moved to the proper position and lowered upon its supports. A gallows 
frame consists of a transverse wooden bent guyed at the top and of such shape 
that.a train can pass through it. A frame of this kind is placed at each end 
of a span and the cars carrying the girder to be erected is run out on false- 
work, or on an old bridge as the case may be, and the girder is raised from 
the cars with two tackles at each frame. The cars are then removed and the 
girder is lowered into position or is placed alongside of its final position and 
later slid laterally into place. A gin pole is a solid or framed pole guyed at 
the top with at least four guys and with its lower end resting on a support. 
They are set slightly inclined so that the upper end overhangs the load, which 
is lifted by hoist lines passing over a sheave at the top. Gin poles are useful 
for erecting simple girders, beams or small riveted bridge or roof trusses. A 
framed gin pole 146 ft. long was used in erection of a tower at Manitowoc, 
Wis., but ordinarily they are single masts 30 to 60 ft. long. Girders are some- 
times put in place by blocking and jacks. 

Falsework of wood consists of pile or trestle bents spaced from 10 to 50 ft. 
apart, although the distance apart should generally be equal to the panel 
length of the truss to be erected. Where piles can be used they make the 
best falsework and four or more are placed in a bent, the bents being braced 
transversely and longitudinally. If the height above water is only 10 to 20 ft. 
the piles are sawed off just below that height and capped, but for greater 
heights framed bents are built upon the piles, which are sawed off just above 
water level. Posts in framed bents should be 10 by 10 or 12 by 12 in. and brac- 
ings 3 by 10 or 3: by 12. In swift water the bents should be braced in pairs 
to form towers and the long openings between towers spanned with trusses. 
If piles cannot be driven the bents must be framed-and rest on sills or small 
timber cribs to distribute the pressure over the bottom. © Wooden stringers 
are bolted to the bents to carry the steel and =the tracks for the traveler. 
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Stringers should be placed about one foot below level of steel to allow for 
blocking. 

Arches, Cantilever Arms, and suspended spans of cantilever bridges are 
usually erected without falsework by building out, panel by panel, from fixed 
shore anchorages, anchor arms or adjacent fixed spans. Suspended spans of 
cantilever bridges are made temporarily continuous with the anchor and 
cantilever arms. Closure at the center is effected by means of a mechanical 
device, usually a toggle placed in the line of the chord in the panel at the end 
of the cantilever arm, or at the ends of the arch, which affords control of the 
position of the ends of the meeting trusSes, both vertically and horizontally. 
After closure the suspended span is converted into a simple span by relieving 
one of the end horizontal members. In the case of the Quebec bridge, the 
640-ft. suspended span was erected on barges in a sheltered cove several miles 
from the bridge, floated to the site and hoisted bodily into position. Similarly 
the 433-ft. suspended span of the Carquinez Straits, Cal., cantilever was 
lifted into place by means of counterweights. 

Where Falsework cannot be used, simple trusses are sometimes erected as canti- 
levers by building out from either end, but in such cases the members must be specially 
designed to allow this. Bridges are sometimes erected along the shore and then 
floated out into position on barges. Long span simple trusses are sometimes erected 
upon falsework for the first few panels and continued as a cantilever for an equal or 
greater number of panels, the free end then being supported upon a temporary steel 
bent. The process of cantilevering and supporting, at intervals, the free end upon 
bents is continued until the opposite pier is reached. The falsework and temporary 
bents are then removed. This method was used in erecting the 400 and 600-ft. spans 
of the Hudson River bridge of the N. Y.C.& H.R. R. R. at Castleton. The 400-ft. 
span was erected first, the three easterly panels upon timber falsework, and the 
sixth and eighth panel points upon steel bents. The first four panels of the 600-ft. 
span were then cantilevered out from the 400-ft. span, used as a temporary anchorage, 
and later supported under the fourth, eighth, and tenth panel points upon steel 
bents. The two spans have 14 and 18 panels, respectively. 

Paint for Steel Bridges. Parts of bridge members in contact should be 
given one coat of red-lead paint before being riveted together in the shop. 
All other surfaces should have one coat of raw linseed oil or one coat of red- 
lead paint before leaving the shop. After erection two coats of different colors 
should be applied, the last after the first is dry. Red-lead paint should be 
mixed 20 to 25 lb. red lead to one gallon raw linseed oil, although some. engi-+ 
neers specify as much as 35 Jb. per gallon of oil. Graphite paint, made by 
grinding 12.5 lb. graphite in one gallon linseed oil, is good for either the first 
or priming coat or for subsequent coats. For one short ton of structural 
material allow one-half gallon of paint for the first and three-eighths for the 

second coat. ; 

BEAM AND GIRDER BRIDGES 

16. General Arrangement 

Beam Bridges are used for short spans up to 35 or 40 ft. in length both for 

railroad or highway and electric railway structures. They consist of I beams 

running parallel with the railroad or highway, resting at their ends on abut- 

ments and carrying open or solid floors in railroad bridges and plank or paved 

roadways for highways.. The beams must be computed from their section 

moduli, but their depth for railroad bridges should not be less than 1/15 the 

span, for electric railway bridges not less than 1/20, and for ordinary highway 

traffic not less than 1/20. The following spacing of beams is desirable for 

railroad spans with open floors, that is, ties resting directly on the beams: 
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two I beams under each rail, 12 in. between webs and symmetrically under 

the rail with a safety stringer 2 ft. from each outermost track stringer. At 

each end and at center of the span channel braces should be riveted between 

the beams, and at intervals of 5 ft. channel separators should connect the two 

beams under each rail. For spans over 10 ft. diagonal braces should also be 

used. For double-track bridges there should be one safety stringer between 

tracks. For beam bridges with solid floors the I beams should be spaced 
apart 18 to 30 in., covered with flat steel plates and ballast, and should have 
braces at ends and center of span. For highway bridges the beams are spaced 

apart 2 to 3 ft. for wooden floors, and up to 5 or 6 ft. for concrete slab floors, 

and should be connected together at their ends with L’s or C’s. 

A Plate Girder is a beam made by riveting a flange, consisting of L’s 
alone or L.’s and plates, along the upper and lower edges of a solid vertical 
plate called the web. Upright pairs of ’s called stiffeners are usually 
riveted to the web at the supports and at certain intermediate points. Plate 
girders are most suitable for spans between 25 and 100 ft., and even for spans 

as high as 125 or 130 ft. they make excellent bridges, expensive in first cost 

but low in maintenance charges. 

Tubular Bridges were built by Robert Stevenson, who in 1850 completed the Bri- 
tannia bridge in Wales and in 1859 the tubular bridge at Montreal, the latter being 
replaced in 1898 by a truss bridge. The Britannia bridge consists of two parallel 
independent wrought-iron tubes through which the trains run, each tube having two 
vertical solid webs connecting to top and bottom chords formed by a series of cells 
made of plates and L’s. Each tube is 15 ft. wide and from 23 ft. deep at the ends 
to 30 ft. at the center. There are two 460-ft. spans and two 230-ft. spans. 

Deck Plate Girder Bridges usually consist of two girders under each track 
connected by two systems of lateral bracing, one in the plane of the top and 
the other in the plane of the bottom flanges, and by transverse sway frames 
at each end and at intermediate points from 15 to 20 ft. apart. For double- 
track structures the two inner girders should be connected together at the 
panel points of the top lateral systems by angle struts only without any 
transverse or lateral bracing between these inner girders. The two girders 
in single-track deck bridges are spaced 6-1/2 ft. for spans up to 60 ft., about 
8 ft. for 120-ft. spans, and proportionate distances for spans between 60 and 
100 ft. The deeper the girders the greater should be the spacing. For double- 
track spans having four girders, the tracks being from 12 to 13 ft. on centers, 
the inner girders should be 5-1/2 to 6-1/2 ft. apart respectively if the two 
girders under a track are 6-1/2 ft. apart. Deck spans having floor beams 
and stringers can be well arranged for single track by placing the girders 
9 to 10 ft. apart and connecting the floor beams to the girders at such an 
elevation that the tops of stringers and girders are in one horizontal plane, 

the stringers resting on top of the floor beams and spaced 5 or 6 ft. apart. 
The ties are supported by stringers and girders, the latter serving as safety 
stringers in case of a derailment, and the stringers are held laterally to the 
girders by diaphragm plates, that is, vertical plates placed over the floor 
beams and between the stringers and girders. One lateral bracing system is 
used at the level of the lower flanges of floor beams. 

Through Plate Girder Bridges generally cost more under the same condi- 
tions than deck, but they are used where head room under the bridge is 
essential as in the case of grade-crossing elimination. While for short spans 
the distance between centers of girders on single track may be as small as 
12 ft., this distance is ordinarily 13 to.15 ft. For clearances see Art. 11. 
Double-track bridges may have two or three girders, the center girder carry- 

ing weight from both tracks. Panel lengths vary from 9 to 15 ft.. the smaller 
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value being used to secure shallow floor systems. Plate girders for deck spans 
have the upper corners square, but for long through railroad, and especially 
for through highway bridges, it is desirable to have them rounded to prevent 
accidents in the one case and for appearance in the other. The radius of the 
curve is usually made equal to the length of the bed plate. 

Economical Depth for both deck and through girders varies between 1 /6.5 
of the span length, for short spans, and 1/12 for 125-ft. spans. The latter is 
not the most economical, but it is the greatest practical depth ratio. For 
spans up to 80 ft., expansion may be provided by sliding bearing plates. 
For longer spans, pedestals with pin bearing should be used at each end, and 
rollers at the expansion end. 

Highway Plate Girder Bridges should have two girders for ordinary through 
spans, and for heavy construction with two sidewalks and one roadway three 
girders, and in extreme widths even more, are used. Where two girders are 
used in through spans they should be placed at the curbs to avoid interference 
with vehicular traffic, and for this same reason deck spans should be used if 
possible where the width of roadway necessitates three or more girders. The 
central girder of through bridges projecting up into a roadway interferes with 
traffic, and where two street railway tracks cross over the bridge the distance 
between track centers must be increased from the usual 9 or 10 ft. to 13 to 
15 ft., thus making undesirable curves in the tracks. For deck spans the tops 
of floor beams are placed near the top of the girders and the stringers are 
framed between the floor beams. The sidewalks are carried on brackets 
tiveted to the outside girder webs, and since the upper flanges of the brackets 
are in tension some provision other than tension on rivets must be made to 
transfer the stress into the floor beam upper flange. This is best done by 
connecting top of bracket to top of floor beam with a tie plate passing either 
through or over the main girder. 

The Top Lateral System for deck plate girder railroad bridges should be a Warren 
truss with panel Jengths as nearly equal to the distance between the girders as possible 
and with an angle strut at each panel point, thus making the slope of the diagonals 
about 45 deg. At alternate panel points the L strut is the top bar of the cross frame, 
and this spaces the cross frames at the ends and at intermediate points at distances 
apart equal to twice the distance between girders. No L’s less than 3-1/2 by 3 by 
3/8 should be used for bracing in railroad, nor less than 2-1/2 by 2-1/2 by 5/16 for 
highway bridges. For intermediate cross frames of deck bridges two horizontal and 
two diagonal L’s 3-1/2 by 3-1/2 by 3/8 are commonly used, while the end cross frames 
should be computed to carry the end reaction of the top lateral system. These end 

frames should have two horizontal ’s at top and two at bottom, with two diagonal 
L’s or (’sin each frame. All frames must be riveted to the horizontal lateral bracing 
plates and to vertical connecting plates which are riveted to stiffeners on the girders. 
The lower bracing for deck spans should consist of a Warren truss, the L struts being 
omitted except where they constitute the lower members of the cross frames. For 
through single-track spans the lateral system should consist of two diagonal L’s in 
each panel riveted to plates which are connected to lower flanges of girders and floor 
beams; and if there are no end floor beams a strut should connect the stringers and 
girders together at each end of the span. The laterals are generally connected to the 
bottom flanges of the stringers. For through double-track railroad or through highway 
bridges the laterals sometimes run over two panels instead of one. 

17. Girders without Floor Beams 

Notation. V = shear at section of girder, Vo = maximum positive live shear in 
end panel, M = moment at any section, Mc = moment at center of span, / = length 
of span, @ = distance from section to right end of span, g = distance from center of 
span to any section, w = uniform dead load per unit of length, w, = uniform live load 
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per unit of length, W = total load on span, D = increase in shear due to loads coming 

on span, » = panel length, # = number of panels to right of a given panel, m = 

number of panels in span, x = distance from resultant load on span to right support. 

Long Spans for American Plate Girders 

| Weight of 

. Location Railway or Highway ae erste One Girder, 
: short tons 

St) Catherine's, Cans: 7G. T: Ryvo oo... 1-2. 105.7 9.0 64.5 

Newark, N.J....... CPR RI SFR as 109.5 10.0 77.4 

Lyons, N. Y.../i3..]N. ¥.C.& H.R.........- 110.7 1962 96.0 

Janesville, Wis... . .: GE EON aio es Le ee se 114.5 9.5 42.0 

Near Jordan, N. Y...|N. ¥.C& H.R.........-- 116.0 10.0 ot eS 

Alpanys Ne Maw ig = a5 pee iy se nn ae cea paemae 116.5 10.0 85.0 

Bradford Division. ..| Erie R. R..............-- 128.0 9.0 49.0 

Towanda, Pa:::.... TV) REVS, SOL e 129.5 10.0 56.0 

Hubbard, O......... Erie RURAL SS 131.3 9.6 66.9 

Terre Haute, Ind... .| Highway. ........----0+6] 121.5 9.8 30.3 

Sixth St., Phila...... Highwayiiwss wires eens 3 123.0 9.5 50.0 

Worcester, Mass.:.:.|B.& A. R.R......+------ 122.5 11.0 170.0 

Chicago, Ik crs. cscs ay 'N.. V.. Cy OL Sip te Bee ed ol alah ds TS | 98.0 

Cae O, EU saci ka NY. Coe See Roa... laeeos et 10.8 130.5 

New Durham, N. J..| West Shore, N. ¥. C. R. R..| 131.50 10.0 105.0 

-|Newark Bay, N. J...| Central R. R. of N.J...... 125.0 .0 .0 

Joliet WIL. 1). ANF Elgin, Joliet & Eastern R. R'| 126.83 4 .0 

The Shear on a section is the algebraic sum of all outer forces or com- 

ponents of same acting on one side of and parallel with the given section; 

it is positive when the resultant force on the left is upward and on the right 

downward. Bending moment, or moment, at a section of a beam is the 

algebraic sum of the moments of all forces acting on either side of the section. 

It is positive when the resultant moment on left of section is clockwise and 

on the right is anti-clockwise, causing the beam to bend convex downward 

and hence causing compression in upper and tension in lower portion of beam. 

Dead Load Shears. With uniform load over entire span the shear at any section 
distant a from right end is V = w (a — 1/21). This is the equation of a straight line 
having for its ordinate at the left end of span the maximum positive shear of wl/2, 
and for the right end an ordinate of equal amount which is the maximum negative 

shear. Shear at center is zero. The above equation shows that the shear at any 
section is also equal to the amount of load between the section and the center of span. 
If an addition to the uniform load there are one or more concentrated fixed loads the 
shear at any section is found by subtracting from either reaction the loads, uniform 
and concentrated, between the reaction and the section, and the moment is a maximum 

where the shear passes through zero. 

Dead Load Moments. With uniform load over entire span the moment at any 
section distant a from the right support is M = 1/2 wa (I — a). This is the equation 
of a parabola with axis vertical and vertex over the center of the span. The moment 
is positive at all points and is maximum when a = //2, in which case the maximum 
moment is Mg = wi2/8; if w is in pounds per foot and the span /in feet M isin foot- 
pounds; where it is necessary to reduce this to inch-pounds multiply by 12, not by 
144. If Mc is the moment at center and g is the distance from center to any point, 
the moment at that point equals M = Mg — 4 Mgg?/?2. 

Live Load Shears and Moments. With a uniform load the maximum shear at 
either end occurs for full loading and may be found by use of above formulas for dead 
load shear. The maximum positive live shear at any point is V = wya2/2 J, and occurs 

when the live load covers the portion of the girder to right of section. This is the 
equation of a parabola with axis vertical and vertex at right support. The maximum 
negative live shear at any section occurs when the left portion of girder is loaded, 
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and may be found by calling a the distance from left instead of from tight support. 
The maximum moment at any point occurs for full loading, and may be found by use 
of formulas for dead load moments. 

Live Load Shears. With a single concentrated load the maximum positive shear 
at a given section occurs when the load is just to right of section and is equal to the 
left reaction; the maximum negative occurs when the load is just to the left of section 
and is equal to the right reaction. With a system of concentrated loads the maximum 
positive shear at any section occurs when one of the heavy loads is just to the right 
and most of the remaining loads are also to the right of the section. The problem of 
finding the greatest shear at a section A (Fig. 30) involves therefore first the location 
of the loads on the span to produce the maximum. Starting with first wheel at A, 
the shear will then be the left reaction; and if all the loads are moved to the left a 

distance d; until the second wheel is at A the shear is-increased-if =e +D > Py, (see 

Fig. 30). W is the total load on span at beginning of movement, d; the distance loads 
are moved, D is left reaction due to loads that 
may come on the right of span during the Ww 
movement. This same relation holds for any 
other similar movement and for any section 
provided no loads leave the span during the 
operation. To apply to the end of span W 
must include all loads on except the one which 
is at the end and which therefore leaves the 
span during the movement. If dj >/—da, : 
P; will leave the span when P2 is moved to Fig. 30 
A, (Fig. 30), in which case the shear at A is 
greater when P2 is there if (W — P)d\/1 + D < Pya/l. There is one more case 
to be considered. Suppose Pz at A and P; on the span and that when P3 is moved 
to A, P; leaves the span. Then the shear at A will be increased if 

al Ahi =P Sp ai) an di) Sp, 

Minimum Shear at End of Span. Let it be required to find the maximum shear 
at the left end of a 40-ft. span with Cooper’s E-50 loading (Fig. 23). Placing wheel 1 
at the left end the total load on the span exclusive of 1 is 132.5, and moving the wheels 
8 ft. to the left until wheel 2 lies at the end the shear at the end is increased, since 
132.5 K 8/40 + D>12.5. Moving the loads 5 ft. farther to the left the third wheel 
lies at the end, and the shear is decreased during this second movement because 
140 X 5/40 + D< 25, the 140 being total load on span exclusive of wheel 2 when 
wheel 2 is at the end. Hence with wheel 2 at the end the maximum shear exists there 
and equals the left reaction or 65 8/40 + 100 X 32.5/40 = 94.25 per rail. This 
shear may be obtained also with the aid of the moment diagram (Fig. 34) as follows. 
The moment of all wheels to the left of the right support about that support is 4370, 

and, deducting 12.5 * 48 = 600, there remains the moment about right support of 
all wheels that are on the span or 3770 thousand foot-pounds. Dividing this by the 
span length, 40, the left reaction or shear at left end is 94 250 lb. In the case of a 
Cooper or similar loading (where a light wheel precedes a series of heavy ones) it is 
unnecessary to apply the criterion for end shear, since P; never gives a maximum 

and P2 usually does, the exceptions being unimportant. 

Live Load Moments. For a single concentrated load P the maximum moment at 
a given section will occur when the load is at that section. With a system of concen- 

trated wheel loads the maximum moment will occur at a given fixed section when 

there are as many loads on the span as is possible, consistent with the heavy loads being 
near, and one of the loads at the section; and this load must be such that when it is 
just at the right of the section the average load on the left must be less, and when 
just at the left the average on the left must be greater than the average load on the 
entire span. Usually several positions of the loads satisfy this criterion, in which case 

the greatest moment must be determined by inspection or by computing all cases. 

The Absolute Maximum Moment is the greatest moment that can occur on a given 
span under a system of concentrated wheel loads. It will always occur at a wheel 
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which lies at or near the center of the span and the criterion for its determination is as 

follows. When the center of the span is halfway between the center of gravity of loads 

on the span and one of the wheels near the center of gravity, then the moment under 

the wheel where the shear changes sign is a maximum and is the greatest which this 

combination of loads can produce on the span. When the center of gravity of loads on 

the span coincides with one of the loads the absolute maximum will occur at the center 

of span. The method of procedure is then: Assume some loads onthespan soasto bring 

the heavy loads near the center and as many loads on the span as possible. Find the 

center of gravity of these loads and place the 
center of span midway between the center of 
gravity and the nearest load. If all the loads 
assumed on are now really on the span and the 

shear changes sign at this load, compute the 
moment at the nearest load just mentioned. 

If when the above assumed loads are placed in 
the position just cited some of the loads assumed 

on are really off the span, it is then necessary 

to try again, using a newresultant. Unless one 
can tell by inspection it is necessary to compute 

in this manner the moment at several of the wheels until the greatest possible 

moment is found. In Fig. 31 the maximum occurs at Ps when the center of span 

bisects 6 and therefore x = 1/2 (} — b)and the expression for the moment at Peis 

Wi-4(1 — b)?2 

2 4l 

where Wj -4 is the resultant of loads on span and Pd is the sum of the moments 
of loads to left of Pz about Pe. If now the dead load is to be taken into account with 

the wheel loading, the value of E 

18 1/2 i TT b(wl + Wi-4) 

wl +2Wi-4 

and the maximum moment accurs at Po. It is however sufficiently accurate to com- 
pute the absolute maximum due to live load only as above stated and add the dead 

moment at the center. 

The Exact Equivalent Uniform Live Load, obtained from Art. 10, may be 
employed conveniently to obtain maximum moments and shears due to a 
Cooper loading. For maximum moment at a section of a girder, the equiv- 
alent uniform load g may be obtained from the chart, Fig. 25, by taking 
J; =a and  =/1 — a, the two segments into which the section divides the 
span length. The bending moment M = 1/2 qhls. 

For maximum positive shear J; = 0 and/, = a. Instead of extending the 
chart to include values of q for /; = 0, the latter are given in a separate table, 
Fig. 25a for the corresponding values of /2. The g thus obtained is correct 
for end reactions, and R = 1/2 gl; -but for intermediate sections wheel 2 is 
presupposed to be placed at the section considered and the effect of wheel 1 
is disregarded. The maximum shear at a section, upon the above assump- 

: . 1/2 ql? 
tion, is V = us " =. To correct for the effect of wheel 1 subtract 

14,+8 
30 000 (1 — or) from the above value of V. This correction and the 

values of g in Art. 10 are based upon loads per track. For loads per rail 
divide by two. 

: For example, to find the maximum shears in an 80-ft. plate girder due to E-60 load- 
ing per rail; at the end, /2 = 80, g = 4657, R = 1/2 qlg = 166 300; at the 1/4 point 
lz = 60, q = 4900, V = 1/2ql23/4 = 110 250; at the 1/2 point, lj = 40, q = 5655, 
V = 1/2 qlei/2 = 56550. To correct for the effect of wheel 1 subtract 1/2 X 30 000 
(1 — (lo + 8)/80) from the last two values of V or 2250 and 6000 Ib. respectively. 
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18. Girders with Floor Beams 

For Notation see beginning of Art. 17 

Dead Load Shears. The uniform load here assumed is that due to the floor system 
only or, in the case of a truss bridge, due to floor system and weight of trusses; in 
other words, the dead Joad is assumed to act at the panel points only. For the shears 
and moments due to the dead weight of a plate girder itself the formulas in Art. 17 
may be used. The panels are of equal length unless otherwise stated. The shear 
in any panel is 

V = wp (n ~1/2m + 1/2) 

where » is the number of panels to the right of the one in question. The maximum 
dead positive shear is in the left end panel; that is, when » = m —1, and is 
Vo = wp(m —1)/2._ This is of course equal to the gross left reaction minus the 1/2 
panel load at the support.. From this maximum positive value the shear decreases by 
wp for every panel towards the right, reaching a maximum negative shear in the 
right end panel. 

Dead Load Moments. The moments at panel points are equal to the moments 
existing at the corresponding points on a girder without floor beams, and the moments 
between floor beams are slightly less than without floor beams. Without floor beams 
all ordinates are those of a parabola, while with floor beams only the ordinates at 
floor beams fall on a parabola. 

Live Load Shears. The neutral point in a panel is that point at which if a single 
concentrated load is placed, and no other loads act on the span, the shear in the panel 
is zero. Every panel has a neutral point and its distance from the right end of the 
panel = mp/(m — 1). For maximum positive live shear the load must extend from the 
neutral point to right end of span, and for maximum negative shear from the neutral 
point to left end of span. The exact maximum positive live shear in any panel is 

Se Os ae IPR2 
(m—1)2 2(m—1) 

loadings for maximum positive live load shear in any panel may be obtained from the 
chart, Fig. 25 (Art. 10), by letting 7) = the distance from the neutral point to the 
right end of the panel and /; = a = the distance from the end of the panel to the 
right end of the span. The maximum negative shear for a given panel is the same as 
the maximum positive shear in the corresponding panel on the opposite side of center 
of span. The above is the exact method for finding live shears, but the approximate 
method is mostly used for uniform loads; this assumes that the full live panel load is 
applied to each panel point to the right of a panel to produce maximum positive 
live shear and that no load acts to the left of the panel, thus neglecting the one-half 
panel load which acts at the left end of the panel. By this method the maximum 

wipn (n +1) 

2m 4 

Live Load Shears. For maximum positive shear in any panel under a system of 
wheel loads most if not all of the loads should lie to the right of the panel and one of 
the wheels should be on the floor beam at the right end of the panel and this must 
be such a wheel that when it is just to the right of the panel the total load on the 
span must be more than m times the load on the panel, and when this wheel is placed 
just within the right end of the panel the total load on the bridge must be less than 
m times the load on the panel. If two or more positions satisfy this criterion the one 
giving the greatest shear may be determined by inspection, by computing the shear 
for all the positions that satisfy the criterion, or by computing the change in shear due 
to a movement of the load system. Thus in Fig. 32 to find the change in shear due 
to a slight movement suppose that the above criterion for panel A is satisfied by either 
wheels 1 or 2. Place P; at right end of panel A and move the loads till Pz comes to 
that point; then if dj <p the shear in A is greater for position 2 than 1 if 

way D> Pidy If dj > p but P; does not leave the span while the movement is 
p 

The exact equivalent uniform live load for Cooper’s 

positive shear is V = 

taking place then the shear is increased fee +D>P,. When Pz is at right end 
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rte 4 d 
of A and Pz is then moved to that point the shear is increased if “ +D> 

Pi + Pa)ds where d; + dg < p; and is increased if nee +D> Pode a eS, 

Pp Pp 

where dj + do > p but dj <pand dz <p. These expressions do not hold if a load 

leaves the span during the movement, but similar ones may be written for this case. 

Live Load Moments. The criterion for determining the position of loads to give a 

maximum moment at a panel point is the same as if there were no floor beams, see Art. 

17. Clearly the maximum live moment at a panel point next the endas B, (Fig. 32), 

Fig. 32 

equals Yop, and for any point in the end panel the maximum live moment is the maxi- 

mum live shear in that panel times the distance from the end of span to the point in 

question. The criterion for maximum moment for a point within a panel such as C 

(Fig. 33) is Wi + Te = stat where Wj is the total load on panel to left of, and We 

the total load on the panel in question. 

ye oi awode quik svigieoy eT seis oT pecs io bay Jal ot 
Wi We i 
a 

The Moment Diagram (Fig. 34) aids in computing shears and moments. 
Its essential parts are weights and wheel spacings for a concentrated load 
system, distance of each wheel from the first, sum of all loads from the first 

75 

600.00;— 1037.50) 2050.00 £370.00 5790.00 
Moments 

Lake 

00 2693. 

355.00 + 20455.00/— 
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Loads are in thousands of pounds per rail 

Fig. 34. Moment Diagram for Wheel Loads for Cooper’s E-50 Loading 
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to each succeeding wheel inclusive, sum of moments about each wheel of all 
loads to the left of that wheel. The wheel spacings should be plotted to scale 
and the span lengths to the same scale. 

To illustrate let it be required to compute maximum moment at center of a 40-ft. 
span, using the diagram in Fig. 34. The fourth wheel satisfies the criterion in Art. 17 
and by inspection gives the greatest moment. To compute this moment find the 
moment of left reaction about center and deduct the sum of moments of wheels 1, 2 
and 3. To do this find the moment of all wheels on the span about tight support, 
2693.75 + 145(1) = 2838.75 in thousands of foot-pounds; then divide this by the 
span, 40 ft., and multiply the quotient by the half span, 20 ft.; whence 1419.375 is 
the moment of left reaction about center. ~ Subtract 600, the moment of wheels 1, 2 
and 3 about wheel 4, and 819 375 ft-lb. is the moment at center of span. 

19. Plate Girder Webs 

Notation. M = bending moment, ¢ = thickness of web, 4 = depth of web, V = 
vertical shear on web, S = allowable tensile unit stress, Ss = allowable shearing unit 
stress, Sp = bearing unit stress on rivets, Sc = allowable compressive unit stress, 
A =gross area of cross-section of web plate, d = horizontal distance between 
stiffeners, H = horizental force on outside rivet in a vertical row, 4, and hy = thick- 
ness and depth of web splice plate, Mr = bending moment carried by. one row of 
rivets in web splice, Mw = net moment carried by web, » = pitch in inches, W = 
number of rivets in a row. Forces in pounds, dimensions in inches, moments in 
inch-pounds, stresses in pounds per square inch. 

The Function of the Web of a girder is to resist the shearing forces acting 
on the various sections of the girder and also to carry some of the bending 
moment. The depth and thickness of a web plate must be such that its cross- 
sectional area will withstand the shear and buckling and at the same time 
give the girder an economic depth, that is, a depth requiring the least material 
in the girder. Girders are sometimes made with curved flanges, giving 
greater depths at the center than at the ends. 

The Economic Depth of a Girder varies with the kind and amount of loads, 
the length of span and the allowable unit stresses. A common rule for girders 

up to about 40-ft. span is that the depth should be such as to make the weight 
of flanges, equal to the total weight of web with its splice plates and stiffening 
angles and, in proportion as the span exceeds 40 ft., to make the weight of 
flanges greater than that of the web and its details. Unless limited by such 
considerations as headroom, girders having constant cross-section should be 
given a depth equal to 1/8 or 1/9 their length, and girders of variable sections 
1/10 to 1/12 their length. For short built-up girders used as stringers the 
depth must generally be greater, more nearly 1/6 their length. 

The Thickness of Webs must be such as to resist the shear at various sec- 
tions and also to prevent buckling. The gross cross-sectional area of the 
web at any section is found by dividing the total shear by the allowable unit 
shearing stress. The required thickness for shear is # = V/Ssh. 

Buckling of the Web. The horizontal and vertical shears acting in a web 
plate produce a tension and a compression of equal intensities on planes 
making an angle of 45 deg. with the neutral axis. This compression tends to 
buckle the web plate, and the web must be thick enough to withstand the 
buckling or else stiffeners must be riveted to the web to increase its com- 

pressive strength or, what amounts to the same thing, its shearing strength, 
Stiffeners are used over bearings, at points of concentrated loading and at 

other points where the width of the unsupported web between flange angles is 

greater than 50 times its thickness. These stiffeners are usually made of L’s 

riveted vertically to the web. Having found the required thickness for shear- 
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ing from the formula just given, the proper distance between stiffeners must 
then be determined; and if the distance in the clear between stiffeners, d, 
comes equal to or greater than the clear vertical distance between horizontal 
angles the stiffeners are spaced equal to this vertical distance, with 6 ft. as a 
maximum. If d comes out very small so that stiffeners are required too close 
together, a thicker web should be chosen to reduce the number of stiffeners. 
The horizontal distance in the clear between stiffeners is given by 

(12 000 — s)t 
d= ee a in which s is the average shear per square inch in the web 

at the section where d is desired. 

The Minimum Thickness for Webs of plate girders in buildings is 1/4 in., for high- 
way bridges 5/16 and preferably 3/8 in., and for railroad bridges not less than 3/8 for 
lightest traffic and 7/16 for heavy traffic, The thickness near the ends of heavy girders 
is sometimes greater than near the center, and the increase may be made either by 
riveting reinforcing plates on the sides of the main web plate or by using a thicker 
plate near each end. In the latter case thin fillers must be used between the flanges 
and the thin web plates. Webs as thick as 1 in. have been used, but ordinarily they 
are from 7/16 to 3/4 for railroad bridges, 5/16 to 7/16 for highway, and from 1/4 to 
3/8 for buildings. Sheared plates may be obtained as wide as 10 ft., with lengths of 
10 or 11 ft., and universal mill plates up to 4 ft. wide by 70 to 80 ft. long. Plates of 
great width or length are subject to special prices. 

Intermediate Stiffeners (F’g. 42) used to stiffen the web of a railway plate girder 
vary from 3-1/2 X 3-1/2 X 3/8 in. for spans under S50 ft. to 6 X 4 X 3/8 in. for 100-ft. 
spans. By the A. R. E. A. Specifications the outstanding legs should not be less than 
1/30 of the depth of the girder plus 2 in. For girders in buildings and highway bridges 
they are frequently made lighter. They should be used in pairs, one on each side of 
the web. In deck bridges intermediate stiffeners should be proportioned to carry the 
greatest wheel load in compression, should be connected to the web with sufficient 
rivets to transmit this load, should not be crimped, that is, not bent around the 
vertical legs of the flange L’s and should have outstanding legs as wide as possible 
and not extend over the edge of the horizontal leg of flange L’s. For through spans 
the connecting L’s at floor beams should have outstanding legs of at least 4 in., with 
rivets arranged so that floor beams may be placed without spreading girders. 

End Stiffeners used to connect one girder web to another, as at junction of stringer 
to floor beam, must be capable of carrying the full end shear on a vertical section 
through the line of rivets. Where a girder rests upon a support as at abutments the 

_ end stiffeners (Fig. 42) usually consist of two pairs of ’s, one pair at the extreme end 
of girder and the other over the bed plate and about 1 in. from its inner edge. For 
girders with bearings arranged on rockers each pair of |_’s should be proportioned for 
one-half the maximum end reactions, but for those resting on flat bearings .each pair 
should be assumed to carry at least three-quarters of the reaction. Stiffeners at the ends 
and at points of concentrated loading should be proportioned as long columns, in 
which / is taken equal to one-half the depth of the girder in inches andy is the radius 
of gyration of the pair of stiffeners about their gravity axis lying in the central plane 
of the web plate. The outstanding legs should be as wide as the flange angles will 
allow and should fit tightly against them. 

Thus, given an end shear of 319 500 lb., depth of girder 80-1/2 in., thickness of web 
plate 7/16 in., and thickness of fillers between stiffeners and web 3/4 in. Assume two 
pairs of 5 X 3-1/2 X 11/16-in. L’s with the 5-in. legs outstanding. The 3-1/2-in. 
legs are separated by the 7/16-in. web and the two 3/4-in. fillers, or 1-15/16 in. in all. 
For their combined section about the axis in the web r is 3.12 in. S = 16 000— 70 Ur 
= 16000 — 70 X 40.25/3.12 = 15 000 (nearly). Required area = 319 500 + 15 000 
= 21.4sq.in. The actual area of the 4 L’s is 21.5 sq. in. The number of rivets in 
double shear required to transfer the end shear from the angles to the tight fillers is 
319 500 + 14 430 = 23. The number used is 30, not counting those through the flange 
angles. The number of rivets in bearing on the web required to transfer the end shear 
from fillers to web is 319 500 + 9190 = 35. The number used is 48, making the filler 
plates a rigid part of the web plate. 
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For intermediate stiffeners, 1/30 of the depth of girder plus 2 in. requires the out- 
standing leg to be 5in. Accordingly each pair of intermediate stiffeners will consist 
of § X 3-1/2 X 3/8-in. L’s. The spacing should not exceed 6 ft. nor be greater than 

t (12 000 — S) 

40 
The exact position of the several pairs of stiffeners is governed by the location of the’ 

cross frames. 

End Bearings. Expansion and contraction longitudinally due to changes 
in temperature must be allowed at one end of all spans, a range of 150° F-. 
being the amount generally used. Taking the coefficient of linear expansion 
of steel as 0.000007 per degree Fahrenheit and a range of 150°, the expan- 
sion amounts to 1/8 in. for 10 ft. of length. Spans less than 80 ft. may have 
planed sliding bearings at one end (Fig. 42). For spans over 80 ft., long turned 

, where? = 7/16 in. and S = total shear at section + gross area of web- 

z 
oA 

== Gi 
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Fig. 35 

rollers not less than 6 in. in diameter should be used and each end should rest 

on a rocker or bolster arranged with a pin to fix the point of application of 

the reaction. Allowable pressure per linear inch of rollers is variously taken 

at from 600 D to 300 D depending on whether impact is or is not allowed; 

D is diameter of roller in inches. Bearing on Masonry may be safely taken 

at from 400 to 800 lb. per sq. in. Segmental rollers as used for long spans 

are made by removing portions of cylindrical rollers as shown in Fig. 35. 

Fig. 35 is typical of the 6-in. rocker nest of the American Bridge Co. To prevent 

sliding of the structure on the rollers or base plate, the ends of the middle roller are 

provided with vertical teeth which mesh into corresponding holes in the top and bottom 

plates. Lateral slipping is prevented by the groove at the middle of each roller, 
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which exactly fits over a corresponding longitudinal projection left in the planed 
surfaces of the bearing plates. Fig. 35 shows the locking of rollers and side bars under 
an extreme longitudinal movement M. Let M = movement of bridge in either 
direction from the initial vertical position of rollers. Then A = 28.7 M/R in degrees. 
Sidebars will lock when E = Pcos A. Rollers will lock when W = Scos A. Both 
will lock at the same time when E/P = W/S. W must not be less than M. 

Web Splices. Girders over 40 to 50 ft. in length usually have their webs 
in two or more pieces, the web plates being spliced generally with one plate 
on each side of the web at each joint, and sometimes in addition thereto a 
plate riveted at each joint to the vertical leg of each of the four flange angles. 

Web plate splices should always be de- 
signed for moment, and when shear acts 
simultaneously it should likewise be 
considered, although generally when a 
splice is sufficient to carry the full bend- 
ing moment of the net section of the 
web shear may be neglected. To design 
a web splice consisting of two plates 

(Fig. 36), one on each side of the web: 
(1) Make the two splice plates as deep 

E as the vertical distance in the clear 
Fig. 36 between flange {_’s, and then compute 

their thickness so that the combined net moment of resistance of the two 
plates equals that of the web; but no plate less than 3/8 in. should be used. 

3 

2h 
vertical-row uniformly if possible; if any uneven spaces are required place 
the larger spaces near the neutral axis of the girder. The pitch in a row should 
not be less than 3 and not over 4 in. (3) Compute the bending moment 
that one vertical row of rivets in the splice plates can carry, using Mr = 

Neutral Surface 

Thickness of each splice plate is t: = (2) Next space the rivets in one 

2 H\ ¥ : 
(2) =-y?, where H is the yalue of the outermost flange rivet in bearing 

2/0 : 
v1 

on the web (Fig. 36) and = y? is the sum of the squares of the distances from 
0 

neutral axis to the rivets on one side of this axis only. (4) Compute the net 
2 Sth : 

moment of resistance of the web = Mw = e: S being the allowed unit 

stress in the tension flange. (5) The number of rows of rivets on each side 
.M 

of the joint is a If the number of rows thus found involves a fraction of 
2 a 

a row, as 2-1/2 rows, the rivet spacing in each row may be changed accord- 
ingly, or better, use only the full rows for each side of joint, two in this case, 
and place the splice at a point where the flanges have sufficient excess area 
to carry a moment equal to the difference between the net moment of the web 
and the moment of the two full rows. In case the splice cannot be so placed, 
then additional plates having a net area equal to that just mentioned should 
be placed on each flange. 

With a uniform pitch, the bending moment a row of rivets will carry is given by 
Mr = Hp(N + 1)(N +2) 

ROT IUD EtG ROK Te paris 
the neutral surface and which is included as carrying-moment. If H is in pounds, 
p inches, and V the number of rivets in one full row, then Mr is in inch-pounds. 

, where H is the horizontal force on the rivet farthest from 
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20. Plate Girder Flanges 

Notation. M = bending moment in inch-pounds, dy = distance in inches between 
center of gravity of flanges, S = allowable unit tensile or compressive stress in pounds 
per square inch, A = net area of cross-section of tension flange in square inches, 
i = thickness and # = depth of web, / = unsupported length and w = width of com- 
pression flange, p = pitch of rivets all in inches, V = vertical shearing force on girder, 
ry = yalue of rivet in pounds, » = resultant shear per running inch of flange in pounds, 
W = maximum wheel load in pounds, 7; = exact longitudinal shear per running inch 
of flange in pounds, m = statical moment in inch units, J = moment of inertia of 
entire cross-section of girder in inch units. ~ 

The Flanges of a beam or plate girder carry the greater part of the bending 

moment acting on the girder, and as they receive stress from the web they 

serve to prevent its deformation.. One flange, usually the lower, is in tension 

and the other is in compression. The latter is a horizontal column receiving 

its stress from the web at points throughout its length, and held in a vertical 

direction by the web, and in a horizontal direction, usually, though not always, 

by bracing. The function of the flanges of a girder, then, is to carry moment 

and they must be designed for this purpose. 

The Composition of Flanges varies in different girders and also usually at 

different sections of the same girder. For light loads or for short spans each 

flange may be made of two L.’s alone (Fig. 37) or for heavier work two L’s 

with one or more horizontal flange or cover plates riveted to the outstanding 

legs of the L’s (Fig. 38). To secure larger cross-sections vertical flange 

H 

We Fronget- Vertical 
Flange 
Plate 

Fig. 37 Fig. 38 Fig. 39 Fig. 40 

plates between the L.’s and web are used, and these plates are run the entire 

length of the span, while the horizontal flange plates are made of different 

lengths (Fig. 39). For heavy sections an arrangement such as is shown in 

Fig. 40 may be used for the top flange. In this case the lower flange is generally 

given the more usual section consisting of two L.’s with cover and vertical 

plates (Fig. 39). Railroad bridge girders with over 150 sq. in. of gross cross- 

section in each flange have been built. 

Proportioning Tension Flanges. The design of a flange (Fig. 42) consists 

in finding the required cross-section at the point of maximum bending moment, 

selecting proper sizes of |.’s and plates and then finding the lengths of the 

plates. If the web could carry no moment the compression in one flange and 

the tension in the other would resist the full moment and would form a couple 

the arm d; of which is the distance between centers of gravity of the two 

flanges, and each flange stress would be M/di. The flange stress divided by 

the allowable tensile unit stress S would give the required net area for the 
Sth? 

tension flange, that is, 4s: But since the web does carry a moment = met 
1 

if there is no vertical row of rivets at or near the section considered, and 
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approximately Sth?/8 if there is, then the equivalent area, which if placed in 
each flange will carry the same moment as the web can carry, is th/6 or th/8 
respectively. The correct required net area of the tension flange is usually 

. M th , ¥ 
based on the latter value and is A = Gar os In applying this formula 

1 

care must be taken to use the proper numerical values. Thus if di, ¢ and h 
are inches and S is pounds per square inch, then M is inch-pounds, and the 
result A will be square inches. 

With following data, to proportion the cross-section of a tension flange: maximum 
M in foot-pounds = 1 500 000 live, 360 000 dead, 1 210 000 impact, total 3 070 000; 
web 84 by 1/2 in., distance back to back of flange L’s 84-1/2 in., maximum tensile 
stress, 16 000 lb. persq.in. Assume the distance center to center of gravity of flanges, 
called the effective depth, as 83.0 in., then the required net flange area = 
3°070 000 (12) 84 : ; 
= 22.5. Two 6 by 6 by 5/8. L.’s with gross area of 14.2 sq. in. 
83.0 (16 000) 2 (8) 4 y! . ey mek 

have a net area of 14.2 — 4 (1) 5/8 = 11.7 sq. in., which deducted from 22.5 leaves 
10.8 as the required-net area of plates. Assuming plates 14 in. wide with two 7/8 

le 1-44'x 3%, Pl x 13-7 

£ er toe 
x“ 114x4% Pix 198 gue oer 

x 
\ 
\ 
' 
' 
' 
' 

22.5 sqg.in. 

1 
1 

t 
1 10.0 ft. 10.0 ft. 

' One half span =30.0 ft. 

Fig. 41 

rivets in one section the net width is 12 in. Required thickness for plates = 10.8/12 = 
0.9 in. Hence one plate 14 by 1/2 and one 14 by 7/16 and two 6 by 6 by 5/8 L’s are 
to be used. In computing the net area of the two L’s the two holes for 7/8 rivets in 
each L are taken as 1/8 larger in diameter than the rivet, namely 1 in.; similarly in 
the plates. The position of the center of gravity of this flange must be computed to 
check the effective depth, and if the assumed effective depth is in appreciable error 
the design must be revised. - 

The Compression Flange should not be of less and is generally of the same 
gross section as the tension flange. It is usually supported laterally at points 
with distance apart not exceeding 12 times its width. When the compression 
flange consists of angles, or of angles and flat cover plates, it is proportioned 
by the column formula, S = 16 000 — 150//b, where S = allowable unit stress 
on the gross section of the flange, / = unsupported length, and b = flange width. 

Lengths of Flange Plates. Following is a graphic solution for a single-track through 
railroad girder bridge of 60-ft. span divided into 6 equal panels. By means of above 
formula for A compute the required net flange area at each of the panel points, 1, 2, 3 

(Fig. 41), these being the points at which the live and dead moments are previously 
computed; suppose their net areas to be 11.4, 20.1 and 22.5 sq. in. respectively. Plot 
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these values at points 1, 2, 3 to any convenient scale, such as 1/8 in. = 1sq.in. For 
the horizontal scale 1/4 in. = 1 ft. is convenient. At the end lay off on opposite side 
of the horizontal axis the web equivalent, that is, ¢#/8, here assumed 5.25 sq. in., 

' and then draw a smooth curve through the-four points located. Proportion bottom 
_ flange at point of maximum moment, finding the sizes of L’s and plates as described 
above, and, beginning at the horizontal axis, lay off first the net area of the two L’s, 
11.7 sq. in., and then of each succeeding plate, placing the thickest plate next to the 
L’s. The half lengths of plates may now be scaled from the diagram, and to each 
half length should be added 1 ft. or enough to get in at least two rows of rivets. The 
plates on the top flange may be made the same length as on the bottom except that 
the one next to the |_’s should run the entire length of the girder. 

With a uniform load over span L and a uniform depth of girder the length x of any 

plate isx = L ~/a/Aj, where A, is the total area of the flange at the maximum section 
plus the web equivalent, and a is the area of the plate being cut plus the areas of all 
plates outside of it. If there are several plates, a is first the area of outside plate; 
second, this plus the area of the next plate; third, these two plus the area of third plate. 

The Pitch of Flange Rivets (Fig. 42) is the distance from the center of one 
rivet to the center of the next whether in the same row or not. In bottom 
flanges of deck girders and in both flanges of through girders the rivets con- 
necting the flanges to web plates transmit longitudinal shear only, whereas 
these rivets in the top flanges of deck girders or stringers carry, in addition 
to the longitudinal, a vertical shear due to the pressure from the wheel loads 
and track. The required pitch for horizontal flange rivets which connect the 
flange |_’s to the web in girders without loads on the top flange is, according 

“ to the usual approximate method, p = rd;/V, where x is the value of the rivet, 
namely, the bearing value on web plate or bearing on two [|’s or double shear 
whichever is the least. If the rivets carry vertical loads in addition to the 
longitudinal shear, as in top flanges of stringers or deck girders, the resultant 

2 2 
shear per running inch is Vv = \ (¢) — () , in which W is the maxi- 

di 
mum wheel load, here assumed distributed over 36 in. of flange length. And 
the pitch is p=r/v. This approximate method for finding the pitch of 
horizontal rivets in flanges gives spacing slightly smaller than the true value 
and is on the safe side. The exact longitudinal shear existing between the 
flange and web or between the flange plates and L’s is vi = Vm/I, in which 
m is the statical moment about the neutral axis of that part of the flange 
outside of the section on which the horizontal shear is desired, in other words, 
that part of the flange section which is connected to the remainder of the 
flange or to the web by means of the rivets the pitch of which is required. 

In Spacing Rivets in Flanges the pitch is computed at intervals of from 2 to 5 ft. for 
stringers and deck girders, and the spacing is varied in accordance with those com- 
puted values. For through girders the pitch throughout any one panel is made con- 

stant since the shear is constant except for dead weight of girder. Vertical rivets which 

connect flange plates to flange |_’s are generally given the same pitch as the horizontal 
rivets. The pitch can be computed by the above exact formula. 

A Good Method for Finding Pitch of flange rivets is illustrated by the following modi- 

fication of the above approximate method. Required the pitch of horizontal flange rivets 

at the end of a through girder having a web 60 by 1/2in.; at the end each flange con- 

sists of two 6 by 6 by 1/21’s and one cover plate 14 by 1/2. Rivets 7/8 in. in diameter; 

bearing 24 000 Ib. per sq. in.; shearing 12 000 Ib. per sq. in. End shear including live, 

impact and dead, 200000 lb. Effective depth 58.6 in. The gross area of two L’s 

and one cover plate is 11.5 + 7.0 = 18.5 sq. in. and including the web equivalent is 

18.5 + 3.75 = 22.25 sq. in.; hence the longitudinal shear per running inch between 

flange L.’s and web is (18.5/22.25) 200 000/58.6 = 2850 lb. The least value of the 

rivet is 7/8 X 1/2 X 24000 = 10500 lb., and the required pitch at end of girder is 

10 500/28.0 = 3-3/4 in. 
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21. Riveted Joints © 
5 Notation. Sc, Ss and Stare the allowable unit bearing, shearing and tensile stresses 
in pounds per square inch; d, diameter of rivet; /, end distance; #, thickness, and w 
width of main plate; all dimensions in inches; m, number of rivets on each side of joint 

Before being driven, a rivet consists of a shank, or cylindrical portion, and a head 
which may be either conical or nearly hemispherical, the latter form being called 

buttonheads. The process of riveting consists of heating the rivet and while it is hot 
placing it in the hole and upsetting the shank end to form a second head. A counter- 

sunk rivet is used where it is desired that the head of the rivet must be flush with the 
surface of the part into which it is driven, but to secure a surface free from obstruction 
the countersunk head must be slightly chippetl. 

Lap Riveted Joints are shown in Figs. 43 and 44, the first being single and 
the second double riveted. Butt joints are shown in Figs. 45-48, those with 

two cover plates being better because of less bending in the rivets. Butt 

t 
i 
H 

Single Riveted 

FE. iP 

Fig. 46 Fig. 47 Fig. 48 

joints with a single strap require twice as many rivets as lap joints to transfer 

a stress from the one main plate into the other. In lap joints, and in butt 

joints with a single strap or cover, the rivets are in single shear, while in butt 

joints with double covers all rivets are in double shear. 

Design of Riveted Joints. In Fig. 46 the main plate has a tension of P 

and is spliced with two covers each of which must have a thickness of at least 

t/2, although usually each would be made from 2/3 t to 3/44. There must be 

sufficient net area in the main plate on its cross-section through the row of 

rivets to carry the force P in tension, that is, (w — nd) tS; = P. The num- 

ber of rivets on each side of the joint must transmit the force P in double 

The 
shear, that is, n or in bearing on the main plate, n = iceols 

P 
1d?S, tdS, 

distances / and J;, Fig. 46, must be sufficient to prevent shearing or tearing of 

the main plate and two covers respectively. For bridge work, rivets of 3/4 

and 7/8-in. diameter are commonly used; for buildings, generally 3/4-in. 

The minimum pitched used for structural work is 3d, and the minimum 

1=1.5d. Distance between rows in Fig. 47 should not be less than 2d. 

Bearing value of one rivet on plate having thickness t = tdS,. Single 

S,7d? 
shearing value of one rivet is ra 
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The Efficiency of a Joint is the ratio of the strength of a given width of 
joint to that of a solid plate of equal width, and is usually expressed as per 
cent; for example, single-riveted lap joints show efficiencies of from 50 to 
70% and double-riveted lap joints 60 to 80%. Joints with drilled or reamed 
holes show higher efficiencies than those with punched holes. Values of 
from 60 to 70% are what may usually be expected. By careful design the 
tivets may be arranged so that higher efficiencies may be obtained. Tests 
on full-size angles show that tensile strength on the net area varies from 
75 to 90% depending on the arrangement of rivets and on whether or not 
both legs of the angles are connected to the end plates by which stress is 
transmitted into the angles. Both legs of angles should be riveted at con- 
nections. Friction between the main and splice plates in butt joints and 
between the two main plates of lap joints should not be relied upon, for 
although under quiescent loads it may continue to exist, it is uncertain and 
for movable loads it may be destroyed altogether. 

The American Bridge Co.’s Standards show for button-head rivets: diameter of 
head 1-1/2 times diameter of shank plus 1/8 in.; height of head = 0.425 times diameter 
of head; for countersunk heads the slope is 30 deg. from axis of shank and the depth 
of head is 1/2 the diameter of shank. Cambria Steel Company's standards give for 

5c e 

- ESSS Se ee eS 
' 3 Hy 

& 

= § 

Fig. 49 Fig. 50 Fig. 51 

button-heads: height of head = 6/10 times diameter of shank, radius of head = 3/4 times diameter of shank + 1/16 in.; for countersunk heads the diameter is the same as for button-heads and the slope is 30 deg. For required clearances see Figs. 
e 

[eas afte ener] fete marae 
TDD IU Ae nos 2 ee ee Oe, eee | Two Full 4 < Countersunk 7 cEeadt 

1 t*----=---- Shop -------- > We =~ ---- Field ------- > 

Tester |roveveren| mere tae Flattened to” " 7 or Counlersunk and Flattened to 4 Flattened to % not chipped 

} ES) _ eee _ ES 

Fig. 52. Conventional Signs for Rivets 

49, 50 and Si. In Fig. 4), @ must be sufficient to make 3 at least 1-1/4 and 1-3/8 in. for 3/4 or 7/8 Tivets respectively. In Fig. 50, minimum c is 1-1/4 and 1-3/8 for 3/4 or 7/8 rivets respectively. In Fig. 51 f is 1-1/2 in. plus 2 e but never less than 2 in. 
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Shearing and Bearing Values of Rivets in Pounds 

Stress,|Diam. jean Bearing Values for plate thickness in inches 

e Ib. per | Rivet} g; 

sq.in.| im. | Shear| 1/4 | 5/16| 3/8 |7/16 | 1/2 | 9/16 5/8 |11/16| 3/4 

3/8 | 1100-| 1880} 2340) 2810 
1/2 1960 | 2500} 3130) 3750; 4380) 5000 

5/8 | 3070 | 3130] 3910} 4690] 5470) 6250) 7030 7810 

3/4 | 4420 | 3750) 4690) 5630) 6 $60| 7500} 8 440 9 380, 10 310] 11 250 

7/8 | 6010 | 4380] 5470] 6570| 7660} 8750) 9 840| 10 940) 12 030| 13 130] 

1 7850 | 5000| 6250) 7500) 8 750|-10.000|-11 250 12 500, 13 750) 15 000, 

10 000 for Shearing 20 000 for Bearing 

= 
*% EB. | 3/8 1320 | 2250} 2810} 3380 
Pe & |.1/2 2360 | 3000] 3750} 4500} 5250} 6000 

mee 5/8 | 3680 | 3750) 4690] 5630) 6 560 7500} 8440) 9 380 

SS | 3/4 | 5300 | 4500} 5630) 6750 7880] 9000} 10 130) 11 250) 12 375) 13 500 

se 7/8 7220 | 5250} 6560| 7880) 9190] 10 500| 11 810) 13 130) 14 430) 15.750 

= e 1 9430 | 6000] 7500} 9000] 10 500} 12 000} 13 500 15 000 16 500) 18 000 

: tN 

22. Welded Joints 

Welded Joints. The art of welding joints has, within the past few years, 

developed with great rapidity and may now be economically applied in repair 

work, in reinforcing old structures in the field, and in replacing difficult riveted 

connections both in shop and field. Growth in use for light industrial trusses 

and for joints in steel pipes is very rapid at present. It cannot yet compete, 

economically, with riveting for heavy building and bridge work. Elimination 

of the noise of riveting in cities is an important advantage which is causing 

an urge for the use of welding. 

Welded joints are made by fusion, using either oxy-acetylene gas or an 

electric arc. The former, on account of the comparatively low first cost, is 

well adapted to repair work where the amount of welding is not large, but 

the high operating cost makes it less economical for large work. In electric 

welding the heat required to fuse the edges of the parts to be joined is produced 

by a sustained electric spark or arc formed between a metallic wire clamped 

to a negative electrode, held in the hand and guided by the operator, and the 

work itself, which forms the positive electrode. In the process the wire is 

melted and fuses with the adjoining edges of the parts, forming the joint. 

Figs. 53, 53a, 54, 54a show four different kinds of weld. For the butt 

weld, Figs. 53 and 53a, the edge of two plates are butted together and the 

weld is made by depositing welding metal between the abutting edges. The 

edges of the plates may be scarfed either to a single or to a double weld. In 

the single and double welds, Figs. 54 and 54a, a fillet weld is deposited along 

the ends of the plates, as shown. If one of the plates is narrower than the 

other, fillet welds may also be made along the side edges. Fillets are desig- 

nated by the héight of their sides, as 5/16, 3/8 in., etc. The strength of the 

weld is based upon the strength of the fillet per lineal inch. A working value 

of 2500 lb. per lin. in. of a 5/16-in. weld is equivalent to 8000 lb. per sq. in. of 

contact weld surface. Tests have been made by the Westinghouse Co. and 

other electric companies interested in the development of electric weiding 

and it has beeen shown conclusively that it is possible to develop the full 
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strength of the members joined. The Lincoln Electric Co., in “Arc Welding,” 
1926, publishes a chart which shows that for fillets varying in thickness from 
1/8 in. to 9/16 in. the rupturing force ranges from 5000 to 20 000 lb. per inch 
length of weld, respectively, in direct tension, Fig. 53; 3000 to 14 600 Ib. in 
single shear, Fig. 54; and 2500 to 11 300 lb. in longitudinal shear when the 
fillets are placed along the side edges of the plate. These correspond to about 
40 000, 25 000, and 20 000 Ib. per sq. in. of surface of contact, respectively. 
With a factor of safety of 4, a 5/16-in. fillet in cross shear should have a safe 
strength of about 2000 lb. per lin. in. The application of the art of welding 
to industrial construction is too new for working stresses to have become 

standardized, but the American 
Welding Society and other national 
organizations, through their re- 
search committees, are seeking 
tangible data for use in structural 
design. 

Sy The obvious economical ad- 

GN Use of the entire gross section of 
tension members, since there are 
no rivet holes to be subtracted; 
less material for end connections, 
since webs of beams and girders can 

be welded direct to other girders 
or to columns without the use of 
connecting angles; use of outstand- 
ing plates instead of angles for 
stiffeners; and reduced cost of 
making shop drawings, since re- 
quired welds can be indicated in a 
much simpler manner than can the 
location and spacing of rivets. In 

Fig. 54a some cases, because of the fixed end 
i : condition of beams and girders due 

to the ability of end welds to take direct tension, it is possible to design such 
members as continuous girders in flexure, thus effecting some economy in 
material. On the other hand, the weight of welding wire electric consumed 
is considerable, amounting in the case of the Sharon, Pa., building to about one 
per cent of the weight of the structural steel. There is more difficulty in 
plumbing the framework and holding it in proper position during erection, 
since there are fewer connection angles to bolt to. Overhead welding is 
difficult and should be avoided. 

A number of important structures have been erected by the all-welded 
process. As examples may be mentioned the five-story 70 X 220-ft. building for the Westinghouse Co. at Sharon Pa.; numerous shops and manufacturing buildings; the reinforcement of a railroad bridge across the Missouri River 
at Leavenworth; the addition of a second deck to a highway bridge across the Susquehanna River at Havre de Grace; and a skew railway truss bridge 
at Chicopee Falls. 
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SIMPLE TRUSS BRIDGES 

23. Types of Trusses 

Historical. The following are important steps in the development of American 
metallic truss bridges. The first iron truss bridge was built in 1840 over the Erie Canal 
by Earl Trumbull; some members were cast and some were wrought iron. In 1840 
Squire Whipple built the first bowstring truss and in 1847 published the first work on 
stresses in bridge trusses; in 1852-53 he built a railroad span of 146 ft. on the 
Rensselaer and Saratoga R. R. which had the first double intersection trusses. In 

1845 the first iron truss railroad bridge was “built on the Reading R. R. by R. B. 
Osborne. In 1844 Thomas and Caleb Pratt patented the Pratt combination truss of 
wood and iron, and by 1850 Pratt trusses were made entirely of metal. The first Fink 
truss in 1852 at Fairmont, W. Va., had three spans each 205 ft., with cast chord and 
wrought-iron diagonals. Longest Fink truss at St. Charles, Mo., built 1871, span 

TSS ® FR e* SSE 
Fig. 55. Fink Fig. 56. Bollman Fig. 57. Whipple 

Bunt) SEPT me ANZ AAR AZZSSS, ,.YSEEAN, ALISA, 
Fig. 58. Through Howe Fig. 59. Through Pratt Fig. 60. Through Warren 

JTUATANINN Gy VANNVAVAN BX VANVANVANY 
Fig. 61. Deck Howe Fig. 62. Deck Pratt Fig. 63. Deck Warren 

Fig. 64 Fig. 65 Fig. 66 Fig. 67 

OSEAN 
Fig. 68. Baltimore Fig. 69. Post. Fig. 70. K Truss 

Fig. 71. Bowstring Fig. 72. Parker Fig. 73. Pennsylvania 

306-1/2 ft. First long Bollman truss built in 1852 at Harper’s Ferry, Va.; span 124 ft. 

In 1858-59 John W. Murphy built for Lehigh Valley R. R. a Whipple truss with pin 

connections throughout, and in 1863 he first used all wrought iron compression and 

tension members in a pin-connected bridge with cast-iron chord blocks and pedestals. 

Howard Carroll began building riveted lattice trusses entirely of wrought iron on 

New York Centra! R. R. in 1859. In 1861 J. H. Linville first used wide forged eye- 

bars and wrought-iron web posts, the upper chords being cast iron. First Baltimore 

or Pettit truss 1871 at Mt. Union, Pa., designed by bridge department of Pennsylvania 

R.R. The first Post truss 1865; built by S. S. Post for Erie R.R. About 1870 C. H. 
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Span 
center to 
center of 
end pins 

Ft. In. 
720 O 

668 0 

643 10-1/2 

640 0 
598 6 
586 0 
552 0 

546 6 

542 6 

533 0 
$31°-0 

523 0 

sza7 0 

521 11-3/4 

519 2-1/2 

518 1-3/4 

518 0 
$18 0 

S17 8-1/2 

S176 

ate 6 

515 0 
S150 

506 8 

504 0 

500 0 
498 0 
495 8-1/8 
489 3 

484 6 

465 0-1/4 

453 10 

450 0 
447 0 

440.0 

439 3 

435 10 
434 0 

430 0 

Simple Truss Bridges Sect. 12 

Long Span American Simple Bridges 

Kind of 
Over what Location 

truss river 

Pennsylvania |Ohio........ Metropolis, Ill. . 2...).....2 

“ 

““K” truss... 
Pennsylvania 

“ce 

Warren 
Pennsylvania 

Whipple... ..... 
Pennsylvania 

“ 

Pennsylvania 

“ce 

“ 

Baltimore. .. 
Pennsylvania 

Baltimore. . . 
Warren 

a 

433 2-3/8 }Pennsylvania 

Mississippi... |St. Louis (Municipal) 
Ohic:s Sek Louisville, Ky.......]...... 
St. Lawrence.|Quebec............/.).... 
Hudson..... Castleton, Ni Wei f! Adley. 
Great Miami.|Elizabethtown, Ohio.|......|...... 
OHI? 23%. 3 Metropolis, Ml... ....).2.... 
ORIG: F500. Louisville and Jeffer- 

Wlle-2- ot. S. 
Ohio... sweet Cincinnati and Coy- 

NSTON SoG ak ae ee 
Delaware....|Philadelphia........]...... 
Allegheny~ >. Pittsburgh... 22.) 15S 
Ohio. 40.5 XS Pittsburgh (Brunot’s 

2 Sa ee ee Ce ee 
Obrose -ees Wheeling. 222.52... 
Ohiowe§. dss Henderson, Ky...... 
Ohiow sso. Wheeling ig age N Stn Aa ate 
Ohio... neem Oe cn a 
Obie. 2 M5. Kenova, W. Va...... 
Susquehanna |Havre de Grace, Md 
Monongahela |Glenwood, Pa.......|......|...... 
Mississippi... |St. Louis (Merchant’s) 

tf ee ops rte 5 iments | areas 
Ohio: . 800... Newport and Cincin- 

nagies =... eee 
Susitria..... PARA We aaed Seg MWA Ce sew a. 

ONO. osc Cincinnati and Covy- 
RRETOM. ..c kee ce tee 

Miami...... New Baltimore, Ohio.|......]...... Monongahela |Pittsburgh (So. 10th 
SHY he ofets iatess 6 uf | atl GAD 

Brazos..... SIWMECOD: Des i ns oh 
Allegheny... Mossgrove, Pa...... 
Missouri... Bellefontaine, Mo....|...... 
OR. sen nce Pittsburgh (Neville’s 

Tsland)) <9 oo ethoithoos 
Miami.,.... Hamilton, Ohio...../....../...... 
Allegheny...|B. & O. R. R., Pitts- 

Carquinez 
Straits. .../San Francisco, Calif 

Mississippi... |Red Wing, Minn 

Tt Highway traffic 
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Long Span American Simple Bridges— (Continued) 

Span Railroad | Date 

center to Kind of Over what Tiocatlon tracks oe | 

center of truss river er a ee ple- | 

a Single|Double| tion | 

Ft. In - 

430 0 Warren..... MonongahelajCoal Valley, Pa......|.....: * 1919 

425 6-1/2 |Pennsylvania| Missouri. ...|Kansas City.....-..]..++-- * T1911 

425 0 § Missouri. ...|Mobridge, S. Dakota.| * _|....+. 1907) 

416 6 . Columbia..../Near Rock Island, 
Wash. ccswaes esse 2 hal See ot §1893 

416 0-1/4 eS Missouri... ..|St. Charles, Mo.....].....-]---+-> +1904 

416 0 ¢ ORIG, SERR Pittsburgh (Brunot’s 
138) Oe APRN bone eins * 1915 

415 6 Whipple.....|Ohio........ Point Pleasant,W.Va.| * |.....- 1885 

413 0 Pennsylvania| Allegheny. ..|New Kensington, Pais rske exe Alot erate a ae | 

das ) 

+ Highway traffic. § Reconstructed in 1926 

Parker modified the Pratt truss, using inclined upper chords, thus originating the 

Parker truss. Steel was first used 1874 in Eads’ arch bridge at St. Louis. In 1879 

first bridge was built entirely of steel at Glasgow over Missouri River. Pegram truss 

introduced by G. H. Pegram, 1887. The longest simple truss bridge is one of 720-ft 

span built over the Ohio River at Metropolis, Ill., in 1917; it has Pennsylvania trusses. — 

Types of Bridge Trusses are the Pratt (Fig. 59), Parker (Fig. 72), Warren 

(Figs. 60 and 63), Pennsylvania (frequently called Pettit) (Fig. 73). The 

Post, Bollman and Whipple are no longer built, and the Fink, in modified 

form, is used only for roof trusses. When the span is long enough to require 

subdivided panels, it is economical to curve the top chord, using the Pettit 

rather than the Baltimore type. In the Howe truss the verticals are in tension 

and the diagonals in compression. It was formerly much employed for wood, 

or combination wood-iron, bridges, but, like the Fink, is now principally used 

in roof construction. In the Pratt the verticals are in compression except 

the end suspender or Hip Vertical, s in Fig. 59, which is a tension member; 

and the diagonals are in tension except the two end ones called end posts. 

Pratt trusses are sometimes made with vertical end posts even in through 

bridges, in which case the diagonal in each end panel slopes downward toward 

the center and is in tension. The dotted bars in Fig. 59 are counters, or 

counter diagonals, and they come into action when the live load shear in the 

panel is greater than and of opposite kind from the dead shear in that panel. 

For greater rigidity it is better practice to omit the counter diagonals and to 

make the main diagonals in the panels requiring counter bracing, compression 

members. In Fig. 60 the dotted lines represent sub-verticals which are fre- 

quently used to reduce the panel length, and the short verticals and diagonals 

of the Baltimore truss (Fig. 68) are for the same purpose. The collision 

strut, c in Fig. 58, is used to brace the end post, but is now seldom employed. 

Pratt and Warren trusses, of riveted construction, are economical types for 

spans up to 150 to 200 ft. For spans larger than about 200 ft., the inclined 

or curved chord trusses with pin connections are most economical, and the 

Parker (Fig. 72) and Pennsylvania (Fig. 73) types are the best forms. For 

very long spans, necessitating great depth of truss and long panel length, the 

Pettit truss with subdivided panels is used. When a limited underclearance 

requires a shallow floor the economical lower span limit for this type may be 
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as low as 300 ft., but under ordinary conditions it is generally much higher. 
The most recent type, suitable for long spans, is the K truss. It has been 
used for the 230-ft. span built by the Atchison, Topeka & Santa Fe Ry. 
across the Arkansas River at Pueblo, Colo. The webbing is arranged as shown 
in Fig. 70. Trusses of this type are economical only for spans of 300 ft. or 
over. The most notable use of this type of webbing is in the cantilever and 
anchor arms of the Quebec bridge. The chief superiority of the K type over 
the Pennsylvania is in the lower secondary stresses and in the avoidance of 
the use of the short horizontal struts required, in the Pennsylvania truss, to 
brace the vertical posts. 

The Economic Depth of a Truss is that which makes the material in the 
bridge a minimum. It varies from one-fifth to one-eighth of the span depend- 
ing on the form of truss, the length and number of panels and the allowable 
unit stresess. For short-span through bridges the minmum depth is fixed by 
the required clear head room. As the depth of a truss increases the weights of 
the chords become less and the weights of the web members greater, hence 
there must be a depth for each bridge for which the weight of material is the 
least. Ordinary spans of 250 ft. or less usually have depths of about one- 
sixth the span. Longer spans are generally relatively shallower in order to avoid excessively long web members and the increased cost of handling and 
erecting the deeper truss. The greater the live load and the wider the bridge the greater may the relative depth be made. In the 523-ft. spans of the Ohio Connecting bridge the center depth is 91 ft. or 1/5.75 of the span; in the 552-ft. spans of the Metropolis bridge it is 83 ft. or 1/6.65 of the span; in the 720-ft. span of the same bridge it is 110 ft. or 1/6.54 of the span; and in the 640-{t. suspended span of the Quebec bridge it is 110 ft. or 1/5.82 of the span.’ End depth of trusses is fixed by the clearance plus depth of portal, which latter increases with the length of span. The parabola gives a satisfactory curve for the chord. 

The Economic Length of Panel is more or less independent of the truss depth since in the longer spans, subdivided panels may be used, whereas for the shorter trusses without subdivided panels there is a practical advantage in the use of long panels, inasmuch as the heavier floor system is stiffer and freer from vibration. The inferior limit of span length for trusses with sub- divided panels varies from 240 ft. for highway to about 300 ft. for railway bridges. Panel lengths for ordinary highway bridges vary between 15 and 25 ft.; for railway bridges between 25 and 40 ft. Panels are generally kept of uniform length. In the Municipal bridge at St. Louis the panel lengths vary from 30 ft. near the end to 48 ft. at the center of the span. By varying the panel length greater freedom in truss design is gained at the expense of greater shop cost of the floor system. 

24. Stresses in Pratt Trusses 
Notation. V = shear on a given panel, 6 = angle between diagonal and vertical, W = live plus dead panel load, Wy = live panel load, » = panel length, m = number of panels in span, » = number of panels to right of a given panel, Mn and Mniy = moments at right and left end of a panel respectively, g = equivalent uniform live load, / = length of a bar, A = area of cross-section, E = modulus of elasticity, Stresses in Bridge Trusses are determined gtaphically (Sect. 2) or algebraically; for the latter there are two general methods: that of moments and that of resolution of forces. The second method may be subdivided into method of joints and method of sections. The method of moments consists in passing a section through the truss so as. to cut the bar in which the 
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stress is to be found, then writing an equation of moments for all forces on 
one side of the section and solving this equation for the unknown stress. 
The method of joints consists in passing a section around each joint and 
finding the forces acting at each joint successively. In the method of sections 
a section is passed through the bar in question, and by applying to one side 
of the section either or both of the conditions that the algebraic sum of 
horizontal forces must equal zero or that the algebraic sum of the vertical 
forces must equal zero, the unknown stresses in the bars cut by the section 
may be found. To illustrate: consider the single-track through Pratt truss 
bridge in Fig. 74 having a dead load of 4004b. per ft. for the track and 1000 + 
10 L = 1000 + 10 (120) = 2200 Ib. per ft. for the steel in the bridge; total 
2600 Ib. per ft. of bridge or 1300 X 20 = 26 000 Ib. per panel per truss. 
Assume al! on loaded chord. Live load 3000 Ib. per ft. per truss or 60 000 lb. 
per panel per truss. Find maximum stress in bar 8 by method of moments; 
bar 2 by joints; and bar 5 by sections. The loads in Fig. 74 and the following 

computations are expressed in units of 1000 lb. 

Method of Moments. For bar 8 pass a section vertically through 8 and consider 

forces on left of section. The origin of moments is at intersection of other two main 

-bars cut, namely, at lower panel point 3. Maximum moment at 3 and therefore 

maximum stress in 8 occur for full live and dead load. R, = 215. Assume 8 in ten- 

sion and place algebraic sum of moments of all forces on left of section a—a equa] to 

zero; 215 (60) — 86 (20 +40) +24 Ps =0. Pg =— 322.5. The minus sign denotes 

that the stress is opposite to that assumed, and is compression. 

Method of Joints. For bar 2 pass a section around lower end of 2 and consider the 

vertical forces acting upon the part below the section. Since the panel load is the 

only vertical force other than the stress P» acting on this part of truss the stress Pa 

must be equal to this force; hence P2 is maximum for full panel load and equals 86. 

It is tension since it acts away from the lower joint. 

Method of Sections. For bar 5 pass a section vertically through 5. Imagine Ps, 

resolved into horizontal and vertical components, and since the algebraic sum of the 

outer forces on left of a—a, that is, the shear on the panel, together with the vertical 

component of P; equals zero, it follows that Ps = V sec @. For a truss having hori- 

zontal chords the vertical component of a diagonal is equal to the shear in the panel. 

When shear is positive P; is tension, and its maximum value occurs for maximum posi- 

tive shear, which by the approximate method, Art. 18, paragraph 3, occurs when all 

panel points to right of the panel in question are loaded with live load and dead load 

covers whole span. Under this loading the positive shear due to 86 on points, 1, 2, 3 

is 86 (1 + 2 +.3)/6 = 86, and the negative shear due to 26 on 4 and 5 is 26 (1 + 2)/6 

_= 13, hence maximum positive shear = 86 — 13 = 73 and maximum Ps = 73 X 

31.24/24 = 95.0 tension. If negative shear occurs in panel 3-4, Ps will be in com- 

pression, or if it cannot stand compression a counter as shown by the dotted line in 

panel 3-4 will be needed, and for symmetry one will also be needed in panel 2-3. 

For maximum negative shear place live load on points 4 and 5 only, then negative 

shear on panel 3-4 = 17, and Ps will be 17 sec = compression, or else a counter 

must be used, in which case maximum stress in counter = 17 sec 6 = tension. 

For Concentrated Wheel Loadings the computation of stresses is the same in prin- 

ciple as with uniform or panel loads and the determination of the various moments and 

shears is simplified with the aid of the moment diagram (Art. 18). For trusses with 

parallel chords the maximum stress in a diagonal is the maximum shear on the panel 

containing the diagonal, multiplied by sec 9, and the maximum chord stress in a bar 

is the maximum moment about its origin of moments divided by the lever arm of the 

bar. For the verticals of trusses with parallel chords the maximum stress is the greatest 

shear on an inclined plane cutting the vertical and not cutting any diagonal in action 

for the loading producing the shear. 

Let it be required to find maximum live load tension in diagonal 5 (Fig. 74) using 

Cooper’s loading E-S0 (Fig. 34). To produce the greatest shear the loads must lie 

partly on panel 3-4 and principally to right of 3, and the total load on the bridge 

must equal m (here 6) times the load on panel 3-4. Wheel 1 being small, place wheel 2 
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just to right of joint 3, then load on span is 215.0, which is greater than 6 X 12.5 = 
75.0;, now with wheel 2. just to left of joint 3, 215.0 is less than 6 X 37.5 = 225.0. 
Hence wheel 2 and joint 3 satisfies criterion for maximum shear in panel 3-4. With 
wheel 3 at joint 3 the criterion is also satisfied. Starting with wheel 2 at joint 3 and 
moving up the loads till wheel 3 is at joint 3 the shear is increased because 215 & 5/120 
+ 25 X 4/120 > 37.5 & 5/20, hence position 3 gives more shear than position 2. 

Fig. 76 gives the influence lines for shear in the several panels of the truss 
of Fig. 74. An influence line shows the variation in a stress function, such 
as a moment, shear, floorbeam load or stress as a single load rolls across the 

structure. In Fig. 76 the triangles 0-3;-g and g—4.-6 are the influence dia- 
grams for the positive and negative shears, respectively, in the panel 3-4. 
fg is the neutral point in the panel; J;, J] and //1, l’2 are the segments of the 
positive and negative triangles, respectively. The position of the live load for 

2 
6 panels at,20.0 = 120.0 ft: 

i) 
75, Moment Influence Diagram 

Fig. 76. Shear Influence Diagram 

maximum tension in the diagonal 5 may be obtained from the chart, Fig. 26 
(Art. 10). The distance of the neutral point from joint 3 = 2p/(m — 1) = 
3 X 20/5 = 12 (Art. 18). Entering the chart for /; = 12 andl; = np = 60, 
it is found that wheel 3 should stand at 3. 

The Shear in Panel 3-4 (Fig. 74) with wheel 3 at joint 3 = left reaction minus 
floorbeam reaction at 4. Using the moment diagram the shear = (8385 + 240 * 
4)/120 — 287.5/20 = 63.5. Maximum tension in diagonal 5 = 63 500sec@ = 
63 500 X 31.24/24 = 82 700 lb. In this manner live load stresses in all diagonals 
may be found, and after adding impact and dead load stresses the diagonals can then 
be designed. The maximum stress in vertical 4 equals the maximum shear on the 

inclined section cutting bars 7-4-11. This occurs for the same loading, and is of the 
same magnitude as for maximum shear just found, hence compression in bar 4 = 
vertical component of diagonal 5 or 63 500 lb. 

The shear in panel 3-4 can also be found by multiplying the corresponding triangular 
influence area, Fig. 76, by the exact equivalent uniform load obtained from Fig. 25 
(Art. 10). This shear may be expressed by V = 1/2qhlo/p. Thus for maximum 
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positive shear in panel 3-4, J; = 12, Jo = 60. From Fig. 25 (Art. 10) the exact 
equivalent uniform load g = 3600 for E-50, and V = 1/2 X 3600 X 12 X 60/20 = 
64 800. The small error is due to wheel 1, being 1 ft. in the negative area. Similarly 
the maximum negative shear = 1/2 X q'l'\l’2/p, where q’ is obtained from Fig. 25 for 
JW’; = 8 and /’2 = 40. Actual stresses are obtained by multiplying the shear by sec 6. 

The hip-vertical bar 2 has a maximum tension equal to the floorbeam reaction and 
hence receives its stress only for loads on the two adjacent panels 4-5 and 5-6. The 
position of the loads must be the same as will cause maximum bending moment at 
center of a span of length 4-6, and after the loads are so placed the stress in bar 2 = 
(M4 — 2 M5)/p, where Mg is the moment about 4 of all wheels on distance 4-6 and 
Ms the moment about 5 of loads on 5-6. This’position can be obtained from the chart, 
Fig. 26 (Art. 10), by taking J; and Jz each equal to 20 ft., the adjacent panel lengths. 
It is found that wheel 3 should stand at joint 5. The live load tension in the hip-vertical 
can be taken directly from the table in Art. 10. It is the maximum pier (or floor- 
beam) reaction for two adjacent 20-ft. spans and equals 81 900 lb. 

The Moment Influence Lines are shown in Fig. 75, that for member 8 being 0-3-6, 
with the apex at 3, under the center of moments at joint 3. 1, = 60, /2. = 60. Fig. 26 
shows that wheel 11 at joint 3 is the governing position for maximum moment. From 
Fig. 25 is obtained the equivalent uniform load g = 3210 for E-S0. The bending 
moment for a triangular influence diagram is M = 1/2 ql,lo. Whence Pg = 1/2 
< 3210 XK 60 XK 60/24 = 240 750. 

The Moment at a Joint due to any load P standing anywhere on the span 

is equal to the product (called the load product) of the load and the influence 

ordinate at P multiplied by the distance of the center of moments from the 

left end of the span. If several wheels stand on the span the moment is equal 

to the algebraic sum of all of these products. For any series of wheel loads the 

position of the loading producing a maximum moment can be found by trial 

and is the one which makes the algebraic sum of the load products a maximum. 

The stress is equal to the sum of the load products multiplied by e/h, where 

e = the distance of the center of moments from the left support and k = the 

lever arm of the stress with reference to the center of moments. 

25. Warren and Baltimore Trusses 

Notation the same as that at beginning of Art 24. 

To Compute Maximum Stresses for all bars of the Warren truss in Fig. 77, let dead 

panel load on each bottom chord joint be 20 (thousands of pounds) and live panel load 

40. Place dead load of 20 at each bottom joint, and beginning at center and using 

method of joints write on each web member and then on each chord member a coefii- 

cient from which the true stresses for uniform full loading may be found. Since the 

truss is symmetrical each diagonal meeting at panel point 2 has a vertical component 

of 10.0 and this component or coefficient is written on the bar as shown. Then the 

joint at the upper end of this diagonal is considered and the vertical component or 

coefficient for the next diagonal (3) obtained, 10.0 in this case, and so on to the end 

where the vertical component of the end post should equal the reaction. By applying 

the method of joints to point 4 the horizontal component of P7 is found to be 30.0 tan 8, 

go the coefficient 30.0 is written on the lower chord member; and similarly at joint 3 

the actual tension P = (30.0 + 30.0 + 10.0) tan@ = 70.0 tan 6 and the coefficient 

70.0 is written on the bar. All diagonal coefficients must be multiplied by sec 0 = 

22.36/20; all chord coefficients by tan 8 = 10/20. Thus dead load stress in end post 

= 30 X 22.36/20 = 33.5 compression; and Pz = 30.0 X 10/20 = 15.0 tension. For 

live load chord stresses multiply dead chord stresses by ratio of live panel load to 

dead panel load. For live web stresses find maximum live shears by method of sec- 

tions, Art. 24, and multiply these shears by sec 6. Thus for panel 3-4 maximum 

shear = 40 (1 + 2 + 3)/4 = 60; for panel 2-3, maximum positive shear i 

40 (1 + 2)/4 = 30 and maximum negative shear = 40 (1)/4 = 10. The following 

table shows the final stresses. 
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Stresses for Truss in Fig. 77 in Thousands of Pounds 

Bie saa i » —30.0}— 40.0} +15.0)/+ 35.0 

a nae has . ait f —60.0/— 80.0} +30.0)+ ee 

Spcitiehe ‘ ; ; = —90.0}—120.0) +45.0}/+105.0 
Pisce : : 2 —30.0}— 40.0) +15.0/+ 35.0 

— denotes compression. -+ denotes tension. 

Ad, 
Fig. 79. Shear Influence Diagram 

The influence lines for shears, (Fig. 79), and for moments at the loaded joints, 
(Fig.78), for the Warren truss, (Fig.77), are the same as for a Pratt truss of equal 
length and number of panels. For example, that for the moment for Ps is 
0-2:-4; (Fig. 78); 1, and J) are the segments of the influence triangles; maxi- 

ahh The 
influence line for moments about the unloaded joint opposite Ps is 0-2;-3,-4 
(Fig. 78). Pgs and Ps may be found by multiplying the respective influence 
areas by e/k, where h = depth of truss; e = horizontal distance from the 
center of moments to the left support (= 2 » for Ps and 1-1/2 p for Ps). The 
charts, Figs, 25 and 26, apply exactly only when the influence diagram is a 
triangle. When the latter is not a triangle, as in the case of 0-2,-3,-4 for P3, 

mum moment M = 1/2 ql,l,; maximum shear in a panel, V = 
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(Fig. 78), the charts may still be applied with sufficient accuracy by assuming 
a triangular influence diagram coinciding as nearly as possible with and having 
the same area as the actual influence diagram. J, and J» to be used in the 
charts are then the two segments of this triangle, and the governing wheel 
obtained from Fig. 26 stands at the loaded joint nearest the apex of the 
triangle. 

The Baltimore Truss (Fig. 68) may have its sub-verticals and sub-diagonals 

arranged as in Fig. 80 or in Fig. 81 which represent panels without counters 

on left of center of truss. In Fig. 80 maximum P; = Wineedis and is com- 
(p + pi) 

pression; if p; = # (as is usual) then P; = atsec in other words the 

vertical component of P; = 1/2 W, as 
may be easily seen by studying the 
forces below the dotted section and 

taking moments at a. In Fig: 81, for 
members in action as shown, Ps = 
(W sec @)/2 and is tension. Maximum 

~ tension in P»2 (Fig. 80) occurs when live 

load extends from right end of span up 
to and including 6, and if ; = 4, le 

P, =(V —W/2)sec@. Maximum ten- igs el 
sion, P3 (Fig. 81), occurs when the live Fig. 81 

load extends from right end of span 

ll sec@. If m = number of panels up to and including c and P3 = 

to right of & (Fig. 80) or to right of ¢ (Fig. 81), and m = number of panels in 

Fig. 84. Moment Influence Diagram 

the span, all equal, then maximum live load tension in P2 and also in Py is 

ps 1 
given by the formula 1/2 W [a _ 1] sec 0. 
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Influence lines for shears in the main web members of the Baltimore truss, (Fig. 82), 
are shown in Fig. 83, and for moments, in Fig. 84. Maximum live load shear in the 

1/2qhl 

2p 
1/2 ql 
1/2 alls ae 2. For 

upper diagonals (of type P2, P;), and in the vertical posts (of type Pg) = V = 

that in the lower half of the main diagonals (of type P;, Ps) = V = 

actual stress multiply by sec @. 
The influence line for moments about joint 8, for P3, is 0 — 8; — 12, Fig. 84. That 

for PgisO — 6, — 71 —12. Maximum live load stresses may be found by multiplying 
these areas by the equivalent uniform load g and by e/k; where e = distance from 
‘center of moments to the left support; 4 = depth of truss. e = 4 p for either Pz or 
P4. e/h = sec 6 for all web members of a truss with horizontal chords. J; and ls, for 
use in the chart, Fig. 25 (Art. 10), are the lengths of the two segments of the triangular 
influence diagram, or of the triangle approximating in outline and area the actual 
influence diagram (see also Warren truss, above). For all triangular moment influence 
diagrams M = 1/2 qJjlo. 

26. Other Types of Trusses 

Notation the same as that given at beginning of Art. 24 

Stresses in Trusses having Inclined Chords are found by methods of 
moments. Maximum chord stresses occur for full live and dead loads over 

Center entire span. Referring to Fig. 85, show- 
ely 71“: ing a through Parker truss, the maxi- 
5 mum live and dead load stresses in 

upper and lower chord bars P; and 
P» are given by the following formulas: 

O_--* Ma iy Win(m —n) ere inal a de ey ae 
xK—p— <p =e = 

Span=mp-————_p, _ Mnsi_ Wp(m— n— 1)(n+1) 
Fig. 85 hni1 2 hn+1 

Maximum tension in Ps occurs for live panel loads on all panels from right 
end of span up to and including a, with dead load over whole span, and 

(= =) 1; 
P3; = |—— as 

ho hnii Pp 

where 73 is length of P3, and My and My 4; are simultaneous moments at 
right and left ends of panel respectively. Maximum compression in P4 occurs 
for same loading as for maximum tension in P3 and is found by methods of 
moments using all forces to left of dotted section with origin of moments at O. 
Some verticals in inclined chord bridges are in tension for certain positions 
of live load and these stresses must be computed. 

Chord Stresses due to Wheel Loads are found by method of moments. 
For example, in Fig. 85 the maximum chord stress P; would be found by 
dividing the maximum moment at the origin of moments a by the lever arm 
of the bar P:, that is, by the perpendicular distance from a to the bar. In- 
stead of using the lever arm of the bar, however, it is often more convenient 
to use the arm of one of the components of the stress and then find the stress 
from the component. Thus in the case of P; its horizontal component = 
Ma/hn and its stress = Mal:/phn. The criterion for determining the position 
of loads to secure maximum moments is given in Art. 18. 
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Influence for Moments in the Parker truss, (Fig. 86), are similar to those for a Pratt 
truss and are not here shown. The influence line for a web member, (Fig. 87), is con- 
structed by laying off h’o/4o downward from 0; where ho and hp are the vertical dis- 
tances at the right and left supports, respectively, to the continuation of the top 
chord member cut by the section passing through the web member. For example, to 
find the stress in the diagonal 9 due to Cooper’s E-60 a vertical section a—a through the 
diagonal also cuts the upper chord member 8, the continuation of which gives the 
vertical intercepts h’9 = 44 ft. and ko = 30ft.; h’o/4o = 44/30 = 1.467. The influence 
line for Py is O—4;—52—7. gis the neutral point in the panel. The distance g—4 = 
1, =np/(n + (m — n —1) h’o/ho) = 4 X 28.57/(4 + 1.467 X2) = 16.5. lg =4 X 28.57 
= 114.28. From Fig. 25 (Art. 10), g = 4020., The area of the triangle O—4;—-g—0 = 
1/2 X 4/7 X 130.78 = 37.37. The center of moments for Pg lies 428.55 ft. to the left 
of the left support; the lever arm for Pg about the center of moments = 393.7 ft. 
e/h = 428,55/393.7 = 1.088. Pg = 37.37 X 4020 X 1.088 = 164 000. 

3 2 
T panels at 28.57= 200.0 ft- 

Fig. 86 Parker Truss 

Fig. 87. Influence Diagram for Web Members 

For the vertical 10, the section b—b cuts the top chord member 11, and h’o/ho= 

54/26 =2.077 which is laid off downward from 0, (Fig. 87), to furnish the influence line 

0—4,;—5’2—7. The distance from the neutral point g’ to the right end of the panel = 

nb] (n + (m —n — 1) h’o/Ao) = 4% 28.57/(4 + 2.077 K 2) = 15.6 = kh. Ig = 114.28:¢ 

= 4030. The area of the triangle 0—4;—s’—0 = 1/2 X 4/7 X 129.88 = 37.11. 

efh = 185.71/242.84 = 0.765. Pio = 37.11 XK 4030 X 0.765 = — 114 000. 

The neutral point for a web member can also be found graphically. Thus, to find 

the neutral point g, for the diagonal 9, connect the tops of the end verticals, h’9 = 44, 

ho = 30, with the right and left panel points, 4 and 5, respectively, at the ends of the 

cut panel. The vertical through the intersection of these lines gives g. To find ¢’, 

the neutral point for the vertical 10, join the tops of h’9 = 54, ho = 26, with 4 and 5 

respectively, the ends of the panel cut by b—b. 

Statically Indeterminate Trusses are those in which the stresses cannot be 

found by the principles of statics. Some trusses are statically determinate 

as regards the outer forces but are statically indeterminate as regards the 

inner forces or stresses. A redundant member in a truss is one that is not 

necessary for the stability of the truss. The condition that a truss is statically 

determinate is b = 2j — 3, where 0 is total number of necessary bars, j the 

number of joints in the truss. The equation applies to the whole or any part 

of the truss. If } > 27 —3 the system is statically indeterminate; if b < 

27 —3 it is unstable. Stresses in statically indeterminate trusses are found 
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either by making the assumption that the truss is divided into its separate 
systems and that each system acts independently, or by the principle of least 

work. 
The Double-system Warren Truss in Fig. 88, also called a lattice truss, is statically 

indeterminate because 26 bars > 2 (14) —3 = 25. Assume the web to be divided 
into two systems as shown by heavy and light lines and let it be required to compute 

Fig. 88 

the maximum tension in P; under a dead panel load of 6 and a live panel load of 12 
thousands of pounds on the lower chord. Maximum positive shear on panel 4-6 of 
web with heavy lines occurs for live panel load on points 2 and 4 and stress P, = 
{(2 + 4) 18/6} sec @. > : 

' The Principle of Least Work requires that the total internal work performed by 
the stresses in the members of a truss must be a minimum; hence an outer load acting 
on a statically indeterminate truss will be distributed on the different systems of the 
truss in such a way that the total internal work done by the stresses will be a minimum. 
Work is the product of force times its displacement. The work performed by a stress 
P ona bar having length /, area A, and modulus of elasticity E is 1/2 P2//AE and total 
internal work in truss is 1/2 = P2//AE. The truss in Fig. 89 carrying the load W at 
the center can be separated into two trusses as in Figs. 90 and 91, one with the force 
kW and the other with a force (1 — k) W at the center respectively. The value of & 

t 8 Vwhw 
Fig. 90 Fig. 91 

must be such as to make the total internal work a minimum. The stresses in various 
bars of Fig. 90 and Fig. 91 in terms of the unknown loads KW and (1 — k) W respec- 
tively can be found and substituted in the formula. The differential coefficient of 
the work with respect to & is then placed equal to zero and solved for k. The final 

expression for k involves the dimensions of the truss and the areas of the bars. This 
Process can be applied for a load of unity at each of the panel points in succession and 
a table of stresses prepared from) which the stresses for any panel load may be deter- 
mined. Since the areas of the bars must be known before the principle of least work 
can be applied, the process of design is a tentative one. 

27. Design of Tension Members 
Notation. S = allowable tensile unit stress, P = direct tension in a member in 

pounds, 5; = maximum stress in pounds per square inch in eyebar due to combined 
tension and bending, ¢ = thickness, / = length, and 4 = width of eyebar; all in inches. 

Pin-connected Trusses were generally used in America until about 1890 
for spans of all lengths. Since that date the riveted truss has come to be 
the standard for railroad bridges having spans less than 150 to 250 ft. The 
railroad bridge over the Missouri River at Kansas City has riveted trusses of 
A2S ft. 6-1/2-in. span. The longest riveted simple truss is the 720-ft. channel 
span of the Metropolis bridge. The 552-ft. spans of this same bridge are like- 
wise riveted. For highway bridges the pin-connected type is often used for 
shorter lengths. Short pony trusses for country highway bridges are now 
invariably riveted, for greater lateral stiffness. The riveted structure is the 
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stiffer form and the individual members thereof are more nearly free from 
objectionable vibration and rattling. The pin-connected truss usually is 
somewhat lighter than the riveted and can be more easily and more quickly 
erected. The ideal truss has hinged joints without friction. Neither of the 
types used fulfills this requirement, for as the truss deflects the rigidity of the 
riveted joints and the friction on the pins of a pin joint cause bending or 
secondary stresses in the truss members. The most complete analysis of 
secondary stresses that has as yet been made for any riveted truss is given in 
the paper “‘ Stress Measurements on the Hell Gate Arch Bridge,” by Dr. D. B. 
Steinmann, Proc. Am. Soc. C. E., Oct.,71917. 

Tension Members may be eyebars or built-up sections. An eyebar has a 
uniform rectangular cross-section throughout the greater part of its length 
and at cach end has a head or enlarged portion through which the pin passes. 
It is the most efficient means of transmitting tension and is economical of 
materiai but deficient in rigidity. Eyebars should not be used where the 
minimum stresses are light or where compression is possible, as in the first 
two lower chord panels, for hip verticals, or for diagonals subject to counter 
stress. Counters are sometimes used in light highway bridges and are com- 
posed of one or two adjustable eyebars or square rods with looped ends, but 
whenever possible adjustable bars should be avoided. 

Built-up or Riveted Tension Members may be made in any of the forms 
suitable for compression members but less emphasis need be placed upon 
lateral stiffness. For light construction one |, or two L.’s placed with their 
backs together, or sepazatec. to form a built channel (Fig. 92), or four iz’s 
(Fig. 93), are used. In the last two cases the L.’s may be separated by tie 
plates, but lacing or a solid web plate should be used for good work. For 
heavier construction some form of box section composed of rolled or built 
channels connected by lacing and tie plates (Fig. 94, 95) is used. The sections 
may be further enlarged by the addition of one or more side plates riveted'to 
the web of each channel. In riveted trusses the flanges are often turned in to 
permit the member to go inside of the connecting joint gusset plates. In 
built-up tension members the rivets should be so placed as to reduce the section 
as little as possible. The net section will generally occur at the first row of 
rivets in a splice, end gusset or pin plate. In computing net sections the 
diameter of the rivet holes should be taken 1/8 in. larger than the nominal 
diameter of rivet. 

Eyebars vary in size from 2 in. in width having a minimum thickness of 5/8 in. 
to 10 in. in width for usual construction, and even more for the largest structures; 
16-in. bars have been used in several of the largest bridges, the maximum size used in 
the 668-ft. span of the Municipal bridge at St. Louis being 16 X 2-1/16in. For wide 
bars the thickness rarely exceeds 2-1/2 in. Generally the ratio of width of bar to 
thickness lines between the limits of 4 and 7. If bars are made too thin their heads 
may buckle, due to the compression at the pins, and if made too thick the bending 
moments on the pins are increased unnecessarily. The dimensions of eyebar heads 
as given in steel companies’ handbooks are such that the bars break in the body when 
tested to destruction. Eyebar heads are forged or upset in a die, and the net cross- 
sectional area through the pin hole is from 33 to 40% larger than. that of the body. 
The heads are finished the same thickness as the body. 

To Proportion tension members subjected to direct stress the required net 
area of the cross-section is P/S. For an eyebar under the tension P the 
maximum. unit stress S; on the bottom fibers due to combined tension and 
bending caused by the weight of the bar is 

S. - P 4 700 000 h 

' = th T Dyth 4 22 400 000 (hyd? 
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28. Design of Compression Members 

Notation. S = maximum or allowable unit stress, A = cross-section of a member, 
P = direct stress ina member, M = bending moment, c = distance from gravity axis 
to most stressed fiber, J = moment of inertia, / = length of column, r = radius of 
gyration of column, e = distance from center of gravity of cross-section to point of 
application of eccentric load, E = modulus of elasticity, w = weight of compression 
member per unit of length, Zp and Ic = moments of inertia of one C about gravity 
axis perpendicular and parallel to web respectively, 4; = area of one [, x = distance 

from back of C to center of gravity. 

Compression Members should be proportioned, whenever possible, to be 
of equal strength about the two principal axes A-A and B-B (Fig. 94), if 
there is only direct compression in the member; and if there is transverse 
bending in addition, the strength about the axis around which bending takes 
place should be the greater. The cross-sectional area should be as far removed 

i 
Lacing, 

Le ipo | oe 

Fig. 92 Fig. 93 Fig. 94 Fig. 95 Fig. 96 Fig. 97 

from the center of gravity of the section as possible, consistent with proper 
thickness of materials and proper bracing of the different segments. Figs. 92 
to 97 show typical sections of web compression members and Figs. 98 to 
101 of compression chords and end-posts for bridge trusses, the smaller ones 

being suitable for light highway or railroad construction and the larger ones 

Cover, Plate 

for heavy work. All of the sections shown except the H-section in Fig. 96 
require lacing or lattice bars to connect the segments together. In Fig. 99 
and Fig. 101, flat bars are riveted to the lower |_’s to keep the center of 
gravity of the section at or near the mid-height axis. Chord sections as in 
Fig. 99 are called box sections, the vertical plates are called webs and the 
upper horizontal plate is the cover plate. See also Art. 36. Compression 
members should not have //r exceed 100 for main members nor 120 for laterals. 

Short Columns are those having //r less than 40; if the load is concentric, 
that is, applied at the centers of gravity of the end cross-sections or uniformly 
over these sections, the stress is one of simple compression distributed uni- 

formly over the various cross-sections of the column, and the unit compression 
is S = P/A. If the load is eccentric, that is, not applied at the axis of the 
column, the maximum unit stress is S = P/A + Mc/I and the minimum unit 
stress on the same section may be found from the same formula by changing 

the + to a — sign, using for ¢ in each case the distance from the gravity 
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axis to the maximum or minimum stressed fiber. M = Pe, where e is the 
eccentricity of the load, and J is the moment of inertia of the section about 
the axis through the center of gravity and | to the plane of M. 

The strength of a short column depends primarily upon the elastic limit 
of the steel and also in large measure upon the effectiveness with which its 
segments are tied together. The ultimate strength of a column never exceeds 
and is often considerably less than the yield point of the steel. The results 
of extensive tests made at the Bureau of Standards under the direction of the 
Special Committee on Steel Columns and Struts of the Am. Soc. C. E. (Final 
Report, Procs. Am.-Soc. C. E., Dec., 1917) indicate that the elastic limit of 
columns made of carbon steel having a tensile strength of 60 000 lb. per sq. in. 
may be as low as 19 500 lb. persq.in. This committee recommends 12 000 lb. 
per sq. in. as the maximum unit stress to be used when J/r < 60. The 
A. R. E. A. specifications permit the use of 12 500 up to J/r = 50, and the 
Am. Soc. C. E. specifications, 14,300 up to J/r.= 40. 

Long Columns are additionally weakened by their tendency to buckle in 
the plane of the maximum //r. Their strength, for ordinary values of J/r, is 
affected by too many accidental and uncertain conditions to permit its expres- 
sion by a rational formula. Two types of empirical formulas have been used, 
the straight line and the Rankine formulas. The former gives good results 
between //r = 50 and //r = 240, and it has been adopted by the A. R. E. A. 
(1925) in the form, S = 15 000 — 50//r, with a maximum value of S = 12 500, 
for 1/r = 50 orless. The Rankine formula also gives good results for J/r > 40, 
and approaches the Euler curve for very large values of J/r. It has been 
adopted by the Am. Soc. C. E. Committee in the form S = 16 000/(1 + 
?/13 500 r?), with a maximum value of 14 300, for l/r = 40 or less. With the 
A. R. E. A. formula, S = 9000 for J/r = 120, S = 10000 for d/r = 100, 
S = 11500 for J/r = 70, S = 12 500 for J/r = 50. With the Am. Soc. C. E. 
formula, S = 7740 for //r = 120, S = 9190 for J/r = 100, S = 11 740 for 
Ur = 70, S-= 13 500 for d/r = 50, S = 14 300 for//r = 40. The A. R.E. A. 
formula gives the larger unit stresses for the higher values of l/r, and the smaller 
unit stresses for the lower values of //r. The two curves cross at l/r = 76 and 

= 11200. On account of the deflection of structures and the distortions 
at the joints all columns are regarded as pin-ended. 

For columns subjected to combined compression and bending, and for tension mem- 
bers under combined tension and bending, the maximum unit compression or tension is 

ite, Pk 
A I1+Pl/aE 

in which ag is a constant depending on the condition of the ends and the kind of loading 
causing bending moment M. For members having hinged ends az = 9.6 for uniformly 
distributed loading and 12 for a concentrated load at the middle; for members having 
fixed ends a2 = 32 for uniform loading and 24 for a concentrated boad at middle. The 
minus sign in the denominator must be used when P is compression and the plus sign 
when Pis tension. This formula may also be used for members having eccentric loads, 
in which case M is the bending moment due to the eccentric loads and ag should be 
taken for a uniformly distributed loading. 

Proportioning Top Chord. Let it be required to proportion the top chord of the 
7 panel, 200-ft. typical pin-connected truss of the American Bridge Co., shown in 
Fig. 109. 

T maximum compressions from dead, live and impact stresses are: UjU, = 
870 tho; U2U3 = 980000; U3U4 = 978000. The lengths are 28.85, 28.64 and 
28.57 ft. respectively. The section for U2U3 will also answer for U3U4. Allowable 
unit stress = 16 000 — 701/r.* 

* The A. R. E. A. Spectifications, 1910 and 1920. 
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Design of UjU2. Let the chord be of box section as in Fig. 102. The least radius 

of gyration is approximately 4/10 the depth of the section which is here assumed to 

be 25in., orr = 10. With/ = 346 anda trial r of 10 the allowable average unit stress 

is 13 580 Ib. per sq. in. A trial section must have 870 000/13 580 = 64 sq. in. The 

section shown in Fig. 102 with 66.44 sq. in. as determined below has its gravity axis 

A-A above the mid-height axis B-B a distance d = 169/66.44 = 2.53 in., 169 

being the statical moment about axis B-B. IA-A = 6602 — 66.44 X (2.53)? = 6177 

and radius of gyration about gravity axis A-A = (6177/66.44)1/2 = 9.65 and allowable 

Fig. 102. Section Top Chord U,U2 

average unit stress is 13 480 lb, per sq. in. The column has an actual average stress 
of 870 000/66.44 = 13 100 lb. per sq. in. and is therefore of sufficient size for the 
compression. The statical moment and moment of inertia about mid-height axis 
B-B are found as follows: 

A Stat.Mom. JB-B 
1 Pl. 29 x 5/8 = 18.10 X 12.56 = 227.5 XK 12.56 = 2862 

20’s4&4X7/16 = 6.62 X 11.09 = 73.5 * 11.09 = 815 

20’s6xX4X5/8 = 11.72 X 11.22 =— 132.0 X 11.22 = 1485 

2 Pls. 24 X 5/8 = 30.00 00.0 1440 

66.44 169.0 6602 

In this computation the moments of inertia of the L’s and horizontal plates about 
their gravity axes have been omitted. The radius of gyration about axis A—A is less 
than that about the vertical gravity axis, and since A—A is a principal axis, the radius 
used, 9.65, is the least radius of the section. 

The center of the pin = 2.53 — 2.0 = 0.53 in. below axis A-A. The upward 
moment due to eccentricity = 870000 X 0.53 = — 461.000 in-lb.; the downward 
moment «due to the weight of the member = wi?/8 = about 302000 in-lb. The 
resultant moment =— 159000 in-lb. and the additional compressive stress in the 
lowest fiber of the section is S = Mc/I = 159 000 X 14.78/6177 = 380 Ib. per sq. in. 
The required sectional area = 870 000/(13 480 — 380) = 66.3 sq. in. Actual area = 

66.4 sq. in. 

Design of U.U3 and U3U4. The same section as for U;U2 will be used except that 
the web plates will be 13/16 in. thick instead of 5/8 in. By the method of computa- 
tion employed above the following data are obtained: JA—A = 6534; r = 9.3; I/r = 
37; S = 16000 — 70 X 37 = 13410; required area = 980 000/13 410 = 73 sq. in; 
actual area = 75.48 sq. in.; d = 2.24 in. and the center of the pin = 2.24 —@.0 = 

_ 0.24 in, below axis A~A. The moment from the weight of the member is 348 000 in-lb. 
and the resultant moment = 348 000 — 980000 0.24 = 103 000 in-lb. The addi- 
tional compressive stress on the upper fiber of the section is S = Mc/I =103 000 X 
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10.63/6534 = 170 lb. per sq. in. The required sectional area = 980 000/(13 410 — 170) 
= 74.0 sq. in. Actual area = 75.48 sq. in. By the specifications the thickness, of 
the cover plate must be at least 1/50 the distance between the rivets connecting it to 
the flanges = 1/50 X 25.25 = 0.50 in.; and the thickness of the web plate must be 
at least 1/40 the distance between the rows of rivets = 1/40 X 20 = 0.50 in. The 
sections chosen satisfy these requirements. 

Proportioning Compression Vertical. Let it be required to proportion the vertical 
U2L2 composed of two C's (Fig. 103), carrying a maximum concentric dead, live and 
impact stress of 221000 lb. The center of the pins is in the axis D-D. Assume 
two C’s 15 in. 40 lb. having a combined gross 
area of 23.52 sq. in. and a radits of gyration for 
the two (’s about a gravity axis perpendicular 
to the web of 5.4 in. //r = 408/5.4 = 76; S = 
16 000 — 70 X 76 = 10 680 Ib. per sq. in. Re- 

quired area = 221 000/10 680 = 20.7 sq. in. The 
C’s are spaced 12.5 in. back to back. To maker 
about axis B-B equal that about D-D (Fig. 103), 

the distance z must be «+ W(ID — Ic)/Ay 
which in this case is less than 12 in. If the 
flanges of the [’s are turned outward z is the 
same as above except that xis negative. 2 may 

also be obtained directly from the Steel Co. 
handbooks. Since the floorbeam and the top 
strut reduce the unsupported length of the 
column for bending about the axis B-B, z may 
be less than this value for equal values of //r. - . * 
Axis D-D therefore decidedly governs in this Hie, AS sagt si Eee et ons 
present case. With flanges turned in as in Fig. Asi 

103 the distance in the clear between flanges should not be less than 2-1/2 in. if 

lattice bars are to be hand riveted nor less than 4 in., if machine riveted. 

Inclined End-posts of Through Bridges are subjected to a direct com- 

pression from live, dead and impact stresses and also, at times, to a slight 

increased direct compression due to wind and to a considerable transverse 

bending due to wind in a plane perpendicular to the plane of the truss, these 

wind stresses being due to the action of the wind on the upper portion of the 

truss. The end-post is a part of the portal system and as such carries to the 

supports the wind pressure brought to the hip joint by the top lateral system. 

The cross-sectional area of the post must be such that the actual average 

unit stress P/A, due to live, dead and impact stresses shall not exceed that 

given by the column formula P/A = 16000 — 70 l/r,* where / is the length 

in inches between pin centers and 7 the radius of gyration of cross-section 

about the gravity axis parallel to the cover plate, as axis A—A, Fig. 102. The 

maximum unit stress on the outermost fiber due to live, dead, impact and wind 

stresses may exceed by not more than 25% the allowed axial unit stress; 

that is, for railroad bridges the maximum combined unit stress, S in formula 

below, should not exceed 16 000 + 25% of 16 000 = 20 000 Ib. This maxi- 

mum fiber stress due to axial compression, the tendency to buckle in the plane 

of the truss and the bending moment in the plane of the portal due to trans- 

verse wind forces is given with sufficient accuracy by 

P 1. Me 
S= A + 70 - a I t 

In this formula P must include the direct compression due to all loads, 

* A. R. E. A. Specifications, 1910 and 1920. Changed to P/A = 15000 — 50//r 

in 1925. ; 2 ; 
+A. R. E. A. Specifications, 1910 and 1920. With the 1925 specifications the 

middle term becomes 50 J/r. 
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including wind; ¢ is 1/2 the extreme width of end-post, I is moment of 

inertia of section about gravity axis perpendicular to cover plate, 1 is 

length of end-post from bottom of knee-brace to lower bearing of end- 

L A 
post; M= se or wh depending on whether the bottom of the post is fixed 

or isnot fixed, J/r has the value used in the column formula for direction com- 

pression. The post may be considered as fixed at lower end if the end floorbeam 

is rigidly connected to it, or if the mo- 

Sees iat ment due to one-half the direct com- 
re pression in post acting with a lever arm 

rics % TF, te equal to the distance between bearings 

we on the pin is greater than W1/,/4. W 
¥ ARS is the total wind load in pounds acting 

j at the hip joint including that brought 
Fig. 104 to that joint by the top lateral system. 

If the weight of the member is also considered S will containan other Mc/I 

term in which M is the bending moment due to the weight of the post, ¢ is 

the distance from the gravity axis parallel to the cover plate to the uppermost 

fiber, and J is thémoment of inertia about the same axis. 

Design of LoU;. The section of UU will be used except that the web plates will 

be increased to 3/4 in. P = 873000; / = 41.4 ft.; 1; = 31.4 ft. By the preceding 

method of computation it is found that JA-A = 6501; r = 9.5; I/r =52.5; S= 

16 000 — 70 X 52.1 = 12 325; required area = 873 000/12 325 = 70.7 sq. in.; actual 
area = 72.44sq.in. d = 2.31 in. and the center of the pin = 2.31_— 2.0 = 0.31 in. 
below the gravity axis A-A. The negative moment from eccentricity = 873 000 X 
0.31 =—270 630; thé positive moment fromits own weight = about 370 000, and the 
resultant moment = ahout 100 000 in-lb. The additional compression on the upper 
fiber. = Mc/I = 100 000 X 10.88/6501 = 170 lb. per sq. in. The required sectional 
area = 873 000/(12 325 — 170) = 72.0 sq. in., which is less than the actual area. 

It is necessary to test the section when the wind stresses are included. The wind 
load along the top chord is*200 lb. per lin. ft. W = 200 X 3 X 28.57 = 17 200; 
Wl,/4 = 17200 X 31.4 X 12/4 = 1 630000 in-lb. The direct compression from dead 
and live load is 610 000 lb. and from wind 26 400 lb.; the distance between bearings 
on the shoe = 21 in. and the available moment of restraint at the shoe = 636 400 X 
21/2 = 6700000. Since this exceeds the moment from the wind the end may be 
considered fixed and the point of contraflexure taken at the mid-point between pin and 
foot of knee-brace. The moment at the knee-brace likewise = 1 630000 in-lb. 
Further, it is found that Ic-¢ (about the axis perpendicular to the cover plate) = 
7600; c (to the extreme fiber of the bottom flange _’s) = 16.37 in.; l/r (in the plane 
of the truss) = 52.5; 70//r = 3675. The maximum unit stress upon the outer fiber 
of the lower flange L (neglecting effect of weight of member and eccentricity, which 

is slight) is 

873 000 + 26 400 43075 + 1 630 000 X 16.37 i beste : 

72.44 7600 pbs 
Since this is less than the allowable 16 000 + 25% = 20000 the section does not 
need to be increased on account of the wind stresses. 

29. Design of Details 

Notation. D = diameter of pin, Sp = allowable unit fiber stress for bending, Sc 
for bearing on pins, Sz for tension, Ss = actual average unit shearing stress on pins, 
t = required thickness for. bearing of a built-up member, w = width of the widest 
eyebar on a pin, P = direct tension or compression in a member. 

In Pin-connected Bridges (Fig. 109) there is at each joint a cylindrical steel pin 
which has at each end screw-threads upon which hexagonal nuts are placed, the 
Lomas nut, Fig. 106, being most common form. Cotter pins, Fig. 105, are seldom 
used. Pilot nuts, Fig. 107, and driving nuts, Fig. 108, are placed on pins to protect 
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threads during erection. For ordinary trusses, pins with Lomas nuts vary from 2 to 
9 in. in diameter, but pins of greater diameters are used for large trusses. In packing, 
that is, arranging bars on a pin, the bars should be packed as closely as possible, 
allowing clearances of 1/16 in. between two evebars and from 1/8 to 1/4 in for built- 
up members; bars having horizontal components should be close together, similarly 
those having vertical components; bars should run parallel to plane of truss if possible 
and maximum deviation should not exceed 1/8 in. per foot, better 1/16 in. per foot; 
generally a bar with small stress should be on the outside; bars running in same 
direction should have a space of at least 1 in. between them. 

EPP PLrarzpy 
z 

{_ > 
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Fig. 105 Fig. 106 Fig. 107 Fig. 108 

To Determine Diameter of Pin after all joints of the truss are packed, 
assume the diameter, then compute thicknesses of reinforcing or pin plates 
for built-up members, and then, taking the forces as concentrated at the 
centers of the eyebars and at the centers of the bearings of built-up members, 
compute the diameter of pin to withstand the maximum bending moment. If 
this diameter agrees with the assumed diameter the maximum shear on the 
pin should be investigated; if not, the computation should be revised. Not 

more than one or two diameters should be used in a truss. The trial and 
final diameter of pin must be equal to or larger than (S;/S;¢) w or otherwise 
the bearing on the eyebar is excessive. The value of S;/S¢_ is often taken 
at 3/4. In designing pins to carry moments it is best to assume forces con- 
centrated at centers of bearings, but in investigating the strength of an exist- 
ing structure this assumption may in some cases lead to a resulting extreme 
fiber stress larger than the ultimate strength of the material in bending and 
yet the structure stands. In such a case if an assumption can be made which 

results in safe unit stresses throughout, the joint is safe. The total required 
thickness of a built-up member in bearing on a pin is t = P/S-D. 

The maximum bending moment, M, at a section of a pin is the resultant 

of the moment at that section due to horizontal forces, Mj, and that due to 

vertical forces, My, or M =~/ M7? + M,?. And the diameter of pin required 

to withstand this moment is D = 4/ 10.2 M/S». Tables showing bending 
moments of pins of various diameters are given in structural handbooks, so 
that the value of D can be easily taken from the tables as soon as M is known. 
The maximum shear, V, at a section of a pin is the resultant of the shear at 

that section due to horizontal forces, Vn, and that due to vertical forces, V», 

or V = VW/Vn? + Vy?.. The shear is usually assumed distributed, in which 
case Ss = 1.27 V/D?, but the intensity of maximum shearing stress on the 
neutral plane is 1.70 V/D?. 

In Riveted Trusses (Fig. 114) the members are connected together at the joints by 
gusset plates which must be of sufficient size and thickness to transmit the stresses, and 
there must be a sufficient number of rivets in each member to develop its full strength. 
The stress is assumed to be equally distributed over the various rivets, hence they should 
be spaced with this in view. Gusset plates are frequently made too thin. They must 
be computed to carry the compression and tensile stresses brought on them by the 

main truss members, and as these stresses are frequently applied eccentrically to the 

gussets the eccentricity must be allowed for. In such cases as the lower chord joints 

of Pratt trusses the gussets must have sufficient net area along the horizontal row of 
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rivets connecting the plates to the chord to carry the shearing force on that section 
and similarly at the vertical row of rivets connecting gusset plates to the vertical. 
Ordinarily two gusset plates are used at each joint, although in light trusses only one 
is used. Center of gravity lines of all members should meet at a point, and the center 
of gravity of rivets connecting a member to a gusset plate should coincide with the 
center of gravity of the member. 

Lattice Bars must be of sufficient strength to brace the segment of a com- 
pression member so that the segments will act as a unit and in doing this they 
are subjected to tension or compression due to shear resulting from the bend- 
ing of the column. Formerly the desigmof the lacing of a column was largely 
a matter of judgment, but since the failure of the first Quebec bridge, by 
column shear, many attempts have been made to devise a rational formula. 
The best known method is based upon the analogy between the bent column, 
under axial load, and a beam of equal length and section and bearing a uni- 
formly distributed transverse load of such an amount as to deflect the beam 
the same amount at its center, as the column is deflected under buckling action. 
The maximum end shear of the beam is assumed to be the maximum shear 
in the column. The Am. Soc. C. E. formula, R = P//4000y (Art. 11), was 
obtained in this manner. About the only thing that is certain about maxi- 
mum shear in a column is that it is equal to P sin@, where P = axial load 
on column and 9 = maximum slope of bent column to the originally straight 
axis. The A. R. E. A. specifications (Art. 11) assume a maximum value for 

sin @ = .025, corresponding to 6 = 1.5 deg. nearly. Maximum: @ may 
occur either at the ends, in case of single curvature, or at either the ends or 
the center, in case of double curvature. The-shear in the column is assumed 
to be carried equally by all of the lattice bars cut by a normal section, when 
the column is open on both sides; and half the shear is assumed to be so carried 
by the latticing when the column is open only on one side and a cover plate 
is used on the other. The stress in any bar is V cosec @, where V is the shear 
carried by the bar, and @ is the angle which the bar makes with the axis of 
the column. 

30. Deflection, Camber, and Bracing 

Notation. P = direct tension or compression in a member, / = length of member, 
A = area of cross-section of member, E = modulus of elasticity, w = stress in member 
due to load of unity, L = span of truss, = panel length, #1; = increase in panel 
length, H = depth and R = radius of truss, ¢ = camber of truss. 

Deflection of a Truss may be due to elastic deformation of the members caused by 
stresses within them, to imperfect workmanship such as the play in pin holes of a pin- 
connected truss, and to deformation of the members caused by changes of temperature. 
Thedeflectioninany direction of any joint of a truss due to any cause may be computed 
by the following method provided the change in length of each bar can be determined. 
Place a Joad of unity at the joint and acting in the direction in which the deflection is 
wanted and compute the stress in all bars due to this load; call this stress uw; then the 
deflection is given by A = Zuly, where A denotes the deflection of the joint in the 
direction desired, and = denotes the summation of the various products of the stress “ 

due to load unity by the change in length /; for each bar successively. The change 
of length J), in any bar due to a series of loads upon a truss is P//AE, hence tht deflec- 
tion for this case is given by A = 2Pul/AE. In applying this formula, tensile stresses 
should be given the positive sign and compressive stresses negative, both for stresses 
due to the loads on the truss and for the imaginary load of unity. If all the bars are 
of the same material the E may be placed on the outside of the summation sign. A is 
usually the gross area of the cross-section, even for tension bars. To find the absolute 
deflection of a joint with respect to its original position it is necessary first to find the 
vertical movement by placing the load of unity vertically at the joint, then the hori- 
zontal movement by placing it horizontally at the same joint, and the resultant of 
these two component movements will give the magnitude of the true deflection. 
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The Camber of a Truss is the distance the center of a chord is raised above 
the ends to allow for the deflection of the truss. It is usually expressed in 
inches and varies from 1/1000 to 1/2000 of the span length. Camber is used 
so that when the maximum load is on the bridge the truss will have the form 
assumed in the design, and is usually obtained by making the panel lengths 

of the top chords, or their horizontal projections, longer than the correspond- 
ing panels of lower chord in the proportion of 1/8 in. in 10 ft. Camber is 
sometimes made equal to the deflection due to full live and dead loading by 
increasing or decreasing the lengths of the truss members by amounts equal 
to their corresponding deformations. When the camber is made equal to 
this maximum deflection the radius, R, to which the lower chord of the truss 
is curved and the increase, #1, in panel length of the upper chord are given 
with sufficient accuracy by the following formulas respectively: 

R=L7/8c and p: = 8cpH/L? 

Bracing for Deck Bridges usually consists of a horizontal truss in the plane 
of the top and also of the bottom chords, together with a vertical transverse 
system at each panel point. The transverse bracing is also called sway brac- 
ing, and the horizontal trusses are called the top and bottom lateral systems. 
The chords of the main trusses constitute the chords of the lateral system, and 
the floorbeams usually act as the struts of the top system. With a sway 
bracing. at each panel point the bottom laterals are not really necessary, 
although desirable, and sometimes are omitted in all or in alternate panels, in 
which case the sway bracing must be designed to carry the wind loads from 
bottom to top panel points. When both lateral systems are used, the function 
of the sway bracing is to equalize the deflection of the trusses when the latter 

are subjected to unequal loading as when only one track of a double-track 
bridge is loaded. Since the wind loads on top and bottom panel points are 
unequal the sway bracing receives stress due to unequal lateral deflection of 

these points. The sway or portal bracing at each end of the bridge must be 
heavier than at intermediate points. 

Through Bridges have top and bottom lateral systems and also have sway 

bracing at each top panel point extending down as low as the required head- 

Fig. 110 Fig. 111 Fig. 112 

room allows. When the end-posts are inclined the end sway bracing or portal 
is placed in the inclined plane of the end posts. In the best construction all 
members of the bracing systems are rigid, that is, made of angles or other 
similar shapes. Simple portals are shown in Figs. 110, 111, 112 and 113, and 

the following formulas give the stresses due to wind load W when the posts 
are hinged at bottom: 

For P; tension = Wh/b, shear = W/2, moment = W(k — d)/2. For P2 compres- 
sion = Wh/b, shear = W/2, moment = W(hk — d)/2. For P3 compression = 
Wh(1/2e — 1/b), shear = W(k —d)/2 d, moment = W(k — d)/2. For Py, tension 
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= Wh (1/2 e — 1/b), shear = W(k — d)/2d, moment = W(h — d)/Z. For Ps and 
Pe direct stress = zero, shear = W(k —d)/2d, moment = W(k — @)/2. For Py 
compression = Wh/b, shear = W(h — d)/2d, moment = W(k —d)/2. For Pg ten- 
sion = Wh/2 b, shear = W(hk — d)/2 d, moment = W(h — d)/2. For P 9 compression 
= Wh/2b, shear = W(kh —d)/2d, moment = W(k —d)/2. For Po tension = 
Whl/2 de. For Py; compression = Whl/2 de. For Pj2 tension = Whl/bd. For P13 com- 
pression = Whi/bd. For Py4 tension = Whi/bd. For Py5 assumed zero. For Pig 
tensicn = WAl/2 bd. For Pj 7 compression = Whil/2 bd. For Pig compression = 
W(h + d)/2 d, shear = Wh (1/2 e — 1/b), moment = Wh (1/2 — e/b). For Pig com- 
pression = W/2, shear = Wh/b, moment = Wh (1/2 — e/b). For Poo tension = 
Wh — d)/2 d, shear = Wh (1/2 e — 1/6), moment = Wh (1/2 — e/b). For Po, com- 
pression = W(h + d)/2d. For P22 tension = W(k —d)/2 d. For Po3 compression 
= Wh/2 d. Chord stresses in Fig. 113 may be obtained by use of moments. Dotted 
bars in Fig. 111 have no stress. If posts are fixed at the lower ends, # in above 
formulas should be replaced by distance from top of post to point of contraflexure, 
which is usually h/2 + d/2. 

SECONDARY STRESSES 

31. Nature of Secondary Stresses 

The members of a truss form the sides of a series of triangles. Under stress 
one or more sides in each triangle are shortened by compression and the others 
lengthened by tension. As the angles of a triangle depend on the relative 

length of its sides, the angles at joints of a truss tend to change. This change 
in angle is wholly prevented by rivet and gusset-plate connections, mostly 
prevented by rivets alone, and partially—often to a very material extent— 
prevented by friction on pins of pin-connected joints. The members are 
therefore bent instead of continuing to be straight sides of true triangles and 
the resulting bending stresses are called secondary stresses. In an ideal truss 
with frictionless pins every member would remain straight and no secondary 
stresses would result. The total stress in any fiber is the algebraic sum of 
the secondary, or bending, and the primary, or axial, stress and is a maximum 
in certain outer fibers. The ratio of secondary to primary stress in chords and 
main web members is ordinarily not large, generally less than 20%, but in 
short members, and those having small primary stresses, such as the auxiliary 
members of trusses with subdivided panels, the ratio may be several times 
the above amount. For this reason trusses of the Baltimore or Pennsylvania 
types should be avoided, if possible. Likewise short bracing struts, such as 
are used in Pennsylvania trusses to brace the vertical columns at mid-height, 
or the collision struts sometimes used in end panels of Pratt trusses, create 
high secondary stresses in all adjoining members. The latter are now used 
much less commonly than formerly. 

Mention has already been made of the growing movement to increase the 
present unit stresses. If higher unit stresses are adopted it will become increas- 
ingly important to know the maximum stress that can occur in any fiber of 
any member—that is, the worst combination of secondary and primary 
stresses. Maximum secondary and maximum primary stresses do not neces- 
sarily occur at the same time—with the same condition of loading—but 
generally maximum primary stress, with its accompanying secondary stress, 
gives the maximum or governing combination. 

32. Computation of Secondary Stresses 

Exact Computation of the secondary stresses in an ordinary structure is a 
tedious affair, necessitating the solution of as many simultaneous equations 
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as there are joints, for each governing position of the live load. As there are 
many such positions the work becomes staggering. It is not surprising, 
therefore, that designers avoid such laborious computations and seek safety 
in the use of low unit stresses. 

Approximate Method. The method of successive approximations is so 
simple, and gives results so closely approximating those by the exact method 
that it will be illustrated here by an example occurring in “ Statically Indeter- 
minate Stresses,’ by Parcel and Maney. The bending moments in the 
members meeting at the hip joint, C, of 
the 518-ft. span of the Kenova bridge, 
N. & W. R.R., will be determined (Fig. 
114a). 

K=4EIj[l; R = Dif; where E= 
29 000 000, J = moment of inertia about the 
axis perpendicular to plane of truss, in inch- 
pounds, Z =lJength of member in inches, 
D = deflection in inches of far end of member, 
relative to C, measured normal] to the aris of 
the member. The values of K given in Fig. 
114a should be multiplied by 1 000 000 000, 
and those of R divided by 10000. Thus for Fig. 114¢ 
CD, I = 83000, D=1.16, L=405, K = 
4 X 29.000 000 X 83 000/405 = 23.8 X 1000 000 000, R = 1.16/405 = 28,7/10 000. 

D can be most readily obtained from a Williot diagram, as will be explained later. 
K and R are thus known in advance for every member of the truss. 

The assumption is first made that the angles of rotation ¢ of the joints at C, D, 
D’, c, B’ are all equal. Let ¢1 be this angle, in radians, the subscript meaning first 
approximation. Then ¢; = 2K R/ZK, the summations to include all of the members 
meeting at C, thus, 

CD =23.8 K 28.7 = 683 
CD’ = 2.7% 24.8 = 67 
Ce = 1.5K 20.0= 30 
CB’ = 21.7 K 15.2 = 330 

2K =49.7 ZKR = 1110 

¢1 = 1110/49.7 = 22.3 

Taking account of the units assumed for R, the true value of ¢; at C = 22.3/10 000. 
A similar calculation is made for each joint of the truss. Designating the angle of 
rotation at each of the joints adjacent to C by ¢’, to distinguish it from ¢; at C, the 
following values of ¢’; were obtained: ¢’; at D = 23.2; at D’ = 18.4; atc = 23.8; 

at B’ = 28.4. 
For the second approximation at C use the formula, $2 = ¢1— 1/2 2K(¢1— R)/2ZK, 

where ¢; = first approximate value at C; #2 = second approximate value at C; 
¢'1 = first approximate value at each of the adjacent joints. Thus, 1/2 K(¢’7~R) at 

is 
D 1/2 X 23.8 X (23.2 — 28.7) =— 65 
D! = 1/2. Xi. 2 K (A8.4- 24.8), = —. 9 
6 FE 1/2 Kiel 5 K 2S. n= 1200) = +-i3 
B’ = 1/2 % 21.7 X (28.4 — 15.2) =-+ 143 

DK = 49.7 1/2 2K(¢1— R) =+ 72 

oz = 22.3 — 72/49.7 = 22.3 —1.4 = 20.9 

A similar operation is performed for each joint of the truss. The results at the joints 

adjacent to C may be designated by ¢’2 to distinguish them from ¢2 at C. These 

values were found to be as follows: ¢’2 at D = 25.3; at D’ = 17.2; at ¢ = 22.2; 

at B’ = 25.0. 
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For the third approximation use the formula ¢3 = ¢2 — 1/2 DK(¢’2— $)/ZK, 
where ¢2 and ¢3 are the values of ¢ at C resulting from the second and third approxi- 
mations, and ¢’; and ¢’2 the values of ¢ at each of the joints adjacent to C resulting 
from the first and second approximations, respectively. Thus, 1/2 K (¢’2— $1) at 

D = 1/2 X 23.8 X (25.3 — 23.2) =+25 
Dem AZ XK Dal Mad 2, — 18.4) = — 2 
oe 1/2) KX 15S XK (2232 —'23-8) = —- 4 
B’ = 1/2 X 21.7 X (25.0 — 28.4) =— 37 

DK = 49.7 1/22K(¢’2— $11) = —15 

$3 = 20.9 + 15/49.7 = 21.2 

In a similar manner ¢3 is found for every joint of the truss. It is thus seen that the 
values of ¢ at C have converged practically to a constant and that nothing would 
be gained by further successive substitutions. This method of solution is not applic- 
able to every set of simultaneous linear equations, but it is generally available for 
secondary stresses when there is a degree of uniformity in the values of ¢ at adjacent 
joints. The test of its practicality is the rapidity with which the successive values of 
¢ converge to a constant quantity. 

The bending moment at the C end of CD is expressed in general terms by 

Mop = 1/2Kep [2 ¢c + ¢p — 3 Rep]. 

Using the results of the third approximation, $C = 21.2, $p = 25.4, 
Mcp = 1/2 X 23.8 [42.4 + 25.4 — 3 X 28.7] = — 220. Since the scale is 
1 000 000 000/10 000 = 100 000, Mcp =— 22 000 000 in-lb. f = Mc/I = 22 000000 
X 24/83 000 =— 6400 lb. f = extreme fiber stress per square inch from secondary 
effects. The primary unit stress for this member under the same condition of loading 
is 13600 lb. Percentage of secondary to primary stress = 6400/13 600 = 47. This 
truss is of the Pennsylvania type with many short, relatively low stressed members. 
The percentages run high throughout the truss, especially in the vicinity of the 
auxiliary members, showing clearly the damaging effect of the latter. 

The Deflection D of one end of a member relative to the other and its original] direc- 
tion, due_to the distortion of the truss under the load, can readily be scaled from a 
Williot displacement diagram (Art. 40 and Figs. 132, 133, 134, page 1267). For example 
in the cantilever truss shown in Fig. 132, let it be desired to find the deflection of G, 
relative to F, normal to the horizontal line passing through the new position of F. 
The displacement diagram, (Fig. 133, p. 1267), was drawn on the assumption that the 
joint A and the bar AB are fixed in space, the pier at e being removed to allow free 
movement of the rest of the truss. A’F’ then represents the motion of the point F, 
and A’G’ the motion of the point G. The distance F’G’ is the actual motion of G 
relative to F, and the projection of F’G’ upon a-line normal to FG (of the truss), @ 
vertical in this case, is the required value of D. D is positive when the deflection of 
one end, relative to the other, is clockwise. Thus, standing at joint F and imagining 
the other end of FG to move in a direction parallel to F’G’, if FG turns in a clockwise 
direction, as in the present case, D is positive. For the member cd, D is the projec- 
tion of ¢’d’ (in the displacement diagram) upon a normal to cd. The lines representing 
these projections are all present in the diagram and may at once be scaled. Standing 
at c and putting in the displacement c’d’ at d normal to cd, the member cd will swing 
about ¢ in an anti-clockwise direction, and D is minus. The sign of ¢ is obtained 
from the numerical solution of the equations and is to be interpreted by the same 
convention as for D. Thus, when ¢ is positive the joint is twisted in a clockwise 
direction. Negative M means tension in the outer fiber first met with, in a member, 
as one passes around the joint in a clockwise direction. Thus, Mcp =— 22 000 000 
in-lb. means a tension of 6400 Ib. per sq. in. in the upper fiber of CD at the C end. 
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MOVABLE AND CANTILEVER BRIDGES 

33. Types of Movable Bridges 

A Draw or Movable Bridge is one which can be moved from its normal 
position to allow the unobstructed passage of vessels. Movable bridges are 
classified into the five following types: swing, bascule, retractile, lift, and 
ferry bridges. Those of the swing type revolve horizontally about a vertical 
axis, which may be at the center, at one end or at an intermediate point of 
the span. Bascule bridges include alf movable bridges which move in a 
vertical plane, rolling back from the opening or rotating about a horizontal 
axis. Retractile drawbridges are those which are supported on wheels 
resting on tracks on shore, and-which are rolled horizontally backward from 
the opening either along the approach of the bridge or at an angle thereto. 
Lift bridges can be raised vertically to a sufficient height to allow vessels 
to pass underneath. Ferry bridges consist of a movable car which is sus- 
pended from, and which moves back and forth under an overhead fixed 
bridge supported on towers, the overhead portion being so high above water 
level as to afford proper clearance for navigation. 

Swing Bridges generally consist of two or more plate girders or trusses 

supported on a center or pivot pier in such a manner that they can be revolved 
on a circular track or pivot resting upon and attached to the pier. When 
the bridge is open there is a passageway for vessels on either side of the pier 
and the draw, and the trusses act as cantilevers overhanging the middle 
support. To prevent the open bridge from being struck by a vessel approach- 
ing or passing through the channel, a fender pier of piles and timber is built 
around the supporting pier, thus protecting the open draw span and guiding 
the vessel into the channel. The fender pier extends lengthwise of the stream 
and must be longer and wider than the open draw. Sometimes the pivot is 
placed on one side of the center between the center and the end of the draw, 
and the bridge then has two arms of unequal length, the shorter arm being 

counterweighted to balance the longer. Unequal arms may be used where 
the stream is too narrow for a central pier; the short counterweighted arm 
hanging over the shore and the long arm over the water when the bridge is 
closed. Double swing bridges have been used in a few instances. They 

consist of two swing spans each supported by a pier on each side of the stream 

and having their outer ends connected at the center of the channel when the 

bridges are closed. Swing bridges are the simplest and most economical 

of the various types and where there is ample room for operation they should 

generally be used. In locations where the pivot pier takes up too much 

space in the stream, or where room is not available for turning, the swing 

bridge cannot be used and some form of bascule bridge is preferable. 

The Jack-knife or Folding Drawbridge is a swing bridge used only for railroad 

traffic, and as usually built has one Howe truss or steel truss under each rail, the rail 

being fastened directly to the upper chord of the truss. The trusses are connected 

together by small pivoted bars every few feet apart along the top chords, and each 

truss revolves horizontally about a pivot at one end, while the movable end is supported 

during operation by a needle beam which is guyed to the top of a tower or bent located 

on the shore at the pivot end of the span. When the bridge is open the trusses are 

parallel with the bank and are folded closely together. Since jack-knife draws cannot 

have floors, such bridges should not be used. 

Bascule Bridges of various designs are in use, some being patented. Their 

merits lie in the speed with which they are operated and in the small amount 

of room required for their erection and operation. One to two minutes is 
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the time often required for opening or closing a bridge although many struc- 
tures cannot be made ready and opened in this time. Bascule bridges are 

usedj when conditions are unfavorable for a swing bridge, such as when 
a waterway is too narrow for a center pier in the river, and the abutting 
property is too valuable to afford space for swinging the span when the pier 
is placed on one shore (as is the case in Chicago). As such conditions arise 
only in cities, most bascule bridges are of the highway type. They are well 
adapted for railway service when the number of tracks is likely to increase in 
the future, for several parallel bridges may be built side by side at different 
times. A bascule bridge may haye one or two leaves. When the required 
opening is not too great the former is to be preferred on account of economy 
in first cost and because the free end has a firm support when the leaf is closed. 
When two leaves are used they must be locked together at the center when the 
bridge is closed. 

Bascule bridges are generally either of the trunnion or the rolling lift type. 
Trunnion bridges rotate about a horizontal and, usually, fixed axis placed 
near one end. There are several types differing in the manner of support of 
the counterweight and the mode of operation. The main trusses or girders 
may be continued back of the trunnion a short distance, and the counter- 
weight be placed in this extension below the floor as far back of the trunnion 
as possible (as in the City of Chicago type); or the counterweight may be 

Fig. 115 Fig. 116 Fig. 117 

carried overhead at one end of a moving framework pivoted to and supported 
by an independent tower placed back of the trunnion, and operating some- 
what as a walking beam (as in the Strauss and Brown types). The river end 
of the walking beam is attached to the moving leaf at some point beyond the trunnion, by linkages or cables. In some cases, as in the earlier Brown 
type, the counterweight moves vertically and is supported by cables which pass over sheaves at the top of a fixed vertical tower and thence down to the point of attachment on the moving leaf. In all cases the counterweights are of such size and move in such paths that the power required for opening or closing the draw is only that necessary to overcome inertia, frictional resistance, wind and snow. The Scherzer rolling lift bridges, (Fig. 117), are of the bascule type, but instead of rotating on trunnions they roll back on a horizontal track, the ends of the main girders or trusses being curved for this purpose. As the curved portion rolls backward on the track the outer portion or bascule leaf rises, leaving the channel clear. Bascule bridges are operated by racks and pinions placed in the most favorable position for speed of opera- tion and minimum expenditure of power. 

Retractile, Direct Lift and Ferry Bridges are not common types. Retrac- tile bridges may have one or two leaves overhanging the stream when closed and extending back over the abutments far enough to serve as a counter- weight. This type is applicable to short spans only. The direct lift bridge consists of a simple truss structure which when closed rests on the abutments 
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similar to any fixed span, but it is opened by being raised vertically by means 
oi cables or chains passing over sheaves at the top of a tower at either end 
of the span. Counterweights are used to reduce the work of moving the 
bridge. The only ferry bridge in the United States is that across the ship 
canal at Duluth. It has two riveted steel trusses of about 390-ft. clear span 
supported on a steel tower on either side of the canal. The clear height is 
about 135 ft. above the water level. These two fixed trusses carry the track 
from which are suspended a steel frame and a ferry car, both of which travel 
back and forth across the canal. The retractile, direct lift and ferry bridges 
are used for highway traffic only. > 

Swing Bridges, which are generally supported at the center of the span, 
are either center-bearing, (Fig. 115), or rim-bearing (Fig. 116). While in motion 
a center-vearing structure is supported at the pivot pier on a turntable 
consisting of some transverse girders which carry the dead weight of the 
bridge to a center pivot or casting about which the structure revolves. When 
the bridge is closed wedges are inserted under the trusses at the center so as 
to carry no dead load but to carry all the live load reaction on the center pier. 
Trailing wheels placed under the turntable steady the bridge while swinging 

- but receive no load otherwise. From 4 to 8 wheels varying in diameter from 
12 to 20 in. are used. The center pivot consists of an upper and a lower 
casting, the upper one supporting the weight of the bridge by means of cross 
or diaphragm girders, the lower one being fixed to the masonry center pier. 
The pivot turns on 2 or 3 disks, 15 to 50 in. in diameter. When two disks 
are used the lower one is of hard tempered steel, with an upper spherical con- 
cave surface of slightly smaller radius than the lower disk. When three disks 
are used, the top and bottom ones are of hardened steel, with concave surfaces, 
and the middle one is of hard bronze, with both surfaces convex. An oil ring 
on the lower pedestal feeds grooves cut in the turning surfaces, and permits 
the disks to run in a bath of boil. Rim-bearing swing bridges have their 

trusses supported at the center pier directly on the drum or on distributing 
girders from which the load is carried to the drum. The drum is a circular 
girder resting on conical wheels which in turn are supported on a circular 

track of the pier. The center-bearing swing bridge, except for very wide city 
bridges, is distinctly superior to the rim-bearing type, and has nearly super- 
seded the latter. Combined rim- and center-bearing swing bridges are those 
in which part of the weight is carried by the center pivot. This arrangement 
is preferable to that where all the weight is taken by the drum, as the center 
load helps to anchor the center pivot and prevent lateral motion under 
horizontal dynamic forces. 

The heaviest swing bridge in the United States, up to 1926, and at present, 
1928, the heaviest center-bearing bridge, is the double-track, double-deck 
structure of the Southern Pacific Co. across the Sacramento River at Sacra- 
mento, Calif. The span is 390 ft. 3 in., center to center of end supports; the 
maximum load on the center pivot is 6 748 000 lb.; that on each end wedge 
is 868 000 lb.; that on each center wedge is 1528000 lb. The center disks 
are 52 in. in diameter. It is believed that heavier spans of this type are 
practicable. The present longest and heaviest swing bridge in the United 
States is the double-track, double-deck railway and highway bridge of the 
At. T. & S. F. Railway System across the Mississippi River at Fort Madison, 
Towa. The span is 525 ft. and the weight of the swinging parts is 10 000 000 Ib. 
It is a combination rim- and center-bearing structure. 

Center-bearing swing bridges, when closed and ends raised ready for the 
passage of the live load, are continuous girders over three points of support. 
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Rim-bearing swing bridges are nearly always built as partially continuous 
girders over four points of support. The diagonals in the panel between the 
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Long American Movable Bridges 

Nature of 
Location crossing Span 

Fig, san. 

St. John’s, Ore...........|Willamette R.|521 0 
East Omaha, Neb........ Missouri R...|520 0 
East.Omaha, Neb........ Missouri R. ..|519 4-1/8 

New London, Conn....... Thames R....|497 7 
Btaten TAU sac se see ees Arthur Kill...|496 6 
Duluth, Minn............ St. Louis Bay. |485 7-1/2 
C.M. & N. R.R., Chicago. |Drainage Can.|474 3-1/2 
Sioux City, Iowa......... Missouri R. ..|469 11-3/8 
Willamette Pacific R.R....|Coos Bay.....|458 0 
Middletown, Conn........ Connecticut R.|447 0 
Sacramento, Calif........ Sacramento R./390 3 
New York, N.Y... secs Harlem R...../389 0 
Terminal Ry., Chicago....|Chicago R....|/275 0 
B. & O. R.R., Cleveland...|/Cuyahoga R..|230 0 
22d:Sty7 Chicagoin .iavkn b Chicago R....|216 0 
Fratt Br., Kansas City....|Missouri R 428 0 
Cincinnati, Ohio. ........ RIO), Soitaecs ns 365 0 
Chattanooga, Tenn.......|Tennessee R...|/310 0 
IG. N.ROR., MONt. .cenees Missouri R.../296 0 
Portland’. Ore. o. o.s cee ee Columbia R...|275 0 
Pat-RiR.. jChicago! Sook Chicago R..../272 10 
Fairview, Mont........-. Yellowstone R.|271 0 
Yankton, S. Dak......... Missouri R...|250 0 
Hawthorne Ave., Portland.|Willamette R.|244 3 
Pine Bludi, Ark. .,:ejesuesiesne Arkansas R...|239 4 
Portland sOnTe.. i. aisles dsiepad Willamette R.|220 0 
Saulte Ste. Marie........ Ship Canal 336 0 
Chattanooga, Tenn....... Tennessee R../310 0 
*16th St., Chicago....... Chicago R....|260 0 
Wells St., El. R.R., Chicago}Chicago R....|268 0 
Mich. Blvd., Chicago. .... Chicago R....|256 0 
Portland, Ore hen. sccnwens Willamette R./252. 0 
Lake St-= Ghicago...1- <cien So. Chicago R./245 0 
Fremont Ave., Seattle.....|Lake Washing- 

ton Canal. .|242 0 
*South’ Chicago: .. 005.54 Calumet R....|235 0 

Rio/ Vista, Calif. Jt. 2. fus Sacramento R.|226 0 

Tsleton,, \Calif.cy, ... 92 Jae Sacramento R.|226 0 
Troy—Cohoes, N. Y....... Hudson R....|224 0 
Badger Ave., Los Angeles.|East Basin 

Channel..../220 0 
15th Ave., Seattle. .... ...|Lake Washing- 

ton Canal. .|218 0 
East Lake Ave., Seattle. . .|Lake Washing- 

ton Canal..|218 0 
*Seattle, Wash...........|/Salmon Bay...|206. 7 

Railroad 

highway 

Hy. 

Hy. 

Hy. 

Hy. 

Hy. 

akahal: dakckak: Lelskckal latsdaialilsislskalalsiske ARDS WS WR WR RRR PAP 
Hy. 

* Single leaf; other bascule bridges not marked, double leaf. 

Built 
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two central supports are omitted, or are very light, thus allowing moment 
but no shear to be transmitted across this panel. 

Drawbridge Trusses whether center or rim-bearing may have their 
ends simply supported, latched, or raised. The ends are simply supported 
when the end supports are so placed that the ends of the trusses will just 
come to a bearing without producing any dead load reactions and the entire 
dead weight is carried by the center pier either when the bridge is open or 
closed. The live load can thus produce upward end reactions only, and 
when it is in such a position as to cause A downward end reaction the truss 
will rise from the bearing, and, in such cases, when the live load passes over 
the bridge the ends hammer on the bearings. This is not a good arrangement. 
To prevent this the ends should either be latched or taised by suitable 
machinery until upward end reactions are created equal to the greatest 
possible downward live load reaction. Efficient latches are complicated 
and it is the general practice to raise the ends until the upward dead load 
reaction is equal to 1.5 times the maximum negative live load reaction when 
one arm is loaded. 

34. Design of Movable Bridges 

The determination of stresses in continuous Swing bridges is based on 
the usual method for continuous beams but the members have also to be 
designed for the loads when the ends of the bridge are swung off the support. 
The extra height of truss over center supports is owing to this latter condition. 
Trunnions-and pivots offer special problems in bearing and friction. 

For a full explanation see Treatise on Movable Bridges, by Otis E. Hovey, Wiley, 
1927. 

Notation. W = equals total uplift of swing bridge at both ends in pounds, HP = 
total horsepower required for raising ends of swing bridge, # = total lift in feet, J = 
time for lifting in seconds, R = radius of center line of track in feet, 4,= time for open- 
ing in seconds, W; = weight on rollers under drum of rim-bearing or total revolving 
weight on pivot of center-bearing bridge in pounds, r = radius of pivot in feet, b = 
width and / = length of bridge in feet. 

Machinery for Operating a Swing Bridge includes that necessary for 
turning the bridge and for lifting and lowering the ends of the truss or girders. 
All swing bridges should be so arranged that they can be operated by hand 
power, and all but the smallest that are opened infrequently should be pro- 
vided with motive power. The motor may be a steam engine, an electric 
motor or a gasoline engine. Where electric current is available the electric 
motor is the simplest and most economical, for it takes up little room, is 
easily installed and the cost of maintenance is low. For the larger bridges. 
where electric current is not available the steam engine gives the most satis- 
factory power,. especially if the bridge is to be opened frequently, but with 
light spans and infrequent openings the gasoline engine is best. 

Turning Machinery. Whatever form of power is used for turning the 
bridge it is usually applied through a vertical shaft which is attached to the 
drum of a rim-bearing turntable and to some girder or floorbeam of the center- 
bearing type. On the lower end of the shaft is a pinion engaging in the cir- 
cular rack which is attached to the pivot pier or to the lower track on which 
the turntable revolves. The rotation of the shaft causes the bridge to revolve. 
Electric motors are usually set on top of the drum or on a platform projecting 

from the side of the drum, and they are usually of the railway type, series: 
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wound and waterproof. The armature speed varies in different bridges 
from about 450 to 650 r.pm. and generally should not exceed 600 r.p.m. 
The controllers for the motors should be placed in the operator’s house, 
together with the switchboard and necessary switches, meters, circuit- 
breakers and fuses. Friction brakes are used for most movable bridges, 
although where the motor is close to the rack of swing bridges they are not 
absolutely necessary but even here are desirable. When two motors are used, 
as in most heavy bridges, they are placed on opposite sides of the drum. 
Fig. 118 shows the turning mechanism for the swing span of the Charlestown 
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Fig. 118. Turning Mechanism, Charlestown Bridge, Boston, Mass. 

bridge in Boston, Mass., which has two trains of gears driven by electric 
motors, one of which isshown. The motor A is attached to a steel supporting 
frame and drives the reduction gearing which transmits the power through 
the pinion shaft to pinion B engaging the circular rack bolted to the base 
casting or track C. A brake D is attached to each pinion shaft and is operated 
by compressed air. 

End-Lifting Mechanisms. Swing bridges require some form of end-lifting 
device which will lift the ends of the trusses or girders when the bridge is 
closed and which lowers them when the bridge is to be opened. Lifting 
may be done in small bridges by allowing the ends| to run up on wheels which. 
are mounted on the fixed piers, but for ordinary cases some better arrange- 
ment, such as. toggle joints or hydraulic jacks, is necessary for raising the 
ends sufficiently to allow wedges or other similar supports to be inserted. 
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The present practice is to make the end lifting device as simple as possible 
and to depend upon wedges, operated by a toggle mechanism, both to lift 

‘the bridge and to support the loading after the ends are lifted. 

Figs. 119 and 119¢ are reproduced, with the author’s permission, from Hovey’s 
Movable Bridges. Fig. 119 shows a diagrammatic sketch of the principle of the end 

Longitudinal 

Shatt 

Fig. 119 

wedge operation. The longitudinal shaft may run to the center of the bridge, but 

with electrically operated bridges a motor is placed very near the end lifting mechan- 

ism. Fig. 119@ shows the end wedging mechanism of the Kalan bridge, Columbia 

River Crossing of the Union Pacific System. The upper operating lever in section 

A-A is a crank which will pass its dead center and withdraw the wedges if the motor 

is not stopped when the wedges are fully driven. The bridge is a single-track center- 

bearing swing span, 280 ft. between end supports. The center has two disks, 24 in. in 

diameter, the lower of hard steel and the upper of hard bronze. The turning and 
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wedging motors have a normal capacity of 35 hp., and there is a gasoline auxiliary 
with a nominal rating of 53 hp. 

Rail-lifts for railroad bridges are generally provided to raise the ends of 

18-2" ¢ ¢ Trusses TO" ¢ ¢ Stringers 

Fig. 1194 

the rails on the swing span so that as the bridge revolves they will be above the rails on the adjoining fixed spans. This is usually done by means of shafting connected with the end-lifting device, and there should be automatic home and distant signals on each side of the bridge interlocked with the 



st 
y 

Art. 34, Design of Movable Bridges 1255 

end-lifting mechanism and rail lifts so that the signals can be set at safety 
only when the ends of the bridge and the rails are in their proper positions. 
Rail-lifts are objectionable because the rails are not properly held during the 
passage of trains, and those forms of rail-locks which insure proper align- 
ment of rails and allow the rails to be securely fastened to the track are 
better. End latches to bring the bridge into proper alignment when closed 
should be arranged to work automatically but only when the ends of the 
bridge are slowly approaching the supports. 

The Power Required for operating a swing bridge is that for lifting the 
ends and for turning the bridge. These two operations are not performed 
at the same time, so that the maximum power necessary is the greater of the 

two, not their sum. To lift the ends the resistance varies from zero at 
the beginning to a maximum at the end of the operation, and the total horse- 
power required, excluding the frictional resistances of shafting and all other 
movable parts of the end-lifting mechanism, is HP = Wh/550t. In this 
formula W must be taken as the total end uplift; for example, if the uplift 

at each end of a truss is 30 000 lb. and there are two trusses, W would be 
120000 lb. The frictional resistances to be overcome in lifting the ends vary 

“greatly and are estimated at from 100 to 250% of the above value of P. If 
friction at 100% is allowed, then the horsepower required for lifting and over-: 
coming frictional resistances in the lifting mechanism is Wh/275 t. 

In Turning the Bridge the resistances to be overcome are those due to friction, 
unequal wind pressure and inertia of the mass. The frictional resistance in a rim- 
bearing bridge is caused by friction between the wheels and the upper and lower tracks, 
also at the axles of the wheels and at the center pivot. The coefficient of the total 
friction for rim-bearing bridges was found by C. Shaler Smith to be from 0.004 to 
to 0.008 of the load on the wheels; by Bo!ler and Schumacher to be 0.0035 for the 
Thames River bridge in Connecticut, and by Theodore Coopér to be 0.0038 for the 

Second Avenue bridge in New York. In center-bearing structures the friction is 
principally at the center pivot, and the coefficient of frictional resistance at the cir- 
cumference of the pivot was found by C. Shaler Smith to be 0.09 of the weight turned; 
and by C. C. Schneider to be 0.067 at the start and 0.045 to maintain motion at 
uniform speed for a bridge with a center-bearing of hardened steel and phosphor- 
bronze disks carrying a pressure of 3000 lb. per sq. in. The last-named engineer also 
found the highest coefficient of total friction on new bridges, including that of shafts 
and gearing for hand operation, to be 0.115 for starting and 0.08 for maintaining 
motion. The resistance due to an unbalanced wind pressure of from 4 to 5 Ib. per 
square foot of surface of one arm of the draw is sometimes allowed for in determining 
the power required, and sometimes this is provided for by using larger coefficients of 
friction than those given above. To overcome the inertia of the bridge and to accelerate 
the motion the power required depends on the time allowed for opening the bridge. 
The motion may be accelerated during the first half and retarded during the last half 
of the movement, as is usual; or it may be accelerated during the first third, then 

maintained at a uniform velocity for the second third, and retarded for the last 

third. 

The Horsepower required for overcoming all frictional and wind resistances 

of a rim-bearing bridge while turning is given approximately by WR/11671 ty, 

in which the coefficient of resistance is assumed to be 0.015. And for a 

center-bearing bridge while turning with an assumed coefficient of resist- 

ance of 0.15 the horsepower is Wir/1167 t:. The horsepower required for 

overcoming inertia is approximately Wi(b? + 1?)/10 767 t;?.. In the three 

formulas just given it is assumed that the motion is accelerated during the 

first half and retarded during the last half of the time of swinging; and in the 

first two formulas the force is applied at the center of the track and in the last 

it is applied at the center of gyration. 
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35. Cantilever Trusses 

* Historical. Bridges which have cantilever, that is, projecting, arms are 
called cantilever bridges and the principle involved in their construction is 
very old. The first European cantilever structure of note was a highway 
bridge of 124-ft. span designed and built by Gerber in 1867 over the river 
Main at Hassfurt, and the first cantilever railroad bridge was a span of 148 ft. 
completed in 1876 over the Warthe at Posen. In America the first iron 
cantilever bridge was the Kentucky River bridge of the Cincinnati Southern 
R.R., built in 1876-7 by C. Shaler Smith of the Baltimore Bridge Co. The 
Michigan Central R.R. bridge over Niagara River was the second important 

Longest American Cantilever Bridges 

Date 
Rail-|__. of 

Span Crossing Location road High- or com- 

tracks| ¥4Y Through | ple- | 
tion 

Ft, In. 
1800 0 |St. Lawrence River|Quebec, Ont............ yee epee 1917 
1182 0 |East River....... *Blackwell’s Id., N.'Y....}2 2... * 1909 
1100. 0 |Carquinez Straits..|San Francisco, Calif......|..... * 1927 
1097 0 |Montreal Harbor. .|Montreal, Quebec.......|..... * 1927 
812 0 |Monongahela River|Pittsburgh, Pa.......... Hace eis 1904 
790 5 |Mississippi River..|Memphis, Tenn......... 1 * 1892 
790 5 |Mississippi River. .|Memphis, Tenn......... 2 * 1915 
775 0 |Ohio River....... tSciotoville, Ohio. ...... ‘sD eae 1918 
769 0 |Ohio River....... Beaver embark acs ot oe. Ye? ee 1910 
750 0 |Outer Bridge Cross- 

LLY PR ee et Mg Staten Island, N. Y......]....« * 1928 
750 0 |Ohio River....... SewiGkley-Pae nc coe ela. * 1910 
725 0 |Ohio River....... Tronton, Ohinic.c: twee idee. * 1922 
700 0 {Ohio River....... Mingo Junction, Ohio....} 2. |..... 1904 
672 0 |Elizabeth, Howland 

HOOK ta <tc § Staten Island .N. Vu... «|.... 2 * 1928 
671 0 |Mississippi River. .|Thebes, Ill.............. NE PE ES 1905 
670 0 |Allegheny River. ..|Pittsburgh, Pa..........]..... * 1927 
660 0 |Colorado River....|Red Rock, Calif......... a ee 1890 
650 0'/Ohio: River... ...| Marietta, Ohio, .........1....: * 1903 
555 9 |Ottawa River..... Ottawa, Untyn. se ee 1 * 1900 
525 .0' |LongaGake.o. «.., Hamilton on Nee Vows. cient - [= 1901 
523 0 |Hudson River.....|Poughkeepsie, N. Y...... CREM fe, yl 1888, 
520 3 |Allegheny River.../tBessemer, L. E.R.R....| 2 |..... 1918 
520 0 |Kentucky River...|Tyrone, Ky............. Dens eu 1889 
520 0 |Ohio River....... Cincinnati and Newport. .]..... * 1891 
516 3 |Ohio River....... TCincinnati, Ohio....... yea eae ON 1921 
483 0 |Ohio River....... Louisville, Ky........... 1 * 1886 
480 0 |Mississippi River. .|Burlington, lowa........|..... * 1917 
480 0 |Kanawha River...|Point Pleasant, W. Va....| 1 |..... 1888 
477 0.|St. John River....|St. John, N. B.......... » See Rae 1885 
450 0 |Allegheny River. ..|Highland Park, Pittsburgh]..... * 1900 
442 0 |Mississippi River. .|Muscatine, Iowa........]..... * 1889 
420 0 |Mississippi River. .|Clinton, Iowa...........|..... * 1892 
420 0 |St. Lawrence River|Cornwall, Ont........... Ths ee a 1899 
413 0 |Allegheny River. ..|Bet. Reno and Oil City, Pa.|..... * 1902 

. 

* Known as Queensboro bridge. T Continuous bridge. 
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American cantilever and was completed in 1883. The bridge of this type 
having the longest span in the world at the time of its construction in 1918 
is the Quebec bridge, which has a span of 1800 ft. center to center of river 
piers. The Quebec bridge which collapsed Aug. 29, 1907, during construction 

also was being built with a span of 1800 ft. Until the successful construction 

of the present Quebec bridge, the largest bridge of the cantilever type and the 

one having the longest span was the Forth bridge in Scotland, which has 

among others two spans each of 1700 ft. center to center of bearings. 

The Modern Cantilever Truss is the outgrowth of the continuous truss, 

the change being brought about by the ise of hinges which fix the points of 

contraflexure in the cantilever truss, thus removing some of the uncertainties 

in the calculations. The ordinary cantilever bridge, Fig. 120, of three spans 

on four supports consists of two anchor arms, one at each shore, two cantilever 

arms, and one suspended span and the suspended span is supported at the 

outer ends of the cantilever arms, whereas for bridges of great lengths, one or 

more intermediate spans, Fig. 122, are used in combination with some of the 

parts just mentioned. An intermediate span is one which extends unbroken 

between two piers and beyond which it projects to form a cantilever arm in 
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Fig. 120. Quebec Bridge, 1907 

each of the adjoining spans. A hinge is a junction between a cantilever arm 

and a suspended span where the bending moment is zero after the bridge is 

complete, and for trusses is usually made by connecting the two portions by a 

pin at one chord and either omitting the opposite chord bar of the truss or 

arranging it so that it cannot carry stress after the bridge is self-supporting. 

Hinges can transmit shear but no moment after the bridge is complete, but 

during erection they are arranged to carry both. In plate girder cantilever 

bridges links connecting the suspended span to the cantilever arm have been 

used as hinges. Cantilever bridges have the advantage over simple trusses 

that the span containing the cantilever arm and suspended span can be 

erected without falseworks by being built out from the adjacent spans piece by 

piece, and the advantage over continuous trusses that the stresses are more 

accurately determined and are not altered by any reasonable settlement of 

the foundations. 

Typical Trusses of five large American cantilever structures are shown in Figs. 120- 

124. Fig. 120 shows one half side elevation of the Quebec bridge which collapsed on 

account of the failure of the lower chord in the anchor arm, while being built in 1907 

over the St. Lawrence River about 6 miles above Quebec. It consisted of two trusses 

67 ft. between centers, each having two anchor arms BC, two cantilever arms CD 

and one suspended span hung from the cantilever arms at D. At each end was a 

short approach span AB. The structure was designed to carry two railroad tracks, 

two electric railway tracks, two highways and two sidewalks. Clearance above 

highest tide 150 ft.; maximum depth of water about 180 ft. Main trusses were pin- 
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connected with pins as large as 12 in. in diameter and eyebars as wide as 18 in. Depth 
of truss: suspended span, at center 130 ft., at hinge D about 97 ft.; anchor arm, at 
end B about 97 ft., at pier C 315 ft. Panel lengths: anchor arm, 10 at 50 ft.; canti- 
lever arm, 10 at 56 ft. 3 in.; suspended span, 12 at 56 ft. 3 in. 

The New Quebec Bridge, Fig. 121, is built at the same site and has the same channel 
span, 1800 ft. center.to center of river piers, as the bridge which collapsed. The length 
of the main structure is 2830 ft. and the total length, face to face of abutments is 

AY 
Fig. 121. Quebec Bridge, 1917 

3239 ft. The depth of truss at the river pier is 310 ft.; at the ends of the anchor 
and cantilever arms, 70 ft.; at the center of the suspended span, 110 ft. The main 
structure consists of two trusses of the K type, 88 ft. between centers. It carries two 
railroad tracks and two 3-ft. walks, one on the side of each track. It is designed for 
a live load consisting of two E-60 engines and 5000 lb. per lin. ft. on each track. 
Main trusses are pin-connected with the pins varying from 8 in. to 30 in. in diameter 
and maximum width of eyebars 16 in. There are thirty-two 16 in. by 2-3/16-in. eye- 
bars, with a net cross-sectional area of 1120 sq. in., in the top chord panel adjoining 
the vertical post over the river pier. 

The Thebes Cantilever Bridge, Fig. 122, crosses the Mississippi River at Thebes, 
Ill., and consists of a steel structure of five spans with several approach spans of con- 
crete arches at each shore. One-half the steel structure in shown in Fig. 122. The 
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Fig. 122. Thebes Bridge 

suspended span 4B is supported on pier A and on the cantilever arm BC. Span CD 
is an intermediate span and DE is another cantilever arm which supports the central 
suspended span. Clearance above high water 65 ft., above low water 103 ft. There 
are two lines of trusses 32 ft. on centers carrying two railroad tracks. Each of the 
three suspended spans is 366 ft. long, each of the four cantilever arms 152 ft. 6 in. 
long and each of the two intermediate spans is 521 ft. 2 in. center to center of bearings. 
Depth of truss: suspended span, at center 55 ft.; cantilever arms at B and E S50 ft.; 
intermediate spans, 27 ft. throughout. 

The New Memphis Bridge is located about 200 ft. upstream from the structure built 
in 1892. It has the same length of channel span as the older bridge, 790 ft. Sin. In 
arrangement of spans, outline and type of truss it is very similar to the portion of the 
Thebes bridge shown in Fig. 122. But whereas the latter is symmetrical about the 
center of the channel span, the Memphis bridge terminates with a 186-ft. anchor arm 
on the right of the channel span. The span lengths are, beginning at the left, Fig. 12 
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suspended span, 417 ft. 9-3/4 in.; cantilever arm, 186 ft. 3-3/4 in.; fixed span, 621 ft.; 
cantilever arm, 186 ft. 3-3/4 in.; suspended span, 417 ft. 9-3/4 fore cantilever iy 
arm, 186 ft. 3-3/4 in.; anchor arm, 186 ft. 3-3/4 in. Total length of main st: ee 
not including a 345-ft. simple approach deck span, is 2201 ft. 10-1/2 in. It oui 
of two lines of trusses, 32 ft. between centers, carrying two railroad ons Set Ra 
14-ft. cantilever highways. Superstructure is 76 ft. in the clear above hi h ae 
level. Depths of truss are: at center of suspended spans, 67 ft.; at ends of pet 

arms, 55 ft.; throughout fixed span, 88 ft. It was designed for Cooper’s E-50 loadis if 
on each of the railroad tracks, and a 17-1/2-ton road roller and 100 Ib. per sq. ft be 
the highways. Maximum diameter of pin is 20 in. and width of iebare is 6 in. a 

The Wabash R. R. Bridge over Monongahela River at Pittsburgh, Pa., is a cantil 
bridge 1504 ft. long exclusive of the steel viaduct approach on each shore Fi 218 
shows one-half of the main structure which consists of two trusses 32 ft ‘0 pee 
carrying two railroad tracks spaced 13 ft. on centers. The anchor arm AB is ire te 
jong, the cantilever arm BC 226 ft., and the suspended span, which is supported 3 

DNADK AK 5 

Fig. 123. Wabash R.R. Bridge, Pittsburgh, Pa. 

C, is 360 ft. in length. Depth of truss: at portals, 60 ft.; suspended span, 60 ft. through- 

out; at main piers, 126 ft. 6in. The tracks are on a 1% grade, so that the clearance 

under the central span near one pier is 70 ft., and near the other is 77.86 ft. above 

“full pool ” level, which is below extreme high water. Panel lengths vary from 30 to 

40 ft. Eyebars are from 12 to 14 in. wide, the latter having heads 33 in. in diameter. 

Pins 12 and 14 in. in diameter. 

Queensboro or Welfare Island Bridge spans the East River and Welfare Island at 

New York and is a cantilever bridge on six masonry piers, two on each shore and two 

on the island. Fig. 124 shows the outline of that part of truss from the center of the 

island span at A to the end Zin Borough of Queens. The total length of the cantilever 

D 

/ 
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Fig. 124. Queensboro Bridge 

e is 3724 ft. 6 in., divided into an intermediate span of 630 ft. on 

the island, two cantilever arms each of 492 ft. on the east, two cantilever arms each of 

591 ft. on the west, one each anchor arm of 459 ft. and one west anchor arm of 

469 ft. 6 in. Longest span 1182 ft. Depth of truss over each of the four intermediate 

piers such as B and D, 185 ft. There are two trusses 60 ft. on centers, made partially 

continuous by having the two cantilever arms joined together by rockers at C, thus 

making the structure statically indeterminate. 

portion of the bridg: 
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36. General Data for Cantilevers 

Live Loads on Large Bridges. Firth of Forth: 2240 Ib. per lin. ft. for each of two 
tracks. Memphis: 4000 Ib. per lin. ft. per track; single track. New Memphis: 
Cooper’s E-50 loading per track, 17-1/2-ton road roller and 100 Ib. per sq. ft. on high- 
ways. Wabash R.R. over Monongahela River at Pittsburgh: two consolidation loco- 
motives followed by 4500 Ib. per lin. ft. for each of two tracks. Thebes: for floor 
system, one concentrated load of 50 000 lb. followed by 5000 Ib per lin. ft. for each of 
two tracks; for trusses 20% less. First Quebec: trusses in general, (a) on each 
steam railway track 3000 lb. per lin. ft. for unlimited length, or (b) on each steam 
railway track two Cooper’s Class E-33 locomotives followed by a train of 3300 lb. per 
lin. ft., total length of train 900 ft., or (c) on each steam railway track one Cooper’s 
Class E-40 locomotive followed by a train of 4000 lb. per lin. ft., total length of train 
550 ft.; no loading on electric railway tracks, roadways or sidewalks; hangers, sub- 
diagonals and floor system, (a) on each steam railway track two Cooper’s Class E-40 
locomotives followed by a train of 4000 lb. per lin. ft., and (b) on each electric tailway 
track 50 000 Ib. on two axles 10 ft. apart with 20 ft. to leading axle of car following, 
and (c) on each roadway 24 000 lb. on two axles 10 ft. apart. New Cuebec: two 
Cooper’s E-60 engines and 5000 Jb. per lin. ft. on each track. Queensboro: main 
trusses, original specifications for “ congested ” load of 12 600 Ib. per lin. ft. of bridge 
as follows, two elevated railway tracks at 1700 Jb. per lin. ft. each, four trolley tracks 
at 1000 Ib. per lin. ft. each, 35.5-ft. roadway at 100 Ib. per sq. ft. or 3550 Ib. per lin. ft. 
of bridge, two 11-ft. sidewalks at 75 Ib. per sq. ft. or 1650 Ib. per lin. ft. of bridge, and a 
“regular ” live load of 6300 Ib. per lin. ft.; two elevated railway tracks added later 
increased original truss live loading from 12 600 to 16 000 and from 6300 to 8000 Ib. 
per lin. ft. of bridge for “congested” and “regular” loadings respectively; floor systems 
and secondary trusses, on each elevated railway track cars of four axles spaced 6-10-6 
ft. with 26 000 Ib. per axle, on each street car track cars of two axles spaced 10 ft. with 
axle load of 26 000 Ib. or 1800 Ib. per lin. ft. of track, on any part of roadway 48 000 Ib 
on two axles 10 ft. apart and 5-ft. gage covering a space 12 ft. by 30 ft. and on the 
remaining roadway surface 100 lb. per sq. ft., on the sidewalks 100 Ib. per sq. ft. When nearly completed the Queensboro bridge was found to be too weak to carry 
the above loads, so that it is not being used as originally planned. 

Unit Stresses in Pounds per Square Inch specified for some large cantilever bridges. Firth of Forth: maximum compression 17 000; maximum tension 16 350; ultimate tensile strength of steel 67 000 to 74 000 and ultimate compressive strength of 76 000 to 83000. Monongahela River at Pittsburgh: dead load compression 21 000 where U/r < 40; dead load tension 22 000; live load stresses one-half these values; ultimate tensilve strength for eyebar steel 63 000 to 73 000 and for plates and angles 60 000 to 70 000; shearing on rivets 10 000 for rivet steel of ultimate tensile strength of 52 000 to 63000. Queensboro: compression for structural steel under ordinary loads 20 000 — 901/r, and for congested loads 24 000 — 100 l/r; tension for nickel steel eyebars under ordinary loads 30 000 and under congested loads 39 000; tension for structural steel in main members of trusses, towers and bracing 20 000 for ordinary and 24 000 for congested loads respectively; shear on shop rivets 13 000 and 16 000 for ordinary and congested loads; full sized annealed nickel steel eyebars up to a maximum size of 16 in. X 2.5 in. were required to show a minimum elastic limit of 48 000, a minimum ultimate tensile strength of 85 000 and an elongation of 9% in 18 ft.; open-hearth structural steel eyebars, minimum elastic limit 28 000 and mini- mum ultimate strength of 56 000 and elongation of 10% in body of bar. First Quebec: compression, ordinary, 12 000 (1 + min./max.), extreme 24 000, both for l/r < 50; tension, ordinary 12 000 (1 + min./max.), extreme 24 000; structural steel with ultimate tensile strength of 62 000 to 70 000. 

Compression Members of large cantilever bridges in America are latticed box sections as shown in Figs. 125, 126 and 127. The Forth bridge members are hollow cylinders some of which are 12 ft. in diameter and made of plates, 1-1/4 in. in thickness, riveted together and stiffened by inside stiffening frames, Fig. 125 shows a section of a lower chord member of the ill-fated Quebec bridge, Fig. 126 of the Queensboro, and Fig. 127 of the Monongahela River 
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bridge. These are typical sections for the three bridges respectively. The 
segments of the Quebec chord were connected by latticing only, and except 
at splices there were no diaphragms, while the segments of the Queensboro 
and the Monongahela chords are braced by both latticing and diaphragms. 
The latticing and diaphragms are not completely shown here. The largest 

Fig. 125 Fig. 126 Fig. 127 

cfoss-sectional area of any compression chord in the Queensboro bridge is 
- 1072.1 sq. in. 

Typical Compression Chords of Large Cantilever Bridges 

Sectional Length 
Area of | Sectional area of of 

Bridge cross- area of lattice chord 
section lattice * rivets T 1 

Sq. In. Sq. In. Sq. In. Ft. In. 
Quebec (first)... 781 10 4.8 57 0-9/32 

Memphis (old). . 213 10 4.8 28 2-3/4 

Queensboro..... 852 25 4.8 31 6-1/8 
Thebes: . 72%. 189 11-1/4 4.8 30 6-5/32 

Monongahela. .. 262 14-1/2 ye) 30 6-1/32 

* Total area (measured at right angles to axis of lattice bar) of lattice bars cut by 
cross-section of chord. f+ Area of rivets connecting all lattice bars cut by a cross- 
section chord to outside web, one endonly. + Axis normal to latticing; not necessarily 
the least radius of gyration, 

The Lower Chord, L13-L14 of the New Quebec bridge, Fig. 128, adjacent 
to the main pier, has a cross-sectional area of 1902 sq. in., being about 42 ft. 
11 in. long and 10 ft. 3-1/4 in. wide. The depth of the lower chord diminishes 
in accordance with a regular taper of 1/32 in. in 12 in., from about 7 ft. 2 in. at 
the main shoe to 4 ft. 1-3/4in. at the end of the anchorarm. The chord section 
has four vertical ribs each consisting (_ 13-L 14) of 4 web plates with an 
aggregate thickness of 3-3/4 in.; 4 flange L.’s, 8 in. X 8 in. X 1 in.; 2 cover 
plates, 20 in. X 1-1/8 in.; 2 cover plates, 20 in. K 1-3/16 in. Each outer pair 
of ribs is connected at top and bottom flanges by 8-1/2 in. X 1 in. lattice bars, 
and at mid-height by a horizontal diaphragm consisting of 1 web plate, 
33 in. X 11/16 in., and 4 flange L’s, 8in. X 8in. X 5/8in. ‘The areas of 
these longitudinal diaphragms are included in the cross-section of the member. 

The webs are also strengthened transversely by cross (vertical) diaphragms 
about 15 ft. apart, having 10in. X 16-in. manholes. The 8-1/2 in. X 1-in. lattice 
bars have 2 rows of 3 rivets each in each end and 4 rivets at the intersection. 

The inner pairs of ribs are tied together by vertical and mid-horizontal 
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diaphragms and by tie plates in the planes of the flanges. The weight of 
L. 13-L. 14 is about 400 short tons. In order to facilitate shipment and 

erection this member was spliced at the center and each of the two sections 
divided longitudinally. The Main Vertical Post is 310 ft. between centers 
ofend pins. Its unsupported length is 145 ft. It is composed of four separate 
columns latticed together, its outside dimensions being about 9 ft. by 10 ft. 
Its cross-sectional area is 1903 sq. in.; its weight 1500 short tons and it was 

shipped in 26 pieces. 

The New Memphis Bridge compression chords also have four webs 42 in, 
deep reinforced with side plates, and 8 flange _’s 8in. X 8in. The maximum 

cross-sectional area is 445 sq. in. 

The Length of the Cantilever Arm for a given location may be varied 
considerably, but the location of the abutments and piers is generally limited 
by local conditions. In such a bridge as the Monongahela, Fig. 123, the 

central span between piers is determined by the width of the waterway, and 
the abutments are fre- 

1 quently located by other 

! similar requirements. If the 
abutments are fixed, the 
position of the piers should 
be such as to make the 

total cost of the bridge a 
minimum, which wiil prac- 
tically be when the material 
in the trusses is a minimum. 
On account of the varying 
live and dead loads, differ- 
ent shapes of trusses and 
different unit stresses, the 
relation between the length 
of anchor arm and _ the 
entire length of bridge be- 

Fig. 128 — . tween abutments can be 
expressed. only approxi- 

mately. With the general arrangement shown in Fig. 123, the anchor arm 
is usually about 0.20 L, the cantilever arm about 0.17 ZL and the suspended 

span about 0.26 L, where L is the total length between abutments. These 
values are average values only, and many cantilever structures have been 
built in which the ratios of lengths do not agree with the fractions given. 

Anchorages. Most cantilevers with a central suspended span require anchoring at 
each shore end of the bridge to produce a downward reaction on the anchor-arm truss. 

These anchorages usually consist of a series of eyebars attached to the end pin of the 
truss and extending down into the masonry where they are connected to girders. The 

anchorage for each end of each anchor-arm truss of the first Quebec bridge consisted of 
sixteen 10 in. by 2-1/16-in. eyebars connected by pins to a series of eight plate girders 
each 6 ft. deep and 17 ft. 6in. long. Above these girders was another layer of girders 
8 ft. 6 in. deep and 36 ft. long and above this a layer consisting of twelve 15-in. I-beams 
22 ft. long. The eyebars and the grillage of beams and girders were embedded in 
the masonry and grouted. In several of the large cantilevers the anchorages are placed 
in inspection galleries. 

37. Reactions of Cantilevers 

Reactions may be determined by ordinary methods when the structure is 

statically determinate as regards the outer forces, and by deflections when 
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statically indeterminate. A cantilever bridge having the points of applica- 
tion of all reactions known and having all bearing points but one arranged 
so that they can exert only vertical reactions on the truss is statically deter- 
minate as regards outer forces when the number of equations given by the 
manner of construction is equal to » — 2 where » is number of supports. 
Thus the reactions on truss in Fig. 129 may be found by statics because the 

Hinge Hinge 

WINN 

Fig. 129 

number of equations given by the method of construction, that is, by the 
insertion of a hinge at C and D, is equal tom —2 = 2. Similarly the truss 

_ in Fig. 130 is statically determinate because the two hinges, P and T, and 
the omission of diagonals in panel LM and the corresponding panel on right 
of center give the » — 2 = 4 equations required. Each hinge makes the 
bending moment at the section where it is inserted equal to zero. The 
dotted members in Fig. 129 and Fig. 130 receive stress only during erection. 

Reactions for Fig. 129, having a central suspended span and four supports. 
For a load on the anchor arm AB, R; and R»2 are upward; for a load on the 
cantilever arm BC, R; is downward and R»2 upward; in either case R3 and Ry, 
are each zero and R; and R, are as follows: 

x<h4+h RB: =WhL—x/h Re = Wx/lh 
The suspended span is a simple truss supported at C and D, and for a load on 
that span the pressure on cantilever arm BC at C =W(, +13 +13 — x)/ls 
and on cantilever arm DE at D = W(x — , —l»)/Iz; in this case Ry and Ry 
are downward, Rz and R; are upward, and their values are as follows: 

for x>4+1l, for x<i+h4+1; 

_ wth +1,+3;—x)le a Wi+l,4+1,-x)(L + lh) 

Re hl, ; Lb 
Risin We —1, —1.)(4 +1) Risto W«—1,-1,)l, 

Isl; Usls 

With a load on the portion DF, Fig. 129, there are reactions at Rz and R, 
only, and if « be taken as the distance from load to F, their values are the same 
as for R2 and R; respectively when the load is on the portion AC. 

With a uniformly distributed live load the maximum downward R (Fig. 129) and 
maximum downward Ry occur for live load covering the central span B to E; maxi- 
mum upward Rj and Ry, load spans and /; respectively; maximum Rg, load spans 
lh, lz and 13; maximum R3, load spans /3, J4 and /5. 

Reactions for Fig. 130, having a central suspended span and six supports, 

only three of which are shown. Hinges at P and T make the bending 

moments at those points zero; and the omission of diagonals in panel LM 

makes the shear in that panel zero; when the top and bottom chords in panel 

LM are horizontal, and therefore Mz = M3. If one of the chords in panel LM 

were inclined, the shear in that panel would be equal to vertical component of 

the inclined chord, and M2/hz = M3;/hs, where M2 and M3, he and hg are the 
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bending moments and heights at supports 2 and 3 respectively. For a con- 
centrated load on the anchor arm GL reactions exist at R; and R» only, and 
this arm is a simple truss supported at R, and Re. With the load on the 
cantilever arm MP distant x; from M there are reactions at Ri, Re and R3; 

Ri being downward, R2 and R3 upward, and their values are 

v Ww: rySoley Rie Rye 

Fig. 130 

For a load on the suspended span PT, reactions exist at the six supports, 
the end ones (at the two abutments) being downward and the four central 
ones (at the piers) being upward. 

38. Stresses in Cantilevers 

Stresses in Truss Members may be computed directly or found with aid 
of influence lines. Let it be required to compute maximum tension, Pz_y,, 
in top chord member LM in Fig. 130, for a dead panel load of 10, all on top 
chord, and a live panel load of 20 thousands of pounds. Let the panel length 

be 20 ft.; depth of truss at L and M 40 ft., and at H 20 ft. Pass a vertical 
section through LM, consider forces on right of the section and write moment 
equation about the origin of moments, namely, R3. The live load should 
be placed on all top chord panel points between M and T. The moment 
equation for dead loads is: 

10(20 + 40) + 2.5 X 10 X 60 — 40Pz-y = 0, 

and Pzy-y for dead loads is 52.5 tension. Live Pie = 2X 52.5 "41005:0 
thousands of pounds tension. 

Maximum Stresses in Top Chord Member JJ (Fig. 130). Pass vertical section 
through IJ, consider left side of section and take origin of moments at lower chord 
joint 25 ft. under J. Effective dead load Ry =— 10 (26 + 40)/100 — 2.5 (10) 60/100 
+ 2 (10) =— 1.0, the minus sign denoting a downward reaction. Moment equation 
for dead loads about origin of moments is 

25 Pi-y — 10 X20 —1 X 40 = 0 

from which Py-y for dead loads is 9.6 tension. _ For live tension, load all panel points 
between M and T, and for live compression load joints H, J, J, K. 

e [20 (20 + 40) + 20 X 2.5 x 60]40 

a 100 X 25 = 
40 X 40 — 20 * 20 

25 

Combining the above live and dead stresses: maximum tension in JJ = 76.8 and 
maximum compression = 38.4 thousands of pounds. 

Maximum Stresses in Vertical Kk (Fig. 130). Origin of moments 60 ft. to left of 
Ry. Effective dead load R; is 1.0 downward, as previously found, hence dead load 

Live tension, P7—y 67.2 

Live compression, Py—y = 48.0 
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causes compression in Kk. For live load in any position on the bridge there is com- 
pression in Kk. Dividing the moment above the origin by the lever arm of the bar, 
140 ft., 

1 X 60 + 10 (80 100 120 140 
Dead compression, PK-k = — ee oer = 31.86 

Liye compression = 2 X 31.86 = 63.72, and the maximum compression is 95.58, 
There can be no tension in Kk. 

The Maximum Uplift at Abutment G (Fig. 130) occurs when the live 
load covers the central span from M to T. Under dead loads alone the 
effective reaction Ri is 1.0 downward, brit the total dead R: is really upward 
and is 5.0 — 1.0 = 4.0 if the dead load on the joint G be 5.0. The maximum 
live uplift, that is, the maximum downward live Ri, is 20(20 + 40) + 20 
2.5 XK 6C/100 = 42.0, hence the true maximum uplift is 42.0 — 4.0 = 38.0. 

39. Influence Lines for Cantilevers 

Definition of Influence Line. If a load of unity is allowed to pass over 
a structure, and at each position of the load there is plotted the shear, moment, 
reaction or stress which exists at some fixed section of the structure, the 

A. B Cc D 

WNW 
Panels 20 ft. 1 

‘ 
1 
! 
1 
! 

Influence Line for Reaction Ry 

; 

Influence Line for Stress in Diagonal 3-4 

{ 

Fig. 131 

resulting curve is called an influence line. These lines are useful in deter- 
mining what portion of a structure should be loaded with a live load to produce 
the maximum or the minimum effect, and in determining the amount of the 
effect. For example, Fig. 131 shows the influence line for reaction R; and the 

influence line for stress in diagonal 3/—4. 

Influence Line for Reaction R, (Fig. 131). Let the load of unity approach from 
the right. There is no reaction at Rj until the load is to the left of hinge D, and as 
the load moves from D to C, R, gradually increases until the load gets to C, when its 
valueis — 1 X 40/100 =— 0.40. As the load moves from C to A, Ry gradually changes 
from a'downward force of 0.40 to an upward one of 1.00, passing through zero at iB: 
Upward reactions are called positive and are plotted above the horizontal axis in the 
diagram. With a uniform dead load the value of R; is found from the influence line 
by multiplying the load per foot by the algebraic sum of the areas of the positive 
and negative triangles, and with a uniform live load the maximum upward or down- 
ward live R, is found by multiplying the live load per foot by the area of the positive 

and negative triangles respectively, the load in the first case being placed only over 

the positive triangles and in the second case over the negative triangles. 
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Influence Line for Stress in Diagonal 3-4 (Fig. 131). As the load of unity 
approaches from the right the stress in the diagonal is zero until the load passes D, 
when the stress gradually increases until the load is at C. With load at C the stress 
is most easily found by considering forces to the left of a vertical section through the 
diagonal 3’-4 and taking moments about the origin, which is 60 ft. to the left of R. 
This stress is 0.40 X 60 & 32.02/120 X 25 = 0.256 tension, and is plotted at the 
load, namely at C. “As the load moves from C to joint 4 the stress changes uniformly 
from tension to compression, and when it is at 4 the compression in the diagonal is 
0.256 which is plotted at the load at 4. When the load crosses the panel 4-3 the stress 
changes from compression to tension and during the remainder of the movement to 
A there is tension in the bar 3’-4 as shown. Given a dead and a live load of 1000 and 
2000 lb. per ft. per. truss respectively, let it be required to find the maximum tension, 
P3’—4, in bar 3’-4. The area of triangle X, Fig. 131, is 54.55 & 0.683/2 = 18.63, 
of Y 5.82 and of Z 20.48. The units used are the foot and the pound. For tension 
in 3-4 the live load must cover the distances represented by the bases of the triangles 
X and Z, hence live P3’-4 = 2000 (18.63 + 20.48) = 78 220 lb. tension; dead P3’—4 
= 1000 (18.63 + 20.48 — 5.82) = 33290 lb. tension; total tension, P3'4 = 
111 510 lb. 

Stresses from Concentrated Loadings are most readily found from the influence 
lines. The latter are nearly always triangular. (Exceptions: the Queensboro Bridge 
and continuous bridges.) See X, Y, Z, Fig. 131. The position of the loading lying 
between the joints 14 and 6, producing maximum tension in the diagonal 3’—-4, is the 

same as that which would produce the maximum moment at a point 8 in a simple 
span of length 6-14. The triangular influence lines enclosing the areas Y and X may 
be used in a similar way for the groups of loads in these respective portions of the 
bridge, those in X causing additional tension in 3’—4, and those in Y compression. 
The L.L. stress is obtained still more quickly when a table of equivalent uniform 
loads, such as.is given for M—60, page 1171, is at hand. Thus, for the part 14-6, 
1; = 40, lg = 120. For M-60, w = 8617. The maximum tension = 20.48 X 8617 
= 176650. For loads in X, 1; = 14.56, /2 = 40, w = 12 000, and maximum ten- 
sion = 18.63 X 12 000 = 223 560. The total tension in the diagonal 3-4 = 176 650 
+ 223 560 = 400 210. 

40. Deflection of Cantilevers 

Displacement or Williot Diagram (Figs. 132, 133, 134). This is a graph- 

ical determination of the exact displacement of all points of a truss for a given 
loading. It is applicable to all cases where the changes in lengths of the truss 
members can be found. There are three steps in the solution as illustrated by 
the determination of deflections of all joints of truss in Fig. 132, which shows 
the diagram of truss drawn to scale, the joints lettered, the bars numbered in 

order in which their deformations are laid off in Fig. 133 and the changes in 
lengths of the various bars due to the loading shown, these changes due to 
stress being found by dividing the actual unit stress for each bar by the modu- 
lus of elasticity. The second step is to draw the displacement diagram by 

beginning at any joint and assuming this joint fixed in position and one of the 
bars at the joint fixed in direction. Usually start with a bar which appears to 
have a small movement. On lines parallel to the bars in the truss diagram lay 
off the changes in length for the bars and erect perpendiculars to these deforma- 
tions. Thus, in Fig. 133, starting with joint A as fixed in position and bar 
AB fixed in direction lay off to scale and to the right from A’ the change 
+ .008 in. for the bar AB, thus locating A’ B’; then from A’ lay off — .011 in. 
for bar Ab, marked 2 in Fig. 133, and erect a perpendicular to this line, and 
similarly with bar Bb, or number 3, thus locating 6’, A’b’ showing the actual 
movement to scale of point b with respect to A and the fixed direction AB. 
Continuing in this way the displacement diagram is finally ended by locating 
G’. Care must be taken to lay off the deformations in proper directions; thus, 
bar Ab is in compression and its deformation is laid upward and to the left 
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Fig. 134: 

AB, (el 

Figs. 132, 133, 134. Displacements for a Cantilever 
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from A’. This diagram has been drawn on the assumption that A is fixed, 
whereas ¢ is really fixed and A can and does move horizontally. The third 
step then is to rotate the truss about e, the real fixed joint, till all bars in the 
truss in Fig. 133 are at right angles to the corresponding bars in Fig. 132. 
This is here done by moving A’ horizontally until A’’e’ is at right angles to Ae, 

then completing truss A’’G’’c’’. The true displacement of any joint is shown 
in Fig. 133; for example, joint A has moved to the right a distance A” A’; 
E has moved to the right and downward from E” to £’. Fig. 134 shows a 
part of Fig. 133 on an enlarged scale, and is here made necessary on account 
of the reduction in printing. 

The displacement diagram not only shows the final resultant motion of each joint 
but it also shows the horizontal and vertical motion as well. Thus, while joint A 
has moved only horizontally to the right a distance equal to A” A’, joint B has moved 
vertically a distance equal to the vertical projection of B’’B’ and horizontally a dis- 
tance equal to the horizontal projection of B’’ B’. 
Two scales are necessary, one of distances for the truss diagram in Fig. 132 and the 

other for the deflections in Fig. 133. 

ARCH AND SUSPENSION BRIDGES 

41. Types of Arches 

Classification. An arch is a structure which under any and all loads pro- 
duces inclined reactions at the supports. Arches are classified as to the 
number of hinges used in one rib, there being three-hinged, two-hinged, 
one-hinged and hingeless arches. When three hinges are used there is 
one at each support and one at the crown; when only two hinges are used, 

one is placed at each support; and if an arch has only one hinge it is located 
at the crown. Hingeless arches are also called fixed or continuous. Struc- 
tures with only one hinge are seldom built, but the other types are common. 
As to the arrangement of the ribs, arches are also classified into two types, 
namely, those having solid webs extending between and connected to the 
flanges and those in which the webs are open and consisting of web members 
connecting the upper and lower chords in the same manner as in ordinary 
trusses. In ribs having solid webs both flanges are usually (though not 
always) curved, thus-making the rib a curved plate girder. Ribs with open 
webs may be either spandrel-braced, in which case the upper chord is hori- 
zontal and the lower is curved, or they may have the two chords curved, either 
parallel or lune-shaped, and be connected by the web members, thus forming 
what are sometimes called trussed-arch ribs. There are, then, spandrel- 
braced, trussed-arch, and solid ribs, and any one of these may be hinged or 
fixed. 

Historical and Descriptive. The earliest metallic arch of note in the United States 
is the cast-iron hingeless arch bridge carrying Chestnut St.-over the Schuylkill River 
in Philadelphia. This bridge was completed in 1866, and has spans of 185 ft., and 
the ribs, bracing and floor plates are all of cast iron. The Eads bridge in St. Louis 
having a span of 519 ft. 9-3/8 in. and the Kaiser Wilhelm bridge over the Wupper 
River in Germany with a span of approximately 558 ft. are the longest hingeless 
arches' in the United States and Europe respectively. Longest three-hinged arch- 
bridge in the United States is the 618-ft. span at the Grand Canyon, Ariz. Longest 
arch span is the two-hinged highway bridge across the Kill van Kull, Staten Island, 
N. Y., with a span of 1675 ft. Longest three-hinged arches for supporting roofs were 
used in the Manufactures and Liberal Arts Building, Columbian Exposition, Chicago, 
1893, the span being 368 ft. 
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42. Two-hinged Arches 

Notation. Ax and Ay, horizontal and vertical movements respectively of origin of 
coordinates of a curved beam: Ad@, angular movement of axis of curved. beam at origin 
of coordinates. M, bending moment of vertical forces at point on arch axis (gravity 
axis), xand y, coordinates of a point on arch axis. ds, elementary length of arch axis. 
E, modulus of elasticity of material. J, moment of inertia of cross-section of rib. 
Io, moment of inertia of cross-section of rib at crown. c, coefficient of linear expan- 
sion, #, change in temperature in degrees Fahrenheit from normal. ‘S, average value 
of compressive unity stress. Z,length. A, area of cross-section of bar. U, stress in 
bar due to load of unity acting horizontally at one hinge of bracedarch. P, stress in 
bar of braced arch due to vertical loads and vertical reactions. 

Important American Arch Bridges 

Date 
Num- of 

Span Nature of Location | RR. or | ber | com 
crossing Hy. of ple- 

| hinges tion 

Ft. In. 
1675 0 Kill Van Kull..... Staten Island, N. Y........ Hy. 2 1932 
977 6 East River 3: ...... ie Gate, N. ¥.: scarce R.R. 2 1917 
840 0 Niagara River... .|Niagara Falls, N. Y.....«-. Hy. 2 1898 
640 0 Niagara River... ..|Niagara Falls, N. Y........ R.R. 2 1924) 
618 0 Colorado River....|Grand Canyon, Ariz....... Hy. 3 1928) 
592 0 Colorado River....|Topock, Arizi..v........-. Hy. 3 1916) 
591 0 Cuyahoga River...|Cleveland, Ohio........... Hy. 3 1917 
550 0 Niagara River....|Niagara Falls, N. Y........ R.R. 2 1897 
540 0 Connecticut River.|North Walpole, N. H....... Hy. 3 1905 
535 0 Willamette River. .)Portland, Ore............. Hy. 3 1926) 
519 9-3/8 |Mississippi River..|St. Louis, Mo,............ R.R.Hy.| 0 1874 
508 9-5/8 |Harlem River..... Washington Bridge, N. Y...| Hy. 2 1889 | 
501 8-1/8 |Mississippi River. .|St. Louis, Mo............- R.R.Hy.} 0 1874 

456 0 Mississippi River. .|Minneapolis, Minn........ Hy. 3 1889 

448 8-1/4 |Rio Grande River.|Costa Rica............... R.R. 2 1902 
440 0 Pittsburgh Jn. R-R.|Oakland, Pittsburgh, Pa....)) Hy. 0 1907 

428 0 Genesee River....|Driving Park Ave., Rochester} Hy. 3 1890 

423 6 Niagara River... .|Buffalo-Ft. Erie.......... Hy. 3 1927 

400 0 Whitewater River. |Richmond, Indiana........ Hy. 3 1886 

360 0 Magdalena River. .|Honda, U.S. of Colombia...| R.R. 3 1884 

360 0 Gulley and 3 streets|Hawk St., Albany, N. Y....| Hy. 3 1890 

360 0 Panther Hollow...|Schenly Park, Pittsburgh...| Hy. 3 1898 

355 0 (Oak Orchard Creek|Main St., Waterport, N. Y..| Hy. 2 1900 

340 0 Fraser River...... idler, teil bee Cera bee te aaa Hy. 3 1888 

336 0 Stony Creek...... Near Bear Creek Sta., B. C..|_ R.R. 3 1893 

330 8 Crooked River.....|Oregon........-+--+++-+> Hy. 2 1926 

327 0 Papolopen Creek. .|Palisade Interstate Park,N.Y.| Hy. , 1916 

290 4-1/2 |Surprise Creek... .|Near Bear Creek Sta., BlCy, |) R.R: 3 1897 

270 0 Salmon River..... Near Keefers Sta., B.C....) R-R. 3 1893 

258 0 Mississippi River. .|Hennepin Ave., Minneapolis} Hy. 3 1888 

258 0 Mississippi River. .|Hennepin Ave., Minneapolis Hy. Z 1891 

240 5 Spokane River. ...|Post St., Spokane, Wash...| Hy. 3 1893 

240 0 Spokane River... |Post St., Spokane, Wash. . . R.R. 3 1903 

240 0 CAN OMiics ese ot Near Skagway, Alaska..... R.R. 3 1901 

234 0 |Six Mile Creek....|Stewart Ave., Ithaca, N. Y..) Hy. 3 1896 

216 0 Salmon River..... Pulaski; NOW, 0%. beaters oe Hy. 3 1888 

210 6-7/8 |Mahoning River... | Youngstown, OHIO. 3. 20 &. ih ys 2 1899 
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Arches with Two Hinges have less deflection at the crown due to changes 
in temperature, and are more rigid than those having three hinges, but 
the temperature stresses are large and any horizontal movement of one 
support produces stress throughout the arch. The two hinges are placed at 
the supports, and the arch may be spandrel-braced or may have two or more 
tibs with solid or open webs. The two arches over Niagara River are typical 
structures, the Grand Trunk Railway bridge being a deck spandrel-braced 
structure with span of 550 ft., carrying two railroad tracks on the upper 
deck and a highway immediately under this deck. The Niagara and Clifton 
bridge is near the Grand Trunk bridge and carries a highway on the upper 
deck, the highway being supported on vertical columns which are carried 
by the curved trussed ribs. 

Deflection of a Curved Beam. If beam OA (Fig. 135) is fixed at A and 
is free at O, the horizontal, vertical and angular movements of the axis of the 
beam at the origin of coordinates O are 

_ (4 Myds _ (A Mxds _ (4Mds 
oe a EI ey FI ® = Jo EI 

Reactions on Arch with a Solid Web (Fig. 136). An arch with two hinges 
is statically indeterminate as regards the outer forces, one condition or equa- 

Fig. 135 

tion being required in addition to those of statics. This additional equation 
may be obtained by the principle of least work or by deflections. 

yds 

EI 

yids 
EI 

This equation for H can be integrated only when the equation of arch axis 
is known, in which case M, ds and J must be expressed in terms of the coor- 
dinates x and y. The integration extends over entire length of rib. If the 
material and the cross-section of rib are uniform for whole length the value 

i} Myds 

Sys , 
so that the integration cannot be performed, the value of H for an arch 
of uniform material and cross-section may be determined approximately by 
dividing the axis into a number of equal parts and letting M be the bending 
moment due to vertical loads and reactions and y the ordinate at the center 

{ =M 
of each division, H = =a where 2My denotes the summation of the 

Vi = Wii — k) V2. = WE H= 

of H becomes H = In case the arch axis is not a regular curve 

various products of M and y for the center of each division and Ly? the 
summation of the squares of the several ordinates to these centers. In all 
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of the above equations for H the effect of shear and axial force is neglected 
and only the effect of the moment is considered. 

Parabolic Arch Rib with Solid Web Po, 
Ro ton Line or Reaction L© us 

1 
' 
1 

‘Fig. 137). A parabolic arch rib is | 
one which has a parabola for an axis, Ke Iol 4 Parabola 
the vertex being at the crown. The Le 

bending only and. assumes a rib-of ~£ 
uniform material but witha moment % 
of inertia varying from a minimum | 

skew-back hinges; the moment of Fig. 137 
inertia at any section equals that 
at the crown times the secant of the angle the arch axis makes with the 

formula for H gives its value for 

A 2 

at the crown to a maximum at the y L | 

horizontal at that section. 

Vi = Wl —k) V2 = Wk 
_ swl , _ 16h 

salbed \ Ses talons 7"TTE-w 
Effect of Temperature on Arch Ribs with Solid Webs. A rise in the 

temperature tends to increase the span length and a fall in temperature to 

decrease it. If the span cannot change, a horizontal reaction is exerted on 

the arch at each support, and temperature stresses are produced within the 

rib. For the general case, Fig. 148, the horizontal reaction is 

ee mia 

f y’dx 

For a parabolic rib, (Fig. 137), with solid web this equation for horizontal 

reaction becomes H = 15EIoct/8h?. The temperature range ¢ is frequently 

taken as + 75° Fahr. from the mean temperature of 50° Fahr. For a rise 

in temperature above normal, ¢ is positive and the reactions H act inwardly 

and for a fall in temperature below normal, ¢ is negative and the reactions H 

act outwardly. The bending moment at any section due to temperature is 

Hy, being positive for a fall and negative for a rise in temperature. I is here 

assumed to increase from the crown towards the abutments. 

Rib Shortening in Arch Ribs with Solid Webs. The compression of the 

rib due to the thrust acting along the arch axis shortens the arch axis and 

produces outward horizontal reactions at the supports. The horizontal 

reaction is 
Sil 

For general case (Fig. 136) bm 

For the parabolic rib (Fig. 137) H =— Sh? 

Rib shortening is similar in effect to a 
fall in temperature. The moments are 

all positive. For a rib having a small 

rise the effect of rib shortening should 

not be neglected. 

Reactions on a Braced Arch due to 
Vertical Loads. If in Fig. 138 the arch 
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closing line ad till it intersects 8k which is parallel to Re. 8% and ho give the 
magnitude and direction of Ro and Ri respectively. With the reactions 
known, a stress polygon showing all stresses in both portions of the rib is 

-a i 
Foasl ban ee 2 

i 
' 
' 

Influence line for H 
horizontal component ' 

of LO t 
' 

Fig. 139 

drawn in the usual way by beginning at joint @. These stresses may be 
checked algebraically by method of moments, using the true equilibrium 
polygon; this polygon being started through a, using the first force polygon 

Fig. 140 

with & as the pole, the reaction R; = ko being drawn through a till it intersects 
P;, then the string 1 till it meets Pz, and so on. The true polygon finally 
passes through the three hinges. By method of moments the stress in a bar 
is equal to moment at the origin of moments divided by the lever arm. 

Computation of Reactions and Stresses for Spandrel-braced Arch. With a dead 
panel load of 20 and a live panel Joad of 40 thousands of pounds per truss, required the 
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maximum stresses in lower chord Lg (Fig. 139). Passing a vertical section g—g through 

Lg, taking origin of moments at 16 and drawing the line az through 10, it is seen that 

for a load to right of the bar Lg is in compression, for a load at m Lg is zero, and 

when the load is to left of m Lgisin tension. For maximum compression, load joints 

1 to 9 inclusive, and for maximum tension joints 10 and 11. Loads at 0 and 12 produce 

stresses in end-posts only. Consider first the dead load. For this loading the thrust 

at crown hinge is horizontal, and by taking moments about a for left half of rib is 

found to be 6 X 20 X 3 X 15/36 = 150. With origin at 10 and considering the part 

of rib between 6 and section g-g the dead load stress in Lo=sec@ [150 X4+ 

20 (15 + 30 + 45) + 10 X 60] /20 = 165.53 = compression; where @ is angle Lg 

makes with horizontal. For live load tension, loads on joints 10 and 11 cause Vo= 

40 (1 +2)/12 =10 and H = V2 XK 90/36 = 25, and considering the part of 

structure between ¢ and g-g with origin at 10, the moment equation is 20 Lg/sec @Q—10 

x 150 +25 X40 =0; Ly = 27.59 = tension. The live load compression in Lg is 

most easily found as follows. Since ratio of live to dead panel load is 2, the compres- 

sion in Lg for full live load only = 2 X 165.53 = 331.06, and compression for live 

loads on joints 1 to 9 inclusive is full live load compression plus live load tension due 

to live loads on 10 and 11, or maximum live compression Lg = 331.06 + 27.59 = 

358.65. Results: maximum compression = 524.18 and minimum compression = 

137.94. 

Influence Line for horizontal component of stress in Is is shown in 

Fig. 139. This influence line consists of three straight lines the ordinates 

to which represent the horizontal components of stress in Ly due to a load 

of unity on the portions 0-6, 6-10, and 10-12, respectively. It is only neces- 

sary to compute the ordinate at 6 and 10. With load at 6 the moment 

at 10, Fig. 151, divided by 20 ft. gives the horizontal component Of Lo. = Ano 

compression and this is plotted at joint 6, similarly with load of unity at 

10 the ordinate at 10 is 5/12 tension. The horizontal component of Lg 

may now be found from the diagram either by multiplying the areas of 

the triangles by the load per foot, which gives exact results, or by multi- 

plying the ordinates to the influence line at the panel points by the panel 

load giving approximate results that are slightly larger than the exact. For 

example, using dead and live panel loads of 20 and 40 respectively, the follow- 

ing results verify those obtained in the preceding paragraph, which are com- 

puted by the usual approximate methods. Live tension in Ly = (40(1 + 

1/2)5/12] sec @ = 27.59. Live compression in Ly = [40(1/8 + 2/3 + 29/24) 
+ 40(1 + 5/6 +4/6 + 3/6 + 2/6 + 1/6)1.75] sec @ = 358.65. 

The Position of Live Load for Maximum Stress in a given bar must be 
determined for each case. For example, the point , Fig. 139, is the neutral 
point for bar Lo, and if a load is placed on the right of m as at joint 8, the 
left reaction acts through a and through the intersection of position line bc with 
the vertical at 8, and since the left reaction is the only force acting on left at 

section g-e, the moment at origin of moments 10 is negative, hence Ly must 
cause a positive moment about 10 and is compression. Similarly for a load 
to left of m, Py is tension. With a system of concentrated loads the influ- 
ence line is useful. Referring to Fig. 139, the part of the influence line from O 
to n is the same shape as an influence line for bending moments at joint 6 on a 
simple span of length O-m, hence the position of loads for maximum compres- 
sion in Lo is the same as the position of loads that will cause maximum mo- 
ment at 6 on span O-n, and the maximum tension in Ls is catised by the same 

position of loads as will cause maximum moment at 10 on spam {2-n. 

44, Fixed Arches 

Notation. 4; and yo = ordinates of points of application of reactions at left and 
right ends respectively, dy = elementary length of arch axis, H = modulus of elasticity 
of material, J = moment of inertia of cross-section of rib, Jo = moment of inertia of 
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cross-section of rib at crown, MZ = moment at any point on left half of arch axis 
of all outer loads between that point and the crown, Mk = moment at any point on 
right half of arch axis of all loads between that point and the crown, m = number of 
divisions into which each half of arch axis is divided; He, Vc, Mc, respectively, are the 
thrust, shear and moment at crown, zs = ordinate of the reaction locus, M@,; = moment 
at each support, c = coefficient of linear expansion, ¢ = change in temperature in 
degrees Fahrenheit from normal, S = average compressive uit stress. 

A Fixed or Continuous Arch has no hinges, and it is so rigidly held at its 
ends that the arch axis cannot change its direction at those points. Arches 
without hinges are more rigid than those having hinges, have greater tem- 
perature stresses and are more affected by settlements of the supports. 

Reactions for Fixed Arches. With vertical load W as shown in Fig. 141 
there are five unknown quantities Vi, Vo, H, 41, ¥2 to be determined to com- 
pletely find the reactions. The following five equations give relations between 
these unknowns: . 

Vi+V:-W=0 “Wkl -— V.l + Hy: + ys) =0 
Myds =0 Mxds 0 f Mds 

Je 0) an 0 EI o EI 
The first two of the above equations are from statics and the last three from 
the conditions that the horizontal, vertical and angular movement of the 
arch axis at the origin of coordinates A is each equal to zero. Moment at 
A is Hy;, at Bis Hy, and at any point Dis Hy. 

Arch Origin of 

‘Axis Co-ordinates 

Fig. 141 Fig. 142 

The Thrust, Shear and Moment at Crown of a fixed arch (Fig. 142) hav- 
ing a shape such that the integration of the preceding paragraph cannot 
be performed, are given approximately by the following formulas, which 
assume the arch axis to be divided into short lengths such that the ratio. of 
the length of each division, ds, to the moment of inertia, J, at center of division 

is a constant. 

m>2Mry + m=Miy — 2Mr2y — 2MiZzy 

te 2 (my? — (Zy)’] 
DMix — 2Mrx DMr + 2Mt — 2HeLy 

Wes metla-eerpns seer 25t Mins dlc eer ees ts oe 
2 =x 2m 

In these equations numerical values of Mr, Mx, x, and y are positive; the 

summations cover one-half the length of the span only; a positive value of 

M, denotes a positive moment at the crown and a negative value denotes 

a negative moment there; for a positive value of V¢ the Jine of pressure at 
the crown slopes upward towards the left and for a negative value upwards 

towards the right. : 

Reactions for a Parabolic Arch Rib having fixed ends anda variable 

moment of inertia of cross-section (Fig. 143). The modulus of elasticity is 
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assumed constant and the moment of inertia assumed to vary from the crown 
to the abutments; at any section being equal to the moment of inertia at the 
crown times the secant of angle of inclination of arch axis at that section, 

Vi.= W(1 + 2k)(1 — k)? V2 = W(3k? — 2k°) 

15 Plk? 10k —4 
= — 2 = 

Reinga fimk si 5 ete 
_6h 6-10, 

ye. 72 * isa, —k) 

| ets Moment =0 
A 

Lem — 
WP ea fo 

Fig. 143 Fig. 144 

The lines of reactions are tangent to a curve which consists of parts of two 
hyperbolas. 

Temperature Stresses in a Parabolic Rib (Fig. 144). 

45 Elyct 2h an 2 Hh 

4h? 3 3 

For a fall in temperature the moment at each support is negative and the 
reaction H acts outward as shown in Fig. 144; moment at any point such as 
A is Hu, and is negative at all points below line BC and positive at all points 
above BC. For a rise in temperature the reaction H and the moments are 
opposite to those in Fig. 144. 

Rib Shortening for a Parabolic Rib causes outward horizontal reactions H 
and bending moments like those for a fall in temperature. 

45 SI 2h 2 Hh 

sO a ee ae 

H=+ 

Hs 

45. Suspension Systems 

Historical and Descriptive. A suspension bridge consists of a floor sus- 
pended from cables or chains which are supported by passing over towers and 
by being anchored to the earth at their ends. In the early suspension bridges 
chains were used, but they were soon superseded by wire cables. To prevent 
undue oscillation or deflection the cables are provided with stays or stiffen- 
ing trusses or else are trussed. When the cables are trussed they are usually 
made of eyebars, and the system then becomes an inverted arch suspended 
between the tops of the towers and having the inward pull from the main 
arch span resisted by an outward pull from the back stays extending from the 
top of each tower to the anchorage in the earth. The first suspension 
bridge of note in the United States was built in 1801 by James Finley at 
Greensburg, Pa., and had a span of 70 ft. carried by chains. The Chain 
Bridge near :Newburyport, Mass., was built in 1810 by John Templeman 
on Finley’s design, was strengthened in 1900 and again in 1910. The first 
wire suspension bridge in America was a foot bridge of 408-ft. span built 
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in 1816 over the Schuylkill River; in Europe the first one was built in 1834 

at Freiburg. In 1855 John A. Roebling completed the Niagara suspension 

bridge, which had a span of 821 ft. 4 in. and carried a railroad on the upper 

and a highway on the lower deck; wooden stiffening trusses 16 ft. deep were 

American Suspension Bridges 

Number | Date of 
of of com- 

cables | pletion 
Location 

= 

Crossing 

Hudson River..... New York (Ft. Lee) ss.% secu, 4 1932 

Detroit River.....| Detroit, Mich.............. ere 2 1930 

Delaware River... .| Philadelphia-Camden........... 2 1926 
ee Te! CAM SG aie reer eZ 1924 

note EA New York (Williamsburgh Bridge). 4 1904 

By eee. tare New York (Brooklyn Bridge)..... 4 1883 

rae Poughkeepsie, N. Y.........-.6. 2 1929 

EPA. New York (Manhattan Bridge)... 4 1909 

cS Mt. Hope Bay.....] Rhode Island...+.....+-+.+-+++ 2 1930 

Strait of Atlantic O.| Florianopolis, Brazil.........-.- 2 1926 

PRET iced Seete Gincianati,, Ohio:.5--02;,.,-.-62- noe 4 1867* 

Ojuela River...... Mampimi, Mexico.............. / 1900 

Ohio River....... Wheeling, W. Va.......-+-+---> 4 1849¢ 

Cauca River...... Occidente, Antioquia, Colombia... 4 1894 

Bole scale Rochester, Pai. . ofA OF. 9.7 2 1897 

Niagara River..... Lewiston, N..¥.; Queenston, Ont.. wv) 1899 

Ohio River,.....- Parkersburg, W. Va......--+-+-- Zz 1916 

Ohio River....... East Liverpool, Ohio...........- 2 1896 

Rondout Creek....}| Kingston, N. Y.......+-- ee ee ee? 2 1922 

INO BAVEE: «0 oe © Galliopolis; Ohio.,......--++2-% 2 1928 

ee ee Steubenville, Ohio......--+.++- 2 1905 

ye the Capertown, W. Va.......-++-++- 74 1903 

SSIs Waco; Texas . .'- .j eee cece eens 2 1870 

Allegheny River...| Warren, Pa.....---+-eeeeeeeees 2 1871 

Guyan River...... Guyandotte, W. Va......+0.-++- 4 1848 

Allegheny River. ..| Pittsburgh, Pa........-.-+.+++++ Z 1926 

Railroad tracks....| Grand Avenue, St. Louis, Mo..... 2 1891 

Kennebec River. .-:| Waterville, Maine.......++++++- 2 1903 

* Rebuilt 1895-98, two new cables being added above the two old ones. t Rebuilt 

41854 and 1862. Before the reconstruction in 1862 the bridge had twelve cables 

arranged in two groups of six each, placed side by side. 

used. In 1880 iron trusses replaced the wooden ones in this structure, in 

1886 wrought-iron towers replaced the stone towers, and in 1897 the structure 

was replaced by a two-hinged spandrel-braced arch. The largest suspension 

bridge in the world is now under construction across the Hudson River at 

New York. It will have a central span of 3500 ft. The present (1928) 

longest suspension bridge is the one across the Delaware River at Philadelphia. 

It has a central span of 1750 ft. 

46. Cables 

Notation. w = intensity of load at point having coordinates x and y. H 

horizontal component of tension in cable. T = tension in cable at any point. w 

uniform load per horizontal unit of length. / = horizontal length of span of cable. 

h = sag or vertical distance from lowest point of cable to its support at top of tower. 

i, = length of cable between towers. 
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Cables for small bridges are made of wire rope, and for large structures 
they are made by compacting a number of steel wires into cylindrical form 
and clamping them in this shape by means of steel clamps placed above the 
panel points of the stiffening trusses thus serving as saddles for the suspenders, 
Each of the four main cables of the Manhattan bridge in New York is com 
posed of 9472 parallel wires arranged in 37 strands, each wire being 0.192 in- 
in diameter before and not over 0.197 in. in diameter after galvanizing- 
These cables are approximately 20-3/4 in. in diameter, and are wrapped with 
galvanized-iron wire and painted. The Williamsburgh bridge in New York 
has four main cables, each 18-3/4 in. in diameter and each composed of 7696 
wires arranged in 37 strands clamped together and covered between clamps 
with cotton duck soaked in oxidized linseed oil and varnish gum composition 
and with a sheet-iron shell. The Delaware River bridge has two main 
cables, each 30 in. in diameter composed of 18 666 wires arranged in 61 
strands of 306 wires each. Each wire galvanized has a diameter of 0.196 in. 
Each of the two Bear Mountain bridge cables is made up of 37 strands of 196 
wires each, making a total of 7252 wires, and has a finished diameter, after 
compacting and wrapping, of 18 in. The new Hudson River bridge at 
New York has four-main-cables, each 30 in. in diameter, of 26474 wires 
arranged in 61 strands of 434 No. 6 galvanized wire, 0.196 in. diameter 
over galvanizing. Each cable will have a total steel area of 800 sq. in. and 
will carry a maximum tension of 65 400000 lb. Cables are cradled when 
the horizontal distance between the two cables at a pier is greater than 
that at the center of the span. 

Linear Arch. A linear arch for a given set of forces is the true equilib- 
rium polygon for those forces, and hence it may be defined as an arch in 
which there is only direct tension or compression, and is incapable of carrying 

bending moment. The general equation 
of the linear arch is d?y/dx? = w,/H, 
where the left side of the equation de- 
notes the second differential. A cable 
of uniform cross-section and material 
suspended at its ends and subjected 
only to its own weight assumes the form 
of a catenary. 

Cable Carrying a Uniform Load. 
Fig. 145 Fig. 145 shows one-half of such a cable, 

and for this loading the curve of the cable becomes a parabola with axis vertical and vertex at lowest point of 
curve, C, and its equation is 

waveuen r _ We 

Pri, Hig g 
The tension in the cable at the lowest point C is the horizontal component H, this component being constant throughout the length of the span, and is H = wl?/8h. Tension at any point such as B is given by the following: 

Ts = VE + wit = * 1+ ane? 
Maximum tension exists at the tower A and its value is 

Ta = Vi FIORE 
Tangent of angle of slope (tani 7) at any point B and at the upper A is 8 hx [12 
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and 4h/l respectively. Length of cable between supports, that is, twice 
the length of curve AC, Fig. 145, is 

I 
— 2741/2 2 4 

u=2f?[1+ (2) | a= 1(1+se-2E+...) 

The Sag Ratio or Dip Ratio is the ratio of the sag of the cable, h in Fig. 145, 
to the span /, and this ratio varies from about 1/8 to 1/15. The term versine 
is also used to denote the sag ft, but this is not a proper use since the curve 
is not a circle. The greater’the sag the smaller the tension in the cables 
but the larger the towers. Sag ratio for Williamsburgh bridge is 1/9; for 
Brooklyn bridge, about 1/12.5; for the Bear Mountain bridge, about 1/8; 
for the Delaware River bridge, about 1/8.75, and for the Hudson River 

’ bridge at New York, about 1/10.75. 

Steel Wires for Cables, Suspenders and Hand Ropes of Manhattan bridge were 
required to be made in an open-hearth furnace lined with silica. Maximum percentages 
for chemical requirements: C, 0.85%; Mn, 0.55%; Si, 0.20%; P, 0.04%; S, 0.035%; 
Cu, 0.02%; Strength: 215 000 and 200 000 Ib. per sq. in. before and after galvanizing 
respectively; minimum elongation in 12 in., 2% and 4% before and after galvanizing. 

For the Williamsburgh bridge the following were the maximum chemical requirements: 

P, 0.04%; S, 0.03%; Mn, 0.05%; Si, 0.1%; Cu, 0.02%. Minimum ultimate strength, 

200 000 Ib. per sq. in.; elongation of 2-1/2% in 5 ft. and of 5% in 8 in. The wire 

reached an ultimate strength of 225000 lb. per sq. in. The minimum ultimate 

strength for the Bear Mountain and Delaware River bridges was about 215 000 lb. 

per sq. in. 

47. Stiffening Trusses 

Notation. w = uniform live load per unit of length. w1 and we = live loads per 

unit of length borne by the cable and stiffening truss respectively. h = sag of cable. 

d = deflection at center of span. A = cross-sectional area of cable. H = modulus’ 

of elasticity of material in cable and truss. J = moment of inertia of truss, V = 

shear in truss. M = bending moment on truss. 

Stiffening Trusses are used to distribute a concentrated load or a partial 

uniform load over the whole or a part of the length of the cable and they are 

usually steel riveted trusses, although in small bridges are sometimes made of ~ 

wood. Where riveted trusses are used they are of the Warren type with one, 

two or three web systems. For highway bridges, where permissible deflections 

are large and the loads light, the stiffening trusses are light, whereas for 

railroad bridges, which are subjected to heavy and unequal loads and where 

the allowable deflection is small, the stiffening system must be heavy. The 

trusses are usually suspended from the cables by hangers or suspenders, which 

are wire rope or rods attached to the trusses at their panel points. These 

trusses may be continuous from anchorage to anchorage, may extend unbroken 

from tower to tower only or may extend from tower to tower with a hinge at 

the center and at each tower. 

Stiffening Trusses without a Center Hinge. Under a uniformly distributed 

load covering the entire span there are no moments and shears in the truss. 

With a uniformly distributed live load extending from the left tower, A (Fig. 

146) a distance x, the following approximate functions of this load exist. 

Upward pull on truss per unit of length is w/t. 

Ad 1/2 wx(1 — x) ase 1/2 wx(l — x) 
eee R= Ri I 2 
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The shear at any section distant z from A is 

y etl 7 = Fiat — x? — 221 +2 2x) 

w 
z>x, V= 3 xl - Xt + 2m) 

When z = 0, x, or /, V = wx(l — x)/2 1, being positive at the towers A and 
B and negative at D. The greatest shear possible occurs when the half 
span is loaded, that is, when x = //2 and maximum V = 1/8 wl. This maxi- 
mum shear occurs at the towers and at the center of span. The moment at 
any section distant z from A, (Fig. 146), is 

Fy, Me me ol — x® — 2 432) 
21 

this moment being positive with a maximum wx?(! — x)/81 when s=2/2; 

24> x; M = ~=(al — zl — xz + 2’) 
2l 

ZINVINVIMMMAY 
w per Unit of Length 

Fig. 146 

and these are negative moments with a maximum value of M = —wx(x — 1)2/87 
when z = (} + x)/2. The greatest positive moment occurs at the center of 
the loaded part when the live load extends 2/3 across the span from A and is 
M = wi?/54; the greatest negative moment has this same value at the center 
of the unloaded part when the load covers the left third of the span. 
More Accurate Methods for Determining Stresses in cables and stiffening 

trusses make use of deflections; for example, with a stiffening truss without 
a center hinge the deflections of the cable and of the truss at any vertical 
section such as the center are equal. The deflection of the cable at the 
center of a span is approximately 

u wil?(3 [2 + 16 h®) 

s 128 h?AE 

And the deflection of the stiffening truss which is supported at the towers is 
La 5 wolf 

~ 384 EI 
The ratio of the load borne by the cable to that borne by the truss is 

wi 5 [*h?2A 

w: 3182+ 16h 
The total load w; + we is here assumed to cover the entire span. 

Stiffening Trusses Having a Center Hinge (Fig. 147). Shear but no 
moment can be transmitted across the hinge. For a uniform live load 
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of w per unit of length maximum positive shear occurs at Ri when’ the load 
extends from R; to X =1/3/. Then R; = wi/6 and acts upward. The 
maximum negative shear has the same value and occurs at the same point 

_when the load extends from X = 1/31 to Ro. The maximum shear at the 
center hinge occurs when the load 

covers half the span, and is equal to t 
wl/8. Maximum positive moment 
occurs at = 0.2347 from R; when BR 
the load extends from R,; toX = 7} Ys Ys ; 
0.39517, and is equal to 0.019 wi?. " Fie. 147 
Maximum negative moment occurs > 

at the same point and has the same value, 0.019 wi? when the load covers 
the remaining portion of the span. When the load covers the entire span 

Hinge 

_the cable takes the entire load and the stiffening truss is without stress. 

Trussed or Stiffened Cables are also used to prevent excessive deforma- 

tion of the cables, the stiffening trusses being omitted. The cables are made 

Fig. 148 Fig. 149 

of eyebars or links, and serve as members of the trusses from which the road- 
way is suspended as in Figs. 148 and 149, These structures are inverted 
arches, the first being three-hinged and the second two-hinged. 

48. Stays and Anchorages 

A Back Stay is that portion of the main cable which extends from the anchor- 
age to the top of the tower. It may be a continuation of the main cable, as 
is usual, or it may be a separate member, in which case the main cable extends 
from tower to tower only. That part of the roadway under the back stay 
is sometimes suspended from the back stay as in the Manhattan and Brooklyn 
bridges, or it may be carried on separate trusses as in the old (now replaced) 
Point bridge in Pittsburgh, Pa., or on the stiffening trusses as in the Williams- 
burgh bridge. When the main cable passes over a movable saddle on the 
tower the maximum horizontal components of the stresses in the main cable 
and back stay are equal, and the maximum stresses are equal if the two parts 
are inclined at equal angles. The friction between the saddle and the tower 
produces a horizontal force on the tower equal to the vertical weight on the 

saddle times the coefficient of friction of the roller bearing. It has been 
found by experience that this friction is often great enough to prevent. hori- 
zontal motion of the saddle. Stresses and deflections are then set up in the 
towers for which they were not designed. In several of the most recent 
bridges the cables are fixed to the top of the steel towers, which deflect hori- 
zontally under the unbalanced pull of the cables (from temperature and 
loading). With the Bear Mountain and Delaware River bridges the base 
of the tower is fixed and the top deflects elastically. With the Florianopolis 
bridge the base of the tower is hinged and the tower rocks about this hinge. 
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Anchorages for the back stays are provided by attaching them to eyebar 

chains and girders or castings which are set in masonry at each end of the 

bridge. The chain of eyebars may be inclined in a straight line or in a series 

of broken lines, and they may be placed in an inspection tunnel as in the 

Williamsburgh bridge or may be completely embedded in concrete. The 

eyebars of the anchor chains in the Point bridge in Pittsburgh were embedded 

in a poor quality of masonry, and when examined after 27 years of service were 

found to be in good condition except that they were pitted considerably for 

5 or 6 ft. near the surface of the ground. 

Hangers or Suspenders are vertical wire cables or members built of struc- | 

tural shapes which connect the stiffening trusses to the main cables. When 

the main cables are made of wire the suspenders are also of wire rope, as 

in the Manhattan bridge, where the suspenders consist of four wire ropes 

1-3/4 in. in diameter at each panel point of each stiffening truss, that is, two 

loops over the main cable. These ropes rest in two grooves in the cast-steel 

cable bands which clasp the main cables, and the stiffening trusses are sus- 

pended from their lower ends. In the Budapest suspension bridge the cables 

are made of links of eyebars connected by pins, and the stiffening trusses are 

suspended from these chain cables by suspenders consisting of two channels. 

Stay-cables are inclined cables extending from the tops of the towers to the 

stiffening trusses, where they are attached at the suspender connections. 

They were used in the main and side spans of the Brooklyn bridge and in 

the main span of Roebling’s bridge at Niagara Falls, but in recent suspension 

bridges they have not been used. 

Saddles are castings resting on the top of the towers to support the main 

cables at these points. They usually consist of a steel casting on each tower, 

and each cable is laid in a groove in the casting, the groove and cable being 

covered with a cast or rolled steel cover. In the Manhattan bridge the tower 

saddles are rigidly connected to the towers, whereas in the Williamsburgh 

bridge each saddle rests on a nest of forty cylindrical steel rollers each 2-1/4 in. 

in diameter and 7 ft. 6 in. long. In the latter bridge each saddle is in one 

piece, weighs about 72 000 lb. and is 7 ft. 8 in. wide and 19 ft. long. The chain 

cables of the Budapest bridge are connected to the tops of the steel towers 

by links and pins and the towers are hinged at their bases. 

Piers.” There are usually two piers in a suspension bridge, one at either shore. 

They may be either of masonry or of steel. Masonry gives a better appearance, but 

is more costly and takes up greater space. A steel towers or pier may be a single bent 

of two supports hinged at the bottom or a framed tower with four or more supports. 

The forces on the pier depend on the arrangement of the cables. It was proposed 

by Morison, Trans. Am. Soc. C. E., Dec., 1896, to connect the cable of the main span 

and the back stay of the end span in two separate sockets at the top of the tower. 

In this case there would at times be great inequalities in the horizontal components 

of the stresses in the main cable and the back stay, and provision would have to be 

made for these differences in the design of the pier. When saddles on rollers are used 

to support the cables the maximum longitudinal force which can act on the top ofa 

tower may be taken approximately at 1/100 the total load on the rollers. This assumes 

the rollers to be in good condition and free from excessive rust. The horizontal force 

in this case acts just before and until the rollers move. The movement equalizes the 
horizontal components of the stresses on the two sides of the saddle and the pressure 
is then vertical on the pier, except in so far as wind pressure and cradling of the cables 

produce horizontal forces. 
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MISCELLANEOUS STRUCTURES 

49. Viaducts 

A Viaduct is a bridge consisting of a series of spans supported on towers, 
the spans being usually plate girders, though sometimes trusses are used. 
Viaducts are used to carry railroads or highways over valleys or rivers. They 
are also called trestles. .Each tower usually has four legs or columns, although 
six or two may be used. When two are used they are connected by transverse 
bracing only, thus forming a rocker towef; and when four or more legs are 

Tower Span 
‘SSE eS ten a om Ge ee Os ee eee er er eee ee 

Bent "Tower ROUT, 
Fig. 150. Viaduct Towers 

used in one tower they are connected by transverse and longitudinal bracing. 
A stage or story in a tower is that portion of the tower between the level of 
one horizontal brace and the level of the one above it. Fig. 150 shows the 
two usual types of viaduct towers. 

Length of Span. For a given viaduct the tower span is usually made constant, 
30 ft. for low and 45 ft. for high structures being common. The intermediate spans 
should increase in length as the heights of the adjacent towers increase, but to simplify 
construction not more than two or three different lengths should be used in any one 
structure. The intermediate span should be approximately twice as long as the 
tower span, 60 ft. for intermediate spans being common practice for ordinary viaducts. 
The Boone viaduct has alternate spans of 75 and 45 ft. throughoutits length except 

High Railroad Viaducts 

Viaduct Railroad 

Boone. ...... Chicago & N.W.. 
Gokteik *....] Burmah State... 
ECOS= 4.0; aie ie fo So. Pacific....... 
FANZUA.... 6% he CORIO cee 
Panther Creek.} Wil. B.& E..... 
MOGs. occ J Antofagasta..... 
Spokane River.} Ore. Wash. & Nav. 
Snake River. .| Ore. Wash. & Nay. 

* Burmah. t Chile. 

for the 300-ft. truss span near the center. In the Gokteik structure all tower spans 
are 40 ft., with intermediate truss spans of 120 ft., except those near the ends, which 
are plate girder spans of 60 ft. The girders may all be of the same depth, even though 
the spans are of various lengths as in the Boone viaduct or of different depths as in 
the second Kinzua viaduct built in 1900. The length of the tower span should be 
sufficient to prevent an upward pull on the anchorages due to traction. 
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Lateral Stability. A tower consisting of two transverse vertical bents 
has in each bent two inclined columns which are connected by bracing. The 
width of the bent at the top varies from 8 to 11 ft. for single-track railroad 
structures, and the two lines of girders are usually spaced the same distance 
apart as the columns. The double-track Boone viaduct has four lines of 
girders spaced with three equal spaces of 6.5 ft., and the outer girders are 
vertically over the tops of the columns. The batter of columns is frequently 
made such that the width of the bent at the bottom is sufficient to prevent 
an upward pull on the foundation when the structure is loaded with the lightest 
vertical load consistent with the greatest wind pressure. The batter varies 
from 1.5 to 3 in. per foot. 

Bracing. The main girders should be connected together with transverse 
sway frames and with top and bottom horizontal lateral bracing. The 
diagonals and horizontal members of the transverse and of the longitudinal 
bracing of the towers may be made of latticed angles or channels connected 
to the tower legs with gusset plates which are usually shop-riveted to the 
columns. Rods and adjustable members should not be used for laterals. 
The second Kinzua viaduct has ordinary longitudinal bracing, but the trans- 

verse bracing in the bents consists of horizontal portal girders at intervals 
of about 30 ft. without any diagonals. 

Connections of Longitudinal Girders to the bents are usually made in 
single-tract viaducts by resting them directly upon the horizontal caps of 
the inclined columns, although in some cases, the second Kinzua viaduct for 
example, the tower and intermediate span girders are riveted to the vertical 

faces of the columns, except at expansion joints, where one end of the inter- 
mediate girder rests in an expansion bearing or pocket which is attached to the 
vertical side of the column. The expansion joints in this structure are from 

199 to 260 ft. apart. The longitudinal girders may be connected to a trans- 

verse girder which is riveted between the columns of each bent. Fig. 151 

Center of. 
Cross Girder oo 

Fig. 151 Fig. 152 

shows the design used in the Boone viaduct where the towet girders rest upon 
the upper flanges of transverse girders and are notched to receive the ends 
of the intermediate girders which have drop ends. The tower and inter- 
mediate girders here have a uniform depth of 7 ft. A forged-steel bearing 
between the lower and upper girders allows for deflection and temperature 
displacements. In Fig. 152 is shown another form of drop end where the 
girders have different depths. 

Column Bases. In high towers provision should be made for expansion 
at the bottom of the towers in a direction at right angles to the length of the 
viaduct. In the Boone viaduct this is accomplished by bolting the base of 
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one column in a bent to the cast pedestal which is anchored to the masonry, 

while the other column in the same bent has slotted holes for the anchor 

bolts in its base so that it may move on a phosphor-bronze sliding plate which 

is inserted between column base and pedestal. The Kinzua viaduct has a 

nest of rollers under one column in each bent. 

Live Loads. First Kinzua viaduct was designed and built in 1882 for locomotives 

weighing 161 340 Ib. on a wheel base of 54.25 ft.; maximum wind pressure 30 Ib. per 

sq. ft. Second Kinzua: built in 1900; two,locomotives each of 274 000 Ib. followed 

by 4000 Ib. per linear foot; longitudinal traction of 

0.2 of the maximum live load; temperature stresses 
due to 150° variation; wind pressure for the loaded 

structure of 30 lb. per square foot of vertical surface 

of train, floor and girders and 100 lb. per vertical 

foot of bent, and for the unloaded structure 50 lb. 

per square foot of vertical surface of floor and girders 

and 160 lb. per vertical foot of bent. Boone 

viaduct: built 1900-01; 75-ft. spans, 6100 lb. live 

and 1400 lb. «dead per linear foot; 45-ft. spans, 

7600 Ib. live and 1250 lb. dead per linear foot. Fort 

Dodge viaduct: two locomotives each of 308 000 lb. 

followed by 4000 lb. per linear foot. 

Stresses in Towers due to vertical loads. 

The vertical loads consist of the weights of 

the locomotives and train, and the dead loads. 

In Fig. 153 let W be the total live and dead load 

acting at the top of each post and Wi, W2, and 

W; the dead loads at the joints. Stress in bar 

1 is designated by P: and so on. @ is angle Fig. 153 

between any bar and the vertical. 

P, =P, =Wsecd P; = P, = (W + Wi) sec 9 

P; = Ps = (W + Wi + W2) sec 

P, = Wtané Py = W; tan @ 

Pi = W2tand Piz= (W + Wi + Wo) tan dé 

The diagonals have no stress under vertical loading. All of the above stresses 

are compression except P13. 

Stresses in Towers Due to Wind. In Fig. 153 the horizontal forces shown 

are those due to wind, H being the wind pressure on the train and M1, He, Hz 

the pressures on the structure. + denotes tension, — compression. The 

diagonals are tension members and the dotted bars are not in action for the 

forces shown. The stresses are 

P, = Hhsec 4/b 

Pp, = — (H(h + hi) + Huh sec 0/b1 

P; (A(h + hy) + Hyhj} sec 6/bi 

P, = — (Ath + hy + bo) + Hit + he) + Hoh,] sec 0/bz 

Ps = — Py 

P, = — (Ah + hi + he + bs) + Hilts + be + hs) 

+ H»(hy + hy) + Hyhz] sec 9/b; 

For the horizontal and diagonal members the stresses are most easily found 

by taking moments about the origin, which is at the intersection of the 

columns produced. The stresses due to traction and temperature should 

be found. 
50. Standpipes 

Notation. H = height in feet from a point to surface of water in stand-pipe. D = 

internal diameter of stand-pipe in feet. ¢ = thickness of side plate in inches. S = 
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allowable tensile unit stress in pounds per square inch. e = efficiency of vertical riveted 
joint. b = circumferential distance in inches between centers of anchor bolts. W = 
weight of metal in stand-pipe above a given horizontal joint in pounds. » = pitch of 
rivets in horizontal joint in inches. M = moment in foot-pounds of wind pressure at 
a horizontal joint. V = allowable stress on a rivet in pounds. 

A Standpipe is a metallic tank, usually of cylindrical form, with a flat 
bottom resting directly upon a masonry or sand foundation and used for the 
storage, of liquids, usually water or oil. For storing water standpipes vary 
in diameter from 12 to 30 ft. and in height from 35 to 100 ft., although there has 

34" Rungs 
iN 

Detail of 2-Bar 
Connection at Top 

of Stand Pipe 
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Ys Plates 
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Detail of Anchor Bolt Connection 

Fig. 154. Stand-pipe, with Details 

been constructed a standpipe with a diameter of 150 ft. and a height of 20 ft. 
and also one with a diameter of 4 ft. and a height of 210 ft.; the latter being 
surrounded by a masonry tower. Standpipes for the storage of water should 
generally have no roofs in cold climates but in warm climates should be 
covered. One pipe may be used to serve as an inlet as well as an outlet 
and this may connect with the standpipe in the horizontal base plate or in 
the side near the base. Failures of standpipes have been caused by defect- 
ive foundations, by wind or ice pressure, or by hydrostatic pressure. Fig. 154 
shows details of stand-pipe construction. 

_ The Thickness of Side Plates must be computed to withstand the ten- 
sion due to water pressure, proper allowance being made for weakening of 
plates at the vertical seams or joints. Side plates less than 1/4 in. in thickness 
should not be used. The maximum thickness required seldom exceeds 
1-1/8 in. Tension in side plates at a point H distance down from water sur- 
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face = 2.6 HD per vertical linear inch, and the thickness of plate required 

at that depth for the sides of a cylindrical standpipe containing water is 

t = 2.6HD/Se, in which S should be taken at from 10000 to 12 000 lb. per 

sq. in. for structural steel. The efficiency e depends on the design of the 

vertical joints, which should be so made as to develop an efficiency of from 

60% to 75%. With a depth of water of 60 ft., an internal diameter of 18 ft., 

allowable tension of 12 000 Ib. per sq. in., and efficiency of 66-2 /3%, the thick- 

ness of plate required at that depth = 2.6 X 60 X 18/12 000 X .66-2/3 = 

.35 in., or practically 3/8 in. ° - 

Side Plates in cylindrical standpipes are arranged in horizontal rings or courses about 

5 ft. deep, with adjacent courses of different diameters so that the courses lap over each 

other. Plates should be bent by cold-rolling, then punched and finally planed to a bevel 

along all edges for calking. Rivet holes in plates having thickness of 9/16 or less should 

be punched 1/16 in. larger than the diameter of the cold rivet; those in 5/8 to 3/4 in. 

inclusive should be sub-punched 3/16 in. less in diameter than the cold rivet and then 

reamed to 1/16 in. larger than the rivet; those in plates over 3/4 in. in thickness should 

be drilled 1/16 in. larger than the rivet. Plates should be open-hearth “ structural ” 

steel and rivets of “rivet ” steel or wrought iron. 

Bottom Plates for flat-bottom standpipes should be not less than 5/16 in. in thick- 

ness when Jaid on concrete foundations; when laid on sand as in the case of oil-tanks 

of large diameters bottom plates are frequently made 1/4 in. If on a concrete founda- 

tion they should be completely riveted and then laid ona 2-in. layer of portland 

cement mortar before the mortar hardens, or else they should be bedded by pouring 

cement grout through 1-1/2-in. temporary iron pipes screwed into holes in the plates, 

the pipes being replaced with screw plugs. Side and bottom plates are connected by 

one or two L’s-having beveled edges for calking. When only one L is used its 

thickness should be approximately equal to that of the lowest side plate. 

A Steel Ladder, extending from the top to within 8 or 9 ft. of the ground 

should be attached to the outside of the standpipe. The rungs may be 

made 15 in. long, 3/4 in. in diameter, from 12 to 14 in. apart and attached to 

two vertical bars 2-1/2 in. by 3/8 in. A manhole is necessary near the bottom, 

the side plates being reinforced around this opening by plates or steel forgings. 

Openings for supply pipes, whether in the bottom or side, must be similarly 

reinforced. 

Wind Pressure may generally be taken at 30 lb. per sq. ft. on vertical sur- 

faces, except in the most exposed locations, where 40 Ib. per sq. ft. should be 

used: Ona-cylindrical surface it should be taken as 2/3 that on a plane surface 

equal to the diameter of cylinder multiplied by its height, and this pressure is 

assumed to act horizontally in any direction. Unless anchored to the founda~ 

tion an empty standpipe will overturn when the overturning moment of wind 

pressure taken about the base, that is, 10 H?D ft.Jb. for above pressure of 

30 lb. per sq. ft., is greater than the moment of the weight of the empty stand- 

pipe taken about the outer edge of the base. Anchor bolts should always be 

used and should be computed for a tensile unit stress of not more than 

15000 lb. per sq. in.; minimum diameter 1-1/4 in., and they should be at- 

tached to anchor plates embedded in the foundation at sufficient depth to 

take at least 1-1/2 times the computed tension in the bolts. Maximum tension 

in the anchor bolts may be found by regarding the standpipe as a cantilever 

subjected to the overturning moment of the wind and the righting moment 

of the weight of the empty tank, about the neutral axis. This neutral axis 

can best be found by trial. On its windward side all of the tension is taken 

by the bolts; on its leeward side all of the compression is taken by the portion 

of the base plate immediately under the edge of the tank. It is assumed 

that the anchor bolt nuts are just brought to a bearing. 

In Fig. 155, N—A is the neutral axis taken close to the leewardedge. AB = 

area of bolts on the right of N-A; AT = area of base angle on the left of N-A, 
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A=ABp+Az7, GG = axis through center of gravity of the two areas 
Ap and A7; c, and cz = distances from G-G to extreme points in tension 

and compression respectively; g = distance from GG to the center of the 
tank; J = moment of inertia of A, the section under stress, about G—G; 

SB = maximum unit tension at extreme point on the windward side; S; = 
maximum unit compression at extreme point on the leeward side. 

Ss = (M — Wee: _ We So.= = Wales — 5 If all dimensions are 
I A I A 

taken in feet, Sp and S, will be 
pounds per square feet. By 
proportion, from the extreme 
fiber stresses Sp and S¢, the 
correct position of the neutral 
axis can be found. If it does 
not agree with the trial one a 
new position of the line N—A 
should be taken and the proc- 
ess repeated until the assumed 
and the computed positions of 
N-A agree closely. SB may 
be found with sufficient ac- 
curacy by assuming the gravity 
axis G-G to coincide with the 
tangent G’-G’ at the inner edge 
of the rim circle, and J to be 
the moment of inertia of the 
bolt areas about GG’ = sum 

I of the products of the areas of 
Fig. 155. Section at Base of Tank the bolts into the square of 

their distances to G’/-G’. The 
W/A term, being small, may be neglected. If included, A = Ap + the 
bearing area of about 1/8 of the rim base angle. Then Sp = (M —Wr)D/I, 
where r = D/2. 

For example, let H = 80 ft.; D = 20ft.; W = 75 0001b.; wind = 30 Ib. per sq. ft. 
M = 2/3 X 20 X 80 X 30 X 40 = 1 280000 ft-lb. Wr = 75 000 X 10 = 750 000. 
M — Wr = 530000 ft-lb. Assume eight 1-1/4-in. anchor bolts upset to 1-5/8 in. 
Area of each bolt = 1.227 sq. in. = .00854 sq. ft. I =2 X 0.00854 (1/2 K 22 + 
1.72 + 12 + 0.32) 102 = 10.2. Neglecting W/A, SB = 530000 X 20/10.2 = 1 040 000 
Ib. per sq. ft. = 7230 1b. per sq. in. The area of 1/8 of the rim bearing, assuming the 
effective bearing width of base angle to be 3 in. = 282.6 Sq. in., A.= 1.227 307 4 
282.6 = 291.2 sq. in. W/A = 75 000/291.2 = 260 Ib. per sq. in. Including W/A 
SB = 7230 — 260 = 6970 lb. per sq. in. Total stress S in extreme windward bolt = 
6970 X 1.227 = 8550lb. The total tension in the bolts from M — Wr = 2 X 7230 X 
1.227 (1/2 X 20 +17 + 10 + 3)/20 = 35500 lb. The average compression over 
1/8 the area of the rim from M — Wr = 35 500/282.6 = 125 lb. Approximate average 
compression on the masonry = 260 + 125 = 385 lb. per sq.in. The actual maximum 
on outer edge of angle is slightly greater than this but well within the safe bearing 
strength of the concrete. Assume it to be 500 lb. By proportion the neutral axis lies 
500 X 20/(6970 + 500) = 1.4 ft. from the tangent G’—G’. The assumed position 
N—A was 0.8 ft. from G’—G’, indicating that a small portion only of the rim circle 
takes all of the compression and justifying the approximate assumptions made. 
The Pitch of Rivets connecting the base angle to the rim of the tank should also 

be computed. Assuming the maximum compression to be 500 lb. per sq. in., the com- 
pression per lineal inch of angle = 500 X 3 = 1500 Ib; Safe single shearing strength onh 4400 
of a 3/4-in. rivet = 4400. p = —— =3in. 
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Anchor bolts must be connected to the sides, not to the bottom plate of the 
structure. To prevent buckling of the side plates under wind pressure a 
or a heavy |_ must be riveted around the upper edge. In addition |_’s are 
sometimes riveted circumferentially on the outside at different elevations. 

The Stress on a Rivet in a horizontal joint in pounds due to the weight 
of the standpipe above that joint = 0.027 pW/D; and due to wind pressure 
acting on the cylindrical surface above the joint = 0.106 pM/D?. Witha 
pressure of 30 lb. per sq. ff. this stress on a rivet due to wind becomes 
1.06 pH?/D. Or the pitch of these rivets in inches required to withstand the 
combined stresses due to weight and wind = DV/(.027 W +.1.06 H?). The 
stresses due to ice areindeterminate. All joints must be calked after riveting. 

Allowable stresses per square inch on steel field rivets: shearing 9000, bearing 
18000. For 1/4-in. plates 5/8-in. rivets should be used; for 5/16-in. plates, 
3/4-in. rivets; for 3/8 to 7/8-in. plates, 7/8-in. rivets; for 15/16 to 1-1/8-in. 
plates, 1-in. rivets. For horizontal joints use lap-joints, usually single riveted. 
For vertical joints use double-riveted lap-joints for 1/4, 5/16 and 3/8-in. plates; 
triple-riveted lap-joints for 7/16 and 1/2-in. plates; double-riveted butt-joints 
for 9/16 to 3/4-in. plates inclusive; triple-riveted butt-joints for 13/16 to 
1-in. plates inclusive. 

51. Water Tanks on Towers 

Notation. Wy = weight of water in pounds vertically above and below a horizontal 
section, together with the weight of the conical or hemispherical bottom below the sec- 
tion. W = weight of water in pounds in the tank together with the weight of bottom. 
@ = angle between element of conical bottom, or between tangent to spherical bottom, 
and horizontal. D = diameter of cylindrical portion of tank in feet: d = diameter 
of a horizontal joint in a conical bottom in feet. 4 = distance in feet from surface of 
water to any point in a radial joint of a conical bottom. = unsupported length 
and r = least radius of gyration of cross-section of column, both in inches. M = 
moment at a horizontal plane due to wind pressure on structure above that plane. 
r, = radius of circle passing through column centers. 

A Water Tank on a Tower consists of a steel tank, usually cylindrical, 

supported on a steel tower which may have four or more columns connected 

to the tank at or near the bottom and connected to each other by horizontal 

and diagonal braces. The bottom of the tank may be flat, conical or hemi- 

spherical; the latter is the best and is riveted directly to the lowest cylindrical 

side plates at intersection of center line of column with side plate. Elevated 

tanks are more economical and of more pleasing appearance that standpipes. 

Ice pressure causes fewer failures of elevated tanks than of standpipes, and 

the tanks are usually covered with conical or curved roofs. Fig. 156 shows 

typical details of construction of a water tank and tower. The cylindrical 

part is similar in action to the corresponding portion of a standpipe. 

The Riser or Inlet Pipe is the supply pipe, which usually also serves as an outlet; 

enters the tank at the center of the bottom, at which place the tank must be reinforced. 

An expansion joint is placed in the riser at or near the junction with the tank. Risers 

should be braced laterally at each panel point of the tower and in cold climates should 

be covered with a frost-proof casing consisting of three thicknesses of planking and 

two of tarred paper with air spaces between the thicknesses of planking. 

A Conical Roof made of 1/3-in. sheet steel is self-supporting for diameters of 20 ft. 

or less if the roof plates are riveted to the upper edge of the top side plate; for diam- 

eters greater than 20 ft. L rafters must be used. Iron ladders extend from a trap- 

door in the lower part of the roof down the outside and inside of the tank, ending on 

the balcony on the outside. Another ladder, attached to one of the tower columns, 

should run from the balcony to within 8 or 9 ft. of the ground. The balcony should be 
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3 ft. wide and its floor should be a horizontal plate girder placed at intersection of 
bottom and side plates. 

Conical Bottoms. Tension in pounds per linear inch of any horizontal 
0.0265 Wi 

joint or section = dene at intersection of bottom and side plates this 

tension becomes 0.0265 W/Dsin@. Tension at any point of a radial joint 

Connection of Roof to fe 

Top of Side Plate { 

i 
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Detail of Expansion Joint 
Tower with 

Four Columns 

Fig. 156. Water Tank on a Tower 

in pounds per linear inch, that is, of a joint coinciding with an element of 
2.6 dh : 3 4 

cone = ane A horizontal outside girder must be used at the intersection 

of side plates with the bottom to resist the annular compression caused by 
the inward pull from the bottom. Horizontal component of inward pull 
from bottom = 0.0265 W/D tan @ pounds per circumferential inch; annular 
compression = 0.0132 W/tan 6; and vertical component = 0.0265 W)D pounds 
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per circumferential inch. This vertical component is resisted by a vertical 
circular girder. 

Spherical Bottoms. Tension in pounds per linear inch of any horizontal 
0.0265 W, 

D sin? 6 ~ 
pull on the cylindrical side, amounting to 0.0265 W/D pounds per circum- 
ferential inch. Best design requires the thickness of spherical bottoms 
to be equal to that of the lowest side plate in the cylindrical part. The cylin- 
drical side plates must be reinforced at ‘column connections. 

Allowable Unit Stresses in pounds per square inch. Tension: in tank plates, 12 000; 
other parts, 16000. Compression, 16 000 — 70//r; the ratio //r should in no case 
exceed 120. Shear: on field rivets in tank, and bolts, 9000; on shop rivets and pins, 
12 000. Bearing: field rivets in tank, and bolts, 18 000; shop rivets and pins, 24 000. 
Bending in pins, 24000. For combined wind and other loads the above unit stresses 
may be increased 25%. All steel except rivets to be of “‘ structural” grade; rivets of 
“rivet ” steel. 

joint or section = The spherical bottom exerts only a vertical 

Stresses in Columns are due to weight of structure, weight of water in tank, and 
overturning effect of the wind. The vertical component of stress in any column due 
to the first two forces is equal to the total weight divided by the number of columns. 

52. Coal, Ore, and Grain Bins 

A Steel Bin consists of a tank supported on columns and is used for han- 
dling or storing materials such as coal, ashes, ore, broken stone, sand and 
grain. Bins for coal, ashes or other similar materials are usually shallow, 
and admit of a variety of designs, while grain bins are deep and of cylindrical 
form. There are three types of bins, the hopper bin, the suspension bin or 
bunker and the cylindrical bin. For handling coal and ore the construction 

is such that these materials are dumped into the top of the bins from cars, 
or conveyors above and when needed are taken from the bottom or side by 
means of gates and chutes. 

Side View Half End View 

aA Fig. 157, Hopper Bin 
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Hopper Bins (Fig. 157) are generally arranged in units, each unit con- 
sisting of a square or rectangular box with four vertical sides and having an 

Side View Section at Cols. 

Fig. 158. Suspension Bin. 

inverted frustum of a pyramid fora bottom. This bin is mounted on columns, 

Fig. 159 

which may be braced longitudinally with diagonal 
bracing, and transversely with knee-braces or 
diagonals. The gate through which the bin is 
emptied is placed at the bottom of each hopper, 
and the inclination of the sides of the hopper 
should be such that the bin can be emptied by 
gravity alone. 

Suspension Bins (Fig. 158) are steel bunkers 
supported on steel columns, the bunker being 
made of plates suspended from two parallel 
girders which. are supported by the columns. 
The plates are subjected to tension only, and the 
side girders should be placed with their webs in 
the plane of this tension, or if placed vertically 
some provision must be made for resisting the 
horizontal component of pull from the plates. 
The ends of the bunker are made of plates stiffened 
by I beams or |’s. _ To protect the steel against 
action of materials stored in the bunker, the inside 
is covered with a layer of concrete reinforced with 
expanded metal or other similar fabric. 

Circular Bins (Fig. 159) are cylindrical, with 
hemispherical bottoms, -and with supporting 
columns riveted to the cylinder at the junction of 
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the hemisphere. They are used principally for the storage or handling of 
ore, the outlet gate being placed at the center of the bottom. The con- 
struction is similar to that of water tanks on towers, except that the columns 
are vertical, and no balcony, with its accompanying horizontal circular girder, 
is necessary. 

Steel Grain Bins are usually cylindrical, with either flat or hemispherical 
bottoms, and for large grain elevators are arranged in groups. The Great 
Northern elevator at Buffalo, N. Y., has thirty bins 38 ft. in diameter and 
85 ft. deep set in three rows of ten bins edch, and between these are eighteen 
smaller ones each 15.5 ft. in diameter arranged in two rows. All of these have 
hemispherical bottoms tapering into cones and are supported on circular 
girders resting on columns. 

Weight and Angle of Repose of Dry Materials 

Weight, Angle of Weight, Angle of 
Material Ib. per repose, 

cu. ft. degrees 

| Anthracite coal...) © 52-—=} "27 -4|-Wheat... . =: 50 28 
Bituminous coal.| 47 to55 | 35 ~~ || Barley....... 39 27 
ASHES ss. 22S See TED Te ANSP iil] Oats. 6.52765. 28 28 

Shale ent oie 90 to 115 Syn pity A 44 28 

53. Catenary Bridges 

A Catenary Bridge, (Fig. 160), is a light truss bridge which crosses the track 
of an electrified railroad, and the main function of which is to support an over- 
head wire over the center of each track. It is supported at the sides of the out- 
side tracks, and occasionally at an intermediate point when many tracks have 
to be crossed, by latticed posts or towers to which it is securely riveted. The 
end towers extend above the bridge to support cross arms which carry the 

feed, signal and grounding wires. 
The trolley wire is supported by a system of suspension cables, called the 

catenary, which carries the weight of the trolley and maintains the latter in a 
plane parallel to the tracks. The types of catenaries and their supporting 
bridges described in this article are those in use on the N. Y., N. H. & H.R.R. 
The two systems of catenaries are known as the single and the compound. 
The single consists of a main messenger cable which supports, by hangers and 
clips, the trolley or contact wires. The latter consists of two wires, the top one 
of copper (to secure proper conductivity), the bottom one of steel for contact 
purposes, it having been found that copper wire is too rapidly abraded. The 
copper feeds the steel wire at intervals of ten feet. The entire system is alive 
and is suspended below the bridges from which it is insulated. The advantages 
of this system are its lightness, ease of erection and permanency of position on 
curves. It weighs about 1200 lb. per track for spans of 280 to 300 ft. between 
bridges. The disadvantage is the non-protection of the track wire, in electrical 
storms, by an overhead wire. The compound system consists of a main mes- 
senger cable, supported by saddles on top of the bridges, Fig. 160, from which, 
at the quarter points of the cable span, is supported and insulated from it a 
single catenary system. In this type the main cable is dead. The advantage 

of this system is the protection afforded by the main cable by being grounded 

where it passes over each bridge. The disadvantages are its weight, which is 

about 2400 Ib. per track for spans of 300 ft., the additional cost of erection, 
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Fig. 160. One End and Tower, Four-track Catenary Bridge 
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the effect of temperature in changing alignment on curves, and the greater 
maintenance cost. 

The Economicai Spacing of the bridges on the New Haven road is from 150 
to 315 ft. In addition to carrying the catenary system a secondary function 
of the catenary bridges is to support signals where they are required by the 
necessities of the block system sidings, bridges, etc., and the platforms needed 

for the maintenance of the signals. Visibility requires that the signals should 
project downward and frequent changes in tracks, location of cross-overs, etc., 
necessitating the relocation of signals make it advisable to design each bridge 
with sufficient strength to carry the signal loadings. The approximate weight 
of one automatic signal and its platform is 2400 lb. 

The Loads for which the bridges are designed are (1) a signal over each 
track, (2) the vertical and horizontal loads from the catenary over each track, 
(3) the weight of the bridge, (4) the vertical and horizontal loads from the 
feed, signal and grounding wires on each cross arm, (5) the wind on the 
bridge surface, acting either along the track or laterally, and (6) the wind 

acting laterally upon the wires regarded either as bare or covered with ice. 

The Catenaries are strung at definite tensions which depend upon the sag 
and accordingly vary with the temperature (Art. 46)... When the catenaries 
are taken around curves the messenger cable is pulled away from the track 
in order to maintain the trolley wire over the center line. The catenary then 
lies in an inclined surface and the hangers resist the tendency of the trolley 
wire to straighten out. The lateral force required to maintain this condition 
is the curve pull which has to be supported by the catenary bridge as a hori- 
zontal load. The curve pull is very approximately equal to the cable tension 
multiplied by the span length and divided by the radius of the curve. Wind 
is assumed at 30 lb. per sq. ft. on the full windward and half the leeward sur- 

faces of bridges, and upon two-thirds the projected areas of all bare wires. 
It is taken at 8 lb. per sq. ft. upon two-thirds the projected areas of wires 

coated with 1/2 in. of ice all around. A higher wind does not permit the ice 
to form, or will break it off if already formed. The wind blowing across the 
tracks on the catenaries and cross-arm wires constitutes a lateral load upon 

the catenary bridges. 

Stresses in trusses and towers of the usual two-post type may be found 
approximately by the method employed for mill-building bents (Art. 3). The 
towers may be regarded as hinged or as partially fixed at the base according 
to the degree of efficiency of the anchorage. Equal horizontal reactions may 
be assumed at the feet of the towers (or at the points of contraflexure when 

the feet are regarded as partially fixed). 

The Allowable Unit Stresses adapted by the New Haven road are as fol- 
lows: tension from vertical loads, 20 000 lb. per sq. in.; tension from com- 
bined wind and vertical loads, 25 000 Jb. per sq. in.; compression from all 
conditions of loading, 21000 — 70//r. Open-hearth steel with an ultimate 
strength of 60 000 lb. per sq. in. is used. 

54. Transmission Towers 

(Much of the following Article has, with the permission of the American Bridge 

Company, been taken from its Handbook, Transmission Towers.) 

Steel towers, bents and poles are used to support high-tension transmission 

lines. The spacing depends upon the strength of the cables and the topography 

of the country, and varies from 200 or 300 ft. to several thousand. The average 
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span is 400 or 500 ft., but river crossings may be much longer. The longest span 

at present is that of the Cushman Project over the Narrows, near Seattle, 

Wash., which is 6240 ft. The highest towers are those of the Pacific Gas & Elec- 

tric Co. at the Vaca-Contra-Costa Crossing near San Francisco, with a maxi- 

mum height of 459 ft. from the ground. When topographical conditions permit, 

the span and sag are made such that the tension in the cables, under the worst 

conditions of dead load, minimum temperature, wind and ice coating, will be 

slightly below the elastic limit of the cables. The choice of cables, and con- 

sequent spacing and height of towers, is an economic problem depending for 

its solution upon many attendant conditions. Properties of solid and stranded 

cables made of copper, aluminum or aluminum reinforced with steel, and 

copper-clad steel wire are given in the handbooks of structural and wire 

companies. 

Cables. The greater the ratio of sag to span the greater is the allowable 

span for a given cable. On the other hand, the greater will be the height of the 

towers and the absolute length of cable needed. The economic sag ratio is 

about 3 to 4%. For this small sag ratio the curve of the cable very closely 

approximates a parabola, and that assumption is generally made. . 

For supports on the same level, Fig. 161: 

wr We |[@.—D3L m 8S 
SORTA Peg 8 ls les etols to F573 

-L = span length in feet; Lg= 
cable length in feet; S = sag 
in feet; H = tension in cable at 
center of span; W = weight of 
cable in pounds per linear foot. 
With ice on the cable W = 
weight of cable plus weight of 
ice per linear foot. With hori- 

Fig. 164 zontal wind on bare or ice- 
covered cable, W = square root 

of the sum of the squares of the vertical and horizontal loads. The Joint 
Committee of the National Electric Light Association recommends the 
following classes of loading on cables: 

Class A. A horizontal wind load of 15 lb. per sq. ft. on projected area of bare 
cable, combined with its dead load. 

Class B. A horizontal wind load of 8 lb. per sq. ft. on projected area of cable when 
covered with a coating of 1/2 in. of ice (total 1 in., plus diameter of wire), combined 
with the vertical load of cable and ice. 

When severe sleet conditions may occur: 

Class C. A horizontal wind load of 11 lb. per sq. ft. on projected area of cable 
when covered with a coating of 3/4 in. of ice (total 1-1/2 in. plus diameter of wire), 
combined with the vertical load of cable and ice. These wind loads are equivalent to 
about 60% of the actual normal pressure upon a flat diametral surface. 

When the supports are at different levels, (Fig. 162), the actual weight of the cable 
W Le does not differ appreciably from WLo, but may differ considerably from WL. 
To bring the parabolic formulas to the same degree of approximation as those for 
supports on the same level, the total load is taken as WLo, making the average load 
per horizontal foot = WLo/L = W/cosa. The following formulas are based upon 
this assumption. ‘ 

So = WLLo/8 T = WL?/8 T cosa 
S, = WL2/8 H 11/2 = L/2 — hH cos a/WL 
So = WL2/8 H L2/2 = L/2 + hk cosa/WL 

Le = L + 4/3 (Sy2/Ly + So?/L2). 
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Further, So = S. That is, the normal sag of the inclined cable, loaded with W/cos a 
per horizontal foot, equals the vertical sag of a cable with the same horizontal span, 
with supports at the same level, and loaded with W pounds per horizontal foot. 

The maximum tension occurs 
at the lowest temperature at 
which the maximum loading of 
ice and wind is possible, and this 
will vary with the locality. The 
maximum tension actually occurs, 
at the supports, but with such 
small sag ratios the error in 
using the more convenient center 
tension is negligible. Given the 
span, the maximum allowable 
tension in the cable, and the 
loading, the sag and length of L 
cable can be found by the above Ly, L, 
formulas. For any other temper- 2 a 
ature or condition of loading. L, Le 

_ the corresponding sag and cable 2 2 
length are most readily obtained L 
from charts or it may quickly be 

computed by the method of Fig. 162. Supports at Different Elevations. 
successive approximations. 

Example. Span = 1000 ft.; diameter of cable = 0.63 in.; area of cable = 
0.236 sq. in.; ultimate strength of cable = 14 154 lb.; maximum allowable tension 
= 7000 lb.; lowest temperature at which Class B loading may occur = 20° F. 
Find the sag, length and tension in the bare cable, without wind, at 120° F. Weight 
of bare cable = .93 lb. per lin. ft. Weight of 1/2 in. of ice = .64 |b. per lin. ft. Total 
vertical load = 1.57 lb. per lin. ft. Resultant load from dead weight, ice and hori- 

zontal wind = ~/ (1.102) + (1.57)2 = 1.90 lb. per lin. ft. 

Sag at 20° = 10002 X 1.90/8 X 7000 = 34 ft. 

Le = 1000 + 8 X 342/3000 = 1003.09. Increase in length due to 100 degrees rise 
of temperature = 1000 X .0000095 X 100 = 0.95 ft. Assume a decrease in tension 

at 120° of 3580 lb. due to increased sag and no ice or wind. Corresponding decrease 

in length = stress per square inch X length/EZ = 3580 X 1000/.236 X 16 000 000 = 

0.95 ft., where E = modulus of elasticity of the cable. Total length = 1003.09 + 

.95 — .95 = 1003.09 ft. Corresponding sag = »/3.09 % 3000/8 = 34 ft. Tension 
= WL2/8 S = 10002 X .93/8 K 34 = 3420 |b., which agrees with the assumed ten- 

sion. It is merely a coincidence that, in this example, the lengths and sags, respectively, 

at the two temperatures are the same. The length and sag at any stringing temper- 

ature can be found in a similar manner. 

Towers. Self-supporting towers with three or four legs, capable of resisting 

an unbalanced pull in the direction of the line from one or more conductors, 

as well as a transverse wind load from the wires, are generally used, although 

flexible bents and even steel latticed poles are sometimes employed on second- 

ary lines. In the latter case self-supporting towers should be introduced 

frequently along the line. 

Ordinary towers, (Fig.163), are called suspension or line towers when placed 

on tangents, or when the angle in the line does not exceed 5°, and angle towers 

when the angle is greater than 5°. The latter are designed for the same loads 

as the former with the addition of the transverse pull due to the angle in the 

line. Dead-end or Anchor towers, (Fig. 164), are designed to take the dead- 

end pulls from all of the cables on one side. 

Loads. In addition to the weight of the tower itself, the insulators and 

the bare or ice-covered cables, the tower must be designed for the lateral 
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pressure of the wind on tower and cables, and for an unbalanced pull in the 
direction of the line from the cables due to dead-ending, or to the breaking 

of one or two wires in one of the adjacent spans. The wind on the towers 
should be taken at 25 lb., or 13 lb. per sq. ft. on 1.5 times the projected area 
of one face, depending upon whether Class A or Class B loading is used for 
the cables. When the tower is at an angle in the line the transverse pull from 
all or part of the conductors must be included. The necessary combinations 

of possible simultaneous loadings should be considered. 
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Fig. 163. Line Tower 

Stresses. The towers should be made as simple in design as possible. The 
stresses in line or angle towers due to vertical and transverse loads will 
occasion no difficulty. The external forces are resolved into components 
lying in the planes of the faces and the stresses in each plane may be found 
either by graphical or analytic methods as in planar bents. At every change 
of slope of the faces the stresses in the preceding zone which act at the top 
joints of the new faces should likewise, together with the external forces at 
the same joints, be resolved into components lying in the planes of the new 
slope. The lower slope is then treated as a planar bent for the forces lying 
in its plane. 
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Provision should always be made for a possible unbalanced pull in the 
direction of the line, due to the dead-ending or breaking of one or more wires 
on one side of the tower.. Such a pull will tend to twist the tower about its 
vertical axis and will create stresses in all of the faces. Fig. 165 is a standard 

Fig. 164. Anchor Tower, River Crossing 

four-legged, square, line or angle tower of the American Bridge Company. 
Assume an unbalanced horizontal pull P at one end of a cross arm (Fig. 165). 

There is created a torsion Pc about the vertical axis, and a longitudinal 

shear P at the center of the tower. The shear tends to overturn the tower 
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longitudinally and may be replaced-by two forces, each, S = P/2, acting in 
faces 1 and 3. If two diagonals, X, each capable of taking either compresssion 
or tension, be placed in the cross frame, S/2 will act at each corner of faces 

1 and 3. 

If the tower is square and all faces alike and equally rigid, the torsion Pc may be 
replaced by two equal couples, Td, acting in the faces 1, 3, and 2, 4, respectively, or 

Fig. 165 

Pc =2 Tb, T = Pc/2 6. With two stiff diagonals X, T/2 will act at each corner of 
each face, all tending to rotate the tower about its vertical axis in the same direction 
as P. The stresses in the transverse faces 2 and 4 are then due to the two equal 
horizontal forces, T/2, applied in the plane of the cross frame at each corner. Similarly, 
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the stresses in the longitudinal faces 1, 3, are due to a pair of horizontal forces; S/2 + 
T/2, and S/2 — T/2, respectively, likewise applied at the corners.. The stresses in 
the columns due to these forces will be small, as they tend to neutralize each other 
in adjacent faces. The diagonal in the cross frame must transmit from face 1 to 
face 3 the total shear S—T. With two stiff diagonals in a square panel the stress in 
each is 0.7 (S—T). A similar analysis should be made for every cross-frame bearing 
an unbalanced pull, P. If the tower is rectangular, or the faces are not equally rigid, 
the torsion is not resisted equally by each pair of faces, and the problem becomes 
indeterminate. An approximate assumption, however, may be made. 

. . a . . . . 

Unit Stresses. It is customary to use higher unit stresses for transmission 
towers than for bridges or buildings. The specifications of the American 
Bridge Company recommend: 

For ordinary transmission towers: 

Axial tension on net section..............2 ...20 000 

(a) Axial compression on gross section (Max. 15 000). .20 000 —85 Lr 

(b) Axial compression on gross sectiop......... seeee-L5 500—55 U/r 

Use (a) when //r does not exceed 150. 
Use (b) when //r exceeds 150. 

i/r shall not exceed, for legs, 140; for all other members having calculated stress, 200; 
for members having nominal stress only, 250. 

For river crossing, and other important structures: 

(a) Axial compression on gross section (Max. 14 000). .18 000—80//r 
(b)' Axial compression on gross section. ............-- 13 500 —50 d/r 

Use (a) when J/r does not exceed 150. 
Use (b) when /J/r exceeds 150. 

Shear on bolts or rivets......... 5 Maralioeseeta eos 12 000 
Bearing on bolts or rivets......ceseeeecees parieee CANO00 

Transmission towers are made relatively light. The bracing generally 
consists of single angles which are riveted or bolted directly to the tower 
legs. The latter are also either single angles, or very simple channel or angle 
sections, arranged so as to avoid latticing or expensive shop work. The same 
grade of steel and of workmanship should be used as for bridges. Towers 
are painted or galvanized, but the latter is preferable except for large towers 
and special structures where galvanizing is impracticable. When bolts are 
used for connecting galvanized members they should be “ hot-dip” 
galvanized. 

Anchors. The design of the foundations under the tower legs is an economic 
problem of great importance, requiring the best engineering judgment. In 
addition to the vertical loads, these foundations or anchors under the legs of 
the towers have to resist vertical uplift, and the horizontal shear from the 
unbalanced horizontal forces applied at the top of the tower. Anchors may 
be either of concrete, or of steel, or a combination of both. Concrete anchors 
may be either of the solid pedestal type, or a concrete slab buried several feet 

below the surface of the ground and connected therewith by a narrow con- 
crete shaft. In the former case the tower rests on the top of the pedestal and 
is anchored thereto by long bolts that extend down nearly to the bottom. In 

the latter case the angle leg of the tower extends into the concrete slab, 
terminating at the bottom with angle lugs to give a good bond (Fig. 166). 
The angle Jeg is cut and spliced a little above the top of the concrete shaft, in 
order that the stub part may be set in the concrete when the latter is poured. 
If the projection of the slab beyond the shaft is more than its thickness steel 
reinforcing bars must be used. 
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Fig. 167 shows the all-steel anchor of the American Bridge Company. The vertical 

force and part of the horizontal is carried, by means of a stub angle, to a steel grillage. 

The bracing of the tower is attached to the stub angle at a point below the surface 

where sufficient earth resistance is met to take the major part of the horizontal force. 

If necessary to increase the resistance short channel lugs are bolted to the stub angle 

legs at this point. All-steel anchors should be galvanized for protection against cor- 

Fig. 166 

rosion. Sometimes, to insure further protection, the grillage and stub angles are 

embedded in concrete. Resistance of an anchor to uplift may be assumed equivalent 

to all of the weight contained in the inverted frustum of a pyramid whose base is the 

gtillage and whose sides make an angle of 30° with the vertical. The weight of earth 

may be assumed at 90 Ib. and that of the concrete at 140 Ib. per cu. Te 
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PRINCIPLES OF HYDROMECHANICS 

1. Definitions 

Hydromechanics deals with the equilibrium and motion of fluids and of 
bodies in or surrounding them. Fluids are those bodies which offer very 
small resistance to deformation. Liquids are those fluids whose particles tend 
to cling together. Gases are those fluids whose particles tend to separate 
from each other. 

Hydromechanics is divided into Hydrostatics, which treats of fluids at rest, and 
Hydrodynamics, which treats of fluids in motion. Hydraulics is that part of Hydro- 
dynamics which treats of water in motion. 

Pressure is the force with which one body presses or acts upon another. 
The pressure acting on any surface is understood to be the sum of all the 

normal pressures and normal components of pressures acting on that surface. 

Intensity of pressure at any point is the pressure exerted upon a unit area 
at that point. 

Pressure Head, at any point in a fluid at rest, is the vertical distance of the 
point from the free surface of the fluid. h = p/w, where / is the head, # is the 
pressure in pounds per square foot, and w is the weight per cubic foot of the 

fluid. A pressure of one pound per square inch is approximately equal to 
that of a column of water 2.31 ft. in height. 

Velocity Head. If, through a small area, the velocity of a fluid is v feet per 
second, the velocity head is v?/2 g, g being the acceleration due to gravity in 
feet per second per second. 

Head of Elevation is the height of a point above any assumed datum. If 
any point is s ft. above any convenient datum level, the head of elevation at 
that point above the given datum is said to be = ft. 

Friction Head is the head absorbed in a fluid in motion, among its own 
particles and between itself and its bounding surfaces: 

Density is the number of units of mass in unit volume of a substance. 
Relative density is the ratio ofa given density to some density taken as a 

standard.. When pure water at its maximum density is taken as a standard, 
the relative density becomes the specific gravity. _ Resistance to flow in liquids 
increases with density. 

One Atmosphere gives a pressure equal to 14.7 lb. per sq. in. This is equal 
to the pressure at the base of a column of water 34.0 ft. high or of a column 
of mercury 30 in. high, 

2. Properties of Water 

Compressibility of water is very slight and varies greatly with the tempera- 

ture and amount of air in solution. M. Grassi obtained the following results 
with distilled water: 

Tem- Maximum Mean com- Tem- Maximum | Mean com- 
perature | pressure, |pressibility per|| perature | pressure, |pressibility per 
Fahr. |atmospheres| atmosphere Fahr. |atmospheres| atmosphere 

BLe 7.4 0.0000502 56° 8.4 0.0000476 

So 10.0 0.0000515 79° we2 0.0000455 

Sie. ne | 0. 0000480 128° 6.3 0.0000444 

At a pressure of 65 000 lb. per sq. in., water is said to be compressed over 10%. 
(Eng. News, Oct. 4, 1900.) 
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Modulus of Compressibility or of Elasticity in Compression 
Lord Kelvin (Enc. Brit., IX Ed., Vol. VII, p. 818) on the authority of 

Grassi gives the following values: 

Temperature | Modulus of compressibility or elasticity © 
Cent. Fahr. | Grams per sq.cm.| Lb. per sq. in. Lb. per sq. ft. 
o° = 20 600 000 293 000 42 192 000 
115° 34.7° 20 200 000 287 000 — 41 373 000 
jee is 39.4° “20 700 000 » 294 000 42 397 000 
10.8° Size” 21 500 000 306 000 44 036 000 
13.4° 56.1° 21 600 000 307 000 44 240 000 
18? 64.4° 22 400 000 319 000 45 879 000 
25° 1980° 22 600 000 321 000 46 289 000 
34° 9552° 22 800 000 324 000 46 698 000 
43° 109, 4° 23 300 000 331.000 47722000 .« 
532 127.4° 23 500 000 334 000 48132000 — 

Impurities in water slightly affect the specific gravity, as shown by the fol- 
lowing values from various authorities: 

REV LSet CAEOUETG SEINE, Bo ers BP pacar oniakcsincn,o onion 1.000149 
Shames; Pupiand:’. Vos. Bisse, ee ee . 1.0003 
Missiesippy, Uo i(filtered).j: . oc... k eo ewe 1.00025 

primes seen. . Sede. MeL, SIN J Bore 1.0003 to 1.006 
Pactho@geant =... 25205 2 Ai. US. HEA eo cwicaritae, Beis Hic 1.0265 
DICAG eae Cera ons 2 PES leche once ele ek oo eas ee 1.472 

Tests at the Cornell Hydraulic Laboratory showed turbid water to be lighter than 
the water from the same source when clear, probably because of air adhering to the 
material causing turbidity. 

Air ordinarily dissolved in water varies with the temperature. The 

amounts of oxygen and of air dissolved at different temperatures under a 
pressure of one atmosphere, as determined at the Lawrence Experimental 
Station, are as follows: 

Oxygen and Air Dissolved in Water under a Pressure of One 
Atmosphere 

In parts per 100 000 by weight 

Temper- | '| Temper- 
Air ature |Oxygen| Air ature Oxygen| Air 

Fahr. Fahr. | 

1 6.38 LES PBs 4,84 70° 0.899 | 3.91 

A 6.28 52 1.103 | 4.78 71 0.889 | 3.87 

i. 6.19 53 1.089 | 4.72 72 0.880 | 3.83 

if 6.08 54 1.076 | 4.67 73 0.871 | 3.79 
4. 5.99 55 1.063 | 4.62 74 0.862 | 3.75 

Ae 5.89 56° 1.050 | 4.56 q5° 0.853 | 3.71 
2. 5.80 57 1.038 | 4.51 76 0.844 | 3.67 | 

Me ede 58 1.026 | 4.46 77 0.835 | 3.63 

1. 5.64 59 1.014 | 4.41 78 0.826 | 3.59 

1. 5.56 60 1.003 | 4.36 79 0.817 | 3.55 

£3 5.49 61° 0.992 4.31 80° 0.808 | 3.51 

ds. 5.41 62 0.981 4.26 81 0.800 | 3.48 

i 5.33 63 0.970 | 4.21 82 0.792 | 3.44 | 

hs 5.26 64 0.959 | 4.16 83 0.784 | 3.41 

1. 5.19 65 0.949 | 4.12 84 0.776 | 3.38 

1 5.12 66° 0.939 | 4.08 85° 0.768 | 3,34 | 

di 5.05 67 0.929 | 4.04 86 0.760 | 3.30 

im 4.98 68 0.919 Sy DO abe jaqcratores lage eo pen 

1, 4.91 69 0.909 BE Lita tiakeaes duals oee ead came eee 
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Effect of Temperature. The following table gives relative density or spe- 

cific gravity and the weight of a cubic foot of water at various temperatures. 

Specific Gravity and Weight of Water 

F Pounds) Log of 

ature | Specific per _weightper 
gravity cu. ft. cu. ft. 

O499831__}... SEM OO... =e : 62.217 | 1.79391 
20 HOO | re SOL an seme iaie : 62.169 | 1.79357 
25 O00A Tl: OULD BN. Seieieraie.« . 62.118 | 1.79322 
30 99979; 11... £8OR 2G sleet < 2 | 62.061 | 1.79282 
32 99987 i 61.998 | 1.79238 

99996 1. 5 | 61.865 | 1.79144 
i I 61.719 | 1.79042 
99999 L. 61.555 | 1.78926 

45 99992 rk 61.386 | 1.78807 
50 99975 ie 61.203 | 1.78673 
55° 99946 i 61.006 | 1.78537 
60 .99907 i. 60.799 | 1.78390 
65 99859 ie | 60.586 | 1.78237 
70 99802 1. | 60.135, | 1.77913 
75 99739 ri 59.843 | 1.77701 

3. Hydrostatics 

Laws of Perfect Liquids. (1) At any point in a liquid at rest the hydro- 
static pressure is the same in all directions. (2) At all points in a horizontal 
plane in a liquid at rest the pressure isthe same. (3) The pressure of water at 
rest, upon the surface of the vessel containing it, is normal to that surface at 

every point of it. (4) If a body is immersed 
in a liquid, the pressure upon it will be normal 
at every point of the surface of the body. (5) 
Every external pressure upon a liquid in a 

vessel will be transmitted with equal intensity 
Fig. 1 to all parts of the liquid and of the containing 

surface. 

The Hydrostatic Press, often called the hydraulic press, is used to exert 
heavy pressures generated in accordance with law (5). Let Pi be a force 
applied through the small area a; its intensity per unit of area is P/a, and this 
acts with equal intensity upon all parts of the area A of a large piston in a 
strong cylinder. Thus the total pressure P2 on the large piston is Py = 
P, A/a. If A = 1000a, then P2 = 1000 P;. The work of the resisting force 
P», cannot, however, be greater than the work of the applied force Py. 

Head and Pressure. In still water the unit pressure at any point is directly 
proportional to its distance below the surface. A head of 1 ft. gives a pressure 
of 0.4335 lb. per sq. in.; 1 lb. per sq. in. pressure is produced by a head of 
2.3068 ft. These values are for fresh water at its maximum density (39.3° F.) 

The Center of Pressure for any plane surface acted upon by a fluid is 
the point of action of the resultant pressure acting upon the surface. The 
resultant presssure P on any submerged plane area= Azgw, where A is the 
area, 2g is the vertical distance from the free surface of the fluid to the center 
of gravity of the area, and w is the weight of unit volume of the fluid. 



Art. 3 Hydrostatics 1307 

To find the location of the center of pressure of a plane area, extend the plane until 
it cuts the free surface of the liquid and call the trace OY then 

Jy _ vey 
Axg = Xg 

where xc is the perpendicular distance from the center of pressure to OY, Iy is the mo- 
ment of inertia of the area about OY, A is the area, xg is the perpendicular distance 
from the center of gravity of the area to OY, and rgy is the radius of gyriation of the 
surface about the axis Y, and r2gy = xg? + rg. Values of xg and rg? are found from 
Sect. 4, for common plane areas, xg being equal to the disrance from the center of grav- 
ity to the upper edge plus the distance from that edge to the axis OY, and rg is radius of 
gyration corresponding to axis through G. For example, let a triangle of base b and 
altitude d be immersed vertically in water with its vertex at a distance 2 d below the 
surface and its base parallel to the surface; then xg = 2d + 2/3 d, and rg?= 1/18 d?, 
whence Xe = 129/48 d. 

Flotation. When a body floats in a fluid, the surface of the body in con- 
tact with the fluid is subject to hydrostatic pressures, the intensity of pressure 
on any element of the surface 

depending upon its depth below 
the surface. The resultant of 
the vertical components of 
these hydrostatic pressures is 
called buoyancy. 

Archimedes’ Principle. The 
resultant pressure of a fluid on 
a body immersed in it acts 
vertically upward through the 
center of gravity of the dis- 
placed fluid and is equal to the 
weight of the fluid displaced. 

Center of Buoyancy is the 
center of gravity of the dis- 
placed fluid and is the point 
of application of the resultant 
of all the upward forces acting Fig. 2 
on the body. 

Stability of Floating Bodies. If the weight of the solid is not equal to the 

weight of the displaced fluid, that is, to the buoyancy effort, or if its center 

of gravity does not lie in the same vertical line with the center of buoyancy, 

the two forces form an unbalanced system and motion begins. If, when the 

forces are equal, the center of gravity of the solid lies in the same vertical 

line as the center of buoyancy and underneath the latter, the equilibrium is 

stable, whereas, if above, the equilibrium is unstable, and if the two centers 

coincide, the equilibrium is indifferent. 

The equilibrium may be stable throughout a limited displacement with the 

center of gravity above the center of buoyancy depending on the shape of 

the body. ‘ 

Viscosity is the evidence of cohesion between the particles of a fluid and is 

that physical property of a fluid which causes it to offer a resistance, analogous 

to friction, to the relative sliding motion of two adjacent particles. This 

property, chiefly noticeable when the fluid is in motion, is the cause of all 

so-called fluid friction. ) ; 

The viscosity of a liquid is assumed to be derived from Poiseuille’s equation: 

32 uLvm 

gD’ 
he = 
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wherein hy = loss of head, in feet of water, in length of pipe; 
L = length of pipe in feet; 

Um = mean velocity in pipe in feet per second; 
D = diameter of pipe in feet; 
g = acceleration due to gravity = 32.16 ft. per sec., per second; 
# = absolute viscosity in pounds per second per square foot. 

at 32° Fahr. 0.001203 

at 50° Fahr. 0.000880 

at 68.4° Fahr. 0.000672 

at 100° Fahr. 0.000464 
at 160° Fahr. 0.000269 

for water. 

Viscosity decreases as temperature increases. To convert absolute vis- 
cosity in the C. G. S. system to the English system, multiply its value by 
0.0672. Kinematic viscosity is the quotient obtained by dividing the absolute 
viscosity by the specific gravity of the liquid. 

Surface Tension is caused by the cohesion of the molecules of a fluid and 
gives it the appearance of having an elastic skin at its surface of separation 
from a gas or any other Auid. 

The Specific Gravity of a solid or liquid is the ratio of its weight to the 
weight of an equal volume of water. Thus, the specific gravity of a stone 
which weighs 150 Ib. per cu. ft. is 150/62.5 = 2.4. For a body heavier than 
water the specific gravity is also the ratio of its weight to the loss of weight 
in water when entirely submerged. Thus, if W is the weight in air, and W’ 

the weight in water, then specific gravity = W/(W — W’); for example, if 
a piece of lead weighing 6.45 lb. in air weighs 5.88 Ib. when submerged, then 
the specific gravity of lead is 6.45/0.57 = 11.3. For a body lighter than 
water, sink it by means of a heavier body and then deduct the weight of the 
latter. For porous substances and for liquids special methods are used; see 
Sect. 11, Art. 3, for cement tests. 

4. Hydrodynamic Laws 
Torricelli’s Theorem. The velocity of a jet of liquid discharging under 

a head H is the same as that acquired by a body falling through the same 
height. 

Bernouilli’s Theorem. In steady flow the sum of the velocity head, pres- 
sure head, and head of elevation at any point is equal to the sum of the cor- 
responding heads at any other point + the losses of head due to friction, 
+ if the last point is downstream from the first point, — if upstream. This 
may be expressed by the following equation, known as Bernouilli’s Theorem. 
Let two points be 1.and 2, 2 being downstream from 1; ~; and P2 be the fluid 
pressures at 1 and 2; 2 and ve be the velocities at 1 and 2; fei and hea be the 
elevations of 1 and 2 above any convenient datum level; w be the weight of a 
cubic unit of the fluid; g be the acceleration due to gravity; hy be the loss of 
head due to friction between 1 and 2. Then 

to wd 

WiFi Py lve? > De 
Bp ty & Rewamig pote heat At 

Conservation of Energy. In steady flow the sum of kinetic and potential 
energies at any point in a stream is equal to the sum of the kinetic and potential 
energies at any other point in the stream + the loss of energy due to friction 
between the two points, + if the second point is downstream from the first 
point, — if upstream. If both sides of the equation of Bernouilli are multi- 
plied by the mass passing either of the two points in unit time, the two sides 
can be reduced to the form of the summation of kinetic and potential energies. 
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Charles’ or Gay-Lussac’s Law. The pressure remaining constant, the 
volume of a given mass of gas varies directly with the absolute temperature. 
If the pressure is constant, the heaviness (and therefore the specific gravity) 
varies inversely with 
the absolute temper- 
ature. The volume 
and heaviness remain- 
ing constant, the pres- 
sure of a given mass 
of gas varies directly 
with the absolute tem- 
perature. 

Boyle’s or Mari- 
otte’s Law. The 
temperature remain- 

ing constant, the pres- Fig. 3. Bernouilli’s Theorem 

sure of a given mass 

of gas varies inversely with the volume and directly with the heaviness. 

Dalton’s Laws. In a mixture of different gases when there is equilibrium, 

each gas behaves as a vacuum to all the rest. If one or more liquids are 

introduced into a space of given volume, the amount of vapor given off by 

each depends only upon the temperature and pressure and is independent of 

any other gas or vapor present, and therefore the total pressures of the gases 

and vapors contained in the space is the sum of the separate pressures which 

each would exert if it were the only one present. The law does not hold good 

when the respective liquids and gases act chemically with one another. 

Avogadro’s Law. In equal volumes of gases having the same temperature 

and pressure the numbers of molecules are the same. 

5. Jets and Vortices 

Impact and Reaction. When a stream of a fluid impinges on a solid sur- 

face, it presses on the surface with a force equal and opposite to that by which 

the velocity and direction of motion of the fluid 
are changed. Generally in problems on the im- 

pact of fluids it is necessary to neglect the effect 

of friction between the fluid and the surface on 

which it moves and in the jet itself. 

Reaction of Jet upon a vessel from which it 
issues. Let A be the area of the orifice, # be the 

Ox head on the orifice, w be the weight of unit volume 

of the fluid. Then the reaction of jet is P = 

LTT VLLLALD 2 Ahw. 

If the orifice is in a thin plate with a coeffi- 

cient of velocity = 0.96 and a coefficient of con- 

traction 0.64, then P = 0.96 X 0.64 K 2 Ahw, or P= 1223 Ahw, 

Impulse of a Jet on a Fixed Curved Vane with borders. Let @ be the angle 

through which the jet is turned, Q the volume of discharge of the jet per unit 

of time, U the absolute mean velocity of the jet. Taking the X axis as the 

axis of the jet before deflection and the Y axis at right angles to that in the 

plane of the jet, then, 

P, =22U (1 — cos) Py = “2 U sind p= y VII wad) 

If wis the angle the force P makes with the X axis, tan y = sin 6/(1 — cos@). 

For a flat vane perpendicular to axis of jet, P = Pz = OQwU/g. 

Z 
Z 

Fig. 4. Reaction of Jet 
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Impulse of a Jet on a Fixed Solid of Revolution whose axis coincides with 
the axis of the jet is the same as in the preceding case except that Py = 0. 
Then P = Pz = QwU/g (1 — cos@). The direction of the force is along the 
axis of the jet. 

Impulse of a jet upon a curved vane with flanges at the sides to prevent water leaving 
it except in the direction of the tangent to its tip, and the vane moving with a uniform 
velocity in the direction of the jet, is found as follows : Let V be the absolute velocity 
of the vane, A the area of the jet; then 

Force with which vane is moved is Pz = “uv — V)2(1 — cos @) 

Work done on the vane, Ww “uw — V)2 V(1 — cos @) 

Maximum efficiency is obtained when @ = 180° and V = U/3, and is 16/27, or 
59.3%. 

Fig. 5. Impulse upon Curved Vane Fig. 6. Solid of Revolution 

Impulse of a jet upon a solid of revolution, whose axis coincides with the axis of the 
jet, moving with a uniform velocity in the direction of the jet, is the same as in the 
above case of a moving curved vane. 

Impulse of a jet upon a series of curved vanes with borders, or upon a series of sur- 
faces of revolution, whose axes coincide with the axis of the jet; moving in the ‘direc- 
tion of the jet, is found as follows: 

The force and work are 

P= “Zu — V) (1 ~ 0058) es Fy Wa a OS 
g 

Maximum efficiency is obtained when 6 = 180° and V = U/2, and is unity. 
Impulse of a jet upon a flat vane without borders, moving in the direction of the jet 

is as follows: 
Force and work are 

p= “2 (y - virsint w= 4% ~ vy Vinee 
& 

In this case 6 is the minimum angle between the vane and the jet, and is 90° whenvane 
is normal to axis of jet. The maximum efficiency is obtained when @ = 90° and V = 
U/3, and is 29.6%. 

Impulse of a jet upon a series of flat vanes without borders, moving in the direction 
of the jet, is as follows: 

Force and work are 

p= 4 
g 

The maximum efficiency is obtained when 6 — 90° and V — U/2, and is 50%. 
When the distance between nozzle and vane is less than the diameter of the nozzle, 

the discharge is reduced and the reaction on the vane is decreased whereas the pressure 
within the nozzle is increased. 

Radiating Current. If water flows from a center outward between two 
parallel plates, and friction be neglected, the pressure head at any point dis- 
tant Re from the center is 

Ss 

(U — V)sin26 w= 4% v2 Vane 
AK 

Ww 2 gR?? PS oR RNs 
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where Vj is the velocity at radius Ri; and V2 that at Ro. If the discharge 

from between the plates is into air, the pressure at the outlet is atmospheric, 

and as the pressures decrease toward the center the 

pressure on the top of the upper plate is greater 
than that on the bottom of it. This explains the 
phenomenon of the so-called “ ball nozzle.” 

Vortices. A Free Circular Vortex is a revolving 

mass of water in which the, stream lines are con- 

centric circles and in’ which the total head for each 

stream line is the same, or Ri Vi = R2V2 as in a 

radiating current. 
Fig. 7. Flat Plate 

A Free Spiral Vortex is a revolving mass of water 

having a radiating flow combined with a.circular flow, in both of which 

RiV:i = RV: 

and the same equation holds for the spiral motion in which the direction of 

the current will make a constant angle with the radius to its axis, or when 

the path of the current is a logarithmic spiral. The centrifugal pump delivers 

water into its shell in a free vortex of this kind, the velocity diminishing and the 

pressure increasing as it flows outward. 

A Forced Vortex is a revolving mass of water in which, by the application 

of some force or forces, the law of velocity variation is caused to be different 

from the above. ‘The simple case is that in which all the particles have equal 

angular velocity. Then if w = angular velocity and vy = Ra, the pressure 

head at any point is 
Pp RB? 
A ac A + a constant 
w 2¢Z 

and the relations at any two points, 1 and 2, in the same horizontal plane are 

P, —P 2 v2 —V2 
pf ois (Rel Rj2Vox : 

w 2¢g 2g 

This is the equation of the surface assumed by the water in a revolving vessel, and 

indicates that radial planes will cut the surface in parabolas with vertices downward 

and at thecenter. The height zz of the surface at any point x above a tangent to the 

parabola at its vertex 9 is f 
Pz — Po Va wR? a Vx" 

w 2g 2g 

Rectilinear Translation and Acceleration. When a mass of water is con- 

tained in a vessel and moves in a straight line with uniform velocity, the pres- 

sure upon each surface along horizontal planes will be uniform, but if the 

motion is uniformly accelerated, then the pressure decreases from the front 

to the rear of the vessel for positive acceleration and vice versa for negative 

acceleration or retardation. 

If points 1 and 2 are distant x apart horizontally, andj is the acceleration, 

(P, — Ps)/w = 2 — 22 = xi/8 

and the surface has an angle of inclination @ whose tangent is7/g. 

Zx 

6. Hydraulic Computations and Tables 

Units of Measure used in this Section are the second, the foot, and the 

pound-weight. For some minor quantities such as pressures and diameters 

the inch is employed instead of the foot, but the latter is to be used in all 

standard hydraulic formulas. (Art. 9 employs some metric units.) 
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The last column contains values of the v 

Hydromechanics 
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Powers of Numbers, Velocities, Velocity Heads 

0.1643 
0.2530 

0.3536 
0.4648 
0.5857 
0.7155 
0.8538 

1.000 
1.154 
1.315 

0.0562 
0.1338 
0.2220 
0.3181 

0.4205 
0.5281 

- 6403 
- 7566 
- 8766 

- 000 
-127 
- 256 
- 388 
-523 

- 660 
. 799 
- 941 
- O85 
-231 

.378 

.528 

. 679 

. 832 
987 

- 144 
- 302 
-461 
-622 
784 

- 948 
-113 
- 280 
-448 
-617 

0.0251 
0.0437 
0.0605 
0.0761 

0.0910 
0. 1053 
0.1191 
0. 1326 
0. 1457 

0.1585 
0.2759 
0.3817 
0.4804 

0.5743 
0.6645 
0.7518 
0.8365 
0.9192 

1.000 
1.079 
1,157 
1.233 
1.309 

1.383 
1.456 
1.529 
1.600 
1.671 

1.741 

1.810 

1.879 
1.947 

2.015 

- O81 
- 148 
-214 
.279 
-344 

- 408 
-472 
-536 
-599 
- 662 

velocity » and the last column but one gives values of 
head x, The value of g used in these columns is 32.16 

sss99 22999 9° 

esses see5e 

eooco 

elocity head 2/2 ¢ for the values of the 
the theoretic velocity due to a 
2 ft. per sec. per sec. 
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Powers of Numbers, Velocities, Velocity Heads—Continued 

n n2/s nl-25 n0.8 nl87 | n0.535 | 4/2gn | n2/2¢ 

3.5 2.305 4.787 2.724 10.41 1.955 15.01 | 0.1904 
3.6 2.349 4.959 2.786 10.97 1.984 15.22 | 0.2015 
3:7 2.392 5.132 2.848 11.55 2.014 15.43 | 0.2128 
3.8 2.435 5.306 2.910 12.14 2.043 15.64 | 0.2245 
329 2.478 5.481 2 971 12.74 2.071 15.84 | 0.2364 

4.0 2.520 5.657 3.031 13.36 2.099 16.04 | 0.2487 
oe 2.562 5.834 3.092 13.99 2.127 16.24 | 0.2613 
4.2 2.603 6.013 3° 152 14.64 2159 16.44 | 0.2742 
4.3 2.644 6.192 3: 212 15.30 2.182 16.63 | 0.2874 
4.4 2.685 6.373 3.272 15.97 2.209 16.82 | 0.3009 

4.5 2.726 6.554 3.331 16.65 2.236 17.01 | 0.3148 
4.6 2.766 6.737 3.390 17.35 2.262 17.20 | 0.3289 
4.7 2.806 6.920 3,449 18.07 26289 17.39 | 0.3434 
4.8 2.846 7.105 3.507 18.79 23315 17.57 | 0.3582 
4.9 2.885 7.290 3.566 19.53 2.340 17.75 | 0.3732 

§.0 | 11.18 2.924 7.477 3.624 20.28 2.366 17.93 | 0.3886 
§.1.} 11.52 2.963 7.664 3.682 21.05 2.391 18.11 | 0.4043 
5.2 | 11:86 3.001 7.852 3.739 21.82 2.416 18.29 | 0.4203 
5.3 | 12.20 3.040 8.042 3.797 22.62 2.441 18.46 | 0.4367 

554 | 12,55 3.078 8.232 3.854 23.42 2.465 18.64 | 0.4533 

5.5 | 12.90 3.116 8.423 3.911 24.24 2.489 18.81 | 0.4702 

526..} 13/25 3.153 8.615 3.968 25.07 2.514 18.98 | 0.4875 

5.7-| 13.61 3.191 8.807 4.024 25.91 2.537 19.15 | 0.5051 

5.8 | 13.97 3.228 9.001 4.081 26.77 2.561 19.32 | 0.5231 

5.9 | 14.33 3.265 9.195 4.137 27.64 2.585 19,48 | 0.5411 

6.0 | 14.70 3.302 9.391 4.193 28.52 2.608 19.65 | 0.5596 

Gel} 15507 3,338 9.587 4.249 29.41 2.631 19.81 | 0.5784 

6.2 | 15.44 3.375 9.783 4.304 30,32 2.654 19.97 | 0.5975 

6.3 | 15.81 3.411 9.981 4.360 31.24 2.677 20.13 | 0.6170 

6.4 | 16.19 3.447 | 10.18 4.415 32.18 2.700 20.29 | 0.6367 

6.5 | 16.57 3.483 | 10.38 4.470 33.12 2.722 20.45 | 0.6568 

6.6 | 16.96 3.519 | 10.58 4.525 34.08 2.744 20.61 | 0.6771 

6.7 1 17.34 3.554 | 10.78 4.580 35.06 2.767 20.76 | 0.6978 

6.8°| 17°73 3.589 | 10.98 4.635 36.04 2.789 20.92 | 0.7188 

6.9 | 18.13 3.624 | 11.18 4,689 37.04 2.811 21.07 | 0.7401 

7.0 | 18.52 3.659 | 11.39 4.743 38.05 2.832 Die. NOs iOLs 

7.1-} 18.92 3.694 | 11.59 4.797 39.07 2.854 21.37 | 0.7836 

722-} 19.32 FADIN 112.79 4.851 40.10 2.875 21.52 | 0.8058 

Hi 419.02 3.763 | 12.00 4.905 41.15 2.896 21.67 | 0.8284 

7.4 | 20.13 3.797 | 12.21 4,959 42.21 2.918 21.82 | 0.8512 

7.5.) 20.54 3.832 | 12.41 5.012 43.29 2.939 21.97 | 0.8744 

7.6 | 20.95 3.866 | 12.62 5.066 44.37 2.960 22.11 | 0.8979 

Ted. 211636 3.899 | 12.83 5.119 45.47 2.980 22.26 | 0.9217 

ote 79 3.933 | 13.04 5.172 46.58 3.001 22.40 | 0.9458 

7.9 | 22.20 3.967 | 13.24 5.225 47.70 3.022 22.54 | 0.9702 

These tables give values of three-halves powers and two-thirds powers of 

numbers which are useful in weir computations, and also other powers which 

occur in exponential formulas for flow in pipes and channels. The last 
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Powers of Numbers, Velocities, Velocity Heads—Continued 

n n3/2 n2/3 ni.25 n0.8 n1.87 n0.535 | 4/2 gn | n2/2 ¢ 

8.0 22.63 4.000 13.45 5.278 48.84 3.042 22.69 | 0.9949 
8.1 23.05 4.033 13.67 S2331 49.99 3.062 22.83 | 1.020 
8.2 23.48 4.066 13.88 5.383 51.15 3.082 22.97 | 1.045 
833.) 123094 4.099 14.09 5.436 §2.32 3.102 23.11 | 1.071 
8.4 24.34 4.132 14.30 5.488 53¢51 3.122 23.25 | 1.097 

8.5 24.78 4.165 14.51 5.540 54.70 3.142 23.38 | 1.123 
8.6 2522 4.198 14.73 5.592 55.91 3.162 23.52 | 1.150 
8.7 25.66 4.230 14.94 5.644 57.14 3.182 23.66 | 1.177 
8.8 26.10 4.262 15.16 5.696 58.37 3.201 23.79 | 1.204 
8.9 26.55 4.295 15os% 5.748 59.62 3.221 23293.) 2.231 

9.0 27.00 4.327 15.59 5.800 60.87 3.240 24.06 | 1.259 
9.1 27.45 4.359 15.81 5.851 62.14 3.259 24.20 | 1.287 
O22 27.91 4.391 16.02 5.902 63.43 3.278 24.33 | 1.316 
9.3 28.36 4.422 16.24 5.954 64.7 3.297 24.46 | 1.344 
9.4 28.82 4.454 16.46 6.005 66.03 3.316 24.59-| 1.374 

935 29.28 4.486 16.68 6.056 67.35 3.335 24.72 | 1.403 
9.6 29.74 4.517 16.90 6.107 68.68 3.354 24.85 | 1.433 
9.7 30.21 4.548 17,12 6.158 70.03 3.372 24.98 | 1.463 
9.8 30.68 4.580 17.34 6.209 71.38 3.391 25.11 | 1.493 
259 31.15 4.6i1 17.56 6.259 72.75 3.409 25.24:| 1.524 

10.0 31.62 4.642 17.78 6.310 74.13 3.428 25.36 | 1.554 
10.5 34,02 4.795 18.90 6.561 81.21 3.518 25.99 | 1.714 

11.0 36.48 4.946 20.03 6.810 88.59 3.607 26.60 | 1.881 
1155 38.99 5.095 21.18 7.056 96.27 3.694 27.20 | 2.056 

12.0 41.57 5.241 22.34 7.300 | 104.25 3.779 27.78 | 2.238 
12.5 44.19 5.386 23.50 7.543 | 112.52 3.862 28.36 | 2.429 

13.0 46.87 5.529 24.68 7.783 | 121.08 3.944 28.92 | 2.627 
13.5 49.60 5.670 25.88 8.022 | 129.93 4.024 29.47 | 2.833 

14.0 52.38 5.809 27.08 8.259 | 139.08 4.103 30.01 | 3.047 
14.5 55.21 5.946 28.29 8.494 | 148.51 4.181 30.54 | 3.268 

15.0 58.09 6.082 29.52 8.727 | 158.23 4.258 31.06 | 3.498 
TS6 61.02 6.217 30.75 8.959 | 168.24 4.333 31.58 | 3.735 

16.0 64.00 6.350 32.00 9.190 | 178.53 4.407 32.08 | 3.979 
16.5 67.02 6.481 33.25 9.419 | 189.10 4.481 32.58 | 4.232 

17.0 70.09 6.611 34.52 9.647 | 199.96 4.553 33.07 | 4.492 
17.5 73.21 6.741 35.79 9.873 | 211.10 4.624 33.55 | 4.761 

18.0 76.37 6.868 37.08 | 10,098 | 222.52 4.694 34.03 | 5.037 
18.5 79357 6.995 38:37} 10.321)| 234.21 4.764 34.50 | 5.320 

19.0 82.82 7.120 39.67 | 10.544 | 246.19 4.832 34.96 | 5.612 
19.5 86.11 7.245 40.97 | 10.765 | 258.44 4.900 35.42 | 5.911 

20.0 89.44 7.368 42.29) | 10.986 | 270.97 4.967 35.87 | 6.218 

column contains values of the velocity-head n?/2 g¢ for various values of n, 
and the last column but one gives values of the theoretic velocity VV 2 gm for 
a head #. The value of g used for these columns is 32.162 ft. per sec. per sec. 

See Sect. 1, Art. 9, for a more extended table of three-halves powers. 
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FLOW IN PIPES AND CHANNELS 
7. Orifices and Short Pipes 

Small Orifice in a Thin Plate. When the efflux takes place through an 
orifice in a thin plate whose diameter is not greater than 1/8 the head, a con- 
tracted vein, or “‘ vena contracta,” is formed, the filaments of water not be- 
coming parallel until they reach a plane at right angles to the axis of the jet 
and about 1/2 its diameter from the orifice; and not until reaching this plane 
does the internal fluid pressure become the same as 
the pressure of the surrounding medium. If the vessel 
were large enough so that the velocity at the surface 
were zero, the theoretical velocity at the place of 

greatest contraction would be v = /. 2 gh, where h is 

the head at its center of pressure and g is the accelera- 

tion due to gravity. For orifices where the diameter is 

not greater than 1/8 h, the center of pressure and 

center of gravity are assumed to coincide, and, in the Fig. 8. Small Orifice 

case of orifices in a vertical wall, the centers of gravity in Thin Plate 

of the orifice and of the contracted vein are assumed at 

the same elevation. Practically, however, the velocity Vv = Cy V2 gh, 

where Cy, the coefficient of velocity, is determined experimentally. The 

discharge then would be Q = CeAv, where A is the area of the orifice, Ce the 

coefficient of contraction, and 7 the actual velocity at the place of greatest 

contraction. Then: 
Q = CcCyA 4/2 gh = CAV/2 gh 

where C is the coefficient of discharge. 

For ordinary work very satisfactory results are obtained by using Cv = 0.97 and 

Cc = 0.62. C then = CcCv = 0.61. The values of C generally range from 0.63 to 

0.60, the lower values occurring with the higher heads. Square and rectangular orifices 

have slightly higher discharges than circular ones, the increases being between 1% 

and 1-1/2%. 

Submerged Orifices. The theoretical discharge isQ=A / 2 gh, where h 

is the difference in level of the free surfaces on the two sides of the orifice. 

Coefficients in this case are, 

according to Weisbach, 1/75 

less than for free discharge 

into the air. 

Short Tube. If an external 

tube of the same diameter 

as the orifice and at least 

2-1/2 diameters long is at- 

tached to it, the effluent 

stream, after forming a “vena 

es contracta,” re-expands and 

Fig. 9. Submerged Orifice Fig. 10. Short Tube fills the tube, and the aiet 

charge is increased. To.attain this result, however, the tube must be full of 

water before the outer end is unstopped, and must not be oily; nor must 

the head h# be greater than about 40 ft. for efflux into the air. The coefficient 

of velocity is then the coefficient of discharge, since the coefficient of contrac- 

tion is unity. C = 0.815 for tubes from 2-1/2 to 3 diameters long. For 

other lengths the coefficients for tubes and short pipes are: 

Length in diameters.... 1 3 5) 10 25 50 75 100 

Coefficient. ......+++0¢ 0.62 0.815 0.79 0.77 0.71 0.64 0.59 0.55 
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Borda’s Tube is a short tube, of the same diameter as the orifice, attached 
to the orifice on the inside of the wall. If this tube is short enough so that 

the water is discharged without filling the tube, the 
theoretical coefficient C is 0.5, which is very nearly that 
obtained by experiment. 

Converging Mouthpieces. The discharge through an 
orifice is increased as the filaments of water are made to 
approach it in a more nearly normal direction. Hence, 

if walls of an orifice converge downstream, the flow is 
increased until it reaches a maximum when the angle 

Fig. 11. between two opposite sides is about 13-1/2°, and C then 
Borda’s Tube is about 0.94. For other angles the value of C is 

For angle........ o° 10° 13.5° 20° 30° 40° 60° 

Seas 0.84 0.93 0.94 0.93 0.90 0.87 0.82 

Rounded Mouthpiece. Rounding the entrance further reduces the con- 
traction and when the curve approximates to the “‘ vena contracta,”’ C = 

unity and Q = CyAV/2 gh. Experimentally C = C, varies fram 0.96 to 
0.99. } 

Fig. 12., Divergent, Convergent, Compound and Rounded Mouthpieces 

When the upstream edge of an orifice is rounded, the discharge is increased. 
Schoder and Dawson (‘‘ Hydraulics,” McGraw-Hill, N. Y.) give the following 
from the Cornell Hydraulic Laboratory, on discharge of orifices into air, 

Values for 6 Ft. Heads 

C = circular S = square 

Radius Radius 
of up- Per cent of up- Per cent 

Orifice,} stream | increase || Orifice, | stream Coef- increase 
in. edge in over in. edge in ficient over 

shape | percent sharp shape per cent of dis sharp 
of edge of charge edge 

diameter diameter 

3/8 C 0 0 (S: Tr - 633 ae) 
11/16 C 0 0 S i - 6365 4.7 
1 Cc 0 0 & ss 638 6.2 
1-3/8 C 0 0 ) a . 650 6.4 
6 S 0 0 Ss ex 662 8.9 

| 8 S 0 0 S 4, 693 13.4 
1-3/8 C 0.65 2 Cc 4. 680 11.6 
1 C 70 3 S 6. 725 19.3 
& S .78 3% S 8. 772 26.4 
6 S 1.04 i 8 S 16. 6) 850 39.1 
11/16.C 16 4, Seq oe 867 41.9 

3/8 C £520 Si 
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: Divergent Mouthpieces, if they flow full and are more than 5 diameters 
in length, will increase the value of C above that for the orifice at the inlet and 
in some cases to as much as 1.4 times. 

Compound Mouthpieces. If a divergent tube, whose angle of divergence 
between opposite sides is about 10°, is attached 
to a rounded mouthpiece and caused to flow 
full, the head at the throat becomess less than 
the atmospheric pressure and’may practieally 
fall as low as — 24 ft. of water. The total head 
producing flow through the throat thenis h + 

24 ft. and v=C%W/2¢(h + 24), where C is 
for the rounded orifice less a small allowance 
for friction in the diverging tube. Theoretic- 
ally it would be possible to have C as high as 
8.0 or 9.0 for heads less than 1 ft. but experi- 
mentally 2.43 is the highest value obtained. 

Large Orifices. This case differs from the discharge of “ small orifices ” 
in that the difference of head between the top and bottom of the orifice is so 
great that it must be taken into account. Let ht be the distance from the free 

_ surface of the water to the top of the orifice; hp be the distance from the free 
surface of the water to the bottom of the orifice; x be the width and d = 
hp — ht the depth of the orifice; h be the distance from the free surface of the 
water to any horizontal layer through the orifice of dh depth and width x. 

Then the velocity of water through this thin layer is /2 gh, the small dis- 

charge dQ for this area is \/ 2 gh - xdh, and the total theoretical discharge is 

ht 
Q= ‘c f V2 gh-xdh 

b 

The width x may be either constant or variable, and if the latter, must be 

expressed in terms of / before integrating. ca 

For a rectangle with x = constant, Q = 2/3x \/2 g(hp*/? — he'/?) 

For a vertical triangle, base x at the top and horizontal, 

Fig. 13. Large Orifices 

2xV2zg 4 , ey FS ror 3/2 5/ Q "Tr fPoagea age 5 hphe?/? + 3 ht?/7] 

These equations are not exact theoretically, because the head is completely changed 

into velocity head at the “‘ vena contracta ” and not at the orifice as was assumed; be- 

cause the assumption is that the velocity is constant for any area x - dh, when it is 

known that at the edges the velocity is materially decreased; and because it is assumed 

that the water flows in plain layers at the orifice, which is not the case. A correct 

result could be more nearly approached were a point taken at the “ vena contracta ” 

instead of at the orifice, but accurate measurement is there impossible. However, 

by the introduction of an experimental coefficient, which is less variable than the C 

in the preceding articles, these equations answer every purpose when correction for 

the velocity va with which the water approaches the orifice is made by adding to the 

observed head the head to which the velocity of approach is due, = vt2/2 g = hy. 

For heads above 2 ft., the value of C for square orifices varies from 0.60 to 0.62 and for 

circular orifices from 0.59 to 0.61. 

Submerged Rectangular Orifices. Let hy be the depth of the top of the 

orifice on the incoming or upper side; /; be the depth of the top of the orifice 

on the discharge or lower side; A be the area of the orifice; hy = 2a7/2 g 

the equivalent head of the velocity of approach. Then (Fig. 9): 

Q =CA V2 g(hu + by — bl) 
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The value of C for a submerged orifice may be taken as about 1% less than 

its value for the same orifice under the same effective head when discharging 

freely into the air. 

Partially Submerged Orifices. Let /; and hy be as before, b the width of 
the orifice, # the difference in elevation of water on the two sides of the orifice. 
Then values of C are closely the same as for submerged orifices, and 

Q =CV2¢b [2/3 (h’/? — he”) + (ap — b)h¥?] 

Incomplete Contraction. The foregoing matter on orifices is based upon the as- 
sumption that the contraction is complete. Suppression of contraction is accomplished 
by adding an internal projection at the edge of the orifice extending over the entire 
perimeter. If the projection does not extend over the entire perimeter, or if it is a 
short distance from the orifice, partial contraction results. Suppressing the contrac- 
tion increases the discharge, but decreases the energy of the jet. If & is the ratio of 
the periphery of the orifice with a border to the whole periphery, the coefficient of 
discharge for partial contraction is, according to Bidone, 

For rectangular orifices, Cs = C (1 + 0.152 k) 

For circular orifices, Cs = C (1 + 0.128 k) 

If the sides of a vessel are less than 2.7 times the corresponding width of the orifice 
distant from any side of the orifice, their influence is felt in partially reducing the con- - 
traction. 

The effect of suppression of contraction is less when it is produced by extend- 
ing the plane of the sides upstream from the aperture than when it is caused 
by a curved entrance. 

Increase of Discharge of Square Orifices by Suppression of 
Contraction 

Authority 

Lesbros * Stewart, Wisconsin 
experiments 

Suppression Suppression by Suppression by 
planes. Free dis-| curved surfaces. Sub- 

| charge. Orifice merged discharge. 
0.656 ft. sq., per | Orifice 4.0 ft. sq., per 
cent increase cent increase 

Bottom Ri. 62.6020. 5th rh ee 4 

Bottomiand-onesiders . lsat Hlatentacn Ss iseew 
* 1¢Ewo opposite sides iin <i i Set a8 ok 

Bottom and two sides............ 
Four Sides:!amenient weet Wb sarge 

* See Hamilton Smith: ‘ Hydraulics,’’ and Wisconsin Engineer, Dec. 1907.° 

The suppression in the Wisconsin Experiments was produced by a quarter 
of an elliptic cylinder so set that its major semi-axis, which was 3.0 ft., was 
parallel to the flow and its minor semi-axis, 2 ft. 10-1/2 in., was perpendicular 
thereto. 

Two Orifices Adjacent, separated by a narrow bar, discharge more than the two 
considered separately, because of mutual velocity influences. When the width of bar 
is less than the least dimension of the orifices the discharge will nearly equal that 
through an orifice of area and form like orifices and bar combined less that of an orifice 
of area and form equal to the bar with contractions suppressed next the orifices. 
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8. Long Pipes 

Resistances. When water flows through a pipe of such length that the 
particles come in contact with the wall, resistance is produced by what is com- 

monly termed fluid friction. For short pipes this is inconsiderable and is 
provided for in the coefficients of discharge, but when a pipe is more than 50 
diameters in length this element becomes important, and as the length in- 
creases it makes up the major part of the Joss encountered. 

Hydraulic Grade Line. When water flows from rest into a channel of any 
sort, an amount of head hy equal to v?/2 g is absorbed in creating the velocity 
with which it discharges, and a small amount more is used up in frictional 

“resistances. As the water passes through the channel, an amount of head 

" fy. The pressure head 

hg is used up in overcoming the resistance to flow. If the pipe expands the 

velocity is reduced and a part of the hy is returned and appears as pressure 
head hp. If the pipe 
contracts, some of the 

hy is converted into 

measures the height of 
a column of water which 
would exert the same 
pressure as does the 
water against the walls 

of the channel. The 

Hydraulic Grade Line, Fig. 14. Hydraulic Grade Line 
or Hydraulic Gradient, 
is the locus of the tops of all such columns of water that can be placed along 
the channel, and the distance from the grade line to the center of the pipe at 
any point measures the pressure head at the latter. In an open channel the 
surface of the stream is the Hydraulic Grade Line. 

The total head producing flow is equal to the sum of the velocity head v?/2 g 
at discharge and all losses of head along the line. 

Conditions of Flow. Normal flow is a flow such that the components of 
the velocities in the direction of flow at any section vary in approximate 

accordance with the ordinates of a cylinder with an ellipsoidal end, such that 

the maximum ordinate is approximately 1.19 times the mean, the lengths of 

the cylinder being the component of the velocity in the direction of flow at 

the surface of contact and the lengths of the ellipsoidal end being the differ- 

ence between the components of the velocities in the direction of flow at the 

axis of the pipe and at the surface of contact. This condition of flow is dis- 

turbed by contraction, expansion or curvature of the stream, and the water re- 

quires a length of about 40 diameters of the pipe to readjust itself after passing 

a contraction, about 50 to 60 diameters after passing an expansion, and from 

100 to 300 diameters after passing a curve. In any region of abnormal flow 

the pressure indicated by an orifice in the pipe wall will be different for the 

same mean velocity from that indicated in case of normal flow. In the cases 

of contractions and expansions, the indication of pressure will usually be 

greater than that for normal flow, and after a curve, if the pressure be read 

on the concave side of the stream, the indication will be high, whereas if read 

on the opposite side it will be low, as also to a less degree if read at right 

angles to the direction of curvature. It is therefore essential, when making 

accurate measurements of loss of head, to take observations only at points 

where the flow is known to be normal. In very rough pipes, on account of 
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the retardation of velocity at the wall, the ratio between the mean and the 
maximum is reduced and may possibly be as low as 0.60. After a contrac- 
tion, on the other hand, the ratio may be increased to 0.95, and in the case of a 
jet from a tapering nozzle to 0.995. 

Under normal flow the absorption of head in overcoming the resistances to the motion 
of the water, called the friction head, #y, varies as a power of the mean velocity between 
the 1.7 and the square. : 

Low Velocity or Viscous Flow. When water flows in capillary tubes or 
between plates close together, the friction head has been found to vary as the 
first power of the velocity, and at very low velocities in larger pipes the same 
law holds. The velocity below which this form of flow occurs is called the 
critical velocity. The critical velocity occupies a considerable range depend- 
ing upon whether the flow is changing from sub-critical velocity to super- 
critical velocity flow, or vice versa. In either case the existing condition of 
flow tends to continue itself, so that for an increasing velocity the critical 
velocity will be higher than for a decreasing one. Experiments by means of 
coloring matter in the water have shown that as long as the friction head 
varies as the first power of the velocity the flow is taking place in straight- 
line filaments, but as soon as the critical velocity is past the flow has become 
involved in eddies or vortices, and the exponent of 2 is at once increased 
to above 1.70. 

The critical velocity may be determined by equating the straight line or 
viscous flow equation for Ay, 

32 uLvm 
== Art. 3 gD? ¢ ) 

with a similar equation for normal or turbulent flow as: 

0.38 vm?!:87 L 
he = “j000 Ds (Art. 11) 

and solving for v,, which will be the value of the critical velocity. 
To determine whether the flow in any case is above or below the critical 

velocity solve for ky in the above equations and the one giving the higher 
value is that of the kind of flow existing. 

9. Capillary Tubes and Soils 

For Capillary Tubes let T; = temperature centigrade, s = slope, D = diam- 
eter of tube, » = velocity. The formula deduced by Poiseuille is 

v = 52.500 (1 + 0.03368 Tc + 0.000221 T.?) D’s 

which has been approximately confirmed by other experimenters, and may 
be assumed to apply to sub-critical velocity flow. The critical velocity varies 
inversely as some power of the diameter. Experiments (Trans. Am. Soc. 
C. E., Dec., 1903, Vol. 51, p. 298) have given 

Critical velocity = 0.088/D°-784 

as an appropriate formula, for a temperature of 70° Fahr. 

From the above it is evident that sub-critical velocity flow will be encountered in 
practice only in small pipes, but it appears to extend considerably farther at low than 
at high temperatures. In a 2-in. pipe with a temperature of 40° F. or 4.4° C. the 
critical velocity appeared to be about 0.35 ft. per sec. 

Flow in Soils. For the flow of water through soils, let Ty = temperature 
Fahrenheit, s = slope, ds = effective size of the sand in millimeters, V = 
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velocity through the soil in meters per day, considering the entire area of the 
bed as effective in carrying water, and C = a coefficient depending upon the 
uniformity coefficient of the sand, the shape of the grains, the chemical com- 
position and the closeness and packing of the material, and ranging in value for 
sands from 370 to 1200, varying inversely as the uniformity coefficients, The 
Lawrence Experiment Station has derived the formula 

This is seen to be similar to the formula for small pipes in that temperature 
plays an important part and that A ors varies as the first power of v. 

The Effective Size of a sand or gravel is the size of grain such that 10% of 
the particles by weight are smaller and 90% greater. The size of a sand 
grain is determined by the diameter of a sphere of equal volume. The Uni- 
formity Coefficient of a sand or gravel is the ratio of that size of grain than 
which 60% of the sample is finer, to the effective size. 

Evidently a high uniformity coefficient indicates a large variation in size of grains, 
while a coefficient of unity would indicate that substantially all the grains were of one 

size. 

Temperature. In small pipes and in the flow through soils the temperature 

of the water is a very important factor. For smooth pipes of 2-in. diameter 
and under, the loss of head has been found to increase about 4% for each 
10° fall of temperature from 70° to 40° F. (Trans. Am. Soc. C. E., 1903, 

vol. 51, p. 290.) Other experiments have shown that near the boiling point 
the loss of head increases with the temperature. In large pipes the effect 
of temperature may be safely overlooked, except in cases where great refine- 

ment is necessary. 

In some weir experiments where the discharge was about 200 cu. ft. per sec. it has 
appeared that the effect of a change from 76° to 33° F. was to decrease the discharge 
about 3/4 of 1%. With small weirs, laboratory experiments have shown that the 

influence of temperature between 32° and 45° F. is greater per degree than higher up 

the scale. Accurate data covering these points are, however, wanting. 

At low velocities in small pipes the loss of head may be less with cold than with 

warm water, due to the fact that the former does not pass from the condition of viscous 

to turbulent flow as readily as does the latter and hence the if may continue to vary 

as » beyond the point where its variation with 0? would give the greater loss. 

10. Formulas for Long Pipes 

The Chezy Formula. If a is the velocity in the pipe, C a coefficient de- 

pendent upon roughness, density, velocity, and diameter, r the Hydraulic 

Radius, namely the cross-sectional area divided by the wetted perimeter, 

hy the frictional loss of head in a length L, and if hy/L is designated by s, the 

inclination or slope, then 

v=Cyo or v=Cv‘rs 

in which for new pipes C ranges from 95 to 152 and for old pipes from 60 to 

120, the value increasing both with the diameter and the velocity, as shown in 

the tables herewith. — 
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Values of C in Chezy Formula for Cast-iron Pipes 

2 Velocities in feet per second 
Diam- 
eter of 

pipe, 
inches 

For new pipes For old pipes 

For steel riveted pipes, see next table. Chezy’s formula is also used for 
conduits and streams but the coefficient C for such cases is generally expressed 
in terms of r and s (see Art. 15 for formulas of Bazin and Kutter). 

Darcy’s Formula. The original form of Darcy’s equation was rs = av + bv”. 
where a and 6 were coefficients. This Darcy later reduced tors = Cv”, where 
C =c, + ¢2/r, where c,; and co are constants. For new cast-iron and for 

Values of C in Chezy Formula Values of C in Darcy’s 
for Steel Riveted Pipes Formula CV? = Ds 

Diam- Velocity in feet per Diameter, Rough | Smooth 
eter of second inches pipes pipes 
pipes, . cial 

inches| 1 3 5 10 3 0.00080 0.00040 
i— 4 0.00076 0.00038 

3 81 86 89 92 6 0.00072 0.00036 
11 92. 1 102, | 107. 1115 8 0.00068 0.00034 

UL 99.35 peer iif i hO2 of pe OS 10 0.00066 | 0.00033 15 LOD ssl 2. eddie 1g 
38 50 Wi as Be et [rs ita I ss loa rane 14 0.00065 0.000325 
42 102} NOG OSes tt 16 0.00064 0.00032 
$8) 105 “7 20527] 205" | its 24 0.00064 | 0.00032 72 110. | arQoh*f1 py dien ti 

30 0.00063 0.000315 72 93] .101 | 105 + 110 86 0.000 
103 114 | 109 | 106 | 104 reams Nae 48 0.00062 0.00031 

wrought-iron pipes of the same roughness, Darcy’s vales of these constants 
are ¢, = 0,0000773 and cz = 0.00000162. The formula then! redicés to 

(12D +1) WL D 
——— or Vv = 394 4; ——____ 

D r 12D+1 Vis 

where D is the diameter of the pipe in feet. For rough pipe Darcy reduced 
the velocity one-half.. Darcy’s formula may be transposed to CV? = Ds, in 
which case C has an average value of 0.00032 for clean pipes of diameters 
from 8 to 48 in. inclusive, the variation being only 3% from the mean for 

hr = 0.00000642 
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all except the 8-in. The preceding table gives more accurate values of C 
for Darcy’s formula in the last form. 

Fanning’s formula for flow in pipes is 

StL _y* 2 gDhr 

aE NEDE Tt wilco a 462 
where f is a coefficiént which ranges from 0.0071 to 0.0028 for new pipes and 
from 0.0152 to 0.0046 for old ones, the value decreasing as diameter and 
velocity increase: The other notation is*the same as that at the beginning 

of this article. 

Values of f in Fanning’s Formula for Cast-iron Pipes 

Diam- Velocity in feet per second 

eter of F ; 
ape For new pipes rt For old pipes 

inches| 4 3 6 10 1 3 6 10 

3 0071 . 0067 . 0064 0062 .0152 .0139 .0128 | .0122 | 

6 .007 0063 . 006 .0057 0135 s0147 .0108 0103 | 

9 . 0067 . 0058 .0055 .0051 0122 .0105 010 . 0092 

12 . 0064 0056 -0051 0048 .0108 . 0096 0089 | .0084 

15 . 0062 .0053 . 0048 0053 .0099 . 0087 .0081 0078 | 

18 0058 0051 .0045 0041 . 0087 .0078 .0073 . 0069 

24 . 0053 0045 .0040 0037 .0076 . 0067 0063 .0060 

30 . 0046 0040 . 0037 . 0035 .0067 0061 0057 0055 | 

36 . 0042 . 0037 .0035 . 0033 0061 . 0056 0052 0050 

42 . 0038 .0035 0033 0031 .0058 0052 .005 0048 

48 . 0036 0032 0031 .0029 0057 0051 0049 .0046 

60 . 0032 . 0030 0029 OOZBE Whe ersisvahall> apysiainwted » bred seed Aeisicn phe.” 

Kutter. The Kutter formula was designed for open channels and will 

be treated under that head. It is sometimes used for pipes, but the results 

from it, since the coefficients, like those of the Chezy and Fanning formulas, 

change with the velocity in the same pipe, are usually erroneous, except for a 

very small range of velocity. For this reason it is not to be recommended 

for general use in computations for pipes. 

11. Exponential Formulas for Pipes 

One form of an exponential formula for flow of water in pipes is 

KvNL 
= pus 

where the notation is the same as that at beginning of Art. 10, but where the 

coefacient K and exponent N may vary with the kind and condition of the 

pipe. To avoid zeros in the coefficient a unit length of 1000 ft. may be taken, 

when the formula becomes 

hr 

KvN L 

~ D/25 * 1000 
in which N has a mean value of 1.87 and K ranges from 0.28 to 0.48 with 

an average value of 0.38 for ordinarily clean pipes. For rough or tubercu- 

lated pipes K may become as high as 0.70. The advantage of the exponential 

formula is that the coefficient for the same pipe is nearly constant and, if the 

hr 
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exponent, its range being from 1.70 to 2.00, is properly selected, absolutely 
so; and the variation in all cases is much less than with other formulas, so 
that with a few average coefficients for different classes of channels, all hy- 
draulic flow problems may be solved with reasonable accuracy without refer- 
ence to any tables of coefficients. The foregoing formula with the coefficient 
0.38 may be expected to give results within 20% of accuracy for any pipes 
likely to be encountered which have diameters from 1 in. to 15 ft., except 
those extremely tuberculated, and with velocities from 1 ft. to 20 ft. per sec. 
For ordinary cast-iron or riveted pipe with any diameter and velocity, the 
results may be expected to be within 6% of accuracy. 

The exponential formula is derived from experiment in the following manner: Any 
plane curve passing through the origin of coordinates can be represented by an equa- 

tion of the form y = mx, 
in which mand N may be 

1 
9 2, 

= either constant or variable. 
meieg A If the curve is one of single 

6-7000 Wz curvature such that the 
aah ak change of inclination of its 

76000 /, tangents either continuously 
f y increases or continuously aA ee Sa 
Tes Fe. | ie 

become constants. All 
curves which are loci of 
equations expressing the re- 
lation between velocity and 
loss of head in flowing water 
are of this latter class, and 
consequently ky = moN is a 
general expression for the 
loss of head in either a pipe 
or an open channel. If for 
any pipe line the values of m 
and WN be determined, the 
equation of flow in that line 
is established. Expressing 
the above equation for 
logarithmic computations, it 
becomes 

log ht = log m + N logy 

and considering the loga- 
rithms as mere quantities, 
this is at once seen to be the 
equation of a straight line in 
which log m is the intercept 
on the Ay axis and N is the 

. : : . tangent of the angle which Fig. 15. Logarithmic Plotting the fine*thAkes widMthe & 

axis. Both m and N may be found by determining two points in the line repre- 
senting the plottings of the logarithms. If it is desired to draw the straight line which 
most nearly coincides with a number of points, it must pass through their center of 
gravity and also through the centers of gravity of the two groups into which the 
center of gravity of the whole divides them. Having the last two points, the equa- 
tion of the line is readily determined. 

The following example will serve to illustrate the process (Fig. 15). The data are 
from observations on a 12-in. cast-iron water main very carefully laid in a tangent 
some 3500 ft. long, the loss in 1000 ft. of which was measured. 

C = center of gravity or mean point of the whole group 
A = center of gravity of part of group above C 
B = center of gravity of part of group below C 

Logarithm of h f 
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Ch = hr coordinate of C, Co = 2 coordinate of C 
Ah = Ag coordinate of A, Ay =v coordinate of A 
Bn = hy coordinate of B, Bv = 2 coordinate of B 

Observed Data 

v hr Logarithms 
No. Ft. persec. Ft.of water logy log hg 
1 4.794 6.515 0.6807 0.8139 

2 4.667 5ss7 .6690| Sum = 3.1667 .7464| Sum = 3.4641 

3 4.155 5.100 - 6186 ¢mean = 0.63334 .7076 (mean = 0.69282 
4 3.998 4.002 “6018 | = Ap .6023 | = An 
5 3.950 3.926 . 5966 - 5939 

6 3.519 3.566 . 5464 5822 

7 3.252 2.888 oiged ott "253715 -4606| Sum = 2,0046 

8 3.208 2.942 . 5062 -mean = 0.47430 .4686 pmean = 0.40092 

9 2.943 2.374 - 4688 | = By 3755 | BR 

10 2.177 1.405 . 3379 .1477 

Sum = 5.5382 Sum = 5.4687 
mean = 0.53382 = Cp mean = 0.54687 = Cn 

Ay — Cy = 0.63334 — 0.55382 = 0.07952 An — Cn = 0.69282 — 0.54687 = 0.14595 

Co — By = 0.55382 — 0.47430 = 0.07952 Ch — Brn = 0.54687 — 0.40092 = 0.14595 

Since Av — Cy = Cy — By and An — Ch = Cn — Bn, the three points A, C, and B 
are in a straight line, which fact checks the accuracy of the work. 

N = tangent of inclination of line ACB 

= An Ch Cr Bo 7’ An — By 0.14595" 

Since log m = log hy — N log, using the coordinates of C 
log m = 0.54687 — 1.835 X 0.55382 

= 0.54687 — 1.01626 = 9.53061 = log 0.3393, and m = 0.3393 

The equation for this 12-in. pipe is therefore hy = 0.3393 v1.835 1/1000. 

Remark: Evidently the » coordinates must be divided between the same pair of 
observations as the fy coordinates. The mathematical determination of what group 
should include a point whose v coordinate is on one side of C and whose hy coordinate 
is on the other, depending on whether the point itself is above or below a norma] to the 
line ACB through C. This can usually be established by plotting the logarithms on 
ordinary cross-section paper, or the observations on logarithmic paper. 

To introduce the diameter into the equation, a series of values of m and WN for pipes 
of different diameters must be obtained. The range of J is relatively small, the limits 
for all reliable pipe experiments on record being from 1.70 to 2.08, and if the pipes are 
of the same character of surface and alignment the value of m will be constant. It is, 
therefore, only necessary to consider the variation of m, which depends upon the area 
of the cross-section or upon D and upon the roughness. Evidently m varies inversely 
as some power of the diameter, and for 1/D = 0, m = 0 for any velocity, so the curve 
representing the relation between m and D will be m = KD-*. Proceeding in the 
same manner as before, an average value of « = 1.25 will be obtained, and the formula 
for pipe of the same character as that in the above experiment is 

Rey 8t ood, 0.38 v87 L 
he => - -——— or Ris ae 

pi.-25 1000 pi. 1000 

for average conditions, and this may be transposed to ‘ 
Vv = 73.54 D%568 59-535 or v = 185 79-868 50.535 

Scobey’s Formula for Wood-stave Pipe is of the above form and is 
v = 1.62 D?-65 hhy?-55 

wherein hr is loss of head per 1000 ft. The U.S. Dept. of Agriculture Formula (Bul- 
letin 854) for tile drains of clay or concrete, 4 in. to 12 in. diameter, is: 

V 45-138 £2/? 53/2 
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Hazen and Williams Formula. A commonly accepted exponential expres- 
sion is that known as the Hazen and Williams formula (see Hydraulic Tables, 

Williams and Hazen, John Wiley & Sons, New York City), which is: 

V = cr®83 59-54 0.001—°- 04 

The last term of this formula 0.001-°-°4 was introduced to make the co- 
efficient ¢ correspond in value with that of the Chezy formula for a slope s of 
1 ft.in 1000 ft. This formula was origina!ly devised to furnish the basis for the 
Hazen and Williams Hydraulic Slide Rule by which ordinary problems of 
discharge and loss of head in either closed or open channels may be readily 
solved, and from which the above named ‘‘ Hydraulic Tables” have been 

derived. 

The Hiram F. Mills Formulas. The most scientific and rational formulas 
yet presented for the flow of water in pipes are those devised by the late Hiram 
F. Mills, C. E., of Lawrence, Massachusetts, and posthumously published in 
1923 through the interest of John R. Freeman, C. E., and Karl R. Kennison, 
C. E., by the American Academy of Arts and Sciences, of Boston. The Mills 
formulas are of the form: 

a Civ a Cov? 

yi-25 

wherein C2 is zero for flow below the so-called critical velocity. The expres- 
sion is quite similar in appearance to the old Darcy formula rs = av + bv’, 
a form originating with Dr. Young and Prony about the beginning of the 
19th century. 

The theory of these formulas is that the flow of water takes place throughout 
a part of the pipe section in approximately parallel filaments, under which 
condition the loss of head /y varies as the first power of 2, and through the 
rest under conditions of disturbances inducing impacts which cause the loss 
to vary as v*, the latter being considered the probable limiting condition under 
extreme disturbance. As such maximum disturbances cannot occur in small 
pipes it follows that the average exponent of v, which is that derived for the 
exponential formulas, will be smaller for small pipes than for larger ones. 
Also by reason of the disturbances caused by the roughness of the pipe wall 
the exponent of v for rough pipes will be more largely influenced by the v? 
condition and the mean exponent will be greater. The exponent of 7 in the 
Mills formula corresponds to that of D or 7 in the exponential formula pre- 
viously considered. 

The flow of water in a pipe or other channel, starting from rest as set forth 
by Mr. Mills, passes through four different stages or conditions. 

First. It starts as viscous flow with the velocity increasing from zero at 
the pipe wall to a maximum at the center, and Ay varies as Civ, with C; a 
constant. 

Second. A velocity is reached at which the water begins to move at the 
pipe wall and eddies starting there move out toward the center. The first 
effect is to reduce the value of Ci, and at the same time a resistance varying 
as Cov” appears with iC 2 increasing from zero, approximately as the ordinates 
to a quarter ellipse and becoming constant, while Cy begins to increase from 
its decreased value. 

Third. With C2 constant, C, continues to increase approximately as the 
ordinates to a quarter ellipse starting from the point of zero velocity until the 
maximum disturbance of the stream due to eddies has been reached, after 
which C; becomes constant and this constitutes the 
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Fourth condition, when both C; and C2 are constant with C; considerably 
smaller than Co. 

To provide for all these conditions and the additional effect of temperature, 
which in small pipes and at low velocities is important, is evidently impossible 
in a single formula, since for each class of pipe at least four equations would be 

required, two of which must involve a variable coefficient. Omitting all of 
the first three conditions, Mr. Mills presents the following equations for the 
fourth: 

For v above rl.25s 

Seamless drawn brass tubes... . 6 ft. per sec. = 0.0000593 v + 0.0000220 v2 
Riveted sheet-iron pipe coated 

with bitumens?...3...20!.. 4 ft. per sec. = 0.0000542 » + 0.0000317 v2 
Wrought-iron pipe coated with 

aspbate> 23.054). 3-2 Be. 4 ft. per sec. = 0.0000527 » + 0.0000252 v2 
Finapess235c2% Sure. 8 0S). 2.5 ft. per sec. = 0.0000398 v + 0.0000257 v2 
Glastpineses oe. 18tS . f- 2c hOE: 5 2.5 ft. per sec. = 0.0000386 » + 0.0000294 v2 
Wrought-iron pipes........... 4 ft. per sec. = 0.0000370 v + 0.0000337 v2 
Reageiipes.... 808.12... 0aa. 2.5 ft. per sec. = 0.0000340 7 + 0.0000264 v2 
Galvanized-iron pipes......... 4 ft. per sec. = 0.0000318 v + 0.0000483 v2 
Tarred cast-iron pipes......... 2 ft. per sec. = 0.0000201 » + 0.0000414 v2 
Bored wooden pipe........... 1 ft. per sec. = 0.0000149 » + 0.0000836 v2 
New uncoated cast-iron pipes. . 1 ft. per sec. = 0.0000144 » + 0.0000497 v2 
Old cast-iron pipes — cleaned. . 1 ft. per sec. = 0.0000080 v + 0.0000572 v2 
Old cast-iron pipes with thin 

calcareous deposit.......... 1 ft. per sec. = 0.0000072 » + 0.0001121 v2 
Old rusty and _ tuberculated 

wrought-iron pipes.......... 1 ft. per sec. = 0.0000032 v + 0.0001185 v2 

For velocities of 6 ft. per sec., where the effect of Civ is negligible, the pipes 
are arranged according to resistance, as follows: 

Material T1255 Material rl-25 5 

Seamless drawn brass. ...| 0.0000319 v2 || Tar coated cast iron...... 0.0000447 v2 
We ds osi2 <eteweOy «+ « .0000320 v2 || New cast iron (uncoated).| .0000521 v2 
4 ee oe ee .0000323 v2 || Galvanized iron......... -0000549 v2 

Asphalt - coated wrought Old cast iron —cleaned...| .0000585 v2 
ROOM Go ours ote Es + .0000340 v2 Bored wooden pipe...... -0000863 v2 
lds enor ree tae oe .0000358 v2 || Old cast iron with calcar- 
Wrought iron....... -0000399 v2 eous deposit.......... -0001133 v2 

Bitumen - coated sheet Old rusty tuberculated 
Worle sk. 3. I} BLSSG. -0000408 v2 wrought iron....::.... -0001163 v2 

The group of tables now presented give: 

(a) The loss of head in smooth brass pipes by the Mills formulas, which 
may be used for all very smooth pipes up to 4 in. in diameter. 

(b) The loss of head in wrought-iron pipes by the Mills formulas, which 
may be used for ordinary pipes up to 5 in. in diameter. 

(c) The loss of head in ordinary pipes from 6 in. to 72 in. in diameter by 
the Hazen and Williams formula, using a coefficient of 100, corresponding to 
poorly laid cast iron several years old but not badly tuberculated. 

For pipes as smooth as those included in (a) the coefficient varies from 130 
to 150, increasing with the diameter. For ordinary cast-iron pipe when new a 

coefficient of 120 is reasonable and for riveted steel pipe under similar con- 
ditions 110 is recommended. ‘Fire hose ranges from 140 for the smoothest to 

89 for unlined linen hose. 
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Loss of Head in Smooth Brass Pipe 

By Hiram F. Mills Formulas 

Based on Experiments of Saph and Schoder, Mills and Freeman. In Feet of Water 

per 1000 Ft. of Pipe. From Plottings. Temperature of Water about 70° F. 

I 0 ci vai VI 
Pipe di- { 0.107 in. | 0.180in. | 0.221 in. 0.282 in. 0.376 in. 

ameters 0.0892 ft. | 0.0150 ft. | 0.0184 ft. | 0.0235 ft. 0.0313 ft. 

Velocity, hg hg hy hg hg 

ft. per sec. Feet Feet Feet Feet Feet 

0.5 71 11 8.4 6 5-5 

1.0 145 30 23 22 19.9 

1.5 207 85 73 59 43 

2.0 269 162 136 104 71 

ipa) 368 260 203 149 104 

3.0 665 365 280 206 144 

3:5 915 477 365 27 188 

4.0 1165 603 465 344 240 

4.5 1420 742 575 424 296 

5.0 1720 894 690 510 356 

ao 2040 1060 820 608 422 

6.0 2370 1235 955 708 491 

VIL vol IX x XI 

Pipe di- { 0.540 in. 0.630 in. 0.820 in. 1.054 in. 1.237 in. 

ameters || __ 0.0450 ft. 0.0525 ft. 0.0683 ft. 0.0878 ft. 0.1031 ft. 

| Velocity, hg hg he he «hg 
| ft. per sec. Feet Feet Feet Feet Feet 

0.5 i 255: Led ‘Bee; u Mf 

1.0 13.9 11.8 8.1 5.8 4.9 

155 EA RR 22.6 16.3 12.0 10 

2.0 45.4 37.4 26.9 19.6 16 

2.5 67 55 39.6 PA) 24 

3.0 92 76 $4.5 40 33 

K 119 99 SIRO $4 43 

4.0 149 127 90.5 68 54 

4.5 183 155 112 83 67 

5.0 220 187 135 99 80 

SAS) 259 241 160 116 95 

6.0 305 257 186 136 112 

x xm XIV XV XVI 
| Pipe di- { 1,498 in. 2.090 in. 2.108 in. | 3.067 in. 4.00 in. 
ameters | 0.1248 ft. 0.1742 ft. 0.1757 ft. 0.2556 ft. 0.3333 ft. 

Velocity, hg hg hg hg he 

ft. per sec. Feet Feet Feet Feet Feet 

0.5 ! WBE? 0.75 0.75 0.5 0.34 

1.0 3.8 2U5 2.5 1.6 1.4 

1.5 Ye | 5.0 5.0 3.3 2.3 
2.0 12.6 8.4 8.4 5.4 3.8 
2.5 18.6 1205 12.5 8.0 57 
3.0 26.0 17.0 17.0 11.0 7.8 
3.5 33.6 22.0 22.0 14.4 10.4 
4.0 42.6 28.0 28.0 18.2 13.0 

4.5 52.5 34.6 34.6 22.5 16.1 
5.0 63.2 42.0 42.0 27.0 19.3 
5.5 75.0 49.5 49.5 320 22.9 
6.0 87.5 58.0 58.0 37.4 26.8 

Note. Pipes XIV, XV and XVI were slightly rougher than: the others. 
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The 10-ft.-diameter brick intake tunnel at Detroit gave a value ranging 
from 80 to 90. 

Experiments on a 42-in. cast-iron sewer at Baltimore reported by Keefer 
and Register (Eng. News-Record, Mar. 1, 1928) wherein the pipe was coated 
with a layer of slime about 1 in. thick, gave a coefficient of 103 computed for 
the full diameter and 116 when the diameter is reduced to 40 in. on account 
of the slime layer. 

Experiments by the U. S. Dept. of Agriculture, reported by C. E. Ramser 
on Flow through the St. Frarices Floodway, Arkansas (Eng. News-Record, 
April 5, 1928), wherein the flow took place through a wooded area generally 
free from undergrowth, at depths ranging from 4 to 9.5 ft. and with average 
velocities from 0.4 to 0.62 ft. per sec., give values of the coefficient ranging 
from 15 to 20. 

Experiments by the same personnel on Flows in the Little River Drainage 
in Missouri (Eng. News-Record, Oct. 12, 1922) give for depths of 4.5 to 5.0 ft. 
in a floodway obstructed by scattered brush and small tree growths at veloci- 
ties from 0.5 to 0.75 ft. a coefficient of about 24, and for a floodway cleared of 
all brush and trees, but not of stumps, for similar depths and velocities the 
coefficient was about 40. 

The rock section of the Chicago Drainage Canal 160 ft. wide and 22 ft. to 
26 ft. deep gave C = 77 to 97. 

Loss of Head in Commercial Wrought-iron Pipe 
By Hiram F. Mills Formulas 

Based on Experiments of John R. Freeman, 1892. In Feet of Water per 1000 Ft. of 
Pipe. From “ Flow of Water in Pipes,” Mills. At Summer Temperatures. 

Pipe di- { 1/2in. | 3/4 in. 1 in. 1-1/4 in. | 1-1/2 in. 
ameters 0.052 ft. 0.068 ft. | 0.0884 ft. | 0.1156 ft. | 0.1356 ft. 

Velocity, he he hg hg hg 

ft. per sec. Feet Feet Feet Feet Feet 

1 1 8.93 6.43 4.61 3578: 

1.5 25.9 18.5 13.36 9.56 7.85 

ve 43.8 st20 22.5 16.1 13.2 

Zu8 65.8 47.1 33.9 24.3 19.9 

3 pet | 65.8 47.4 34.0 27.9 

G5 122.3 87.4 63 45.1 37 

4 156.6 111.9 80.6 5157 47.4 

5 234 167.3 120.6 86.3 70.9 

6 327 233.7 168.5 120.6 99 

Pipe di- { 2 in. 2-1/2 in. 3 in. 4 in. 5 in. 

ameters 0.1744 ft. 0.2086 ft. 0.2596 ft. 0.3436 ft. 0.4268 ft. 

Velocity, hg hr hg he hg 
ft. per sec. Feet Feet Feet Feet Feet 

1 Dads 2.20 1.67 1.18 0.882 
iss S372 4.57 3.47 2745 1.86 
2 9.65 7.72 5.86 4.13 3.19 
2.5 14.5 11.6 8.81 6.22 4.84 
oj 20.3 16.2 12.3 8.68 6.82 
bac) 27 21.6 16.4 Tis5 9.12 
4 34.5 27.6 21 14.8 11.74 

5 51.6 41.3 S113 ZEN 17.70 

6 i Dak 57.6 43.8 30.9 25.03 
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Discharge and Loss of Head in Pipes 

By Hazen and Williams Formula with C = 100 kyin Feet of Water per 1000 Ft. of Pipe. 

For new straight cast-iron pipe C = 130 to 140, whence the velocity and discharge 

will be increased 30 to 40% from the above values, for the given hg. 

For badJy tuberculated pipe C may be as low as 70, whence the velocity and dis- 

charge may be decreased 30% from the above values, for the given hg. 

T : Fei 
Size... 6 in. 8 in. 10 in. 12 in. 

Dis- Dis- Dis- Dis- 
Veloc- charge,| hg | charge, he charge, he charge, hg 
ity, ft. | cu ft. | Feet | cu.ft.| Feet | cu.ft. | Feet cu. ft. | Feet 
Per SCC: | Der sec. per sec. per sec. per sec. 

0.5 098 334, wf75 .265 213 . 203 ~ 393 

1.0 . 196 15,33 349 -96 .545 74 . 785 ‘ 

Tees) .299 2.83 .524 2.02 . 818 1.56 1.178 1,27 

20 393 4.80 - 698 3.45 1.091 2.65 1.571 Wy be 

Zn 491 7.25 . 873 5.20 1.364 4.03 1.963 3220 

3.0 589 | 10.20 | 1.047 7.30 1.636 5.61 2.356 4.55 

KC) 688 | 13.60 | 1.222 9.75 1.909 7.50 2.749 6.05 

4.0 785 | 17.40 | 1.396 | 12.45 2.182 9.60 3.142 7.75 

4.5 883i) 21565. 1°15 7 Fa aes: 2.454 11.90 3.534 9.62 

5.0 .982 | 26.20 | 1.745 | 18.80 2.727 14.50 3.927 11.70 

335 1.080. | 31.30 | 1.920 | 22.40 3.000 17.30 4.320 14.00 

6.0 1.178 | 36.80 | 2.094 | 26.30 See BY 20.20 4.712 16.40 

6.5 1.276 | 42.70 | 2.269 ; 30.50 3.545 23.50 5.105 19.00 

7.0 1.374 | 48.90 | 2.443 | 35.00 3.818 | 27.00 5.498 | 21.80 

GS 1.472 | 55.70 | 2.618 | 39.80 4.091 30.70 5.890 | 24.80 

8.0 1.571 | 62.80 | 2.793 | 44.80 4.363 34.60 6.283 27.95 

San 1.668 | 70.50 | 2.967 | 50.10 4.636 | 38.80 6.676 | 31.25 

9.0 1.767 | 78.30 | 3.142 | 55.00 4.909 | 43.05 7.069 | 34.80 

9.5 1.865 | 86.00 | 3.316 | 62.00 $.181 47.60 7.461 38.40 

10.0 1.963 | 95.00 | 3.491 | 68.50 5.454 52.10 7.854 1 42.25 

Size... 16 in. 20 in. 24 in. 30 in. 

Veloc- Dis- Dis- Dis- Dis- 
ity, ft. charge,| hg | charge, hg charge, hg charge, he 

oa oe cu. ft. | Feet | cu.ft. | Feet cu. ft. Feet cu. ft. Feet 
per sec. , |per sec. per sec. per sec. 

0.5 .698 118} 1.091 .092 1. Sed -059 2.454 054 

1.0 1,396 .425 | 2.182 -329 3.142 . 266 4.909 - 205 

1.5 2.094 .90 39272 -695 4.712 562 7.363 433 

2.0 2.793) 1.54 4.363 1.180 6.283 958 9.817 .739 

2.5 3.497} 2-32 5.454 1.780 7.854 1.45 125272 i; 

3:30 4.189| 3.25 6.545 DisoLo 9.425 2.02 14.726 1.565 

3.5 4.887] 4.33 7.636 333 10.996 2.70 17.181 2.08 

4.0 5.585] 5.27 8.727 4.27 12.566 3.46 19.635 2.67 

4.5 6.283 | 6.88 9.817 5.32 14.137 4.30 22.089 3.32 

5.0 6.981] 8.39 | 10.908 6.46 15.708 D.22 24,544 4.02 

Dia 7.679 | 10.00 | 11.999 7.70 17.279 6.22 26.998 4.81 

6.0 8.378} 11.65 | 13.090 9.05 18.850 7.32 29.452 5.32 

6.5 9.076/ 13.60 | 14.181] 10.50 20.420 8.50 31.907 6.55 

7.0 9.774] 15.60 | 15.272] 12.05 21.991 9.75 34.361 7.50 

75 10.472 | 17.75 | 16.362] 13.70 23,562 | 11.10 36.816 8.55 

8.0 11.170] 19.95 | 17.453] 15.40 25.133 } 12.50 39.270 9.61 

8.5 11.868 | 22.35 | 18.544) 17.35 26.704 | 13.95 41.724 | 10.75 

9.0 12.566 | 24.90 | 19.635] 19.20 28.274 | 15.50 44.179 | 11.95 

9.5 13.264 27.50 | 20.726) 21.20) 29.845 | 17.20 46.633 | 13.40 

10.0 13.963 |30.20 | 21.817 | 23.30 31.416 | 19.80 _ 49.087 14.60 



Discharge and Loss of Head in Pipes—Continued 
By Hazen and Williams Formula with C=100 hy in Feet of Water per 1000 Ft. of Pipe. 

Exponential Formulas for Pipes 

ror 196.350 

36 in. 42 in. 48 in. 
Dis. Dis- Dis- 

charge, charge, he charge, 
cu. ft. cu. ft. Feet cu. ft. 

per sec. per sec. per sec. 
3.534 -8i1 . 0328 7.95 
7.069 .621 ria bik) aD), 

10. 603 .432 .250 23.85 
14.137 . 242 425 31 
17.671 , -053 : 645 39 
21.206] 1. -863 | 1. -901 47 F 
24.740] 1. -674} 1. 1.205 55 1. 
28.274] 2. -485 | 1. 1.54 63 f, 
31.809] 2. Po 1,92 71 i, 
35.343] 3. -106] 2. Dc, 79 Z. 
38.877 | 3.8% -916| 3. 2.78 87 Re 
42.411] 4. EA in eR 3.26 95 2. 
45.946) 5. 537 | 4. 3.79 103 3. 
49.480| 6. 348 | 5. 4.33 111 So 
53.014] 6. 158} 5. 4.92 119 4, 
56.549| 7. 969 | 6. 5.55 127 4, 
60.083 | 8. 780 | 7. 6.21 135 5.4 
63.617] 9. 590] 8. 6.90 143 6. 
67.152 | 10. 401} 8. 7.64 151 6. 
70.686 | 11. 211] 9.5 8.40 159 a 

72 in 

Dis- 
charge, 
cu. ft 

per sec. 
; 14.137 

1.0 28.274 
ie 5 42.411 
2.0 56.549 
2.5 70. 686 
3.0 84. 823 
BA 5 d 98.960 
4.0 i 113.097 i 
4.5 i 127.234 1 
5.0 th 141.372 Ais 
5S 1; 155.509 1, 
6.0 Zr 169. 646 2. 
6.5 2. 183.783 Die 
7.0 he 197.920 2. 
Sass ae 212.057 3) 
8.0 .080 J; 226.195 3. 
8.5 166.897 . 4. 240./332 3. 
9:0 176.715 4, 254.469 4, 
9.5 186.532 bi 268.606 4. 
0.0 282.743 Die 
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Cubic Feet per Second Equivalents 

eee! ee Gals. per gals. | A gals. Gals. 

daily per min. || Sec, | daily (per min. 3 per min. 

1 0.6463 448.2 || 16 10.3403 7 171.1 22.6195 15 686.8 

2 1.2925 896.4 || 16.5 | 10.6635} 7 395.2 24.2351) 16 807.3 

3 1.9388! 1 344.6 || 17 10.9866, 7 619.3 27.4665) 19 048.3 

4 2.5851| 1792.8 || 17.5 | 11.3097, 7 843.4 29.0826 20 168.7 

5 3.2314) 2 241.0]|] 18 11.6328) 8 067.5 30.6978, 21 289.2 

6 3.8776, 2 689.2 || 18.5 | 11.9560 8 291.6 33.9292) 23 530.2 

7 4.5240) 3 137.4 || 19 12.2791). 8 515.7 35.5449) 24 650.7 

8 5.1702} 3 585.6 || 19.5 | 12.6023) 8 739.8 37.1605) 25 771.2 

9 5.8164 4033.7 || 20.5 | 13.2486 9 188:0 40.3919] 28 012.2 

10.5 | 6.7858 4706.0}| 21 | 13.5717, 9 412.1 42.0076 29 132.6 

11 7.1090, 4930.1 |] 21.5 | 13.8948 9 636.2 43.6232| 30 253.1 

fies Weaszik 5S 154021) 122 14.2179 9 860.3 46.8546, 32 494.1 

12 7.7552} 5 378.3 || 22.5 | 14.5411 10 084.4 48.4703| 33 614.6 

12.5 | 8.0784) 5 602.4 || 23 14.8642. 10 308.5 50.0859 34 735.1 

13 8.4015| 5 826.5 || 23.5 | 15.1873 10 532.6 53.3173| 36 976.0 

13.5 | 827246} 6 050.6 || 24 15.5105 10 756.7 54.9330 38 096.5 

14 9.0478 6274.7 || 24.5 | 15.8336 10 980.8 56.5486, 39 217.0 

14.5 | 91.3709} 6 498.8 || 25 16.1568 11 204.9 59.7800, 41 458.0 

15 9.6941} 6722.9 || 27.5 | 17.7724) 12 325.3 61.3957) 42 578.4 
0 || 32.5 | 21.0038) 14 566.3 63.0113) 43 698.9 

lion |Gals.per) Cu. ft. lion |Gals. per) Cu. ft. lion |Gals. per) Cu. ft. 

gals. min. | per sec. || gals.| min. | per sec. || gals. min. | per sec. 

daily . daily daily 

1 694 1.547 || 16 11 111 24.757 || 35 24 305 54.157 

2 1 389 3.095 || 16.5.) 11458 25.531 || 37.5 | 26 042 58.025 

3 2 083 4.642 || 17 11 806 26.305 || 42.5 | 29514 65.762 

4 2778 6.189 |} 17.5-| 12 153 27.078 || 45 31 250 69.630 

5 3472 7.737 || 18 12 500 27.852 || 47.5 | 32 986 73.499 

6 4167 9.284 || 18.5 | 12 847 28.626 || 52.5 | 36458 81,235 

7 4 861 10.831 19 13 194 29.399 || SS 38 194 85,104 

8 5 556 12.379.|| 19.5 | 13 542 30.1734} 57.5 }| 39,931 88.972 

9 6 250 13.926 ||} 20,5 | 14236 31.720 || 62.5 | 43 403 96.709 
10.5 7 292 16.247 || 21 14 583 32.494 || 65 45 139 | 100.577 

il 7 639 17.021 || 21.5 | 14931 33.268 || 67.5 | 46875 | 104.445 
11.5 7 986 17.794 || 22 15 278 34.041 || 72.5 | 50347 | 112.182 
12 8 333 18.568 || 22:5 | 15 625 34.815 |} 75 52083 | 116.051 
1235 8 681 19342 || 23: 15 972 35.589 |. 77.5 | 53.819 | 119.919 

20 -145 23-5 16 319 36.362 |} 82.5 | 57.292 | 1272656 

13.5 9 375-|- 20-889 || 24 “|. 16 667 37.136 || 85 59 028 | 131.524 
14 9722 21.663 || 24.5 | 17014 37.910 || 87.5 | 60764 | 135.092 
14.5 |. 10 069 22.436 || 25 17 361 38.684 || 92.5 | 64236 | 143.129 
15 10 417 23.210 || 27.5 | 19 097 42.352 || 95 65 972 | 146.997 
15.5 | 10764 4 : 5 150.866 



! 

Art.12 Variations in Diameter, Material and Conditions 1333 

Gallons per Minute Equivalents 

Gals. Gals. | 
per Gals. per. Cu. ft. per Gals. per Cu. ft. ie Gals. per} Cu. ft. 
in. | 987 [Pee | pL day | persec. || i, | day | per sec. 

1 1440 | 0.13370 13.5 | 19440 | 1.80495 21.5 | 30960 | 2.87455 
2 2 880 . 26740 14 20160 | 1.87180 22 31 680 | 2.94140 
B 4 320 . 40110 14.5 | 20 880 } 1.93865 22.5} 32400 | 3.00825 
4 5 760 . 53480 15 21 600 “ 2.00550 23 33.120 | 3.07510 
5 7 200 . 66850 15.5 | 22 320 | 2.07235 23.5 | 33 840 | 3.14195 

| 6 8 640 . 80220 16 23 040 | 2.13920 24 34.560 | 3.20880 
Fi 10 080 . 93590 16.5 | 23 760 | 2.20605 24.5 | 35 280 | 3.27565 

i. 8 11520 | 1.06960 17 24 480 | 2.27290 25 36 000. | 3.34250 
19 12 960 | 1.20330 17.5 | 25.200 \42583975 27.5 | 39600 | 3.67675 

10.5 15 120 | 1.40385 18 25.920 | 2.40660 32.5 | 46 800 | 4.34525 

11 15 840 | 1.47070 18.5 | 26640 | 2.47345 35 50 400 | 4.67950 

14.5 16560 | 1.53755 19 27 360 | 2.25403 37.5 | 54000 | 5.01375 

12 17 280 | 1.60440 19.5 | 28080 | 2.60715 42.5 | 61200 | 5.68225 

1225 18000 | 1.67125 20.5 | 29520 | 2.74085 45 64 800 | 6.01650 

13 18 720 | 1.73810 21 30 240 | 2.80770 47.5 | 68 400 | 6.35075 

12. Variations in Diameter, Material and Conditions 

Relation of Diameter of Pipe to Quantity Discharged. In terms of C 
for Chezy’s formula 

O=7/8 C V/sD® 

- 3 i Ze. Uy 
t fF 4 ficient f, 0 = 7/4. ~/— -—- D5 in terms of Fanning’s coefficient /, Q = z/: 4 7 TL D 

Approximately for rough pipe Q = 1000 D5? 51/2 
and for smooth pipe Q =2 X 1000 D®/? s1/2 

_ Material. Most pipes experimented upon previous to 1900 were of cast 
iron. Experiment since that date and others previous thereto indicate that 
the exponential formulas (Art. 11) may be safely used for wooden stave pipe, 

and that for riveted steel pipe the effect of rivets and joints is to reduce the 
discharge from 10 to 12% below that of cast iron when pipes are new. 

Roughness. The effect of roughness in a water pipe is in general to retard 
the flow or increase the loss in head. This is accomplished by reducing the 
velocity of the water at the surface of contact, thus producing a general, 
reduction in velocity and also causing cross currents or eddies which use up 
the energy in the stream. Roughness decreases C and increases f and K in the 
foregoing formulas. It also increases NV somewhat in the exponential formula. 

Curvature. The effect of curvature is to increase the loss of head. This 
increased loss is partly due to the cross currents and eddies set up in the bend, 
but also to the changes of velocity along the stream lines and increased fric- . 

tion along the walls of the channels due to increased velocities over part of the 
circumference. The loss of head due to a curve may be stated in terms of the 
velocity head fy or, better, in terms of the equivalent length of straight pipe 

which would give the same loss as the curve. 
The loss in a curve should be measured as the excess over that in an equal 

length of straight pipe. An examination of the experiments upon curve resist- 
ance by W: E. Fuller, Mem. Am. Soc. C. E. (Jour. N. E. W. W.A., Dec., 
1913) has led to the following conclusions: 
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1. The excess loss of head due to bends is greater for large than for small 

pipes. 
2. For large pipes a 6-ft. radius has given the minimum excess resistance 

except where very long radii are used. 

3. If the radius can be made very long, the least excess resistance will be 

from the curve of longest radius. 

4. For small pipes, with long radii, the total loss of head may be less than 

that in a straight pipe of length equal to the sum of the two tangents to the 

curve. 
5. Approximate formulas: 

For 90-deg. bends of a radius between 1.5 ft. and 10 ft. the excess loss of 
V 

head due to the curve ky = 1/4 (=) 

2g 
72 

For 90-deg. bends of 6-in. radius py = 1/2 (=) 

For loss in 45-deg. bends use 3/4 of loss in similar 90-deg. bends. 

For loss in 22-1/2-deg. bends use 1/2 of loss in similar 90-deg. bends. 

For loss in a Y-branch use 3/4 of loss in similar tee. 

The above formulas though convenient to apply are evidently inaccurate 

because they take no account of differences in radius of curvature. 

The following values of curve and special resistance were obtained experi- 

mentally from tests of 30-in., 16-in., and 12-in. cast-iron pipes, and the excess 

Vy? 

For tees = bends of zero radii, hy = 11/4 ( ) 

Resistance in Pipe, and Equivalent Loss of Head, Due to Curve or 
Special Connection 

Equivalent length of 
Obstruction straight pipe, measured 

in pipe diameters, 
producing same loss 

90-deg. curves of head as excess due 
Authority to curve or special 

No. of 30-in. | 16-in. | 12-in. 
Pipe |Radius| diam- pipe, | pipe, pipe, 

diam- of eters No. No. No. 
eter | curve | equal to diam-| diam- | diam- 

Radius eters | eters | eters 

30 in. | 15 ft. 6 Williams, Hubbell and Fenkell | 30.0 |.......J].....-. 
30 in. | 10 ft. 5 Williams, Hubbell and Fenkell | 20.9 |.......].....-. 
12 in. 4 ft. 4 Williams, Hubbell and Fenkell |......]....... i eyes) 
16 in. 5 ft. 3.76 | Williams, Hubbell and Fenkell |...... 1928S FRY Me. 
12 in. 3 ft. 3 Williams, Hubbell and Fenkell |......]....... 13.92 
30 in. 6 ft. 2.4 Williams, Hubbell and Fenkell | 14.4 ].......J....... 
12 in. 2ehtk 2 BadiaMillsetoatndbxeondicedh te allilep ata 12238, 
12 in. | 13 in. 1.08 | Williams, Hubbell and Fenkell|......]....... 19.7 

SON... CAvem awe a Cee Williams, Hubbell and Fenkell | 62.2 

30-in. by 10-in. Y or 30- 
in. by 6-in. gross or 
two 30-in. by 6-in. T’s | Williams, Hubbell and Fenkell 

ae by 30s Ya ncs Williams, Hubbell and Fenkell 
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resistance is expressed in equivalent lengths of straight pipe, measured in 
pipe diameters. (Trans. Am. Soc. C. E. Vol. XLVII, pp. 360 and 205.) 

Unfortunately most laboratory experiments on curve resistance appear 
to have been made with measuring apparatus insufficiently delicate to detect 
the small differences of loss of head due to the introduction of curves in the 
experimental lines. 

A length of about 100 diameters of pipe seems to be required to eliminate 
the effect of a curve on the distribution, of velocities in a smooth pipe, and 
a somewhat shorter length as rougher pipe is involved. 

Expansions when sudden always produce eddies which increase the loss of 
head. Consider two sections of a pipe, 1 and 2; 1 to be taken.at a point 
where normal condition of flow exists before expansion and 2 after expansion. 
If 2; and v2 are the velocities and A; and A» the areas at the two sections 
then the loss of head due to this sudden enlargement 

(v1 — 2)” A» 2 YQ? 
= —— se = pape meet 1 pai hfe Ve or hye . 2g 

According to St. Venant, this quantity should be increased by 22/18 g, but this cor- 
rection is so smal] as a rule that it can be neglected, and more recent experiments 
indicate that the formula is as likely to give results in excess as otherwise. 

Experiments by Prof. T. J. Rodhouse at the Cornell Hydraulic Laboratory 
in 1905 gave: 

As 2 go2 

“ta eeaaeer 
wherein k = 0.967 for an expansion from 1.069 in. to 2.096 in. and 0.987 for one 

from 1.5 in. to 2.096 in. in circular brass pipe. A length of 35 diameters of 

the larger pipe was required to eliminate the effect of the expansion. 

Contraction, when sudden, produces an effect upon a stream very similar to 
that of a sharp orifice: that is, just beyond the contraction occurs the point of 
minimum cross-section of the stream or the ‘‘ vena contrata.” There result 
not only the loss of head due to the contraction of the stream, but also that 
due to the reenlargement of it after passing the ‘‘ vena contracta.” If v is 
the velocity under conditions of normal flow in the pipe after passing the 
contraction and C is the coefficient of contraction, the same in this case as 
for a sharp orifice, then the loss of head due to the contraction is 

vf i Zi ee elrared 
ite mit | 

According to St. Venant this quantity should be increased by v?/18 g. Also 
it may be written hye = C,v?/2 g, where C, varies from 0.42 to 0.53. A fair 
assumption to make is Ce = 0.5. This may also be taken as the loss of head 
due to sharp-edged entrance into a pipe. The value of C is probably too 
high for small pipes and too low for large pipes. 

A length of about 30 diameters appears necessary to eliminate the effect of 
a contraction. 

Obstructions. If the sectional area of a pipe be gradually decreased and 

then gradually increased as in the case of a Venturi meter, the loss of head 
for moderate velocities is not much increased over that due to normal flow. 
When the obstruction causes a sudden contraction or expansion of the stream 
or there is discontinuity of the pipe wall, the loss of head is increased. 

The disturbances caused by the various obstructions extend for consider- 

able distances downstream. Those producing symmetrical’ distortions of 

the velocity curve disappear sooner than the others. 
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Valves. ‘The losses due to valves in pipe lines have been investigated with 

accuracy in only a few instances. From these experiments it appears that 

a fully open gate valve in a pipe causes a loss of head corresponding to about 

6 diameters of length of the pipe. 

Siphons. A siphon is a pipe whose center line rises above the hydraulic 

grade line at some portion of its course and hence operates through a partial 

vacuum, 
The laws governing flow through siphons are the same as those for other 

pipes, but if the siphon be short, allowance must be made for losses at entry 

and due to curvature. Unless the velocity is maintained at about or above 

2 ft. per sec. air will accumulate at the summit and may materially retard or 

absolutely check the flow. On this account the siphon should be carefully 

graded up to a high point at which air can be conveniently removed by an 

ejector or through a filling chamber from which point the drop should be quite 

abrupt to the outlet. On account of the tendency of air to expand and sep- 

arate from the water at low pressure the lift of the siphon should be as low as 

circumstances will permit, and not above 20 ft. unless an ejector or a high 

velocity is used. 

A siphon installed by George S. Pierson, M. Am. Soc. C. E., of 24-in.- 

diameter cast-iron pipe about 2900 ft. long with a 20-ft. lift has been in use 

for many years connecting a distant well with one near the pumping station 

at Kalamazoo, Michigan. 
A 24-in.-diameter spiral riveted pipe siphon installed by the writer at Taug- 

hannock Falls, N. Y., in 1904, has an initial lift of 9 ft., a run of 411 ft., with 

a rise of 6 in. and a drop of 88 ft. to a waterwheel which is supplied through it, 

and drives a lighting plant furnishing current to the village of Trumansburg. 

The wheel has a draft tube giving a further drop of 14 ft., and no difficulty 

has been encountered from accumulation of air when running, the operation 

head being from 90 to 93 ft. , 

Flow Through Culverts. Experiments at the Hydraulic Laboratory of 
the University of Iowa by the Bureau of Public Roads have resulted in the 
following formulas for the flow through such structures »when flowing full 

(Studies in Engineering Bulletin Univ. of Iowa, Feb, 1926): 

Q = discharge in cubic feet per second; 
A = cross-sectional area of pipe in square feet; 

D = diameter of pipe in feet; 
L = length of culvert in feet; 
H = loss or fall of head through culvert including velocity head absorbed 

at entrance; 

ry = hydraulic radius in feet. 

Concrete pipe with square cornered entrance 

oe AV2gH 

Nr + 0.31 D> + 

or for L = 30.6 ft., @ = 4.40 D2-0 770-50, 
Concrete pipe with beveled lip entrance fe Sa Pe SORA es 

0.026 L. 
D}-2 

ye AWlgH. 
| 0.026 L 

via oe 

or for L = 30.6 {t., 0 = 4:61 D?-18 79-50, 
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Vitrified clay pipe, regular bell upstream 

A VV 28H 

0.022 L V1 + 0.023 DM? + 
or for L = 30.6 ft., OQ = 5.07 D?-95 770.50, 

Corrugated metal pipe — corrugations 2-3/4 in. apart and 1/2 in. deep 

AW/l¢H —r Vie 
0.106 L’ 41 + 0.16 D+ 

or for L = 30.6 ft., Q = 3.10 D1-31 770.50, 

Box culverts with square cornered entrance 

A~/2¢H 

0.0045 L. 
v1 4+ 0.4793 4 ee 

Box culverts with rounded entrances of 6 = in. radius 

A a/ 2¢H 

0.0045 L 
4/108 + eR ee yi 

Flaring the outlet end of a 36-ft.-long culvert having a rounded entrance by 
diverging the sides at an angle of 6° 30’ with axis to double area at outlet in- 
creased its discharge 60% and gave a discharge 86% above that of a similar 
culvert without flare and having square cornered entrance, 

o= 

G= 

a= 

13. Oii, Sand and Air 

Oil Pipe Lines. With heavy viscous oils the loss of head becomes so large 
that transportation by pipe lines is difficult. Raising the temperature of the 
oil increases its fluidity, but this is satisfactory only for short lines, because to 
maintain a sufficient fluidity throughout a lorig line the initial temperature 
must be raised to such a point that disintegration is likely to result. Experi- . 
ments have been tried with oil mixed with water, but cross currents and eddies 
in the pipe line produce at the discharge an emulsion, from which it is very 
difficult to separate the water. It is, however, possible by mixing about 10% 
of water with the oil and forcing it through a pipe line having rifling grooves 
or guides along its walls, to facilitate the transportation, The rotation of the 
liquid by the rifling causes the water to form a thin film or sheet between the 
oil and the pipe. Enmulsification does not take place, and practically all the 
water can be separated by allowing the mixture to stand for a short time ina 
tank. 

The rifling of an 8-in. line used by the Southern Pacific Railway Company consists 
of six helical grooves in the circumference, making a complete revolution every 10 ft. 
of axial length. This line was laid with a valley every 400 ft. of length, the depth be- 
ing equal to the diameter of the pipe, in order to facilitate starting the flow after the 
line had been out of service and the expedient seems to have served its purpose. 

The results of tests made by the Southern Pacific Railroad Company give the 
following values of K for the formula ky = Kv?L/1000 D. (Engr. News, June 7, 
1906, and Eng. Record, May 23, 1908.) 
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EK 

8-in. plain pipe carrying oil only....-.-+..+sseeeeeeerss eter tttes 134 

8-in. plain pipe carrying 90% oil and 10% water...--..+see-eeere 79 

8-in. rifled pipe carrying 90% oil and 10% water...-----++-++-+++ 0.95 

3-in. plain pipe carrying oil only.....+-----s+e+errererste ttt 284 

3-in. rifled pipe carrying 90% oil and 10% water. .....--see-seeee 0.64 

Mean of above pipes for water only.....--+-+++eeersrerrrersstst 0.35 

Filter Plant Sludge or Clay Slurry. The losses of head due to pumping sludge 

from the New Orleans Filtration Plant were investigated by Prof. W. B. Gregory of 

Tulane University in 1926, and the results were published in Mechanical Engineering, 

June, 1927. 

The loss of head appeared to be substantially constant and independent of velocity 

at values below the critical velocity and it therefore follows that when such material 

is to be pumped the most economical rate of flow is at the critical velocity. 

Flow of Clay Slurry in 4-in. Pipe 

Per Spe. Critical ae ee 
Ex- re : : . | Appar- | age ing Hr 

peri- ~ cific vee Hy A oy “4 ent * |temper-| for water, 

ment ae : ae ft oR cies lu of | viscos- | ature | H. and W. 

No. oy ity ~per [iwater.) slurry ity» |degrees| formula 

weight | slurry sec. rate! Cc = 140 

1 18.6 ey YE] Sao 4.65 | 0.0162 88+ 5.18 

2 23.4 1ri75 3.60 13.00 | 11.05 | 0.0251 88+ 12.40 

2 29.05 | 1.225 6.00 28.50 | 23.25 | 0.0331 88-+- 31.80 

4 32.5 15285 7.00 48.00 | 38.25 | 0.0477 88+ 42.20 

5 35.3 1.285 8.50 70.00 | 54.50 | 0.0572 88+ 57.50 

6 23.6 heh Loa 3.85 3.29 | 0.0178 65 2.45 

passes A Age |) 2f0 5.00 | 4.28 | 9-0174 

* This fluid is not truly viscous. 

The approximate composition of the sludge was+ Per cent 

Clay and sand... . nce cece erence eee e en eneecce AES, Bikol 70.29 

Carbonate of lime 24: . Soe rete. ee ASR eee oie 23.96 

Hydrate of magnesia... .. 6. eee ee ee eter ee ee eee eerie 2.90 

Hydrated oxide of iron... .. 6... ee ee ee ee ee teeter ee eee BED 

TORUGTECTMNE eine co c'cc Sere sinister eelemieccn tos Bess ee 0.53 

"POCA E UT, BURL. SRT S . Sata). a ony 100.00 

At velocities above the critical the loss of head corresponded closely with that of 

clear water as given by the Hazen and Williams formula with a coefficient of 140. 

Transportation of Solids. The percentage of solid matter that can be 

transported in flowing water in a pipe after a velocity has been attained 

sufficient to cause the suspension of the solids, is independent of the velocity. 

At the lower velocities the solids are rolled or dragged along the bottom with 

a relatively large loss of head; as the velocity increases they are picked up by 

the water and retained in suspension. The velocity at which the material 

becomes suspended is dependent upon the size of the grains and their weight. 

The velocity at which the material becomes approximately all suspended is 

the one at which the minimum loss of head will occur; and when the cost of 

pressure is great compared with the cost of the channel, this will be the most 

economical velocity to use. If the material varies in the size of its grains 

the condition of minimum resistance may occur before the heavier particles 

are in suspension. Ordinarily, however, pressure is of less importance than 

the line cost, and hence higher velocities will be used in order that the delivery 

per unit of time may be as great as possible. 
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The accurate experiments bearing on the subject have been made with sands having 
an effective size varying from 0.16 mm. to"0.75 mm. For a 1-in. pipe the velocity 
of suspension for such material is about 3.5 ft. per sec.; for a 3-in. pipe about 4 ft., 
and for a 32-in. pipe about 9 ft. The loss of head due to the transportation of these 
sands may be taken as about 25% of the loss due to water alone at the velocity of 
suspension, for each 1% of sand added to. the water. For the higher velocities with 
fine sands, the resistance appears to increase somewhat more rapidly than with water 
alone, whereas with the coarser material the increase is slightly less rapid. For average 
results the loss of head for the mixture may be taken to vary from the velocity of sus- 
pension as 0”, until more complete investigation shall discover the true law. As much 
as 52% of sand has been transported through a 4-in. pipe. (Trans. Am. Soc. C. E., 

1906, vol. 57, p. 400.) 

Flow of Compressible Fluids in Pipes. When ai’ flows along a pipe there 
is necessarily a fall of pressure due to the resistance of the pipe, and conse- 
quently the density of the air decreases and its veclocity increases along the 
pipe in the direction of motion. The effect of the resistance is to create 
eddying motions, which, as they subside, give back to the air the heat equiva- 

lent of the work expended in producing them. The result is that, apart from 
conduction through the walls of the pipe, the flow is isothermal. 

Flow of Gas in Pipes under Small Differences of Pressure. Let #; and pe 
be the absolute unit pressures at the inlet and outlet of the pipe, wg the weight 
of the gas in pounds per cubic foot, tyg = head lost in feet of the gas, hy = head 

lost in feet of water, and f = coefficient. If 1 — p2 be small so that the 
change in density may be neglected, then 

Pi — Po = wehtg = wht 

The law of flow’may be expressed by the Fanning formula 
4fL v? 

he = pris 

1 A 
and f has an average value of 0.0044 = (: + a) . Or when h/ is measured 

1 
in feet of gas the coefficient becomes f’ = 0.0044 (: + oS Expesiments 

on compressed air give 

wa pate Te pass f = 0.0027 — (1 is 3) and f/ = 0.0027 (: hag 5) 

Head Lost in an Inclined Gas Main. Let hp: and hye be the heights of 
water columns at points 1 and 2, 2 and zz be the elevations of the points, 

wa the unit weight of air and let the flow be from 1 to 2, then 

htg = — { w(hp: — hp2) — Wa (Z1 — Z2) } + 2 — Za 
g 

Wa — W 
£ (a1 — 2) or . he = (hpi — hp2) — 

When Variation in Density is taken into account, the flow of air in a long 

uniform pipe is modified. Let 1 be the initial velocity in the pipe whose 

diameter remains uniform; then the true equation as given by Unwin (Hy- 

draulics, London) is 

D wa pi” — P| 
vY= 222 SOS = 5 

: fL w pi’ 

and an approximate formula for ordinary temperature is 

P2 Dwa 
vi = (1.32 — 0.726 =| a\222 900 iLw 
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The terminal pressure p» in terms of the initial pressure py is given by 

| fviL 
Po =P | eagle ace 

229 000D 

The distribution of velocity in an air main is very similar to that in a water 

main; that is, it approximates to a cylinder surmounted by an ellipsoid. The 

ratio of the mean to the velocity at the center is given as 0.873. 

14. Flow over Weirs 

Sharp-edged Weirs. When an obstruction is placed in an open channel, 

so that water is caused to flow over it, it is called a dam or weir. If the top 

of the weir is a thin straight edge, 
the conditions of flow are similar 
to those that would exist in an orifice 
in a thin wall if the side contractions 

were suppressed and the head fell so 
low that-the water did not fill the 
orifice to its top. If the portions of 
the dam near the walls of the channel 

are raised above the level of the rest 

Fig. 16. Sharp-edged Weir so that water does not flow over 
them, the overflowing jet is con- 

tracted at the sides as in the case of an orifice. The general expression 
for the discharge of water over a weir is 

Q'= 2/3 CLH ~/2 gH 

wherein H is the height above the crest of the weir to the level of still water 
and L is the length of the crest over which the water flows. Practically, it 
js not possible to measure H, but a head 4 may be observed to the surface 
of the stream above the curve of depression caused by the weir, and to this 
the velocity head hy due to the velocity vg with which the water approaches 
the weir, may be added when the result is approximately equal to H. If the 
velocity of approach, is small, # as observed may be treated as equal to H. 
C is a coefficient which depends upon the height and form of the weir, whether 
ot not there be end contractions, the character of the weir surface and the 
condition of the water on the downstream side. In weir formulas it is cus- 
tomary to combine one or more of the factors 2/3, C, and 2 g into a single 

coefficient. 

Four Recognized Formulas for the discharge of weirs are as follows but the 
first and the fourth are the most important. 

VA Gas 

The Francis formula 

Q = 3.33 LH?2 or Q =3.33 L [(h + hy)?? — hy%/?] 

The Fteley and Stearns formula 

Q = 3.31 LH3/? + 0.007 L or Q = 3.31 L (h + 1.5 hy)’ + 0.007 L 

The Hamilton Smith formula 

Q = 3.29 (L + H/7) H’? or 

Q = 3.29 ( fs tee) hit 1-1/3 by)!? 



from 0.03 ft. to 0.75 ft.,-and is: 

s 

Art. 14 Flow over Weirs 1341 

The Bazin formula 

Q =mlLh V2 gh, 

where m = (0.40s + oonse*) [: + 0.55 (=,) ‘| 
ath 

in which a is the height of the crest of the weir above the bottom of the chan- 
nel of approach. For weirs with end contractions, Francis concluded that L 
in the above formulas should be replaced by L — 0.1 »H, where is the num- 

ber of full end contractions. This correction has been generally acceptéd, 
but it is by no means accurate, and for exact work in measuring water a weir 
without end contractions is to be preferred. These formulas all apply to 
a weir with a vertical upstream face, a sharp edge and with free access of air 
the under side of the overfalling sheet of water. 

Rehbock’s formula, published in 1912, is based on measurements over weirs 
ranging in height from 0.41 ft. to 1.64 ft. in a channel 1.64 ft. wide, with heads 

1 kh 
Oe ag 8S 

Hazen’s formula for sharp-edged weirs without end contraction (Trans, 
Am. Soc. C. E., Vol. LX XVII, p. 1289 et seq.) is: 

Q =2/3mLh V2 gh where m = 0.605 + 

h 
Q= (3.27 + 0.5 *) #2, and for heads above 0.3 ft. gives results within 

1% of those obtained by Francis and Fteley and Stearns. 

The Schoder and Turner formula 

A va2\ 3/2 vp? 

_ ss31| (+35) hie? 4 

wherein vg is the mean velocity in the channel above the level of the crest of 

the weir, and 2 is that in the portion below it, is the most accurate yet devised. 

(Trans. Am. Soc. C. E., Vol. XCIL.) 

Triangular or V-shaped Weir. This form of weir, suggested by Prof. 

Thomson of Dublin, possesses the peculiarity that, whatever the heads, the 

sections of the stream are similar, and hence it may be expected to have a coef- 

ficient more nearly constant than the ordinary weir and be particularly well 

adapted to the measurement of water where the flow varies through a consider- 

able range. The coefficient will vary for different inclinations of the sides of 

the notch. For a sharp-edged weir in which the ; 

sides make an angle of 90 deg. with each other, 

since L = 2 h, the discharge is Q = 2.6 h*/?. 

Prof. H. W. King (Michigan Technic, October, 

1916), gives Q =2.52 h?-47 deduced from a series 

of experiments covering a range of # from 0.15 ft. 

to 1.8 ft. 

Trapezoidal or Cippoletti Weir. By combining 

the rectangular notch or weir with end contrac- 

tions, with the two halves of a triangular weir, it 

is possible to so proportion the triangular portions 

that they shall compensate for the effect of contrac- Fig. 17, Triangular Weir 

tion and the result is approximately obtained when 

the inclination of the ends is one horizontal to four vertical. The formula 
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Q = 3.367 Li’? is commonly used for such a weir without velocity of ap- 
proach. Professor H. W. King recommends 

h = = 1.47 5 sles Q = 3.34 Lh [2 + 0.56 (; =) | 

which takes account of velocity approach. 

No experiments have been made upon weirs of this type when other than sharp- 
edged with vertical faces, but the effects of inclination and rounding may be expected 
to affect them similarly to rectangular weirs. 

Rounding the Upstream Corner of the crest of a weir increases the discharge. 

With flat-crested weirs Bazin found this effect to amount to as much as 13% 
where the radius of the rounding was 4 in. and the breadth of crest 6.56 ft. 
Fteley and Stearns, with weirs up to 1 in. in breadth, found the rounding to 
be equivalent to increasing the head by hr = 0.7 R, where R is the radius of 

the rounding. 

Inclining the Upstream Face away from the current decreases the contrac- 
tion and increases the discharge as much as 10% when the slope is one of 
45 deg. If the inclination is in the opposite direction, the contraction is in- 
creased and the discharge decreased. With a 45-deg. slope, the decrease may 
be as much as 7%. Inclining the downstream face does not materially alter 
the discharge until the slope becomes at least 3 horizontal to 1 vertical, when 

the discharge is reduced. 

Rounding the Entire Crest reduces the discharge for low heads, but increases 
it for those wherein the curve of the crest approaches the curve of the natural 
under side of the sheet. By a combination of a rounded crest and an inclined 
upstream slope, the discharge may be increased 20% above that of the sharp- 

edged weir. 

Flat Crests decrease the discharge until the head becomes so high that the 

sheet jumps clear of the downstream corner, when they have no effect. A 
broad flat crest may reduce the discharge 25% below that of the sharp edge. 

The Sheet of Water adhering to the downstream face of a vertical sharp- 
edged weir has increased the discharge about 28%. The sheet being wetted, 
that is depressed and the space between it and the weir filled with water, due 
to the formation there of a partial vacuum, has increased the discharge about 
15%. The sheet being depressed, but the space only partially filled with 
water, has increased the discharge about 6%. 

Submerged Weirs. When water on the downstream side of the weir rises 

above the level of the crest, the weir is said to be submerged. If hy is the 
head observed on the upstream side and h is 
the difference of head on the two sides, the 
usual formula for the discharge of a submerged 
weir is 

Q=CL V2 gh (hu — h/3) 

where C for a sharp edge varies from 0.58 to 
0.63. On account of the difficulty of measuring 

h, the head in the lower pool, because of the turbulence there, accurate 
results with this formula are impossible. 

15. Open Channels 

Hydraulic Radius or Hydraulic Mean Depth. The Hydraulic Radius, 
also called the Hydraulic Mean Depth because it is the depth of a rectangle 



_ length of the arc from the surface to the foot of 
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whose area is the same as that of the section under consideration and whose 
width is equal to the wetted perimeter of the latter, is equal to the area divided 
by the wetted perimeter and is represented by r. In open channels it takes 
the place of D in the pipe formulas, and for a circular pipe flowing full or 
half full is equal to D/4. The cross-sections of natural channels, particu- 
larly in soft materials, approximate to one or to two parabolic segments. 
It may therefore be useful to utilize the relation of the area to the arc of the 
parabola in approximating the hydraulic radius. Let y; = semi-width of 
channel if symmetrical about a vertical, or the 
distance from the bank to the vertical of 
greatest depth, d = the greatest depth, S) = 

te—_Y,—->le Y;——_>} 

the deepest vertical. The area of the semi- 
parabola A; = 2/3 yid, and the length of the Se 
arc when d < 0.25y; is approximately S, = 4 
91 + 2/3 d?/y;. If the channel is symmetrical, Fig. 19 
7 = A,/Si, but if the other part be made up of a different parabola, then a 

- similar expression may be written for A2and S2andr = (41 + Ao)/(Si + S2). 

Long Channels. In the term “open channel” are included all rivers, 
artificial canals, aqueducts and conduits and, in addition, sewers and pipes 
of whatever section which run partially full. The force producing flow cannot 
now be provided for by any external head, but is solely due to the slope or 
gradient of the channel. 

Normal Flow. When the magnitude and distribution of velocities at vari- 

ous sections over a considerable length of the stream are the same, the flow is 
said to be normal. The curve of the distribution of velocities in a vertical 
section parallel to the direction of motion through any point of an open chan- 
nel approximates an ellipse, being tangent to the bottom and with its axis 
in or near the surface of the stream. Wave action, eddies, etc., cause the 
velocities near the surface to be decreased, and this effect may extend to nearly 
half the depth. The actual curve then follows an ellipse halfway to the sur- 
face, where it leaves the ellipse and becomes somewhat flattened, giving a 
maximum velocity in the upper two-tenths of the depth. The mean velocity 
on any vertical is normally about 0.9 the maximum and occurs about 0.577 d 
from the surface, where d is the depth of the stream. The loss of head in open 
channels, probably on account of their greater irregularity, varies as a some- 
what higher power of v than in pipes. It, therefore, is possible to use for- 
mulas involving v” with a less variation in the coefficient than in pipes, though 
an exponent of 1.9 gives more constant coefficients. 

The Chezy Formula is v = C V1 Ts, where » is the velocity, C a coefficient, 
s the slope and 7 the hydraulic radius = area + wetted perimeter. 

The Bazin Formula is probably one of the best yet devised for the flow of 
water in open channels, although the same careful scrutiny has not been given 
to its roughness factors as to those of Kutter. It is 

hil aa ey 
0.552 + = 

Vr 
where 7 is the hydraulic radius in feet and v is the velocity in feet per second. 
Values of the roughness factor m are as follows: 

Very smooth surfaces of cement and planed boards........ Risvele eyetsrere 0.06 
Smooth surfaces of boards, bricks, concrete........+escserescecsees 0.16 
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For brick sewers and dirty concrete....,.s-e-eseeee reer ba owed >< 6.25 D, 28. 

Ashlar or rubble: masonry......- 22. cee ee eee tee eee e ener teens 0.46 

Earthen channels, very regular or pitched with stones, tunnels and 

CARalS 1h LOCKS svqre chia dest oae ale clr w leis oap lola win tees hernia as, opal ae 0.85 

Earthen channels in ordinary condition..........---2-+-eeeeeseeeee 1.30 

Earthen channels presenting an exceptional resistance, the wetted sur- 

face being covered with detritus, stones or weeds.........+.--+-+ 1675 

Bazin’s Formula. Values of C in vy = C \/rs 

> @ @ * 

5 

OAMPWNHNHKRKRRFR ODOC OCOCSO 

2 
3 
4 
5 
6 
8 
0 
3 
5 
7 
0 
5 
0 
0 
0 
0 
0 

.0 

.0 
0 
.0 
-0 
-0 

(a) For very smooth cement and planed boards. 
(b) For smooth boards, brick, concrete, glazed earthenware pipes. 
(c) For smooth but dirty brick or concrete. 
(d) For ashlar masonry. 
(e) For earth canals in very good condition and canals pitched with stones. 
(f) For earth canals in ordinary condition. 
(g) For earth canals exceptionally rough. 

The Kutter Formula, though largely used, is probably not entirely satis- 
factory for large streams with slight slopes. It. depends for its accuracy 
almost entirely upon the experimental determination of its coefficient of rough- 
ness 1, which changes for different velocities in the same channel, amd great 
care must therefore be exercised in extending computations beyond the limits 
of actual experiment. Let 7 = hydraulic radius, s = slope, and v = mean 
velocity; then the formula is, for the English system of measures, 

pe ee 

me V8 = O-V't8 : + («16 + 2) a 
Vr 

v= 
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Kutter’s Formula. Values of Coefficient C 

Coefficient n Coefficient n 

010 | .015 | .020 | .025 | .030 | .040 | .010 | .015 | .020 | .025 | .030 | .o40 
Slope = 0.000025 Slope = 0.00005 

| OY. 57 33 23 17 14 39 26 20 

0.2 75 45 31 24 19 51 35 26 

0.4 97 59 42 32 26 66 46 35 

0.6 112 69 49 38 31 76 53 41 

1.0 131 83 60 47 38 89 64 49 

1.5 148 95 69 55 45 99 72 57 

2.0 160 | 104 77 61 50 107 79 62 

3.28 } 181 | 121 90 72 60 121 90. 72 

6.0 206 | 142 | 108 88 74 137 | 105 85 

10.0 225 | 159 | 124 | 102 87 149 | 116 96 

16.0 242 | 174 | 138 | 115 | 100 160 | 126 | 106 

30.0 261 | 193 | 157 | 133 | 117 5 172 | 139 | 118 

50.0 274 | 207 | 170 | 147 | 130 181 | 148 | 127 

Slope = 0.0001 Slope = 0.0002 

0.1 30 22 17 12 85 48 32 24 

0.2 39 29 23 16 | 105 61 42 31 

0.4 50 38 St 7s WAR ils) 76 53 40 

0.6 57 44 35 25 | 138 85 60 46 

1.0 67 52 42 31 | 151 96 69 54 

45 75 59 48 35 | 162 | 105 77 60 

2.0 81 64 53 39 | 170 | 111 82 64 

3.28 90 72 60 45 | 181 | 121 90 72 

6.0 102 84 71 54 | 193 | 132 | 100 82 

10.0 111 92 78 62 | 201 140 | 108 89 

15.0 118 98 85 68 | 207 | 145 | 113 95 

30.0 128 | 108 95 77 }.2T5 | 454 | 122s. 10s 

50.0 134 | 114 | 100 83 | 220 | 158 | 126 | 108 

Slope = 0.0004 Slope = 0.001 

0.1 89 50 34 25 19 13 36 27 21 14 

0.2 110 65 44 32 25 18 45 34 27 18 

0.4 129 79 55 42 33 23 56 43 34 24 

0.6 140 87 62 47 38 27 63 48 39 27 

1.0 154 98 70 55 45 32 71 56 45 33 

Los 164 | 106 78 61 50 37 78 62 50 37 
2.0 170 | 112 83 65 54 40 83 66 54 40 
4.0 184 | 124 94 76 63 48 93 75 63 48 

6.0 191 | 130 99 81 69 53 99 81 68 Dat 

10.0 199 | 138 | 107 88 75 59 105 87 74 58 | 
20.0 207 | 146 | 115 96 83 66 113 94 81 65 

50.0 215 | 154 | 123 | 104 91 75 120 | 101 89 72 

1 For slopes steeper than 1 ft. per 
4 100 ft., the coefficient C remains 
‘4 practically constant for a given 
‘ 6 andr and has the values given in the 
0 3 | adjacent columns for S = 0.01. 

a When r = 3.28 ft. the value of C 
0 is independent of the slope and its 
=e value is 1.811/n. 
.0 

.0 

.0 | 112 |. 93 
0 119 | 100 
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where the coefficient of roughness has the following values: 

Rectangular wooden flume (very smooth)............0eeeeeeeeere 0.0098 
Neat cement, glazed pipes and very smooth iron pipes..........++ .010 
Plaster, 1: 3 mixture, iron pipes in best order..........-.+-+e+-++ O11 
Unplanned: timbers sor. dina ry:irOm gone seer ser ia'-so rs tas~elotetoveiw lela lnlsne beer .012 

Brick washed with cement, basket-shaped sewer: 
G@'by GY TE; aiearlyoREW. oe vce make « ao8 a < « bowls a se 5 ee | ets ae . 0130 
6 by 6.7 ft., one year old......... Sn ae RR ee yr Se . 0148 
6 by 6.7 ft:, four years olds <5 22)... 5 oe a olee supide soyGnwebe .0152 

Brick washed with cement, 9 ft. in diameter: 
early ew #2. ich ie cd cae ek oe okt oe eee e ba ete cols eee wes ok oP LEO 
Four years.dla. 7. 4S. 35 Sear set = Sale «ones Wists eee ca swe bie . 0133 

Old 'Crotonaqueduct, brick lined 2 OF. 5S. 25 Sv cle nls ab ee heist .015 
Stdbary aqueduct: . 7235 FSP ee oP. Rs cle Pde Sk Gh ches 01 
Glasgow aqueduct; ‘cement lined... oF. 2.55. eas ae ons 0124 
Steel pipe, riveted, clean, 1897 (mean). ...... 0... cece cee cee eee 0144 
Steel pipe, riveted, clean, 1899 (mean). .... 2... 20... 22 cece cece eee .0155 
Rough brickwork, incrested or tuberculated iron..............---- .015 
Brickwork or ashlar in bad condition, rubble in cement in good order. .017 
Rough rubble in cement, stone pitching, very firm gravel.......... .020 
Earth of tolerably uniform cross-section, slope and direction, in mod- 

erately good order and regimen, and free from stones and weeds; 
or'stone pitching/tn bad Gonditiony >). so). < kines « deme > od seh sale .025 

Earth, having stones and weeds occasionally... ..........02-0e0ee% .030 
Gravel in bad condition, earth in bad order and regimen, overgrown 

with vegetation, and strewn with stones and detritus......... .035 

Manning’s Formula (Trans. Inst. C. E. of Ireland, Vol. 20, 1890) is 

1.486 
ee r/3's 1/2 

in which the values of m are very near those for Kutter’s formula given above. 

The Hazen and Williams formula 
v = cr?-87 59-54 9.99] 0-04 

may be used for open channels with the following coefficients: 

For very smooth channels C = 135 to 140 
For ordinary unplaned plank C = 104 to 118 
For ordinay sewer crock C = 100 to 127 
For ordinary brick sewers C = 100 to 125 
For large canals in rock C= 75 to 95 
For ordinary earthen channels C= 35 to 84 
For rough natural channels Cs} 300 70 
For floodways through brush C = 25 to 40 
For floodways through trees C= 15to 20 

16. Variations in Sections 

Roughness. In general, the effects of roughness in a stream bed have been 
taken care of by coefficients. The action in streams is similar to that in pipes, 
causing eddies and cross currents which absorb head and so reduce velocity. 

Curvature disarranges the distribution of velocities and prevents the con- 
tinuance of normal conditions of flow. In general, the tendency is for the 
velocity on the concave side of the stream to decrease, thus causing some of 
the material in suspension to be deposited. This decrease in velocity on the 
concave side is accompanied by an increase in velocity on the convex side, 
giving rise to erosion. In general terms, the conditions of scour will prevail 
where the hydraulic axis is convergent to the bank, produce fill where this axis 
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diverges from the bank, and cause no action where the axis and bank are 
parallel; the hydraulic axis is taken as the locus of the center of gravity of the 

section of the stream. 

Principles which govern a stream freely forming its own channel in an 
alluvial plane are: (1) A plastic mass moving in a resisting medium will 
assume the form in which it encounters least resistance. (2) The transverse 
section of a body adjusted to the form of least resistance will have the maxi- 
mum ratio of area to perimeter, (3) The form of a fluid mass will vary, when- 
ever the direction of x 
movement is changed, 
by virtue of the un- 

in different parts of the 
mass. (4) The form 
being unsymmetrical 
and the direction of 
movement not a straight 

able the path described 
by the center of gravity, 
or the hydraulic axis, 
will be variable also in 
position and length. (5) 
With given limits of 
mass variation, the 

vagation of the paths 
will lie within a zone of 

certain width. 
2bd = Area of Section 

Thus a river traversing ay = Coordinates of p” 
a homogeneous soil will 
form a bed whose width , 
and depth will be Jargely Fig. 20 
determined by the varia- 
tione in volume, being wider and shoaler as the vagation of the hydraulic axis is 

greater; narrower and deeper as the volume becomes constant and the vagation of the 

hydraulic axis becomes less. 

Cross-section and Curvature. The relation between the cross-section of 

the stream and the curvature in soft material when the channel has reached a 

condition of stability is given by H. C. Ripley, Trans. Am. Soc. C. E., Vol. XC, 

by the following equations from which the section may be plotted: 

For streams where the channel occupies the full width of the waterway: 

x’ 17.52 x? () y = 1.4454 (: x ) + 1.445 a| 4 (: + a x| 
For channels not occupying the entire width of the waterway and to chan- 

nels at harbor entrances created by the action of a single curved jetty: 

x 26.28 5d 
ql y= 1.65 4 (1 +3) e 1.65 4| = (: -=)s| 

Wherein d = mean depth of channel in feet; 
b = half-width of channel in feet; 

R = radius of curvature of the concave side of the channel, in feet; 

x is the abscissa and y the ordinate of a point on the bottom, the 

origin of coordinates being taken at the center of the channel 

at the water surface. 
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When R is less than 40 +/area of section no further deepening of the chan- 
nel results from increased sharpness of curvature. 

When R is greater than about 50 ~/area of section the shape of the chan- 
nel does not conform strictly to that given by the equations. 

Formula II is not applicable to straight channels nor to curved ones when 

R exceeds about 110 -V area of section. 
On a cross-over bar when the channel is neither on a curve nor in a straight 

reach the maximum depth is about 14-1/2% less than the computed value. 
Formula II gives a width of channel at mean depth about 20% greater than 

the actual width. 
Hence it follows: (1) That every artificial channel, whether it is a flume, 

an open aqueduct, a ditch or a drainage canal, to discharge the greatest 
volume with a given slope should have the form determined by formula I both 
in straight and curved reaches; and (2) That bends in streams when R is 

greater than 40 +/ area of section are constructive bends and tend to stability 
whereas sharper bends are destructive, tending to shift the channel. 

Obstructions. The loss in velocity, due to obstructions, arises mainly 
in the loss in expansion from the contracted section to the normal section of 
the stream. Wherever an obstruction occurs, the velocity is increased and the 
surface level generally lowered. After the obstruction is passed, the velocity 
decreases and the surface rises to normal. 

Change of Section. (See also General Laws under Curvature.) In general 
a change of section is accompanied by a change in the distribution of velocity. 
In a stream through a homogeneous alluvial soil, change in the distribution 
of velocity is accompanied by either erosion or deposition of material. 

17. Backwater 

Formulas are frequently given for computing the extent and rise of back- 
water caused by an obstruction in a stream, but in order that a formula may 
be applicable to such cases as occur in practice it must be extremely compli- 
cated. Those usually given consider only a change in depth, without the 
necessarily corresponding change in width. For practical application, except 
in the extremely rare case of backwater in an artificial channel with vertical 
sides, such formulas are valueless. The practical method of solving the prob- 
lem is to divide the channel in which the backwater occurs into reaches such 
that both the velocity and the hydraulic radius will be substantially constant 
throughout each reach, and to compute for each reach, beginning with that 
next the obstruction, fora mean v and r, the Ay. This ky when added to eleva- 
tion of the surface at the downstream end gives the elevation at the beginning 
of the next reach. By making the several sections sufficiently short, any 
desired degree of accuracy may be obtained within the limits of the formula 
used for loss of head. 

Bridge Piers. An experimental investigation on models of bridge piers 
having widths of 6 in. and lengths from 18 to 33 in. in a flume 26 in. wide, the 
depth of water being about 2 ft., by Floyd A. Nagler, Jun. Am. Soc. C. E. 
(Trans. Am. Soc. C. E., Vol. LXX XT), has developed the following formula 
for backwater due to such piers: 

Let C = a coefficient; 

d, = depth of water at point of measurement of velocity of approach 
above piers in feet; 

' 
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dz = depth of water at point of measurement of velocity of retreat be- 
low piers in feet; 

hk = observed difference of head between water surfaces above and 
below piers = backwater effect of piers in feet; 

K = a coefficient; 
Q = flow in channel in cubic feet per second; 
Vi = velocity of approach above piers in feet per second; 
V2 = velocity of retreat below piers in feet per second; 

W = unobstructed width of channel “At piers in feet. 

Then assuming the slope of the channel throughout the area considered to 
be zero: 

Q? Vi 

ee ee a 
2 2 

2 «| cw (a-% =) 8 
2¢g 

in which C varies from 0.86 for a rectangular pier to 0.94 for a pier with boat- 
shaped nose and fish-shaped tail. 
~. If there is a perceptible fall in the channel from the point of measurement 
of d; to that of dy the value of dz must be decreased by this fall, and if there is 
a risé the value of dz must be increased by the rise. 

The coefficient K varies with the percentage of the original channel that is 

obstructed, approximately as follows: 

A= 

Per cent obstructed.. ~ 0 5 10 £45 20 30 
Coefficient K........ 100 ANE Dh 097 ool 1 SO pap Ors ot 03 
Per cent obstructed... 40 50 60 70 80 90 
Coefficient K.-...... ZA ed 08 eed O4r 205 D064 a DOs 

Example. Let OQ = 19 500 c.f.s. 
Area of unobstructed stream = 3680 sq. ft. 
Area of obstruction = 351 sq. ft. = 9.5% 
Area of clear waterway = 3329 sq. ft. 
Depth of channel do = 16.4 ft. 

19 500 
Vij 3680 5.3 ft. per sec. 

2 2 V2 
Vi as 2. cm 04362 ft: and 0.3: NMA ft. 
26g 2g 28 

Assume C = .894 from shape of obstruction 
K = 1.25 from area of obstruction 

Substituting in formula there results: 

19 5002 

644 X 0.8947 & 203? (16.4 — 0.13)? 

P= ions) — 0.545 ft. = 0.1 o2tt, 

- Jump. When an obstruction is present in a stream, and the slope is so 

steep that the velocity 1 before the obstruction is greater than v/, gd1,. where 

d; is the depth before the obstruction, a jump is likely to occur, producing a 

depth ds, and if the velocity head 22/2 g be called h, the value of dz is slightly 

less than that given by 

dy =1/2h + Wh (i + 1/448) 

and the height of the jump is then dy — di. ox af 

Investigations by Prof. S. M. Woodward of the State University of lowa 

iy — 1.25 X 0.4362 
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(Miami Conservancy District Technical Reports, Part III, Dayton, Ohio, 
1917) have developed the following formula for the hydraulic jump which is 
in close accord with the experimental results: 

Let d; = depth of water above jump; 
d2 = depth of water below jump; 

velocity of stream before jump occurs. 

a? 2V2d 
4 g 

Waves. When the water in a stream passes under or over some obstruction 
and is then thrown upward, a standing wave is produced. When a stream of 
high velocity discharges into a large body of water moving with a slower 
velocity, the curve of heading up does not always extend back till it reaches 
the free surface of the water, but ends abruptly at the point of change of 
velocity and a standing wave may be there produced. Under these condi- 
tions very little of the velocity head is converted into head of elevation, but 
is absorbed in impact and wave formation. 

Whirlpools, eddies, and waves all indicate a useless expenditure of force and are like 
to cause damage to banks and bed. Where a minimum of loss of head is desired they 
should be as far as possible eliminated, which may usually be accomplished by smooth- 
ing the channel and removing abrupt changes of section. 

a i 

di 
2 ee 

18. Transportation of Sediment 
Sediment can be transported by a stream in two ways: By being dragged 

or rolled along the bottom, or by being carried along in suspension. The 
weight of particles which will be dragged or rolled along by a stream is sup- 
posed to vary as the sixth power of the velocity. The experimental data 
usually quoted to determine the velocity at which different materials are 
moved were made before the beginning of the last century. These with some 
more added since by various observers gave a limiting bottom velocity for 
stability of material as follows: 

Bottom velocity, 
Material : ft. per sec. 

Soft earth A cccckcnWics.. eh ose Se 2 oes “Doce Sse OSS 
SOCICIAY. Sof 65, Son a0. 93, SRE RE oe eee pd, on nse Ce RE 0.50 
DANG. e's, Be Cctaheta pistciala feist we SR eT a eo ee eee Ie ant 200, 
Gravel...» + «Me@lfirsia its toeeetaih amast MORE ee Dele 5 ee OO 
Sea pebbles (1.06 in. in: diameter), ..cceeecee odedecs cd... eee) 
Brickbats \4:76sCu. ing). on eee eRe eee ae sects ne ee LOLtOLeE OU) 
Slate i(9:06'cutanc);,. sid HS ea cate ee Ne 2S tO'SLO0 
Brokén stone ..6: desc seen ee SS nits poate weal SWE 4.00 

Observations made in India show that for any section of channel and character of silt there is a certain critical velocity vs at which silt is neither picked up nor 
deposited. If the velocity is increased, scour results; and if it is decreased, silting occurs. This critical velocity is found to depend upon the depth and to be given by the equation vs = md -64 where d is the depth of the channel and m is a coefficient whose values are given as follows: 

For fine light sandy silt of northern India, m = 0.82 
For somewhat coarser light sandy silt, m = 0.90 
For a sandy Joam, m = 0.99 
For a rather coarse silt, as débris of hard soils, m = 1.07 

The silt-transporting power of a stream is said to vary as v?-56. (Kennedy, Proc. Inst. C. E., 1894-5, vol. 119.) 
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Velocities of Descent of certain fine materials through still water are: 
Velocity, 

Materials ft. per sec. 

Brick clay (mixed with water and allowed to settle half an hour).... 0.009 

rcsb water San 2.5 < Seas Sia Wie BEEK ois» bs)s tice SNe srectepnte ey are 0.166 

Sasbcand) of. latncsiod ALE gale sO TRkO Rt LY. OG Le 2. 0.196 

Rounded pebbles (size of peas). ... 2... eee eee eee eect ene eees 1.000 

The heads corresponding to these velocities, #y, may be taken to measure the 

amount of pressure head Ap acting upward that is necessary to keep them in 

suspension. If the change of velocity in any vertical is such as to cause the 

excess of hy at the lower level over that next above to be equal to or greater 

than the /', obtained above for the particular material, there will be no deposi- 

tion. As the rate of change of velocity is greatest near the bottom, the great- 

est amount of suspended matter will be found in that region, because material 

which may settle through the upper layers will have its descent stopped by 

the more rapidly increasing pressures. 

The flow of ground water into a river through its bed aids in suspension by giving an 

upward velocity to the water near the bottom; and obstructions in the bottom which 

~ direct the current upward aid in suspension temporarily; but the main factor in the 

transmission of suspended matter is the increase of pressure from point to point on a 

vertical as the velocity decreases. Whenever due to a disturbance of any sort the 

velocities in a vertical are equalized, the pressures become equalized also and the 

material deposits. 

The Phenomena of Scour, in the case of beds along which the water passes 

tangentially, are also due to differences of pressure caused by variations of 

velocity. The velocity in the semi-fluid layers of sediment next the bottom 

is relatively very low, whereas that in the water just above may be consider- 

able. The pressure in the water is then less than that in the saturated 

material, and the excess in the latter lifts the particles of it up into the current 

until the velocity of the latter is reduced to a point where equilibrium is estab- 

lished, or else all the loose materials are carried away, and in either case the 

scour ceases. 

The proportion of silt in various waters, in parts per 100 000 by weight, is as 

follows, the amounts for the Rhine, Vistula, and Rhone being very exceptional. 

Mississippi, near mouth, in flood.........-.+++eseeeeseseers 175 

Mississippi, near mouth, ordinary....---.--+++eersseerereee 67 

Mississippi, above Ohio, ordinary......-.--++++erererererere 20 to 30 

Ohio, at Louisville, ordinary. ...-.-..--+++eereeerreeeereees 35 

Ohio, at Cincinnati, ordinary.....-.+.e+eseeee eer rt ete eess 23 

Allegheny, at Pittsburgh, ordinary........++++++++srrrereres 5 

Interior rivers in Illinois, ordinary.......--e+++s++seseerrrees 1 to 8 

Colorado, at Yuma, average annual........-e+-eerseeeeeeee 560 to 1420 

Colorado at Yuma, flood, Jan., 1916. ......5 + cere e eee renee 2990 

Rhine, Germany, in flood....... 0.6 eeee eee ee sere ee te ceers 1000 

Vistula, Germany, in flood........ceeeer center sr eree teens 2000 

Maas, Holland, ordinary to flood.....--++ssseererrrrerscees 1 to 30 

Danube, Austria, ordinary....+.s+-s+seeeereererersrresssss 33 : 

Rhone, France, in flood. ......c-sseerer ce remeerreensrss te 2000 

Po Utaly in HOO.» esas lew mec p ers nes cp ys ct meee cae eae 330 

Nile: Ezypt,'in Floods. Pye. oe ae eee ee eve cles os eee * 150 

Ganges, India, in flood. 0.20.02. selec beeen ee etn e tee cuns 130 to 800 

Indus, India, in flood. 2.24.6. sees eae cece een e teen eens 420 

Sutlej, India, in flood.......- shih earl dyrncl Satay stool lerpravetsqap ops 300 to 900 

Roorkee, canal, India, in flood ......-+.seeerrrertttsts ttt 3000 

Indian rivers, average for year....e-sseeeeerrrrrrrrserettes 61 

Yellow, China, normal... ....0...sseceessrserseersesses es
s 400 

Yellow, China, average flood........ 0. sees ee seer ee estes ces 6500 

Yellow, China, high flood. 6.0... .e se eee c eee eee e ne nees 9000 to 10 000 
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Bank Slopes. The angle ¢ at which materials stand when submerged 
varies considerably. Very light material, as might be expected, assumes 
the steepest slope when the current impinges against the bank in flowing past. 
The following are given as results of observations in India. 

Alluvial soil, soft rock, and very firm gravel; slope 1/2 horizontal to 1 vertical, or 
d = 63° 20’. 

Stiff earth or clay, or alluvial banks with stone pitching; slope, 1 to 1, or ¢ = 45°. 
Ordinary earth; slope 1-1/2 horizontal to 1 vertical, or ¢ = 33° 40’. 
Loose earth and soft slippery clay; slopes, 2 horizontal to 1 vertical to 3 horizontal 

to 1 vertical, or 6 = 26° 30’ to 18° 20’: 

MEASUREMENT OF WATER 

19. Weight and Volume 

The methods of measuring water may be classed as absolute and inferential. 
The absolute methods are two: by weight and by volume. The inferential 
methods embrace the nozzle, the Venturi meter, the orifice, the weir, the float, 
the current meter, the waterwheel, the hydrometric pendulum, coloring 
matter and chemicals, as well as variations of these methods. In some cases 
the method may appear to occupy an intermediate position between the two 
classes, but generally will fall in one or the other. 
By Weight. The most accurate method of measuring water is by weight, 

and when the weight of a quantity of water and its temperature are known, 
its volume can be readily computed. This method is necessarily limited, by 
the capacity of weighing apparatus, to moderate or small quantities. The following table gives the volume of 100 Ib. of water at various temperatures. 

Volume in Cubic Feet of 100 Lb. of Water 

By Volume. The method ranking second in accuracy is by volume. The volume that can be so handled is limited by the capacity of the measuring vessel or tank, which may vary from a pipette to a reservoir or a natural lake. The accuracy of the observation depends upon the accuracy with which the areas and change of level of the surface are determined. If V = the volume, L = its length, Aj, As, and Ac = the areas respectively of the two ends and the mid-section of the body, and Ay = the mean area, then the vélume is giver by the prismoidal formula V = 1/6L (Ar +4Ac + Ay), and the mean area ‘perpendicular to L is Am =1/6(414+4A,+ Am). These formulas apply to the sphere, the hemisphere, any segment of a sphere, a ring or torus, a cone, a pyramid, a wedge, a frustum, a paraboloid, an ellipsoid or any segment of one, and to practically all solids having parallel ends and bounded by plane surfaces. 
When measurements are made in tanks with irregular bottoms, the bottom should be covered with water and the difference of elevation of the water surfaces, before and 
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after filling, be measured by means of a hook gage, a point gage, a tube gage, or a scale, 
depending on the accuracy desired, the devices being here enumerated in the order of 
their accuracy. 

Approximate Volumetric Measurements. The methods under this head 
include the various water meters in which a liquid fills a space and is then 
expelled through ports or valves by a piston, as in the water cylinder of a 
pumping engine — which falls in this class. On account of leakage through 
the valves and past the piston and the possibility of the space not being com- 
pletely filled when operating at high speeds, the volume of the liquid does not 
exactly coincide with that of the chamber, and where exactness is required 
the relation between the two must be experimentally determined. The 
amount of liquid discharged may vary from the volume of the chamber by 
from 1 to 20% of the latter. A device used for measuring water at Lowell 
early in the last century belongs to this class; it consisted of a large paddle- 
wheel arranged with its paddles closely fitting a specially prepared channel 
through which the water to be measured was caused to flow. The paddle, 
completely obstructing the channel, was driven ahead by the water. The 
wheel therefore assumed the velocity of the water, and so long as the paddle 
was in close contact with the sides and bottom of the channel the volume 
swept through by it below the plane of the water surface measured the quan- 
tity of water passing in that time, subject to a correction for leakage past the 
paddle, which relatively to the total volume could be made very small. A 
modification of this device has been utilized in Europe at some of the turbine- 
testing plants, where a very easy-running car, traveling on a track over a 
channel, carries a screen which can be lowered into the water and which fills 
the cross-section of the channel. The car is then driven forward at prac- 
tically the velocity of the current, and the volume swept through by the screen 
below the water surface measures the water discharged, with a small correc- 
tion for leakage around the edges. With a sufficiently Jong channel, the 
possibilities of accuracy in the apparatus considerably exceed those of any of 
the inferential or of the other semi-inferential devices. 

To this class belong the various automatic flush tanks which are designed to dis- 
charge their contents when the water reaches a certain elevation, either by causing the 
tank to turn on its axis, or by bringing a siphon into action, or by operating valves 
with the aid ofa float. These are sometimes designated as low-pressure meters because 
they use up or dissipate the major part of the pressure energy of the stream. This 

class also includes those of the pressure water meters in which there is a definite space 

filled by the water, whether it is that formed by the displacement of a reciprocating 

piston, a vibrating disk, or a revolving chamber, in all of which the moving part is 

essentially a piston. All such apparatus must be calibrated before its indications 
can be relied upon in cases where exact determinations are essential. 

20. Nozzles and Venturi Meters 

By the Nozzle. The measurement of water by means of a nozzle requires 

first an accurate determination of the area of the outlet and of the section at 

which the pressure is read, and thereafter the observation of the pressure at 

some point as close as possible to the inlet of the nozzle. This pressure should 

be observed as: communicated through at least four orifices situated 90 deg. 

apart in a plane perpendicular to the axis of the nozzle. The orifices should 

be cut with their walls normal to the axis of the pipe where the elements of 

the interior surface are parallel; or at least the tangents to the elements at the 

plane of the orifice should be’ parallel to each other and to the axis of the’ 

channel: The edges of the orifices should be smooth without projecting 

slivers or burrs, and the several orifices should be united toa common equalizing 
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chamber to which the pressure gage is connected. Frequently this chamber 
is an annular space surrounding the pipe, being made in a special casting 
designed for the purpose. Fairly good results may be obtained by connect- 
ing the gage to a single orifice at the base of the nozzle; but in this case it is 
important to remove to a considerable distance upstream, ten diameters 
of the pipe at least, any curvature or obstruction causing an unsymmetrical 
disturbance of the velocities. In any event a curve should not be within 
five diameters of the place where the pressure is read, unless a screen or 

baffle is used to equalize the velocity distribution before the gage is reached. 
Let Ag = area at the gage section, Ay, = area at the nozzle outlet, hp = pres- 
sure head at gage section, Ayg = velocity head at gage section, hyn = velocity 
head at nozzle outlet, Q = quantity of water discharged, xy = velocity at gage 
section, v, = velocity at nozzle outlet, C = coefficient of discharge. When 
the nozzle is horizontal, 

hp 
~ 1 = (An/Ag)? 

When the center at the gate section is a vertical distance z below the center 
of the nozzle outlet, #y in the above equation must be decreased by the distance 
z, and if the gage section be above the outlet by the distance z, hp must be 
increased by z. Then 

Ls hp +z Q = CAnvn = CAnV2 ghya = CAn\2 85 —7 a 
With a smooth tapering nozzle, 2 in. or more in diameter at its outlet, the 
angle of convergence between the two sides being from 10 to 15 deg., anda 
waterway leading to it of such form as to prevent swirls and eddies, and a 
carefully made piezometer connection having at least four orifices as above 
described, connected to an accurate gage for measuring the head, the coeffi- 
cient C may be taken at 0.995 and the resulting measurement may be within 
1/4 of 1% of the actual discharge. In ordinary work, however, a coefficient 
of 0.98 is as high as it is safe to rely upon, and the discharges so computed, 
with careful observation, should be within 1% of correctness. In smaller 
nozzles the coefficient will be somewhat lower than in large ones, and may be 
expected to increase for very large sizes. 

hyn 

. 

If the nozzle outlet is submerged, Ap in the foregoing expressions must be decreased 
by the depth of water over the center of the nozzle outlet, and in the event of discharge 
into a vacuum, #p must be increased by the height of water column equivalent to the 
measure of the vacuum. (Trans. Am. Soc. C. E., 1891, vol. 23, p. 492.) 

By the Venturi Meter. This device consists of a short truncated con- 
verging cone united by a short cylindrical or forge section, called the throat, 

: to a diverging truncated cone, 

the latter being much longer 
than the former and having 
therefore a more gradual taper. 
The pressure head is read 
through piezometer connections 
at the inlet of the upstream 
cone and at the throat, the 

Fig. 21. Venturi Meter difference of pressure head at : ’ : the two points representing the 
increase in velocity head at the smaller section over that. at. the. larger, and 
the frictional loss between the two. As the upper cone is short, usually not 
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Fire Streams 

Required hydrant pressure for 2-1/2-in. 
pred baal, best rubber-lined fire hose of 

lengths as indicated 

Height 
of jet, 
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over two diameters in length, and may be made quite smooth, the latter 
element is ordinarily negligible. The discharge is computed by the same 
formula as that of the nozzle when /ry is replaced by the difference of the 
pressures read at the inlet and the throat. Let A, = area at inlet to meter, 
A; = area at throat, 4p, = pressure head at inlet and Ap; = pressure head at 
throat. Then 

hpi a pt 
= CAt+/2 g ——__. 

Q oN rl — (ae kee 
The coefficient C has an average value of 0.96 to 0.98 and is increased when 
the inlet is near a curve over the condition when following a straight pipe. 
Ordinarily the accuracy of measurement should be within 3%. The loss of 
head in passing through the meter is usually from 10 to 15% of the difference 
of pressure head between inlet and throat. A special recording device is 
furnished with the meter castings by the manufacturers. The commercial 
size of the meter is that of the inlet, or the same as that of the pipe in which it 
isto beset. (Trans. Am. Soc. C. E., 1887, vol. 17, p. 228.) 

Let d and D be diameters of the throat and inlet pipe in inches, and h the 
so-called “ head on the meter,” or hpi — Apt, in feet. Then the discharge, in 
U.S. gallons per 24 hours, is 

a Vh 

Vi — (a/b)! 
In Eng. News, July 31, 1913, Allen Hazen concludes that 0.99 is the usual 

value of C, and J. W. Ledoux gives 0.97 as derived from tests on 2- and 8-in. 
throats for high velocities. In Eng. News, Oct. 2, 1913, A. T. Safford gives 
0.97 for small discharges and nearly 1.00 for large ones. Tests at Cornell 
University by E. W. Schoder in 1915 on a 12 by 5-in. meter gave about 0.99 
for C when the discharge was about 9000 gal. per minute. 

Fire Streams. The preceding table gives the characteristics of fire streams 
from smooth conical nozzles, as established by the experiments of John R, 
Freeman, Mem. Am. Soc. C. E. (Trans. A. S.C. E., Vol. XXI). The pressures 
indicated are those existing while the stream is flowing. For ring nozzles the 
characteristics correspond to those of the next size smaller smooth nozzle. 

Q = 28276C 

21. Orifices 

For Small Orifices 1 in. in height or less, the coefficient 0.61 for the discharge 
from circular orifices and 0.62 for square and rectangular ones, if the head be 
more than eight times the vertical dimension, will give results sufficiently 
accurate for ordinary cases. If more accurate gagings are required, the orifices 
should be calibrated in place by weighing or volumetrically measuring the 
water discharged under different heads. When the vertical dimension of the 
orifice is more than one-sixth the head over the top, the variation of pressure 
between the top and the bottom causes the center of pressure on the orifice 
to be appreciably below the center of gravity, and the center of pressure at 
the vena contracta is below that at the plane of the orifice. Let the nota- 
tion be 

A =area of orifice; Ac =area of jet at vena contracta; Co =coefficient of velocity; Cc =coefficient of contraction; 
G or CoCe =coefficient of discharge; 

hb =head above bottom of orifice; hpc =head above bottom of vena contracta; hg =head above center of gravity of orifice; h4i=head above top of orifice; Itc =head above top of vena contracta; ky =head due to velocity of approach; 
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L=length of sill of rectangular orifice; v=velocity through orifice; 
vc =velocity through vena contracta; Q=quantity discharged; 

R=radius of a circular orifice; 
x =width of orifice at any point; Xe = width of vena contracta at any point; 

z =height of water surface above any point of the orifice; 
zc =height of water surface above any point in the vena contracta. 

The General Formula for discharge per second is 

be + h 
() Q = Av = Acve = Cy V2 Atpes eiteRe dz 

in which, if x, is not constant, it must be expressed as a function of z. The 
application of this formula requires the determination of the dimensions of 
the vena contracta, which is a difficult operation, and therefore the dimen- 
sions of the orifices may be substituted for those of the vena contracta and 

the coefficient of contraction C; may be introduced, when, since CyC, = C, 
the above equation becomes, } 

h 
(2) Q=Av =CV2e See air dz 

Tf the orifice is horizontal kp = hk; and zis constant.” For a rectangular orifice 
in which x = L, after integrating, 

(3) Q = Av = 2/3 CL V2 ¢ [(hb + hy)??? — (ht + hy)*?] 
The best experiments show the value of the coefficient with full contraction 
on all sides to be practically constant and for square orifices C = 0.604, for 
circular orifices C = 0.597. 

If contraction is suppressed on one side by bringing the wall of the channel of ap- 
proach into coincidence with the plane of the side of the orifice, the contraction on the 
opposite side is increased somewhat, but not by an amount equal to the original con- 
traction on the side suppressed. 

For a rectangular orifice 0.656 ft. high and 2.624 ft. wide with end contractions 
suppressed, Bazin’s experiments give the coeficient C in equation (3) as 0.624, showing 
about 3% increase of discharge above that for full contraction on all sides. 

For square orifices the experiments of Lebros give: Contraction suppressed on one 
side, C is increased 2.9%. Contraction suppressed on two sides, C is increased 5.25%. 
Contraction suppressed on bottom, C is increased 3.25%. Contraction suppressed on 
bottom and one side, C is increased 7.25%. Contraction suppressed on bottom and 
two sides, C is increased 11.5%. 

For circular orifices Bidone deduced the effect of full suppression as increasing C or 
the discharge 12.8% and partial suppression correspondingly. It is to be noted 
the suppression at the top would have less effect than at the bottom, and may be taken 
as increasing the discharge of a square 2.6%. From this it may be expected that the 
suppression of contraction over the lower half of a circular orifice would increase the 
discharge about 8%, over the upper half about 5%, and over one side half about 6%. 

Stewart’s experiments at the University of Wisconsin on 4 ft. sq. submerged orifices 
and pipes give considerably higher results where contraction is suppressed by a curved 
entry. See Art. 7. 

For the discharge of sluice gates where the bottom and sides coincide with those of 
the channel, the coefficient for the corresponding orifice may be used provided there is 
no apron beyond the gate and the discharge is allowed to fall away freely. If there is 
an apron or chute or continuation of the channel, the friction along it will reduce the 
coefficient, particularly at low heads. When fy was about 2-1/2 times the height of the 
opening, the discharge has been found to be as much as 12% less than for the orifice 
with full contraction. 

22. Weirs 

The Weir affords the most commonly used method of measuring the volume 
of water in moderately large quantities. The standard weir, or sharp-edged 
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weir, consists of a vertical partition across a channel with its top edge hori- 
zontal, sharp cornered and narrow enough so that at the heads used the over- 
flowing sheet jumps from the upstream edge clear of the downstream corner. 
Such weirs may be either with or without end contractions. A weir with end 
contractions is one whose crest extends only part way across the channel and is 
terminated by partitions in its plane, with their vertical edges rising above 
the level of the water on the upstream side. Such a weir may be compared 
to a rectangular orifice upon which the head has fallen below the top. A weir 
without end contractions is one which extends entirely across the channel. 
If a = height of crest of weir above bottom of channel of approach, Ay» = 
area of stream in the plane of the weir, H = height above the crest of the sur- 
face of still water upstream from the weir, h = head above crest as observed, 

?» = velocity in and perpendicular to the plane of the weir, then the formula 
for the discharge is similar to that for the orifice and is 

Q = Aww = 2/3 CL V2 g-H®” = 2/3 CL V2 ¢ (h + hy)?” 

Since LH = L (hk + hy) = area of the stream above the crest level at the plane 
of still water and CLH is the area in the plane of the crest, the total head 

producing flow is 2/3 VW2g(h+hy). (ky = head due to velocity of ap- 
proach.) 

The Francis Formula. The coefficient C in this formula was determined 
experimentally by James B. Francis as about 0.62, and by combining this with 

2/3 \/ 2g, the well-known coefficient of the Francis formula 3.33 is obtained. 
This formula was considered by its inventor to be reliable between heads of 
0.5 ft. and 2.00 ft. Later investigators have modified it into the form: 

Q = 3.33L (h+ 1.4 hy)?” 
In applying this formula the process is as follows: Having measured the head 
h at a point above the surface curve to the weir, compute an approximate 
value of the discharge by the equation Q; = 3.33 Lk’. Find the approxi- 
mate velocity at the plane where the head is observed by the equation vy = 
Q: + L(h + a) and the velocity head by hy = v*/2 g.. Then Q is obtained by 
substitution in the above formula and should be within 3 to 4% of correct- 
ness if the head is not more than 30% of a and has been properly measured, 
and the sheet is fully aerated underneath. 

For weirs with end contractions Francis recommended reducing the length Z in the 
above formula by 0.1 H for each full end contraction. This correction is only an ap- 
proximation and, for accurate gagings, weirs with end contractions should not be used. 

The Machinery Builders Society in October, 1917, in connection with the Testing 
Code for Hydraulic Turbines, adopted the following coefficients for use with the Francis 
formula in the form Q = CLh*/? which include the effect of velocity of approach. 

Table of Values of C for Various Heads and Heights of Crest a 

Height of crest a, in feet 

-356)3.344/3.335) 3.329) 3.325] 3.322) 3.317 
- 366/3.350)3.339] 3.332) 3.326] 3.322] 3.316 
. 378)3. 359)3.346| 3.336) 3.330) 3.324) 3.316 
- 392/3.370)3. 354) 3.343) 3.334) 3.328] 3.319 
-408)3.382)3.363} 3.350) 3.340} 3.333) 3.322 

gu ais 3.425/3.394/3.373] 3.358) 3.347] 3.338] 3.325 

| 
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The above coefficients are the averages of values computed by the following 
three formulas: 

(1) Bazin, 
0.00984 h? Sols aaa 3/2 Q (0.408 hie ) [: + 0.55 = rd he 

(2) Rehbock, 

O= [o.00s ¥. 
1 h|2 

320h-3 0.08 2 |3 V2eLn” 
(3) Fteley-Stearns, 

OQ =3.31 L(A 4+ 1.5 hy)?/? + 0.007 L, in which 

hy = head due to velocity of approach. 

The formula of Rehbock is based upon rather small scale laboratory experiments, 
and in the writer’s opinion is given undue weight in this connection. 

The Bazin Formula has been considered the most accurate one for wide 
ranges of head, and it has been commonly applied between heads of 0.2 ft. 

- and 6 ft.; it does not require a correction for velocity of approach, as it is based 
upon the observed head # and not on the theoretical or total head H = h + ho 
as are the others. It applies only to weirs without end contractions and is 

0.00984 h \? ne 
Q= (0.405 + a) [: + 0.55 (4) |u V2 gh 

The tables, on pp. 1360 and 1361, give values of Q for a weir 1 ft. long and 
for various values of kh and a. The value of g used in computing these tables 
is 32.17 ft. per sec. per sec. 

Recent investigations indicate that it gives too high values for heads below 
one foot when applied to truly sharp edged weirs. 

When the weir is so high that the velocity of the approaching water is practically 
zero, Bazin’s formula reduces to 

Q= (0.408 + ed) Lh \/2 gh 
h 

At low heads, less than 0.2 ft., Bazin’s formula gives discharges somewhat too high 
and the formula proposed by Fteley and Stearns is recommended, which is: 

Q = 3.31 LH?/? + 0.007 L 

The results by this formula are within 4 to 6% of the experimental values for heads 
ranging from 0.2 to 0.007 ft., and the actual discharges were generally in excess of those 
given by the formula. It holds only so long as the sheet jumps free of the crest and 

the space behind it is fully aerated. 

Schoder and Turner Formula. From several series of experiments involv- 
ing 2438 individual determinations, carried on at the Cornell Hydraulic 
Laboratory, in which the flow was very accurately measured volumetrically, 
the range of head covered being from 0.012 to 2.75 ft., and weirs ranging in 
height from 0.5 to 7.5 ft., and comparisons with the work of previous experi- 
menters, Francis, Fteley and Stearns, Bazin and Rehbock, Professors E. W. 

Schoder and K. B. Turner derived a more accurate expression for the dis- 

charge of a vertical smooth sharp-edge weir than any of the foregoing. Their 

formula involves both the velocity of approach above the level of the weir 

crest Va and that below it, vp (Trans. Am. Soc. C. E., Vol. XCII, Proceedings, 

Sept.,,.1927).and).requires the distribution of velocity in the channel of ap- 

proach to be investigated by current meters. 
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Discharge in Cubic Feet per Second per Foot of Length over 

Sharp-edged Vertical Weirs without end Contractions 

Computed by Bazin’s Formula 

Height in feet of crest of weir above bottom of 

channel of approach 
Head 
hy its 

a=4 a=5 a=6 a=7 a=8 

O33 0.33 0.33 33 0.33 0.33 0.33 

0.58 0.58 0.58 58 0.58 0.58 0.58 

0.88 0.88 0.88 87 0.87 0.87 0.87 

1.23 Bees | 1.21 21 A | 1.21 1.21 

1.62 1.59 1.59 58 1.58 1.58 1.58 

2.04 2.01 1,99 98 1.98 1.98 1.98 

2.50 2.45 2.43 42 2.41 2.41 2.41 

3.00 2.93 2.90 88 2.88 2.87 2.86 

353 3.44 3.40 38 3.36 3.36 3.35 

4.68 4.55 4.48 47 4.42 4.41 4,40 

5.99 5.78 5.68 62 5.58 5.56 5.54 

6.68 6.44 6.30 23 6.20 6.18 6.16 

7.40 7.12 6.97 89 6.84 6.80 6.78 

8.93. 8.56 8.37 25 8.18 8.13 8.09 

COD FHODRA FPNOHODA HTEHOCMW AUFPNSO WANFN CDOWMAD NPwWHd 

RONNKR RR Re 

The formula is for weirs without end contractions: 

td. Va" 3/2 Vb" 

- ~sa9n| (0+ 7%) +a 

They also found the effect of a roughening of the upstream face of a weir 
from the condition of a smooth brass plate to that of a coarse file for a distance 
of 1 ft: from the crest to be to increase the discharge nearly 2% at a 0.5-ft. 

head, and to over 1% for a 1.35-ft, head. 
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Discharge in Cubic Feet per Second per Foot of Length over Sharp- 
edged Vertical Weirs without End Contractions—Continued 

Computed by Bazin’s Formula 

Height in feet of crest of weir above bottom of = Head channel of approach 
h, ft. 

a=9 }a=10/ a=12 a=16 a = 20 a = 25 a = 30 
aa Fe 

0.2 0.33 0.33 0.33 0.33 0.33 0. 33 
0.3 0.58 0.58 0.58 0.58 0.58 0.58 
0.4 0.87 0.87 0.87 0.87 0.87 0. 87 
0.5 1.21 1.21 1.21 1.20 1.20 1.20 
0.6 1.57 157 WAY / 1.57 1757, 1Sy 
0.7 1.97 1.97 1.97 1.97 1.97 1.97 
0.8 2.40 2.49 2.40 2.40 2.40 2.40 
0.9 2.86 2.86 2.86 2.85 Pao oi] 2.85 
1.0 3.34 3.34 3.33 3,33 3.33 3.33 

EE, 4.38 4.38 4.37 4.36 4.36 4,36 
1,4 5.52 5.54 5.49 5.49 5.48 5.48 
4. 5 6.13 6.12 6.11 6.10 6.09 6.09 
1.6 6.74 6.73 6.71 6.69 6.69 6.69 
1.8 8.05 8.02 7.99 7.98 7.97 7.96 
2.0 9.44 9.40 9.36 9.34 9. 33 9.32 
gOS 10.91 10. 86 10.81 10.78 10.76 1675 
2.4 12.45 12.39 12.32 12.28 12525 12.24 
2.5 13.26 13.18 13.10 13.06 13.03 13.01 
26 14.07 13.99 13.90 13.85 13.82 13.80 

2.8 15.76 15.66 15.54 15.48 15.44 15.42 
3.0 17.52 17.39 17.25 17.18 1743. 17.10 
ioe 19.34 19.19 19.02 18.93 18.87 18. 83 
3.4 21.24 21.06 20. 86 20.75 20.68 20. 63 
Cy EBB oe 22.00 21.83 21.69 21.62 21.60 

3.6 23.20 22.99 22.75 22.62 22.53 22.48 
3.8 25.23 24.99 24.71 24.56 24.45 24.39 
4.0 so Be 27.05 De A 26.55 26.42 26.35 
4.2 29.48 29.17 28.79 28.59 28.45 28. 36 
4.4 31.70 31.34 30.92 30.66 30.52 30.42 

4.6 33.98 |' 33.58 33.10 32.84 32.65 32.53 
4.8 36.33 35.88 fergie 35.05 34,83 34.70 

5.0 38.70 38.21 37.61 37.28 37.03 36.88 

“ey 41.20 40.65 39.99 39.61 39.33 39.17 

5.4 43.71 43,12 42.38 41.96 41.66 41.47 

5.6 46.31 45.65 44,84 44,38 44,04 43.83 
5.8 48.94 48.22 47.33 46. 83 46.45 46.22 

6.0 51.64 50.86 49.90 49.34 48.92 48.67 
sl Me oie ES SE LEE as 

The effect of slightly rounding the upstream corner of the weir crest (by 
about 1/24 in. or 1 mm.) was to-increase the discharge 2% for a head of 0.5 
ft. and 0.5% for a head of 1.35 ft. A rounding to a radius of 1/8 in. increased 
the discharge about 3% and to 1/4 in. about 5-1/2% at 0.5 ft. head. In one 
case the effect of altering the distribution of velocities in the channel of ap- 
proach changed the discharge as much as 25% for the same head on the weir. 

The Flow over Irregular Crests may be computed by multiplying the dis- 
charge of a standard weir of the same height and length and at the same head 
by a factor depending on the form of the crests. The following tables give 
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the multipliers for various forms of weirs (Fig. 22) as determined from experi- 

ments upon full-size models at the Hydraulic Laboratory of Cornell Uni- 

versity: 

Multipliers for Flat-topped Weirs (Fig. 224) 

Head Width of flat crest in feet 

h, 

ft. |b = 0.48\b = 0.93\b = 1.65\b = 3.17/b = 5.84\b = 8.98\b = 12.24|b = 16.30 

0.5 0.902 0.830 0.795 0.790 0.785 0.783 0.783 0.783 

1.0 0.972 0.904 0.810 0.797 0.800 0.798 0.795 0.792 

BPO) 1.000 0.957 0.875 0.797 0.807 0.803 0. 802 0.793 

2.0 1.000 0.989 0.930 0.815 0.805 0.800 0.798 0.791 

Piss 1.000 1.000 0.970 0.842 0.800 0.795 0.792 0.790 

3.0 1.000 1.000 1.000 0.870 0.796 0.791 0.787 0.789 

Sioa) 1.000 1.000 1.000 0.896 0.793 0.787 0.783 0.787 

4.0 1.000 1.000 1.000 0.925 0.790 | 0.783 0.780 0.785 

Multipliers (m) for Triangular Weirs (Fig. 22B) 

Head h in feet, 0.5 1.0 “ey 2.0 2.5 3.0 AE] 4.0 

For = 6.65 {t., m =1.060 1.079 1.091 1.086 1.076 1.067 1.060 1.054 
For b = 11.25 ft., m = 1.060 1.079 1.092 1.097 1.096 1.095 1.094 1.093 

Multipliers for Compound Weirs (Fig. 22) 

h. ft Type F | TypeG | Type H | TypeI | Type J Type K | Type L 
> 

0.5 0.964 0.932 0.934 0.968 0.971 0. 0.971 

1.0 1.026 0.982 1.000 1.008 1.040 1, 0.983 

da5 1.064 1.015 1.040 1.030 1.083 hl 1.022 

2.0 1.066 1.031 1.061 1.034 4.443 ‘e 1.040 

2.5 1.025 1.038 1.073 1.038 1.118 Ly 1.057 

3.0 0.992 1.044 1.082 1.042 1.120 re 1.072 

Gag) 0.966 1.049 1.090 1.046 ViTz2 7 1.085 

4.0 0.944 1.053 1.097 1.050 1.125 aX 1.097 

Imperfectly Aerated and Submerged or Drowned Weirs. Bazin recognizes 

four types of overfalling sheet or nappe. 

(a) Free nappe, with the space under the sheet thoroughly aerated, being the 
condition assumed in the ordinary weir formulas. 

(b) Depressed nappe, or the condition when the space under the sheet is partially 
aerated and the sheet is pressed toward the downstream face of the weir by 
the atmospheric pressure outside. 

(c) Drowned nappe, or that when the space underneath the sheet is entirely filled 
with water though the surface downstream may be below the crest level. 

(d) Adhering nappe, or when at low heads the water flows over the crest and 

down its lower face in contact therewith, allowing no air to accumulate 
underneath the sheet. 

Experimentally, with a weir 2.46 ft. high and 6.56 ft. long and a head 0.656 

ft., Bazin found: Increased discharge 
of free nappe, 

Nappe Per cent 

Depressed: sea rie ovelaeerde ley Re iehara'e a: eseterata ate clei eitrece ime 6 
Drowned hs. C8 Ay aS Sites Wl Sie Saal els aA Pama cata SS ART OTS 
Adhering........ sh SRS Aig HIRE Ene RET iz, CREE, SRV REDS AEG seEIZS 

The effects increase with increasing head, and vice versa. 
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For Submerged or Drowned Weirs when hi, is the head upstream of the 
weir and ; that downstream, Bazin gives the following multiplier to be ap- 
plied to the discharge over a sharp-edged weir with a free nappe: 

B95 ese 
[1.05 (: + : 2) a ata =| 

Experiments by the author on a submerged weir with a rounded crest (Type 
L, Fig. 22) showed that until the submergence 4j amounted to 30% of hy, the 

teduction of discharge was léss than 10%. So long as the overfalling sheet 
plunges below the water downstream, the following formula may be applied, 

WB? = hy? — hp>/hy 

and the resulting value of 4°” used in the ordinary weir formulas. 

Fig. 22. Types of Weirs and Dams 

Measurement of Head. When the head on a weir exceeds 1 ft. the means 
used for observing the head may cause an appreciable variation in the com- 

puted discharge. 
The following table gives the percentage variation of heads observed in 

various ways, from those indicated by a device A similar to that used by 

Bazin: 
Variations of Head Observations on Weirs 

(Experimental) 

A. Head observed by hook gage in pit connected at bottom of channel of approach by 

4-in.-diameter pipe flush with wall, 29.88 ft. upstream from weir 6.55 ft. high. 

B. Head observed by tape and bob over center of 16-ft.-wide channel 14 ft. upstream 

from weir 6.55 ft. high. 
Head observed by 1-in. glass tube gage connected to 1/4-in.-diameter orifice 6 ft. up- 

stream from weir 6.55 ft. high: 

C. In brass plate flush with channel wall 2-1/4 in. below level of crest. 

D. In iron cap flush with timber channel wall 1 ft. above bottom of channel. 

E. In brass plug flush with face of 2 in. by 12 in. by 18 ft. plank on center line ot 

channel, 3 in. above bottom. 
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F. Head observed by 1-in. glass tube gage connected to 1-in. pipe with 1/8-in. orifices, 

2 in. apart on under side, set transversely across channel 1 ft. above bottom and 

10.2 ft. upstream from weir 5.85 ft. high. 

G. Head observed by hook gage in barrel connected to five 5/8-in. orifices in weir 

bulkhead 9-3/8 in. below crest of weir 6 ft. high and 65 ft. long. 

H. Head observed by 1-in. glass tube connected to 1-in. pipe with 1/4-in. orifices, 6 in. 

apart on underside set transversely across channel 8 in. above bottom and 37 ft. 

upstream from weir 5.2 ft. high. 

Variation of Observed Head in Per Cent of A 

wo 

we 

wmoooococe 

0.0 
0.5 
1.0 
1.5 
250 
2.5 
3.0 
3.5 
4.0 
4.5 
5.0 
5.5 

23. Current Observations 

By Floats. In shallow streams approximate discharges may be obtained 

by surface floats, the mean of whose velocity when multiplied by 0.80 will 

give the average velocity probably within 10%. For more accurate gagings 

the rod float may be used, and when the conditions of the channel are ideal 

the accuracy of this method places it next to the weir. Rod floats may consist 

of tin tubes or bamboo poles loaded with shot, or of wooden rods wrapped at 

their bottom with sheet lead or otherwise weighted. They should be so loaded 

as to stand vertically in the water, and the point to which they sink should be 

marked by a ring of paint. Wooden floats, if to be used in accurate work 

for more than a very few minutes at a time, should be thoroughly oiled, or 

coated with a waterproof varnish, to prevent absorption of water and the con- 

sequent: change of buoyancy. In starting the floats they should be immersed 

to the submergence mark with the bottom inclined slightly against the cur- 

rent and allowed to swing to a vertical position under the influence of the 

current while held with the thumb and finger as trunnions whose axis is perpen- 

dicular to the current and parallel to the surface. As soon as the float’ comes 

to a vertical position it should be released without disturbing its submergence 

or its motion, and allowed to float far enough to take up the velocity of the 

stream before passing the point at which the upstream observation is taken. 

The course selected should be in a straight reach of as nearly uniform depth 

and section as possible, free from weeds and having a straight channel leading 

to it. 
The cross-section should be accurately determined and a length for the course laid off 

on the bank parallel to the axis of the current. If the stream is narrow, two cords or 
wires situated in a vertical plane a foot or more apart should be stretched across at the 
upper and jower ends of the course, and either one of the wires or a separate line should 
be tagged at intervals to assist in locating the float. The observer should take the time 
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as the float passes the plane of the wires and the recorder or the starter its location 
along the tagged line. If the stream is wide, the floats should be observed with a tran- 
sit whose telescope is at right angles to the course and the position determined by means 

of the vertical angle to the water surface, the elevation of the telescope axis above the 
water being measured. Where less accurate results are required a single line or a pair 
of ranges may be used to locate the upper and lower ends of the course and the position 
may be estimated. If but a single observer and one or two floats are employed, the 
time may be best taken by means of a stop watch, but for rapid work a large number of 
floats may be used and with an observer using an ordinary watch and a recorder, at 
each end of the course, fully as accurate work may be done. The two watches must be 
set together and frequently compared during’ the observations. The floats should be 
so started as to cover as far as possible the entire cross-section of the channel through- 
out the course, and where the depth of the cross-section varies, floats of different 
lengths should be used. It is customary to consider the course of the float as that in- 
dicated by the mean of its positions at the upper and lower wires and that its velocity 
is uniform throughout the run and that the area of the stream is the mean area through. 

out the course. 

The floats should be made to pass as close to the bottom as possible without 
dragging or striking on obstructions, but it is never possible in ordinary 

streams to have them run closer than several inches above stream bed. The 

velocity of the float will therefore be greater than the mean velocity of the 

water in the whole vertical in which the float travels. The float gives 

practically the mean velocity in that part of the vertical through which its 

submergence extends, and may be taken to represent the velocities horizon- 

tally for half the distance each way to the next float. When d = depth of 

water, 7 = immersion of float, « = mean velocity of water, 7 = velocity of 

float, then 

u- ve{1.0 — 0.116 [+ es 0. | }and Q = Au 

In a rectangular channel 10 ft. deep and 16 ft. wide it was found that float 

discharges agreed with weir discharges within 2% for ranges of immersion 

from 60 to 98% of the depth. Double floats and subsurface floats are of little 

value for measuring water. 

By Screen or Diaphragm. This is a special form of float and is mounted 

on a truck running on rails along a straight and uniform section of the chan- 

nel and is so devised that it can be quickly lowered into the water and made to 

occupy nearly the whole area of the channel during the run and be lifted out 

at the end. A proper distance being allowed for starting and stopping and 

the screen occupying practically the whole cross-section of the channel, its 

velocity corresponds very nearly to that of the water. If, however, the screen 

does not approximately fill the cross-section of the channel the Francis float 

formula of the preceding paragraph may be applied. As the screen is usually 

run in a rectangular channel of considerable depth it may be desirable to make 

a second further application of the formula to cover the spaces between the 

screen and the side walls by considering the distance from the center of the 

channel to the edge of the screen as i, half the width of the channel as d, and 

the first computed « as 7, for each half of the channel. The depth of water 

then becomes the width. The sum of the discharge as computed for each 

half then will be the true discharge. 

By Current Meter. The current meter consists usually of a revolving 

device, driven by the current, the revolutions of which bear some relation to 

the velocity of the water, and are transmitted to some form of a recording 

or sounding apparatus whereby the number occurring in a given time may 

be observed. 
| ; 

Two types of meter may be distinguished: the screw or direct acting-meter, 
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and the cup or differential meter. The Haskell, Fteley-Stearns and Ott 

meters are examples of screw or direct acting meters. The Price meter is the 

best example of a cup meter, and has been adopted as a standard by the U. S. 

Geological Survey. 
The meter should be rated to determine the ratio between its revolutions 

and the velocity of the passing water, which rating is usually accomplished by 

drawing the meter at known speeds through still water, either attached to a 

truck running on rails over a channel or to a boat propelled at a uniform speed, 

usually by a person walking along the shore. In gaging, the meter is attached 
to a line and sunk by a weight, or in shallow water attached to a rod, and held 
at various points in a vertical line until sufficient observations are obtained 
to give the mean velocity in the vertical line with the required degree of pre- 
cision. The meter is then moved to another vertical line and the mean ve- 
locity determined there. Since it is not possible to operate the meter close 
to the bottom, the mean of the velocities indicated by it in any vertical line 
will be greater than the mean velocity of the water in that vertical line, as in 
the case of the float, and the same formula may be used for reducing the ob- 

servations, where ty becomes the mean velocity determined by the meter; or 
the vertical curve may be drawn from the observations and extended to the 
bottom by the eye, when the mean velocity of the water can be found directly 
with the aid of a planimeter or any integrating or area-measuring process. 

As the meterwheel may easily become clogged by weeds or by floating matter getting 
into the bearings, it should be examined from time to time during a gaging: - As soon 
as a meter is-rated, what is known as the hand test should be applied. That is, 
the instrument is held firmly in the position in which it stands when in operation and 
the wheel is spun by a single effort of the hand, the length of time that elapses before 
it ceases its revolutions being observed and recorded. This should be repeated 
several times, and thereafter before starting a gaging and whenever the meter is taken 
from the water the hand test should be applied and the result recorded. In this 
way it will be possible to detect both the existence and time of a change in the rating 
of the instrument. 

Comparisons between meter and weir gagings show them to agree under most favor- 
able conditions for the former within from from 3 to4%. It is to be noted that during 

Resistance of Meters, Cables and Rods to Dragging through 
Still Water 

(Experiments made for Author at University of Michigan Naval Tank) 

Meters only. No 
weights or cables in- Cables per foot Rods per foot 

cluded 

e Ritchie- Ve itchie. Haskell 3/8-in. 1/4-in. 
locity, | Haskell di- | current 3/8-in. 1/4-in. 

ft. rection cur- meter steel steel oe Hes 
rent meter 8-in. cable "_ cable rod rod 
8-in. wheel, | wheel, | 4 ~ 0-400 d = 0.264) 4 _ 9 382 | a = 0.207 

weight weight bed G82 <6 = in. in. 
24.7 Ib. 10.3 Ib. ats as 

Resistance, | Resistance,| Resistance,| Resistance,| Resistance,| Resistance, 
lb. lb. lb. lb. lb. lb. 

3.0 1.70 0.45 0.40 0.26 0.36 0.29 

4.0 3.75 2.40 0.72 0.47 0.64 0.52 

5.0 RSS) 4.15 ye 4 0.75 0.99 0.78 

6.0 8.40 6.00 1752 1.04 1.40 1.07 
7.0 11.60 8.05 1.91 La37; 1.88 1.38 
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an observation the meter should be stationary in the current or only moving as im- 
pelled thereby. The method of gaging sometimes used in which the meter is moved 
continuously about the cross-section is entirely untrustworthy. 

Cup meters may over-register in considerably perturbed water 25%. 
Screw meters may under-register in considerably perturbed water 10%. 
The 3/8-in. cable used, 10 ft. 1/2 in. long, weighed 1 lb. 7-1/2 oz. in air and 1 Ib. 2 

oz, in water and had a 3-strand rope center 3/16 in. in diameter, covered by 6 strands 
0.121 in. in diameter, each composed of 6 strands of 0.037 in. in diameter wires on a 
1/16-in. rope center. 

The 1/4-in. cable used, 11 ft. Jong, weighed 1 Ib. 2 oz. in air, and 15 oz. in water, 
and had an insulated electric wire 0.038 in.in diameter for a center covered by 6 strands 
0.086 in. in diameter composed of 7 wires 0.030 in. in diameter. 

By a Waterwheel. Since practically all submerged waterwheels are com, 
posed of a series of orifices or nozzles, they may be used for measuring water 
whenever the discharge through them for any head and number of revolutions 
is known, as the velocity, and hence the discharge for constant gate, increases 

as / 2 gh, and the speed of the wheel for similar relative discharges must 
vary as that of the water. 

By the Hydrometric Pendulum. This apparatus consists of a metal! ball 
suspended upon a cord. When the ball is lowered into a current the cord is 
inclined away from the vertical in some relation to the force of the current. 
With a suitable scale for measuring the inclination, this becomes a cheap but 
crude current meter. 

A method somewhat akin to the hydrometric pendulum is that of the torsion disk. 
A disk or plate is attached by its vertical edge rigidly to a small rod which is supported 
in a vertical position by guides and carries a pointer at the top which travels over a 
graduated arc. A zero reading is taken with the disk out of the water and at right 
angles to the direction of the current. The disk is then immersed parallel to the cur- 
rent and revolved by means of an arm on the rod above the pointer until the disk is 
again perpendicular to the current. The variation of the pointer from its first position 
measures the torsion of the rod, which is itself a measure of the moment of the force 
of the current on the disk. 

By Coloring Matter, Brand, Sawdust, and Chemicals. These materials 
are deposited in the water and partake of the nature of floats which disperse 
themselves throughout the whole body of the stream. The various anilines 
or even ordinary bluing may be used as colors, and are suitable for use not 

only in open channels and pipes but also in subterranean streams. The ob- 
servations are ocular. In the case of chemicals, as lithium or common salt, 
the observations depend usually upon chemical analyses. The latter method 
is often valuable in determining the amount of water from a particular source 
that occurs in a mixed stream, as knowing the dilution at inlet and at outlet 
the added untreated water can be estimated. The use of chemicals for the 
measurement of water passing through turbine wheels has been very fully 
developed by B. F. Groat, M. Am. Soc. C. E. (Trans. Am. Soc. C. E., Vol. 
LXXX). The essentials for accuracy in this process are thte thorough mixing 
of a known solution with the influent water and a sufficiently distributed 
sampling of the effluent, care being taken that eddy and back currents do not 
dissipate the chemical into portions of the water that is not utilized in the 
measurement. 

By a Cord. The measurement of surface velocities by the curve formed by a looss 
cord attached to the two banks and floating in the stream is possible. 

By Ripple Formation. Surface velocities may be measured by the ripples formed by. 
two pins allowed to scratch the surface at known distances apart in a line at right an- 
gles to its axis. The distance from this line to the intersection of the ripples varies 
with the velocity. 
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24. The Pitot Tube 

The Pitot Tube is an instrument having two orifices or two sets of orifices 

one of which may be so directed as to receive the impact of a stream, and the 

other opening either at right angles thereto, or at some other angle so as to 

receive only the pressure energy of the water. These orifices are connected 

to a gage composed of two parallel glass tubes with a scale between or behind 

them, so that the difference of height of the two columns of liquid supported 

by the pressures on the orifices may be observed. This difference is then a 

function of the velocity head of the flowing water. The impact opening may 

be a hole bored in a piece of small-diametered pipe, the bottom of which is 

closed, and which is inserted in the stream of water flowing through a conduit 

or other channel, and the pressure orifice may be an opening in the channel 

wall normal to its interior surface. Experiment shows that for ranges of 
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Fig. 23. Details of Pitot Tube 

velocity up to 10 ft. per sec. and for pipes of diameters up to 8 in. the indica- 

tion of a water column gage, when the openings are as last described, appears 

to give the velocity head at the impact opening within 1 or 2%, assuming the 

indication of the gage to be v2/2 g. In large open channels this statement does 

not appear to hold true and for work in the latter it is necessary that the in- 
strument be rated. This rating may be accomplished with fair accuracy in a 
manner similar to that of rating current meters. A better rating can be 
obtained by measuring with the instrument the flow through a pipe, the dis- 
charge of which is simultaneously determined volumetrically or gravimetric- 
ally. The method of gaging is to locate the impact opening of the instrument 
successively at different points in the cross-section of the channel and read the 
indication of the gage, from which the velocity at the several points may be 
computed and thereby the discharge of the pipe or channel be determined. 
Since in the case of normal flow in a circular pipe flowing full, the central 
velocity is about 1.19 times the mean velocity, if the existence of normal 
flow at the point of gaging is established, the impact orifice of the instrument 
may be placed at the center of the pipe and the observed velocity divided by 
1.19, or multiplied by its reciprocal 0.84 to get the mean velocity of the water. 
Such a determination when the area of the cross-section is accurately known 
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and the condition of normal flow established should be correct within 3%. 
If normal flow does not exist but the distortion of the velocity curve is sym- 
metrical about the axis of the pipe, the ratio of the mean to the maximum 
velocity, sometimes called the coefficient of the section, may be obtained by 
observations across a diameter and the mean velocity thereafter obtained by 
multiplying the observed central velocity by the thus obtained coefficient. 
The accuracy of the results will depend upon the accuracy with which the 
coefficient has been established, but with careful work should be within 5%. 
Observations with the Pitot tube in closed channels where the velocity dis- 
tribution is distorted unsymmetrically as by a curve or gate cannot be relied 
upon for establishing the mean velocity unless they cover several diameters 
of the pipe. 

The formula for reducing Pitot tube observations is usually misunderstood. It may 
be deduced as follows for the case of the pressure orifice in the wall of a circular pipe: 

ha = observed difference of head by the gage; 
= pressure head at any point in the cross-section of the pipe; 

bc = pressure head at the center of the cross-section of the pipe; 
bw = pressure head at the wall of the cross-section of the pipe; 

v = velocity at any point in the cross-section of the pipe; 
?¢ = velocity at the center of the cross-section of the pipe; 
tw = velocity at the wall of the cross-section of the pipe. 

By Bernouilli’s theorem, for all points in a horizontal diameter of the section p+2/2 g 
is constant and 

Pe + Ve’"/2g = Ppwt+rww/Zg=p+v/2¢g 
The impact opening of the tube receives and transmits the pressure of the stream at 
that point, plus twice the head to which the velocity is due by the theory of impact, 
or its gage column represents p + v2/g for the point at which the orifice is situated, 
The opening in the wall transmits to its gage column the pressure pw. Then the dif- 
ference of the columns of the gage is 

ha = p + v’/g — Dw 
and for the point at the center of the pipe 

ha = pe + Ve"/g — Dw 
But by Bernouilli’s theorem 

Dw = Ve + ve"/2g —vVw/2¢g 

and the gage difference at the center then is 

Ve? + Vw" 
ha = pe + Ve"/g — (Pe + Ve?/2 g — Vw'/2 g) = Ez 

When ww = vc/5, then fg = 1.04 v¢2/2 g; and when tw =c/10, then kd = 1.01 v¢2/2 g. 

From the foregoing it appears that when the observed differences of head of the 
instrument with the pressure orifice in the wall of the pipe give the correct mean 
velocity on the theory that 4g = v2/2 g, it indicates the actual wall velocity to be about 
or less than one-tenth of that at the center. The closest measurement to the wall 
yet observed in the author’s experience was at a point about 3/5 of 1% of the diam- 
eter from the wall in a 30-in. pipe, at which point the velocity was about 1/2 that 
at the center on the Aq = v2/2 g theory. Although it is not impossible to conceive 
the rate of reduction of velocity between this point and the wall to bring the wall 
velocity down to 10% of that at the center it is difficult to understand. It therefore 
seems that the formula must be ka = v2/g as theory has indicated, and it then follows 
that the velocity of the center ve instead of being twice that at the wall vw, will be 

about the V/2 or 1.414, times vz. 
When the instrument carries its own pressure opening it does not seem possible to 

deduce its coefficient theoretically for the reason that the pressure orifice is always so 
situated that the velocity of the water next the instrument is considerably retarded, 
and hence the pressure increased, in passing from the impact to the pressure opening. 
Consequently the pressure transmitted is not that corresponding to the velocity to 
which the impact opening is subjected. The head indicated on the gage will therefore 
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always be less than v?/ g, and as the velocity past the pressure opening is never less 

than that at the pipe wall, the head on the gage will always be greater than 22/2 g. 

Therefore when, as is commonly the practice, hd is assumed to represent v2/2 g, the in- 

dication must be multiplied by 
a coefficient less than unity, 
usually between 0.7 and 0.9; 
while using v2/g, the coefficient 

of the instrument will be 
greater than unity. 

Practically it is of little im- 
portance which formula be used 
so far as measuring the flow is 
concerned, as the tube must 
be rated in any case; but when 
a study of the laws of flow is 
involved the use of the correct 
formula is essential. (Trans. 
Am. Soc. C. E., vol. 47.) 

Fig. 24. Cole-Flad Pitometer A Pitot tube of special 
form combined with a pho- 

tographic recording apparatus is known commercially as the Cole-Flad 
Pitometer. In this instrument the pressure opening points downstream or 
opposite to the impact opening. 
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25. Fountain Jets 

When water discharges over the horizontal circumference of a vertical pipe, 
the conditions partake in part of the nature of the flow over a weit and in part 
of the discharge through a nozzle, at low heads the former and at higher heads 
the latter predominating, with a range of transition from one condition to the 
other between. The head on such a device may be most satisfactorily read 
by an orifice at the center of the pipe directed against the current and located 
a short distance below the outlet. The head to be used is that measured by a 
water column attached to the orifice, less the height of the column of water 

from the orifice to the discharging lip of the pipe. 
From a series of experiments made by Lawrence and Braunworth at the 

Hydraulic Laboratory of Cornell University (see Trans. Am. Soc. C. E., Dec., 
1906, Vol. 57, p. 265) in which the pipes had sharp edges tapered on the outside 
and the head was read as above, the diameters used being 2, 4, 6, 9, and 12 in., 
the following formulas were deduced, which may be expected to give average 
results within 5% of the truth: 

For Weir Flow, Q = 8.8 D1-29n1-29, which is applicable for heads below 4= 
0.028 D'-%4 with the jet falling free from the pipe; that is, aerated underneath. 

For Jet Flow, Q = 5.84 D?-95n9-58) which is applicable for heads above 
h = 0.107 D}:%. - For the range between these two heads the result lies 
between those given by the above formulas whose lines intersect at h = 
0.045 D1,%4, 

‘ 

For ordinary computations these formulas, with the same limitations, may 
be used as: 

For the weir, Q = 8.8 D1!-25n!.25 

For the jet, Q = 5.84 D*h!/? 

Where D is diameter of jet in feet. 
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26. Observations of Heads 

In Open Channels the most common method of reading head is by a gradu- 
ated scale upon the face of which the water rises. If this is situated in running 
water the sides should be tapered to their edges to prevent a depression of the 
surface due to an eddy at the upstream corner. On account of capillarity the 

_ reading will be higher than the true surface of the water and the observer 
may be expected to read to, about one;half the smallest division that is 
clearly visible. The United States Geological Survey uses for its stream- 
gaging stations the ball and chain gage, which consists of a chain running 
over a pulley and carrying a ball at its lower end which may be read by al- 

- lowing the ball to scratch the surface in running water or to be just im- 

- 3-in. radius, having on the top a mark against which 

mersed in still water. The scale is usually horizontal, and a pointer on the 
chain indicates thereon the position of the ball. 

A more accurate apparatus and one which may be readily provided in the 
field, consists of a plumb bob suspended from a steel tape which is passed 
over a block cut at the edge to an arc of about 2- or 

the reading of the tape is taken. By fastening an 
ordinary leveling rod target to the block and causing 
the graduated edge of the tape to lie next the vernier, 

very accurate readings of the position of the bob may 
be obtained. In running water the bob should be 
allowed to scratch the surface and cause a fine ripple. 
When the surface undulates, readings of the high and 
low of the vibration should be taken. In still water 
the bob may be swung until it barely cuts the surface, 
or it may be slowly lowered until contact with the 
water is indicated by the rising of the water to the 
point due to capillarity. The point gage consists of a 
point attached to a graduated rod sliding past a vernier. 
It is read similarly to the plumb bob, and is only 
second in accuracy to the hook gage. The ordinary 
leveling rod with its upper section fastened to a post 
and the lower carrying a metal point makes an excellent 
and easily obtained point gage. 

The Hook Gage, an apparatus invented by Uriah 
Boyden, consists of a hook attached to a graduated 
rod sliding past a vernier, or to a vernier sliding past a 
fixed scale. The hook is lowered below the surface 
of the water and slowly raised until its point comes in 
contact with the surface film of the water when the 
latter is distorted, and if the point in contact is in the 

reflection of a light a black spot appears; if in diffused 

light, a bright spot. In still water the delicacy of the ' 

instrument is such that variations of the surface of Fig. 25. Hook Gage 

1/10000 of a foot may be readily observed. For best 

results the point of the hook should be a cone with a vertex angle of about 

90 degrees. 

The Water Column which rises in a glass tube connected to the channel may 

be utilized for reading head, but in this case the attraction of the walls of the 

tube for the water causes the liquid to rise higher than the height due to pres- 

sure alone. If the tube is less than 0.5 in. in internal diameter this effect must 
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be allowed for in accurate work. Under no circumstances should the height 

of the column be measured to the intersection of the water and the glass, but 

a line tangent to the extreme edge of the curve of the meniscus at the center 

of the tube should be taken. Except on a vibrating column during the rise of 

the liquid the water meniscus is always concave upward. 

The Mercury Column, owing to the lack of affinity between the glass and the mer- 
cury, has its meniscus convex upward and should be read on a tangent to the top of the 
curve. As the specific gravity of mercury is 13.58 at 60° Fahr., one foot of mercury 

is the equivalent of 13.58 ft. of water. 

The Bourdon Pressure Gage, though sometimes used in hydraulic work, is 
not. sufficiently delicate to give satisfactory results except where the pressure 
to be measured exceeds 5 Ib., and is unsuited for determining small differences 

of pressure. 

The Differential Gage is used for measuring differences of head at two points 
in a stream. This gage consists of two vertical glass tubes connected at one 
end, with a scale between or behind them, the free ends being connected 
respectively by hose or pipes to the two points between in which the difference 
is to be observed. For measuring large differences of head the tubes are con- 
nected at the bottom and are then filled about half full of mercury or for 
smaller differences of head, with carbon-tetra-chloride. The difference of 

height of the mercury or tetra-chloride columns, when multiplied by the 
specific gravity of the liquid used minus one, gives the height of the water 
column that would measure the difference in pressure head at the two con- 
nections to the channel. 

For small differences of head the tubes may be connected at the top and the water 
allowed to rise in the tubes entrapping air above it. Unless the pressure is so great 
as to compress the air sufficiently to cause its weight to be appreciable, the difference in 
height of the water columns measures the difference of pressure heads at the connec- 
tions. 

For very smail differences the air in the upper portion of the gage may be replaced 
with oil, If Go is the specific gravity of the oil and ky and hj the height of the upstream 
and downstream water columns, the difference of pressure head indicated will be 
c (1 — Go) (hu — hi) where'c is a coefficient less than unity depending on the kind of 
oil. When a gage of this kind is used it should be calibrated by comparison with a 
water-column gage to determine the value of c, or better the value of one unit of the 
scale. For kerosene oi] with Go = 0.7879 at a temperature of 60° Fahr., the reading 
of the gage has been found to be 4.895 times the head; with gasolene having Go = 
0.7159 at the same temperature, the multiplication was 3.52; and with ordinary sperm 
oil it was 9.05. (Trans. Am. Soc. C. E., vol. 47, pp. 78-90, April, 1902.) Carbon- 
tetra-chloride being only a little heavier than water has also the effect of magnifying 
the observed reading. When suitably colored by dye to cause it to register on photo- 
graphic paper it is used in the Cole-Flad Pitometer recording apparatus. 

27. Early Methods of Measuring of Water 

Before the methods and apparatus above described were introduced the methods 
of measurement were oftentimes somewhat indefinite. For milling and manufactur+ 
ing purposes the quantity of water conveyed or to be taken was frequently described 
as that which will flow through an aperture of a certain area, usually measured in 
square inches, under a certain specified head, or those existing in the particular struc- 
ture from which it was to be taken. 

An old grant made in the late eighteenth century specified: 

“Three sluices of water to issue out of the canal, each sluice to contain thirty-five 
square inches, and the bottom of the water in each sluice to be four feet and one- 
half foot below the top of the water in the canal at its common level.’’ 

Later grants from the same source were less specific, usually reading a certain num- * : 
ber of “square inches of water” under a certain head, but meaning théreby the 
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amount of water that would flow through an aperture of the named area. Sometimes 
the word “ square” is omitted. 

In other localities grants of a certain number of square inches or inches of water to 
be drawn from a specified or understood dam or flume are common, by which was 
meant the amount of water that could be drawn with the usual appurtenances through 
an aperture of the size named from the pond or flume as it existed. When the existent 
conditions at the time of the grant are known the quantity of water so granted is 
usually not difficult to determine. 

Experiments by the writer have shown that the coefficient of discharge for the ordi- 
nary apertures with square-edged gates and their accompanying chutes to overshot 
wheels varied from 0.50 to 0.65 for the type of apparatus commonly in use, depending 
on the extent of the suppression of contraction by the side walls. Beveling the edge 
of the gates to an angle of 30 deg. with the horizontal increased the coefficients about 
30 % whcre the height of opening was from 1/8 to 1/10 of its width. 

Other grants specified sufficient water to propel a run of stone under the conditions 
existent at the site of the grant. The quantity required depended on the head utilized, 
and the value of a run of stone was influenced by the size of stones in use in the par- 
ticular locality. According to Whitham (‘‘ Water Rights Determination,” John 
Wiley & Sons, Inc.) a run of stone might vary from 10 to 25 hp. Where the speci- 
fication includes ‘‘ the usual machinery connected therewith ’’ as much as 40 hp. per 

run of stones has been estimated. Whitham finally concludes: 

A run of stone in a first-class merchant mill yielding-85 to 100 barrels per day re- 

quires 30 to 40 hp. : 

A run of stone in a second-class merchant mill yielding 50 to 60 barrels per day re- 
quires 20 to 25 hp. 

A run of stone in a common country grist mill requires 12 to 15 hp. 

In the early days of milling when the stones were smaller, the amount of auxiliary 

machinery used was not so extensive and the flour ground coarser, the power required 

per run of stone was from 2-1/2 to 6 hp. 

Miner’s Inch. The measurement of water through apertures was applied by the 

early Californians in apportioning water for mining uses. Hence came into being the 

miner’s inch as a unit of measurement; it was the quantity of water that would flow 

through an aperture one inch square in a plank under conditions which varied in dif- 

ferent localities, but the head was usually about 6 in. 

In California and Montana 40, in Colorado 38.4, and in Arizona, Idaho, Nevada 

and Utah 50 miner’s inches = 1 cubic foot per second. 

TURBINES AND WATERWHEELS 

28. Classifications 

Turbines are of two types, reaction or pressure turbines and tangential 

or impulse turbines. In the former the wheel is completely filled with water, 

which acts by its pressure, and in the latter the head is converted into velocity 

and the wheel should never be filled. 

A reaction or pressure turbine is an assembling of curved channels or noz- 

zles revolving uniformly about a fixed axis, usually either horizontal or verti- 

cal, with suitable stationary or movable guides to direct the flow into the 

revolving channels. The revolving part of such an assemblage is called the 

runner or wheel. 

Runners are designated as Right-Hand or Left-Hand, according to the 

direction of their rotation. When the observer stands in the line of the shaft 

of the wheel with the inlet end toward him, or is looking in the direction along 

the shaft in which the water flows to enter or leave the wheel, a wheel which 

appears to revolve in a clockwise direction is Right-hand, and one revolving 

in a counter clockwise direction is Left-hand, 
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Turbines are classed according to the direction in which the water passes through 

them, as: (1) Outward flow, or Fourneyron wheels. (2) Inward flow, or Francis 

wheels. (3) Parallel or axial flow, or Jonval wheels. (4) Mixed flow, or American 

wheels. In the last named class the flow is first inward, then axial. When standing 

still the laws of flow through nozzles apply to this apparatus without modification, 

but when revolving the centrifugal force of the water inclosed in the wheel complicates 

the equations. 

n = number of revolutions per minute; |} W 
Q = quantity of discharge per unit of | ¢ 

time; 

power, 
speed coefficient. 

Nomenclature 

b = barometric column of water; Ri = radius of wheel at inlet; 
di = depth of wheel at inlet; Ro = radius of wheel at outlet; 
do = depth of wheel at outlet; “i = radial component of velocity at in- 
e = efficiency of turbine; let of wheel; 

en = hydraulic efficiency; to = radial component of velocity at 
ike = centrifugal head; outlet of wheel; 
het = height of center of inlet above tail- | Uz = absolute velocity of water at inlet 

water; of wheel; 
heo = height of center of outlet above | Uo = absolute velocity of water at outlet 

tailwater; of wheel; 
hpt = pressure head at inlet; Ut = absolute velocity of water at outlet 
ipo = pressure head at outlet; of draft tube; 
H = total head acting; vt = velocity of wheel at inlet; 
Hn = head corresponding to a runaway | vo = velocity of wheel at outlet; 

speed of 2 revolutions; Vi = velocity of whirl at inlet; 
ky = power constant; Vo = velocity of whirl at outlet; 
ke = capacity constant; Vri = relative velocity of water at inlet; 
k3 = speed constant; Vro = relative velocity of water at outlet; 
K = wheel characteristic; w = weight of one cubic unit of water; 

Fundamental Reactions. Bernouilli’s equations for the flow through a tur- 
bine: 

At inlet, H — hei +b = hpi +5 

Between inlet and outlet the wheel impresses upon the water a head due 
to centrifugal force = (v2 — v9”)/2 g, so that within the wheel: 

Vri? Vro* v2 — Vo? 
a ee onan. Cte + heo 

and between outlet and tail-water: 

Ue? Ur? 
hpo = —— + heo = — po = 5 ‘ + heo = b + 2e 

To relate Vrz and Vro to Uy, Uo, 14 and vp, referring to Fig. 26, where 

AB=U; ab=Up AC=y ac=% AD=Vz_ .ad=uU 

BC = Vra be = Vro 

BD =u, , bd = Vo Ry = radius atinlet Ro = radius at outlet 

a = angle between absolute velocity of water and tangent to periphery of wheel at 
inlet; 

84 = angle between tangent to inlet of bucket and tangent to periphery of wheel; 
8o = angle between tangent to outlet of bucket and tangent to interior of bucket 

circle; 
6 = angle through which the jet is diverted or angle between Uj and Vo. 

Vri? = (vi — Vicos a)? + (Ui sin a)? 
Vro® = [vo — Uo cos (a + @)]* + [Uo sin (a + 0)}? 
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Or otherwise, since the flow is radial, the product of the radial velocity and 
the area of the circumferential sections of the channels must be constant, 

whence: a RydyUy sina = mw Ridyuyz = tRodoug 

or Uo = Ridiui/Rodo 

| The total work done by the water in passing through the turbine is measured 
_ by the change in kinetic energy and equals W = Qw (Ui? — Ut?)/2.g, and the 

energy carried away in the water is QwUt?/2 g. The work is also equal to 
W = Qw (Vivi — Vovo)/g, and by the aid of these equations all the factors 
| may be interrelated. - 

When JU is radial or axial, as it should be for maximum efficiency, the relations are 
' materially simplified, as Ug is then equal to up. 

Fig. 26. Turbine Diagram 

29. Definitions 

The theoretical power of a fall of water is the force, or weight of the water, 
_ multiplied by the space passed through, or the height of the fall; when H = the 

height through which the water falls, Q = the discharge in cubic feet per 
second, w = the weight of a cubic foot of water, the theoretical horsepower 

- is = QwH/550. A turbine wheel converts a part of this theoretical power into 

effective energy, and the mechanical horsepower of the wheel = Whp = 

cQwH/550, where c is the efficiency of the wheel. 

The Efficiency of the wheel is the ratio of its output in power to the total 

power of the water and head used. As ¢ is usually about 80%, the horse- 

power of the wheel = QH/11 approximately, or 11 cu. ft. of water per second 

falling through 1 ft. will yield 1 hp. at the turbine shaft. 

The Hydraulic Efficiency of a turbine is the quotient obtained by dividing 

the change in kinetic energy by the total potential energy of the fall utilized 

and is 
_ Qw (UU? — UY?) _ UP — U?? 

ap PRS QwH 2 gH 

This differs from the actual efficiency, and is what would be its limiting value 

if there were no frictional or impact losses either in the water itself or in the 

eh 
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mechanism. The actual efficiency, or the efficiency of turbines as shown at 
the Holyoke Testing Flume, ranges from 70% to 93%. 

The Discharge Q of a wheel varies as the velocity and is therefore propor- 

tional to WH. 

The Mechanical Power of a given wheel varies as the head H and also as 

the discharge Q, which in turn varies as a/ i. Therefore, the power varies as 

H Vi =H. 
. horsepower 

Unit Power is the power at 1-ft. head = horsepower; = 
designated HP. HV 

The Speed at which a wheel will give its maximum efficiency under a given 
head depends upon the radius of the inlet circle and the form of the buckets 
or vanes. For best effect the receiving edge of the bucket must be parallel 
to the direction of the velocity of the inflowing water relative to the moving 
vane, and at discharge such that the water leaves either axially or radially. 

In Fig. 26, if AB represents in direction and magnitude the absolute velocity of the 
water entering the wheel and AC that of the bucket, then CB is the relative velocity of 
the water on the bucket, and the inlet edge should be tangent toit. If the velocity of 

the water is increased to AD, then for the 
Cc Ee same bucket the velocity of the wheel must 

A be increased to AE, to keep ED parallel to 
CB, so that the water may still glide upon 
the bucket without shock. It follows, then, 
that for any given wheel a certain fixed 

8B ratio must exist between its speed and that 
D of the water, for maximum efficiency. 

Fig. 27 The speed of the water is evidently a 
function of the head, and hence for every 

head there is some speed at which a given wheel will yield the maximum efficiency. 
The best speeds are therefore proportional to ~/H. 

Unit Speed is the speed of a wheel at 1-ft. head = n, = —2— a 

The Speed Coefficient, usually designated ¢, is the ratio of the linear 
velocity of the runner periphery to the spouting velocity of the water under 
the given head; 

“9 dD; n 

60x V2¢H X12 
where D; = outside diameter of runner in inches, measured at center line of 
inlet. 

The Discharging Capacity, and hence the power of a wheel, is dependent 
upon the area of the cross-section of the water passages through it, which are 
themselves a function of the diameter of the wheel. Therefore in similar 
wheels the power at a given head will vary as the square of the diameters. 
When the performance of a given wheel has been determined for a particular head 

as to horsepower, discharge and efficiency, the performance at any other head may be 
computed, and the performance of any similar wheel at any head may be determined 
with reasonable accuracy by the foregoing relations. By similar wheel is meant one in 
which all dimensions are in the same ratio to those of the first wheel, all angles being 
the same. 

By changing the form of the vanes or buckets the speed at which the wheel gives its 
best efficiency may be varied. Starting with a normal speed equal to the tangential 
component of the velocity of the inflowing water in which case the inlet edge of the 
bucket would be radial, the speed may be either increased or decreased 25% without 

= 
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appreciably affecting the efficiency. If the speed is increased the bucket tends to 
become convex toward the incoming water, and is inclined backward toward the out- 
let; if the speed is decreased the bucket becomes more concave toward the jet and has 
less backward inclination toward the outlet. The power of a given sized wheel is 
decreased by varying its speed from the normal, by reason of the resulting contraction 
of the waterways. 

30. Selection of Runners 

Type Characteristic. Turbine runners of the same general class may differ 
widely in their characteristics of speed and capacity, or power, depending upon 
the size and shape of the blades. In order that runners of different. types, 
or of different manufacture, may be compared on a common basis, a type char- 
acteristic has been adopted. The type characteristic is defined as the speed in 
r.p.m. at which a wheel would run if it were reduced proportionally in all dimen- 
sions so as to develop 1 hp. under 1-ft. head. This characteristic is also called 
the characteristic speed or the specified speed. It is designated K and is 
made up of: 

(a) A power constant ki = horsepower/QH, which is the power of a similar 
runner using 1 cu. ft. of water under a 1-ft. head. 

(b) A capacity constant, ke = Q/D;? / H, which is the discharge of a sim- 
ilar runner of 1-ft.-diameter under a head of 1 ft., where Dz = diameter of 1 ft. 

(c) A speed constant, k3 = V/V = 7 Din/60 V. H, which is the speed of 
the runner itself under a head of 1 ft. Then 

60 kz V kik: n a/ horsepower R= rk aii 

For 1-ft. head K = ni \/ Hpi where m = unit speed = “ —=, Hp; = unit 
Vi | 

Hp 

Obviously this characteristic combines the considerations of power and 
speed and enables a complete comparison to be made between wheels of known 
efficiency. - 

The values of K for American, Francis or pressure type turbines vary from 

12 to 160, as shown by the table on p. 1379.* For impulse wheels the maximum 
value is about 6, where a single jet is used. The interval between 6 and 12 
is not covered by either the Francis type or a true impulse wheel, though the 
old Girard turbine would apply between these limits. 

The turbines included in the following table are all of recent design and high 
efficiencies. There are other modern high-efficiency wheels made and the 
manufacturers listed make other types than the ones shown, but these are all 
on which data have been furnished to the author. 

In general, high values of K indicate relatively ‘“‘ high-speed ”’ wheels, or 
those adapted for operation under low heads of water. Experience has shown 
that for any given head there is a limiting value of K beyond which it is im- 
practicable to go, as the resulting speeds would cause pitting of the runner 

horsepower = 

* The speed value used in computing K is that at which the best efficiency is at- 
tained by the runner, usually referred to as “ best speed ” or “‘ norma] speed.” The 

horsepower, for the sake of definiteness and uniformity in practice should preferable 

be taken at the actual best efficiency point or gate-opening. However, as this can by 

arrived at only by a plotting of the test, it has become the practice of most manufac- 

turers to figure K from the full gate horsepower at the best efficient speed. The 

former method is of course the more conservative, but the latter the more readily 

applied. 
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blades and develop excessive centrifugal forces. The limiting values of K as 
determined by best American practice are approximately: 

For heads above 600 ft., K = 12 to 25 
For heads from 100 to 600 ft., K = 25 to 55 
For heads below 100 ft., K = 55 to 150 

Fig. 28 shows graphically the relation between K and H, the curve being an 
average of the practice of several leading turbine manufacturers. 

In using this characteristic K, its value is computed from the requirements 
of the plant under consideration. If this value falls within the allowable limit 
for the given head as shown by Fig. 28, the turbine best suited to the a 
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Fig. 28. Limiting Values of Type Characteristic K 

will be the one having a value of K nearest that computed. If the value of K 
computed from the plant requirements considerably exceeds the limiting 
values, it will be necessary to reduce the power per runner, or reduce the speed, 
in case this be permissible and K may then be recomputed, using a value of the 
horsepower equal to the total power desired, divided by the number of wheels 
assumed, and the runner selected as before. This will be illustrated by several 
typical examples. 

Example 1. “It is desired to install a 60-cycle, 2300-volt, hydroelectric 
unit, with 450 hp. available under 25-ft. head.” 

For this low head installation a high-speed turbine (one having the highest 
permissible value of K) should be used. From the curve (Fig. 28) Kmax 
for 25-ft. head is about 95. 
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Table of Type Characteristics 

Manufacturer Name of runner Ko 

Allis-Chalmers Mfg. Co 13.55 
20.3 

29.4 

7 40.7 
.7 to 60.5 

Hydraulic Turbine Corp..........| Camden, Type 4 
Camden, Tyfe 8 
Camden, Type 11 

J. and W. Jolly McCormack Special....... 

James Leffel & Co Samson-Standard 
Leffel-Sparks, Type F 
Leffel, Type Z 

Platt Iron Works Co............+| Victor, Type 1 
Victor, Type 2 
Victor, Type 3 
Victor, Type 4 

Victor, Type 5 
Victor, Type 6 
Victor, Type 7 

_S. Morgan Sat ICO. 57s ee see 

MAOnwnoorwr 

Wellman-Seaver-Morgan Co Runner No. 
Runner No. 
Runner No. 
Runner No. 

Runner No. 

* K computed using horsepower values at full gate instead of at best efficiency point. 

Hp _ 450 — ee Se, = K/V Hp, = 95/V3.6 = 50, m = 50 wR ag 7 3o A KIV ED = 95) n = 50 X 

VJ 25 = 250 r.p.m. As this is not a synchronous speed, 240 will be assumed. 

Then, m = Vai = 48 and K = 48 1/3.6 = 91.1. 

At least four of the wheels shown in the foregoing table have aK above 91. 

The performance of a wheel of given size being known, it is possible to deter- 

mine the approximate size required to fulfil the assumed conditions, remem- 

Hh 
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bering that speed varies inversely with D and power varies as D®. Or, from 
such tables as are given on pp. 1382 to 1387 the size under any type that comes 
nearest to the required conditions may readily be determined. 

Thus, from Table (p. 1383) a type of (K = 92.5) Allis-Chalmers Co. tur- 
bine shows the following performance: 

Diameter 

30 in. 
34 in. 

Obviously the required diameter is between 30 and 34 in. 

Example 2. Required to develop 6000 hp. at 360 r.p.m. under a head 
of 125 ft. 

6000 
H.P.a = 

360 
SS 7 oe ee ———— 

125 ~/125 V/125 
The allowable limit for K at 125-ft. head is only about 50, from Fig. (27a).* 

Therefore, two units will be assumed developing 3000 hp. each. 

ait = 2.145 and K = 32.2 X V2.145 = 47.2, which 
425° 125 

falls below the limiting value. 
Referring to the table on pp. 1385 and 1386 we find that a 42-in. Victor 

type 4(K = 45) turbine develops 3026 hp. at 342 r.p.m. under 125-ft. head, 
and a 42-in. Camden type 4 (K = $1) develops 3400 hp. at 365 r.p.m. Both 
of these wheels very. closely approximate the assumed conditions and by a 
slight modification of the design would be able to meet them exactly. 

Example 3. Required to develop 3000 hp. with one hydroelectric unit 
installed under 900-ft. head. 

For economical generator construction, the speed for a unit of this size should 
450 

4.3, = (32.2, K = 32.2 V4.3 = 66.8. 

Then H.P.; = 

not exceed about 450 r.p:m. On this assumption, 2; = ——=—_ =H Hpi 
4/900 

3000 : 
—— = = 0.111, K = 15 4/0111 ='5. As this value of K falls below the 900 +900 
minimum of 12)recommendedfor Francis turbines, the pressureless type, or 
impulse wheel, shouldbe used: ° 

3000 1 
Assuming 80% efficiency; 0 = nt = 36.6 cis. 

Velocity of free jet = 97°4/2 gh = .97 /64.4 X 900 = 233.5 ft. per sec. 
; OP SO : f f SS .ft. = 23 . . ay — OS i 

Area of jet V~ 3335 157 sq. ft 22.55 sq.in. Diam. jet = 5-3/8 in. 

For maximum efficiency, the peripheral velocity of the runner buckets 
should theoretically be one-half the spouting velocity of the jet. In actual 
practice, however, this ratio is taken at about .47 a/ 2 gh. 47 V/ 64.4 X 900 
= 113 ft. per sec. 

_ ‘113 XK 60 

~ 450 Xr 
* It will be necessary, then, to use more than one runner. Where it is desired, to install only one unit, a multiple-runner turbine may be used. This expedient) is, however, being resorted’ to less and less frequently in best practice and should be avoided ‘whenever possible: 

At 450 r.p.m., D = 4.8 ft. diam. or 57.6 in. 
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57.6 10.7 

aa | 
This is about the minimum ratio allowable in present practice and it is con- 

sidered better to increase it to 16 or 18. Assuming 16: 
D =5.375 X 16 = 86 in. A 7-ft. wheel would probably be used. Then 

_ 113 K-60 

oe ee 

= ratio of wheel diameter to diameter of jet. 

r.p.m. = 308, and the nearest synchronous speed would be 300 

r.p.m. 
Le Turbine Performances 

Variation of Discharge. The quantity of water discharged for an inward- 
flow tuzbine is greatest when the wheel is still, and on account of centrifugal 
force it decreases as the speed increases. 

For the other types the discharge is less when still than at.a velocity near that giving 
maximum efficiency, on account of the loss due to shock at entrance, and increases 
until the wheel gets up to speed; from the maximum it decreases, on account of the 
interference of the revolving buckets with the stream flowing through to a theoretical 

zero ata speed of infinity. 

Gates. The quantity of water passing through a turbine, and hence its 
power, may be regulated by opening or closing the gates. In the older tur- 

bines, the gate was a cylinder sliding parallel to the axis and reducing the 
height of the inlet openings. This form is objectionable, as it does not permit 
the bucket to be uniformly filled at part gate-openings, and the more generally 
adopted type with recent wheels is the so-called wicket gate, which swings 

Performances of McCormack Wheels at Over and Under Speeds 

Per cent of Approximate 
Pdr cent Per cent of Per cent of | Per cent of a original per cent of 

of-original | °Tiginal powerat | Dest;power best speed |p ost efficiency 
head power at original at original | at original at original 

best speed speed speed speed 

150 183.7 180 jo A’) 96.5 

145 174.6 172 4 .0 97.1 
140 165.7 164 .0 as) 97.6 
135 156.9 156 4 14 98.0 
130 148.2 148 $7. 37: 98.4 

125 139.8 140 ry! A 98.7 

120 131.5 132 pe) 3 99.0 

115 123.4 124 ae ae 99.2 
110 115.4 116 Any .3 99.4 

105 107.6 108 4 -6 99.7 

100 

uo 6 99.3 
sa 4 98.4 

9 5 97.0 

wi 8 94.5 

4 5 92.5 
8 5 89.0 
-0 1 85.0 

5 0 78.5 
25 8 69.5 
5 4 a) 
28 0 0 
8 Z 0 

0 4 0 
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on a pivot set parallel to the axis of the wheel, and forms not only the gate 
but the guide for directing the water upon the wheel. 

Constant Speed. In the operation of electrical machinery a constant 
speed is necessary, and hence if the head falls below the normal the turbine 
must be run at a higher speed than that for which it was designed, in which 
case the power and efficiency are rapidly reduced and the outlet edges of the 
‘buckets are liable to corrode. 

If, on the other hand, the head increases, the wheel must run at a lower 
speed than that for which it was designed, which, though not reducing power 
and efficiency nearly so rapidly as overspeeding, nevertheless renders the 
buckets liable to be cut out by the water, particularly if it carry sand or grit. 

By Runaway Speed is meant the speed at which the wheel would rotate 
under any given head, with no load; that is, its highest speed, under that head. 
From this it follows that a wheel with a runaway speed, that is relatively high 
as compared with the best speed, will fall off in power rapidly as it is over- 
speeded, and vice versa. For low-speed turbines the runaway speed varies 
between 1.6 to 1.7 times the best speed and for high-speed turbines is about 
1.5 times the best speed. Hence high-speed turbines decrease less rapidly in 
power when overspeeded than do low-speed ones. 

The table given above shows the performance of a pair of McCormack 
wheels with K = 68.2 computed from tests. Other American wheels will give 
results varying slightly from these figures, which may however be safely used 
in approximate calculations. 

32. Manufacturer’s Tables 
Manufacturer’s Tables. The following tables give the performances at 1-ft. 

head of various turbines commonly met with. The values have been taken 
from the makers’ catalogs, both old and new, and do not necessarily show the 
best performances or latest types developed. They are partly intended for 
reference in connection with old installations and, wherever possible, the date 
of the catalog from which the tables were taken is shown, to indicate the age 
of the design. 

All values have been computed for 1-ft. head. At any head H: 
To obtain horsepower of wheel multiply its tabular horsepower by H?/? 
To obtain discharge of wheel multiply its tabular discharge by H1/2 
To obtain speed of wheel multiply its tabular speed by H1/2 

Turbine Performances at One-foot Head 
Allis-Chalmers Manufacturing Company, Milwaukee, Wisconsin 

From Tables Furnished by Makers in 1916 

Type A Type B Type C “| (TypeD 
K = 13.55 = 20.3 K = 29.4 K = 40.7 
¢= 0 = 0.625 ¢@ = 0.665 ¢@ = 0.70 

o § A ‘ : a Wee eee E Sot SHON gel sl occl Gewenmnll be hece A Ceol Otis SI te Sues 
15 |0. 0.776} 76.60.150) 1.43] 81.40.226] 2.49 85.7 

0. 1.523} 54.7/0.225| 2.48] 58.2'0.442] 4.36 61.3 
0. 22 42.50 423) 4.65] 45.20.731] 8.04] 47.6 
0. 3.99 | 33.80.668] 7.35] 35.9'1.158112.74 37.8 
0. 6.06 | 27.41.016/11.18] 29.1/1.765]19.4 30.6 
0. 8.69 | 23.01.450/15.95] 24.42.50 27.5°| 25.71 
0. 12.43 | 19.1/2.08 |22.88] 20.4'3. 61 KOR 6.2 bee bee. | 0. 16.83 | 16.42.82 |31.00 17.5/4.90 53.9°| 18.4 
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Turbine Performances at One-foot Head—Continued 

a Allis-Chalmers Mfg. Co. From Maker’s Catalogs. 

; Type E | Type F Type G Type H 
; K =51.7-005 | K=72 K = 82 K = 92.5 

$ = 0.75 | ¢ = 0.80 $ = 0.77 $= 0.815 

S | abl 
| 

2 ° | mene ) a a a > a 7 

Z § a | Vr | +, 4606 Adie hos Bil eh ie I 
= & = a) e = oY) & x o & x e 

Alm | Ojm| eH | Ole im) o}a |e o | 

14 0.277 3.0598.4 0.47 | 5.17105.0 0.66 7.26 101.0, 0.74 8.15 107.0 

d 18 | U.471) 5.1876.5, 0.775, 8.52, 82.0 1.09 12.0 | 78.5) 1.22, 13.4 | 83.5 

22 | 0.731, 8.0462.6 1.15 12.65 67.0 1.63 17.9 | 64.0 1.82) 20.0 | 68.5 

26 | 1.055, 11.6053.0 1.62 | 17.8 56.5 2.27 25.0 54.5 2.55, 28.1 | 58.0 

30 1.436 15.8046.0 2.15 23.6 49.0 3.02, 33.2 | 47.0, 3.4 | 37.4 | 50.0 

34 | 1.89 | 20.82/40.5 2.76 | 30.4 | 43.5, 3.88, 42.7 | 41.5 4.36, 48.0 | 44.2 

38 | 2.42 | 26.6036.3 3.44 | 37.8 | 39.0 4.85 53.3 | 37.0 5.45, 60.0 | 39.5 

423| 3.09 | 34.0 32.4 4.32 | 47.5 | 34.5 6.06 66.6 33.3 6.8 | 74.8 | 36-3 

- 474| 4.01 | 44.1 [29.0 5.4 | 59.4 | 31.0 7.6 | 83.6 | 29.7, 8.5 | 93.5 | 31.6 

524| 4.95 | 54.5 26.3, 6.6 | 72.5 | 28.0 9.28,102.0 27.010.6 |116.5 | 28.3 

574| 6.10 | 67.1 |24.0, 7.9 | 87.0 | 25.6 11.1 /122.0 | 24.5111.8 |130.0 | 26.8 

643 | 7.63 | 83.9 [21.6 9.75 107.0 | 23.013.75,151.5 22.015.4 169.5 | 23.5 

72 | 9.58 105.4 19.212.3 [135.0 | 20.417.4 191.5 | 19.619.5 j214.5 20.8 

80 |12.30 135.3 17.315.3 |168.0 | 18.4215 |237.0 17.6 24.1 |265.0 | 18.8 

90 sees eae ere: tet, Ga loti 28 27.2 |299.0 | 15.730.5 [336.0 | 16.7 

MOONY Ace}. Po5% | «pares a |. «+ +/33-6 370.0 14. 137.7 |415.0 | 15.0 

All values of the discharge Q; are calcula 

efficiency of 80%. 

ted from Unit Horsepower H}, using an 

Jas. Leffel & Co., Springfield, Ohio Trump Mfg. Co., Springfield, Ohio ‘| 

From 1916 Catalog From 1914 Catalog 

ST
 LE Le ae 

a tp iam- 

Type aa Hp; ie | R.p.m.; Type bt | Hp; ap) R.p.m.1 

| 

Standard | 17 in.| 0.616 6.71) 92.8 Trump 17 in| 0.57 | 6.28} 79.2 

Samson | 20 -808, 8.8 81.4 || Standard | 23 1.20 1131351] 826 

(Double | 23 1.064 11.63, 70.8 K = 64 | 30 2.135) 22.61) 44.4 

buckets) | 26 1.368 14.87) 62.6 40 3.646) 40.1 33.6 

K =73 | 30 | 1.816| 19.79|. 54.2 48 | 5.247| 57.7.| 28. 

35 2.464 26.83) 46.4 56 7.136, 78.6 24. 

40 3.232| 35.19 40.6 66 10.38 114.3 20: 

45 4.088) 44.54 36.2 

50 5.048) 54.99) 32.4 

56 6.328) 68.97) 29. 

62 7.76 | 84.55} 26.2 

68 9.336101.7 24. 

Z 12 in.! 0.66 W524) 125 Small 10 in.) .0607| .669| 137.8 

(Single 15 | 1.042) 11.29) 100 Capacity | 13 .1008) 1.113) 104.0 

buckets) | 18 1.512) 16.35) 83.3 For High | 15 .1314 1.446, 90.4 

K = 105 | 24 2.763) 29.45, 62.5 Heads 17 .1771| 1.950) 78.8 

30 4.415) 46.45, 50 Kr= 3541.20 .2276| 2.505, 68.9 

36 6.36 66.85 41.6 23 .3024| 3.340) 59.8 

42 867 (49431 35.75 

48 11,31 |118.7 31-25) 

54 14.31 |150.3 A een) 

60 |17.67 |186.0 25.0 
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Manufacturer’s Tables © 1385 

Turbine Performances at One-foot Head 

Victor Turbines, Platt Iron Works, Dayton, Ohio 

Tables Submitted by Maker in 1918 

Type 1 Type 2 Type 3 Type 4 

K = 84 K =75 K = 60 K = 45 

o = 0.88 é = 0.84 $ = 0.76 ¢ = 0.70 

Max. H = 40 Max. H = 60 Max. H = 125 Max. H = 200 

J 

= | toe % 7 a1 2 aj} 

Fi i beaded joe ite Sod. +8 5 prer[ha ead 
x & - = = = & — x o & H & 

a x Oolga| & o -4 jet oO m4 jen) ° -4 

Bethel goeen| eS Pe ees 531) 5.84/103.0 414] 4.56/93.3| .276| 3.04] 85.7) 

be eS ell ae I A 762| 8.38) 85.9] .593| 6.53|77.8) .396) 4.36 74.5 

2 fall Re bet Bl GSEs 1.36| 14.95) 64.3] 1.060] 11.65/58.3) .705 Tt. 75| 53-6 

30 |2.42/26.70}54.0) 2.12} 23.30 51.5] 1.640) 18.05/46.7/1.100}12.10] 42.9 

36 |3.48/38.40 45.0) 3.06} 33.70) 42.8] 2.375} 26.15/38.9)1.585 17.45) 35.7 

42 |4.74|52.20 38.6| 4.16| 45.70] 36.8] 3.24 | 35.65 33.3}2.160)23.80} 30.6 

48 |6.20/68.30}33.7) 5.43) 59.70 32.2] 4.22 | 46.40/29.2/2.810/30.90) 26.8 

SE eee classe l= so 6.87| 75.60] 28.6] 5.36 | 59.00/25.9 3.570/39. 30} 23.8 

60-1... -1- sbaoe- 8.50} 93.50) 25.7| 6.58 |.72.40/23.4 4.42 |48.60}) 21.4 

"Se ORE Fee ee 10.89|120.00] 22.7] 8.48 | 93.30)20.6 5.67 |62.40] 18.9 

76 Mest. cat-<4s Be 13.60/149.50} 20.3/10.65 |117.00|18.4 7.09 |78.00} 16.9 

Q c-fs.|R.pm.) Hp QO: c-£.s.| R.p.m.;| Hpi Q, c-f.s.| R.p.m.; 

5 {713 80.9 . 0693 .836| 76.0 -0274 . 302 72.4 

le 2.49 67.4 .0996| 1.10 63.3 . 0396 . 436 60.3 

4 4.43 50.5 .1770| 1.95 47.5 .0704 .775 45.2 

. 6.87 40.5 I2ih 3.05 38.0 1110.4 1.22 36.2 

3 9.91 Ei . 398 4.38 S117 .1575 | 1.74 30.2 

2 13.40 28.9 .544 5.99 27.1 . 2160. | 2.38 25.8 

5s 18.70 25.9 .706 The 23.8 .2820 | 3.10 22.6 

. 22.20 9 . 897 9.87 Zio .3560 | 3.92 20.1 

2 27.60 20.2 1.105 | 12.20 19.0 .4400 | 4.84 18.1 

; 35.50 17.8 1.415 | 15.60 16.8 .5630 | 6.20 16.0 

i 44.50 550 1.770 | 19.50 15.0 .7150 | 7.86 14.2 

CL ed A od tt A NR ig 
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Turbine Performances at One-foot Head 

Camden Turbines, Hydraulic Turbine Corporation, Camden, N. J. 

Table Submitted by Maker in 1918 

Type 8 Type 4 Type 11 
§ Germ 04 5 Seay fe i) K = 83.5 

¢ = .755 @ = 75 ¢ =.72 
eter | Maximum power 9% | Maximum power 17% | Maximum power 12% 

above tabulated Hp. above tabulated Hp. above tabulated Hp. 

Hp; |Qi c-f.s.| R.p.m.; 3 

15 sort} 3.05 91.4 .0 : 4 

18 -448) 4.39 76.2 crs 7.035 76.7 1.180 .8 

21 -610}| 5.97 65.2 1.00 O73 65.7 1.607 4 

24 .796| 7.80 57.1 1.31 | 13.00 57.5 2.099 .6 

30 4.25 (212; 20 45.7 2.05 | 20.40 46.0 3.280 .7 

36 1.80 | 17.56 38.0 2.45 | 29.29 38.3 4.723 A 

42 2.44 | 23.91 32.6 4.01 | 39.81 32.8 6.428 az 

48 3.19 | 31.63 28.5 5.24 | 52.03 28.7 8.396 3 

54 4.03 | 39.52 25.3 6.64 | 65.63 25.5 |10.627 <2 

60 4.98 | 48.80 22.8 8.20 | 81.60 23.0 113.120 -8 

66 6.03 | 58.04 20.7 9.92 | 98.50 20.9 |15.875 8 
72 TsLA i: 70:27, 19.0 11.80 |117.17 19.1 |18.892 a2 
75 7.78 | 76.25 18.2 12.81 |127.20 18.4 [20.400 .4 

Turbine Performances at One-foot Head 

S. Morgan Smith Company, York, Pa. 

From Data Submitted by Maker in 1918 

The following table shows the performance of the various types of S. Morgan Smith 
Company turbines of 30-in.-diameter at 1-ft. head, and the maximum heads under 
which they are designed to operate. Except for special conditions, sizes are made at 
intervals of 3 in., as 27 in., 30 in., 33 in., etc. Also for special conditions turbines are 
designed with characteristics differing from those tabled, but the characteristics must 
be within certain limits of power and speed, as indicated in the table, according to 
the head under which the turbines are to be placed. 

Maxi- Maxi- 

Type} Hp; |Qic.f.s.| R.p.m., Heat K | Type Hp; |Qic.f.s, R.p.m.y bad; K 
ft. 

3.89) 41 750’ 25.1] N | 2.25] 23.35 
-600} 6.22] 43.6 | 300 /33.8] O | 2.45] 25.40 
¢ ay 44.3 150 |46.1)/ R | 3.08 32.00 

12.45 | 47.5 120 |52.0/ S | 3.65) 37.90 
16.60} 47.5 90 |60. 0) 

Turbine Performances at One-foot Head 

J. and W. Jolly, Holyoke, Mass. 

From Catalog issued about 1910 

Diam- 
eter, | Hp; Type Qi c.f.s. Bae 

McCormack} 12 0.240) 2.65 | 99.6 | McCormack 42 |3.234| 35.67 
Holyoke 18 10.539) 6.17 | 64.3 Holyoke 48 |3.885| 42.85 
K = 54 24 |1.045) 11.53 | 50.6 K = 54 54 |4.959) 54.69 

Le SOS Ay GOD Hea dind 60 |6.122) 67.52 
2.241) 24.71 | 35.5 66 81.70 
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Performances of Samson Wheels. 

Heads in feet 

1387 

From 1908 Catalogs 

4 6 8 | 10 | 12 | 14 | 16 | 20 | 25 | 30 | 35 | 40 | 50 

Power] 4.9} 9.1/13.9]19.5/25.5/32.3)39.5/55.0]/77.0/101 |128 |156 |218 
Water | 13.4) 16.4/19.0)21.3|/23.2/25. 1/26. 8/30.0)33. 6/36. 8)/39.7|42.4/47.4 
Speed |186 {228 |264 (294 |322 |348 |372 |416 |464 |510 {550 |588 |657 

Power} 6.4] 11.9/18.3}25.5/33.6/$2.3)51.5)72.2)101 |133 |167 |204 |285 
Water | 17.6] 21.6|24.9|27.8)/30.5/32.9/35.2/39.3)44. 0/48. 2/52. 1/55. 6/62.2 
Speed |162 |199 (230 |257 |282 |304 |325 |364 |407 |445 |481 |514 |575 

Power| 8.5] 15.7/24.2/33.8/44.4/55.9/68.3/95.5)133 |175 |221 |270 1377 
Water | 23.2) 28.5/32.9/36.8/40. 3/43. 5/46. 5/52. 0/58. 1/63. 7/68. 8|73.6/82.3 
Speed |141 |173  |200 |224 |245 |265 |283 |316 |354 |387 |418 |447 |500 

Power | 10.9] 20.1)30.9/43.2|56.7|71.5/87.3)121 |171 |224 |283 |345 |482 
Water | 29.7) 36.4/42.1/47.0)51.5/55.6|59. 5/65. 3/74. 3/81. 4/88. 0/94.0/105 
Speed |125 |153 |177 |198 |217 |234 |250 |280 |313 |343 |370 |396 |442 

Power | 14.5] 26.7/41.1|57.5/75.5/95.2)116 |162 |227 |299 |376 |460 |642 
Water | 39.6) 48.5|56.0/62.6/68.6|74. 1/79. 2/88.5/99.0/108 |117 |125 {140 
Speed |108 |132 |153 |171 {188 |203 |217 |242 |271 |297 |321 |343 |381 

Power | 19.7| 36.2/55.7|77.9/102 |129 |158 |220 |308 |405 |510 |623 
Water | 53.7) 65.1/75.9/84.9/93.0)100 |107 |120 |134 |147 |159 |170 
Speed | 93 |114 [132 |147 |161 |174 |186 |208 |232 |255 |275 |294 

Power | 25.8) 47.5|73.1|102 |134 |169 |207 |289 |404 |531 |668 |817 
Water | 70.4} 86.2/99.5|111 |122 }431 |141 |157 |176 |193 |208 |223 
Speed | 81 |100 |115 |129 |141 |152 |163 |182 |203 |223 |240 |257 

Power | 32.7| 60.1/92.5|129 |170 |214 |262 |366 |511 |672 |847 |1034 
Water | 89.0/109.1/126 |141 |154 1167 |178 |199 |223 |244 |263 |282 
Speed | 72 88 1102 |114 |125 |135 |145 |162 |181 1198 |214 |229 aH 

Power | 40.5} 74.2/114 |160 |210 |264 |324 |451 |631 |829 |1045)....].... | 
Water {110 |134.7|156 |174 |190 |206 |220 |245 |275 |301 |325 |....]....) 
Speed | 65 80 92 |103 {113 |122 |130 |145 |162 |178 |192 |....].... 

| 

Power | 50.6] 93 |143 |200 |263 |332 |405 |566 }791i |1040)1314]....].... | 
Water |138 |169 (195 |218 |239 |258 |276 |308 |345 |378 |408 |....].... | 
Speed | 58 71 82 | 92 |101 |109 |116 |130 |145 |159 |172 |....|.... | 

Power | 62.1/114 [176 |245 |323 |407 |497 |694 |970 |1275|1634|....].... | 

Water |169 |207 |239 |267 |293 |316 |338 |378 |423 |463 |502 |....|.... | 

Speed | 52 64 74 | 83 | 91 | 98 }105 ]117 |131 ]144 |155 |....]....| 

Power | 74.7/137. |211 |295 1388 |489 |597 |835 |1167/1494|....]....].... 

Water |203 [249 |288 |322 |352 |381 |407 |455 |509 |557 |....]....]...- | 

Speed | 48 59 68 | 76 | 83 | 89 | 96 |107 4120 |130 : | 

Power | 88.5]162 |250 |350 |460 |579 |708 |992 |1382)180S|....]....].+-: 

Water |242.1/795 1341 |381 |417 |451 |482 |539 |602 |659 |....]|....].--. 

Speed | 44 54 | 92 Poy 76 poe li Wisk akg ta er Ate aed eves 

For each size the first line gives the horsepower, the second the discharge in cubic 

feet per second, and the third the speed in revolutions per minute. 

Turbine Windage and Friction. The approximate power absorbed by 

windage and friction in modern turbines in vertical settings may be computed 

by the following formula: 

Windage and friction in horsepowers = 0.000154 B D* n; 

where B = height of gate or guide vane opening, in feet; 

D = diameter of wheel at middle of guide vane opening, in feet; 

n = revolutions per minute. 
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33. Tangential or Impulse Turbines 

The Girard Turbine may be either radial inward or outward flow, or axial 
flow. The buckets are so shaped that on leaving the wheel the water has a 
relative velocity in the direction opposite to that of motion, being received at 
inlet from a series of nozzles pointed as nearly as may be in the direction of 

motion. Air is admitted to the wheel to prevent spraying of the jets, and the: 
turbine cannot run submerged. Regulation of speed and power is accom- 
plished by closing part of the inlet nozzles. This motor is very satisfactory 
for high heads, but its speed cannot be varied appreciably without loss of 
efficiency unless the head also changes. The efficiencies range 70 to 80%. 

The Pelton Turbine is usually mounted on a horizontal shaft and consists; 
of a series of cups which successively receive a jet from one or more nozzles. 
The jet on striking the cup is divided and turned through nearly 180° and isi 
then discharged with a low absolute velocity. Regulation is accomplished. 
by closing or deflecting the nozzle. The maximum efficiency in this type of 
turbine occurs when the velocity of the cup V is about one-half that of the 

jet and when 6 = 180 deg., in accordance with the law of curved vanes, and 
varies from 70 to 85%. 

Wheels of the Pelton type are frequently equipped with the Doble nozzle which is 
closed by a pin or needle moving longitudinally in the axis of the jet from the inside 
and which may be adjusted to give a symmetrical jet of any effective area from that 
due to the full nozzle opening to zero. This apparatus affords opportunity for excel- 
lent control of the discharge, and hence greatly facilitates regulation without causing 
a waste of either water or energy. 

Waterwheels. This term is applied to the overshot, the breast and the 
undershot wheels, all of which have become practically obsolete in America. 
The efficiencies of overshot and breast wheels ranged from 60 to 88%. In 
these wheels the work was done principally by the weight of the water. The 
efficiencies of straight-bladed undershots were from 25 to 35%, and for the 
curved-bladed or Poncelet wheels from 50 to 65%. In these wheels the work 
was done by the impulse of the stream. 

Spiral Wheels are similar to axial-flow turbines except that the runner 
blades are helical surfaces and they are usually mounted on a horizontal or 
slightly inclined shaft.' For low heads and large quantities of water this 
form is very satisfactory, efficiencies as high as from 80 to 85% being reported. 

PUMPS AND PUMPING 

34. Centrifugal Pumps and Serew Pumps 
The Work in foot-pounds done by a pump is the product of the weight in 

pounds of the liquid pumped and the height in feet through or against which it 
is lifted. The power of a pump is the work done in unit time, and the horse- 
power is the work per second in foot-pounds divided by 550, or the work per 
minute divided by 33 000. 

The Centrifugal Pump is essentially an inward-flow turbine reversed, the 
power being applied to rotate the runner and the water being admitted at the 
center or eye and discharged at the outer periphery. The earlier centrifugal 
pumps consisted of a spider made up of three or more arms, either straight or 
curved, which rotated in a concentric chamber to which water was admitted 
at the center and discharged at some point in the circumference. The effi- 
ciency of this apparatus rarely exceeded 30%, and it was only used for low 
lifts. By shifting the enclosing chamber so that the area outside the runner 
increases toward the outlet in proportion to quantity of water that must pass 
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the several sections, by encasing the blades in a revolving shell, Fig. 29, thus 
reducing the friction of the revolving water on the fixed shell, and by more 
rational proportioning of the blades and casing, the pump has been greatly 
improved until its efficiency may slightly exceed 
80%, and by passing the water successively 
through a series of runners any desired: lift may 
be accomplished. As the apparatus contains no 
valves or parts, it is particularly adapted to the 
handling of water containing sand or grayel, and 
of viscous liquids and sewage; and as itsdischarge 
is continuous it has an advantage over recipro- 
cating pumps in freedom from water hammer in 
the suction and discharge pipes. 

In operation it is necessary that the pump, when set 
above the level of its supply, be primed before it will 
start, and in such cases a foot valve is advantageous. 
It does not begin to deliver water until a certain speed Fig. 29 
of revolution is attained depending upon the height of E 
the lift. When delivery has commenced the speed may be lowered somewhat below 
this point before it will cease on account of the inertia of the flow when once estab- 
lished, but the conditions of flow are unstable in this region. 

As the water passes through the pump, the impeller impresses upon it a head he due 
to centrifugal force; this is equal to the static head that the pump would maintain 
when running at its normal speed, but at which it would deliver no water were it not 
that the rotation of the water in the eye of the wheel and in the outer casing has the 
effect of increasing Ac from 1 to 12%. Thisincrease is greater with vanes having radial 
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Fig. 30 

tips than those which are turned back, and is raised when the wheel is surrounded by 
a large vortex chamber. 

If the head is dropped slightly below the true value of hc, the discharge will com- 
mence, and will continue so long as it remains below this amount. The discharge 
cannot, however, be reduced below that corresponding to the head he after flow has 
started without danger of its stopping altogether, so the statement is generally made 
that a centrifugal pump will begin to deliver against a certain head at a certain speed 
and cannot deliver less than a certain quantity. 

Lift for Single-stage Centrifugals.. A single-stage centrifugal pump has 
been made to lift against a head of 936 ft. and such pumps with a lift as high 

as 350 ft. are in service, but it is usually considered that 100 ft. is the practical 
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limit without a second stage. 

Pumps and Pumping Sect. 13 

For higher lifts a series of pumps is used on the 

same shaft, delivering water from one pump to the next, by which any desired 

head may be overcome. 

The following table gives the approximate average performance of a cen- 

trifugal pump so designed that the discharge ceases when the head becomes 

50% greater than that for which the pump is speeded. 

Average Performance of a Centrifugal Pump 

At constant 
At constant speed head 

Per cent of | Per cent of | , 
Per cent of | Per cent of designed designed Per cent o 
designed designed brake water | best Der cantiet 
head discharge | horsepower | horespower | efficiency P - 

or input or output 

E50) iol fi. os, .EXO.den |, Sees 0 0 81.6 
140 SE2S 91 44 48.2 84.5 

130 55 94.5 71.5 75.6 87.6 
120 74 97 89 91.6 91.3 

110 88 99 97 98 95.4 

100 100 100 100 100 100 

90 109 101 98.5 97.4 105.2 

80 116 101.5 92.6 91.4 112 

70 123 102 86.1 85 119.5 

60 129 102.5 77.5 75.6 129 

50 134.5 103 67.5 65.5 141 

40 140 103.3 56 a Sn: | 158 

30 144 103.4 43.2 41.6 182 

20 148 103.5 29.6 28.6 222 

10 151 103.5 415.7 14.1 316 

OW SARS GEPAL ge eortnens J 0 eS 1 ea 

The Suction Lift of a pump is dependent upon the pressure at which the 
entrained air in the water separates. This separation occurs at lower pressures 
in rapidly moving than in slowly moving water. The lift also depends upon 
the velocity in the suction pipe, being less for high and greater for low veloci- 
ties. The head at which the air separates is usually between 24 and 28 ft. 
below atmospheric pressure, and 26 ft. may be taken as an average safe value. 
The velocity effect may be taken as h = v?/g including inlet losses from the 
suction basin. 

Power and Efficiency. Let Q = volume of water lifted per second, w = 
weight of a cubic unit of water, g = acceleration of gravity, v = velocity of 
outer circumference of pump wheel, Bo = angle which vane makes with outer 
circumference, % = radial component of velocity at outer circumference, 
H = total head = height water is raised plus all frictional heads. Then 

Power required to drive pump = aa (Vo — Up cot Bo) 

Hydraulic efficiency of pump = gH/vo (vo — uo cot Bo) 

The hydraulic efficiency is the quotient of the gross work done by the pump, 
divided by the work done on the pump wheel... The speed v required to pump 
against a given head must increase as Bp decreases, and it becomes a minimum 
when 6) = 90°. In this case the vanes are radial at the outer circumference, 
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and for perfect efficiency 1? = 2 gH. As the efficiency decreases v must in 

1.2 to 1.8. 

. 
oo 
- 
7 

crease so that 1” = k-2 gH, where k is a coefficient whose value ranges from 

Performances at Best Speeds of Allis-Chalmers Co.’s Standard 
Centrifugal Pumps 

Lifts in feet 

Water 

Speed 

536 
270 

Power 2 

Water 
Speed 

Power 3 

Water 
Speed 

202 

Power} 4.5} 12 

Water |2085 |2950 
Speed | 117 | 165 

Power 4 9.5 
Water |1595 {2250 
Speed | 122 | 173 

718 
330 

Power | 1.75) 4.5 
Water | 650 | 918 
Speed | 161 | 227 

8 
1125 
278 

247 

21 
1900 
318 

22 
1590 
394 

P29 
2080 
350 

28.5) 38 
2600 {2850 
286 | 314 

37. 5}° 50 
3560 |3910 
274 | 300 

47 
4660 
261 

62 
5110 
286 

34 47 62 OG acts 
1835 |2050 |2250 |2600 |.. 
455 | 508 | 556 | 643 |.. 

42 59 LT GHo aarate | soe 
2400 |2680 |2940 ceeleves 
403 | 450 | 494 oe os 

58 80 | 106 Ao nr 
3300 |3680 |4030 veloc 
363 | 405 | 444 |.....].... 

V6 NietOG. TAO) cease oar 
4510 |5040 5520 |.....].... 
346 | 387 | 424 |.....].... 

D5 ABZ he vive wi zussoish oy locosph 
S900_|G600F). os. | tate» halare 
SOO) [OBOE 1h. e eruclious oie ol scale 

Power 6 16 29 62 BLL oF |e teekelt +osc]- © onplannen 

Water |2830 |4070 |4900 6330 |6925 |8000 lan 

Speed | 112 | 158 | 193 DEO 27 4 1) SUG Wace. e aie bois opel aie’ cinvei] eisoty 

Power| 7.5] 20.5) 37 BO LOS P02) (roe stele siete ae te 
Water |3675 |5200 |6360 8220 |8980 |10380].....].....]..-6- 

Special] Speed | 112 | 158 | 193 ASH OTE 1316 Ieee ipaae |e ele 

Power = brake horsepower to drive pump shaft. Water = gallons per minute 

delivered. Speed = revolutions per minute. 

Screw Pumps. The screw pump is closely related to the centrifugal but 

has fewer vanes and hence has larger passages for a given capacity and is 

in consequence particularly fitted for drainage and sewage pumping where 

the lifts are low and the liquid pumped liable to contain a considerable amount 

of floating matter. The range of head is limited to not over 45 ft. Screw 

pumps now on the market are of two distinct types, one known as the Wood 

pump, consisting of a series of scoop-shaped buckets arranged around the 

periphery of a wheel which pick up the water as the wheel revolves very much 

as the tank of a locomotive is filled when in motion. These pumps are fre- 

quently provided with a trash cutter near the inlet of the buckets to prevent 

large pieces of floating material from getting in and clogging them. The 
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second type has its propeller built on the lines of a screw and thus may be made 
with much larger passageways and is more closely related to the centrifugal. 
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Fig. 31.. Curves of Centrifugal Pump and Screw Pump 
(a) 42-in. Centrifugal (Allis-Chalmers) 
(6) 42-in. Screw Pump (Worthington) 

Pumps of both types are built of very large capacities. The efficiencies now 
obtainable with screw pumps are somewhat lower than those of centrifugals of 
the same capacity. 
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The rules of speed variation effects, within working limits for centrifugal 
and screw pumps are: 

Head varies as the square of the speed. 
Capacity varies as the first power of the speed. 
Brake Horsepower varies as the cube of the speed. 

The specific speed, Ky, of a centrifugal or screw pump is 

Kp = nQ1/H'4 =n/-\/E- V/V 
where 1 = revolutions per minute; 

QO = discharge capacity in c.f.s.; 
H = head of water pumped against. 

Although this expression is somewhat similar to that for the specific speed of 
turbines, the two equations are not interchangeable. 

The size of centrifugal and screw pumps is designated by the diameter of 
the discharge opening. 

Figs. 31a and 316 represent respectively the characteristic performance 
curves of a centrifugal anda screw pump of the second type designed to meet 
similar requirements: - 

Considering the working range of each pump to be from 40 000 to 50 000 
gal. per min., the range of head is seen to be 11 ft. in both cases, with the 
efficiency of the centrifugal ranging from 89 to 88%, and that of the screw 
from 83 to 82%. For the centrifugal the power required (B. hp.), is nearly 
constant throughout a wide range and decreases slowly in both directions from 
a maximum at a discharge of 50 000 gal. at a head of 19.4 ft., while for the 
screw it decreases rapidly with increase of discharge from the starting point. 
The speed of the.centrifugal is given as 225 r.p.m., whereas that of the screw 
is 437 r.p.m., or nearly twice as great. Both pumps, being motor-driven, are 
designed for constant speed. The capacity of the motor required to start the 
screw pump with its casing full of water is nearly twice that of the centrifugal. 

The specific speed of screw pumps is much higher than that of centrifugals. 

35. Reciprocating Piston Pumps 

Types. Reciprocating piston pumps may he classed as to operation as 
either single- or double-acting. The former takes water on one stroke and 

discharges it on the other; the 
double-acting pump takes and dis- 
charges during both strokes. As 
to construction they are divided 
into inside-packed and outside- 
packed pumps, an example of the 
Jatter being shown in Fig. 32. 

A continuous discharge from a single- 
acting pump may be obtained by either 
of the devices shown in Fig. 33, in 

which when ‘suction takes place on Fig. 32 

the upstroke the chamber below the 4 

piston is filled with water and at the same time the volume of water in the discharge 

chamber above the piston is delivered. The volume of the discharge chamber being 

less than that of the suction chamber, as the piston descends part of the water in 

the suction chamber is delivered through the discharge chamber and part of it 

flows into the space above the piston to be delivered on the suction stroke. 
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Displacement Curves. If the piston velocities as ordinates are plotted to time, or 

to space passed through by a crank moving at uniform velocity, as abscissas, the area 

enclosed between the curve, the axis of the abscissas, and a vertical ordinate will repre- 
sent the displacement of the piston at any time. For uniform effort and uniform flow 
this displacement should be uniform, but in a reciprocating pump this can only be 

approximated. 

Long Suctions. If the suction of a reciprocating pump is long, even though 
the lift is low, on account of the variable velocity, a considerable portion of the 
suction head is absorbed in accelerating the water at the beginning of the 
stroke. A part of this force is recovered at the end of the stroke as pressure 
forcing the piston ahead, but unless the head Ay is available at the beginning of 
the stroke the pump will not lift. If the speed of the piston is such that it 
moves more rapidly than the inertia of the water can be overcome, the water 
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Fig. 33 

separates from the piston and may ultimately overtake it, as the latter 
is retarded in the second half of its stroke, causing severe shock or 
hammer. 

The head at inlet of the suction for a maximum is equal to the depth of the suction 
opening below the water surface in the suction well plus the height of the water 
barometer, and the head at outlet is that corresponding to a perfect vacuum less the 
effective lift of the pump. When, as is usually the case, the pump is located above the 
level of water in the suction well the head available for producing flow is reduced. 

Separation of Air. The suction lift of a pump is dependent upon the pres- 
sure at which the entrained air in the water separates. The head at which the 
air separates is usually taken at about 26 ft. below atmospheric pressure. 
Separation of air also may occur on the discharge side of the piston during the 
second half of the stroke when the piston is being retarded due to the velocity 
previously imparted to the water being so great as to carry it away from the 
piston. 

Air Chambers. To prevent separation an air chamber may be installed 
on either the suction or the discharge pipe and should be located as near as 
possible to the pump. The value of the air chamber increases with its size, 
cross-section being more effective than height. It should be so located that 
the water is drawn as low as possible without actually emptying the chamber 
at each stroke. 
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, Ratio of change of air volume 
in air chamber to volume of . Flywheel pumps, kind : : 

4 1 stroke of 1 revolution 
piston of pump 

APSE ee ce eo ee ie 0.557 0.557 
Li) ERee iy cele: Detar ate 20 hase peg pelted re 0.211 0.106 
Two double-acting 90 deg. apart................. 0.048 0.012 
Three-throw single-acting 120 deg. apart. ~....... 0.0032 0.0011 
Three-throw double-acting 120 deg. apart......... 0.0032 0.0011 

The duplex pump without a flywheel, if the piston were accelerated uniformly, 
would give a uniform delivery; in practice, however, the variation is about the same 
as that af a three-throw flywheel pump. 

36. Pumping Engines 

Types. Pumping engines are a combination of a pump with a steam engine 
in a single machine, and the term is usually restricted to machines of at least 
one million gallons daily capacity. There are four general types: 

(a) The Common Duplex Pumping Engine, consisting of two parallel double-acting 
pumps directly connected to two steam engines, and taking strokes alternately or 90 
deg. apart, each engine operating the valves of the other. In this type the length of 
stroke is variable, and the steam must follow throughout the full stroke, and can be 

used expansively only by adding a low-pressure cylinder into which it expands con- 
tinuously during the discharge stroke of the high-pressure cylinder. 

(b) The Duplex Pumping Engine with the Worthington High-Duty Attachment, 
which is a duplex pump having attached to each piston rod a pair of auxiliary cylinders 
filled with oil and mounted on trunnions through which they are connected to the 
delivery main. These cylinders rotate in such a manner that at the beginning of the 
stroke they oppose the movement of the piston and thus prevent racing while the steam 
follows at full pressure. At midstroke just after cutoff they neutralize each other and 
toward the end of the stroke assist the movement of the piston when the steam is 
working expansively. This device enables the steam to be expanded in one, two, or 
three cyclinders, and thereby increases the economy of operation. 

(c) The D’Auria Pumping Engine, in which the use of steam expansively is accom- 

plished by circulating through the frame of the pump a body of water which is acted 
upon by an auxiliary piston and accelerated during the first half of the stroke, and then 
acts upon this piston during its retardation in the second half of the stroke. 

(d) The Crank and Flywheel Pumping Engine, in which the expansive use of steam 
is provided for by the inertia of the flywheel. 

Performance. The performance of pumping engines is usually stated as 
Duty, which was originally defined as the number of foot-pounds of work 
delivered for each 100 lb. of coal burned under the boilers. Owing to the 
variation in evaporative power of coal, and also of boiler efficiency, the coal 
basis for computing duty is more or less unsatisfactory for accurate work, 
and a new basis was adopted using an assumed evaporation of 10 lb. of water 
per lb. of coal, so that duty is also defined as the number of foot-pounds of 
work delivered for each 1000 lb. of dry steam, this being determined by the 
amount of water evaporated from and at 212° F. with corrections for moisture 
in the steam delivered to the engine. On account of the varying dryness of 
the steam and the condensation between boiler and engine it has been sug- 
gested that duty be based upon each 1 000 000 B.t.u. in the steam delivered 
to the engine and this value is now usually reported, sometimes alone and 
sometimes with the others. This would correspond to the preceding if the 
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steam were supplied to the engine at an absolute pressure of about 5 1b., cor- 

responding to a temperature of about 162° F. It follows that the duty on the 

last-named basis will in practice be less than that on the steam basis and usu- 

ally less than that on the coal basis. 

The duty of pumping engines and steam pumps ranges from about 3 to 8 million 

foot-pounds in the single-cylinder boiler-feed pumps to 160 million foot-pounds in the 

best high-duty, direct-acting and flywheel pumping engines, and in turbo-driven 

centrifugals, all on the 1000 Ib. of dry steam basis. The coal consumed per horse- 

power per hour on a basis of 10 lb. of water evaporated per pound of coal may be 

obtained by dividing 198 by the duty in million foot-pounds. 

Duty and Coal Consumption of Steam Pumping Machinery 

Duty in 1 000 000} Pounds of coal 

Kind of pumping machinery ft-lb. per 1000 |per horsepower 
lb. of dry steam per hour 

Single-cylinder boiler-feed pumps and air pumps 3 ito 66 to40 

Steam fire engines: 
Sifkby fotary WS oa cca eames dee coe 6.5 to 30 to25 
Amoskeagsas5c33 Iamosee sired Cte eek tee 6 to 33. to 22 
Clapp and Jones. .6 ses. boc eee =e = = 7.5to 14 21. tp ae 

High-pressure duplex pumps.........-...+--- 15 to 20 13 to10 
Duplex compound non-condensing pumps. .... 25 to 40 BY Ttor a 
Duplex compound condensing engines........ 30 ~to 45 6.6 to 4.4 
Duplex triple condensing engines............- 40 to 60 St SATO™ Say 
Cornish flywheel engines... .......-...+0-0-5 60 to 70 3.3 to 2.8 
Walking-beam compound condensing engines. . 60 to 85 BIB SAIOs 
Steam turbines and centrifugal pumps.......-- 80 to 90 215 to! 2:2) | 

Worthington high-duty duplex engines........ 100 to 160 2.0 to 1.25 
Compound condensing flywheel engines... .... 100 to 130 2.0 to 1.5 
Triple-expansion flywheel engines..........-. 110 to 160 1.8to 1.25 
Steam-turbine-driven centrifugals (large).....- 100 to 160 2.0 to 1.25 

Direct-acting Water Motor. When the steam end of a duplex pump is replaced 
by a similar end with large valve openings, which may be connected to a supply of 
water under pressure, the device is called a direct-acting water motor or pump. On 
account of the high frictional losses the device is not so efficient as a turbine connected 
to a centrifugal or a reciprocating pump. As the apparatus requires little attention, it 
may be advantageously used as a continuous relay at the end of a long line of pressure 
pipe to increase the pressure in a following line where a smaller amount of water 
is needed. 

37. Jet Pump and Hydraulic Ram 

The Jet Pump. In this apparatus (Fig. 34) a small jet of water at high 
velocity is discharged through a throat the upstream end of which connects to 

a suction pipe and the down- 
stream end to the discharge. 
The velocity of the jet reduces 
its pressure below that of the 
atmosphere and thus creates 
a partial vacuum at the throat 
into which water from the 
pump well rises and is then 
mingled with the jet and 
carried along at reducing 

velocity by it. The efficiency 

of this apparatus is greatest 

Bigh Pressure Supply. 
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with a high suction lift and low pressure on the discharge, when it may reach 
25 oF 30%. When a steam jet replaces the water jet, the ordinary steam 
injector is obtained in which , 
the vacuum is formed not only High Pressure Supply 
by the velocity of the jet but 
by the condensation of the eS lee 

steam. 

The water-jet pump may be 
advantageously used to produce Fow'Pressure Supply 
a large discharge through a nozzle Fig. 35 
at a low pressure for a fountain, 

_ or for fire fighting, by means of the apparatus shown in Fig. 35, which is some- 
_ times cailed an injector nozzle.» (Proc. Inst. Mech. Eng. of Great Britain 1879.) 

The following table gives the quantity of water at a head of 700 Ib. per sq. in. 

required to deliver through a one-inch nozzle a jet of 150 g.p.m., the head at the 
nozzle being 100 ft. 

Low-pressure supply, Pressure, 60 50 40 30 20 10 
Ib. per sq. in. 

- High-pressure supply at 700 ye: 3.7 10.9 18.1 25.2 32.4 39.6 
per sq.in. G.p.m. . 4 

Discharge Pipe 

H Air Chamber 

Valve Box 

Fig. 36 

The Hydraulic Ram (Fig. 36) consists of a drive pipe delivering into a 

chamber whence the water escapes to waste until the waste valve is closed by 
the discharging water, and 
then into the air chamber, 
in whichit compresses the 
air until the flow stops, 
when the air expands, 
closing the valve at the 
chamber inlet and forcing 
water up the delivery 

pipe. When the flow is 
stopped there is a rebound 
of pressure toward the 
inlet. This creates a re- 
duction of pressure and 

) causes the waste valve to 
Fig. 37 drop open and flow is 

Delivery 
Pipe. 



1398 Pumps and Pumping Sect. 13 

started again. The apparatus thus intermittently utilizes the momentum in 

the drive pipe, and the longer this pipe the more work the machine will do. 

If her is the height of the supply reservoir above the ram, the efficiency is 

e = Qa(heather)/Osher when a portion of the water used to drive is pumped, 

the inlet of the drive pipe being taken as the suction inlet. When a separate 
supply is_pumped, as may be done with the machine shown in Fig. 37, e = 
Qahea/Osher. The efficiency decreases as the ratio of hea/her increases, and 
becomes very small for high lifts. The value of ¢ in the above expressions 

may be as high as 70%. Rankine gives e = 1.12 — 0.2 V (hae + her)/her- 

38. Pulsometer and Air Lift 

The Pulsometer (Fig. 38) has a chamber with two parts, each connected to 
a suction pipe at the bottom and to a steam pipe at the top with a discharge at 

the side near the bottom. Steam enters 
and fills one chamber and then condenses 
when the steam inlet valve shifts, allow- 

ing steam to enter the other chamber. 
As the steam condenses, a vacuum is 

formed which lifts water into the first 
chamber. When the second chamber is 
filled with steam, the valve shifts again 
and steam enters the first chamber, forc- 

ing out the water through the discharge 
valves and then condensing again, making 
the process continuous. Tests of a pul- 
someter reported by DeVolson Wood, 
Trans. Am. Soc. Mech. Engs., 1892, vol. 

13, p. 211, gave a duty ranging from 9 to 
13 million foot-pounds. The apparatus is 
practically adapted to pumping out cof- 
ferdams, on account of the ease with which 
it can be set up, as it may be simply sus- 

pended from a ring at the top and <on- 

nected with steam, suction and discharge 

hose lines. 

The Air Lift. This device involves 
the discharge at the bottom of the well 

or at least a considerable distance below the water surface, of air into the 
mouth of the delivery tube. The air as small bubbles mixes with the water, 

and the specific gravity of the mixture is so reduced that the pressure of the 
water outside the delivery tube causes the mixture to overflow at the top. 

Evidently the greater the length of the pipe below the surface the greater the 

difference between the weight of the columns within and without the tube 
and the higher the water can be lifted. Generally the depth of submersion 
is made 1.5 to 2 times the lift. 

The air lift is especially adapted to raising liquids from great depths, and is more 
efficient in handling hot liquids on account of the greater expansion of the air. It is 
particularly easy to install when the well has sufficient depth below the water surface. 
The air at entrance should be distributed over the area of the pipe rather than con- 
centrated at the center, and small bubbles give better efficiencies than those which 
fill the entire delivery tube. 
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Experimentally the following relations are found to give the best results: 

Head in feet 10 20 30 50 100 
Qa/Qw 1.0 1-5 2.0 2.5 KO 

Of the indicated horsepower of the air chamber of the compressor the lift under. 
favorable conditions may return as much as 45%, but ordinarily not more than 25 
and frequently only 10 or 12%. The duty of air compressors ranges usually from 6 
to 40 million foot-pounds, and the duty of the whole plant may therefore range from 
less than one million to perhaps 20 million foot-pounds as an upper limit. (See Proc. 
Inst. Civ. Engs. of Gt. Britain, 1900, vol. 140, p. 323, and 1906, vol. 163, p. 353.) 

During the operation of the air lift the following equations apply: 
@p = area of eduction pipe, above air inlet, in square feet; 
Ce = coefficient of entrance = 0.97. (See Art. 7 of this Section.) 

Cp = coefficient due to pipe friction and average slip varying from 0.70 to 
0.99; 

d = diameter of eduction pipe in inches; 
hy = lift in feet; 
hs = submergence of air discharge in feet; 
~» = barometric pressure on water in well and at upper end of discharge 

pipe in feet of water; 
4 = absolute pressure at inlet in foot piece in feet of water; 
gp = discharge of air at pressure fp in cubic feet per second; 

dw = discharge of liquid in cubic feet per second; 
Uy = density of liquid pumped; 

04 = velocity of liquid in eduction pipe below air inlet; 

ae s?. 

W = work output in foot-gallons per second. 
¥s aot 

Jeg — TAO oe 1 4 ee) (1) 
Uy 2 g 

W 2 p 
1+ Cy =) (qo + dw)? + Cedw 

Mb. Mb. log IPs ky + Det OG NO Es 
3 du to PB 2 gap" (2) 

1+ e CH 
2b bi d loge — = ——~ (ao + Wu) (3) 

Iw Uw * bp 2 gay? . 

W 
(1 + cp 7) (qo? — Qw?) = 2 ghi ap? + ceqw? (4) 

Example. To determine the air required to pump water at a rate of 2 cu. 

ft. per sec. from a well 10 in. in diameter and 330 ft. deep, in which the air 

pipe inlet is submerged 64.33 ft. and the lift is 25.67 ft., the air pipe being 2-1/2 

in. in diameter and passing through the 10-in. pipe. 

= area of 10-in. pipe — area of outside of 2-1/2-in. pipe = 0.5 sq. ft.; 
ap 
ce = 0.97; 

p= 0.80; 
; . 

d = 10in. —3in. =7in. = net diameter of 10-in. pipe enclosing 2-1/2- 

in. pipe; 

hy = 25.67 ft.; 
Pu 04.55 10-55; 
pp = 14.7 lb. = 33.96 ft.; ; 

p, = 64.33 + 33.96 = 98.29 ft. = pressure of water over air outlet + at- 

mospheric pressure; 

Quy = 2.0:cu. ft..per sec.5 

air required in c.f.s. atmospheric pressure. 
a s ll 
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62.5 gw + 0.08 gD 

4p = density of mixture of air and water = Gi step ata’ 

4 = = = 3.67 = discharge in cubic feet + area of 10-in. discharge pipe; 

W =2 7.48 X 25.67 = 384.8 ft. gal. = product of gallons pumped and 

lift. 

Applying equation (4): 

Ww 4 

(: + cp *) (qo? — dw?) = 2 ghi ap? + Cegw® 

and substituting therein: 

( + 0.80 =) (qv? — 2°) 64.4 X 25.67 X 0.5% + 0.97 X 2? 

or 44.97 gp? = 179.88 + 413.2 + 3.88 
og; 596s : bs Woheamids 

and go? = = 13.28. oe 4/13.25 = 3.64.4. 

If the submergence were not given its proper amount could be computed 

from equation (3) by determining the value of ps, the only unknown therein, 

which can then be introduced in equation (1) to obtain As. as follows: 

Ww 
(1 + cp *) (ay + aw) 

Equation (3) Baan loge Sai - 
Gw Uw Po 2 gay” 

Substituting values: 

33.96 low, Pt. — 4497 3.64 + 2) 
2x 62.4. X 2+ 0.08 X 3.64 OSe 33.96 64.4 X 0.52 

62.4 X 5.64 

33.96 34. 254.5 
or sebtauyy = 

0.706 = 33.96 16.1 
bi _ 0.706 . 254.5 180.5 

F dope n ee = Bs 
Be 33.96 33.96 16,1 546.76 

0.33 being the hyperbolic or natural! logarithm of 1.38 

0.33 

Ma es = S06 TF 1.38, and 4 = 1.38 X 33.96 = 46.86 ft. 

Be 2 
By paadtbonic(te 9:43 .b} RE atte oms De hidechy 

Uw 28 

ee 46.86 — 33.96 (3.67)? 
bstituting: — and substituting hs 0.353 64.4 (1 + 0.97) 

12.90 1347 OT. 
or s = 0.353 + Sonya arr mt — 36.544 0.49 = 37.03 ft. 

This submergence being that given the highest efficiency is about 60% of 

the total length of eduction, or sum of submergence and lift, and indicates 
the submergence used in the apparatus as specified was too great for best 
results. 

Davis and Weidner (see Bull. 450 Univ. of Wisconsin) conclude 

1. The central air tube pump has the greatest theoretical capacity for a given size 
of well. ' 



- Art..38 Pulsometer and. Air Lift 1401 

2. The coefficient of pipe friction and slip decreases as the discharge increases, and 
_ decreases as the ratio of volume of air to volume of water increases. 

: 3. The coefficient of pipe friction and slip varies with the length of pump, but seems 
to be independent of the percentage of submergence and of the lift. 

4. The length of pump, the percentage of submergence, and therefore the lift remain- 
ing constant, there is a definite quantity of air causing the maximum discharge. This 
quantity of air for maximum discharge, as also the ratio of volume of air to volume of 
water, differs for different percentages of submergence and lift, the length of the pump 

_ femaining constant. 

A 5. The length of pump remaining constant; the maximum output (e.g., foot-gallons) 
occurs at about the same percentage of submergence for all rates of air consumption, 
being at from 61 to 65% for the pump used in the Wisconsin experiments. At other 
submergences the output varies as the ordinates of a parabola having a vertical axis. 
Under these conditions the lift does not remain constant as the percentage of sub- 
mergence varies. 

6. The length of pump and percentage of submergence remaining constant, and 
therefore constant lift, the efficiency increases as the input decreases, that is, the 
highest efficiencies are obtained at the lowest rates of pumping. 

7. By varying the percentage of submergence, and therefore the lift, the length of 
pump remaining constant, the maximum efficiency is obtained at approximately 63% 

submergence for all rates of input or discharge. 
8. The lift remaining constant, the efficiency increases as the percentage of submer- 

gence increases, for all rates of input and all practical percentages of submergence. 
9. With the same size and type of pump, the percentage of submergence remaining 

constant, the efficiency increased as the lift increased for the small lifts experimented 
on, that is, up to about 24 ft. From a theoretical study, however, the indications 
are that a point will be reached from which the efficiency will decrease as the lift 
increases. 

10. Other conditions remaining constant, there is no advantage to be gained by 
introducing compressed air above the surface of the water in the well. 

11. The type of the foot-piece has very little 
effect on the efficiency of the pump, so long as 
the air is introduced in an efficient manner and 
the full cross-sectional area of the eduction 
pipe is realized for the passage of the liquid. 
Anything in the shape of a nozzle to increase - 
the kinetic energy of the air is detrimental. --4%--— 

12. A diverging outlet which will conserve 
the kinetic energy of the velocity head increases 
the efficiency. 

The Hydraulic Air Compressor. This 
apparatus (Fig. 39) is practically the 
reverse of the air lift. Water is caused to 
pass vertically downward through a tube 
or shaft ata moderately high velocity, and 
by means of small ‘pipes or an open sur- 

face at the top opportunity is given for 
the water to absorb as much air as pos- 
sible. At the bottom the water is dis- 
charged against a considerable head and Fig. 39 
is made to pass underneath a collecting 
hood which is connected with a chamber for storing air. The reduction 

of velocity at outlet causes the water to release a portion of the entrained 

air, which rises through the collecting hood and passes to the air chamber 

under a pressure equal to hes the head of water above the free surface under- 

neath the hood. 

The velocity at which bubbles of air separate themselves from running water is 

about 0.75 ft. per sec., and the flow down the tube or shaft must exceed this. Experi- 

PR 

Air Pipe’ 

0 Tail Raec 

8 
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mentally a velocity between 12 and 16 ft. per sec. gives the best results. (Eng. and 

Min. Jour., Jan. 19, 1907.) 

39. Miscellaneous Pumps 

The Archimedean Screw has been largely used in Holland against heads 

not exceeding 10 ft. It consists of an inclined shaft carrying one or more 

helices of considerable diameter, which are rotated with little clearance in a 

circular or semicircular channel connecting head and tail water. The angle 

of inclination of the channel should be less than the angle of the helix so that 

the water always tends to run down the helix and up the channel. The best 

angle for the helix is found to be between 30 and 40 deg., and an efficiency of 

75% has been reported. 

The Scoop Wheel is used for drainage pumping, and consists of a series 

of flat vanes revolving in a curved channel, and is practically a reversed under- 

shot waterwheel. It may be used for lifts as high as 6 ft. and has been con- 

structed to deliver 160 cu. ft. per sec. 
An efficiency of 70% is claimed under 
favorable circumstances. 

The Positive Rotary Pump (Fig. 40) is 
intermediate between the centrifugal 
and the reciprocating piston type. It 
has long been familiar in the Silsby 
fire engine, where both the steam and 
water ends are of this class, The same 
construction is used in the ordinary 
rotary blowers for delivering free air. 
The chief objection to this pump is the 

difficulty of keeping the revolving 
pistons tight. Like the centrifugal it 

Fig. 40 requires no valves, and like the recipro- 
cating pump is positive in action. The 

discharge of such a pump per revolution is Q = 7d(Ri? + Ro?) where d = 
axial length of the piston, or distance between crowns, Rj = radius of piston 
hub, and Rp = radius of piston tip. The discharge as computed from this 

formula must be reduced for leakage past the pistons. 

WATER POWER 

40. Power, Slope, and Discharge 

The Power of a Stream is the product of the fall H and the weight Qw of 
water flowing per second, Q being the discharge and w the weight of a cubic 
unit of water. When # is feet, Q cubic feet per second, and w pounds per 
cubic foot, then work per second in foot-pounds = QwH and horsepower = 
QwH/550. Assuming a plant to deliver 80% of the power of the stream the 
horsepower developed at the wheel shaft is simply QH/11. Assuming an 
efficiency of generating apparatus of 90%, since 1 kilowatt = 1.34 horse- 

power, the electrical output at the station switchboard is QH/16 in kilowatts. 
Since a stream of water flows continuously, its power should be stated on the 
basis of 24 hours per day and 365 days in a year, and a horsepower year is 
24 X 365 = 8760 horsepower-hours, or 525600 horsepower-minutes, or 
31 536 000 horsepower-seconds. 

The International Advisory Committee on Rating of Rivers (1928) recom- 
mended that: 
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1. The Kilowatt be adopted as the unit of power to be used in rating rivers. 
4 2. The full power of the river and gross head be used as a basis for rating 

» rivers. 
3. The flow duration curve and also the month of occurrence of minimum 

flow are desirable as a basis for rating rivers, and where this information can 
not be given there should be supplied: (a) the minimum flow and its occur- 
rence}; (b) the flow which is available for six months of the year; and (c) the 
arithmetic mean flow. 2 

In ordinary industrial operations it is usually estimated that a plant will operate 
during 310 days in a year and from 10 to 16 hours per day, depending on the character 

of the industry. The number of horsepower-hours in a year required for each horse- 
power capacity is therefore from 3100 to 4960. If the water which would flow during 
the remaining 14 to 8 hours and the remaining 55 days can be stored for use during 
the time the plant runs, the capacity of the plant per hour for the tunning time will 
be from 8760/3100 to 8760/4960 or from 2.83 to 1.76 hp. per horsepower of average 

stream capacity. In using the term horsepower in connection with water-power 
development the unit of time upon which it is based should be stated, and when no 

unit is designated 24-hour 365-day power should be understood. Evidently a stream 
- will yield twice as much power on a 12-hour basis as it will on a 24-hour basis if the 

flow of the other 12 hours can be stored. 

The Slope. The distance through which the water falls vertically per unit 
of horizontal distance traveled is sometimes called the slope per unit of dis- 
tance, and is for uniform fall the tangent of the inclination of the water surface 
from the horizontal. Since the slope of natural streams is ordinarily small, 
the inclined length and the horizontal length practically coincide. 

In ordinary natural streams, except in the vicinity of an obstruction, the low-water 
slope is greater than the flood slope. For streams with nearly vertical side-walls, the 
reverse will ordinarily be true. Upstream from and in the vicinity of a dam over which 
the water flows, the flood slope will be greater than the low-water slope, except in 
channels which enlarge their cross-section very rapidly by overflowing extensive flats 
as the water rises. Generally for the estimation of power the natural slope may be 

~ taken as practically the same at all times unless the location is upstream from an 
- obstruction which may cause the water to back up from below against the base of the 

dam without causing a similar rise above its crest. 

Backwater. The distance upstream to which the backwater effect of a dam 
or other obstruction extends in an ordinary stream will be greater at low water 

than in time of flood. 

The Discharge or Runoff of all streams varies from day to day, month to 
month, and year to year, and bears some relation to the rainfall on the drain- 
agearea. This relation is by no means a simple one, and stream-flow measure- 
ments are essential to the reliable determination of the flow, unless a com- 

parison can be made with the known discharge from a similar watershed 
similarly located; and even then great care must be taken in estimating to 
allow for the influence of a range of hills if one exist hetween the two basins 

considered, as greater precipitation and hence greater runoff may be expected 

on the windward side of a summit of land than on the leeward side. 
The water that falls on the surface of the earth is partly evaporated by the direct 

rays of the sun and partly by the aid of vegetation, partly absorbed by the soil to 

reach the streams through their banks and beds, and partly flows away over the sur- 

face. The quantity of discharge of a stream is therefore dependent upon both the 

rainfall and the evaporation, and ordinarily amounts to the surface runoff plus the 

subsurface flow, and of this discharge the continuous as distinguished from the inter- 

mittent flood flows, when corrected for the effect of visible storage in ponds and Jakes, 

represents the subsurface supply, or the percolation, which generally Tanges from 25 to 

60% of the total supply, being greater on flat, sandy, and porous drainages than on 

steep, impervious ones. by he 

Occasionally it happens that percolation from an area whose surface is tributary to 



1404 Water Power Sect. 13 

Conversion Table 
Head-discharge to Horsepower and Kilowatts 

Mechanical Electrical 

: Theoretical Horsepower at Kilowatts at 
Head X discharge Horsepower Wheelshaft. Switchboard. 

Eff. 80% Eff. of Gen. 92% 
Q.H. T.Hp. M.Hp. Kw. at S.B. 

100 11.3456 9.0765 6.2269 

125 14,1820 11.3456 7.7836 

150 17.0184 13.6147 9.3403 

175 19.8548 15.8838 10.8970 

200 22.6912 18.1530 12.4538 

225 25.5276 20.4221 14.0105 

250 28.3640 22.6912 15.5672 

375 31.2004 24.9603 17.1239 

300 34.0369 27.2295 18.6806 

325 36.8733 29.4986 20.2374 

350 39.7097 31.7678 21.7941 

375 42.5461 34.0369 23.3508 

400 45.3825 36.3060 24.9075 

425 48.2189 38.5751 26.4642 

450 51.0553 40. 8442 28.0210 

475 53.8917 43.1134 29.5777 

500 56.7281 45.3825 31.1344 

oe. 59.5645 47.6516 32.6911 

550 62.4009 49.9207 34.2478 

575 65.2373 52.1898 35.8046 

600 68.0738 54.4590 37.3613 

625 70.9012 56.7282 38.9180 

650 73.7466 58.9973 40.4747 

675 76.5830 61.2664 42.0314 

700 79.4194 63.5355 43.5882 

725 82.2558 65.8046 45.1449 

750 85.0922 68.0738 46.7016 

775 87.9286 70.3429 48.2583 

800 90.7650 72.6120 49.8150 

825 93.6014 74.8811 51.3718 
850 96.4378 77.1502 52.9285 
875 99.2742 79.4194 54.4852 

900 102.1107 81.6886 56,0419 
925 104.9471 83.9577 57.5986 
950 107.7835 86.2268 59.1554 
975 110.6199 88.4959 60.7121 

1000 113.4563 90.7650 62.2688 

QH X .113456 QH X .090765 QH X .062269 

T.Hp. X .80 T.Hp. X .54884 

M.Hp. X .68604 
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one stream is delivered by underground strata into another, but such conditions are 

relatively rare. It will be found that whereas the percentage of rainfall appearing as 

runoff is greater for precipitous and rocky drainages, the amount of the runoff that: 

can be utilized for power will be greater from flat, sandy areas. 

Runoff Data. The most useful as well as most accurate data available 

for American conditions are those of Desmond FitzGerald, obtained at Boston 

on the Sudbury and Cochituate watersheds. (Trans. Am. Soc. C. E., 1892, 

Vol. 27, p. 253.) 
Runoffs in Percentages of the Rainfall 

Sudbury, 

Period 1? Eee pores: The Sudbury watershed 
Mean | Max. | Min. has an area of 75.199 

square miles, is hilly, with 

January..... 49.1 8 53.1 steep slopes having some 

February....} 78.2 9 i .9 large swamps within its 

March... 109.6 7 84.6 borders, and the material 
Anil. «cles 109.1 33 83.8 is costly unmodified drift. 

ES Ce Ae 62.3 32 47.9 Pp” Cothituates water 

Biles «245-4, 29.1 sal 27.9 
i hey 8.9 “9 13.1 shed has an area of 18.87 

August...... 13.0 + tT square miles, with flat, 
September...| 14.2 9 23.5 sandy slopes and the sur- 

October..... 23.1 A 23.6 face mostly modified drift. 

November...| 39.5 wai 34.0 The two are adjacent to 
December... .5 3 49.9 each other. 

Wear.. -- BS ae 43.8 | 

The records of the Sudbury watershed are given in more detail than those 

of Cochituate, and the more important data are in the following table: 

Sudbury River Watershed Record of 16 Years 

Runoff in cubic feet ’ Mean 

Rainfall in inches per second ES tem- 

Period per square mile i ghar < pera- 
ait ior yee 

Mean| Max. | Min. | Mean| Max. | Min. | Mean| Max.| Min. | Fahr. 

Fant i.. 4.179] 6.36 | 1.83 | 1.779] 4.305} 0.159) 0.96 |......]....-- 272 

Feb..... 4.062| 6.55 | 0.74 | 3.023] 7.428) 1.469) 1.05 |..sen-Jeeeee 28 

Mar 4.578] 8.36 | 1.07 | 4.354) 7.448] 2.071] 1.70 ]......J....,. 34 

1.50) eG 3.320| 5.79 | 1.82 | 3.247] 5.094] 1.342) 2.97 | 3.12 2.78 44 

May 3.203| 5.21 | 0.96 | 1.732] 2.526] 0.796) 4.46 | 5.89 3.35) 57 

June 2.985} 6.24 | 1.47 | 0.779] 1.346] 0.271] 5.54 | 7,01 | 3,94 67 

July 3.784| 9.13 | 1.41 | 0.292] 0.980] 0.096) 5.98 7.50 | 4.82 71 

Aug. 4.227| 7.18 | 0.74 | 0.478] 2.216] 0.086} 5.50) 7.41 4.25 69 

Sept 3.232| 8.74 | 0.32 | 0.412] 1.786) 0.068) 4.12 5.13 | 3.08 62 

GE a cicus 4.413|10.51 | 0.81 | 0.882] 3.518] 0.109}, 3.16 | 4.13 2 £54 52 

Nov....| 4.107] 7.23 }, 1.45.| 1.453) 4.267) 0 271| 2.25.| 3.00 | 0.66 40 

DEC ie cc. 3.710| 6.37 | 0.87 | 1.689) 4.708] 0.271) 1.51 |..-+.+]--+-e- 30 

pe Vear.. 45, 800|53.00 |32.78 | 1.669] 2.626] 0.824)39. 20 41,51 134.05 48.4 

When the rainfall is high, a greater portion appears as runoff and when low a less 

percentage than the mean, since the vegetation takes its share before the water gets 

away, except in severe storms, and when there is little rain during the growing season 

vegetation takes nearly all. With rainfall records as a basis and the data of FitzGerald’s 

experiments, it is possible to estimate with a fair degree of accuracy the annual runoff 
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of streams in the humid portions of the United Stations, and also to approximate the 
low-water flow,- particularly if cognizance is taken of the character of the surface and 
the influence of the vegetation on the evaporation. 

In working from rainfall to runoff it is to be noted that a given amount 
of precipitation concentrated in a few sharp showers will appear to a larger 
extent as runoff than the same amount falling during the same period in a 
more continuous but mild storm. Also when the soil, of a clayey nature, is 
baked by a drouth and vegetation is drooping, a larger proportion of the pre- 
cipitation will run off than when the soil is slightly moist and vegetation 
thriving. Rain falling at night contributes more to the runoff than that 
falling in the daytime by reason of the direct evaporation in the latter case 
by the sun’s rays, and a mild shower falling on a hot surface may be almost 
wholly evaporated without the aid of vegetation. Rain falling on frozen 
ground appears almost wholly as runoff. The water which runs off over the 
surface reaches the streams within a few hours, but the subsurface flow is 
likely to continue for at least two weeks under ordinary conditions before it 
all appears in the open channels. 

41. Rainfall in the United States 
The table on the following pages, compiled from the records of the U. S. 

Weather Bureau, gives the normal monthly and annual precipitation in inches 
at 190 places in the United States, as established from records prior to 1922. 
In the arid regions, the minimum annual precipitation may be as low as 25% 
of the normal, but in the humid portions, while records as low as 40% occur, 
an annual minimum less than 50% of the normal is rare. The terms Rainfall 
and Precipitation are usually synonymous, meaning the vertical depth of 
rain and melted snow. 

42. Percolation and Runoff 
Percolation, or subsurface runoff, varies greatly with the character of the 

soils and their covering. The accompanying data, from both European and 
American sources, gives the percolation in percentages of the rainfall: 

Per cent Per cent 
SAMA MOATO: Vee yo i ciiensdiewancee 65 to 85 Beans and peas. .oiocke oc scsre ct BOOS 5 
Ordinary ground, bare...... 29 and 29.2 HOVERS: s anasbe conde iret rete —12% 
Ordinary ground, cultivated, no crops. 36 Indian corn?:.. 7.201 , nash 40 to —50* 
Roam baresaecde cn caste e eee 33 WAGES... ace cet toon 2 
Peat} bare. ftasincenech Red) INRl Oe 44 Rye. 2. sek. See JOS tea 40 to 18 
Sand, with grass growing 6 months.. 14 Oats: >. oF. | SC. G0 Bebe oor 38 
Loam with grass growing 6 months. .1.3 Potatoes: Cb Oe SINE BP oe 40 
Peat with grass growing "ASH forest? = ©. 75... JOLE 25th Nis 37 

6months. 5. 73.5 82. 14.6 and 8.7 Atder forest?*: (5-4. 1608 201k 2 ta 43 
Ordinary soil with sod............. 33 Beech forest:,.. PS @ /e8O es Tom 44 
Bare ground .*)') O00), Ue ek) 45 Bim-forest. <2-.. £1. % e8T 6 eee ae 50 
Bare ground covered with 1 cm. sand 82 Maple forest’. |. 85.5. 790.4 205.48 57 
Bare ground covered with 1 cm. straw 94 Wak-forest:. 2.) F538 sce SB 58 to 70 
Bare ground covered with 5 cm. dry Wineyards 0. Le Sete ey 66 

leaves. O00. QOE eS oF AS ie 93 Mixed forestt Joh 8. ai ok hoe 74 
Bare ground with grass growing... —34* Norway spruce forest............4 91 
_Meadow grass, short.......... 0 to 1.15 Pine foresters isa oe eek See. 93 
Meadow grass, long......... 0 to —100* Wartforest:\ Shp HO Aes eee 94 

These data so far as they deal with crops and forests must be accepted as giving only 
relative relations. It is, however, safe to say that the percolating runoff from ever- 
green forests will be about twice that from deciduous forests and three times that from 
cropped areas during the growing season. 

* Water in excess of rainfall taken from subsurface runoff of adjacent areas. 
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Runoff Data of Various American Rivers 

Mean yearly Year of min. flow 

Runoff Runoff 

i Cu.ft.| 

sore nin, Years |Rain-| per | per |Rain-| per | per 
fall, | cent | sec. | fall, | cent | sec. 
im. | rain-| per | 1™- | rajn-| per 

fall | sq. fall | sq. 
mi mi. 

Sudbury: 

Boston, Mass...... 75.2 |1875-97|45.77| 48.6)1.637|32. 78] 34.1]0.825]....... 

Cochituate: 

Boston, Mass...... 18.9 |1863-96/47.08) 43.2/1.498131.20) 31.3]0.719]....... 

Mystic: 

Boston, Mass...... 26.9 |1878-96/43.79) 45.6)1.471/31.22] 29.8/0. amie 

Connecticut: 
Hartford, Conn.....| 10 234/1871-85/44.69| 56.5/1.860/40.02] 45.6|1.345]...... 

Housatonic: 

Gaylordsville,Conn.} 1020/1900-05/47.86) 61.6/2.170/39.77| 59.8/1. 

Croton: 

Old Croton Dam... 338) 1870—94/48.38) 50.8)1.810/38.52| 37.81. 

Upper Hudson: 

Mechanicville, N.Y..} 4500/1888-96/39.7 | 59.0/1.720/33.49] 52.2/1. 

Genesee: 

Mount Morris, N. Y.} 1 060/1894-96/39. 82} 32.5/0.955/31.00) 21.5/0. 

Passaic: 

Dundee Dam, N. J.. 822|1877-—93}47.08} 54.0)1.875|35.64) 42.7/1. 

Perkiomen: 
Philadelphia, Pa.... 152|1844-97/47.98) 49.2/1.741/38.67} 40.4]1.154]...... 

Tohickon: 
Philadelphia, Pa.... 102/1884—97|50.17| 56.7/2.095|38.34| 49.0]1.381]....... 

Neshaminy: 
| Philadelphia, Pasi 139/1884—-97/47.88) 48.5)1.712136.30| 44.3]1.192|....... 

Susquehanna: 
Harrisburg, Pa.....| 28 030)1891-05]39. 38] 53.6]1.553/31.62| 51.7 i 
Wilkes-Barre, Pa...| 9 810/1899-05/39.85] 58.2/1.708|31.77 47.7\1. 
Williamsport, Pa...} 5 640/1895-05/40.02] 55.6/1.640/37. 46 44.3/1, 

Ohio: 
Wheeling, W. Va... .| 23 820|1884—-05/41.71| 54.4/1.670/33.47 48.7/1. 

Potomac: 
Pt. of Rocks, Md...| 9 650/1895—-05/36.86] 38.611.047/37.25 21.9)0. 

Shenandoah: 
Millville, W. Va....| 3000)1895-05/38.33] 35.6/1.005 30.47) 25.8)0. 

James: 
Cartersville, Va....| 6230/1898-05/42.98] 42.4/1.342/30. 58 35.0/0. 
Buchanan, Va...... 2 060}1895—05}41.17| 41. 1]/1.246]30.45] 37.610 

North: 
Glasgow, Va....... 830)1895—-05/40.76| 39.2|1.177/36.49| 33.3]0. 

Appomattox: 
Mattoak, Va....... 745|1900-05]42.98] 38.4/1.214]30.80] 35.5 0. 

Roanoke: 
Roanoke, Va....... 390) 1896-05/42.68] 41.5]1.303/35.21| 25.2/0 
Randolph, Va...... 3 080}1900-05|43. 80} 42.6]1.375/34.00|1 32.410 
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Runoff Data of Various American Rivers—Concluded 
T 

Mean yearly /Year of min. flow 

Runoff Runoff Min. 
aliases. —_________|monthly 

River and Area, ? Cu. ft. Ms Cu. ft. flow, 
Station sq. mi. Years /Rain-| per per Rain-| per per | Cu. ft. 

fall, | cent | sec. | fall, | cent | sec. |Per sec. 
mM. |rain-| per | !9- | rain-| per | Per 

fall _| sq. fall | sq. | §4- mi. 
mi. mi. 

Savarnah: . 
Augustus, Ga...... 7 294)1884-91/45.41] 48.9]1.635/43.10] 37.7]/1.197]....... 

Des Plaines: 
Riverside, Ill....... 630) 1889* |30.56) 21.6]/0.487/32.38} 9.9]0.235|....... 

Huron: 

Geddes, Mich...... 757|1905—08/ 34.02} 32.5)0.813/32.15] 21.8]/0.517| .107 

Grand: 

Grand Rapids, Mich.} 4900} 1899+ |28.85]' 40.80. 867/31.35| 26.8/0.618| .255 

Upper Mississippi: 
Pokegama Falls....} 3 265/1885-99|26.57| 18.4]0.361/22.86| 7.1]0.119]....... 

Tennessee: 

Chattanooga, Tenn.| 21 400/1874-06|.....]...-. et es ee D721 eee 

Colorado: 

und? Aric.) ....%- 225 000/1879-06}.....]..... OD. DES: J oicibses an OVOT2  asalarahee 

Arkansas: 

Canyon, Colo... ..: 3 060}1888-92].....]..... 0.2661 2.5 vee e AOe LAL], 1059) 

Rio Grande: 

Delworte, Colo’... 1'400) 18905 jos Soc: 0.644)..... seed phe BAA.» OES 
Embudo, N. Mex...} 10900] 1889§ |.....]..... 0. 107s eee 0. tO 036| 10s2 
EI! Paso, Tex..... 22 30000] 18901 ].....]..... OV OSS {C2 BAe ee 0.002} .000 

Bear River: 

Battle Creek, Idaho.} 4500) 19009 |.....]..... OPLOS rep ste ene 0.163} .060 

* Also 1893-95. 7 Also 1902-06 and 1908. tAlso 1891-93 and 1901-02. § Also 
1890-92 and 1901-03. |! Also 1891-92 and 1901-03. { Also 1891-93 and 1901-02. 

Evaporation and Reservoirs. The final runoff of a stream is also affected 
considerably by the extent of water surface from which evaporation may take 
place. The evaporation from water surfaces in the United States varies from 
18 in. to over 100 in. annually, being greatest in the arid regions and least 
at high altitudes in the north. For water-power calculations in the humid 
portions, the evaporation during the summer months is usually all that needs 
to be considered, as at other times it is insignificant, or else a portion of 
flow is necessarily wasted. During summer in the northern states this evapo- 

ration may amount to about 60% of the annual rainfall in open country, 
but where the surrounding shores are forested and the water surfaces narrow 
so as tobe little exposed to wind the evaporation is much less. 

The evaporation, particularly from water surfaces, is considerably influenced 
by the wind, as shown by the following observations: 

Wind velocity in miles per hour.. 0 5 ROS. 20) 0 aes) 
Relative evaporation........... i yk peer ied mee) Fabia ak 8 meee ABT SSE NY ee 

The aquatic plants exercise a considerable influence upon the evaporation from water 
_ surfaces. From experiments made under the direction of the author, it appears that the 
bulrushes, like long grass, exhale much more moisture than would be evaporated from 
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open water, whereas the pond lily exhales considerably less, the common arrow-leaf 
occupying an intermediate position. 

Runoff from Typical Streams in various parts of the United States has been 
shown in the preceding pages with other appurtenant data. 

In applying the data of this table to cases not therein included, cognizance 

must be taken of both the rainfall and the topographical conditions of the 
watershed te which it is applied. 

Runoff from Great Lakes Drainage Basins 
From Local Drainage (by Author) 

By Local Stream Gagings within Period from 1892 to 1913 

Huron- 

Mozth a ‘f t: . 

per sq. mi. | per sq. mi. | P&T $4 

Ge ee ee Oe ee eee 0.806 
oe ANS Sedeeeoe ary. Rey 505 ie 0.849 
Dk RE, OE pete, 1.380 
SS oe fo Gee cc ec ce maken <« 1.763 
Re eee ek ee ee Ce 1.195 

Pv peme cE SESS. . Re SEU 0.910 
| Gees ST Re eee OR 0.642 
ee ee ee es ee) ee 0.539 

eS Re ERE SRR eet ese oS 0.534 

| = aes SER SPOR St BE AES 0.619 
i age Ras Raa REINER er ys: 3 0.689 
dee Re ee een ee 0.666 

PEGI WON A Se 5 eign oo ek ones a: 0. 883 
| April te November, inclusive............. 0.861 
|. Fume to November, inclusive... 2.2.2.0... 0.655 

| Percentof drainage area covered by gagings. 32 

By U. S. Lake Survey Gagings of Outlets 

Average of 1900 to 1907 

From 
local drainage 

c.f.s. 
per sq. mi. 

247 762 1.45). 
200 072 0.16 
193 528 0.84 
78 200 1.028 

Percentage 
of drainage 
covered 

c.f.s. 
per sq. mi. 

Niagara 1915-24. 2 2.0... 32 
|. St. Clair 1915-24. 00 22.0.2. 85 

St. Marys 2921-24. 2200. 22. 
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43. Flood Discharge of Rivers 

The flood discharge of a stream will be greater per square mile for small 
drainage areas than for large ones on account of the greater intensity of pre- 
cipitation on the former in time of storm. A!'though many flood formulas for 
computing the runoff per square mile in time of storm have been suggested, 
the data in the following table of observed flood flows in rivers of the United 
States as established by the Hydrographic Branch of the U.S. Geological 
Survey will be found, for those rivers, mugh more valuable and useful than any 
formula can ever be. 

In using this table to estimate flood flows the character of the drainage area 
must be carefully considered together with the rainfall conditions. The 
ordinary storm rate of precipitation in the humid regions is less than 0.4 in. 
per hour. Excessive rates are from 0.4 to 0.7 in. per hour, but on rare occa- 
sions extreme rates of 2 in. are recorded for periods of about an hour over 
areas of 20 to 100 square miles. In the arid regions, as much as 17 in. in 24 
hours has been recorded over a considerable area. The average slope of the 
watershed and that of the stream itself also influence the maximum discharge, 
as also whether the ground be frozen or not. 

Maximum Rate of Discharge of Streams in the United States 

Drainage 
area, Date sec. per Stream and place 
sq. mi. 8q. mi. 

Beacon Brook, near Fishkill, N. Y.........-4.+ 0.25 1897 3.200 
Budlong Creek; Utica, N.Y... ope ete eiee eel £..13 1904. 120.40 
Sylvan Glen Creek, New Hartford, N.. Y....... 1.18 1904 56.58 
Pequest River, Hunts Pond, N. J.......0...44 1.70 1904 25.30 
Starch Factory Creek, New Hartford, N. Y..... 3.40 1904 109.62 
Starch Factory Creek, near New Hartford, N. Y. 3.40 1905 209.00 
Wilson Creek, near Carbondale, Pa..:......... 3.40 1922 300.00 
Reels Creek, Deerfield, N. VY... 2. ec eereeietetete’s 4.40 1904 48.36 
Mad Brook, Sherburne, N. Y.........-0.008++ 5.00 | 1905 262.00 
Skinner Creek, Mannsville, N. Y..........-.4- 6.40 1891 124.20 
Coldspring Brook, Mass......... 6.66000 eeeees 6.43 1886 48.40 
Croton River, South Branch, N. Y............ 7.80 1869 73.90 
Woodhull Reservoir, Herkimer, N. Y.......... 9.40 1869 77.80 
Mill Brook, Edmeston, N. Y..... 000.66 000000% 9.40 1905 241.00 
Fall Brook, near Carbondale, Pa.........-6... 11.4 1922 146.00 
Stony Brook, Boston, Mass.......-..+-600+005 AZEPM APOM, 121.00 

Great River, Westfield, Mass.....-.0--600004- 145, omen, 71.40* 

Smartswood Wake, N..J.%)/0- apace serr ns eei LO ORE ns. 68.00 
Williamstown River, Williamstown, N. Y....... L675 14 522977. 34.00 

Ridley Creek, Delaware Co., Pa.......64.0-005 20.0 1843 750.00 

Croton River, West Branch, N. Y.....:....4.. 20.5 1874 54.40 

Beaverdam Cteek, Altmar, N. Y.s....eeess005 QO AN AI A OUDOO. 

Crum Creek, Delaware Co., Pa.......+.eseeees 22.0 1843 410.00 

Trout Brook, Centerville, N. Y..../.6.+s0000-- D3, OOPS 29 01 50.60 

Pequonnock River, Bridgeport, Conn.......... 25.0 1905 157.00 

Wantuppa Lake, Fall River, Mass............. 28.5 1875 72.00 

Pequest River, Huntsville, N. J......--+-+00+: BAO sO 19.30 

Sawkill, near mouth, N.J.......06cseseeeeees S500 ween 228.60 

Jail Branch, Winooski River, E. Barre, Vt...... 38.0 1927 303.00 

Whippany River, Whippany, N. J..-........-. 38.0 1896 84:20 

Cuyadutta Creek, Johnstown, N. Y..:..s.5.55: 40.0 £896'"'| 72.40 
1 — LS 

* Average flow for day of maximum discharge. 
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Maximum Rate of Discharge of Streams in the United States—Cont. 

Drainage Cu. ft. per 
Stream and place area, Date | sec. per 

: sq. mi. sq. mi. 

Sugar River, above Watertown, N. Y.......... 42.0 1927 $2.70 
Six. Male Greek, ithaca, N.Y ondt onwheawemeiy 46.0 1905 185.00 
Dog River, Northfield, Vt...........cceceeeee 47.0 1913 72.2 
West Canada Creek, Motts Dam, N. Y........ 7 ae Sree: 34.10 
Darby Creek; Delaware Co., Pa....-.......... / 48.0 1843 580.00 
Sauquoit Creek, New York Mills, N. Y........ | ST A ne $3.40 
Dog River, Northfield, Vt... .........0.0.000. } $2.0 1927 154.00 
Rockaway River, Dover, N. J................-. 92.5) Bley Jreex 43.00 
Oneida Creek, Kenwood, N. Y...........-.0.. 59.0 1890 41.20 
Blat Raver, Xtc Reus 2. 4st beers qvck Seebeenans 61.0 1843 120.90 
Gamden- Greek, Camden, Ny Vi... b.c0nsaseaek « 61.4 1889 24.10 
Chester Creek, Delaware-Co., Pa... .....cesess 62.0 1843 1000.00 
Ottor Creek, above Lowville, N. Y............ 62.0 1928 34.8 
Nine Mile Creek, Stittville, Nv Y.............. 62.6 1898 124.90 
Wissahickon Creek, Philadelphia, Pa........... 64.6 1898 43.50 
Winooski River, N. Branch, Writesville, Vt..... 67.0 1927 257.00 
Sandy.,Creek; Allendale, Nii Yvocneod ov. eee. 68.4 1891 87.70 
RockuC reek Washington, 0) 0s<, con wvcesercasecatene FS RAR OE le 126.30 
Sudbury River, Farmington, Mass............. 78.0 1897 41.38 
Pequanock River, Pompton, N. J.............. 78.0 1902 55.78 
Hoekamum River, Connigsy spac secs ccceccccc CORO ate Bo 78.10 
INaShvia cRaver Mass... ncacnueeemro kere reramters a. 84.5 1850 71.04 
Independence Creek, Crandall, N. Y........... 93.2 1869 66.50 
Moose River, N. Branch, above Lyons Falls, N. Y. O4 1928 21.20 
Rassnic Riven,oGhatham, iN. Joes bees annedect c 100 1903 17.20 
Deer River, Deer River, Nw Y...ch..cceccvcess 101 1869 78.10 
Wanaque Rivers N. Jee peti. occanenedes Ve ols shite t 101 1882 66.00 
Tohicken Creek, Mount Pleasant, Pa.......... 102 1894 138.30 
Fisk Creek, East Branch, Point Rocks, N. Y.... 104 1897 80.50 
Onondaga Creek, Syracuse, N. Y...........00 108.0 1913 30.00 
Nashye Rivero Mass. X.c2cceks ce asmieccrs 109 1848 104.53 
Sandy Creek, North Branch, Adams, Ni Wik 110 1897 67.30 
Scantic River, North Branch, KOVR case teeeecn 118 * otonel 51.80 
Ramapo River, Mahwah, N. J Sey ese eae 118 1903 105.09 
Rockaway River, Boonton, N. J.............5: 125 1902 22.24 
Patuxent River; ;Laurel, Md. .........ccececees 127 1915 40,02 
Neshaminy Creek, below forks, Pa............. 139 1894 97.60 
Oriskany Creek; Colemans, N. Y........0.00-- 141 | 1888 55.80 
MadRiver, Moreton, Viti pcs ates slemis pews viele cor 143 1927 161.00 
Qriskany Creek, Oriskany;.N. VY. don. cacneense 144 1904 29,00 
Perkiomen Creek, Frederick, Pa............0-- 152 1894 115.80 
Mohawk River, Ridge Mills, N. Y............. 153, suai abott« abe 46.40 
Mohawk River, State dam, Rome, N. Y........ 158 1904 27.34 
Ramapo River, Pompton,:N. J.........ese0ee: 160 1882 65.88 
Westfield River, Knightville, Mass...... Ds eels bee 162 1924 65.00 
Fish Creek, E. Branch, Taberg, N. Y.......... 169 1913 65.09 
Stillwater Reservoir Water Shed, N. Y......... 178 1928 26.70 
Fish Creek, W. Branch, McConnellsville, N. Y.. 187 1885 32.70 
Pawtucket River, Providence, R. I........ ayeane 190 1867 56.85 
@atskill' Creek, S. CatnogNa Yai feaienn cae aun 210 1901 100.00 
Unadilla River, New, Berlin, Ni. Yioicc.wa dato amie 204 1905 40.00 
Moose River, S. Branch, above Lyons Falls, N. Y. 216 1928 47.80 
Salmon River, Altmar, N. Waals eqetete Gicnsrs ate ae 221 oeunt 27.60 
Black River, Forestport, Oe See 268 —sgee| tereoremonnins 39.00 
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o> eh Maximum Rate of Discharge of Streams in the United States—Cont. 

: Drainage Cu. ft. per 
Stream and place area, Date | sec. per 

sq. mi. sq. mi. 

Antietam Creek, Sharpsburg, Md.............. 295 1902 DS AF 
Croton River, Croton Dam, N. Y............. 338.85 [on weet 74.87 
Great River, Westfield, Mass................. 350 1878 151.40 
East Canada Creek, Dolgeville, N. Y...... aru 356 1898 24.70 
West Canada Creek, Hinckley, N. Y-.......... 372 1869 104.57 

Pompton River, Two Bridges, N. J............ 380 1903 61.60 
Winooski, Montpelier, Vt..... Sen samara perce 396 1927 14.40 
Moose River, Ayers Mill, N. Y................ BOP °° HUG 2 ey 31.00 
ManooukyY, Montpelier, Vt. os. ..ccp ccescccecss 420 1912 48.00 
Stony Creek, Johnstown, Pa......... ip BPN 428: - - tee ae 70.00 
Ausable River, Ausable Forks, N. Y........... 444 1913 56.30 
Mississippi River, below Richford, Vt.......... 445 1913 23.00 
Deerfield River, Shelburne Falls, Mass......... 501 1909 42.51 
West Canada Creek, Middleville, N. Y......... 518 1898 24.90 
Brrarton RIVED, CODD. 90.:.2~ «ob eoies oc cccge BRA Mapes tenstsca ts 41.70 
Hoosic River, Johnsonville, N. Y............-. 605 1913 38.01 
Pemigewasset River, Plymouth, N. H.......... 615 1923 46.00 
Monocacy River, near Frederick, Md.......... 660 1902 31.00 
White River, West Hartford, Vt............... 687 1913 44.00 
Passaic River, Little Falls, N. J............... 173 1882 24.20 
North River, Port Republic, Va............... 804 1896 29.80 
Passaic River, Dundee, N. J........ Serre OE Ie 823 1903 43.56 
North River, Glasgow, Va.........eeeeeeee00: 831 1896 44.80 
Raritan River, Boundbrook, N. J.............- 806 1882 64.52 
Potomac, North Branch, Cumberland, Md..... 891 1897 22.80 
Black River, Lyons Falls, N. Y...00 0000 se0e 897 1869 46.00 
Schoharie Creek, Fort Hunter, N. Y........... 909.3 1913 44.56 

Winooski River, Richmond, Vt........6....604. 985 1904 29.80 

Winooski River, Essex Junction, Vt...........- 1016 1927 114.00 

Genesee River, Mount Morris, N. Y........... 1070 1896 39.20 

Penobscot River, E. Branch, Grindstone, Me... 1 100 1909 23.36 

Mohawk River, Little Falls, N. Y............. 1 306 1913 26.25 

Youghiogheny River, Connellsville, Pa......... 1 320 1907 41.20 

Greenbrier River, Alderson, W. Va............ 1 344 1913 44.76 

Black River, Carthage, N. Y.,......2.-6.000' 1812 1869 21.20 

Black River, Watertown, N. Y........-+-+-++- 1 878 1928 18.00 

Schuylkill River, Fairmount, Pa.............-- 1915 1898 12.20 

Chemung River, Elmira, N. Y........-+---+.: 2055 1889 67.10 

James River, Buchanan, Va.......--++++++0+- 2 058 1896 15.60 

Androscoggin River, Rumford, Me............ 2 220 1869 25.00 

Susquehanna River, Binghamton, N. I Aenea 2 350 1902 26.60 

Genesee River, Rochester, N. Y.....-.-+++++-- 2 365 1865 17.00 

Kennebec River, betw. Forks and Waterville, Me. 2 700 1901 48.56 

Hudson River, Fort Edward, N. Y......-+-++- 2 825 1900 15.60 

Shenandoah River, Millville, W. Va....--+-++- 2995 1896 46.65 

Connecticut River, Fairlee, Vt......--++++++-- 3 100 1913 18.50 

Mohawk River, Rexford, N. Y.....-++++seeee> 3 384 1892 23.10 

Mohawk River, Cohoes, N. Y....--++++ seer ee 3.472 1913 28.50 

Merrimac River, Lowell, Mass......--+++++0++> A085 - MIE. 19.80 

Kennebec River, Waterville, Me......-+-+++-- 4 270 1901 35.36 

Susquehanna, W. Branch, Williamsport, Pa..... 4500) ey. ove! 11.60 

Hudson River, Mechanicville, N. ¥...-.+-+++++ 4 500 1913 26.67 

Merrimac River, Lawrence, Mass.....+.++++++: BSS aaa, 2 3 520 23.40 

Potomac River, Dam No. 5, Md.....++++++++ AGA Gimmie o cicis.« 
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Maximum Rate of Discharge of Streams in the United States 

Cu. ft. per 

Stream and place sec. per 
sq. mi. 

Delaware River,’Lambertville, N. J...........-] {16 S004. Iles... 53.80 
Delaware Rivers N.. P26 RR Be oS b~ cccce eed Y CASBETT hedeatie 50.00 

Delaware River, Stockton, N. J.............-- 37.59 
Susquehanna River, Northumberland, Pa....... 17.50 
Juniata ;Riyerp Newport) Pag ie. b 020.0 ee 53.80 
Connecticut River, Sunderland, Mass.......... 17.00 | 
Connecticut River, Holyoke, Mass............. 21.10.44 
Potomac River, Point of Rocks, Md........... 48.90 | 
Connecticut River, Hartford, Conn............ 20.00 
Potomac RiverS MG CO. S66 wckcbawiccescces.] T1085 0 ON eee 42.60 
Allegheny River, Freeport, Pa................- 26.60 
Potomac River, Great Falls, Md.............. 41.15 
Potomac River, Chain Bridge, D. C........... 17.20 | 
Susquehanna River, Harrisburg, Pa............ 30.60 

Camp Brach River, Ensley, Ala..............- 68.77 
Cane,Creek, Bakersville, N.C... 2.2.0.0. +0085 1341.00 
Bear Grass Creek, Louisville, Ky............-- 100.00 
Elkhorn Creek, Keystone, W. Va............-- 1363.00 
Tocca River, Blueridge, Ga.v.......... eee ees 53.20 
Middle Oconee: River, Athens, Ga...........+. 49.52 
Pacolet River, Spartanburg, S. C.............- 88.90 | 
Tygart Valley River, Belington, W. Va......... 40.88 | 
Hiwassee River, Murphy, INCL wick cieteibreiss eins 54.54 
Coosawattee River, Carters, Ga.............-. 31.86 
Occoquan Creek, Ocqoquan, Wale .GRes ering bins a 38.30 
Tugaloo River, ‘Madison, Sa:C..........02 0000s 36.86 
Htowah Riversi@anton, Gage ..<. bs weeewe- 31.50 
Tuckasegee River, Bryson, ING CS, Ti niisrsweials «ic: 58.23 
Little Tennessee River, Judson, NAGE. oo.0.0055 85.30 
Broad River Garlton, Gaysieg..s shrsneps ose et 38.22 
Holston River, S. Fork, Bluff City, Tenn....... 39.80 
Shenandoah River, N. Fork, Riverton, Va...... 20.86 
Saluda River, Watezloo, S.C...........e ee ees 18.00 | 
Flint River, near Woodbury, Ga.............. 32.35 
Greenbriar River, Alderson, W. Va............ 44.76 
Catawba River;(Catawba, N. C...........0--- 61.89 
Chattahoochee River, Oakdale, Ga............ 27.92 
Shenandoah River, S. Fork, Front Royal, Va... 48.92 
Ocmulgee River, Macon, Ga...........0-0000> 20.97 
New River} Radford: Vax age f. 5. cc .cescescses 63.78 
Catawba River, near Rock Hill, S. C.......... 50.50 
Shenandoah River, Millville, W. Va........... 46.65 
Chattahoochee River, West Point, Ga.......... 26.86 Yadkin River, Salisbury, N..C.........00000- 38.30 
Tallapoosa River, Milstead, Ala..:............ {Ros 
Coosa River; Rome; iGa Dyes. MS oleae een 16.04 
BRegd(River, Alston, Sc Cyapinel. tle ok suiseic ee "28.44, 4 
Black Warrior River, Tuscaloosa, Ala.......... 38.80 
INewARiver; Fayette} W. Vaan its. thsscsscccees 17.83 
Coosa River, Riverside, Alas.:..........00.00 10.53 
Savannah River, Augusta, Ga..........eseeee- 42.50* 
Roanoke River, Old Gaston, N. C............. f 32.90 

Kanawha River, Charleston, W. Va............ 13.50 

*Average flow for day of maximum discharge. 
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: Maximum Rate of Discharge of Streams in the United States—Cont. 

‘a Cu. ft. per 
; Stream and place sec. per 
| sq. mi. 

| Es Seah COR So 10.04 
| Tennessee River, Chattanooga, Tenn.......... 34.37 

Ohio River, Wheeling, W. Va............006-5 20.80 
Tennessee River, Florence, Ala................ 16.20 
Ohio River, Louisville, Ky.o..............- ons 8.49% 
Mississippi River, Columbus, Ky.............. 1.59 
Mississippi River; Miss. ...0.....0.cccccceeees 1.19 

+Cherryvale Creek, Cherryvale, Kan............ 930.00 
-|Portage Creek, Kalamazoo, Mich.............. 31.00 
Loramie Res., Outlet, O............ fe arlene 97.22 
Meavilc creek, ,vicle, 82-0 Sa. odes vcs ces cfd 1300.00 
Whiteface River, below Meadowlands, Minn.... 13.15 

‘| Little Wolf River, Royalton, Wis.............. 11.00 
| Olentangy River, Columbus, O................ 115.30 
Silver Creek, near Lebanon, Ill................ 15.64 
Des Plaines River, Riverside, Ill............... 20.807 
Milwaukee River, Milwaukee, Wis............. 7.98 
Kettle River, near Sandstone, Minn........... 415 
Scioto River, Columbus, O...................- 80.82 
Elkhorn River, near Norfolk, Neb............. 3.24 
Sangamon River, Riverton, Ill............-00 7.50 
Saline River, Beverly, Kan............+00- ‘Ps 5.86 
Verdigris River, Liberty, Kans ...........++.. 16,45 

Wabash River, Logansport, Ind...........+..- 17.99 
Weosho River, Lola, Kans. -y.5...d.ccccereceee 20.30 
Grand River, Grand Rapids, Mich,............ 10.00 
PrACKOIX RIVET ONIN... Oigi- Gb. --d-ceccccesors 6.00 
Fox River, Rapide Croche Dam, Wis.......... 2.49 

-|Cedar River, Cedar Rapids, Ia.........--+-++- 9.00 
Chippewa River, Eau Claire, Wis............--- 9.00 | 
Smoky Hill River, Ellsworth, Kans...,...-.... 1.43T 

Blue River, Manhattan, Kans...........-...-- 9.13 

Hlinois River, Peoria, Ill...-.2-.-+--222eeeeee- 5.94 

Loup River, Columbus, Neb.....-...-+--++++- >, ET, 

{Republican River, Junction, Kans...........-- 1. 80f 

“| Mississippi River, St. Paul, Minn.............. Ba 2ii 

Mississippi River, Prescott, Wis.......-.-..+-- 2.50 

Platte River, Columbus, Neb.......-...++.-+- 0.83 

~| Kansas River, Lecompton, Kan...........++-: 3.98 

Kansas River, Lawrence, Kans........++.++++- 3.80 

Mississippi River, Grafton, Ill..............+-- 2.10 

Missouri River, Sioux City, Ia.......+--+-+4-- 1.64 

Baker Creek, Baker, Nevo... ..--eseseeeeerees 17.00 

Willow Creek, Heppner, Ore.......-.-+-+++++- 1800.00 

Pinal Creek, Globe, Ariz......+-+e+seeeeeeeeee 560.00 

Chalk River, Fillmore, Utah.............-.+-- 12.85 

Gallinas River, Las Vegas, N. Mex.........++- 129.10 

Asay Creek, Hatch, Utah.......-+.--+seeeeees 16.70 

Ohanapecosh River, near Lewis, Wash......... 64.70 

Rio Mora, below Mora, N. Mex.....---+++++-- 139.70 

Sapello River, Los Alamos, N. Mex........++-- 36.70 

| Miller Creek, Lovelia, Ore.......++++ TA: Gul cn ira 24.93 

* Maximum daily. — + Average flow for day of maximum discharge. 
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Maximum Rate of Discharge of Streams in the United States—Cont. 

Cu. ft. per 
sec. per Stream and place 

St. Regis River, St. Regis, Mont............-- 22.40 
Rapid Creek, Rapid, S. Dak...............4-- 
Carson River, E. Fork, Gardnerville, Nev...... 
Rio Mora | Weber, N. Mex... ,.cecccccuces ces 
Grand River, N. Branch, Haley, N. D......... 
Yakima River, Cle Elum, Wash............+-- 
Price River, Helper, Utah........:....-. es. 
Moyie River, Snyder, Idaho. ..........+-++--- 
Purgatory River, Trinidad, Colo............-- 
Clearwater River,’ S. Fork, Grangeville, Id...... 

Cut Bank Creek, Cut Bank, Mont........... oe 
Redwater River, Belle Fourche, $8. D.........- 
Virgin, River Vireiny Otago... ae eaewten sc ss 2 a8 
Trutkee River, Reno, Nevius: sgl ccc ee es eee 
Cowlitz River, Mossy Rock, Wash...........-- 
Wenetchee River, Dryden, Wash............-- 
Heart River, Richardton, N. Dio jois 3. sec. fe5 
Hondo River, reservoir, N. Mex.............-- 
San Juan River, Arboles, Colo.............-.. 
Canadian River, French, N. Mex.............. 
RORUELR IVT POLO; OLes arcias pace as ele oe crete re 
arnckee Rivers Clark, Nev... .nsancceeeses cer 
Yellowstone River, Corwin Springs, Mont...... 
Pecos River, Santa Rosa, N. Mex...........2.: 
Canadian River, Taylor, N. Mex.............: 

Spokane River, Spokane, Wash..............: 
White River, near Interior, S. D............-. 
Clearwater River, Kamiah, Id.............¢... 
Willamette River, Albany, Ore.............05. 
Guadalupe River, near Cuero, Tex............. 
Yakima River, Kiona, Wash.............. Be. 
Salt’ Rivers Roosevelt, Ariz... .decccewccwocns 
Verde River, McDowell, Ariz. ......:.....-.-- 
Pecos River, Fort Sumner, N. Mex...........- 
Gunnison River, Whitewater, Colo............ 
Rio Grande, Rio Grande, N. Mex..........-.-- 
Canadian River, Logan, N. Mex............-- 
Sillag icra dh hae Gee EMMoie bing to.00.6 at 3e 
Yellowstone River, Huntley, Mont...........- 
Salmon River, Whitebird, Idaho.............-- 
Humboldt River, Oreana, Nev.........0+--00- 
Pecos River, Roswell, N. Mex............0+2-> 
Grand River, Fruita, Colo.......  ereiateiies Sisckls 
Gila River, Florence, Ariz.......... Se OD Eee 
Missouri River, Cascade, Mont........3..-55> 
Big Horn River, Hardin, Wyo....... Se sce 
Red River, Grand Forks, N. D.............--. 
Clark Fork River, Metaline Falls, Wash........ 
Colorado River, Austin, Tex... 2.0.0.5. seeee’ 
Red River Aris. otc ersvammactes ae bestia 
Arkansas and White Rivers, Ark.............. 

* Rate for 0.5 hour. + Rate for 7 hours: t Rate for 24 hours. 
§ Rate for 12 hours. 

TEDOOO eae net CHWRERNWAHHOMNHP YS 
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Maximum Rate of Discharge of Streams in the United States—Cont. 

Drainage Cu. ft. per 
Stream and place area, Date sec. per 

Sq. mi. sq. mi. 

Colorado River, Yuma, Ariz.................. 225 000 1909 0.67 
Columbia River, The Dalles, Ore.............. 237 000 1894 1.89 

| Missouri River, St. Charles, Mo...... 0¢ sis ee om a 530 810 1883 1.13 
| Mississippi River, St. Louis, M sige vevure poo 702 380 1883 1.28 

| Switzer Canyon, San Diego, Calif............. 3.55 1916 188.00 
| Grand Central River, below Forks, Alaska ..... 14.6 1906 100.00 
Arroyo Seco River, Pasadena, Calif............ 16.4 1916 192.00 

| Yuba River, Bowman Dam, Calif........ oN SEA Se ma niee eraitens 31.60 
Sweetwater River, Descanso, Calif........ aPns 43.7 1916 226.00 
San Vicente Creek, Foster, Calif.......... Si ed 74.9 1916 248.00 
Kruzgamepa River, Outlet Salmon, Alaska..... 84 1902 51.20 

| Otay River, Lower Otay Reservoir, Calif....... 98.6 1916 379.00 
San Jacinto River San Jacinto, Calif.:........ 108 1916 278.00 
Sweetwater River, Jamacho, Calif....... SMe 172 1916 250.00 

+ Santa Ana River, Mentone, Calif.............. 182 1914 46.70 
Sweetwater River, Sweetwater Dam, Calif...... 186 1916 177.00 
Santa Ynez River, Santa Barbara, Calif........ 207 1907 45.65 
San Gabriel River, Azusa, Calif............... 222 1916 180.00 
Calaveras River, Jenny Lind, Calif............ 395 1911 176.20 
Chatanika River, below Poker Creek, Alaska.... 456 1911 7.62 
San Luis Rey River, Oceanside, Calif.......... 565 1916 169.00 
Stony, Creek, Fruto; Calif. 2. ..s........h00-H05 760 1904 29.21* 
San Joaquin River, Friont, Calif.............. 1170 1927 31.50 
Kings River, Sanger)! Calit: , © 0c seve encsaba-. 1191 1927 31.40 
Yuba River, near Smartsville, Calif............ 1 220 1909 90.91 
Tuolumne River, Lagrange, Calif.............. 1501 eae saya nish 30.60 
San Joaquin River, Hamptonville, Calif........ 1 637 1881 36.51% 
King River, State Point, Calif....... a oe 1742 1901 25.22 
American River, Fair Oaks, Calif:.......5..... 1910 1907 62.20 
Birch Creek, Fourteen Mile House, Alaska..... 2 150 1911 6.90 
Kern River, Rio Bravo,,Caltl. 3... .i5.c..204. 2 345 1897 OTE 3 
Feather River, Oroville, Calif -s.0s4..5...2. 0000+ 3 640 1907 51,.37% 
Sacramento River, Iron Canyon, Calif......... 9 295 1904 23.47* 
Sacramento River, Red Bluff, Calif............ 10 400 1909 24.42 
Yukon River, Eagle Alaska... 0:2 0.. O.c..es bes 122 000 1911 2.08 

Chagres River, Alhajuela, Panama............. 427 1909 398.10 
Chagres River, Bohio, Panama................ 779 1909 115.50 
Chagres River, Gatum, Panama............... 1 320 1909 93.90 

* Mean for day when discharge was a maximum. 

44, Storage of Water 

The Mass Diagram. To determine either the amount of storage necessary 
to utilize at an average or variable rate of consumption the entire flow of a 

stream or any part of it, or the amount of water that can be continuously 
utilized from a stream, the flow for a considerable period being known, the 
most simple process is by the aid of the so-called mass diagram. The reli- 
ability of this process depends upon the completeness and accuracy of the 
information as to the runoff of the stream. A comparison of the runoff data 
of the Ohio, Tennessee, Sudbury, and Colorado rivers by John C. Hoyt in 
Eng. News, April 23, 1908, Vol. 59, p. 459, shows that a single year’s record 
is entirely insufficient for reliable prognostication and that five-year periods 
in the humid sections usually give mean results within 10% of the normal 
average, but may be in error as much as 30%, and in the arid region in error 
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from 4 to 88%. Ten-year averages in the humid region are usually accurate 

within less than 10%, but on the Colorado the error ranged from 1 to 48%. 

It may therefore be concluded that at least a five-year record should be secured 

or a much longer one constructed from rainfall data, to obtain results of reason- 

able accuracy in the humid regions, and that a prediction of runoff in the arid 

region should be adopted with extreme caution. 

Having the desired record, the beginning for purposes of computation may 

advantageously be taken at the last of the latest low-water month of the 

earliest year, but such a starting point is not essential. The diagram is usually 

constructed with a time unit of one month, although when only a part of the 

flow is to be stored a weekly unit may be preferred. The record should be 

arranged chronologically in a table, and after each item the sum of it and all 

the preceding items should be entered. 

These sums then represent the total quantity 

of water that has been discharged by the > 
s 

stream at the end of any period since the sf z Ile 

beginning of the tabulated ob- gulf 
servations, and may be ex- :3/3/8 

pressed in cubic feet per second, Si s7 500 

or any other convenient unit. =. #66000 

With unit of time as the abscissa 3| 3 2 ig {i000 | 

and total discharge as the ordi- 3 Pe 62000 

nate, the mass curve is plotted, = = ies 

and if the lowest possible line 58000 

is drawn tangent to the curve _i/ 56000 

at two points anordinate to eA 4000 

VA 

Ve 
Sis 

x 

&} 
s 
o 

2 
Ye) 

x 

Fig. 41. Mass Diagram of the Tittabawasse River 
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this line will represent the maximum quantity of water that could have 
been used from the stream for the period between the ordinate considered and 
the intersection of the tangent with the axis of abscissa, assuming the quantity 
to be used uniformly during the period and a similar use to continue indefi- 
nitely. This ordinate divided by the time above included will then give the 
quantity to be so used per unit of time. The amount of storage required to 
equalize this flow will then be represented by the maximum partial ordinate 
between the tangent and the curve. 

Fig. 37 shows a mass curve for a river in Michigan. In this case, for the sake of 
distinctness, the mass data have been plotted as a stepped curve rather than as a 
smooth one, the discharge being in cubic feet per second per month. When this is 
done it mus be remembered that the ordinates considered are always those to the 

_tight-hand end of the step. The tangent line bd shows the average daily available yield 
to be, by the ordinate at d, 59 532 cu. ft. per sec. divided by the time from the last of 
December, 1903, to January, 1909, inclusive, about 61.2 months, or 974 cu. ft. per sec. 
The partial ordinate between the point e on the tangent and the right end of the step 
of the mass curve for April, 1906, gives 5605 cu. ft. per sec. for one month, or 
5605 X 60 X 60 XK 24 XK 30 = 14 528 160 000 cu. ft. as the storage required to pro- 
vide a constant flow of 974 cu. ft. per sec. 

__ If instead of a constant use a variable one is desired, a mass curve of the variable use 
should be plotted in the same manner as the original diagram, but this variable flow 
curve must be of such dimensions that it falls either below or is tangent to the original 
Mass curve. Such curves will usually have an opposite phase to the mass curve and 
hence must fall below or tangent to the line 6d, as shown by the lower sinuous curve of 
the figure. The storage required to provide a supply of the nature represented by this 
curve is shown by the partial ordinate at f between the consumption and the mass 
curves to be 7400 cu. ft. per sec. for one month, or 19 180 800 000 cu. ft. 

If it is desired to determine the amount of storage necessary to develop continuously 
a less quantity than the total flow of the stream, draw from the low points of the mass 
curve a line having an inclination parallel to the mass consumption line for the quan tity 
desired. In the figure the lines dg, ch, bk, etc., represent such consumption lines, and 
the maximum storage required for the corresponding uniform consumption is repre- 
sented by the partial ordinate for May, 1904, between the consumption line b% and the 
mass curve. The intersection of the consumption line, with the vertical of the mass 
curve, indicates the time when storage should have begun, in the particular year, to 
yield the consumption represented by the line, and the ordinates between consumption 
and mass curves represent the amount of water in storage at the time shown by each 
ordinate. The triangle in the lower right of the figure shows the rate represented by 
the lines dg, etc. 

To determine the equalizing value upon the flow of the stream of a given amount of 
storage, plot downwards from the mass curve for the six high months of each year the 
magnitude of the storage in the unit of the diagram. Join the points so located in 
each year by a curve as in the upper diagram of the figure, in which ic is an enlarged 
representation of the mass curve from i to c, and from each of the succeeding low points 
of the mass curve draw a tangent to the curve just located. The minimum inclination 
of such tangents which do not cut the mass curve will give the rate of consumption 
that may be uniformly utilized with the storage in question. This method fails when 
the storage considered is so great as to exceed the maximum partial ordinate between 
the tangent bd and the mass curve, as in that case the storage could not be filled by 
the stream between dry periods. 

Corrections for Evaporation. When from the amount of storage needed as shown 
by the mass diagram and a study of the topography of the watershed the area of water 
surface of the required reservoir is determined, the evaporation may be compiled and 
the net yield of the stream determined. A corrected mass diagram may then be con- 
structed for more accurate computations. 

Bank Storage. The visible capacity of reservoirs is very materially aug- 
mented in sandy or gravelly districts by the water held in the adjacent ground 
between the high and low water planes. The volume of such storage is de- 
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pendent on the slope of the natural water table and on the proportion of voids 

in the soil. The former can frequently be determined by observations on 

wells in the territory affected, and the latter for the most porous soils may 

amount to 40% of the total volume, but for ordinary sands and gravels may be 

safely taken at about 20%. For clay it is inconsiderable, probably about 

3 or 4%, and for loam about 10%. Sandstone rocks take up about 15% of 

their volume of water, limestone 5%, shales 4%, and granites 1%. The diffi- 

culty of estimating the value of bank storage lies in the uncertainty as to the 

actual character of the strata below the surface. The water stored in the 

ground is given out much less rapidly than that from an open reservoir, and 

hence is of little value for sudden fluctuations of draft, but in a long gradual 

lowering of the surface of the reservoir will add materially to the quantity 

available. 

Emptying of Reservoirs. The time required to empty a pond or reservoir 

between known levels through a certain opening, or over a weir of known 

dimensions, is obtained from the general formula 

ae ne 
Hz CA; V2 gh 

in which A; is the area of the reservoir at any elevation and Ao is the area of 

the orifice through which discharge takes place, while Hj, is the elevation of the 

water surface, H a lower elevation, # the height of the water surface above 

the center of the orifice, and C the coefficient of discharge. lf A, is variable 

it must be expressed in terms of #. When A; is constant and H2 = 0 this be- 

comes t = 2 A; a/ H,/CAo / 2 g, which is twice the time required for the same 

quantity to be discharged under a constant head 1/1. For a weir, the expression 

for weir discharge is substituted for that of the orifice in the denominator of (1). 

(1) 

(a) In practice the area of reservoirs will be variable, and where definite information 

as to the relation between Ar and i is not available the reservoir volume may be as- 

sumed as semi-parabolic in longitudinal section and parabolic in cross-section and plan. 

With X as the length, Y as the half width, and Z as the depth, the area of the surface 

is 4/3 XY and the area at any elevation is A = 4/3 X,Y ,Z/Z, where X1, Y; and Z, 

apply to the original surface considered. If @ is the height of the center of the orifice 

or of the crest of the weir above the reservoir bottom Z=A-+a and Ar = 

4/3 X;Y, (hk + a)/Z;, which may be substituted in (1) before integration. (b) Another 

assumption which may be made is that X is directly proportional to Z, which is 

equivalent to saying that the reservoir has a uniform slope lengthwise. In this case 

Ar = 4/3 X1Yy (hk + a)3/2/Z)3/2,  (c) If it is assumed that Y also varies directly with 

Z, or that the sides of the reservoir slope uniformly to the center, which is, however, a 

condition never met with in natural ponds, then Ar = 4/3 X1V1 (k + a)?/Z;2.. Of the 

above assumptions that under (b) is the most likely to conform to natural conditions, 

except where the reservoir has silted considerably, when assumption (a) will be more 

accurate. It may be added that since 4/3 XiY) in cases (a), (b), and (c) gives the area 

of the pond surface, if this is known it may be substituted at once for Ar, when the 

only assumption involved is that of the form of the vertical sections. 

The time required to empty a vessel of rectangular cross and longitudinal 

section is twice that required to discharge its volume at the initial head. The 

time required to discharge one-half the contents of such a vessel into one of the 

same size and shape with their bottoms at the same level is equal to the time 

required to empty the vessel under the initial head. 

The time required to empty a wedge-shaped vessel with parallel ends, 
vertex down, or a right paraboloid of revolution, vertex down, or any vessel 
in which the areas at different heights vary as the first power of their distance 
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above the bottom is 4/3 of that required to discharge its volume under the 
imitial head. 

For a pyramid or cone with vertex down the factor is 6/5. 
For a bottom hemisphere 7/5. 
For a sphere 8/5. 

When the reservoir is of irregular shape so that the foregoing assumptions 
are not sufficiently accurate, recourse must be had to Simpson’s Rule and the 
distance H; — Hy through which the water falls may he divided into an even 
number 2 of equal spaces and the area of the surface Ary at each of the so 
located positions determined by survey or computation from the known shape 
of the reservoir, calling them A7;, Aro, Ar3.... Arn. The approximate time 
required then is: 

Hn — Hy, Art (ac Arg Are Arn-1 t VW. i ewe oa ra - . es Sar 3CAp V2.6 Xn Fe Hat yet yin t Hn? 
Ars Ars Arn-2 Arn 

+2( + ae 4. Arne + Fie 

where Hi, Ho, etc., are the heights of the surfaces. 
The volume, V, discharged may be similarly obtained from: 

1 
dV = — A; dH, whence V =f A, dH, or approximately: 

n 
HH; — 

V = An $4 (Are + Are + -.- Arn-1) 
3 

+2 (Arz3 + Ars +... Arn-2) + Ara] 

For a prismatic tank of rectangular section, the volume varies as the head 
and the time required to empty portions of it varies as the square root of the 
head, whence the last quarter will empty in half the time and the last one- 
ninth in one-third of the time. 

For a wedge-shaped vessel the volume varies as the square of the remaining 
head and the time varies as h?/?. 

For the time required to empty a pond over a weir from a head on the weir 
of h, to a head h2 the equation is 

1-28 (+. - —) 
CL\ Win Vin 

the weir discharge being represented by Q = CL h'/, C being considered con- 
stant. 

45. Auxiliary Steam Plants 

Desirability. When sufficient storage cannot be economically secured to 
equalize the flow sufficiently to yield the required quantity of power, the de- 
ficiency may be made up by a steam plant. It is to be remembered that a 
steam plant depreciates about as fast when idle as when running, and that 

the interest charges are to be carried during the whole year. When opera- 
tion, interest, depreciation, and maintenance of a steam auxiliary are capital- 
ized it will often be discovered that storage would have been a better invest- 
ment. 



1428 Water Power Sect. 13 

Capacity. The capacity of a steam plant necessary to make up the defi- 

ciency of flow is best determined by the use of a diagram of graded discharge, 

as in Fig. 42, in which, with the time unit as the abscissa, the discharges, 

either natural or equalized by storage as the plan may be, as ordinates, are 

plotted, not chronologically but in the order of their 

magnitudes from least to greatest. A horizontal line 

drawn through the diagram, whose ordinates represent 

the desired total capacity, limits between itself and 
the curve the total amount of water that must have 

been replaced by auxiliary power, and for each month 

the amount is given by its individual partial ordinate 

between the capacity line and the curve. 

Operation of Combined Steam and Water Plants. 
When a steam auxiliary is used, it will usually be 
advantageous to run it continuously during the pe- 
riods when it must run at all and use the water 
power to provide for the fluctuations, if the size 

of the pond at the plant permits this without wast- 
ing water. For the reason that a steam plant 

Fig. 42. Diagram for Capacity of 
Auxiliary Steam Plant 

ein Cubic Feet per Second Total Plant Capacity 

Yi, YY Yj 
Vy 

“yj WY, 
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Time in Months 
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Tater Utilized 

(6) xX 

when idle is radiating heat, and hence not only wasting interest and deprecia- 
tion charges but also a part of the fuel cost, it is better to let the water power 
lie idle while the pond fills up, as by such procedure nothing is lost, the full 
value of the water being utilized. On this account the importance of a large 
pond at the station is apparent. 

46. Design of a Power Plant 

Power House. The Power House should be so located as to be protected. 
from floating ice and other debris. When situated in a gorge, the position | 
should be such as to permit a maximum of sunlight to reachi:the building 
The intakes, whether direct to the wheelpits or-to a closed flume or pipe line, 
should be so located that debris will readily pass by them. If water is Sowa 
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ing over the spillway or through the waste gate, these structures may be 
advantageously put near by, in order that they may be controlled to keep 
the intakes clear. 

To avoid ice troubles the intake to the wheelpits or closed flumes may best 
communicate directly with the pond, rather than with a canal or head race, 
and a curtain wall may wisely be carried a few feet below the water surface at 
theentrance. To facilitate inspection the entrance to the wheelpits should be 
provided with easily operated gates. 

See paper by Benj. F. Groat in Trans. Am. Soc. C. E., Vol. LXXXII, for 
special construction to divert ice. 

Wheelpit. For low and moderate heads, up to 40 or 50 ft., the open wheel- 
pit is to be preferred to the closed flume or pipe line. Of this head 20 ft. may 
be covered by the draft tube. Vertical wheel and umbrella type generators 
give higher efficiencies than horizontal shaft installations, due mainly to the 

reduction of bearings. The passages leading to the wheels should be so de- 
signed that the water is never retarded in its velocity as it passes toward the 
wheels but if possible is gradually accelerated. The losses between head and 

- tail water in the best-designed plants, excluding the turbine loss, is about 4% 
of the total output for plants with heads below 20 ft., and may frequently 
amount to 12%. For higher heads the percentage is less, as there is little 
change in the rack losses and friction in flume, wheelpit, and draft tubes, 
while the power increases with the head. For approximate calculations a 
uniform loss of 1 ft. may be taken for all heads. 

The Draft Tube should expand gradually from the outlet of the wheel until 
an area of outlet is attained such as to require a velocity through it a little 
greater than that of the water into which it discharges. 

Draft Tubes may be classed as Straight, having the sides parallel, i.e. 
cylindrical, expanding when they form the frustum of a cone; spreading when 
they terminate in a trumpet mouth discharging radially around the full cir- 
cumference; and elbow when the stream is turned within them, through an 
angle usually 90 deg. The straight draft tube is to be found only in old 
installations. 

The proper design of the draft tube is one of the most important features of 
a hydraulic power plant as it may affect the efficiency and output of the tur- 
bines from 5 to 10% on low Zs 
heads. ; 

W. M. White, M. Am. Soc. 
C. E., has determined by very 
careful experiment the form 
assumed by a circular jet strik- 
ing a flat plate perpendicularly 
and flowing off along it in all 
directions. (See Journal Assoc. 
Engr. Socs., Aug., 1901, and 
Trans. Am. Soc. Mech. Engrs., 
Vol. 43, May, 1921.) 

It may therefore be expected 
that the form of draft tube 
that would offer the least re- 

patance. top the,|@ischarge,. of Fig. 43. Section of jet impinging on plate 
_Eipatgegeln a Figures in circles indicate velocities. After White. 

43. Such a tube, however, would not produce a regain of the velocity head, 
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which is normally high at the outlet of the wheel. Therefore an advantage 

may be obtained by expanding the jet as it falls and the limiting angle of 

inclination of the sides of the tube has been found experimentally to be 

about 8 deg. from the axis when the jet is under less than atmospheric 

pressure and about 11 deg. when it is under atmospheric or greater pressures. 

The hydrucone, Fig. 44, designed by Mr. White, embodies these conditions, 

its outlet being shaped similarly to the jet profile and water being discharged 

horizontally in all directions from the plate below its outlet. 

Fig. 44. White’s Hydrucone 

This device utilizes to some extent the centrifugal force of the discharging 

water and on tests has increased the efficiency about 6% over the best obtain- 

able with the ordinary form of tube. 

The same principles may be utilized in the design of an elbow draft tube 

by considering the flow through it to represent that through a circle whose 

diameter is the radius of the jet, as in Fig. 45. 
The water passing through the circle whose diameter is od will be one- 

fourth of the total of the jet whose radius is od and, when the filaments 

have become parallel along the plate as at g’ c’, occupies the circle whose 

diameter is oc and would pass through the portion of the circle vcw covered 

by the arc ach if properly directed. But as some of the water in the circle od 

falls outside of the quadrant oacb it cannot follow the lines oa and 0b but must 
be brought to the plane ab by paths bounded by some such lines as oea and 

ofb, and ab becomes the chord whose arc is the required width of the draft 

tube. If there is to be no further lateral expansion of the jet after passing the 
arc acb, then the direction of the outside filaments must be changed to tan- 
gency with the sides am and 67 and this may be well accomplished by allowing 
a greater spread to the jet before it reaches acb; for this design curves such 

as oka and ajb give good results. 
As the water is assumed to be traveling in the direction o¢ when it reaches 

ab it follows that to pass this plane it must be accelerated or else the chord ad 
must be extended to a length equal to the arc acb, giving the plan of the tube 
a form represented by the semicircle pkojg in which the filaments of water 
will have directions in planes indicated by the arrows. The line pq then be- 
comes the horizontal projection of the throat of the draft tube and may fall 
anywhere between ¢ and c. Experiment indicates that the area of the throat 
should not be greater than that of the jet at the plane where its curvature 
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begins. Beyond the throat the tube ma i ‘ 7 y be caused to expand vertically 
ote a oh 2 : : making an angle with the bottom of the tube of not to exceed 

deg., but better, not over 16 deg., until an area of tube is r ivi 
desired outlet velocity. Sinoitgs sake 

o' d' 

» ELEVATION 

PLAN 

Fig. 45. Draft tube diagram 

Having a tube of the general design just outlined, the jet being expanded 

from the outlet of the wheel downward (Fig. 46), it may be found that the 

width is too great for the space available; in this case the floor of the tube 

may be rolled up at the sides giving a U-shaped section having the same area 

as the original full-width one as shown in the lower half ‘inverted plan. 

The length of the horizontal part of the tube must be increased to give the area 

at bbe that existed at rs in the full-width tube. The top of the upturned por- 

tion is represented by the broken line a’m’j’l’ in elevation and its boundaries 

by ambb2gsa in the lower half inverted plan. The tube may be given a partial 

spreading characteristic by moving the center 0 downstream a short distance 

and raising the curve a’m’ to allow discharge into the upper projections of the 

tube directly from the whole of the upstream half of the descending jet. A 

tube of the latter type gave the highest efficiency of those tested for the Ala- 
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bama Power Company at the Alden Hydraulic Laboratory, Worcester, Mass.;. 

the report was published in Trans. Am. Soc. .C. EBs Vol. UXXX VU, pp, 

892-926. For spreading draft tubes it is advantageous to insert a steep cone 

extending up the axis nearly to the outlet of the wheel. 

The height of the draft tube, that is, the distance from the outlet of the 

wheel to the level of tail water, may theoretically be 34 ft., less the head cor- 

responding to the change of velocity from the top of the tube to the outlet. 
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Fig. 46. Elbow Draft Tube 

On account of the tendency of water to vaporize as it approaches the condi- 
tion of flow in a vacuum it is found inadvisable to utilize this full height in the 
draft tube. In general practice a height of 20 ft. is found satisfactory with 
an upper limit of 24 ft., or possibly 26 ft. if the turbine will always run at or 

near full discharge. 

Head or Fall Increasers are devices connected with the draft tube to increase 
the discharge by reducing the tail-water pressure. The most effective device 
of this kind appears to be that designed by Clemens Herschel, which is an 
application of the principle of the Venturi tube through the throat of which 
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water is passed from the pond drawing into itself through apertures in the 
: throat, water discharged by the wheel. (See Eng. News, Vol. 59, June, 1908, 
mp. 635.) ‘ 

Another device has involved the surrounding of the discharge from the 
wheel in the vertical part of its course with a stream from headwater. 

By the introduction of a jet from headwater at the bottom of a curved draft 
tube the author has increased the output of a plant in flood time between 5 

_ and 6% and by a utilization of the flow over the dam, if adjacent to the power- 
house, a considerable further advantage ¢an be secured. The author’s tests 
were made with the flow into the elbow at the center of the bottom of the 
draft tube. It has since been found to be more effective when introduced 

at the sides. Tests by the Power Corporation of Canada wherein the flow 
was introduced at the sides and somewhat above the bottom, showed increases 
of power as high as 30% due to the ejector flow. 

The Generating Unit. In the earlier installations horizontal-shaft genera- 
tors were largely used, either belted or geared to the turbines, or driven 

_ directly from a shaft on which several turbines were mounted. Tests of such 
-installations have shown them to be considerably less efficient than the 
vertical-direct-connected units, and the multiple-wheel unit, whether vertical 
or horizontal, is not now looked upon with favor except under very special 

conditions. 
The direct-connected unit requires that both turbine and generator shall be 

adapted to the same speed of rotation. 
In selecting machinery the best speed of rotation is one slightly less than 

one-half the so-called spouting velocity, or velocity due to the head, but by 
specially designed wheels this can be increased as much as 50%, giving a fairly 
wide range of generator speeds from which to select. 

The table on the following page gives data as to the vertical waterwheel 

generators, developed by the Allis-Chalmers Manufacturing Company, and 
- may be taken as fairly representative of the machines of other manufacturers. 

Current. Except where current is to be used in the immediate vicinity of 
the plant or for arc lighting or electric railway service, direct-current genera- 
tors are not commonly used in the United States. For incandescent lighting, 
3-phase 60-cycle alternating-current generators have a preference, but for 

power work 25- or 30-cycle machinery is considered more satisfactory. The 

current is frequently generated at about 2300 volts pressure, and is trans- 

formed upward to the line voltage for transmission. The line voltage may be 

anything between 440 and 150 000 volts; the higher the pressure the more 

power can be delivered over a given size of conductor, and consequently the 

low voltages are only used in local distribution or inside buildings. 

Bearings. The bearings should be accessible at all times, and in the case 

of a vertical-shaft installation the entire load may be wisely concentrated on 

a single thrust bearing of special design. Such bearings may be placed either 

above or below the generator, and according to the loads to be carried may 

be of the simple plate type, roller bearings, the Kingsbury or the Spring 

bearing, or for very heavy loads the oil pressure bearing. 

Of these the plate bearing consists of two plates, the lower of which is sup- 

ported in a fixed position while the upper is fastened to the shaft and revolves 

with it, resting upon a film of oil between it and the lower plate, both plates 

being immersed in a bath of oil. Such bearings are satisfactory for speeds 

encountered in low-head plants. 

The roller bearing consists of two plates as above with the film of oil re- 

placed by a cage of rollers, either conical and of considerable length, or cylin- 
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Vertical Water Wheel Generators 
Allis-Chalmers Manufacturing Company 

60 Cycles, 2300 Volts or Less, 2 or 3 Phase 

Outside | Approxi- 

K.V.A. |R.P.M.| diameter |mate total|| K.V.A. |R-P.M.| diameter | mate total 

weight 

65 9 000 500 100 

75 9 100 500 90 

85 9 850 500 60 
100 10 000 525 300 

110 12 500 530 150 

125 13 000 600 300 

150 5 500 625 150 
150 20 000 625 120 

150 24 000 625 100 

187-1/2 5 600 675 180 

187-1/2 21 000 750 150 
187-1/2 24 500 750 120 

200 22 500 750 100 

200 28 500 800 100 

250 24 500 800 180 

250 29 500 850 128 

250 34 000 850 82 

250 48 000 940 180 

300 35 000 940 100 

300 50 000 1 000 82 

312 19 000 1 080 150 

312 28 000 1 080 128 

312 31 000 1250 180 

312 35 000 1 250 150 q 

325 28 000 1 250 128 

375 19 500 1 250 100 

375 30 000 1 750 150 

375 33 000 1 875 164 

375 33 000 2 000 150 105 000 

375 35 000 2 200 164 92 000 

425 38 000 2 400 150 116 000 

425 45 000 2 500 164 100 000 

425 60 000 2 800 164 105 000 

425 87 000 2 800 150 120 000 

437 32 000 3 120 150 132 000 

450 35 000 3 750 150 135 000 
450 22 000 5 000 150 220 000 

500 33 500 6 250 150 230 000 

500 40 000 8 500 144 280 000 
10 000 144 280 000 

drical and of length not greater than their diameter. The plates and rollers 
of this bearing are all immersed in an oil bath. 

The Kingsbury bearing replaces the cage of rollers with a series of segments 
or shoes supported by a pivoting surface near one end and slightly beyond the 
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center of gravity in the direction of rotation. This causes the space between 
the segment and the upper plate to be more open at one end than the other so 
that a wedge-shaped film of oil is drawn in by the revolving disk. The parts 
of this bearing are immersed in an oil bath and the bearing operates satis- 
factorily under surface pressures of 400 to 500 lb. per sq. in. in high-speed 
turbine installations. 

The spring bearing introduces a series of spiral springs fixed on the lower 
plate and carrying above them a rubbing plate which takes the load of the 
upper plate on a film of oil. On account of the ready adjustment of the springs 
to irregularity of load the bearing can be made of smaller diameter than the 
others and hence occupies less space. Like the preceding, the parts are im- 
mersed in a bath of oil. 

The oil thrust bearing provides for the introduction of oil under a high 
pressure to a chamber in the plates near the shaft from which it flows out be- 
tween the plates, insuring complete lubrication. The loads carried depend 
upon the pressure of the oil which is circulated by a positive piston pump. 
These bearings are used for the heaviest loads and the highest speeds, and are 

particularly adapted to steam turbine work. 

The Exciter may be most economically driven from the main turbine shaft, 
but in many plants an independent exciter driven by a separate wheel is in- 
stalled. After the plant is once started, and as long as it continues in opera- 
tion, the excitation may be provided by a motor generator or rotary converter 
transforming the alternating current of the main generators into direct current 
for their excitation. The economy of this is slightly less than that of the 

separate exciter so far as operation is concerned, but when interest is con- 
sidered may prove more economical, so that a single separator exciter may be 
provided to excite the first machine of a series and the rest be operated from 
the main current as above indicated. The exciting power usually ranges 
from 0.5 to 3% of the power at full load, being nearly constant in amount 

whether the main generator is loaded to full capacity or not. 

The Switchboard should be so located as to enable the operator to com- 
mand a view of the machines which he controls, and should have the follow- 
ing instruments: (a) On generator panel, 1 voltmeter, 1 ammeter for each 
phase, 1 frequency meter and 1 field ammeter. (b) On feeder panel, 1 watt- 
meter. (c) On exciter panel, 1 voltmeter and 1 ammeter. (d) On a bracket 
1 synchroscope when more than one generator is installed. To which are 
added the several switches and connections, and for studying the station 

output an integrating wattmeter should be placed on the main circuits. 
The Governor for turbines operates upon the gates and must be capable of exerting 

a large amount of power at times. This is usually accomplished by a piston driven by 
oil which is maintained at a high pressure in a reservoir with compressed air by the aid 
of a force pump operated from the turbine shaft. The action of the piston is controlled 

_ by valves moved by the governing mechanism proper. For less rapid operation gov- 
ernors depending on simple mechanical friction are utilized, but these governors are 
not sufficiently delicate for combined lighting and power loads. In governing impulse 
wheels, less power is needed, and the nozzle is frequently deflected away from the bucket 
without altering the flow. In the Doble Nozzle a tapered pin is pushed forward 

through the center to close and pulled back to open, either operation requiring a rela- 

tively small amount of power. The governor should be so located as to be under the 

eye of the attendant at the switchboard, unless a second attendant is available to look 

after it. 
The usually accepted equation for determining the torque T of the regulating shaft 

resulting from the operation of the gates, is: 
T= C_X horsepower of turbines 

~V/ head 
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Where C has a maximum value of 50 and a minimum of 25. 4 

For low-head open-flume plants the percentage temporary change in speed for load 

thrown off is given by: 

d@ = 81 000 000 HP) X! _, 
W R2 X (rpm. 

d = percentage change of speed; 
Hp. = maximum horsepower of turbine; 

f = time in seconds occupied by governor in moving gates through their range; 

W = weight of rotating parts; 
R = radius of gyration of rotating parts; 

r.p.m. = normal revolutions per minute. 

Remote Control. By the use of special apparatus designed by either the Allis- 
Chalmers or the General Electric Company the operation of water power plants may 
be controlled from a distance so that a single operating crew may handle several plants 
and the apparatus may be in part operated by a float so as to be thrown on and off as 
the pond rises and falls. 

Crane. As this piece of apparatus is only used occasionally, it may wisely be of the 
hand-operated type where first cost is an item of importance. Cranes operating with 
chains are preferable to those using cable for power-house work. 

The Racks. The loss of head through the racks is of considerable importance, par- 
ticularly in low-head plants, and may be considerably reduced by using lenticular or 
fish-shaped rack bars. A platform from which to rake debris from the racks and a 
chute or other device for removing it is important. 

47. Operation of Plant 

The Load Factor of a plant is the ratio of the average to the maximum 
load carried. For economical operation this should be brought as near unity 
as possible, and it becomes good policy to sell the output at a low rate during 
the low-demand hours to stimulate consumption at such times. 

In ordinary plants supplying municipal, domestic, manufacturing and com- 
mercial service the load factor is usually between 40 and 50%, which means 
that for a large part of the time the plant runs at part capacity, but late in the 
afternoon it has for 1 or 2 hours a peak load of nearly the maximum amount, 
the actual maximum covering only a few minutes. The result of this is that 
such a plant must be designed to deliver very much more than the average 
capacity of the water utilized. Usually the machinery installed is made 
capable of delivering the entire daily output in from 6 to 8 hours. 

The Plant or Capacity Factor is the ratio of the average load to the rated 
capacity of the plant. 

The Diversity Factor is a term used to indicate the diversity of uses in which 
the output is absorbed and may be defined as the ratio of the sum of maximum 
demands of the subdivisions of the load to the maximum demand of the whole 
system, measured at the point of supply. 

The Connected Load is the combined continuous rating of all the receiving 
apparatus on the customer’s premises connected to the system. 

The Demand Factor is the ratio of the maximum demand to the total con- 
nected load. 

The Power Factor of a plant is the ratio of the effective power in watts to 
the volt-amperes, all measured at the switchboard. The existence of a power 
factor, which is peculiar to alternating-current installations, is due to the fact 
that there usually exists in a line an induced current which neutralizes in part 
the power current. The effect of the induced current may be reduced by 
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special expedients, but with ordinary motor loads is likely to cause the power 
factor to drop to 0.85, and in some distributions it may fall as low as 0.30. 
The power factor is determined by the load and not by the generating ap- 
paratus, and so far as the latter is concerned should be taken as unity unless 
otherwise specified. 

Except as the efficiency of the generator may be affected by a change in 
power factor, there is no effect upon the input to the generator, hence the tur- 
bine requirement is always based on the kilowatts delivered and not on the 
volt-amperes. J ~ 

Regulation. If the speed of the generator changes, the voltage or pressure 
changes and the brilliancy of illumination and power of the output varies. 

_ Reducing speed reduces voltage, and vice versa. To maintain constant speed 
with a varying load requires a reduction or increase of gate opening, and where 
the wheels are supplied through a pipe line, a consequent change in velocity 
and pressure through the conduit. 

Water-Hammer and Surge Tanks (see Warren, Trans. Am. Soc. C. E., Vol. 
__ LXXIX, p. 238). When power plants are supplied through long pipe lines 

it becomes necessary to provide against the water-hammer and surges occur- 
ring when the wheels are stopped and started if by manipulating gates. In 
plants using impulse wheels this is sometimes met by deflecting the nozzle so 
that the jet passes off the wheel when the latter is to be stopped and thus the 
flow of water is not interfered with, but water is wasted. 

The magnitude of the water-hammer and surge increases as the rapidity of 
the stoppage or start of the flow. The maximum hammer occurs when the 

Ay P 2b 
time:# of closing the gate is instantaneous or less than the critical time om 

where L is the length of the pipe in feet and a is the velocity of vibration along 
the pipe in feet per second. 

v 145 v 
Then ba = = 

Vth 
where kj, = head due to hammer, in excess of static head, g = the acceleration 
due to gravity, 7 = mean velocity in pipe in feet per second, d = inside diam- 
eter of pipe in feet, b = thickness of pipe wall in feet, K = modulus of elas- 
ticity of water in compression, taken as 42 400 000 lb. per sq. ft., and Es= 
modulus of elasticity for material of pipe in tension, taken as 4 000 000 000 lb. 
per sq. ft. or 28 000 000 lb. per sq. in. for steel plate. Then 

4660 

“aa IV Kd 
Vi+8 

For ordinary water-hammer that is, when the time of closing is greater 

(1) 

2. E, eee 
than. — the equation Is: 

a 
Lv 

To counteract or reduce the hammer, standpipes or surge tanks are con- 

nected to the pipe lineat or near the lower end. 

hn = (2) 
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For the maximum surge Smax, in a standpipe or surge tank either in start- 

ing or stopping the plant, the equation is: 

Smax = Hr [2 + tho m’ (x — cos! m) | (3) 
2 me 

m 
where m! = Viger and Hy = total loss of head in feet between feeding 

— m 

Hy {|ArgA : 3 . 
reservoir and standpipe, m = za —— wherein Q = steady discharge in 

cubic feet per second, taken before gate starts to close or after gate is fully 
open and flow established. A; is the area of the standpipe or surge tank and 
Ap the area of the pipeline, both in square feet. ¢ = Napierian logarithmic 

base = 2.718. 
In starting, S is measured from the water surface under static conditions 

and in stopping from a distance below this equal to Hy. 
The foregoing equations do not take into account the effect of the operation 

of the waterwheel governor. 
The following table gives a comparison of Initial Velocity, Time of Closure 

and Pressure rise by various authorities. See Kerr, Trans. A. S. M. E., Vol. 

51, No, 6. 

Rise in pressure in feet 

Initial Closure 
velocity, intervals By de Sparre- = By Gibson’s 

ft. per sec. 2L/a Gariel By R.S. Quick | a rithmatical 
formulas integration 
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To determine the economical size of penstock or pipe line the following 
formula may be used: 

6 13250 QI 

4 -\ CPB (4) 

wherein J = income in dollars per year per foot of head, C = the coefficient 

in the Chezy formula, V =C a/. rs, P = percentage return on investment 
including profit, depreciation, maintenance and taxes, and B cost of pipe in 
place per foot of diameter per foot of length, other symbols as before. 

Differential Surge Tanks. From formula (3) it is evident that an increase 
in the area of the standpipe or surge tank reduces the surge, but for economic 
reasons it is not usually possible to make this area very large and often not so 
large as is desirable. To overcome this situation the differential surge tank 
has been introduced, which consists of a standpipe of about the same diameter 
as the pipe line, freely connected to it, and a storage tank of larger dimensions 
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surrounding the standpipe and connected to the pipe line by a restricted 
passage (see Johnson, Trans. A. S.°M. E., Vol. 30, p. 443, and Trans. Am. 

_ Soc. C. E., Vol. LXXVIII, p. 760), the whole being in such a condition that 
with a heavy surge water may overflow the standpipe into the surge tank 
whence it flows back to the pipe line through the restricted passage un- 
synchronously to the surges in the line itself. 

48. Testing Code for Hydraulic Turbines 

(Abstract) 

(Approved by Machinery Builders’ Society, Oct. 11, 1917) 

Introduction. This code is intended to apply to acceptance tests of hy- 
draulic machinery. 

Efficiency of the plant takes account of all losses of energy between head 
water and tail water outside the plant as far as, or through the switchboard. 

Efficiency of the machinery takes account of all losses of energy between the 
“water in the wheelpit and tail water and as far as the generator terminals or 
switchboard. ' 

Efficiency of the turbine takes account of all losses of energy between the 
water in the wheelpit and tail water and as far as the coupling on the turbine 
shaft. Losses through racks, in intake to penstock and in penstock shall not 
be charged against the turbine, nor shall the head necessary to discharge the 
water from the end of the draft tube. The net or effective head acting on the 
turbine shall be measured from a point near the intake to the turbine casing 
in turbines equipped with casings, or from a point immediately over the tur- 
bine in turbines having an open flume setting, to a point in the tail-race, and a 
correction for the velocity head required to discharge the water into the tail- 
race shall be added to the tail-water elevation; and a similar correction applied 
at the intake to encased turbines. The power developed by the turbine shall 
be taken as the mechanical power delivered on the turbine shaft and trans- 
mitted by the turbine shaft to the generator or other driven machine or 

system. 

General. When the contract calls for the performance of the guide vanes, 
tunner, draft chest and draft tube only, the velocity head at entrance to the 
casing shall be excluded, and the pressure shall be measured by piezometers 
so connected to the casing as to avoid velocity effects, instead of at entrance 
to the casing. 

Apparatus shall be inspected before, during and after tests. 
Testing apparatus must not interfere with operation of unit under test, 

which shall have been operated under load for at least 3 days prior to test. 
Leakage of air into wheel or draft tube or of water out of wheelpit or pen- 

stock must be prevented or measured and allowed for. 
Tests should not be made when variations of load exceed 3%; of head 2%, 

and of speed 1%, above or below the average of each. 
Important instruments shall be installed in duplicate and calibrated before 

and after test. 

Power Output. Power output may be measured by the electrical genera- 
tor, or by a Prony brake or Dynamometer. If by a generator, the latter must 

be tested either in the shop or in the field and its efficiency curve established 
for the range covered by the tests, in accordance with the Standardization 
Rules of the Am. Inst.E. E. of September, 1916. The output of the wheel 
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then is the kilowatt output of the generator divided by its efficiency and re- 

duced to horsepower, the exciting current not being charged against the tur- 

bine. If the exciter is driven from the turbine, then its output similarly 

computed shall be added to that of the main generator. 

When a dynamometer, either of the Prony brake, friction disk or other type 

is used, the dynamometer is to be so arranged as to avoid imposing either end 

thrust or side thrust on the turbine shaft and bearings, or to avoid adding any 

friction load which is not measured, and the brake must be capable of oper- 

ating with the weighing beam floating free of the stops during the entire 

duration of a run. 

Power Input or Water Horsepower. The turbine shall be tested, if pos- 
sible, under the effective head stated in the contract, and at the speed specified 

in the contract. 
Variation of 10% in head may be allowed if the speed is adjusted to cor- 

respond according to the law that 

Speed varies as 1/2 
Power varies as h°/? 

Errors in adjustments of speed to head may be corrected for up to 2%, on 
the basis of test curves of the same or a similar turbine. The hydraulic 
equivalent of the speed is equal to the specified speed multiplied by the square 
root of the ratio of the effective head existing during the test to the specified 
effective head. The hydraulic equivalent of the horsepower is equal to the 
specified horsepower, multiplied by the three-halves power of the ratio of the 

effective head existing during the test to the specified effective head. Tests 
shall not be run when the head differs from the specification by more than 10%, 
or when the total draft head approaches within 5 ft. of the height of the baro- 
metric water column. 

For turbines having closed casings the head is to be measured by at least 
two, and when possible not less than four piezometers connected to a straight 
portion of the penstock near the turbine casing intake, and by two or more 
board, rod or float gages in the tail-race, placed at points reasonably free from 
local disturbances. 

The conditions of measurement, including velocity distribution, length of 
straight run of penstock, and conditions of piezometer orifices shall be such 
that no piezometer shall vary in its readings by more than 20% ot the velocity 
head from the average of all the piezometers in the section of measurement. 
The piezometer orifices shall be flush with the surface of the penstock wall, 
the passages shall be normal to the wall, and the wall shall be smooth and 
parallel with the flow in the vicinity of the orifices. The piezometer orifices 
shall be approximately 1/4 in. in diameter. 

The effective head on the turbine is taken as the difference between the 
elevation corresponding to the pressure in the penstock near the entrance to 
the turbine casing, and the elevation of the tail water at the highest point 
attained by the discharge from the unit test, the above difference being cor- 
rected by adding the velocity head in the penstock at the point of measure- 
ment and subtracting the residual velocity head at the end of the draft tube. 
The velocity head in the penstock shall be taken as the square of the mean 
velocity at the point of measurement, divided by 2 g; the mean velocity being 
equal to the quantity of water flowing in cubic feet per second, divided by 
the cross-sectional area of the penstock at the point of measurement in square 

feet. The residual velocity head at the end of the draft tube shall be taken as 
the square of the mean velocity at the end of the draft tube, divided by 2 g; 
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the mean velocity being equal to the quantity of water flowing in cubic feet 
per second, divided by the cross-sectional area of the penstock at the point 
of measurement in square feet. The residual velocity head at the end of the 
draft tube shall be taken as the square of the mean velocity at the end of 
the draft tube, divided by 2 g; the mean velocity being equal to the quantity 
flowing in cubic feet per second, divided by the final cross-sectional discharge 
area of the closed or submerged portion of the draft tube in square feet. 

For turbines set in open flume, the head is to be measured by board, rod or 

float gages, located above thé center of the turbine, and by board, rod or float 
gages in the tail-race, all gages being placed at points reasonably free from 
local disturbances, and not less than two gages being installed in the flume 
and not less than two in the tail-race. 

Such gages are to be free of velocity effects, and if this is not obtainable when 
the gages are set in the open channel, they shall be placed in properly arranged 
stilling boxes. 

The effective head on the turbine is to be taken as the difference between the 
elevation of the free water surface immediately above the center of the tur- 

bine, and the elevation of the tail water at the highest point attained by the 
discharge from the unit under test, the above difference being corrected by 
subtracting the residual velocity head at the end of the draft tube, computed as 
in the previous case. 

Quantity of Water. The quantity of water discharged from the turbine 
is to be measured by weir, current meter, Pitot tube, screen or diaphragm, or 
by the chemical method, in accordance with the methods described in Arts. 
22, 23 and 24 of this section. 

When the quantity of water is measured by weir, weirs with suppressed end 
contractions shall be used. 

The weir or weirs shall if possible be located on the tail-race side of the tur- 
bine, and care shall be taken that smooth flow, free from eddies, surface dis- 
turbances or the presence of considerable quantities of air in suspension, exists 
in the channel of approach. To insure this condition the weir should not be 
located too close to the end of the draft tube, and stilling racks and booms 
should be used when required. The channel of approach should be straight, 
of uniform cross-section and unobstructed by racks and booms, for a length of 
at least 25 ft. from the crest. The racks should be arranged to give approxi- 
mately uniform velocity across the channel of approach. The uniformity of 
velocity should be verified by current meter or otherwise. 
When the discharge is measured by current meter, observations shall be 

taken by two different types of meter, one type having preferably such charac- 
teristics that it will slightly over-register under conditions of turbulent or 

oblique flow, and the other type having characteristics such that it will under- 

register under similar conditions. The true velocity obtained by reducing the 

meter readings on the basis of their still-water ratings may then be taken as a 

weighted mean between the two series of observations. 

The point method of observation shall be used and sufficient points shall be 

obtained to enable both vertical and horizontal velocity curves to be plotted 

for all portions of the section of measurement. The average velocity shall be 

determined from these curves by planimeter. 

When the Pitot tube method is used, the Pitot tube shall be located in a 

straight run of penstock or conduit, at a distance equal to at least ten pipe 

diameters from any upstream bend and at least five diameters from a down- 

stream bend. When the observation is made in a circular pipe or penstock, 

at least two Pitot tubes shall be arranged to traverse two relatively perpen- 
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dicular diameters, but in the case of very large penstocks or those having 
unsymmetrical flow. Pitot tubes shall be arranged to traverse completely 
or partially the intermediate diameters, giving traverses at 45-deg. intervals. 
When the screen method is used, the length of run of the screen shall be 

sufficiently in excess of the portion used for measurement to provide ample 
space for starting and stopping the screen so as to insure uniform conditions 
over the measured portion of the run. In determining the discharge the ve- 
locity of the screen shall be multiplied by an area intermediate between the 
net immersed area of the moving screen and the average area of stream cross- 
section of the portion of the channel traversed. The variation of the level in 
the flume shall be observed during the course of the run and the average eleva- 
tion shall be used in determining the area. 
When the chemical method is used, samples shall be taken from points dis- 

tributed over the entire sampling section. 

7 
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COLLECTION OF WATER 

1. Intakes 

Intakes are structures built out into a body of water for the purpose of 
drawing water for use. The position of intakes is often affected by con- 
siderations of local pollution when sewage is allowed to flow into the same 
body of water from which the supply is taken. This is commonly the case 
in cities located upon rivers and great lakes. The depth of intake is frequently 
a matter of importance where water of different qualities is to be obtained 
at different levels. There are three type of intakes: (1) Unprotected intakes, 
(2) Submerged intakes, (3) Exposed or tower cribs. 

Unprotected intakes are used for small supplies. The pipe is allowed to terminate 
at the desired point, sometimes being protected by a coarse’screen. A fine screen is 
not permissible because it will be clogged by matters carried by the water. 

A Submerged Crib is a structure built on the bottom or built at the surface 
and sunk to the bottom of the lake or river from the interior of which the 
water is taken. It serves the purpose of roughly screening the water and 
also of protecting the end of the intake pipe from damage. The opening is 
frequently covered by a rack of wooden bars spaced an inch or so apart. 
Sometimes a steel or brass screen is used in addition to the rack. \ Exposed or 
tower cribs are structures built on the bottom of the river or lake and extending 
above high water. They are frequently provided at different levels with 
ports controlled by gates, and screens may be located in their interiors. 
Tower cribs have many advantages for large supplies. The ports may be 
closed and the water pumped out of the intake pipe and everything inspected 
for tightness and condition. Screens in them may be reached for cleaning and 
repairs. Tower cribs require excellent foundations and they must be built 
strong enough to withstand ice pressures. In cold climates they are used 
only for large supplies. In warmer climates where ice pressure is not effective 
they are also used for small supplies. 

Intake Pipes or Conduits are the connecting channels between the intakes 
andthe shore. Intake pipes up to 36 in. in diameter are generally of cast iron. 
From 48 to 72 in. in diameter the most common material is steel pipe. For 

larger intakes tunnels driven under the bed of the lake reaching from the shore 
to the bottom of an exposed crib are most common. 

FF Long intakes in lakes should be of ample size to avoid friction and excessive suction 
on the pumps. Short intakes in sediment-carrying rivers should be smaller with veloci- 

ties to prevent them from filling up with silt. Where pipe is laid on the bottom of a 
lake or river a channel should be dredged for it so that the top of the pipe is well below 
ena bottom, but such dredging may be omitted in lakes deeper than about 
30 ft. 

Cast-iron Pipe for intakes is commonly of a special type. From four to 
eight 12-ft. lengths of ordinary pipe are joined in the ordinary way and then 

a special joint is used (Figs. 
Ye LFrerat ge cfumed 1 and 2) which is made flex- 

SSSAXSSSSSS ible with a turned spherical 
(a) (bv) casting moving in a bed of 

Fig. 1. Special Joints, Cast-iron Pipe lead which has been run 
inside of an enlarged bell. 

Such joints, well made, give a considerable amount of flexibility while re- 
maining nearly water-tight. The pipe is put together above water and 
gradually lowered to position, the flexible joints making this possible. 
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. Where the water is not too deep to allow a diver to work comfortably, the flexible 
joints are sometimes omitted and flange joints bolted together by a diver are used. 
Numerous other kinds of joints are also used. 

Wit > NSS 

EZ ie 
ws 

(a) 

sill appppsa, 
WSS 

titi 

a, 

Fig. 2. Special Joints, Cast-iron Pipe 

Trouble from leaks in intake pipes has frequently been experienced where the water 
through which they passed was subject to pollution. Where the intake passes under 

highly polluted water it is safer to 
have it below the bed of the river 
or lake, well covered with sand or 
other protecting material. 

Steel Pipes for intakes are 
laid in much the same way as 
cast-iron pipes. Flexible joints 
are riveted to the ends of the 
steel pipes where required (Figs. 
3 and 4), but the length of steel 
pipe between such joints may 
be greater, as steel pipe is 
stronger than cast-iron pipe. 
Steel pipe is frequently designed 
to fit closely the contour of the 
bottom and it can then be put 
together with flange joints 
bolted up by a diver. 

The difficulty of making such 
joints with divers increases rapidly 

Co a 
FILE Le 
(-— Z Fj _____} 

c 
co} 

with the depth. Up to 30 or 40 Fig. 3. Flexible Joint of Rochester Stee] Pipe 
ft. there is but little difficulty. Be- 
yond this depth the difficulty increases and the joints practically become impossible 

before 100 ft. of water is reached. 

Fig. 4. Flexible Joint of Erie Steel Pipe 
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Tunnels under lake or river bottoms are most safely and cheaply driven in 
rock. Intakes under the lakes at Cleveland and Chicago have been driven 
in clay. The greatest difficulty has been from marsh gas contained in the 
clay, which comes into the tunnels during construction, forming an explosive 
mixture. There has been great loss of life and property from accidental 
explosions. Where clay is free from marsh gas it is a good material to tunnel 
through. Tunnels may be driven through sand and gravel, but with greater 
difficulty and expense. Air pressure must always be used corresponding to 
the distance that the tunnel is below the surface of the water. The length of 
time that men can work under pressure decreases rapidly as the pressure 
increases, so that such tunnels cannot be driven at too great a depth. The 
ordinary limit is 60 or 80 ft. and about 100 ft. is the extreme limit. 

Anchor Ice is troublesome in northern climates in the case of intakes taking 
their supply near the surface or in shallow water. Much trouble has been 
experienced from this cause. A steam boiler furnishing steam to be taken to 
the seat of trouble through a hose is the most effective means of maintaining 
the supply. 

Pumping Stations are commonly at the shore end of an intake pipe or 
tunnel. The pumps must be so placed as to be able to take water at the lowest 
water level and they must also be protected from water during the highest 
floods. In the case of rivers having a wide range of water level the protective 
structures are frequently very expensive. 

2. Data of Yield and Storage 

Impounding Reservoirs are artificial lakes built on upland streams for the 
purpose of storing freshet flows for use during those times when the natural 
flow of the stream is insufficient to maintain the supply. Impounding reser- 
voirs are formed by the construction of a dam, preferably across a narrow 
valley at a point where there is an enlargement of the valley above to give 
large storage capacity. A reservoir on a tributary is substantially as useful 
in maintaining the supply as a reservoir on the main stream, up to the point 
where the reservoir on the tributary can be filled from bottom to top by the 
runoff of an ordinarily dry year. 

Storage and Yield. To estimate the yield of an actual reservoir, or of a 
reservoir to be built, or to estimate the size of reservoir required to develop 
a given output, the best starting point is a record of the flow of the stream 
feeding it. 

The storage ratio is the net available storage divided by the mean flow 
for one year. The percentage yield is the percentage of the mean flow that can be made available for use when needed. 

From the flow record make a mass diagram by the method described in Sect. 13, Art. 44. Assume a rate of draft and find the maximum depletion that would have occurred at that rate during each year. These maximum annual depletions form a series. The series may be examined by probability methods, and the amount of storage that will be exceeded on 5% of the years may be accepted as practically sufficient. The calculation is repeated for other rates of draft until enough points are found to make a storage diagram which will serve as a basis for the calculation. 
95% Dry Year Used. The 95% dry year is used as a basis for municipal water supplies. It is defined as the year of such dryness that 5% of the years are drier and 95% of the years are wetter than it. The drier years are the 
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_ years that require more storage. For the 5% years that are drier than the 
normal less than full supply will be available. On Eastern data about 94% 
of the full supply on an average will be available in these drier years. 

For extra conservative estimates, a 98% dry year may be used. Thisina 

general way will call for 14% more storage. If the 99% dry year were used, 
25% more storage would be required. 

American cities have experienced moderate water shortages at intervals, and 
building storage that will be used less than once in twenty years is only war- 
ranted where the cost of storage capacity ‘is unusually low. 

Probable Error. The probable error (due to variation in annual quantities) 
in the mean flow of a stream is found by the formula 

67.5 Coefficient of Variation 

VT 
T being the number of yearsin the record. Thus, for a 30-year record on an 
Eastern stream having a coefficient of variation of 0.25, the probable error is 
3%; and for a Western stream a 20-year record with ac. v. of 0.70, the probable 
error is 10.6%. The errors in gaging must also be considered. No estimate 
can be more accurate than the data on which it rests, and available data do 

not often permit precision. 

Data for Other Streams. If the record of the stream for which an estimate 
is to be made were sufficiently long and accurate, no other data would be 

needed for computing storage; but in most cases records are short or absent. 
A good short-term record is useful but the probable error is large. It is best 
to give weight to available records of flow and storage of other streams as 
similar as may be to the one for which an estimate is required. 

Rainfall. Runoff comes from rainfall and follows it. Rainfall data are 
more abundant than runoff data. With meager runoff data there is a tempta- 
tion to try to find relations between rainfall and runoff and to build up theo- 
retical runoff tables and use them as a basis of estimate. Something can be 

done but great skill is required, for the relations are exceedingly complex and 
depend upon unknown and only partly known factors. Years ago when runoff 
data were less common there was more need of such expedients. Now, the 
records of the U. S. Geological Survey are numerous and widely distributed. 

These and other gagings will nearly always serve as a safer starting point. 

Size of Catchment. In general runoff is proportional to catchment area 

and the required storage for a similar development will be in the same ratio. 

No doubt there will be small differences in special cases but in the absence of 

clear proof of difference the assumption is at least approximate that variations 

are in direct proportion to area. Areas high in elevation usually produce 

more water proportionately than low ones. 

Cycles. A close study of rainfall data discloses cycles. Corresponding 

cycles in runoff are to be expected. Asa practical matter not much attention 

need be given to them. But if a short term record is used, get the record of 

the nearest stream for which the data have been kept for a long time, and from 

it find whether the short term period has been unusually dry or wet. Nu- 

merical corrections for such differences are difficult, but a general idea of 

relative conditions is obtained. 

Daily and Annual Storage. The required storage is made up of two parts: 

(1) daily storage required to balance fluctuations of flow within a single year; 

and (2) annual storage required to carry over surplus of wet years and make it 

available in dry years. 

Per cent of probable error = 
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Methods of collecting, combining and stating the results are given in 
Transactions, Am. Soc. C. E., 77, p. 1539, 1914; but since that publication 
more data and some improvements in methods have become available and 
are used in preparing the tables that follow. 

Practical Procedure. The mean flow and other data to be described are 
obtained for each stream flow from its record. With these data at hand, an 
estimate of the mean flow is made for the given stream. The required storage 
or the available output may then be computed with the aid of the tables that 
follow. 

The mean annual flow is conveniently expressed in inches of runoff. To 
find the mean flow in gallons, multiply the area in square miles by inches of 
runoff and the product by 47 581 to obtain the mean flow in gallons per day, 
or by 17 380.000 to obtain the mean flow in gallons per annum. 

Owing to the variations in flow and the irregularity of the variations, the 
whole of the mean flow of a stream can never be utilized. Some of it will be 
lost in flood flows.. The more storage provided, the higher the percentage 
of the mean flow that can be utilized. 

Three tables are given showing the storages required to yield various per- 

centages of the mean flow for different parts of the country and with different 
degrees of development. These are followed by Tables 4 and 5, giving statis- 
tics of actual water supplies and stream flows for comparison and to aid in 
selecting the proper starting points for the estimate. 

Table 1 is for streams north of the Potomac and east of the Alleghanies, and 
for low developments with not more than 50% of the mean flow utilized. In 
this table the second line of classification is according to ground storage. 

Ground Storage. Ground storage is an important element in stream flow. 
Streams having extensive deposits of sand and gravel on their catchment areas 

have better maintained flows than where the materials are impervious. 
Ground storage may amount to several inches of runoff. Where ground 
storage exists, artificial storage may be less, and vice versa. 

Ground storage is best expressed as day’s supply at the rate of draft and 
represents the reduction in needed artificial storage below the amount other- 
wise required. This is called ground storage, but in reality it represents all 
the variations that there are from whatever cause; and seasonal distribution 

of rainfall, snow conditions and other matters contribute to a total of which 
ground storage is usually the largest element. Table 4 shows the computed 
ground storage in days for a number of actual supplies. In Table 1 four 
grades of ground storage are shown. In judging of the amount of ground 
storage in the absence of definite data, a stream that goes dry in droughts has 
no ground storage; one that has very well maintained flows in droughts has 
abundant ground storage. 

Table 1 may also be used for streams on the western slope of the Alleghanies 
and on the South Atlantic Coast, but with less confidence, and greater varia- 
tions from it must be expected. It should not be used for any other part 
of the country. For corresponding low developments in the West, data 
are not available to permit general statement, and local data must be studied. 
by the mass diagram method. 

Table 2 is for high developments, where more than 50% of the mean flow 
is made available, and when the reservoir will not refill in dry years and stored 
water must be carried over from year to year. In this table the second line of 
classification is the relative variation in annual flow. Some streams vary 
from year to year much more than others, and the amount of storage is de- 
pendent more upon this characteristic than any other. The coefficient of 
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variation is the best index of this variation and is used as a basis for classifi- 
cation. 

Coefficient of Variation. To compute the coefficient of variation, make a 
table of annual flows in any convenient units and find the mean. The differ- 
ence between each term and the mean, without regard to sign, is the variation. 
Each variation is squared and the sum of the squares is found. Divide this 
by the number of terms less1. Thesquare root of the quotient is the standard 

_ variation. The coefficient of variation (c. v.) of annual flows is the standard 
_ yariation divided by the mean. vi 

The coefficient of variation of annual flows should be calculated for each 
record of ten years and over that is to be used. It is well to take into account 
records oi neighboring streams, and it will be safer to use the indications of 
good long-term records of neighboring streams than a value derived from a 
short-term record of the stream under consideration. 

For streams having coefficients of variation under 0.50,,use Table 2... This 
applies to all that part of the United States east of the Mississippi River and 

also to Oregon and Washington. It also applies to eastern Canada. It is not 
-_ recommended that a value below 0.20 should be used for any estimate; and 

the table shows no-lower values. North of the Potomac and east of the Alle- 
ghanies values from 0.20 to 0.25 prevail. South of the Potomac the values 
are somwehat higher. West of the Alleghanies they increase more rapidly. 

If ground-water storage is indicated, deductions from the storage shown in 
the table may be made in the same amounts that would be used in classifying 
the stream under Table 1. The last column shows the deduction for thirty 
days’ ground storage. Other amounts are in proportion. 

Table 3 is for streams having coefficients of variation above 0.50. These are 

most common in that part of the United States west of the Mississippi River 

excepting Oregon and Washington. Storage equal to ninety days has been 

added in this table to cover the seasonal distribution of rainfall and runoff 

which is usual in the western part of the country. 

Table 4 shows data of mean flow, coefficients of variation in annual flows 

and ground storage for selected streams. 

In making estimates, all local data should be examined. Unless local data 

are very good and records of 20 years and upward are available, it will not pay 

to make mass diagrams. . More reliable estimates will be reached by the 

shorter process of mean flows and coefficients of variation and by the aid of 

Tables 1 to 3. 

Table 5 shows statistics of runoff and storage for some of the more important 

_ municipal water supplies in the United States. 

Example. Compute the storage required to develop 35 million gallons 

of water per day from an area of 48 square miles of mountain country with 

little ground storage, the mean runoff being assumed from data for neighboring 

areas to be 25 in., and the coefficient of variation in mean annual flow to 

be 0.20. 
The mean annual flow is 48 X 25 X 17.379 = 20855 m.g., or 57.1 mg. 

per day. The required delivery, 35 m.g.d., is 61% of the mean flow. As this 

is more than 50%, Table 2 is used. Under c.v. = 0.20, 60% and 65% of 

mean flow available call for storages of 0.31 and 0.35. By interpolation 61% 

calls for 0.318 of the mean annual flow. 0.318 X 20855 = 6632 m.g. This 

is the required storage. To this must be added an allowance to coyer loss 

by evaporation, by a method to be explained below. 

From the same area fora first installment of 20 m.g.d. equal to 35% of the 

mean flow, Table 1 isused. No ground storage assumed. Storage required, 
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0.128 of the mean flow, or 2669 m.g.. An allowance for evaporation must be 
made. 

Evaporation. The loss of water by evaporation from the surface of the 
water in the reservoir must be allowed for, except that when the records of 
flow upon which the estimate is based represent conditions after reservoir 

construction, no correction is necessary: 

(1) Where the evaporation from a water surface is greater than the rainfall, compute 
the yield for the full capacity of the reservoir and deduct the net loss by evaporation, 
computed as a draft, which is the amount by which evaporation from. water -area is 
greater than evaporation from land area. The net loss in runoff is equal to the evap- 
oration from water surface plus runoff from land surface less rainfall. The net loss 
in inches is applied to the average water area, and this for practical purposes may be 
taken as 0.9 of the area at the flow line of the reservoir. The amount so found is 
to be deducted from the computed daily capacity of the source. 

Example. What will be the average daily loss by evaporation from a reservoir of 
850 acres, where the rainfall is 28 in., the runoff is 8 in., and the evaporation from the 
water surface is 40 in.? 

The net loss in inches is 40 +8 — 28 = 20. 20 in. in depth on 0.9 of 850 acres 
is 20/12 X 0.9 X 850 X 325 851 = 415 m.g. per annum or 1.14 m.g. per day. 

(2) Where the average rainfall is greater than the evaporation from a water sur- 
face, proceed as follows: 

(a) From the natural mean flow deduct the estimated loss by evaporation computed 
as under (1) to obtain the mean flow after development. 

(b) From the reservoir capacity deduct an amount sufficient to equalize the evapora- 
tion loss throughout the year calculated for a dry year. An allowance ranging from 
6 in. in depth over the area of the reservoir for northern New England and New York 
to 8 in. in the latitude of Philadelphia and to 12 in. or more on the south Atlantic 
slope and increased 50% or more for shallow reservoirs with high water temperatures 

in summer. The adjusted values for mean flow and storage are then used in 
the calculation. ° 

Economical Development. The economical development of a catchment 
area is reached when the dam has been built so high that the cost of making it 
higher is more than the value of the additional water secured. The height of 
dam corresponding to economical development may increase with the demand 

(1) Northeastern States North of the Potomac and 
East of the Alleghanies 

Partial Development. Reservoir Filling Each Winter: Ground Storage Used for 
Second Line of Classification 

Storage ratio 

Per cent of 
mean flow /Impervioussoils.| Average soils. Deer eh peer eel 

, iy % used No ground [30 days’ ground), days’ ground |90 days’ ground storage storage 
storage . storage 

0.229 0.188 0.147 0.106 
0.192 0.155 0.118 0.081 
0.159 0.126 0.093 0.060 
0.128 0.099 0.070 0.042 
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(2) East of the Mississippi River: Also Oregon and Washington 

High and Complete Developments: Reservoir not Refilling Each Winter. Relative 
Variation in Annual Flows Measured by the Coefficient of Variation Used as 
the Second Line of Classification. 

Storage ratio Deduc- 
1 : tion for 

30 days’ 
=| OV. =| OV. =) 0.V =) CN. =| CVs =| CV. =| CV. =/OV=| Poin 

0.22 ) 0.24 |0.26 | 0.28 0.30 | 0.35 | 0.40 0.45 storage * 

| | 
1.33} 1.46 | 1.60 | 1.74 | 1.90 | 2230 | 2.70 | 3.10 0.078 

0.92 | 1.00 | 1.09-; 1.20 | 1.31 | 1.60 | 1.88 | 2.20 0.074 

0.71 | 0.77-| 0.83) 0.91 | 1.00 | 1.23 | 1.47 1.70 0.070 

0.57 0.61 | 0.66 | 0.71 | 0.78 | 0.97 | 1.19 | 1.39 0.066 

| 0.47 | 0.50 | 0.53 | 0.57,)0.62 | 0 4-4) | OF95,1 9.13 0.062 
| 

| 0.40 | 0.41 | 0.44 | 0.47,| 0.50 | 0.62 | 0.76 | 0.92 0.058 

| 0.35 | 0.35 0.37 | 0.39.| 0.41 | 0.50 | 0.61 | 0.74 0.053 

| 0.31 | 0.31 | 0.32 | 0.33 | 0.34 | 0.40 | 0.49 | 0.60 0.049 

| 0.27 | 0.27 | 0.27 | 0:28.) 0.28 | 0.33 | 0.39 | 0.49 0.045 

0.23 | 0.23 | 0.23 | 0.23 | 0.24 | 0.26 | 0.32 | 0.39 0.041 

* See tables 1 and 4 for classification and data regarding ground storage. For larger 

or smaller amounts the deductions are in proportion to the number of days’ storage. 

(3) West of the Mississippi River, Except Washington and Oregon 

Per cent Storage ratio 

of mean 

en ey. = | GV. =| Cv. = 
able 50 0.60 0.70 

90 3.00 3.80 4.70 

85 2.30 3.00 3.70 

80 1.85 2.40 3.10 

75 1.55 2.00 2.60 

70 1.28 1.70 2.20 

65 1.05 1.44 1.85 

60 0.89 1.24 1.60 

55 0.74 1.02 t.39 

50 0.61 0.86 5 UI be 

45 0.51 0.72 0.98 

40 0.42 0.61 0. 84 

35 0.34 0.51 0.72 

30 0.27 0.42 0.61 

for and value of water, and this often leads to raising dams. On the other 

hand, full probable economic development of any supply that is utilized should 

be taken into account to the end that partial developments first made may be 

arranged to be increased without too much difficulty. 

In a general way, in the northeastern states the economical limit is reached 

by the storage of an amount equal to at least half the mean annual flow, and 

not greater than the mean annual flow, and when between 75% and 90% of 

the mean flow is made-available for use. If water is low in value and condi- 



1452 Collection of Water Sect. 14 

tions of storage difficult, the limit will be lower. Where water is especially 
valuable and the site is favorable for cheap storage, additional amounts may 
be advantageous. 

In the western states more storage is required and the proportion of the 
mean flow that can be used is less. Storages, of three times the mean annual 
flow are not uncommon. 

(4) Statistics of Flow for a Few Selected Streams 

Arranged in order of size of coefficient of variation 

(In any particular case look for local data and recent data, bringing old records up to 
date before using them.) 

Coeffi- |Days to 
cient | be de- 

Place of Bat | lees oe duaee u year annual ‘ 
River measurement of | Sauare | gow, | varia- for 

or use becokd €S |i aches|tion in| ground 
annual] water 

| flow | storage 

Hudson...... Mechanicyille...... 1916 4500) 23.5 | 0.16 73 
| Susquehanna..| Harrisburg........ 1916 | 24100} 21.1 | 0.18 F 
Ohioises. Vira Wheeling. <2). 25.000.. 1905 | 23 800) 22.7 }.0:19) |... 0c 
Manhan...... Holyoke, W. W..... 1919 13} 25.7 | 0.20 25 
Arkansas. .... Canon City, Colo... 1921 3060) 3.41] 0.20 |....... 

Columbia..... Dallas; Ore. .wibey 1915. | 237 000} 13.0 |: 0.21 4onocene 
Pequannock...| Newark, W. W..... 1918 62}-27.4-}-0.22 I|:eares de 
Wachusett....| Boston, W. W...... ] 1923 109}, 2321 |. 0.22 61 
Perkiomen....|Philadelphia....... 1912 152} 22.6 | 0:22 33 
Neshaminy ..|Philadelphia....... 1912 139) 22.6 | 0.22 10 

Merrimack. ..|Lawrence......... z 1 508 

Crotony. .. oi. New York, W. W... 6 | 0. 
Potomac..... Riv. of Rocks... fd.. 1 ale O: 
Willamette. ..| Albany, Ore....... 3 | 0. 
Tohicken..... Philadelphia....... 710. 

Sudbury...... Boston, W. W...... 6 | 0. 
Sacramento...|Jelleys Ferry....... 1 | 0. 
Gunpowder... .| Baltimore, W. W... 2 Ht 08 
Colorado..... Yaniger tee 42] 0. 
Tuolumne... .|La Grange, Calif.... 2 Ok 

Mississippi... .} Pekegama Falls... . 
Cheesman....}| Denver, W. W...... 
Red River. ...}| Grand Forks, N. D.. 
Bear Creek...|-Denver, W. W...... 

Colorado..... Austin, Texas...... 

0. 
0. 
0. 
0. 
0. 

Rio Grande...|Elephant Butte... . 
San Leandro. .|S.L. Reservoir, Calif. 
Crystal Springs} San Francisco.....: 
Alameda Creek| San Francisco...... 
Sweetwater.../San Diego......... he) 
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3. Effects of Storage 

Storage in an impounding reservoir may have important effects on the 
quality of the water, both for good and for harm. By reason of the-oppor- 
tunity given for sedimentation, storage tends to remove suspended mineral 
matter such as silt and clay and thus clarifies the water. Bacteria are also 
reduced in number by being carried to the bottom with the sediment, by 
natural death, by the destructive action of sunlight and by the effect of other 
organisms, so that the sanitary quality of the water is improved. Colored 
waters stored for long periods in impounding reservoirs tend to become 

bleached. On the other hand, storage offers exceptional opportunities for 
the growth of algae and protozoa which give rise to objectionable odors and 
tend to increase the turbidity and sediment present in the water. At the 
bottom of large reservoirs also decomposition of organic matter may take place, 
with the production of foul gases and of carbonic acid. One result of this is 
that the water is more liable to attack lead pipes. 

é Period of Storage. The normal period of storage of large reservoirs is 

- expressed in days and is taken to be the capacity of the reservoir divided by 

the average daily flow through it. This expression is useful for comparing 

different reservoirs, but it means little as far as indicating the length of time 

that the water is actually stored on account of the variations in volume of the 

water entering the reservoirs. For example, in a reservoir that has a normal 

period of storage of thirty days there may be one or more times each year 

when the stream flow is sufficient to displace all the water in the reservoirs 

in two or three days. Furthermore, the water entering a reservoir at one end 

reaches the outlet at the other end not always after the displacement of all 

the waters, for, by reason of difference in the density of water due to difference 

in temperature, the action of the wind, etc., part of it may cross the reservoir 

in a period much shorter than that required for displacement; so that even 

- in a reservoir that has a normal storage period of thirty days the actual time 

of transit of water from the inlet to the outlet may be reduced to a period of 

a few hours. For this reason storage reservoirs cannot be depended upon 

alone to protect the water supply from a sanitary standpoint. 

The period of storage is based on the entire capacity of the reservoir, while 

the storage ratio is based on net available storage that can be drawn for use. 

Many reservoirs have dead water below the intakes, and the two terms, while 

similar, must be clearly distinguished. 

Horizontal Currents Induced by the Wind. ‘Wind blowing over the surface 

of a body of water causes a movement of the surface water in the same direc- 

tion. The velocity of such induced currents of water varies according to the 

intensity and duration of the wind. Experiments made at Lake Erie have 

shown that for winds blowing in one direction for at least ten hours the velocity 

of the surface water is from 3 to 7% of that of the wind. For winds blowing 

long from one direction this per cent increases. The depths of such induced 

currents or the velocity of currents below the surface are not well known, but 

the former are doubtless 10 to 20 ft. 

Stagnation. The lower portions of deep reservoirs are not affected by wind 

action, and during certain periods remain stagnant. Where the volume of 

water is large and the reservoir is clean, the dissolved oxygen in the water dur- 

ing the stagnant period is sufficient to take care of organic changes and keep 

the water sweet. This is true of such reservoirs as Ashokan and Kensico 

Reservoirs of New York City and of Wachusett Reservoir of the Boston 
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(5) Statistics of Some of the Larger Storage Systems for Municipal 
Supply in the United States, January 1, 1927 

Data in heavy type are estimated from the best available data. 

New York City........ 
Boston Met. W. W...... 
San Diego.) 2:se.n. 
San FranciscoS.V.W.Co. 

Oakland E. B. W. Co.... 
Providence ss. 202 2E5, 
North Jersey District... 
Los Angeles...........: 
Baltimore, Md......... a es SooO0OoN 

New Haven, Conn...... 
POCHANG OTs cw cee 
Bridgeport, Conn....... 

ee Te eoooo°o i) Nm N RSRSR oo0o00 

Hartford, Conn......... 
Seattle, Wash. i... 1... . 
Wilkes-BarreS. B. W. Co. 
Rochester, Nw Vo fas. 
Jersey City, N.J....... erm tad NWNNN Na PON eseo°e 

Columbus, Ohio........ 
Worcester, Mass........ 
St.Paul, Minn-*. ...>.«:. 
INariolk Vas .t sictaisn Sts 
New Bedford, Mass.*... [ie ed RSESS 

Cambridge, Mass....... 
Springfield, Mass....... 
NE TOML OMNO ss teeec en ne 
Holyoke, Mass 

rwnnd on UW 

SISO, MSPS > o9099 99999 95909 ee He tN a 

* Natural lakes raised and controlled. 

Note. THere are impounding reservoirs of considerable size not in the above table 
at Forth Worth, Texas, Decatur, lll., Scranton, Johnstown and Altoona, Pa., Water- 
bury, Conn., Lynn and Pittsfield, Mass., and no doubt at many other places. 

Metropolitan district and a few others. In smaller and shallower reservoirs 
the stagnant waters usually become foul in taste and odor, due to putrefaction 
after the oxygen originally contained in the water is exhausted. 

Water of better quality may be drawn from such reservoirs by intakes 
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located near the surface, but even such intakes draw some water from a depth, 

and more or less bottom water is usually mixed with the surface water and 
tends to impair its quality. 

Turnovers. Once in the spring and once in the fall there takes place a 
thorough mixing of the top and bottom waters. This is due to the change in 
temperatures. During warm weather the top water is warmer and lighter 
than the bottom water. During cold weather it is colder and lighter. In 
both cases when the maximum density of water at a temperature of 39° F. is 

reached, overturning takes place. A strohg wind will bring about overturning 
before the complete temperature adjustment is reached. Following the spring 
and fall turnovers, the water has increased color, taste and odor, and becomes 
objectior.able in quality for a time, followed by gradual improvement. 

If there are deposits of organic matter at the bottom of a reservoir bacterial 
putrefaction will take place at the bottom during the period of stagnation. 
The oxygen will become exhausted and the water impregnated with carbonic 
acid, sulfureted hydrogen, carbureted hydrogen, and compounds of ferrous 
iron and organic matter. Crenothrix and fungi may develop. During the 

_ following periods of circulation this stagnant water becomes mixed with the 
rest of the water in the reservoir and may temporarily increase its color. The 
ferrous iron becoming oxidized tends to act as a coagulant and thus to exert 

a purifying effect and facilitate subsequent filtration and decolorization. 

During the period of circulation the spores of various algae and other organisms are 
distributed through the water together with food for their growth, and under the 
influence of sunlight in the upper layers they grow and remain near the surface by 
reason of gases evolved during the process of growth. Diatoms, in particular, are likely 
to be abundant in large impounding reservoirs after the spring and fall “turnovers.” 

Organisms. Some of the most troublesome forms of algae, such as Ana- 
baena, occur only during hot weather. They seldom develop when the tem- 
perature is less than 65° or 70°, although in the fall they may linger in the 

- water even though the temperature is lower than that. It is because of the 
lower summer temperature that algae growths are less prevalent in England 
than in America. 

The organisms growing in reservoirs are both animal and vegetable.. The 
latter, by the aid of sunlight, break up carbonic acid forming carbon and 
organic matter, which is the basis of their structure, exactly as do plants 

_ growing in air. Other very small organisms of the animal type feed upon the 
vegetable organisms, and larger ones upon the smaller, and as a result there is 
a series of organisms up to and including the fishes and other forms of aquatic 
life. 

Organisms grow in all waters exposed to sunshine but the strength of the 
growths depends upon many conditions, among which may be mentioned 
temperature, the amount of food supply, represented by mineral matters in 
the water, and wind action. The latter is quite important because wind 
keeps the water in agitation and renders it unfavorable for the development 
of many kinds of organisms. 

Organisms by their growth, and especially by their death and decay, have a 
profound influence upon the quality of water obtainable from reservoirs. 

In some cases a moderate control of organisms may be secured by the use 
of copper sulfate, but such control usually serves to change the kind of growth 
rather than to reduce its total amount. Filtration of water containing 
growths of such organisms is the only adequate treatment. Strong growths 
make the filtration more difficult and expensive and they are therefore unde- 
sirable even where the water is filtered. 
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In the tropics and warm climates growths are most troublesome, and in 

cool northern latitudes they are less important. 

Soil Stripping. In order to prevent the growths of algae reservoir sites are 
sometimes cleaned by removing the vegetation and top soil. This practice 
has been followed extensively in Massachusetts reservoirs. It results in a 
temporary benefit, but ultimately deposits of material occur on the bottom 
that contain as much organic matter as that found in the soil, and the advan- 

tage of stripping is lost. The organic matter that has the greatest effect on 
the quality. of impounding waters is derived from grass, weeds and other 
vegetation.on the reservoir site. This should be removed by cutting and 
burning just before the reservoir is filled. For the sake of appearance and 
to prevent growths of water weeds and filamentous algae the shores of the 
reservoir from 2 to 5 ft. vertically above the high-water mark and for 10'to 

20 ft. or more below, according to circumstances, should be cleared of stumps 
and roots. Elsewhere the stumps should be cut to 12. in. or less above the 

mean surface of the ground. 

Drainage of Swamps. The color of a stored water may be sometimes 
reduced by draining swamps on the catchment area. This also tends to 
reduce the danger of the reservoir becoming seeded with algae. The advan- 
tage is less where the water is to be purified. 

Penetration of Sunlight into Water. On account of the rapid absorption 
of the sun’s rays by water, the disinfecting effect of sunlight and its bleaching 
action on the coloring matter are limited to a shallow layer near the surface. 

In clear water there is little bleaching effect below a depth of five feet, and in 
turbid waters the effect of the sunlight may be felt only a few inches. For 
this reason growths of organisms are much less likely to occur in turbid, silt- 
bearing waters than in clear waters. 

4. Ground-water Supplies 

Ground Water is that part of the rainfall that has accumulated in the 
ground, either in soil or in rock. Its upper surface is called the water table, 
or the ground-water level. The water is actually present in the pores of the 
soil or granular rock or in fissures, crevices and seams. "These may be con- 
sidered as underground storage reservoirs. 

Classification. The water in the ground, above an impermeable stratum, 
and relatively near the surface, is termed the upper ground water, and wells 
for obtaining it are called shallow wells. Water taken from beneath an im- 
pervious stratum is termed artesian, or deep-seated water, and wells for taking 
it are artesian wells, or deep wells. Originally the term “‘ artesian ’’ was applied 

only to deep-seated water that was under a sufficient head to cause it to flow 
naturally to the surface without pumping. All ground water is. derived 
primarily from the rainfall. Geologically there are three principal classes of 
ground water, namely, those occurring in underlying stratified porous. rock 
covering large areas, those occurring in old lake or river beds, and those occur- 
ting in deposits of sand and gravel, that is, in the drift. 

Ground-water supplies are obtained from (1) sand and gravel deposits; (2) sand- 
stone rock; (3) limestone rock. In the first two cases the water is present in the pores 

of a more or less homogeneous material. In the last itis present in caverns and fissures, 
usually extending indefinitely into the limestone rock, and replenished by surface 
waters that flow into them or by ground waters from sand and gravel deposits above 
the limestone. Water from either sand or sandstone is well filtered and of good hygienic 
guality. Water from limestone is often surface water that has flowed simply through 
a limestone cave and may be of inferior hygienic quality. 
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Percolation is the downward flow of rain water through the ground under 
the influence of gravitation and capillarity. It varies in amount according to 
the rainfall, porosity of the soil, temperature, etc. Under specially favorable 
conditions, illustrated by the sands of Long Island and the sand dunes of 
Holland, percolation may amount to from 30 to 60% of the rainfall. With 
less pervious material, such as is found in the South and Middle West, per- 
colation may be as low as 10 to 20%. 

Velocity and Direction of Subterranean Flow. The slope of the water 
table can be determined by measuring thé elevation of the water in a series 
of bore holes, enough measurements being made to determine not only the 
amount of slope but also the direction of greatest declivity. The direction 
of flow is the direction of greatest declivity. The velocity may be estimated 
approximately from the slope for clean sands and gravels where samples can 
be secured, by making mechanical analyses and determining the average 
effective size of the material; but such calculations, based upon conditions 
largely unknown, are to be used with caution. The formula for the flow of 
water through sand is given in Art. 11. 

Measurement of the Velocity of Flow of Ground Water. The actual 
_ velocity of ground water may be measured by introducing a solution of salt 
into one of two wells and noting the time required for its flow to the second 
well, the time being determined by making frequent analyses of the water. 
A more accurate method is that of Professor Slichter, who used an electrical 
device by which the conductivity ‘of the water in the lower well and in the 
ground between the two wells could be.determined. Ammonium chloride 
or some other electrolyte was placed in the upper well and the time required 
for it to flow to the lower well was determined by noting the increase in con- 
ductivity of water. Ground water in sandy soils often has a velocity of 5 to 
10 ft. per day, although velocities of 50 ft. or more per day are not unknown. 
The deep-seated water found in underlying rock often moves with extreme 
slowness. In some cases calculations have shown the velocity to be as small 
as 10 ft. per year. 

Quantity of Underground Flow. The quantity of underground flow is 
obtained by multiplying the velocity by the area of the cross-section under 
consideration and by the percentage of voids in the material. These usually 
are from 30 to 40% in natural gravels and somewhat less in sandstones. 

Flow of Water into Wells. If a well is sunk into the ground water and 
pumped, the surface of the ground water adjacent to the well will be depressed 
and assume a form similar to that shown in Fig. 5. 
The shaded area is commonly called the cone 
of the depression, and the area within which the 
water table is appreciably affected is termed the 
circle of influence. If pumping were continued 
and the ground water received no acquisitions, the 
circle of influence would widen without limit. 
Usually a ground water has a natural slope and a 
flow in a definite direction, so that, when the circle bearing || stratum 
of influence has broadened until the ground-water 
flow tributary to the area equals the amount of 

water pumped, a condition of equilibrium is ob- @@eeseez 
tained. The curve assumed by the water table Impervious Rock 
near the well is parabolic in form. Formulas have Fig. 5. Ground Water 
been worked out to show the relations existing 
hetween the various elements of the problem, but they are valuable chiefly as 

TT 
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indicating relative conditions caused by drawing down the water table to 

different depths. They cannot be depended upon to determine with any 

degree of accuracy the capacity of a well or the radius of the circle of in- 

fluence, except in special cases where unusual attempts have been made to 

determine the values of the constants involved. 

Interference with Wells. Wells placed in the same stratum near together 

mutually interfere according to the size and spacing of the wells, the radius 

of the circle of influence and the lowering of the ground-water table. As an 

illustration of this interference Slichter has given the following example. 

If in place of a 6-in. well that has a radius of the circle of influence of 600 ft., 

and a lowering of 10 ft. in the water table by pumping, there were two 6-in. 

wells 200 ft. apart, the yield of each would be 85% as much as a single well, 

while if there were a number of wells 100 ft. apart the yield of each would be 

only about one-third as much as that of a single well of same size. 

Tests of Wells are frequently carried out by putting down test wells and pumping 

them for a limited period. Such tests have little value beyond showing the pervious- 

ness of the material about the test well. If there is water in the underground reservoir, 

water can be pumped at any rate at which the well is capable of taking it from the 

reservoir as long as the supply lasts. This may be a day, a week, a year, or perma- 

nently, according to the supply. Actual use through dry periods is usually the best 

test. Wells extending below sea level, as on Long Island and in New Jersey, may 

draw fresh water in excess of their permanent capacity for several years, while sea 
water is gradually filling the voids previously occupied by the fresh water. 

Yield of Ground Water. The yield of ground-water collecting works de- 

pends upon the size of the catchment area, the rainfall, percolation, etc., and 
also upon the efficiency of the devices employed for collecting the flow. The 
conditions governing the amount are the same as those governing surface flow 
with storage. It is always difficult and frequently impossible to estimate 
the amount of underground storage utilized by the works and for this reason 
close estimates of yield can seldom be made. Where the underground storage 
is very large, as on Long Island, a development as high as could be obtained 
from corresponding surface sources is secured and in that case a yield of 
900 000 gallons per square mile per day is obtained. 

Conditions on Long Island are exceptionally favorable for the collection of ground 
water. In other localities where the rainfall is the same the safe yield might not amount 
to 500 000 gallons per day per square mile. In some parts of the country the safe 
yield is as low as 100 000 gallons per day per square mile. It is seldom that more than 
about 3 million gallons per day can be economically obtained from sand or sandstone 
at any one place, and often the limit is as low as one million gallons or less. When 
larger quantities are required it is customary to have several stations with pumps 
operated separately or by power transmitted from a central station. 

Temperature of Ground Water. One of the advantages of a ground water 

supply is its cool and equable temperature. In the case of ground water 
found in the drift the ordinary temperature of the water is usually not far 
from the average temperature of the air in the same place. 

5. Wells and Pumping 

Ground water is made available for public water supplies by large dug wells, driven 
wells, infiltration galleries, and springs. There are three principal types of driven 
wells, that is, shallow, tubular wells; deep, bored wells in soft material; and rock wells. 

Wells of Large Diameter. The chief advantages of the well of large diam- 
eter are, the storage that it affords and the possibility of placing the pumps at a 
low level and short suction pipes. The effect of the size of the well on the 
yield is comparatively small. Large wells are useful where the pumping 
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is variable and especially in cases wheré the ground water flows through fine 
material with low velocity. Dug wells avoid the clogging that occurs in 
driven wells located in iron-bearing sands. As the cost of large wells increases 
rapidly with the depth, they are seldom made more than 50 ft. Large wells 
vary in diameter up to 50 or 100 ft. They are commonly lined with brick, 
concrete, or masonry, openings being left for the entrance of water. They 
are covered to exclude light and dirt. The capacity of large wells is some- 
times increased by driving small wells or galleries horizontally into the 
ground, or by sinking vertical wells in the bottom of the large well. 

Shallow, Tubular Wells. The ordinary driven well consists of a wrought- 
iron or steel tube, 2 to 8 in. in diameter, with a strainer near the bottom. It 
is forced into the ground by a hammer or by the use of a falling weight or with 
the aid of a jet of water carried through a small pipe to loosen the material in 
advance of the point. The strainers may be merely holes or slots in pieces of 
brass pipe, or larger holes in the pipe, covered with brass gauze. Porcelain 
strainers and tile wells also are used. The use of different metals in a strainer 
is objectionable, as it gives opportunity for galvanic action, causing corrosion 
-and clogging. The size of the openings must be adjusted to the texture of the 
soil. They must be small enough to prevent the entrance of any large quan- 
tity of sand but large enough to reduce the entrance velocity to a point where 
the friction will not be excessive, that is, less than about 0.2 ft. per second. 

Tube wells usually afford only a limited space for the entrance of water, 
and as the rate of flow, depending upon the fineness of the material, is usually 
slow, a great number of wells must be used to obtain a considerable supply 
of water. It is common to connect such wells up in batteries extending in 
lines across the valley or strata from which water is to be obtained. 

Three methods of connecting up such batteries of wells may be mentioned. 
First, direct. connections; where the tops of the wells are connected with a 
suction pipe laid on the surface of the ground or a short distance below it, 
extending to the suction end of the pump. This method of connection is 
common, but with it any air that leaks into the wells and to the suction pipe is 
carried to the pump and must be handled with the water and frequently 
interferes with the operation of the pump, and any fine sand that enters the 
well with the water is also carried forward to the pump, and if a reciprocating 
pump is used it scores and wears the moving parts and its efficiency is rapidly 
destroyed. In the second or siphon method, independent suction pipes 
are run down inside each well. For instance, 4-inch suctions are used in 8-in. 
wells. The suction pipes must be carried below the lowest level from which 
water is to be drawn. The suction pipes are connected to the main suctions 
outside the well, and the best arrangement is to carry that pipe to the bottom 
of a large receiving well near the pumping station as Fig. 6. The pipe then 
acts as a siphon, and is limited in its draft to about 25 ft. The suction pipe 
must be graded to a summit just outside this well and the air that would other- 
wise accumulate at this point must be removed by an air pump. The sand is 
carried into the large suction well and deposits on its bottom. The pump suction 
in the large well draws water free from both air and sand. The third or pumping 

method may be used where the material is deep and coarse enough to permit 
fewer and larger wells to be used. A centrifugal pump with vertical shaft is 
placed in each well. Such pumps have the motors above the surface of the 
ground with long shafts reaching to the pumps below the lowest water in the 
well and throw water to the surface where it may be carried off under pressure 

to storage tanks or to a central pumping station. This method in general is 
not applicable to wells in fine-grained materials, but may be extended some- 



1460 Collection of Water Sect. 14 

what to finer materials by the use of larger wells surrounded with specially 

prepared material brought in or put around the well as it is placed, or 

prepared from the natural material by a construction pump introducing a 

strong back and forth current which churns out the finer material and leaves 

the well surrounded with only the coarser parts of the natural material. 

Suction lines for wells on either the first or second system must be made 

and maintained air-tight and the joints must be made more carefully than are 

required for ordinary water pipes. Flange pipes with rubber or other com- 

pressible gaskets have been widely used. In other cases bell and spigot joints 

have been made tight by the use of lead wool, which has the advantage over 

poured lead in that the whole mass of the joint may be calked and made tight, 

as distinguished from a poured joint where the influence of calking only 

extends back a quarter of an inch or so, leaving a small annular space which 

will be certain to leak after the 1/4in. tightened by calking has been loosened 

by a number of small movements due to temperature changes or settlements. 

Conditions of obtaining underground water vary greatly in different parts of 

the country and it is not possible to lay down general rules that will apply in 

all cases. Many cases are found which seem to differ widely from what may 

be regarded as usual over average practice. 

Deep, Bored Wells. Deep wells in soft material are bored. The loosened 

material is brought up by the use of a water jet or sand bucket; such wells 

are usually cased. Wells are bored in rock by the use of a cutting drill which 

is raised, revolved, and let fall with a blow. Where strict artesian conditions 

prevail a casing is put down to the impervious stratum. 

Infiltration Galleries. Infiltration galleries are closed conduits of masonry, 
wood, iron, brick or vitrified pipe, laid with numerous small openings to allow 
the inflow of water. They serve the double purpose of collecting the ground 

water and conveying it to the pump well. To prevent the entrance of fine 
material through the openings the latter are surrounded on the outside with 
graded gravel and sand. Infiltration galleries are placed at right angles to the 
general line of flow of the ground water, although sometimes they are placed 
near the shores of streams. In the latter case, as the bed of the stream 
is generally covered with silt, the greater proportion of water is derived from 
the land side. The attempt to use the bank of the stream as a filter 
and collect the stream water in a filter gallery beside it has been frequently 

attended with failure. 

Pumping is required to utilize most ground waters. It is possible to lift 
water by a suction pump not more than 25 ft., and special effort should be 
made to locate the works so that water can be obtained without more than 

this amount of suction. 

An air pump on the suction pipe frequently facilitates pumping with high lifts and 
long suction lines. An air chamber is placed on the suction just before connection is 
made with the pump, and the air that leaks into the system is separated and removed 
by an air pump, so that the main pump always draws water without air. 

A Deep-well Pump is a small pump of peculiar construction lowered 
through the pipe to the bottom of the well and operated by a connecting rod 
reaching to an engine above the surface of the ground. 

A Screw Pump is a screw propeller, or a series of them, placed in the pipe 
and lifting the water in the well by being revolved rapidly, motive power being 
applied to the shaft above the surface of the ground. 
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The Air Lift is a process of taking water out of wells by the pressure of com- 

pressed air. The well is extended in depth to a considerable distance below 

the water level. Compressed air is carried to the bottom of the well through 

a small pipe and allowed to escape. The air mixes with the water in the dis- 

charge pipe, which must not be too large in diameter. The column of mixed 

material is lighter than solid water, and it becomes higher in proportion until 

water mixed with air overflows at the surface into a separating device. 

All three of these means of getting water out of deep wells are of very low efficiency 

from a mechanical standpoint. The expense of lifting water from wells 30 to 50 ft. 

deep frequently exceeds the cost of pumping it afterwards against a much higher lift. 

Hardness is common in ground waters. Waters obtained from sands and 
gravels free from lime, as in New England, Long Island, and parts of New 

Jersey, are soft. The glacial drift from central New York westward con- 

tains lime, and waters obtained from it are hard. The hardness depends. 
more upon the fertility of the overlying soil than upon the amount of lime 
in the sand, because rich soil produces carbonic acid, which is taken up by the 
water as it passes through the soil and this promotes the solution of lime. 
Waters from limestone rock are always hard. 

Among the largest ground-water supplies in the United States may be mentioned 
the Brooklyn Works, and other supplies upon Long Island for suburbs of New York, 
and the works at San Antonio, Houston and Galveston, Texas; Memphis, Tenn.; 
Lowell, Mass.; Camden, N. J.; Jackson, Michigan; and Jacksonville and Miami, 
Florida. Ground-water supplies have advantages for small works and a large majority 
of all public supplies are of this character, although the aggregate amount of water 
produced is much less than from surface supplies. Ground-water supplies are also 
largely used by industries and for domestic purposes. 

6. Tests for Potable Water 

Sanitary Inspection. No surface water is entirely without danger of infec- 
tion. The closer the proximity of the source of pollution to the intake of the 
waterworks, the greater is the danger, although it is a question of time of 
flow rather than distance of flow. The population on catchment areas may be 
classed as, urban (population above 4000 per sq. mile), village (population 
between 4000 and 1000), and rural (population below 1000). The figures are 

best expressed in population per square mile of drainage area as above. 

Sanitary regulations for the prevention of contamination of water supplies are in 
force in many states. The guiding principle should be: to make the sewage pass 
through the ground and not over the ground, and if this cannot be done, to remove it 
from the catchment area or purify and disinfect it. In considering the danger of 
privies located in proximity to watercourses, the character of the soil and the slope of 
the surface should be taken into account, and also the method of cleaning. Cases of 
typhoid fever or dysentery existing on a catchment area should receive special consid- 
eration. 

Water Analysis. A complete water analysis consists of four sections, 
physical, chemical, bacteriological, and microscopical. The standard meth- 
ods of analysis are given in ‘‘ Standard Methods for the Examination of Water 
and Sewage,” American Public Health Association. (Fourth Edition may 

be obtained from the Secretary of the A. P. H. A., Boston, Mass.) The 
standard method of expressing the results of chemical analysis is in parts per 
million by weight, which is practically equivalent to milligrams per liter. 
To change such results to “‘ parts per 100 000,” divide by 10; to “ grains per 
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U.S. gallon,” divide by 17.1; to “ grains per Imperial gallon,” divide by 14.3. 
Bacteria and microscopic organisms are expressed in ‘number per cubic 
centimeter.” The expression “degrees of hardness” usually refers to 
“grains per gallon.” Degrees of hardness on Clark’s scale are “ grains per 
Imperial gallon.” On account of the variety of conditions there are no ac- 
cepted standards of purity to either chemical or bacteriological analysis. 

Samples of Water for physical, chemical, and microscopical analysis should be col- 
lected in clean, glass-stoppered bottles holding two quarts or a gallon. Bacteriological 
examinations demand special sterilized, glass-stoppered bottles holding at least two 
ounces. Bottles may be sterilized by heating in an oven for one hour at 160° C. 
Bacteriological examinations must be ordinarily made within six hours after collection, 
and the sample must be packed in ice for transportation. Tests for gases, such as 
dissolved oxygen and carbonic acid, should be made at the time of collection of the 
sample. Chemists usually prefer to furnish their own bottles. 

Turbidity is caused by clay, silt, microscopic organisms and other fine 
particles. A perfectly clear water has a turbidity of zero. Turbidities 
higher than 2 to 5 parts per million are noticeable in drinking water and are 
objectionable. Turbidities as high as 50 or 100 make a water ‘‘ muddy.” 
In the Mississippi River and elsewhere in the South and Middle West, below 
the region of the glacial drift, turbidities of 2000 or 3000 are not uncommon. 
The turbidity of a river varies more or less directly with the stream flow. 

The Standard of Turbidity is a water which contains 100 parts per million of silica 
in such a state of fineness that a bright platinum wire 1 mm. in diameter can just be 
seen when the center of the wire is 100 mm.-below the surface of the water and the eye 
of the observer is 1.2 meters above the wire, the observation being made in the middle 
of the day in the open air, but notin sunlight, and in a vessel so large that the sides. do 
not shut out the light so as to influence the results. The turbidity of such a water is 
100. For actual use a standard suspension is prepared from a diatomaceous earth, to 
contain 1 gram of silica per liter and have a turbidity of 1000. From it silica standards 
are prepared by dilution with distilled water. For turbidity readings below 20, gallon 
bottles of clear white glass are used and smaller bottles for higher turbidities. The 
turbidity of a sample of water is determined by comparing it with these standards, 
looking through the bottles sidewise and noting the distinctness of some object, such 
as a series of ruled parallel lines, seen through them, or looking at a black surface while 
standing with back to the light. 

For field use the U. S. Geological Survey turbidity rod consists of a rod with a 
platinum wire, 1 mm. in diameter near the end, projecting at right angles about one 
inch. At the other end of the rod, at a distance of 1.2 meters (about 4 ft.) is placeda 
wire ring through which the observer looks when making the examination. The rod is 
graduated, so that the distance from the wire to any mark indicates the turbidity when 
that mark is at the water surface and the wire just disappears from view. This gradua- 
tion is determined by experiment. 

The Color of water is caused chiefly by organic matter derived from de- 
cayed vegetation. Swamp waters are usually high colored. Ground waters 
are usually colorless. The color of the water in large lakes is usually below 
10. River waters are colored in proportion to the area of swamps on the 
catchment area. If the color is as high as 20, water will look unsightly in a 
porcelain bathtub or in a glass on a white tablecloth. Higher colors are objec- 
tionable and warrant purification of the water. 

Color is Measured by comparing the sample of water with artificial standards by 
dissolving platinum and cobalt chlorides in distilled water. The unit of color is that 
produced by one part per million of metallic platinum. In the field the glass disk 

method of the U. S. Geological Survey is used. Disks of colored glass, standardized 

against the platinum solution, are placed at the end of a metallic tube, comparison 

being made with the sample placed in a similar tube. 
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Odor. Fishy, grassy, and aromatic odors are caused by microscopic organ- 

isms such as Asterionella, Anabena, Synura, and are due to oily secretions. 

Moldy and musty odors are due to decomposing organic matter. Peaty 

odors are due to the same substances that give water its color. Ground 

waters sometimes have sulfurous odors, due to dissolved gases. 

Hardness is caused by carbonates, sulfates, and chlorides of calcium and 

magnesium. Hard water destroys soap. It has been estimated that the 

loss due to waste of soap for domestic purposes amounts to ten cents per 

million gallons for each part per million of hardness. This is based on aver- 

age conditions and a use of 100 gallons per capita daily. A hardness of ten 

parts per million is practically unnoticeable, and it requires a hardness of 20 

or 30 parts per million to produce curdling with soap. Water may be called 

hard if the hardness is above 100; very hard, if above 200; and excessively 

hard, if above 300. Hardness is due to the solvent action that water contain- 

ing carbonic acid has on soil containing lime. Sewage pollution increases 

hardness. For temporary hardness see Art. 7. 

Chlorine in water represents salt and may be due to sewage pollution, or 

to proximity to the sea, or, in the case of deep wells, to deposits of salt. The 

normal chlorine in waters decreases from the seacoast inland, and normal 

chlorine maps have been prepared by the U. S. Geological Survey for New 

England, New York, and New Jersey. Sewage pollution is indicated by 

excess above the normal. If the chlorine exceeds 15 or 20 parts per million 

it is apt to cause corrosion in boilers and plumbing fixtures. Chlorine is not 

removed by filtration or by any artificial process. 

Iron in water is apt to cause trouble if present in quantities of more than 0.3 to 0.5 
part per million. It is usually present as carbonate or hydrate, occasionally as sulfate, 
and often in organic combination. Manganese causes similar trouble but is less 

common. 

Dissolved Gases. Carbonic acid is exceedingly soluble in water, but is easily 
reduced in amount by exposure to the atmosphere. Oxygen also dissolves readily in 
water, but the amount that can be present depends upon temperature and pressure. 
In winter waters normally contain nearly twice as much dissolved oxygen as in summer. 

(See Art. 3.) 

Microscopical Examinations are required in studying the algae and protozoa in con- 
nection with the subject of odors. The method is in general that of concentration by 
filtration through a small sand filter in a glass funnel and examination of the concen- 
trate with a microscope that magnifies about 100 diameters. Special cells are required, 

but the operations are not difficult. 

Bacteriological Examinations require special methods and the use of 

sterilizers, incubators, and delicate pieces of apparatus. Several days are 
required for making the tests. The reports usually give the number of 

bacteria per cubic centimeter and state the presence or absence of the colon 
bacillus (B. coli) in 0.1, 1.0, and 10.0 cu. cm. of the sample. 

Ground waters contain very few bacteria, seldom more than 100 percu.cm. Surface 
waters often contain bacteria in large numbers, several hundred and sometimes many 
thousands per cubic centimeter. In silt-bearing streams the numbers vary approxi- 
mately with the turbidity. Pollution generally causes an increase in the number of 

bacteria. Lake waters generally contain fewer bacteria than river waters. Most of the 
bacteria found in water are probably harmless. High numbers, however, are objection- 
able, because among them some objectionable species are more likely to be present. 
Filtered waters contain few bacteria, and the reduction in the number of bacteria by 
filtration is commonly taken as an indication of the efficiency of the process. The germs 
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Hardness of Water Supplied in American Cities 

Tests for Potable Water 

(Parts per million) 

In- 

crus- 
linity aahis 

Albany;.N. ¥20ect .2. 25 
Akron, Ohio. ...2.:-- 30 
Baltimore, Md....... 9 
Birmingham, Ala.....}.....]..... 
Boston, Mass....5.0:.)..... 

Baidreport; Connes. 5s eae bdeso ve 
Buffalo, N. Y........ 20 
Cambridge, Mass..... 
Chicago, BI: (oo. 
Cincinnati, Ohio...... 

Cleveland, Ohio 
Columbus, Ohio (After 

softening) 
Dayton, Ohio 
Denver, Colorado 
Detroit, Mich 

Grand Rapids, Mich. 
(After softening).... 

Hartford, Conn 
Indianapolis, Ind 
Jersey City, N: J..... 
Kansas City, Mo..... 

Los Angeles, Calif. 
(Old supply) 
(Owens River) 

Louisville, Ky 
Lowell, Mass 
Memphis, Tenn 
Milwaukee, Wis 

Minneapolis, Minn... 
New Haven, Conn.... 
Newark, N. J 
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In. 
Alka~ crus-|Total 
linity tants 

New Orleans, La. (Af- 
ter softening)..... 41 27 68 

New York City: 

Croton. co 4.. 05: 30 10 40 
Catskill). 2s. bonsie 7 9 16 

Norfolk: Vives « oreiesl: 5 7 57 
Oakland, Calif.: E. B. 

Waters. 524.084 140 45 | 185 

Omaha, Neb......... 149 76 | 225 

Paterson, N. J., E. Jer- 

sey Water Cow; o.. 21 19} 40 
Philadelphia, Pa.: 

Schuyiktl 72 < cotese.- 41 59 | 100 
Delaware-.,......| 24 24] 48 

Pitisburgh; Pa. }>; -): 25 25" 1-50) 
Portland) Ore! 3h8 2 eae al 10 
Providence, R.I..... 5 10 15 

Reading, Pa......... 79,1, 23.1. 93 
Richmond, Va....... 41 9)" 50 
Rochester, N. Y....;. 58 4] 62 
St. Louis, Mo. (After 

softening)......... 47 49 96 
St. Paul, Minn...... 162 1274 

San Francisco, Calif., 
S. Via Water iCot nd. ee 7 154 

Seattle, Wash. . 14.34 a lattes ole ccbae 14 
Spokane, Wash.......] 117 30 | 147 
Syracuse, N. Y.......] 91 3 94 
Toledo, Ohio.,....... 146 | 68 | 214 

Wilkes-Barre, Pa., S. 
ae water Oeste 13 7 20 

Washington, D.C....} 62 10 72 
Worcester; Mass (SiS nots sia, 12 
Wilmington, Del.....].....Jo0... 60 

of typhoid fever, Asiatic cholera, dysentery, etc., may exist in water, but there are no 
reliable methods for detecting their presence, although certain recent methods are prom- 
ising. 
inhabitant of the intestines of man and warm-blooded animals. 

The bacillus coli communis, commonly referred to as B. coli, is a constant 
It can be detected 

in water with comparative ease, and its presence is often taken as an indication of 
fecal contamination. 

The Typhoid Fever Death Rate of a community is the number of deaths per year 
from typhoid fever per hundred thousand. In cities possessing satisfactory water 

supplies the rate is not often above 10, but typhoid fever is carried in other ways, and 
higher rates with good water sometimes occur. The substitution of a filtered water, 
or other pure supply, for a polluted water usually reduces the typhoid fever death rate. 
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7. Water for Boilers 

A Steam Boiler requires good water as much as it does good coal. Bad 

boiler waters cause corrosion, scale, foaming, overheating, and leaks, resulting 

jn loss of heat, increased labor of attendance, increased cost of operation 

and repairs, a shortened life of the boiler, and increased danger of explosion. 

All natural waters are more or less corrosive. Magnesium chloride and other 

salts cause corrosion, especially when concentrated in a boiler. Galvanic 

action sometimes causes corrosion. Local corrosion is termed “‘ pitting ” 

or “ grooving.” 

Boiler Scale is formed by the precipitation from the water of the carbonates 

and sulfates of calcium and magnesium, together with smaller amounts of 

other salts and suspended matter. Calcium carbonate is quite insoluble 

after its extra molecule of carbonic acid has been driven off by heat; calcium 

sulfate becomes almost insoluble above 250° F.; magnesium carbonate is 

changed to magnesium hydrate and precipitated. Besides these, boiler 

scale often contains iron, silica, alumina, organic matter, etc. Carbonates 

often separate as soft mud which is comparatively unobjectionable; they may 

also form a hard scale. Sulfates always form a hard scale. Calcium sulfate 

precipitates in a compact, crystalline form, removed by hammering and 

chipping. It may happen that different kinds of scale occur in the same 

boiler, due to the different temperatures of the sheet in different parts and to 

the circulation of the water. The scale in the tubes is often different from 

that on the sheets. 

Hard Waters invariably form scale, and comparatively soft waters may 

also do so if the boiler is used too long without being emptied. Concentrated 

soft. waters are almost as bad in their effects as water naturally hard. The 

greater the hardness, however, the more troublesome the waters. Foaming is 

caused chiefly by an excess of alkaline salts, which cause the water to form 

suds, as if soap had been added. This makes a boiler unmanageable and 

affects the quality of the steam. If grease is present in the water the sludge 

or scale may become very sticky. In this condition it adheres tenaciously to 

the plates and causes overheating, which usually occurs in spots. 

The care of a boiler has very much to do with the effects of hard waters. The 

frequent blowing off of a boiler tends to reduce the amount of sludge, and to that extent 

is advantageous, but in the process of blowing off only a part of the water is removed. 

Better results are obtained by allowing the boiler to cool, emptying it and cleaning it 

if necessary. Corrosion due to gases can be eliminated to some extent by allowing a 

thin scale to form in the boiler. 

Boiler Compounds are often employed as a remedy and have their legiti- 

mate use. In serious cases of acid corrosion, lime or caustic soda may be used 

with advantage. Nothing will effectually prevent the precipitation of calcium 

carbonate, but the use of soda will cause some of the calcium sulfate to settle 

as carbonate instead of sulfate, thus making the character of the scale less 

objectionable. To prevent adherence of the scale to the boiler shell many 

substances have been used, such as potatoes, kerosene, and all sorts of nos- 

trums, organic and mineral. Most of these are practically worthless. Of 

the boiler compounds more commonly sold none have given more general 

satisfaction than those which have soda and some form of tannic acid as 

primary constituents. Tannic acid has a slight action on the iron of the boiler, 

and is reasonably efficient in preventing scale from sticking, while if properly 

used its action on the iron is not serious. 
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One gallon of hemlock extract with two gallons of water and three pounds of soda 
ash forms a good compound. Hemlock extract costs from 3 to 5 cents a pound in 
barrel lots and soda ash costs less than 2 cents a pound. Tri-sodium phosphate is also 
used with excellent results with many waters. 

Chemicals for Water Softening. The following table gives the number 
of pounds of commercial lime (85% available) and soda ash (58% Na2O) 
which are required to remove each part per million of the substances men- 
tioned in the first column from one million gallons of water. : 

Lime Soda ash 
Lp Coens STAT te Ba ee iseeorennieas 12.5 
Pree salfirric acid (AS PesOp. ste cc ce kets esses 9.03 
Alkalinity-(in terms of CaCOs). .....0006 ce 5x5 
Wncrictaniaian terms OF CACOSs) 6. so is.s\s 00.00.0006" « 8.85 
Magnes BE eos’ on ap os « eb eteke s hoitisieLacchete nee 22.9 

Temporary Hardness is that part of hardness (Art. 6) due to carbonates. 

It produces scale in boilers, but is.partly removed by boiling, so that treating 
~ the water before it goes to the boiler reduces the amount. In most waters 

the temporary hardness is equivalent to the “ alkalinity.”  Sulfates and 

chloride of lime and magnesia produce hard scale in boilers and are not 
removed by boiling. They comprise the permanent hardness, or incrustants 
and ordinarily are equal to the difference between the alkalinity and the total 
hardness. For purposes of water softening it is necessary to know the total 
hardness, the alkalinity or acidity, the amount of magnesia, and the free car- 

bonic acid. 

Red Water Troubles. This term is used to designate the troubles that grow 
out of distributing water that corrodes iron. The red water is caused by the 
iron which is first taken into solution by the water and afterwards deposited 
by oxidation. Waters that do this are called active. Active waters also - 
attack lead pipes and may poison those who use water drawn through them. 

Active waters may be made quiet by a number of methods, among them 
removal of free carbonic acid by aeration and treatment with caustic soda, 
soda ash or lime to neutralize acids and increase alkalinity. 

Hard waters in which the hardness is largely alkalinity or temporary hard- 
ness are usually quiet even if they contain considerable free carbonic acid, 
while soft waters of low alkalinity are active even with minimum quantities 

of free carbonic acid. ; 

Soft waters that are yellow from swamp drainage are especially active by 

reason of organic matter and acids. Such waters require coagulation, filtra- 

tion, aeration and frequently a lime treatment, which make them harder but 

less active. 

The “ pH ” value of a water represents the composite effect of its acid and 

alkaline constituents, both mineral and organic. It is easily determined by 

the use of special equipment and in conjunction with knowledge of alkalinity 

and free carbonic acid serves to indicate corrosive properties. 

To be completely quiet waters with alkalinities below 50 p. p.m. must have 

a pH above 8 which requires practically complete elimination of carbonic 

acid. With higher alkalinities waters may be quiet with lower pH values and 

some free carbonic acid. The pH, however, must remain above 7 to be quiet 

with alkalinities as high as 300 p. p. m. aby 

Soft waters relatively free from carbonic acid are actually distributed by 

many water works plants with pH values of about 7, and while not entirely 
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quiet some activity is tolerated in preference to a further increase in hardness. 

Values below 7 are undesirable in all cases. This is a relatively new subject. 

Conditions are improving and there is room for further improvement. 

PURIFICATION OF WATER 

8. Auxiliary Processes 

Water Purification is frequently spoken of as “ filtration,” but the processes 

employed are much broader than are properly covered by the word “ filtra- 

tion,” and include such auxiliary processes as aeration, straining, coagulation, 

disinfection, and sedimentation. 

The Capacity of purification works must be sufficient to meet the requirements at 

the maximum rate of use, and it is usually necessary to provide reserve parts so that 

the full supply may be maintained while cleanings, repairs, etc., are carried out. Asa 

general rule the capacities of purification plants should be 50% greater than the greatest 

expected annual rate of use, but the ratio varies according to circumstances. 

Aeration consists in bringing water into intimate or violent contact with 

air for the double purpose of introducing oxygen and of removing objection- 

able gases. Aeration is used as a preliminary treatment in all cases where 

oxygen is deficient in the raw water. Oxygen is very easily introduced. 

Water falling in drops through a height of two or three feet will take up more 

than half the quantity of oxygen that it will take up by the fullest exposure. 

The fall of water over a dam, or the play through a jet of a fountain, will serve 

to fully aerate it as far as introducing oxygen is concerned. 

More vigorous aeration is required to remove the gases or substances that produce 

tastes and odors resulting from the growth and decay of organisms in quiet water in 

the light. Sufficient aeration greatly reduces or removes these tastes and odors. 

There are many kinds of aerators, but those that throw the water upward through 

numerous small jets are most efficient. For raw water the jets must not be so small 

as to clog rapidly and must be arranged to be easily cleaned. The best dispersion is 

obtained when the water is revolved by guides as it approaches the jet. The spacing of 

the jets must be arranged to properly disperse the water so that it will have ample 

contact with new air. Two types of aerator that have been successful are shown 

in Fig. 7. 
Filtered water is sometimes aerated to remove carbonic acid and tastes and odors. 

Effluent aerators are not subject to clogging and may have more numerous and smaller 

jets. In some recent designs effluent aerators are combined with filter regulators 

arranged to use for aeration that part of the necessary maximum head not required 

at the moment. 

Screens are used for removing dead leaves, sticks, etc. Stationary inclined 
screens raked off at intervals are most commonly used. Revolving screens 
of various types are used for closer screening. Screening through brass wire 
cloth with as many as 60 meshes per inch is used in paper mills. Screening 
as a preliminary to filtration is advantageous within certain limits, but close 
screening is unnecessary. 

Coagulation consists in the addition of some substance to the water that 
reacts with substancesin the water, producing a flocculent precipitate which 
surrounds minute suspended particles in the water and draws them together 
into aggregates that can be removed by subsequent processes which would 
not serve to remove the individual particles. Coagulation is an essential 
part of the treatment of (1) all waters containing large amounts of very finely 
divided mineral matter, or turbidity, and (2) all waters highly colored by 
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vegetable stain. It is also frequently used for other waters, but is not neces- 

sarily essential. 

Dry Feed. Coagulants were formerly dissolved, making standard solu- 

tions which were fed through adjustable orifices at the desired rates. These 

devices have been mainly replaced with dry feed machines in which the pul- 

verized coagulant is fed by controlled screw feeds or other devices at the 
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desired rate into a dissolving chamber through which an unmeasured quantity 

of water flows on its way to mix with the main body of water. 

Sulfate of Alumina, commonly called alum, is the most widely used coagu- 

lant. It is clean to handle, easily dissolyed, and efficient in its action. It 

requires lime or other alkalinity to decompose it. In most cases sufficient 

lime is present in the water treated. Otherwise lime or soda ash must be 

added. The approximate quantities of sulfate of alumina (17% Al2Oz) re- 

quired to coagulate waters of various degrees of turbidity and color, and the 

alkalinity required to react with them are given in the table on p. 1470. 

Ferric Salts have sometimes been used as coagulants. They are nearly 

equivalent in action to sulfate of alumina but less convenient to apply and 

have been used much less widely. 

Ferrous Sulfate or Copperas is extensively used as a coagulant for hard 

waters. It is cheaper than sulfate of alumina and equally efficient in removing 

turbidity, but requires a more alkaline water. For this reason it is always 

necessary to use lime in connection with it, and the amount of lime must be 

closely adjusted to the chemical condition of the water. 

Copperas cannot be successfully used except with adequate chemical supervision. 

The process is therefore preferred principally in large plants where continued close 

expert supervision can be given. By a judicious regulation of the amount of lime it is 

possible to partially soften hard waters by this treatment. . 

Softening. Water is softened for municipal use by two processes: first, 

conversion of incrustants to temporary hardness by treatment with nine 
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Alkalinity 

necessary for 
reaction, 

p. p. m. 

Different kinds of turbid- 
ity and color vary consider- 
ably in the amounts of coag- 
ulant that they require, so 
that figures varying consid- 

0 0. erably from the above aver- 
50 i age will be found. Deep 

100 £. reservoir waters containing 
200 1. iron in solution are more 
300 2. easily coagulated. It is well 
500 Jp to keep the alkalinity of the 
700 a treated water as high as 10 

1000 Bis or 12 parts per million to 
1500 3. guard against corrosion of 
2000 4, metals. 

At some large filter plants 
alum is manufactured from 
bauxite. 

mn eRe 

pounds of soda-ash per million gallons for each part of incrustants to be con- 
verted, This is a relatively expensive process often omitted and seldom car- 
tied to completion. 

Second and more important, temporary hardness or carbonates are removed 
by adding lime to the water, followed by mixing and agitation and by settling 
and filtering. The added limé takes up the carbonic acid, which holds the 
lime in the water in solution, and the added lime, together with that in the 
original water, is precipitated. This is known as the Clark process. Some 
of the magnesium is also precipitated under favorable conditions. The dose 
of lime is in proportion to the carbonic acid and does not bear a quantitative 
relation to the softening effected. A small amount of coagulant aids and is 
usually added. 

Water that has been softened by lime must be recarbonated to restore the 
natural balance of lime and carbonic acid before filtration and use. Products 
of combustion are cleaned by washing with water in a coke tower and then 
passed through the water before filtering. Otherwise the filter sand “ grows,” 
that is to say, the sizes of the grains are increased by deposits and there are 
objectionable deposits of crystalline calcium carbonate in valves, water 
meters, and other parts of the distribution system. : 
Among important municipal softening plants may be mentioned those at 

Grand Rapids, Mich., Columbus, Ohio, and Tampa and Miami, Florida. 
Partial softening is also carried out with lime treatments of river waters at St. 
Louis, New Orleans and elsewhere. Many railroads have softening plants for 
their locomotives. Ywavie 

Softening water by lime under certain conditions results in Sterilization of 
the water. The results are fully equal to those obtained with chlorine and 
no other treatment is necessary where lime is used. ° 

The cost of softening with soda-ash and lime is more expensive than ordi- 
nary filtration. At Columbus, Ohio, the operating costs are about $20 per 
million gallons for a reduction of 200 parts of hardness, or about 10 cents per 
million gallons for each part of hardness removed, 

The zeolite process consists in passing hard water through a material that 
has the capacity of temporarily absorbing the hardness from the water. The 

=| 
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material is regenerated by passing a salt solution through it. Almost com- 
plete softening can be obtained. The process is too expensive for municipal 
plants, but is frequently advantageous for boiler feedwater, water for laun- 
dries, and in hotels or houses for water for domestic purposes. 

Disinfection consists in the addition to the water of some substance to kill 
objectionable organisms in it, which substance must be so adjusted as not to 
be injurious in the other uses to which the water is put. 

Liquid Chlorine. Chlorine gas furnfShed liquefied in steel cylinders has 
come into general use as a sterilizing agent. It has completely displaced the 
hyperchloride of lime previously used for the same purpose and is so cheap 
and satisfactory that the rival processes of ozone treatment and ultra-violet 
rays have not found extended use. 

The chlorine is fed out through an automatic control apparatus, is dissolved 
in a relatively small quantity of water and this water is afterward mixed with 
the main flow. Gravity apparatus is best but it can be applied under pressure 
with special equipment. Chlorine may also be applied directly as a gas to 
the water by the use of so-called diffusers. Chlorine is very poisonous and 
destructive and the equipment is best placed in small rooms having an outside 
door only, entirely separated from other parts of the waterworks plant. 

Water after being mixed with the chlorine should be kept by itself as in a 
pipe or compartment or a reservoir for 15 minutes or more during which the 
chlorine has a chance to act upon the water without dilution. If the treated 
water is at once discharged into a Jarge reservoir the effect is largely lost. 

The required dose depends upon various matters and especially upon the 
amount and character of the organic matter in the water treated. Organic 

matter absorbs chlorine and the dose must be sufficient to satisfy, first, the 

organic matter and afterward to leave an amount sufficient for sterilization. 

The size of the dose is determined by noting the excess of chlorine after the 

period of treatment and this is regulated to an amount shown by experience 

to be satisfactory under local conditions. 

Application of Chlorine to Raw Water. This is commonly practiced where 

no filtration is used. Excellent results have followed the use of chlorine 

where filtration was not practicable, but over-confidence in the method has 

sometimes led to unfortunate results. The sterilization is incomplete when 

the water is turbid or contains floating organic matter. A water ordinarily 

treated with success may occasionally change its character and fail to respond, 

as, for instance, at a time of the sudden rise of a river in a flood or the agitation 

of a lake by a sudden high wind. 

The application of chlorine to water before filtering is occasionally used. 

It requires a relatively large dose because of the impurities in the water. 

When used in advance of filters, tastes and odors resulting from by-products 

of the action of chlorine on certain impurities may be eliminated through the 

biological action in the sand beds, but an excess of chlorine will sterilize the 

filter sand and reduce its biological action with unfortunate results. In 

general, such application should be made only where there are large settling 

or coagulation basins between the point of application and the filters. 

Application to Filter Effluents where the raw water is polluted is almost 

universal. The filtered water receiving the chlorine has less organic matter 

than raw water and the amount is less variable, and the required dose is 

smaller and the action more efficient and reliable. 
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Tastes and Odors from Chlorine Treatment. Chlorine in itself has a 
taste and odor. If the water passes through reservoirs or long pipes after 
being treated and before being used it will tend to the elimination of chlorine. 

It is usually possible to operate satisfactorily. Some kinds of organic matter 
when present in the water form compounds with the chlorine having stronger 
and more disagreeable tastes and odors than were the original substances or 
the chlorine that is added. Phenol compounds in waste products of some in- 
dustrial establishments are incredibly potent and are not removed by ordinary 
filtration processes. 

Dechlorinizing Processes. A considerable excess of chlorine may be used 
to permit a stronger reaction and the excess afterwards removed by aeration 
to drive it off, or by the addition of sulfur dioxide or thiosulphate of soda to 

absorb it with the formacion of harmless products. These methods have been 
occasionally recommended for special cases but are not at present in com- 
mon use. 

Sulfate of Copper. Sulfate of copper is extensively and successfully used 
to kill algae and other organisms growing in the light in impounding reservoirs. 
The common method of application is to drag bags of the material through the 
water by boats until dissolved. It is also used to treat water in swimming 
pools. It is added continuously by dry feed to aqueducts or by immersing 

containers with a hole in the bottom to varying depths in flowing streams or 
inlets to reservoirs, the rate of solution varying with the depth of immer- 
sion. In reservoir treatment the chemical should be distributed as uniformly 
as possible by triangulation of the surface or by parallel paths first in one 
direction and then-at right angles. Large reservoirs (30 billion gallon reser- 
voirs have been treated) should be subdivided and the volume of each section 
determined and the chemical apportioned accordingly. Fast launches are 
used for such service. In the winter period it has been applied through holes 
in the ice, but distribution is difficult and considerable skill is required. 
Dosage depends upon the organism present which should be determined by 
microscopical examination since all forms are not amenable to treatment. 
Happily the taste- and odor-producing organisms are usually readily destroyed. 
Usual dosage varies from 1 to 3 lb. per million gallons. In absence of exact 
information 2 lb. is a safe quantity to use. Dosage in winter is usually double 
that required in the summer. Fish are rarely killed if the chemical is properly 
distributed and the organisms are not allowed to accumulate to heavy amounts 
before treatment. The treated water should not reach the consumer under 
two days, in order to allow the disagreeable odors produced by treatment to 
escape from the water. A distribution reservoir should be by-passed or 
turned out of service. If it has several days’ storage capacity, the upper half 
only may be treated and the treated water allowed to gradually displace the 
untreated. 

Attention is called to the increasing use of chlorination to control algae. 
Many of those forms not readily destroyed by copper sulfate succumb to 
chlorine. Particularly is prechlorination used to lighten the load on filter 
plants and lengthen runs, to prevent growths in sedimentation basins and 
swimming pools. Dosage varies from 0.5 to 1 or 2 parts per million. 

9. Sedimentation 

Sedimentation consists in taking water through basins in which the velocity 
of flow is reduced to a point that permits the heavier suspended matters to 
settle to the bottom by gravity. Sedimentation is widely used as a. prelimi- 
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nary process and is the cheapest way of removing those relatively large par- 
ticles that will settle out in a moderate length of time. Baffles consisting of 
light dividing walls separating one basin into parts through which the water- 
passes successively, increase the efficiency by preventing the partially cleared 
water from mixing with uncleared water. Too many bafiles increase the 
length of the horizontal courses and the velocity to a point where deposition 
of the finest particles is prevented. Cleaning is usually accomplished hy- 
draulically, by opening a gate and flushing out the sediment. To facilitate 
this, drains are built, and the whole battom slopes to them. Jets of water 
from hose are used to facilitate the movement. 

Sedimentation was formerly used as the principal process in clarifying 
water from many turbid rivers. Under the most favorable conditions the 
results reached fell short of present standards for public water supplies and 
sedimentation as an independent process has almost entirely disappeared. 
Sedimentation basins today are usually also coagulating basins and the 
determination of size and other conditions depends upon the time required 
for the chemical reactions to be completed. Chemical rather than physical 

conditions control, but a coagulating basin must also be a sedimentation 
basin, and if it is well designed for this it will make for better results in the 
process as a whole. 

Basins may be large open basins with masonry floors and walls, cut up 
into units to facilitate cleaning. Vaulted covers like those used for sand filters 
and reservoirs have the advantage of keeping out wind action which is occa- 
sionally disturbing. Natural basins of larger size are sometimes availed of. 

Time Required for Reactions. Some chemical reactions take place 
promptly when the chemicals are applied. In such cases moderate sized 
basins suffice. In other cases and especially in the coagulation of soft waters 
by aluminum sulfate a very considerable period of time may be required for 
complete coagulation. There has been a tendency to increase basin sizes for 
such waters. Basins holding several days’ supply work where those holding 
a few hours’ supply are unsatisfactory. If the period is too short the water 
passes to and through the filters before the chemical reactions are complete. 
The reactions may be finished in part in the filter sand and in part in the pipes 
of the distribution system; in the latter case with the formation of objection- 
able deposits. This is called secondary coagulation. Such deposits are 
usually colored red by iron taken up from the pipes even though the bulk of 
the material is white aluminum hydrate. These deposits are stirred up in the 
pipes at times of extra draft of water and give rise to conditions similar to 
those caused by active waters and noted under the heading “ Red Water 

Troubles.” 

In the Intermittent System of operation a basin is filled and allowed to 
stand and then drawn off. In the continuous system of operation water 

flows constantly in at one end and out at the other. 

The Efficiency of a Basin depends upon its area and upon the system of 

baffling employed. A deep basin is not more efficient than a shallow one 

of the same area, but a certain depth is necessary in order to hold an accumu- 

lation of sediment and to prevent the velocity of flow through the basin from 

becoming too great to permit full deposition. As a rough rule the depth may 

be one-sixtieth of the average course that the water will follow when baffled. 
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Settlement of Particles in Still Water at 50° F. 

Rate of 
settlement, 
mm. per 
second 

Diameter of 
particles in 

mm. 

Bacteria and other organisms settle 
more slowly if at all because their spe- 
cific gravity is so near to that of water. 
The rate of settling is greater as the 
temperature is higher. Twice as much 
water can pass through the basin with 
the corresponding results in summer 
asin winter. The limit of size of par- 
ticles removed by settling basins can 
be computed approximately (Trans. 
Am. Soc. C. E., vol. 53, p. 45) as 
follows: 

Kind of 
material 

Coarse sand.... 

So r= 

“000015 

The Diameter of Particles in millimeters, such that 75% will be removed with con- 
tinuance of operation, may be computed by 

d = 0.0027f | million gallons daily 60 

: \ area of basinin acres Yt + 10 

in which f is a factor depending upon the arrangement of basins and baffling. Use 1.73 
for a basin with one inlet and one outlet well separated; 1.41 for two basins through 
which the water passes successively; 1.22 for a well-baffled basin or other specially 
good arrangement. f= 1.00 is a theoretical limit not reached in practice. In the 
last term # is temperature in degrees Fahrenheit. For comparisons use ¢ = 50 in all 
cases. The rule does not apply for separations above 0.05 millimeter. It is not precise, 
but it affords a convenient basis for comparing sedimentation and coagulating basins. 

In a general way basins holding six hours’ supply, well baffled, in connection with 
mechanical filters, remove particles more than 0.02 mm. in diameter. Sedimentation 
basins for sand filters, 24 hours’ supply, remove particles more than 0.007 mm. At 
Washington, D. C., in a succession of three reservoirs holding a week’s supply, particles 
larger than 0.003 mm. are removed. 

The Amount of Sediment removed in settling basins at St. Louis amounts 
to 12 cu. yd. per million gallons; with less turbid waters it is much less. 
For the Hudson at Albany only about 0.15 cu. yd. is removed. 

Scrubbers, or preliminary filters, are rapid coarse-grained filters or their 
equivalent. Substantially they take the place of sedimentation basins, doing 
the same work but doing it more quickly and in less space, though usually at 
greater cost. 

It is easy to design a scrubber that is efficient in operation. It is difficult to design 
one that can also be economically cleaned and kept continuously in efficient working 
order. From the standpoint of design and construction the cleaning devices are the 
most important parts of a scrubber. The object of scrubbers is to lighten the work of 
the filters to which the water is subsequently applied and especially to increase the 
length of run of the final filter. They are most useful for waters that are highly 
polluted or difficult to treat, and add to the certainty and reliability of operation. 

The size of particles in millimeters, such that 75% will be removed by a scrubber or 
preliminary filter of sand or gravel 40 in. deep, may be computed by 

Bs: effective size of : hice of filtration, mill 60 
d =, 0.0003 ee or gravel x gallons per acre daily \; aE (i) 

The scrubbers and preliminary filters that have given most satisfactory results are 
cleaned and operated practically as mechanical filters, but with simpler arrangements. 
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10. Sand for Filters 

A Filter consists of a horizontal layer of sand through which water is passed 
to underdrains beneath, together with the containing structure and all auxilia- 

ries. Filters act primarily as strainers, the interstices between the sand grains 
being small and serving to stop all particles too large to pass through them. 
They also serve to purify the water in other ways. Filters are classified as 
mechanical filters, sand filters, intermittent filters, and special kinds of filters 
according to the construction, rates at~which they are operated, and the 
methods used for cleaning. 

The Sand for filtering purposes is best clean quartz sand, free from gravel 
_ and large particles, and also free from excessive quantities of fine particles 
and dirt of every description. The presence of a small amount of fine mate- 
rial often aids the action of filter sand. For filtering river waters and any 
waters carrying carbonic acid, filter sand should be free from lime, as other-~ 
wise the water will be hardened. Waters containing less carbonic acid, such 
as lake waters, will not dissolve lime and sand containing lime may be used. 

The Size of Sand Grains is determined by sifting through a set of rated 
sieves. About 110 grams of moist sand are put in a small iron dish and 
dried overalamp. After cooling, 100 grams are put in the coarsest of a set 
of sieves, and the sieves are put in a mechanical shaker. A definite number of 

turns found by experience to besufficient, is given. The shaking is 
not continued until no more passes, but only until the amount passing is small, 

so that doubling the number of shakes would not greatly change the result. 

The sieves are then taken apart, the material that has passed all the sieves is 

first put upon the pan of the scale and weighed, then the material 

remaining on the finest sieve is added to it and again weighed. The process is 

repeated until all the material is on the scale, when it should equa! the original 

weight. The percentages finer than the sizes corresponding to the several 

sieves are then plotted on a diagram, from which the required data are taken. 

The Effective Size of sand is that size such that 10% of the sand grains by 

weight are finer thanit. The size of a sand grain is always taken as the diam- 

eter of a sphere of equal volume. 

The Uniformity Coefficient is the ratio between the effective size and that 

size such that 60% of the sand is finer than it. 

In rating sieves an ordinary sand is put upon them and the shaking is performed with 

the usual number of revolutions. The sieves are then taken apart, each sieve is taken 

separately, and is given a further slight shaking. A small additional amount of sand 

passes. The grains so passing are substantially larger than all the grains that have 

previously passed and smaller than those that remain. This small quantity of sand 

represents the size of separation of the sieve. A certain number of sand grains are 

counted out and. weighed on an assay balance and the average weight is obtained. 

The diameter is obtained by the formula 

3 

D in mm. = 0.9 Vw = ra hada Va. w = weight in milligrams. 
Sp. Gr. X 7 

There is but little difference in the results of using round-grained and sharp-grained 

sands, and between grains of different shapes, but the rating is best carried out with 

various representative sands. Rating of sieves once made does not change appreciably 

with use until some openings become enlarged or some wires become broken. When 

this happens the sieves should be at once replaced. When a set of sieves is rated a litho- 

graphed sheet is made for plotting the results, in which one line represents each sieve 

in the set. The best results are with a mixed plotting, partly logarithmic and partly 
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natural, laid out so that normal sands plot as nearly straight lines. On this system 

accuracy is obtained with a smaller number of sieves. Enough sieves so that each has 

a size of separation not more than twice as great as the next below will suffice, except 

where the uniformity coefficient is under 2. In that event one intermediate sieve should 

be used between each two. 
The following represents approximately the relation between commercial brass wire 

cloth and the sizes of separation: 

Meshes per inch........ 200 140 100 50 40 30 20. 
Separation in mm....... 0:18) 0.13:,.0.47 0.33 § 2.48... 0763.10.95 

Owing to variations in weaving, individual sieves will vary 15% either way, and no 
sieve should be used without rating. In selecting wire cloth make sure that the spacing 
of the wires is even and that the number of wires per inch in one direction is not more 
than 10% greater than the number in the other direction Coarser sieves are best of 
brass plates perforated with round holes and rated in the same way as wire cloth sieves. 

Sieves are now manufactured of standard wire cloth and may be purchased 

with the size of each sieve stated in millimeters. These sizes usually relate to 
the average size of opening and this differs from the size of separation which 

is based on the actual average diameters of particles which do and do not pass. 
For the coarser sieves it is about 10% less and for the finer sieves the variation 
is greater and not in any constant proportion. All sieves should be rated 
before being used for analysis of filter sand, and the size of separation must 
always be used and not the average size of opening. 

Turbidity of Sand is the measure of clay init. Put 10 grams of moist sand into a 
glass vessel holding one liter and fill with clear water. Agitate vigorously until all fine 
matter is in suspension. Allow to settle one minute, take the turbidity with a rod. 
Multiply the turbidity so found by 100 to obtain the parts per million of turbidity in 
the sand. The weight of clay is from one-half to two-thirds the turbidity, depending 
upon the size of the clay particles. Turbidity of sand prepared from stock containing 
clay should always be taken, but when there is no clay in the stock it is unnecessary 
to do it. At the Washington filtration plant the turbidity of the filter sand was not 
allowed to exceed 4000 in parts per million, or 0.4%, corresponding to about 0.2% 
actual clay. 

11. Use of Filter Sand 

Loss of Head is the frictional resistance of the sand to the passage of water. 
It is measured by the vertical distance between the level of the raw water 
over the sand and the level of the water in a small standpipe connected with 
the drains below the sand. Filters are provided with loss-of-head indicators. 
For any given condition of the filter bed the loss of head is directly propor- 
tional to the rate of filtration. The loss of head is made up of two parts, the 
frictional resistance of the clean sand and the resistance due the accumulation 
of dirt on the surface of the filter. The initial loss of head is that at the begin- 
ning of a run, but even this is more than for clean sand because there is some 
dirt on the surface from the very start. 

The Frictional Resistance of sand to water when closely packed, with the pores 
completely filled with water, and in the entire absence of clogging, is indicated by 

h /t° + 10° 
= 2 ae Vv cds ( ) 

where » is the velocity of the water in meters daily in a solid column of the same area 
as that of the sand, or approximately in million gallons per acre daily; c is a 
factor depending upon the uniformity coefficient, the shape of the sand grain, the 
chemical composition, the cleanness, and closeness of packing; commonly varying from 
600 to 1200 for new sand and from 400 to 800 for old sand; d is the effective size in 
millimeters; i is the loss of head; J is the thickness of sand through which the water 
passes; ¢° is the temperature (F.). 
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Accuracy depends more upon good work in determining d, the effective size in milli- 

meters, than upon any other matter. The formula applies to filter sands with uni- 

formity coefficients less than 3, but also less closely to those with uniformity coefficients 

to 6, and even 10. It does not apply to coarse gravels in which the viscosity of water 

is no longer controlling. 

Required Head in Feet for Clean Sand One Foot Thick 
c=800, t=50° F. 

Rate of filtration, | Effective size of sand, millimeters 

million gallons 1 
per acre daily 

The adjacent table 
covers the ranges most 
commonly used in fil- 
tration. It applies to 
clean sand with no sur- 
face clogging. For 
thicker sand layers the 
head is greater in direct 
proportion. 

Preparation of Filter Sand. Occasionally natural sand is found suitable 

for use in filters, especially sea sand. Most bank and river sands require 

treatment. Coarse particles are removed by screening. Fine particles are 

removed by washing. If the stock contains clay it must first go through a 

pug mill or otherwise be agitated to break up all the lumps of clay and loosen 

the particles from the sand grains. It is then passed: through a washing box 

in which the sand moves horizontally and the water vertically at a rate 

corresponding to the rate of settlement of sand grains of the size of the re- 

quired separation. The washed sand is drawn off with but little water. The 

box should have one square foot of area for each cubic yard per hour to be 

handled. 

Filter sand can be prepared from a great variety of raw stocks. The essential require- 

ment is that the stock contain a sufficient proportion of sand grains of the right size. 

To find the amount of filter sand that can be prepared from a given raw stock make a 

mechanical analysis of it and find the percentages finer than the desired effective size 

and 60% line. The difference between these percentages multiplied by 2 is the theo- 

retical amount of filter sand that can be obtained, Actually from 75, to 95% of this 

amount should be obtained by a suitable plant. 

Stock can be screened wet under a spray of water to exclude particles larger than 

about 3 mm. in diameter. If finer screens are used wet they become clogged and the 

process stalls. 
In preparing sand for mechanical filters where the uniformity coefficient must not 

exceed about 1.6, it is frequently necessary to make finer separations. Any desired 

separation such as 1 mm. or 1.2 mm. may be made by drying the stock in a furnace 

and sifting it completely dry and still warm through screens of appropriate size that 

are mechanically agitated. Such sand must usually be subsequently washed to remove 

the excess of fine particles. 

It will not often pay to work stock from which more than 10% of fine material 

must be removed because of the difficulty of washing, nor stock that has more than 

50% of gravel to be excluded. 

The size of separation in sand washing depends principally upon the area of the 

boxes containing the mixed sand and water to which the mixture is coming, and from 

which the sand is drawn to the bottom, while the dirty water overflows, and upon the 

volume of water, taken always as the volume of the waste that overflows at the top. 

The approximate size of separation such that 75% of the particles of that size will be 

retained may be computed by 

gallons per minute of water overflowing 
D in mm: =.0.0065 f square feet of box area 
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in which f ranges from 3.0 for ordinary single boxes to 1.5 for specially designed boxes 
with water entering steadily at the bottom and overflowing at well-distributed points 
at the top. The rule does not apply for sand grains less than 0.10 mm. in diameter. 

Voids in filter sand range from 35 to 45%, according to the uniformity 
coefficient and the method of packing. Close packing is obtained with sand 
either perfectly dry or saturated with water. Sand packed moist always 
has more voids and settles from 4 to 8% when it is filled with water. 
Voids in sand are determined by driving a cylinder of sheet iron into the sand 
in the filter, carefully cutting away the adjoining material with a mason’s 
trowel, and taking out sand equal to the exact contents of the cylinder. The 
sand is dried, weighed, and the volume of the solid particles computed, taking 
into. account the specific gravity, which for nearly all filter sands is 265: 
This is compared with the volume of the cylinder. 

Results obtained by filling voids of dry sand with water are invariably too low 
because all the air is not driven out, even when filled in the most careful manner, from 
below. - 

Gravel is required in filter construction, usually in several sizes, prepared 
by screening. Crushed rock is used where gravel is not available. Gravel, 
especially in finer grades, is often obtained as a by-product from the prepara- 
tion of the filter sand. Gravel should always be washed free from sand, clay, 
and fine particles. _Where the water contains carbonic acid it is preferable 
free from limestone. 

Washing and Handling Sand. Filter sand is commonly handled and 
washed hydraulically. Water through a jet under a hundred pounds pressure 
passes through an open space and enters a throat a little greater in diameter 
than the jet and carries with it sand loosened by water which surrounds 
the space. The mixture of sand and water will flow as a liquid through 
pipes to the washers and from the washers to the points where it is stored. 

One volume of water is required to take up one volume of sand to make slush, which 
slush has about 60% of the solid sand anda specific gravity of 1.59. 

Ejectors form the basis of the washing and transporting system of sand fil- 
ters. They are also used with mechanical filters for the occasional sand 
handling and washing that is required. With a pressure of 100 Ib. on a 
0.7 in. jet discharging through 50 ft. of 3-in. hose to 4-in. main pipes, 10 cu. yd. 
of sand per hour can be lifted vertically about 50 ft. or carried horizontally 
700 ft. or any proportionate combination of thetwo. The ejector tables given 
herewith permit calculations to be made for other pressures and quantities and 
pipe sizes. 

12. Sand Ejectors 

The Resistance to be overcome in the discharge piping is made up of actual lift and friction. For the lift, multiply the actual lift in feet by the specific gravity of the mixture. For friction of sand and water in 3-in. and 
4-in. pipes, compute the friction for water alone, and add 3.5 ft. per thousand 
for each per cent of sand in the mixture. For 6-in. or larger pipe add 2.5 ft. 
and for 2.5-in. hose, add 4.5 ft. per thousand. These figures will be close enough for velocities 5 ft. per second or over. Sand and water mixtures will flow well at all velocities above 5 ft. per second and fairly well from 4 to 5 ft. per second. Between 3 and 4 ft. per second there will be more friction than 
calculated and some stoppages; and below 3 ft. per second sand and water 
mixtures will not flow. 
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Sand Ejectors and Flow of the Water and Sand in Discharge Piping 

5 Friction in feet per 1000 
Diam- |diameter| sand in |. Cubic |Pressure| in discharge piping 
eter jet, discharge} yards of dis- 

i sand | charge, |2-1/2 
ft. volume |Per hour t. in. 3 in. | 4 in. |5 in. 

0.5 -0 28 T50-700 40!) 1.0.5 le oe 
0.5 om 20- AFG DSO. bosom tonmtens 
0.5 .0 14 PAU al ie ic) Sa er 

0.6 -) 238 178 | 124 90 
0.6 -3 20 222 | 144 | 110 

0.6 3 14 BIS A7TOu 120 

0.7 5 39 200 | 114 70 
0.7 a 28 250 | 140 88 
0.7 -0 20 325 | 175 | 102 

0.8 Ae 39 298 | 145 TAM ee 

0.8 Buf 28 370 | 180 89 | 73 

0.8 4 20 480 | 240 | 109 | 82 

0.9 <p 52 350 | 160 61 | 42 

0.9 .8 39 435 | 202 80 | 56 

0.9 2 28 540 | 250 | 102 | 71 

0.5 of 38 45457) 1301) -03 5 asl eet 

0.5 3 27 186) | TAS eee orlitew 

0.5 5 18 DIN AGO tesa suellist so 

0.6 .3 38 208 | 128 90 

0.6 9 27 260 | 153 | 107 - 

0.6 5c) 18 320 | 187 | 117 

0.7 ag 52 245 | 127 70 

0.7 Be) 38 305 | 158 BO otsaee 

0.7 v4 27 400 | 204 | 104 | 71 

0.8 8 52 370 | 176 76 | 56 

0.8 Be | 38 465 | 222 OS nw 

0.8 oz 27 600 | 290 | 115 | 84 

0.9 25 70 450 | 200 70 | 43 

0.9 4 52 550 | 248 91 | 58 

0.9 -6 zal 38 680 315%) ‘114"|973 

Velocity in feet per second 

a 137.5 cu. yd. per hour 

~ Per cent of sand in discharge < (diameter of pipe in inches)” 

Cubic yards per hour 
iS Per cent sand X velocity < diameter” 

137.5 

Hydraulics of Ejector. The best form of throat is one approaching the 

shape of a Venturi meter. The calculations in this section are for a throat of 

this shape but somewhat worn by use and not quite in the best condition. 

With a carefully turned new throat the results may be higher and with worn 

throats lower. With the best size and shape of throat for any given condi- 

tion, the tables in this section show the approximate relations. Fig. 8 

shows the working parts of a sand ejector, and Fig. 9 shows the method of 

use in connection with the sand washing equipment and storage of clean 

sand, 
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Sand Ejectors and Flow of the Water and Sand in Discharge Piping 
Pounds Best | Per cent 5 vichon in fect 1000 : : g Cubic |Pressure|Friction in feet per pres- Diam- diameter sand in carte dar fis. in discharge piping 
sure. eter jet, for discharge id 2 sand | charge, 
ohh lel mate by r hour! ft. _|7<)/?| 3 in. | 4 in: |s in. water in. volume |P© ¥ in. 

100 0.5 0.94 20 6.4 47 162 Aah NS SR ia 
0.5 1.06 25 9.2 34 200 F E438 TS. Bee 
0.5 1.19 30 12-9 23 250 | 164 | 120 

0.6 1.13 20 9.2 47 230 | 133 87 
0.6 4427 25 13.3 34 300 | 165 103 
0.6 1.43 30 18.5 23 380 | 210 | 118 | 105 
0.7 1.15 15 8.4 65 292 | 144 71 
0.7 1332 20 12.6 47 360 | 180 88 | 71 
0.7 1.48 25 18.1 34 470 | 235 108 | 83 
0.8 1.32 15 11.0 65 | 450 | 208 | 82 | 56 
0.8 1.50 20 16.4 47 550 | 260 | 104 | 71 
0.8 1.70 25 23.7 ape tree Oe 340 | 130 | 86 
0.9 1.30 10 8.3 a? wie? 240 78 | 45 
0.9 1.48 15 13.9 SS tatu 300 | 100 | 60 

| 0.9 1.70 20 20.8 S7-eeikiid: 370 | 128 | 76 
150 0.5 0.94 20 pee] 71 195 | 124 90 

0.5 1.06 25 11.4 $1 240 | 150 |] 110 
(eS 1.19 30 15.8 35 305 | 180 | 118 
0.6 1313 20 B.3 71 310 | 160 86 | 75 
0.6 LY27 25 16.3 Si 400 | 205 104 | 83 
0.6 1.43 30 B27 35 520 | 260 | 125 |100 
0.7 i715 15 10.3 98 410 | 190 78 | 56 
0.7 1332 20 15.4 41 500 | 236 98 | 71 
0.7 1.48 25 22.2 Si 640 | 310 | 120 | 85 
0.8 1332 15 4305 98) wht. Y. 285 99 | 59 
0.8 1.50 20 20.0 71 wae) O50 | 123) 75 
0.8 1.70 25 29.0 Lh inci eo, re 450 | 160 | 93 
0.9 1.30 10 10.2 191" OFle. 3. 335 | 100 | 50 
0.9 1.48 15 17:0 WS Ts | 410 | 129 | 67 L 0.9 1.70 20 25.5 415 ph. Say 510 | 163 | 85 

Per cent of sand in water thrown 
byavoliuhesa. aa aad 5 10 15 ADD 25 30 Specific gravity of mixture...... 1.05 1.10 Tea 1.20 1225 1.30 Per cent slush by volume....... 8.3 16.7 25.0 JS 41.7 50.0 Per cent nozzle water by volume 91.7 83.3 75.0 66.7 58.3 50.0 

Weight of slush per part water 
ION NOZZLE os ieee ok 0.15 0.32 0.53 0.80 1.14 1.59 Q =ratio total weight of dis- 
charge to weight of jet water.. 1.15 1532 1.53 1.80 2.14 2.59 P = proportion of jet pressure 
developed in discharge. ....., 0.50 0.37 0.28 0.20 0.14 0.10 T =ratio of diameter of throat 
to diameter of jet............ 1.22 1.44 Wyse 1.88 222 2.38 V = ratio of velocity in throat to 
Welocityin. jeg. acfe ot eae 0.73 0.58 0.49 0.43 0.38 0.35 
The formula (P + V)T1-5 = 1.65 applies to well-shaped Venturi throat e,ectors throwing sand. The best results are obtained when QV = 0.9 with 5 % or 10% varia- tion either way, and within this approximate range PQ2 = 0.65. This is the most convenient equation for comparing efficiencies. . 
The slush will not enter at a velocity of more than about 40 ft. per second, and at such a velocity wears out the parts rapidly, and with high pressures this compels the use of throats slightly larger than computed as most efficient. The above proportions 
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are suitable for pressures up to 150 lb., and may be used for all lower ones without 
material loss in efficiency. 
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13. Mechanical Filters 

Mechanical filters are filters operating at a high rate with mechanical 
appliances for cleaning the sand without removing it from the filter. The 
filter tank containing the sand was formerly of wood or sometimes of steel, but 

reinforced concrete is now used almost exclusively. It is essential that the 
filter tank should be air-tight as well as water-tight, to prevent the entrance 

of air from the outside in the last portion of the run. Fig. 11 shows the 

arrangement of one mechanical filter in a group of such filters, Fig. 10 shows 

the arrangement of filters in the group and the main connections but does 

not indicate the extent of the coagulating basins. 

The Sand is commonly from 30 to 36 in. deep, and with effective sizes ranging 

from 0.35 to 0.50, commonly about 0.40 mm. The uniformity coefficient 

should be as low as possible and must not exceed 1.6. Sand with high uni- 

formity coefficients is separated into coarse and fine parts in the act of washing, 

and full filtering efficiency cannot then be obtained. The sand is supported 

at the bottom by layers of gravel, which must be heavy enough and open 

enough to allow the wash water to pass without lifting. 

The Strainer System serves the double purpose of introducing wash water 

to wash the sand with a reverse current and of carrying off the effluent. In 

order to serve its purpose of carrying off the effluent the frictional resistance 

of the system must not exceed one-fourth the frictional resistance of the sand 

at the beginning of the run. Otherwise the near parts of the filter would 

operate at higher rates than the remote parts. 

The fundamental requirement of the strainer system when used for washing is that 

it shall give an equal dispersion of wash water over the whole area of the filter. There 

is a tendency for the sand to lift at one place. When this happens the pressure on the 

strainers at that place is reduced and there is a tendency for all the wash water to go 
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Fig. 10. Layout of a Mechanical Filter 
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out at one place. This is controlled by putting restrictions on the outlets having resist- 
ance at the rate of use greater than the resistance offered by the sand, so that these 
throats control the position of overflow of the water. The throats must be small enough 
to give the desired rate of wash with a frictional resistance that will insure the even 
distribution of the wash water, and large enough so that it does not exceed the econom- 
ical head applicable to this purpose. The area of main drains should equal twice the 
area of all the throats supplied by them, and lateral piping should have 2-1/2 times the 
area of a!] the throats supplied. In a large filter the ratios should be a little higher. 

In a typical design for a mechanical filter, the wash water is supplied at a minimum 
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Fig. 11. One Unit of a Mechanical Filter 

head of 10 lb. or 23 ft. measured from the level of the gutters, of which 3 ft. are required 

to lift the sand, 8 are consumed in pipe and gate losses and 12 are effective on the 

openings in the perforated pipes. For a rate of wash of 26 in. per minute and a coeffi- 

cient of discharge through the openings of 0.65, the required area of holes in the 

aggregate is equal to 0.2% of the filter area. To correspond with this and to keep the 

friction of the pipe system to a proportionate amount, the main drain must equal 

0.4% in a small filter or 0.5% in a large one, and the Jaterals and intermediate piping 

must equal about 0.6% of the filter area. If these pipes are too small, the distribution 

of wash water will be bad. In filtering at the ordinary rate which is about one-eighth 

of the above stated rate of wash, the loss of head, varying approximately with the 

square of the quantity, will be about 4 in. for the entire pipe system from the gravel 

to the regulating apparatus. 
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Mud Balls. Mud balls are accumulations of dirty sand on the bottom of 

the filter just above the gravel, resulting from settling of caked sand from the 

top of the filter at the beginning of the wash. Mud balls were prevented in 

early designs of circular filters by revolving rakes. Tn other cases air washing, 

that is to say, blowing air into the bottom of the filter through a separate sys- 

tem of pipes, has been used to break up mud balls. They may be sometimes 

broken up and pulled out by wire nets on long poles drawn through the sand 

while the filter is being washed. A relatively high rate of wash is favorable 

to keeping a filter clear of mud balls, but going too far results in loss of fine 

sand grains and changing the character of the filter sand. Under any con- 

ditions some mud balls accumulate in the bottom of the filter and tend to re- 

duce its efficiency. It is recommended that all the sand be removed from the 

filter and washed with close screening annually to keep it in good order. 

Washing. As a general rule that rate of wash that will expand the filter sand 

by about 30% is sufficient and, on the other hand, will not wash out too many 

Filter Washing 

Table showing the rate of wash in inches per minute required to lift the sand in a 

mechanical filter at various temperatures and with several sizes of sand and to give 

various degrees of expansion of the sand in the filter during the wash. 

Basis: Rate = 30d!-* (1 + 0.06% expansion) E = 

Temper- Size of 
ature sand 

32 0.35 : Be 10.6 13.4 16.3 19.2 

35 8.1 1434 14.1 14,1 20.2 

40 8.7 11.9 1.2 18.5 21.7 

45 9.3 12.8 16.3 19.8 23.3 

50 9.9 Ese 17.4 21 24.8 

55 10.5 14.5 18.5 22.4 26.4 

60 JAZ LHS | ToS 23.7 27.9 

65 11.8 16.2 20.6 25.0 29.5 

70 12.4 1% 5 ety 26.4 31.0 

75 TSR i 17.9 23. + i 32.6 

32 0.40 9.4 12.9 16.5 20.8 Dit. 

35 9.9 13.6 17-8 21.8 24.6 

40 10.6 14.6 18.6 23.4 26.5 

45 11.4 15.6 19,9 25.01 28.4 

50 2 16.7 21.2 26.8 30.4 

55 12.9 Mied. 22/6, 28.5 S22 

60 13 a7, 18.8 23.9 30.2 34.1 

65 14.4 19.8 25.2 31.8 36.0 

70 ESTyy? 20.9 26.6 S30) ehigae 

75 15.9 21.9 27.9 35.2 39.8 

32 0.45 a i QE) 15.4 19.6 23.9 28.1 

35 11.8 16:2 20.6 25.0 29.4 

40 Wee 17.4 Dar 2 26.9 Sint 

45 13.6 18.7 23.7 28.9 34.0 

50 14.5 19.9 B53 30.8 One 

55 15.4 Dies 26.9 Soret 38.5 

60 16.3 22.4 28.5 34.6 40.8 

65 We he 4 23,9 30.1 36.6 43.0 

70 18,1 24.9 Oleg 38.5 45.3 

75 19.0 26; 0 Rohe et 40.4 47.5 



‘Art. 13 Mechanical Filters 1485 

_ of the fine particles and change the character of the filter sand. The rate 
required to produce this result depends, among other things, upon the grain 
size of the sand and upon the temperature of the water, the required rate being 
higher in summer and lower in winter and higher as the filter sand is coarser. 

Viscosity is the dominant element in the conditions that determine the rate 
of filter washing; but the phenomena come in a middle ground of change, 
corresponding to that observed above the critical velocity of flow of water in 
small pipes, and the conditions deviate materially from those of viscous flow. 

Under these conditions no simple formula can be found, but within certain 

limits the empirical formula used in preparing the table given herewith is a 

close approximation. It must not be extended to conditions far different 

from those indicated. 
Asa general rule the rate of washing that gives 30% expansion is believed to 

be sufficient and best adapted to average conditions. 

Gutters to carry off the wash water should not be less than 12 nor more 

than 18 in. at their edges above the surface of the sand. The eddying 

action of the water entering them reduces velocity, and the size of the gutters 

must be larger than is computed by the usual hydraulic formulas. 

Regulating Apparatus. The regulating apparatus for rate control is now 

almost always of the Venturi type arranged so that change in rate as the filter 

becomes clogged is automatically met by opening the control gate to maintain 

the desired rate. Ina few recent designs, aerator nozzles are attached in such 

a way that an automatic apparatus sends as much of the filtered water as 

possible through them, thus utilizing the surplus head of the filter for aeration. 

Loss of head ranges from 2 ft. or less at the beginning of a run to the limit 

that is allowed, which may be anything from 4 to 10 ft. With the loss of 

head limited to 4 ft., no suction exists in the filter, and the whole operation is 

said to be performed by a positive head. With loss of head going to 6 ft. and 

over the outlet pipe acts as a draft tube and produces suction in the filter in the 

latter part of the run. This is known as negative head. 

Negative head is efficient in making a filter operate, but practically its action is 

limited because with it air is extracted from the passing water which fills the voids in 

the sand and soon cuts off the suction. The first foot of negative head is only a little 

less useful than the last foot of positive head, but each additional foot utilized yields 

a smaller return than the last. The full effect of negative head may be utilized by 

putting an air chamber on the outlet pipe and pumping the air from it in the latter 

part of the run, thereby making the full negative head available. 

The Frequency of Washing depends upon the character of the water and 

especially on the size and manner of operation of the coagulating basin, and 

commonly ranges from 8 to 48 hours. Washing requires about five minutes 

and the auxiliary operations more than as much more. From 2 to 5% of 

the water filtered is required for wash water. 

The Rate of Filtration is generally 2 gal. per square foot per minute, 

equal to 125 million gal. per acre, or 117 cm. per square meter, per day, 347 

sq. ft. of filter pass water at the rate of one million gallons per 24 hours. 

Leaks Along the Sides. One of the commonest causes of inferior work in 

mechanical filters is the passage of unfiltered water through a space between 

the filter sand and the filter walls and this water mixes with the water which 

has passed through the sand and impairs the quality of the effluent. 

As the filter run progresses, and head increases, the sand is compressed. 

Most of the compression is vertical, but some of it is horizontal. The hori- 

zontal compression opens a crack between the caked sand and the filter wall 

and the crack may pass unfiltered water while it is still too small to be ob- 
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served. Dirty filter sand compresses more than clean sand and with old filter 
sand there is more deterioration in quality than with new sand. This used 
to happen with sand filters but for many years a design for the sides at the 
bottom has been used which prevents it. The same method unfortunately 
cannot be applied to mechanical filters because it would leave an unwashed 
strip around the edge; but roughening of the filter walls and the use of narrow 
offsets or ledges is advisable. 

The erroneous idea has often been expressed that the filter sand or the 
sediment layer on its top “breaks” under pressure as the loss of head 
increases. The effect has been widely observed, but the true explanation less 

often recognized. 

Sand Filter Beds 

Sand Filters differ from mechanical filters in that the rate of filtration is 
much lower and the filter is cleaned when dirty by scraping off the surface 
layer of dirty sand, which is washed and ultimately replaced. The sand 
should have an effective size between 0.25 and 0.35 and a uniformity coeffi- 
cient not exceeding 3.0. Many old filters had sands with uniformity coeffi- 
cients up to 5, but such sand is much more difficult to keep in good order. 
Sand suitable for sand filters is more cheaply obtained than sand with a low 
uniformity coefficient required for mechanical filters. 

The Gravel is commonly placed in three layers. The lowest layer is 7 in. 
thick and has 3/4-in. to 2-in. screens with an effective size of about 20 mm.; 
the second layer 3 in. deep, 3/8 to 3/4 in. screens with an effective size of about 
8 mm.; and the top layer 2 in. deep, with an effective size of from 2 to3 mm. 

Underdrains must be designed so that, at the proposed rate of filtration, 
the frictional resistance of the whole system will not be more than about one- 
fourth of the frictional resistance of the sand when clean. Otherwise when 
the filter is started that part of the filter near the outlet would do most of the 
work. 

Underdrains for Sand Filters 

Rate of filtration, million gallons per acre 
Po TU Aa Ca eiparey hath rn sce AMER Yh ot 5 6 8 10 15 

Average resistance of clean sand in feet.. 0.150 0.180 0.240 0.300 0.450 
Total allowable friction and velocity head 

in underdrainage system. wee teeee OL O37 0.0454" 02060) OF075" BOriae 
Approximate ratio of filter a area to area of 

mainidrainyt? tc Tals nerts war Fees 5100 4700 4200 3800 3200 
Approximate maximum velocity in main 

drain (varying somewhat with size)... 0.90 1.00 1.18 1.34 1.68 
Approximate maximum velocity in laterals 

(varying somewhat with size)......... 0.55 0.61 0.72 0.82 1.04 

Masonry covers are usually provided for sand filters. In the north they are 
necessary as a protection from cold winter weather which would interfere with 
sand cleaning operations. Open filters were formerly used in warmer climates 
but covered filters have proved to be more advantageous in most places in the 

United States where sand/filters are used. The net height inside the masonry 
structure is 12 ft. to accommodate the filtering materials and give convenient 
headroom for cleaning operations. 

Filters are built in units ranging from an acre in the largest plants to half an acre 
and less in small ones. There must be enough units so that one unit can be out of 
service at any time for cleaning. As resanding operations frequently run through 
several weeks there must also be enough units so that the supply can be maintained 
with two units out for such periods. 

ae 
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Maximum Areas of Filter Beds Drained in Square Feet 

Rate of filtration, million gallons per day 
Shape and kind 

of drain 

Round lateral... 
Round lateral. .. 
Round lateral... 
Split lateral. .... 
Split lateral..... 
Split lateral..... 

Round main.... 
Round main.... 
Round main..... 
Round main..... 
Round main..... 
Round main..... 
Round main..... 

Automatic controllers are sometimes used on the outlets of sand filters, but as the 
~ change in loss of head is slow, hand control in connection with adequate devices for 

indicating at all times the rate of filtration and loss of head is sufficient. 

The Period of a sand filter is the time between cleanings expressed in 
millions of gallons per acre. That is to say, if a filter operates 20 days at 
a 5-million rate the period is 100. The average period for a plant is found 
by dividing the number of million gallons filtered in one year by the total 
number of acres of filter surface cleaned. © 

Periods are increased by drawing the water off when the loss of head has reached the 
allowed limit and raking the surface of the sand and then proceeding. It does not 
usually pay to rake more than once in one period. Thorough sedimentation lengthens 
the period. The application of coagulant lengthens it if applied sufficiently long before 
filtration, but with a short period of settling after application it shortens it. Pre- 
liminary filters lengthen the period. Periods commonly range from 50 to 200. If they 
average less than 50 there is something wrong with the arrangements. 

The Loss of Head in sand filters is commonly limited to 4 ft., but this is 

arbitrary and losses up to 5 or 6 ft. are sometimes permitted. The rates 

employed with sand filters filtering river waters without preliminary chemical 

treatment are about 3 million gallons per acre daily. For lake and reservoir 

waters rates twice as high re used. For filtering river waters with pre- 

liminary chemical treatment and settling when the water requires it, corre- 

sponding rates can be used. 

Cleaning. At the end of a period the dirty sand to a depth of from 1/2 to 

1-1/2 in. is removed. It is best shoveled to movable ejectors throwing the 

water through the piping system to sand washers outside. Scrapings are 

repeated for a considerable period, averaging 2 years, when washed sand is 

restored bringing it back to the original level. Cleanings in very cold weather 

may be done with the dirty sand piled up on the surface of the filter, where 

it remains until spring. The quantity of water under pressure required for 

handling and washing sand is commonly from 0.4 to 1.0% of the quantity 

filtered. 

An old filter is commonly more efficient within limits than a new one, and the water 

filtered during the last part of the period is frequently better than in the first part. It 

has sometimes been recommended that the first water from sand filters be wasted. It 

is better practice, however, to start the filter at a lower rate, at which the first effluent 

will be good, and gradually increase the rate after processes of purification become 

established. : 
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15. Results of Purification 

The Cost of installing filters at post war prices may range from $20 000 to 
$60 000 per million gallons daily capacity, figures between $30000 and 
$40 000 being most common. As the filters must usually be 50% greater 
in capacity than the average output, the cost based on the average 
output will be correspondingly greater. Operating costs range from $2 to $4 
per million gallons and less for sand filters treating clear waters to $6 or $8 per 
million gallons for mechanical filters with turbid and colored waters. The 
whole cost of filtration, including both operating expenses and interest and 
depreciation charges on the capital, commonly ranges from $12 to $20 per 
million gallons. 

Sand filters are often more expensive to build but cheaper to operate than 
mechanical filters. Lake waters are cheaper to purify than river waters, and 
reservoir waters are intermediate. Large amounts of color and turbidity 
add to the cost of treatment. Softening is more expensive than ordinary 
filtration. 

In filtering river waters 99% removal of bacteria is commonly obtained. 
The efficiency is usually somewhat higher in summer than in winter. Growths 
of bacteria in the underdrains occasionally occur. These have no hygienic 
significance but reduce the percentage of apparent removal. These are most 
likely to occur in filters operating at low rates. Nearly all of the remaining 
bacteria are now removed by disinfection with chlorine. Purification as 
practiced does not absolutely remove infection, but it reduces the risk to one 
so extremely small that it may be considered negligible. Experience with 
filtration extending over half a century has shown that well-designed, well- 
constructed, and well-operated filter plants can be relied upon to furnish a 
safe and acceptable supply of water. 

It is good practice to select a raw water for filtration as free from pollution 
as possible and to take all reasonable precautions to prevent the increase in 
pollution of existing supplies. 

Intermittent Filters are sand filters in which the oxidizing action of the air 
js more important than the straining action of the sand. They are built 
of coarse sand with large underdrains freely open to the outlet and with no 
controlling or throttling devices. Water is applied generally once a day 
and generally for a period of not more than 12 hours. It is essential that the 
water on the filter should be drawn down, leaving the surface entirely exposed 
for some time before the next application of water. This fills the pores of 
the filtering material with air and the water next filtered is brought in contact 
with this air. The oxidizing action of an intermittent filter is similar to the 
oxidizing action of an intermittent filter or sprinkling filter which is used for 

treating sewage. 

Intermittent filters are used for treating badly smelling waters, especially from 
shallow reservoirs and reservoirs that have at times high temperatures, as in the 
tropics. Such waters may contain large quantities of organic matter and be incapable 
of being filtered satisfactorily by either mechanical filters or sand filters of the ordinary 
type. The rate of filtration depends upon the amount of organic matter in the water, 
and may be from 3 to 6 million gallons per acre per day. Cleaning the sand is done by 
the same methods as those used for sand filters. 
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DISTRIBUTION OF WATER 

16. Systems of Distribution 

A Waterworks System must secure its supply when and where it can be 

gotten, and must deliver it when and where required by its customers, or 

“takers.” Waterworks structures are required to collect the water; to hold 

it from times when it is available until it is required; to pump it to a higher 

elevation; to convey it from the point where it is available to the points where 

it is required, and to allow the water to be measured and controlled at all 

points. Water is required by the takers at very unequal rates, following the 

requirements and emergencies that arise in their business or domestic uses, 

and the fundamental requirement controlling the design of works is to secure 

the ability to supply water wherever and whenever required and in whatever 

reasonable amounts may be needed. 

The Distribution System includes all the main pipes and lateral pipes, the 

standpipes and distributing reservoirs, gates, meters, all services and con- 

nections as far as owned by the water department within and near the area 

that is actually served with water. The piping in a distribution system must 

be designed so that water can be supplied to any point at any time at the 

greatest rate at which water may be fairly demanded at that place. 

Gridiron System. This is a system in which all pipes are connected with all other 
pipes at street intersections, so that in case of a fire at any point water comes to that 
point through pipes from all directions. This arrangement is more advantageous in 
supplying water for fire protection than the branching system, which would be sufficient 
and often best for supplying water for all purposes except fire service. The gridiron 
system is practically universal in American cities. 

An economical system for the distribution of water for routine uses only would con- 
sist of a system of branching pipes, each branch being made sufficiently large to supply 
the water to the territory served by it at the time of day when use is greatest. 

High-service Systems. Where there are considerable parts of a city where 
the ground is high, so that the service and pressure used in most of the area 
do not suffice to supply them properly, it is common to cut them off and make 
special high-service systems for them. Each high-service system has its own 
distribution and distributing reservoir (or else direct pumping), and it is to be 
considered as if it were an entirely separate system of waterworks. Water is 

commonly taken from the low-service mains, and those mains must be large 
enough to supply the high service water in addition to their other functions. 
In all other respects they may be treated as if the high service did not exist. 
In nearly all cases water is pumped specially into the high-service pipes. 

The Direct Pumping System is used in the middle states and in general 
wherever the ground is flat. With it there is no distributing reservoir, but 
water is pumped into the pipes at all times as needed. Pumps of special 
design are required for this service. When but little water is used the 
pump must go slowly and automatic regulators must close the throttle so 

- that it will not go too fast and increase the pressure. When water is to be used 
rapidly the pump must increase its speed and deliver the increased volume 
of water at full pressure. 

Pumps operating on this system are not as efficient as pumps operating at constant 
speed with a distributing reservoir connected with the system. The pumps must have 
much greater capacity than where there is a distributing reservoir. The capacity of 
the pumps must always be equal to three times the average annual rate of consump- 
tion, and in small works the capacity of the pumps must be four or five or more times 
as great. In general the capacity of pumps must be sufficient to maintain the fire service 
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and the domestic service at the same time. It is further good business when possible 
to have one pumping unit in reserve beyond this capacity. 

Reservoirs with Direct Pumping. Wherever the water is filtered or 
ground water obtained there is a limit to the rate at which pure water can be 
provided in emergency, and it is commonly necessary to have water during 
large fires at a greater rate than can be furnished by the filters or wells. To 
meet this condition pure-water reservoirs at the pumping stations are pro- 
vided. The size of reservoir is to be determined by the same considerations 
that determine the size of an’elevated distributing reservoir. With a reser- 
voir of this kind kept ordinarily full or nearly full the supply works may oper- 
ate at a continuous rate throughout the twenty-four hours, and there will 
always be a reserve of pure water that can be pumped as fast as the pumps 
can take it in case of fire or other emergency. Such reservoirs are always 
covered. 

Auxiliary Fire Service Systems consist of high-pressure pumping station 
and pipes laid in central portions of cities where the greatest values of prop- 
erty subject to fire hazard are concentrated. These pipes are built to with- 

- stand pressures up to 300 Ib., and are connected with hydrants of special 
design and painted some other color than the hydrants connected with the 
ordinary pipes. The pumps may be operated by gas engines, electricity, 
or by other power. Such systems are used only in case of fire. In case of 
need the pumps are started and the pressure is raised ‘on the system to such 
a point that efficient fire streams are obtained by attaching lines of hose to 
the hydrants. No steam fire engines are.used. 

Salt Water is sometimes used and is believed to be more efficient in extinguishing 
fires than fresh water. It also results in more damage to goods and property not 
destroyed by fire with which it comes in contact. Otherwise water is taken from the 
nearest lake, river, or reservoir or from the ordinary water mains. Where auxiliary 
fire systems are used there is obviously less demand upon the regular supply syster 
for fire service, and its capacity for rendering fire service may therefore be reduced 
somewhat. Frequently more money is spent on auxiliary fire service systems than 
would suffice to reinforce the regular waterworks system to the extent that good service 
could be obtained from it. 

Increased Pressure for Fire Service is obtained in some direct pumping systems by 
having additional boilers kept under steam and turning on more steam when a fire 
alarmis sounded. By this means the pressure throughout the city is increased and hose 
streams are obtained from hydrants without the use of fire engines. This system is 
much used with direct pumping in the middle states. It is best adapted to small 
places. The expense of the system and the disturbance that comes to the distribution 
from increasing the pressure in the whole city are too great in large cities where fire 
alarms are sounded frequently. 4 

17. Water Consumption 

Per Capita Consumption is the amount of water used per day for each 
person living in the city or area supplied on the basis of the annual average 
figures. In other words, it is the whole quantity of water supplied in gallons 
in one year, divided by 365 and divided by the total population of the district 
supplied with water. Domestic and public purposes will usually take from 
50 to 70 gal. per capita daily, a little more where water is very cheap, and 

a little less where it is comparatively dear. To this must be added industrial 
uses which include railways, shipping, etc. Industrial uses are very variable 
and are sometimes larger than domestic uses. In hot, arid climates much water 

is used for irrigation and lawn sprinkling. 
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Maximum Monthly Rate of Consumption. During that month in the 

year when the consumption is highest, from 10 to 25% more water is used 

than the average for the year. In some cases 40% more water is used. 

High monthly rates of consumption are usually associated with either a very dry 

period, with more than the usual sprinkling of streets and lawns, or an exceptionally 

cold month, with a continued draft of water through many services to keep exposed and 

imperfectly protected pipes from freezing. Where services are metered the excess 

consumption in cold weather largely disappears. It is cheaper to cover the pipes or 

otherwise to protect them from freezing than to pay for the water that it is necessary 

to allow to run in order to protect them. 

Maximum Weekly and Daily Rates. There will be some weeks and some 

days when the quantities will considerably exceed the average for the maxi- 

mum month. Generally a maximum daily consumption of 10 or 15 gal. per 

capita in excess of the average for the maximum month must be expected. 

Hourly Fluctuations in Flow. Water is required primarily for domestic 

and manufacturing purposes, and for these purposes is required in quantities 

that are fairly well determined and at times that do not vary very much from 

day to day. The greatest normal use of water is in the morning hours. The 

afternoon use is alittle less. The night use of water is comparatively small. 

Leakage goes on all the time. The ordinary range from 25% above to 25% 

below the average covers the fluctuations for 12 hours per day. On an 

Part I—Fully Metered Systems 

Average 
output, Popula- Gallons 

Place millions tion of DEE 
supplied ser vines capita 
in 1926 daily 

Detroit, Mich... 2... 66... cece eee eee 1 680 000 | 265 640 126 

Cleveland, Ohio... ......6. ss ce ee met 1135 000 | 139 412 149. 

Boston Metropolitan District.........- 1 326 000 | 192 337 938 

Milwaukee, Wis...... 0.0.02. 0 cece cee 587 000 | 83 135 128 

Newark, N. Jecevscc scenes eswe cummerls 540 000 56 232 100 

Passaic Water Co., N.J.. eevee eetenees 424000 | 35.253 125 

Gincinnati, Obios...6 <x> newintet bee: 420000 | 77479 119. 

San Francisco, Calif., S, V. W. Co....... 650 000 | 100 000 75 

New Orleans, La oma well % Seah eke oe 433 000 | 76 898 110 

Minneapolis, Minn.......--.e:eeeeees 430 000 | 94 000 106 

Seattle, Wash SE) SONORA EA 433 000 67 000 95 

Toledo, Ohio... 2... 6. eee eee eee ee ee eee 320 000 61 000 110 

Portland, Ores ios sess eye. situagei e's ois aa 351 000 83 146 96 

Bast’Bay Water Co, Califeyo ico. 2t ee 531 000 | 117 000 60 
Rochester Ne Wie a eee 5 tree 305 000 | 58500 92 

Atlanta, Ga.. cette teste ee eee este ene 285 000 51 000 98 

Columbus? Qhiow 5. UC Ss . Seep 300 000 52 979 91 

Hackensack Water Co., N.J.......-..- 400 000 | 59 205 “62 
Providence, R. LES REN Cm Se ean ooo 315.000 | 40 106 76 
SeMP aul! Mrs AIBA ts telat eae 297 000 | 55 000 74 

Akron, a Re eee eee AR dit gett. 220 000 39 000 85 

Reading, Palle. bE. FOS, ote 115 000 | 25 500 160 
Hartford Contes. 2. Jsoo% oe oe 198 000 | 20 736 84 
Worcester}; Mass ii). de) ste aisle) d- «+ ctu 196 000 | 27 084 80 
MMLenap his; lentes «acon ws broly ie cody np]- ol te 176 000 | 38 000 87 

Springfield, Mass.........b eee ee eeene 145 000 |. 20 890 96 
SanuDiewo,nGalik-s ete ccsrsbscuereiel ton char eee 140.000 | 31045 
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Part Ii—Partially Metered Systems 

Average 
output, Popula- Number Percent-| Gallons 
millions tion of age of per 
of gallons| supplied services |Services | capita 

in 1926 metered | daily 

x. ost. UeOiee ese Hay 3.325.000 | 378 729 270 

a eee “ 823 5646 000 | 553 681 25 147 

Poiladelphia, Pa... 2. 28 <8 342 2 025 000 | 438 000 32 169 

erttspiren. Pans. a ove es 125 610 000 | 105 037 42 205 

SEMEMNS. WAU. tes ee cee 119 819 000 | 133 697 8 145 

MES EEANES UN's Non oie cv rcs tun cose poet 118 PS SC Ue eres 48 205 
arermore, Wud: ..<.>-. se 109 820 000 | 180 000 21 132 

Washington, D. C.: 69 498 000 | 91 588 86 139 
Wilkes-Barre, Pa., S. B. WwW. @62 60 371 000 | 80000 1 162 
Denver, Colo. Veiks sds ARS 58 335 000 59 423 2 173 

Kansas City-Mo2.2. 63.05. 3 Si 409 000 84 643 82 125 

eeLouisville, Ka) si. 23 -Soidsn 44 340 000 57 934 16 139 

Indianapolis Water Co........ 34 380 000 |. 73 259 34 90 
New Haven Water Co......... 27 260 000 | 38000 45 105 
Bridgeport Water Co.......... 27 205 000 | 27 900 24 130 

Wilmington, Del.............. 15 124000 | 20778 87 123 
SURE OV des nm wipe tiga cent 13 201 000 28 000 85 65 

Cambridge, Mass............. 12 120 000 16 049 50 103 

average the output will exceed 40% above the average 3 hours per day, 50% 

above the average 1 hour per day and 60% above the average 15 minutes per 
day, and 80% above the average very rarely. On Sundays and holidays the 
fluctuations are less than on business days. For unmetered systems the per- 

centage fluctuations are smaller and the above figures for per cent may be used 
as per capita variations, i.e., 40 gal. per capita daily above the average 

will be exceeded 3 hours per day. Pipes for distribution with no fire service 
should have a capacity of 70% above the mean to meet peak loads. 

Waste of Water. The amount of water that must be supplied at the 

source is always greater than that actually needed for use. There is leakage 
from the main pipes, and from the service pipes, and from a considerable 
percentage of the plumbing fixtures in the houses and other buildings, and 
water is allowed to run uselessly from many openings. It is mainly for 
this reason that there are such great differences in the per capita consumption 
in American cities. 

Waste from Service Pipes. Bad plumbing and the unnecessary draft of 
water from fixtures are best checked by putting meters on the services and 
adopting a schedule of rates by which the payments of takers are dependent 
upon the amount of water passing through the meters. If the water that is 
wasted is paid for at a fair price, then the water department has no occasion 
to object to the waste. The waste beyond the meter becomes entirely a 
matter for the taker to consider. 

Loss of Water by Leakage from Mains is best detected we dividing the 
system by closing the valves into comparatively small sections and by supply- 
ing water to each small section in rotation through a meter. Meters may be 
put on the mains temporarily or permanently for this purpose. 

It is often possible to shut all the gates on a section and maintain the supply to it 
through a line of fire hose, connecting one hydrant inside the area with another hydrant 
outside, a meter being placed in the line of hose. 
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By opening and closing gates, a number of adjoining sections may be tested with the 

same equipment and in the course of a short time. Tests of this kind are best made 

between midnight and five o’clock in the morning, when the normal use of water is at a 

minimum and there are practically no fluctuations in the rate of draft. Such tests 

show the relative tightness of different parts of the system, and the lengths of pipe 

where the greatest leakage occurs are then to be dug up and repaired or replaced with 

pipes that do not leak. 

Amount of Growth to be Anticipated. In designing pipe lines, it is necessary 

to anticipate growth to a certain extent in order to avoid the necessity of 

duplicating the lines at an early date. On the-other hand, anticipating future 

growth to an unreasonable extent results in burdening present takers with the 

cost of facilities provided for the future to an unreasonable extent. In gen- 

eral, all new pipe lines should be designed to serve a population 50% greater 

than the present population, and in cases of special difficulty, where an addi- 

tional line would be specially difficult or expensive, a greater growth than this 

should be anticipated. 
Increasing the diameter of the pipe 1% increases the carrying capacity 

2.63%, and increases the cost of the pipe from 1 to 1.5%, according to the 
size and class of pipe and the conditions under which it is laid. On this 
basis adding 1% to the investment adds from 1.75 to 2.63% to the carrying 
capacity, $100 invested now in increasing the size of the pipe adds as much 
to the capacity as from $175 to $263 invested in a new pipe line at some time 
in the future if the new line is of the same size as the present one. $100 in- 
vested now at 5% will amount to $175 in 11 years and $263 in 20 years; at 
4% the increase will be reached in 14 years and 25 years, respectively. In 
general these represent economical limits of time to be anticipated. 

Asa general rule design should be made for ten or fifteen years only where the growth 
is over 3% per annum.or where money is hard to get, and design for twenty or twenty- 
five years where growth is under 2% per annum or where money is obtainable at a low 
rate, and also in all cases where pipe is less than 12 in. in diameter or where pressure is 
light. There are many exceptions to this rule under peculiar conditions and it must be 
applied with caution. 

18. Fire Protection 

The Requirements of Fire Service vary greatly. In European cities, with 
fireproof buildings, but little water is required for the extinguishment of fire. 

In tropical countries, where buildings are widely separated and represent but 
small value, and often in wet climates, it does not pay to furnish fire service. 
It is better to let buildings burn now and then than to provide long and larger 
pipes and other equipment that would be required for fire service. In Ameri- 
can cities wooden construction is common and wooden floors are used in many 
buildings having brick walls. A large pipe capacity is required to provide 
the water which is required for extinguishing fires in such buildings. 

The Amount of Water required for extinguishing fires is not very large in 
the aggregate, but when fires occur it is wanted at a high rate, and pipes must 
therefore be provided of large capacity to meet this demand. Pipe sizes 
required for fire protection in American cities are always larger than those 
required for other uses, and tke size of pipe to be selected within the area of 
the distribution system, and between it and the distributing reservoir or 
pumping station where direct pumping is used, is mainly controlled by ques- 
tions of fire protection. 

Water Required for Fire Service. The amount of water to be provided for 
fire service depends upon many matters; among others, the size of build- 
ings, the materials and methods of construction; upon how near the build- 
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ings are together; the pressure at which the water is available; upon whether 
auxiliary fire systems are available; upon how great a loss of life and property 
might result from a bad fire, and upon the cost of making a given quantity 
of water available and the financial ability of the system or community to pay 
for doing it. 

For Average American Conditions, take the square root of the population 
in thousands and this indicates the rate in millions of gallons of water per 
day at which water should be provided for fire service. 

For example: If the population is 9 thousand“llow water at a rate of 3 million gallons 
per day for fire service. If the population is 25 thousand allow 5 million gallons per day, 
and if 100 thousand allow 10 million gallons of water per day. 

The pipes must be designed large enough so that the quantity of water for 
_ fire service will be available even though the fire occurs at a time when water is 
being used at a high rate for other purposes. It is not necessary to assume 
the extreme maximum rate of draft for other purposes; some chances can 

be taken. To find the required capacity add, first, the average annual rate 
of consumption; second, 40 gal. per capita to cover ordinary fluctuations; 
-third, the amount of water allowed for fire protection. 

Concentration of Water for Fire Service. In the case of cities up to 
100 000 inhabitants it is generally necessary to provide pipe capacity so that 

the whole amount of water provided for fire protection can be delivered with 
some loss of pressure in the neighborhood of the closest, largest, highest and 
most valuable buildings, and at each of such points if there are several; else- 
where piping capable of delivering smaller quantities varying with the kind 
and value of construction and the proximity of the various buildings. 

Population That Can Be Supplied by Pipes of Various Sizes 
Based on an average use of one hundred gallons per capita daily 

With no fire service. Maxi- For two or 
_ With an average amount of 

Diam- |more pipes, imum draft 170 gallons per 
Loreal ipa 23 fire service * capita daily 

of one | areas in 
pipe sq. in. Flat Average} Steep Flat Average| Steep 
line, slopes and| condi- |slopesand|slopesand| condi- |slopes and 
in. long lines| tions {short lines| long lines} tions {short lines 

V=4 V=2 V=3 vV=4 

4 50 660 990 1 330 

64 130 220 1 490 2 240 2 950 

180 380 660 2 650 3 980 5 320 

410 860 1 450 4 150 6 190 8 280 

820 1 660 2 750 

2 250 4 400 7 000 
4700 9 000 13 700 
8200 | 15 300 24 000 

16 300 | 29 000 44 000 
27 500 | 48 000 70 000 

42000 | 71000 | 103 000 
60 000 | 102 000 | 145 000 
81000 | 135 000 | 192 000 

176 000 | 250000 

5 950 8 950 12 000 

10600 | 15 900 21 300 
16 500 | 24 800 33 200 
23900 | 35 800 47 800 
37 400 | 56 100 74 800 
53 800 | 80 500 108 000 

73 200 | 110 000 | 146000 
95 300 | 142 000 | 190000 
121000 | 181 000 | 242 000 
148 000 | 224 000 | 299 000 

* Gallons daily = 140 pop. + 1 000 000-V Pop. in thousands, 

+ V = velocity, feet per second. 
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This table may be used as a very general guide. With high per capita consumption 

and bad fire conditions the sizes should be increased. Under opposite conditions they 

may be reduced. It will often pay to make pipe sizes a little smaller in the distribution 

and larger in the supply mains without changing the total capacity of the system. 

A Standard Fire Stream is one flowing 250 gal. per minute through a 

smooth nozzle 1-1/8 in. in diameter, with a pressure at the base of the tip 

of 45 lb. Such a stream is effective to a height of 70 ft. above the ground or 

with a horizontal carry not exceeding 63 ft. When fed through the best qual- 

ity 2-1/2-in. rubber-lined hose the hydrant pressure required to throw 

such a stream taken while the stream is running is as follows: 

50 100 200 400 600 
56 63 77 106 135 

Feet of hose 
Pounds per square inch 

The hydrant pressure is less during the fire than at other times, because more head is 

lost in friction in the pipes, and the ordinary pressure must be greater to insure standard 

conditions during the fire. The best hydrant pressure for general use is considered to 

be from 80 to 100 b., but as other conditions are frequently controlling, fire service 

must be largely adapted to what is available. 

The best statement of the hydraulics of fire streams and nozzles is in a paper by 

John R. Freeman, Trans. Am. Soc. C. E., vol. 21, p. 303. 

Pressure for Domestic Service Only. At the street line 20 Ib. per sq. in. 

will raise water to the upper floor of three-story residences and allow a fair 

service, but generally 40 lb. per sq. in. is the least allowance for fair domestic 

service. For business blocks and higher buildings higher pressures are 

needed; 60 or 70 lb. per sq. in. is not too much to give fair service in mills and 

business blocks that are not especially high. High steel buildings generally 

pump their own water and no effort is made to supply them without such 

pumping. 

Pressure for Fire Service. If steam fire engines are used and depended 
upon as in many American cities, the only requirement for pressure is that 
during fires and with the heaviest draft the pipes shall have sufficient capacity 

to supply water to the steam fire engines and at the same time retain as much 

pressure as is needed for domestic service. If the pressure is higher, hose 
streams can be obtained from the hydrants without the use of the fire engines. 
The additional pressure to permit this to be done is very desirable. A pres- 
sure of 70 lb. during fires is the lowest pressure that permits effective hose 
streams to be obtained for use on buildings of moderate size. If only resi- 

dences are involved, 50 or 60 lb. will give fair streams. In business districts 
with large buildings better hose streams are obtained with higher pressures, 
and in general the higher the pressure the better the fire service. 100 Ib. gives 
a good working service without steam fire engines. Higher pressures up to 
150 lb. and more are available in some cities. 

19. Reservoirs and Standpipes 

Distributing Reservoirs are connected immediately with the distribution 
system and as near as possible to the center of population supplied. Their 
function is to take water when it comes and to make it available when it is 
needed. They are especially to maintain the service at times of fire and on 
other occasions when water is drawn rapidly. Frequently they also serve 
the purpose of allowing the pumps supplying the service to be shut down 
during certain hours of the day or at night, thereby economizing labor. This 
is especially the case in small plants. Open reservoirs with earth embank- 

ments or masonry walls have been frequently used. Ground waters and 
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filtered waters always deteriorate in quality in such reservoirs, owing to the 
growth of certain organisms in the sunlight. Covered reservoirs are always 
to be preferred for distributing reservoirs. Roofs are sometimes used to exclude 
the light and keep the water from deteriorating. A light roof not necessarily 
water-tight serves this purpose. 

Masonry Covers for distributing reservoirs are often used. At Washington, D. C., 
Springfield, Mass., Cleveland, Ohio, and elsewhere, groined arch construction has been 
used. Floors to carry the weight of the roof and distribute it over the whole base are 
built as inverted groined arches. The piers aré of concrete, as thick as 12 % of the span 
on centers, and not more than 12 times as high as thick. If the reservoir is deep, large 
Piers will be required to meet this condition, and the span of the arches is increased to 
correspond. The roof is of groined arch vaulting without reinforcing. The outside 

_ walls, with a minimum thickness of about 12% of their height at top and 16% at 
bottom, are braced at the bottom by the floor blocks and at the top by the roof blocks, 
and are calculated as reinforced beams, with breaking moment at about 43% of the 
distance from the bottom to the top, equal to 4 h8, i being the height of the wall in feet. 
In deep reservoirs economy is secured by carrying the floor on a slope of about 1 in 6 
to the raised base of the walls, thereby reducing the height of the walls. The masonry 
is backed up by solid earth embankment, and 2 ft. of soil is placed over the top to 

~ Keep frost from the masonry. Ventilators are provided to allow the passage of air as 
water rises and falls in the reservoir. The top is covered with grass and shrubbery, 
but trees or any plants with strong heavy roots should not be planted. 

Data for Steel Standpipes 

, Approximate relative costs 
Capa-|Required| =| Ap- 
city thickness |Thick- proxi- Total 

in | of lowest | ness | mate Founda-| with 10%| Per 
: plate with] of lweight| Tank | tion 5ft.| added | thou- 
in at 8c. | deep at |for appur-] sand 
ft. per lb. | $15 per | tenances | gal- 

cu. yd. | and con- | lons 
nections 

30 $2400 | $2520 $5 410 51 

4 160 2 520 7 350 35 

7 520 2 520 11 040 35 

11 520 2 520 15 440 36 

16 800 2 520 21 250 40 

23 040 2 520 28 120 44 

40 3 360 4 230 8 350 44 

7 200 4 230 12 570 33 

12 320 4 230 18 200 32, 

20 000 4 230 26 650 35 

29 440 4 230 37 040 39 

40 160 4 230 48 830 43 

50 4 800 6 380 12 300 42 

10 880 6 380 18 990 32 

19 840 6 380 28 840 35 

31 680 6 380 41 870 36 

60 6 080 8 950 16 530 39 

14 560 8 950 25 860 31 

27 200 8 950 39 760 31 

44 160 8 950 58 420 35 

70 9 760 12 000 23 940 42 

21 280 12 000 33 280 29 

38 560 55 620 
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Overflows should invariably be provided for distributing reservoirs and 

should have sufficient capacity to discharge all the water that the pipes or 

pumps are capable of bringing to them. Many reservoirs have been lost and 

great damage done by failure to provide sufficient overflow capacity. 

The cost of covered masonry reservoirs under conditions of 1927 in a general 

way would range from $15 000 to $25 000 per million gallons capacity accord- 

ing to size and conditions of construction, with small reservoirs costing con- 

siderably more. 

Capacity of Distributing Reservoirs. With the water coming to the city 

through a gravity line at a steady rate, a storage of about 0.15 of one day’s 

supply serves to balance all the fluctuations in hourly consumption, not in- 

cluding fire drafts. With a pumping system where all the pumping is done 

during the day a reservoir should hold at least one day’s supply. Considera- 

tions of fire service frequently determine the size of reservoirs, so that in addi- 

tion to meeting the ordinary service, drafts amounting to not more than one- 

quarter or one-half of a day’s supply can be made to maintain full fire service 

for a period of two, four, eight, or some other number of hours, depending 

upon the size of the city and the amount of property that is to be protected. 

The Elevation of distributing reservoirs is a matter of great importance, as it con- 

trols the pressure of water in the entire distribution system. Reservoirs have been 

generally built at levels to give necessary pressures at the time that they were built 

and in the district to be served. As time has gone on larger buildings and higher 

buildings and buildings upon higher ground have been erected, and there is demand 

for, and need of, more pressure than is available. This sometimes involves the aban- 

donment of old reservoirs and the construction of newer ones at higher levels. Aban- 

donment of distributing reservoirs because of insufficient elevation has been common. 

Standpipes are elevated reservoirs built of sheet steel entirely above the 

surface of the ground, and are commonly used where the desired water level 

is a considerable distance above the surface of the ground. The limitations of 

steel construction do not in general allow standpipes to be used in large works. 

Roofs should be provided on all standpipes holding waters deteriorating in 

the sunshine, that is, in general, for ground waters and filtered waters. 

Reinforced concrete standpipes have been used, but it has been found hard to keep 
them in good order under frost action. Towers of masonry are frequently built about 
standpipes for ornamental purposes, and to protect them from wind pressure, and to 
make very tall standpipes small in diameter safe. 

Elevated steel tanks with spherical bottoms, supported on steel trestles, have largely 
displaced standpipes in recent years. They have the advantage that the whole of the 
water is available and that, for the same effective storage, the weight on the founda- 
tion is less. The East Providence, R. I., tank holding one million gallons with a flow 
line 205 ft. above the ground built in 1904 was the first of a great number of such tanks. 
The largest tank of this kind at Charleston, S. C., holds two million gallons, with a 
flow line 115 ft. above the ground. 

The accompanying table shows dimensions and relative costs of a number of sizes. 

The ratio of height to diameter may be varied within limits. A shallower tank of 
Jarger diameter maintains pressure better as water is drawn, but will usually cost a 
little more. The figures for cost are intended to give relative costs for tanks erected 
including foundations on average hard soil at current prices in 1927, the steel work 
alone costing about 8 cents a pound. 

Wooden tanks are frequently used in railway supplies and in industrial operations, 
but are seldom to be recommended for public water supply. 
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Dimensions and Costs of Elevated Steel Tanks 
(Based on information from Chicago Bridge & Iron Works) 

Capacity in million gallons 

0.1 0.3 0.5 1.0 2.0 

Approximate diameter, feet.. 29 41 45 60 80 
Height of cylinder.......... , 16 p24 32 34 35 
Total height of tank........ 23 34 47 54 62 
Weight of water, tons....... 416 1250 2100 4160 8330 
Height 100 ft. to flow line: 

Weighé of tank, tons...... 50 108 165 315 620 
Cost Bs! +). Sas £G6 ob dak $10 000 | $22 000 | $34 000 | $66 000 | $130 000 

Height 150 ft.: 

Weight of tank, tons...... 65 145 215 425 850 
OSE OE ana aaeee orice $12 000 | $28 000 | $42 000 | $83 000 | $165 000 
| Height 200 it.: 

Weight of tank, tons...... 82 175 265 1040 

ate bb ole otal dete ain eng $15 000 $34 000 $52 000 | $102 000 | $200 000 

20. Cast-Iron Pipes 

Cast-iron pipe is one of the oldest and most generally used materials in 
waterworks construction. It is made in lengths of 12 ft., but the smallest 
sizes are also made in lengths of 16 ft. and 16.4 ft., the latter being 5 meters 
on the metric system. 

At present it is mainly used in sizes from 6 in. to 36 in. Four-in. pipe is 
now little used, and sizes above 36-in. under pressure in city streets are too 
hazardous because of the great damage that results from sudden breakage. 

Designs and specifications have been adopted by the American Water Works 
Association for four classes of pipe, called A, B, C and D, intended to serve 

working pressures up to 100, 200, 300 and 400 ft., respectively. Actually the 
smaller sizes of each class are tougher and stronger than the larger ones. In 
practice, B pipe is commonly used from 6 in. to 20 in. or 24 in., and C pipe for 
the larger sizes to 36 in. Each length of pipe is tested in the foundry under 
a pressure far above working pressure, but this does not prevent a small per- 
centage of pipes from breaking in service. 
Among the common causes of breakage are the weight of fill over the pipe, 

settlement, unequal support, unbalanced pressures at bends and temperature 
changes. The jar from a passing heavily loaded truck may be the last straw. 
Breaks are nost common where there are rocks, large boulders or other un- 
yielding substances in the material under and near the pipe, and are less fre- 
quent in soils of clay and even grained sand which yield slightly under pres- 
sure. 

The weight of the earth above the pipe results in pressures and stresses, that 
can be avoided only in part by careful backfilling. In deep cuts and other 
difficult places large pipe of any kind should be surrounded with concrete. 

Coating. Cast-iron pipe is usually coated by dipping in coal tar at a tem- 
perature of about 300° F. Redistilled coal tar of good quality is to be used. 
With continued heating it loses its more volatile parts and becomes brittle. 
To prevent this a heavy oil obtained in the distillation of the tar is added to 
the dipping tank from time to time. 

Cement-lined Pipe is cast-iron pipe lined with a layer of cement mortar 
which is poured soft into the rapidly revolving pipe in which it distributes it- 
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Cast-Iron Pipe—Table Showing Heads to be Allowed with Various 

Soils, Depths of Cover and Classes of Pipe (Original) 

} Class, Feet of fill over top of pipe 

Amer- 
'Diam-| ican |Thick-| Clay or sand....... 

| eter, | Water | ness, | Average soil....... 
1 im. Works | in. Rocks and boulders. 

Associ- } 
ation 

12 B DOGO. eee ee © ete steys of 

12 IC 0: GS «l seas. Soci eee sa 

16 B OF TE: LURE, 52 esate eb 

16 & Di.8O Wisssk Me Senemcwiee okey 

20 B O80 hace eke 1 eee eee <> s 

20 Cc 1, SANA rele ae tees <eise ieto 

24 B Time it es = lee ly ow Ss 

24 C 1.04 

24 D PETS oe ose oe ores are ee ee emer 

30 B 03" [yaa TO eS 52" fos" |, 12 | 80 fy sonheeee 
30 Cc 1,20 |i oeapellT pepe tad 

30 D PE SEP TE ete cites Me eters. s 

36 B F195 PrN SS, S20 NEA I 536 4176. 2° 4.765) | MOR Eee 
36 G 1 3G yp AR, Corea titatee are 

36 D PISS. MAE os Ee ee ct einen 

self before it hardens. The cement layer should not be too thin, usually not 
less than’ 1/4 in. Natural cement alone, or mixed with portland, seems to 
have an advantage over portland cement for this purpose. Because of the 
greater smoothness of the cement lining there is no loss in capacity even as 
compared with new unlined pipe. Such pipes are not subject to corrosion 
and retain their carrying capacity better than tar-dipped pipe. 

Pipe is now being made and sold with thinner linings, and the manufacturers 
report difficulty in getting lining as thick as 1/4 in. that will not crack. Very thin 
lining is undesirable from the standpoint of permanency. Linings from 1/4. in. to 
1/2 in. thick have been successfully used in some jobs. 

Delavaud or centrifugal pipe is made of cast iron distributed by special 
machine on the interior of a rapidly revolving mold so that the material is 

spun as it solidifies into a pipe. The unit strength of the material is 
greater than of ordinary cast iron and the pipe walls are thinner. The outside 
diameter is made of standard dimensions. Such pipe is sold by the foot and 
the cost at present is about the same as ordinary cast-iron pipe. 

Depth of Cover. In the latitude of New York and Philadelphia pipe is 
laid with a cover of about 4 ft. of earth, but large pipe, that is, pipe 2 ft. in 

diameter and over, may be safely laid with a little less cover than smaller pipe. 
In the latitude of Boston, Albany and Chicago the depth of cover is increased 
to 4-1/2 or 5 ft. Further north still greater depths of cover are required. In 

the latitude of North Carolina and south it is only necessary to give the pipes 
sufficient cover so that they will not become exposed in the street, or, in other 
words, to protect them from physical injury aside from frost. In city streets 
a minimum depth of 30 or 36 in. is recommended in all warm climates. Shal- 
lower pipes are broken by excavation and traffic in city streets. In countries 
where there is no frost main pipes outside the city are sometimes laid on top 
of the surface of the ground. In other cases they are just covered with soil. 
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The former arrangement leaves them open to inspection for leakage. The 
latter arrangement protects them against excessive heat. The cost of pipe 
laying is greater as the cover is greater. 

Cost of Cast-iron Pipe. Cast-iron pipe is sold by the net ton. The maker 
guarantees the weight. Pipes underrunning the standard weight by more 
than a certain percentage (the percentage depending upon the diameter and 
class of pipe) are rejected, and pipes overrunning the standard weight by more 
than a certain percentage are accepted, but the weight beyond the allowed 
excess is not paid for. From 1875 to 1909 the price of cast-iron pipe in the 
northeastern states ranged from $17 to $35 per net ton. The average price 
was not far from $25, and this was approximately the selling price in 
1909. Prices of over $30 per ton ruled in 1875, 1880, 1883, 1884, and 1907, 

Prices under $20 ruled from 1895 to 1898 inclusive. In 1917 to 1926, the 
ordinary range was between $50 and $70 per ton. In 1927 it fell somewhat 
and $40 is a representative figure. Current quotations should be consulted 
in the engineering papers. 

Maximum Bends in Cast-Iron Pipe Joints 

Approximate 
radius in feet Special bends are used for 

ir gee of of curve shorter curves than those in the 
24 = ioe gth, produced by tahle. Specials are all castings 
ee succession | other than straight pipe in 12-ft, 

lengths. Bends, reducers, in- of joints 
creasers, crosses, tees, branches, 

0.0 170 are some of the common forms 
725 230 of specials. Standard designs 
6.8 260 and weights for all the more fre- 
5.4 320 quently used specials have been 
4.5 390 adopted by the New England 
3.6 480 Water Works Association and 
3.0 570 the American Water Works 
2.6 660 Association. 

D5 750 

The weight of specials in long lines of supply pipe in the country is less than 1% of 
the weight of the pipe. In the distribution system in villages and small cities the 
weight of the specials will average 2-1/2% of the weight of the pipe. In city work, 
with short blocks and many obstacles to be passed, specials will average 4% of the 
weight of the pipe. 

Specials cost twice as much per pound as straight pipe, or a little more. 

Joints in cast-iron pipe were formerly made with lead and this still remains 
an important joint material. The following table shows proper dimensions 
and weight of lead joints. The lead is melted and poured into the joint 
between temporary gaskets and is then calked with a tool to take up the 
shrinkage of the material as it solidifies. The effect of the calking only 
extends a short distance; and that part of the joint depended on for tightness 
is not more than 1/2 in. deep. Back and forth temperature movements. will 

loosen this in time and result in small leakages. 

Joints are made deeper where the pressure is high, and not so deep where it is 
light. Workmen often make the joints heavier or lighter than specified. Some lead is 
oxidized in melting and pouring, and otherwise wasted and lost. Variations in the 
diameter of bell and spigot make a difference in the amount of lead. A small fraction 
of an inch variation makes a large percentage difference in the amount of lead required. 
For good management find out how much lead is required, and require inspectors to 
hold the dimensions of bells and spigots to the design, and the workmen in the trench 
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to the depth of joint required, and investigate closely any large discrepancy between 
the computed and required amounts of lead. 

Amount of Lead Required for Joints 

Dimensions in inches Lead required, pounds per joint 

Approxi- 
mate - 

diameter including f 
or various| estimate 

lead ring bead 

ROAR WOOUNWN VWNNHNHKHHHHKHNN Ge GU On Un On fe WANOWHAWON 

Relative cost per lineal foot for average 
conditions: 4-ft. cover, 3% rock, pipe at 
$40 per ton, labor at 50 cents per hour 

Diam- 

eter, Village or |City condi- 
in. tions, con- 

crete or 

asphalt 

6 B 0.4 1.33 1.65 2.34 3.42 

8 B 0. 1577 2°12 2.83 3.98 

10 B 0. 2.26 2.63 3.38 4.58 

12 B 0. 2.79 3.19 3.98 5.24 

16 B 0. 4.13 4.61 Send 6.99 

16 S 0. 4.63 Ee KY 6.01 7.49 

20 B 0. 5.61 6.17 7.19 8 

20 G 0. 6.49 7.05 8.07 9 

24 B 0. 7.33 7.98 9.13 

24 G £4 8.54 9.19 10.34 

30 Cc re 12.00 12.80 14.20 

30 D 1. 13.32 14.12 15.52 

36 © Ee 16,19 eS 18.79 

36 D 1. 18.28 19.24 20.88 

A lead joint tight for its whole depth and therefore more reliable and free 
from leakage may be made by calking lead wool into the joint witha pneumatic 
tool in thin layers. The cost is greater and such joints are used only in 
places of special difficulty. 

Leadite and Lead-Hydrotite are proprietary mixtures, of which sulfur is 
the most important element, and are often used in place of lead. They are 
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cheaper and do not require calking. The joints leak slightly when first 
made but later become tight. 

Cement Joints are widely used, especially on the Pacific Coast and their 

use is extending in Texas, Florida and elsewhere. They are cheap and satis- 
factory and when well made remain permanently tight. Ordinary portland 
cement is mixed with very little water and calked in layers with a tool, as 
hard as lead is calked. Pipes laid with cement or leadite joints may be stiffer 
than pipe laid with lead joints, but extended experience shows sufficient flex- 
ibility to meet practical conditions. - 

Leakage in pipe should always be tested under full working pressure. If it 
is practicable to hold the trench open so long it is best to make the test before 
the trench is backfilled, and to calk all joints showing leakage until they are 
tight. It is impossible to keep lines of cast-iron pipes permanently tight. 
The expansion and contraction from temperature changes are accompanied 
by a slight slipping of the lead on the iron at each joint; settlements cause 
movements in the joints. 

With well-tested work under average conditions in a waterworks system a leakage 
of three gallons per 24 hours per lineal foot of lead joint under a pressure of 100 lb. 
per square inch may be anticipated. On this basis the leakage per thousand feet of 

pipe in gallons per 24 hours will be as follows: 

Inches diam.. 6 8 1g 12 16 20 24 30 36 48 

Gallons...... 500 650 775 900 1200 1500 1800 2200 2600 3400 

Lines of pipe when first laid should have less leakage, and those that have been down 

for many years may be expected to leak more. It will pay to dig up pipe and calk 

joints whenever and as far as the value of water saved during an assumed period of 

five years exceeds the cost of locating and stopping the leakage. 

Cost of Cast-iron Pipe Laid. The table in this section shows the approximate 

cost of pipe of all the sizes and thicknesses in most common use, laid under 

average conditions. These prices include the cost of the pipe, specials, lead, 

and all costs of laying, assuming 3% of the trench rock excavation; pipe 

$40 per ton and labor 50 cents per hour. The column for country work may 

be used for outside pipe lines where there is no special difficulty. The column 

for village and suburban work includes taking up and replacing oiled macadam 

pavements. The column for city conditions includes taking up and replacing 

concrete or asphalt pavements. 

In Congested Districts of cities where there are many existing pipes, con- 

duits, sewers, and other structures to be met and passed, the cost per foot 

may be increased very greatly above the figures given, which are intended to 

cover only ordinary city conditions. Many local conditions affect the cost 

of the work, and prices fluctuate, and the costs will often be found differing 

considerably from those given, which are intended to represent average con- 

ditions, and to show approximately the relative cost of pipe of different sizes 

and the thicknesses under ordinary conditions of use. 

21. Steel Pipes 

Steel pipe is used principally in long supply mains, leading from the source 

of supply to the city. It is not generally adapted to use in city streets or in 

the distribution system. 

Steel pipe is generally cheaper than cast-iron pipe in sizes 36 in. in diameter 

and upward. It has occasionally been used for 30-in. pipe and is seldom to 

be recommended for smaller sizes. 
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Riveted Pipe. The older lines of steel pipe were all riveted. Generally 
the sheets of steel are 7 ft. or 8 ft. wide, and are bent so that one sheet goes 
entirely around, forming one section of pipe. Four of these sheets are riveted 
together in the shop, making a length of pipe 28 to 30 ft. long. This is tested 
for tightness and dipped in protective coating, and then shipped to the place 

where it is to be used. 

The circular seams may be single riveted. The longitudinal seams which alone are 

required to carry the stress due to the pressure of the water are double riveted, in all 
cases, except where the pressure is very low. 

In-and-out courses are used, alternate rings being larger and smaller. Taper 
lengths are also used in which one end of each pipe is smaller than the other end and 
will slip into the large end of the next length. Pipes have also been made with all the 
lengths the same size fastened together with butt straps on the outside, but as this is 
a more expensive method it has not been often used. 

Lead Joints have been used in Australia on long lines at Coolgardie and 
Sydney. Cast-iron or steel sleeves are used in making them. The lead acts 
as an expansion joint and each length of pipe is free to expand and contract 
with the temperature changes, the steel slipping over the lead to permit this. 

Diam- | Thick- 
Year Length, a 

Plage installed seh Shed feet a) 

Rochester, N. Y....... 1873 36 3/16 51 000} | Riveted wrought 
Rochester, N. Y....... 1873 24 3/16-1/4 15.400 iron 
E. Jersey Water Co....} 1891 48 1/4~3/8 | 116 000 
E. Jersey Water Co....} 1891 36 1/4 26 000 
Rochester, N. Y....... 1893 38 1/4-3/8 140 000 

Cambridge, Mass...... 1895 40 1/4-5/16| 24 000 
New Bedford, Mass....| 1896 48 5/16 42 500} 7 Riveted steel 
Allegheny City, Pa.....] 1896 GO". csaae st 50 000 
Brooklyn, N.Yo 2 2. 1896 66 be se 79 200 
E. Jersey Water Co....] 1896 48 HTS .ens) 26 200 

E. Jersey Water Co....| 1896 Ls Ag) bh as sade 89 700 
Adelaide, Australia....| 1897 {15-24-26} 1/4 63 472} Lock-bar steel 
Minneapolis, Minn..... 1897 50 5/16—3/8 34 400 

Passaic Water Co.,N.J.| 1897 22 TONS sis ors ope 21 000 
Albany; N.i¥...03 <2...) 1898 48 5/16 7 900 

E. Jersey Water Co....] 1899 Ie SNR 47 500| 7 Riveted steel 
Atlantic City, N.J.....| 1901 30 1/4 (?)27 000 
Pittsburgh, La... oi sex, 1901 SRS ala iar Sie 26 000 
Jersey City, N.J....... 1902 72 5/16-7/16} 91000 
Coolgardie, Australia...| 1903 30 1/4~5/16]1 848 000] Lock-bar steel 

Newark, NajJ.-<-..--:-4 1905 OVE. detcimieceis. 39 300 
LLOM INS Mectcct creme ste 1903 Soh eae cers 35 300 } riveted steel 
Schenectady, N. Y.....}] 1903 SOIT SURG Ly 24 000 
Lynchburgh, Va....... 1905 30! Gunes a woke 15 000} 
Wilmington, Del....... 1905 AS —AR We tys\s-s piel tL G50) 

Passaic Water Co.,N.J.| 1905 | 42-48 |......... 11 000| ¢ Lock-bar steel 
Pittsburgh, Pa........ 1905 SOS wheel stholh 26 500 
Springfield, Mass...... 1909 42 1/4-7/16} 61000 

Continuous Riveting has been used in nearly all American steel pipe lines; 
that is, each length of pipe in the field has been tightly riveted to its neighbors. 
Practical experience with the system of construction has been satisfactory. 
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Temperature Stresses. Under conditions in the northern states the tem- 

perature of water and consequently of the pipe will range from 32 to 75 or 80° 

F., or for average conditions the range is about 45°. The pipe must be helc 

so that it will not move with expansion and contraction. Under these con- 

Data for Steel Pipe 

Lock-bar pipe |Double-riveted pipe 

tive | Gross |Safe work-| GTSS |Safe work- 
Ap- | cost | Pres- | ing pres- | PF©S~ | ing pres- |Great- 

Thick-| PTOX- laid | Sure | sure after | SYT© | sure after | est 

Diam-| ress | Mate | CO™- with- | allowing | With-| allowing | allow- 

eter |» of | Weight plete} out for average} out 

in:_,| plate,}i under | allow-| water ram | llow- 
inches| in _ | Pounds| @ver- Stee and ance and of 

enchant p Dek 4 ee for | corrosion | fF | corrosion | cover 
linear |condi- water water in 

foot tions Tam Tam feet 

per and Lb. | Ft. and 

lin. ft.|deteri-| per | of | deteri- 
oration |sq.in.| head! oration 

30 3/16 80 |$ 9.60) 180 100 | 231 144 

1/4 104 10.90; 240 140 | 323 
5/16 127 12.20} 300 180 | 416 
3/8 151 14.50) 360 | 220 | 508 
7/16 174 14.80) 420 | 260 | 600 

36 1/4 123 13.00) 200 113 | 261 
5/16 151 14.50) 250 147 | 339 
3/8 179 16.00} 300 180 | 416 
7/16 | 207 17.50} 350 | 213 | 491 
1/2 235 19.00} 400 | 247 | 570 

42 1/4 141 14.90} 171 94 | 217 
5/16 174 | 16.70) 214 123 | 284 
3/8 207 18.50) 257 151 | 349 
7/16 | -240 | 20.30) 300 180 | 416 

1/2 273° | 22.10} 343 | 209 | 482 

48 1/4 160 16.80} 150 80 | 185 

5/16 198 18.90) 187 105 | 242 

3/8 235 21.00) 225 130 | 300 

7/16 | 273 | 23.10) 262 155 | 358 

1/2 310 | 25.20) 300 180 | 416 

54 5/16 | 221 | 21.10) 167 91 | 210 

3/8 263 | 23.50) 200 113. | 260 

7/16| 305 -| 25.90) 233 135 | 312 

1/2 348 | 28.30) 267 158 | 365 

5/8 432 | 34.70) 333 | 202 | 466 

60 5/16 | 244 | 23.40) 150 80 | 185 

3/8 291 | 26.10) 180 | 100 | 231 

7/16 | 338 | 28.80) 210 120 | 277 

1/2 385 | 31.50) 240 | 140 | 323 

5/8 479 | 38.70) 300 | 180 | 416 

72 5/16 | 291 | 28.10) 125 63 | 146 

3/8 347 | 31.30} 150 80 | 185 

7/16 | 404 | 34.50) 175 97 | 224 

1/2 460 | 37.70; 200 | 113 | 261 

5/8 573 | 46.00} 250 | 147 | 339 OAR WN HNWAKW NOBAKR NOYNUNYW 
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ditions the change in temperature, which tends to expand or contract the pipe, 
uses all its force in putting it under stress. The stresses thus produced may 
range from nothing at the low temperature to the maximum amount in 
compression at the higher temperature, or from nothing at the higher temper- 
ature to the maximum amount in tension of the lower temperature, or they 
may be divided, coming partly in tension at the lower temperature and partly 
in compression at the higher temperature. This depends on the temperature 
at which the pipe is laid and finally connected up. Under the most unfavor- 
able conditions the stresses produced by temperature in this climate are about 
9000 Ib. per sq. in., and as this comes well within the strength of the steel no 
difficulty is occasioned by them. Ordinarily they are less than this. 

Anchorages are built to keep the pipe from moving at all free ends and at 
all sharp bends. These anchorages are formed by riveting angle irons to the 
steel pipe, usually four angles being attached to one 30-ft. length, with a 
sufficient number of rivets to hold the temperature stresses, and these lengths 
of pipe are surrounded with concrete reinforced with steel rails of such 
a shape as to be capable of withstanding the computed amount of stress. In 
some lines anchorages have been omitted and expansion joints provided at all 
gates, ends, and other places when continuity of riveted connection cannot be 
maintained. The temperature push or pull on the anchorage in tons of 2000 
lb. for steel pipes of various diameters and thicknesses is shown in the last 
column of the preceding table. 

Gates and Steel Pipes. Flanged gates are usually considerably smaller 
in diameter than the pipe (Sect. 7, p. 693) and are bolted on one side directly 
to a flange on the steel pipe and on the other to a nipple connected with the 
steel pipe through a sleeve with lead joints. In this way the gate is protected 
from temperature stresses of the steel pipe, and on the other hand is held 
from being moved by unbalanced water pressure as is the case where lead 
joints are used on both sides. It is usual to build anchorages on the steel pipe 
on either side of gates or otherwise the two ends of the steel pipe may be held 
from movement by an enclosing steel and concrete structure. 

Lock-bar Steel Pipe is made by upsetting the edges of the plates and con- 
necting them by a lock bar in the shape of an H going over the opposite edges 

and being forced down over 
them by hydraulic pressure. 
This takes the place of the 
riveting in the longitudinal 
joints. The circular joints 

é may be made by riveting or 
Fig. 13. Lock Bar for Steel Pipe otherwise as for riveted pipe. 

While double riveting devel- 
ops only about 72% of the strength of the steel plate, the lock bar is capable of 
developing 100%. Owing to occasional defects in material or workmanship 
on the lock bars, in making calculations it is recommended that only 90% 
of the strength of the plate should be used for lock-bar pipe. Two sheets of 
steel each 30 ft. long are joined with two bars at their edges to make a 30-ft. 
length of pipe. The circular joints between these lengths are usually riveted 
in the field. Thus far lock-bar pipe has been made from plates ranging from 
1/4 to 7/16 in. in thickness. 

Welded Steel Pipe has been made possible by the progress in welding in 
recent years, and its use is extending. The greatest problem is to make a 
weld without changing the temper of the steel resulting in brittle material in 
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the space between the heated metal in the weld and the cold metal a short 
distance from it. j 

Carrying Capacity of Steel Pipe. The steel sheets are much smoother than 
the interior surface of cast-iron pipe; and for this reason lock-bar steel pipe is 
found to carry appreciably more water than cast-iron pipe. Welded pipe is 
believed to be equivalent to lock-bar pipe. In riveted pipe the projecting 
rivets and rough edges at the joints increase the resistance. To make it com- 
parable with other kinds of pipe the diameter must be increased by at least 4%. 

The Diameter of Steel Pipe, either riveted or lock-bar, can be made of 
any required dimension. In this respect it differs from cast-iron pipe, which 
is commonly made only of the sizes for which the foundries have molds. 

The diameter should always be specified as the smallest diameter of the 
smallest ring, where the rings are not all of the same size. 

Weight of Steel Pipe. The finished weight of steel pipe per lineal foot, 
either riveted or lock-bar, including the excess weight of plates rolled so that 
the thinnest points in the plate will be approximately of the nominal thick- 
ness, and including the laps, rivets and lock bars, material in the joints and 
coating, may be found approximately by the formula: 

Weight in pounds per foot = (12.5 X diameter X thickness) + 10 Ib. 

in which diameter and thickness are to be taken in inches. The weights of 
commonly used sizes are given in the table in this section. Welded pipe is not 
quite as heavy. 

Thickness of Steel Pipe. The required thickness is computed by 

Diameter in inches X pounds pressure 

2 X 16000 X efficiency of joint 

To the thickness thus computed it is customary to add something as’ an 
allowance for weakening of pipe by corrosion. In other words, make the 
pipe heavier so that it may rust to a certain extent and still have needed 
strength. The strength of the metal with open-hearth steel under standard 
specifications is taken at 16 000 lb. per sq. in., which allows a factor of safety 
of about 3-1/2. The efficiency of the joint may be taken at 55% for single- 
riveted pipe, 72% for double-riveted pipe, with the best spacing of rivets, 
and at 90% for lock-bar pipe. Welded pipe should be as strong as lock-bar 
pipe. 

In the steel-pipe table in this section are entered under lock-bar pipe and double- 
riveted pipe separately, first, the gross pressures, in pounds per square inch, that can be . 
carried by pipe of various dimensions without making deduction for water ram and for 
deterioration, and second, the fair safe working pressures after making reasonable 
allowances for water ram and corrosion under average conditions. 

Proper allowances for water ram and for corrosion necessarily vary with local condi- 
tions. Generally speaking, where great variations in rates ot flow are to be expected 
and where a great deal depends upon the continuous service of a pipe, thicker pipe 
should be used, while under conditions of steady flow and where pipes are in duplicate 
or otherwise safeguarded thinner pipe may be used. 

Depth of Cover for Steel Pipe must not be excessive or the weight of the 

earth will flatten and deform it. A slight flattening is not objectionable, as 

it does not cause the pipe to leak and does not greatly reduce its carrying 

capacity. 

The table, in this section, shows the greatest depth that should be placed over vari- 

ous sizes and thicknesses of pipe under average conditions. In bad trenches and slippery 

material keep the depth of cover somewhat less than indicated. With firm material 

carefully placed around the pipe and well rammed on the sides a somewhat. greater 

Thickness in inches = 
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depth of cover for short distances may be permitted. If it is necessary to cover the thin 
pipe to a greater depth it may be stiffened by angle irons riveted to it at frequent 
intervals. A more substantial result is obtained by surrounding the pipe with concrete. 

Cost of Steel Pipe. The relative cost of steel pipe laid complete under 
average conditions is shown in the table, p. 1505. The costs represent 
generally those in the northeastern states in the years 1925-27. They 
include pipe excavation and average amount of water in trench, and of 
rock excavation, anchorages, brook crossings, etc., but do not include river 

crossings or special and unusual obstacles or difficult conditions. Steel 
pipe has often been placed under contract at a price per foot laid, including 
the pipe and laying, but rock, valves, river crossings, and all other auxiliary 
works are usually paid for separately. 

Bends in Steel Pipe are usually made by cutting off some of the plates 
at the joint. Both horizontal and vertical bends are made in the same way. 
It is easier to lay out the work if the horizontal and vertical bends are made 
in separate joints, but in case of need they can be combined. 

The amount of bend that can be made in one joint depends upon the size and thick- 
ness of the plate. With 5/16-in. plates bends up to 5° in one joint are easily made; with 
3/8-in: plates 4°, and with 7/16-in. plates 3°. Sharper bends are made when necessary 
but it is harder to calk them tight. With crooked lines the lengths of pipe may be 
cut, one bend made every 15 ft. or every 7-1/2 ft. With sharper bends special arrange- 
ments are made. ' 

It is better to make all bends in steel pipe of steel plates riveted up, rather than of 
castings, and in case of sharp bends the pipe should be anchored on both sides, to carry 
the resultants of the temperature stresses. 

Cement Lining in Steel Pipe. Steel pipe has been sometimes lined with 
cement mortar 2 in. thick or less to insure permanence. Where this is to be 
used the pipe has usually been surrounded with concrete on the outside for 
stiffness. 

Coatings for Steel Pipe are more important than coatings for cast-iron pipe, because 
the steel is thinner and if unprotected may rust through more quickly, Asphalt was 
used for some of the earlier lines. Asphalt is entirely stable in a dry atmosphere, but 
it is quickly oxidized and becomes brittle when kept under water. Asphalt coating on 
steel pipe has actually become brittle and pulverized and has ceased to act as a pro- 
tective coating in periods usually not exceeding ten years. Coatings made from the 
residues from the distillation of petroleum have frequently been sold as asphalts. 
Redistilled coal tar used on cast-iron pipe has usually been more durable than the 
asphalts and special preparations used on the earlier steel pipes. Part of the Rochester 
pipe line, 1893, was dipped in equal parts of coal tar and asphalt. At Springfield, the 
42-in. pipe line, 1909, was dipped in coal tar alone. 

The Life of steel pipe seems to be limited in general by perforations of the plate which 
start with imperfections in the steel and first show after a considerable numbet of years. 

External Corrosion of Steel Pipe. Occasionally soil conditions are found 
that corrode steel pipe. Where sea water penétrates the soil in which the pipe 
is laid corrosion must always be anticipated. Corrosive conditions may not 
be apparent as the pipe is laid, but become known long afterward when the 
pipe begins to leak. They are not common and are usually localized in peaty 
areas or where there is corrosive mineral matter in the soil. 

Leaks in Steel Pipe. When steel pipe is corroded either naturally or by 
electrolysis, the result is a small hole or perforation in the pipe. If the pipe 
is under moderate pressure there will be a small leakage through this hole 
which may go on unnoticed for a long time. If the pressure is high and the 
pipe is surrounded with soil containing gritty material, an eddy will be formed 
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on the outside that will rapidly enlarge the hole after a material flow is estab- 
lished. Such perforations are usually stopped without shutting off the water 
pressure by first driving in a wooden plug and afterward covering with a steel 
cap with a gasket held by a hoop extending around the pipe and drawn up by 
a turnbuckle. Recently electric welding has replaced the hoop and turn- 
buckle. In a few cases it has been necessary to dig up lengths of old pipes in 
corrosive ground and repair them in this way or replace them. Where such 
conditions exist the pipe should be surrounded with concrete or otherwise 
adequately protected from external corrosion. 

Concrete Pipe. Concrete pipe made by the Lock Joint Pipe Company 
coming into use in recent years is in many respects similar to cement pipe that 
became common about 1870. In the modern pipe a shell of steel welded to 

bells and spigots at its ends is lined and surrounded with reinforced concrete. 
The reinforcing in the concrete is planned to carry its share, often the largest 

part, of the pressure. The steel drum is depended on for tightness. The 
cement lining on the interior is relied on for durability and smoothness. Such 
pipe is usually made near the place where it is to be used, but cast in standard 
molds and with equipment furnished by the manufacturers. Such pipe is 
used only in large sizes, generally 24-in. and over. For very low heads the 
steel shell is generally omitted. 

Wood-stave Pipe. Wood was one of the earliest materials used for water 
pipes. Old methods limited its usefulness, and other materials have largely 

superseded it. Recently methods of manufacture have been developed and it 
is again finding increased use. It has been largely used in cantonments 
for somewhat temporary service under war conditions. Decay is less rapid 
in pipe laid in impervious soil and under pressure that tends to keep the 
wood constantly saturated with moisture. If laid in loose ground, or in any 
‘situation which permits the material of the pipe to become dry at times, it 
will rot. 

Wood pipe may be either “‘ machine made,” in sections running up to 20 ft. 
or more in length, shipped to the work to lay; or “continuous,” built up of 
staves and banded in the trench. ‘Tightness in the longitudinal joints is 
secured by grooves and beads on the edges of the staves, pinched into tight 
‘contact by the bands. Tightness in transverse joints is obtained by the use 
-of metal plates set into the joints. Properly built and placed, wood-stave 
pipe gives good service at moderate pressure within the elastic limit of the 
bands. 

For small sizes, up to 24 in. machine-made pipe is usually used. For larger 
sizes the pipe is built continuously in the trench. 

Wood-stave pipe will carry as much water as cast-iron pipe when new and 
-as it is not subject to tuberculation, when old, it will carry more than iron or 
-steel pipe of equal age. 

Pressure Tunnels. There comes a time in the growth of a large city when 
it is difficult to lay enough pipes in congested streets to meet growing de- 
mands. Under New York City a concrete lined pressure tunnel, varying 
from 15 ft. to 11 ft. in finished diameter, has been driven deep in the rock 
under the entire length of the city connected with the main pipes at intervals 
.and taking the place of an enormous extension of the pipe system. A, dupli- 
-cate tunnel in sizes up to 21 ft. is being planned for early construction. Simi- 
llartunnels have been proposed for several other cities. 
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22. Gates and Gate Valves 

Gate Valves are placed at intervals on all pipe lines"of considerable length. 
In city streets four are placed at each intersection, one on each line of pipe. 
Outside the city valves are placed less frequently, and are best placed on 
summits where the pressure is least. The gates serve the purpose of facili- 
tating tests of the pipe and shutting off portions of it for repairs in case of 
emergency. 

Gates Smaller than the Pipe are often used on pipes 30 in. in diameter 
and over, connection being made by reducers on either side. The cost is less 
and the smaller gates are operated more quickly and easily. There is a little 
head lost, and the smaller the gate the more head is lost. This is controlling 
in determining how much smaller than the pipe it is best to make the gates. 

Loss of Head in Gates with Taper Cone Connections 

Diam- ; Diameter of pipe in inches The figures given eter of. | 
are in velocity heads 

72 (or in feet, when the 
velocity in the main 

ue cine a|s sic vshe< keene Pipe is 8.03 ft. per 
POR (reser es sec.). They may also 

11.45 | be taken as tenths of 
5.40 | feet when the veloc- 
2.83 | ity in the main pipe 
1.57. | is 2.54 ft. per sec. 

ae 
-47 
57 
75 

-35 

Basis. Loss of head in a gate, 0.15 velocity head. Loss of head in cones, 0.20 of the amount that the velocity head at the throat is greater than the velocity head in the pipe. 
The actual amount of head lost in a gate depends upon the form of gate, and con- siderable variations are to be anticipated with gates of different designs. The amount lost in, the cones depends upon the taper design and smoothness of the surfaces, and considerable variations either way are to be anticipated. 

Generally 24-in. gates may be used on 30-in. and 36-in. pipes, 30-in. gates on 42-in. and 48-in. pipes, and 36-in. gates on 60-in. and 72-in. pipes; but if head or elevation is very valuable the gate should be one size larger than above indicated. 

The Cost of Standard Double Disk Gates with bronze working parts of the best and most permanent design varies with market conditions. The follow- ing are given as relative representative prices, including gears where needed, but not including by-passes. These prices are not very different from those which ruled in fair-sized contracts in the year 1927. 
Connections and Accessories of Gates. Gates are furnished with either flange or bell ends at about the same cost. Bell ends are generally used in pipe lines in street work; flange connections are used in gatehouses, pumping stations, and about filter plants. Gate Boxes are metallic boxes covering the wrench connection and gate, extending to the surface of the ground, with an expansion joint to protect them from damage by frost and with a removable cover to allow the gate to be opened from the surface with a suitable wrench by removing the cover. 
Manholes of masonry are often built about gates of special importance, large gates, and gates operated by gears, especially when located under pave- ments or in other places not easily accessible. It is not necessary to build 
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Cost of Double Disk Gates 

20 Ib. per sq. in. test 
pressure suitable for 

300 Ib. per sq. in. test 
pressure for working 

100 Ib. per sq. in. 

Size filter plants and test pressure pressures not exceed- 
in inches | for working pressures for working pr CPAPIOE ing 150 Ib. per sq. in. 

not exceeding : a exceeding | suitable:for nearly all 
10 Ib. per sq. in. APSE Sd. 30> water works purposes 

: $23 
33 36 

10 47 54 
12 62 70 
16 115 130 
20 175 235* 
24 260 350* 
30 480* 680* 
36 750* 1050* 
42 1100* 1500* 
48 1600* 2100* 

* Geared. 

such manholes about small gates nor about gates on supply mains outside 
the city, because such gates can be readily and cheaply dug up in the infre- 
quent cases of access to them being necessary. 

Gears are used on large gates and gates under heavy pressure. In general 
36-in. gates, 10 lb. per sq. in. working pressure; 30-in. gates, 50 lb. per sq. in. 
working pressure; and 20-in. gates, 150 Ib. per sq. in. working pressure, are 
the"smallest gates to be geared. Spur gears are used on gates set vertically and 
opening upward, and beveled gears on gates set horizontally and opening 
sideways. The latter are to be used wherever the vertical space is not suffi- 
cient to put in the spur-geared gates. 

By-passes are provided in many cases on large gates operating under 
heavy pressures. These are built into and form part of the main gate. A 
small gate on the by-pass is opened to equalize the pressures in the pipe on 
either side of the gate before the main gate is opened. This allows the main 
gate to be opened with less effort than would otherwise be required. 

Hydraulically Operated Gates in which the screws of the ordinary gate 
are omitted, have hydraulic cylinders provided with plungers attached directly 
to the moving parts. A small control valve allows high-pressure water to act 
on one’side or the other of the plunger, opening and closing the gate. The 
cost is about twice that of ordinary gates. Gates should not be placed where 
they cannot be inspected and tested and kept in good order. They are 
especially useful for gates that have to be opened and closed frequently in 
pumping stations and about filter plants. Oil may be used in place of water 
in such gates. The oil is pumped by small electrically operated pumps in a 
closed system and no outside storage is required. Pressures may be higher 
and the cylinders and working parts correspondingly smaller and less expen- 
sive than those designed for ordinary water pressure. Such equipment is not 
frozen. 

Counter-weights provided for large gates placed vertically facilitate opera- 
tion and prevent the danger of accidental closing of an open gate. 

Electrically Operated Gates are furnished with electric motors, geared to 
the working parts.. They must be provided with reliable equipment. to-shut 
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off the current before the gate reaches the end of the run to prevent jamming. 
Good automatic equipment has been developed, and such gates have ad- 
vantages for throttling when frequent small changes in position are required. 

Butterfly Gates open like a damper turning on a shaft running through the 
middle of the pipe. -They are made in large sizes and designs have been per- 
fected that close almost watertight. There is great variety in the design of 
large gates and much special equipment has been built. 

Gates for Throttling Rapid Flow. When a gate controls the flow of water 
Into a masonry chamber, iron pipe or other enclosed passage, and when the 
velocities of discharge correspond to heads above atmospheric pressure, 
there develops a condition of chattering or making and breaking of vacuum 
with vibrations that rapidly destroy both the gate and the chamber walls 
below it. The best remedy is to secure ventilation by giving ample indepen- 
dent air passages terminating below the gate and extending upward to the 
open air above the highest water level. 

Sluice Gates are of simpler construction, arranged for being built into 
masonry of reservoirs and other structures, and for holding water against 
moderate heads only. There is great variety in the design of sluice gates. 
They are usually cheaper than standard gates, and for the services to which 
they are adapted are fully as satisfactory. 

23. Auxiliaries 

Air Valves are small valves attached to pipes for the purpose of automati- 
cally letting out air. They are placed on summits only. Automatic air 
valves need only to be placed on summits of cast-iron pipe lines where the 
pressure is light and variable, that is, on summits nearly up to the hydraulic 
grade line. On all summits where the water is under considerable pressure 
it is sufficient to put on a petcock ora larger valve to be opened while the pipe 
is being filled and which can be closed at all other times. As air is more soluble in water under pressure there is no danger of the separation of air at summits under considerable pressure, and should air be accidentally 
introduced to them it would be slowly dissolved and removed by the passing water. Asa general rule air valves with a diameter of one inch for each foot in diameter of the water pipe are sufficient. The air valves must be pro- tected from frost by specially constructed housing to insure their being in 
readiness to act in winter. 

For Steel Pipe air valves are also required to let air into the pipe rapidly in case of need, as the pipe is not strong enough to support itself against outside pressure with a vacuum in the inside. A break in a pipe at a low point, allowing the water to run out rapidly, would cause a vacuum in higher parts of the pipe, which would cause the pipe to collapse. Consideration of this feature has led to placing air valves for automatically admitting air on sum- mits of steel pipe. Generally the air valve for this purpose should have a net area equal to one sixty-fourth the area of the pipe. 
Air valves are to be insisted upon in all steel-pipe lines, but it must be remembered that they are called upon to act very rarely indeed, and for this reason a defective valve or arrangement may be used: without the discovery being made that it is defect- 

cases where there have been no breaks and consequently no demand that has taxed its capacity is not to be taken as an indication of the sufficiency of that particular 
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Blow-offs are small pipes attached at low points for the purpose of drawing 
off and wasting the water contained in the pipe during times of inspection 
and repair. Blow-offs are usually much smaller in diameter than the main 
pipe. The necessity of blow-offs depends upon the character of the water 
and the service of the pipe. 

Manholes consisting of saddles attached to the pipe and removable covers 
capable of being bolted securely to the frame are placed on steel pipes at 
distances ranging from 1000 to 2000 ft. apart, to allow the pipe to be entered 
during construction and afterward for inspection and repair. In some cases 
manholes have been placed on cast-iron pipes, although most lines have been 
built without them. 

Twin Lines of pipe are used in places of special danger. Either line will 
maintain at least a partial supply in case of break in the other. In case twin 
lines are long, there should be cross connections with gates so that in case of 
a break in either line a section only can be cut out, the flow at other points 
continuing through both lines. With this arrangement, the amount of water 
flowing through the system will be more than would flow through one line 
only. 

The Cost of Twin Lines with cross connections is from 30 to 50% 
greater than the cost of a single line of pipe of the same strength and capacity. 
Where no other purpose than safety is secured by dividing the flow, it is 
generally better to spend the added money, or a part of it, in strengthening 
one line and making it secure beyond question rather than dividing it be- 
tween two smaller lines. River crossings, lines over coal fields, where there 
are sure to be settlements, and other points of special hazard are best crossed 
with twin lines. Three lines of pipe cost from 60 to 80% more than one line of 
equal strength and capacity. 

Tubercles in Cast-iron Pipe. The carrying capacity of cast-iron pipe is 
reduced in course of time by the growth of tubercles upon the interior of the 
pipe. In a general way the capacity of the pipe, other things being equal, 
is reduced from this cause by as muchas one per cent perannum. In small 

pipes the deterioration is more rapid. Generally the deterioration is less 
rapid with clear lake waters and more rapid with turbid river waters, and 
especially waters carrying organic matter. Filtered river waters act more 
nearly like lake waters. 

Tubercles can be removed by sending an instrument driven by the water pressure 
through the pipe. This instrument is called a “ go-devil.’’ Scraping off the tubercles 
in this way increases the carrying capacity of the pipe. After the pipe has been scraped 
tubercles grow more rapidly than before, so that the remedy is a temporary and not a 
permanent one. When the pipe is once scraped it is usually necessary to scrape it 
again, and the process becomes an annual one, or the period may be even shorter. 

Effect of Cleaning upon the Quality of the Water. The corrosion and 
tuberculation of iron pipes always adds iron to the water, and this iron gives 
it a color, tends to deposit, and is objectionable. Scraping the pipes fre- 
quently increases the rate of tuberculation and increases whatever objection 
there may be to the iron in the water from this source. 

Hydrants are attached to pipes in a distribution system to allow water to be 
drawn for fire purposes. Hydrants have 4-in. connections to allow them 
to be connected with steam fire engines and 2-1/2-in. connections for hose con- 
nections. A hydrant having one 4-in. and two 2-1/2-in. connections is a 
common arrangement. The water is commonly shut off from the hydrant 
by a 6-in. gate valve at the bottom; closing this shuts off water from all con- 
nections. Hydrants are also made in which the different connections ¢an 
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be shut off separately. The cost of hydrants varies from $50 to $125 accord- 
ing to size, type, and the way in which connection is made with the pipe. 
Hydrants are commonly placed at intervals of 200 ft. where buildings are large, 
close together, and inflammable, and further apart elsewhere, but in no case 
more than 500 ft. apart. 

Domestic Meters are small instruments set on the service pipes of the 
takers to measure and record all water drawn through them. The most com- 
monly used meters in the United States are disk meters, consisting of an oscil- 
lating disk in a case moved by the water and communicating the motion which 
represents a certain volume of water to a gear train which indicates the amount 
on a dial. Another type of meter called a Rotary meter has advantages for 
certain services and is sold at a somewhat higher price. 

Water meters are least accurate with the smallest flows. It is comparatively easy to make a meter that is accurate with large flows. Meters that are accurate at such flows often fail to register very small flows, especially after they have been some time in use. In testing meters therefore it is necessary to pay particular attention to low rates of flow, as otherwise small leakages which when sufficiently numerous would sap the system may fail to be registered by the meters. 
Current specifications require domestic meters to register 90 per cent of a flow of 1/4 gai. per minute. This is a relatively low standard and should be insisted upon. With reference to complete accounting for water it is desirable that meters should register much lower flows and more rigorous specifications should be used as rapidly as the advance in the art makes them practicable. 

The Cost of Meters varies with market conditions. In a general way the following have been about representative costs in the year 1927. 

Cost and Discharge of Domestic Meters 

Moderate rating of disk meters with loss of Apppoxin Manutfac- head not exceeding 5 Ib. 
Nominal mete turers’ Million . relative ‘ Veloci e ; eral Cast ot baci Gallons | in oi cubic feet Relative disk oe rinate|et minute] of exact | Per annum capacity meters |P°T mnt diamet ing ail Set the time 

$ 10 toad 7.44 0.50 1.0 15 12.09 8.78 0.85 1.7 22 21.33 8.72 1.50 3.0 40 42.67 7.45 3.00 6.0 80 71.1 7.26 5.00 10.0 120 142.2 6.46 10.0 20.0 200 213.3 5.45 15.00 30.0 400 426.7 4.84 30.00 60.0 

A capacity of 10 for a 2-in. meter is taken as the starting point for this table, and in case of revision, is a better starting point than the capacity of the 5/8-in. meter. 

Disk Meters of different makes vary in frictional resistance. The figures given in the preceding table should be approximately reached by any standard make. Rotary meters differ much more in frictional resistance than disk meters. In some makes resistance would be from 50 to 100% greater than given in the table for disk meters. Other makes have less resistance than shown in the table. Inferential or current meters have considerably less frictional resistance than disk meters, the results differing widely for dif- ferent designs. 
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The Load Factor of a meter is the percentage which the average sales from 
it are of the capacity shown in the next to the last column of the preceding 
table. Thus a 2-in. meter recording 40 000 cu. ft. per annum is said to have 

an 8% load factor (oo = 0.08 }. Meters of the smallest size, 5/8 in., are 

large enough to give service under ordinary conditions to practically all private 
houses, and will normally be used on from 90 to 98% of all services. The 
average load factor on 5/8-in. metersin an average system will be between 1 
and 2%. Muchslippage or léss of water-passing without registration is inevit- 
able because of the low load factor. Smaller meters, if made, would not deliver 
water fast enough. The 3/4-in. meters used on large houses are in an 
intermediate position. In all other cases meters are best placed of the smallest 
size that will give the discharging capacity actually required by the taker. If 
rigidly held down by this rule an average load factor of all meters 1 in. and 
over of 15 or 20% may be realized. If the rule is less rigidly enforced 
lower load factors will result and more water will pass without registration. 
In general, any meter 1 in. and over with a load factor below 8% should be at 
once replaced with a smaller one. Protector meters and compound meters are 
used where large capacity is essential and where ordinary use results in a very 
low load factor. 

Classification of Services was adopted by the New England and American 
Water Works Associations to secure uniformity in statistics and rates. Three 
classes are used with an optional fourth class. 

1. Domestic, all using less than 820 gallons per day, equal to 10 000 cu. ft. 
per quarter or 300,000 gallons per annum. 

2. Intermediate. 
3. Wholesale or manufacturing, all using over 8200 gallons per day, equal 

to 100 000 cu. ft. per quarter, or 3 000 000 gallons per annum. 
4. Large, optional, if used applying to takers using over 82 000 gallons per 

day, or 1 million cu. ft. per quarter, or 30 million gallons per annum, 
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Statistics for 33 Completely Metered Systems for 1915 

Per cent of |Average daily sales | Per cent of total | 
number of per service in sales in | 
takers gallons gallons | 

ie dmestic ! POF Mise 95.17 159 38.4 
2... Intermediate..........+. 4.37 1750 19.6 
SS, Wholesale ch ccd0 nn 0.46 35 700 42.0 

Systems vary greatly in sales to takers of the several classes, and especially 
in sales to large takers. 

The Resistance, in all meters, increases nearly as the square of the quantity of water 
passing. Resistance is added intentionally by makers of meters to prevent them from 
being used for flows so large that the meter would not be durable. 

The use of meters on domestic services is the most efficient means of preventing use- 
less waste of water through leaky plumbing fixtures. The growth in the use of meters 
during the last years has been very rapid. Many cities sell water only by the meter 

and the system promises to become as universal as in the sale of gas and electricity. 

Water Not Accounted tor. In completely metered systems the total quan- 
tity of water registered by meters of the takers is always much less than the 
total output. The loss is made up of: (1) leakage from the s“reet mains; (2) 
leakage from service pipes and abandoned services; (3) under registration of 
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meters; (4) loss by seepage and evaporation from service reservoirs; (5) water 
used for special purposes not metered, such as fires, sewers, flushing, etc. 
With present American methods there are but few systems so tight and well 
managed that 85% of the water is accounted for. The average is probably 
under 80% but there are some systems where no more than 60% or even 50% 
can be accounted for. The records of 27 completely metered systems for the 

year 1915 showed an average loss equal to 130 gallons per service daily. 

The Venturi Meter, invented by Clemens Herschel, consists of contraction 
of the pipe through the throat of which the water flows at an increased velocity. 
As the vecloity increases the pressure decreases. A differential gage connected 
at its two sides with the water at the entrance and throat of the meter indicates 
the rate of flow. A mechanical integrating device shows the total amount 

of water which flows through the pipe. There are several devices for accom- 
plishing this, but the principle cf the meter in all cases is the same, see Sect. 13, 
Art. 20. With a good registering device the results are accurate within 1 
or 2%. Attachments are made by which the rate of flow is shown 
by a pen on a chart, the paper being replaced daily or weekly, so that a per- 
manent record is made not only of the rate of flow at all times but also of the 
total discharge since a specified date. 

Venturi meters should be placed on all important supply lines to show the quantity 
of water used. In connection with the pumps they serve to show the amount of water 
actually pumped, and form a basis for computing the slip of the pumps and to show any 
falling off in the efficiency. They are especially useful on the outlets of distributing 

reservoirs and elsewhere, where they show at all times the actual rate of consumption, 
the fluctuation at different hours of the’day, and the rate of flow during the early hours 
of the morning when there is but a small amount of use and the bulk of the flow usually 
represents leakage, and they also serve to show when fire drafts commence and end 
and how much water is used during fires and at what rates. 

Service Pipes extend from the main in the street to the limits of the street. 
The same pipe usually extends within the taker’s property, but he pays for and 

owns all beyond the street line or curb line. A majority of works furnish the 
service pipe to the property line without cost to the taker. A considerable 
variety of materials have been used and choice will frequently be controlled 
by local conditions and the quality of the water. With lead, copper or brass. 
pipe the size of meter may correspond with the diameter of the pipe, but iron! 
pipe should always be larger than the meter. The service cock, tapped into: 
the street main, may be smaller. A flexible connection between the tap and. 
the service pipe, most often a lead gooseneck, is necessary to prevent damage: 
from temperature change and settlement. 

Cement Lined Pipe has come into use rather recently, is economical, of 
excellent quality and general application. Galvanized pipe should be bought 
larger than would otherwise be used and the lining can be done with simple 
equipment by the men employed in laying pipe working on rainy days. The 
mortar is drawn into the pipe by a follower which regulates its thickness 
and leaves it smooth. Short nipples must be used to bring the lined barrels. 
of the pipes close together at the ends. Such pipe is not corroded and will 
retain its carrying capacity indefinitely. Rarely where the soil conditions. 
are bad must the pipe also be surrounded with cement mortar as it is laid. 

Galvanized pipe of steel or, better, of genuine wrought iron, is widely used 
and gives good service where the water is hard and therefore quiet. With 
soft active waters such pipe deteriorates rapidly and should not be used. 

Copper tubing has recently become available with convenient and reliable 
joints and has the advantage of strength and flexibility and of furnishing its 
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own gooseneck, Such pipe is permanently free from corrosion and may be laid no larger than the size of meter to be served by it. 
Brass pipe is made in wrought iron pipe sizes with screw joints and fittings and is not subject to corrosion. 
Lead and lead-lined service Pipes have been used widely in the past and there are great numbers of such services in use. Lead is permanent and its capacity is not reduced by corrosion but it is attacked slowly by soft active water, and because of lead poisoning, can be safely used only for waters demonstrated to be without action on it. 7 
Goosenecks and Flexible Devices. Where stiff pipe is used, such as steel or iron either lead-lined or unlined or brass pipe, it is customary to use a gooseneck, i.e., a short piece of lead pipe, or to use two or more 1/4 bend fittings, to avoid fracture of the service pipe by temperature stresses. Some water companies using steel pipe have systematically omitted these provisions for many years without apparent ill effects. With waters which attack lead it is better not to use even these short goosenecks. 
On an average from 5 to 7 people are served per service (more in very large cities) and there is one service for every 50 ft. of main pipe. For statistical purposes the number of services should correspond with the number of live accounts, abandoned or dead services and services placed in anticipation of 

business not being counted. 

24. Electrolysis 

Electrolysis in Cast-iron Pipes is caused by stray return currents of elec- 
tricity from various sources especially from trolley cars. These stray 
currents find their way into water pipes through the soil or through service 
pipes or hydrant connections or gas pipes or telephone conduits or any other 
metallic structures coming in contact with the water pipes or the services 
connected with them. Such currents flow in the pipes, leaving them at 
points near the power stations, or go through other metallic conductors to 
the power station. 

Destruction of a Pipe by electrolysis occurs in two ways: (1) By a current 
collected by the pipe, following it for a distance and then leaving it in moist 
soil, the electrolysis occurring at the point where the current leaves the pipe; 
(2) by the flow of electricity in the pipe, a part of which leaves the pipe at 
lead joints or other points of extra resistance, coming back into the next 
length of pipe. These two kinds of electrolysis, while having the same effect 
on the pipe, are to be sharply distinguished. Electrolysis of the first kind 
may be corrected in great measure by connecting the pipe system with the 
negative poles of the dynamos at all power stations. This has the effect of 
taking the return current out of the pipes directly through a copper wire and 
avoiding the necessity of currents leaving the pipe in moist ground on the 
return journey. This method of treating the electrolysis question was pro- 
posed in the early days of electrolysis and used to a considerable extent. 
The principal objection to it is that it produces electrolysis of the second 
kind. This system is openly followed in some works, and is actually followed 
by unknown and indirect connections in others. 

In cast-iron pipe lines the lead joint is a point of high resistance. The temperature 
of the melted lead is not sufficient to burn off the tar coating, and actual metallic con- 
nection is not made in all cases. The electric current goes through the soil around the 
joint in sufficient quantity to produce electrolysis on one side of the joint. This takes 
place in wet soil only. Dry soil is a non-conductor. When electricity makes a passage 
it goes through the water contained in the pores of the soil, and not through the soil 
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particles. Water is a non-conductor, but it becomes a conductor when mineral sub- 
stances are dissolved in it. 

Leadite and cement joints are non-conductors and cast-iron pipe laid with 
them cannot carry current. A single insulation joint will be jumped by cur- 
rent with the production of local electrolysis, but if the whole pipe system 
is insulated at every joint, it becomes non-conducting and there will not be 
enough flow of electricity to do damage. 

Electrolysis of the interior of pipes is extremely rare, because the water used for 
public water supply is not sufficiently mineralized to act as a conductor. If the water 
in the soil outside the pipe were equally pure from an electrolytic standpoint there 
would presumably be little trouble from this kind of electrolysis. 

Electrolysis occurs because the ground water contains mineral matter and 
salts which increase its conductivity. The mineral matters in ground water 
may result from many sources, among them: (1) From cesspools and similar 
sources, which are known to increase the chlorine contents of ground water © 
to from 10 to 100 times the natural amounts, in villages and cities, and to 
less extent in rural districts; (2) urine of horses falling on public roads; (3) sea 
water brought by the rain, this being a matter of importance only when pipes 
are not very far from the ocean; (4) solution of mineral matters from the soil. 

Insulation Joints are joints made of some non-conducting material to pre- 
vent the flow of electricity in pipes. Such joints have been made by driving 
wooden wedges between the spigot and bell of the cast-iron pipe in place of 
the lead. To be effective they must be repeated at short intervals, as the 
electric current will jump a number of such joints, passing through the sur- 
rounding moist soil and causing electrolysis at each of them. 

Electrolysis of Steel Pipe. The riveted joints of steel pipe are almost 
perfect conductors of electricity. There is no evidence that a current flowing 
in a steel pipe injures it in any way as long as it does not leave the pipe. An 
electric current flowing in steel pipe and leaving it results in electrolysis at the 
point where it leaves the pipe. 

Steel pipe is best protected by finding where the current tends to leave it 
and giving ample copper connections at those points to carry off the current. 
Sometimes the connections can be made to parts of the electric system that 
will absorb the stray current. In the absence of other opportunity old 
rails or any convenient form of old iron buried in the neighborhood of the 
pipe and in the direction of flow of current and connected to the pipe by liberal 
copper wires soldered or welded at both ends will take the major part of the 
corrosion and protect the pipe. 
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DAMS 

1. Masonry Dams 

Foundations of high masonry dams should be only on rock, which should 
be stripped and all loose or soft rock removed and the rock below thoroughly 
explored by core borings. If the rock is horizontally-bedded limestone or 
shale, mud seams may be a source of great danger by permitting sliding of 

the dam even when such seams are very thin. The igneous rocks frequently 

have small open seams which are not dangerous but permit leakage. This 
may usually be stopped by one or two rows of vertical holes drilled along the 
upstream toe and grouted with neat portland cement or by excavating a 
trench in the rock along the upstream toe and filling it with concrete. The 
whole foundation should be thoroughly washed; if it is smooth it may be rough- 
ened by chipping or blasting a fresh surface. (See Sect. 10, Art. 30.) If 
the rock is sound and so treated and the masonry begun by applying first 
a layer of rich mortar or grout to the clean fresh rock surface as good a joint 
is obtained as the joints between subsequent lifts of masonry above. Drains 
may be laid on the bed-rock and led out to the downstream toe to care for 
any slight seepage that otherwise might produce uplift, and a system of 
interior drains may relieve pressure both on joints and within the masonry 

above the base, but such drainage is seldom so sure to be effective that the 
internal stresses due to water pressure can be neglected. 

Rubble Masonry. From the earliest times to the beginning of the present 
century rubble has been most frequently used for masonry dams. It is prob- 
ably much better than the more expensive cut stone because of the better 
bond obtained. In the New Croton dam, one of the best examples of the 
rubble masonry type, the method of building was as follows: The derrick 
stones, limestone quarried near site, 15 to 50 cu. ft. in volume, were picked up 
by the derrick and, while suspended, fins, sharp corners, and edges were sledged 
off, and the stones thoroughly washed with a hose and then swung to place and 
lowered into a thick bed of mortar. Each stone was then picked up and ex- 
amined for perfect bedding and at the same time spalls were packed into the 
mortar bed where it was thick enough. The stone was placed a second time 
and men with pinch bars worked it to a firm bed, being careful to move it only 

horizontally and not to rock it; sometimes the stone was removed and placed 

several times before the bedding was satisfactory. The vertical joints were 
then filled with hand rubble, consisting of spalls, well wetted and laid with 
soft mortar. On account of the irregular shape of the derrick stones the ver- 

tical joints averaged about 12 in. in width. The cut-stone facing was kept 
about one course above the rubble work, and shearing planes were prevented 
by allowing the hearting rubble to bond between the courses. The resulting 
proportions were: derrick stones 50%, spalls 26% and mortar 24%. In the 

Wachusett the proportions of the granite rubble were: derrick stones 54%, 
spawls 17%, and mortar 29%. 

Cyclopean Masonry is rubble in which concrete is used in the place of 
mortar. Joints are correspondingly thicker. -As portland cement became 
of better quality and cheaper, and skilled labor became dearer, cyclopean 
masonry began to replace rubble for masonry dams. In the case of several 
dams built between 1900 and 1910, the general method of constructing cyclo- 
pean masonry was as follows: One bucket or more of soft concrete was 
dumped, making a bed, say 1-1/2 ft. deep, on which large stones from 10 to 50 
cu. ft. in volume were set by derrick as closely as their irregularities would 
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permit. These settled into the bed, and were not usually picked up by the derrick again, as is the practice in bedding large rubble in mortar. Into the spaces between the derrick stones, averaging from 1 to 2 ft. in width, soft con- crete was dumped and as many spalls as possible, from 1/4 to 1 cu. ft. in volume were forced into it. Care was always taken to prevent the formation of shearing planes by keeping a large part of the derrick stones projecting above the general level to form a bond with future work. In Ashokan dams 25% and in Kensico dam 27% of the total mass was composed of derrick stones. 

Concrete Masonry. At present (1928) the use of concrete masonry for dam construction is almost universal. This is because of the development of machinery and methods which usually make a cubic yard of concrete cheaper than any other masonry and also shorten the time of building. However, the day of rubble and cyclopean masonry has not entirely passed because the design of a dam and materials of construction should always be the best adaptation to local conditions and there will stil! be masonry dams which can be more cheaply and more satisfactorily built of rubble and cyclopean masonry. It has also become almost standard practice to build concrete dams as a series of detached piers, each alternate block being brought up with forms surrounding its four sides and the intermediate blocks poured between upstream and downstream forms. Concreting is usually done in from 4-ft. to 8-ft. lifts. It is still the practice, wherever possible or convenient, to use plums in the concrete either in the form of large derrick stones or one-man stones well embedded in the concrete with special care that they project from each lift into the next above. 

Temperature Cracks. It is observed that all straight dams and most curved dams in localities having considerable range of temperature have developed cracks which open in winter and close in summer. The question of temperature cracks has received much study, but the 
total knowledge derived is still meager. It seems to be 
fairly well established that temperature cracks in large 
masses of masonry are widest at the surface, becoming 
gradually narrower with penetration ; that in the latitude 
of New York they disappear from 10 to 20-ft. depth de- 
pending on exposure, character of masonry, and whether 
the masonry was laid in warm or cold weather, so that if 
the dam is less than 20 or 30 ft. thick the cracks extend 
through. At the New Croton dam liquid dye was run into . 
cracks and later the surrounding masonry was removed. All F . 
cracks were found to have the same general profile at their Fig. 1 
bottoms, as indicated in Fig. 1. In general the cracks formed a vertical plane 
located without regard to joints, passing, in some cases, through headers 
within two or three inches of their edges. Thermophones were placed in the 
masonry of Boonton and Kensico dams as they were built, and observations 
were made for a period of several years in each case. In the Boonton dam 
many instruments became unreliable so that complete laws could not be 
deduced; in Kensico dam the readings for nearly all positions were maintained 
for a period of four years. It was observed that the temperature at any point 
began to rise as soon as the concrete was placed and rose various amounts 
depending on the temperatures of the air and foundations, the mass of the 
concrete, the rate of placing the masonry, the distance to the nearest exposed 
face, the exposure of that face, and possibly upon the brand and content of 
cement used and the wetness of the mix. The time required to reach the 
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maximum temperature depended on the same factors. The time required 

for dissipation of the heat generated by the reactions of the cement and water 

depended primarily upon the distance from an exposed face, the exposure of 

that face and the temperature difference inside and outside the dam. 

The measurements at Boonton dam indicated the conclusion that a range of 

130° F. in the atmosphere reduces to a range of about 70° F. 2 to 4 ft. below 

the surface of the masonry, with a gradual but slower decrease of range with 

greater depths, also a reduction in range of 10° F. per 1-3/4 ft. of depth. 
The last measurements in Kensico dam, made in 1917 when the heat of set- 

ting practically had been dissipated, indicate that with a range in mean 

atmospheric temperature of 73° F. the range in temperature R in the masonry 

for depths in the masonry from 0 to 40 ft. may be approximately expressed by 
the formula R = 48 — 12.3 loge D where D = distance from nearer face; 
which face had a sunny exposure. Measurements were taken at elevations 

where thickness of masonry ranged from 45 to 90 ft. and where D was always 

equal to or less than 1/2 such thickness. 

Expansion Joints. It is now (1928) the universal custom to provide con- 
traction joints at intervals of from 30 to 60 ft. normal to upstream face of 
gravity dams. The treatment of these joints is not standardized. Various 
devices which have been used for water stops are illustrated in Figs. 2 and 39. 

Fig. 2. Two Types of Expansion Joint 

AE, Fig. 2, shows the joint in Kensico dam. ABCDE is the trace of 
vertical planes of weak bond, made so by building first one side of precast 
concrete blocks, coating it with soft pitch, and later pouring the adjacent 
block against it. At Ba sheet of copper 1/16 in. thick was placed across 
the joint with its two edges embedded in the concrete on either side in such 
a way that it will be bent but not ruptured by the movements of the con- 
crete. At Ashokan the joint is the same except that there is no copper strip. 
CD is an inspection well. FG, Fig. 2, shows the water stop used at Jordan 
dam, Alabama. It consists of a block of high-melting-point pitch located 
across the construction joint. In the center of the pitch is a pipe running 
from top to bottom of the dam into which a second small steam pipe may be 
inserted to melt the pitch. The same devices as illustrated in Fig. 39 for 
water stops in aqueducts are used for dams 

Waterproofing and Drainage Galleries. Watertightness in dams is desirable 
because water in penetrating increases the stress and may reduce the strength 
of the masonry. To construct a nearly vertical wall over a hundred feet 
high perfectly watertight is a matter of great difficulty. The method most 
commonly depended upon previous to 1905 was to make the water face of 
cut stone and point its joints very carefully with rich portland cement mortar 
so that if the stone is impervious the leakage may be reduced and the down- 
stream face will be practically dry. The following notes taken from published 
comments give the extent of leakage in some of the dams treated in this man- 
net. The Lake Cheesman dam under a head of 212 ft. shows no sign of leakage 

_ and is entirely free from the appearance of seepage. The Sodom dam shows a 
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few damp spots on humid days only. The Furens dam in France, under a 
head of 154 ft., showed only a few damp spots. The old Bear Valley dam, 
which for the greater part of its height is less than 8 ft. thick, showed only 
sweating under a head of about 50ft. There is a growing practice of providing 
a drainage system in the masonry a short distance from the upstream face. 

In the Ashokan and Kensico dams there are drainage galleries 5 ft. by 7.5 ft., 
large enough for inspection, one near the top and the other near the base of the 
dam, connected by inclined drainage holes 16 in. in diameter. These drain- 
age holes are formed in blocks of porous concrete 3 ft. by 3 ft. in plan set 
about 15 ft. from the upstream face and f? ft. apart along the axis of the dam. 
The water face of the Mouche dam was given 3 coats of hot pitch and then 
whitewashed. The upstream face of the Urft dam was waterproofed with a 
plaster coat of cement 1 in. thick, on which a coat of asphalt was applied; 

against this, to hold it in place, a 3-ft. wall of masonry was built, backed by 
an earth embankment, and drainage pipes were placed in the masonry down- 
stream from the asphalt coating. The upstream face of the Sand River dam, 
South Africa, was treated as follows: soap and alum washes were applied to 
the faces with a flat brush, the soap solution being at 212° F. and the alum at 
60° to 70° F. The washes contained 1 lb. soap to 1.6 gal. water and 1 lb. 
alum to 9.6 gal. water. Three coats of each were used. Non-overflow dams 
in northern climates should have dry downstream faces because of frost action 
which will cause spalling of the face if water is present in the pores of the 
masonry. If for this reason or any other it is desirable to have a perfectly 
dry downstream face some method of waterproofing the upstream face is 
warranted. Usually the expedient of interior drainage is more satisfactory 
than attempting to waterproof the upstream face. If the dam is ¥mportant 
or its failure would be accompanied by disaster, no reduction of cross-section 
should ever be made on account of a possible reduction of stresses on account 
of waterproofing for no waterproofing has been devised which is sure to be 
and always remain 100% perfect. 

Essential details of notable precedents are given in the following con- 
densed statements, where the numbers in parentheses refer to corresponding 
numbers within small circles on the cross-sections in the figures. Where height 
and width are given, the width is the base width corresponding to that height. 
Of all structures dams are probably most governed by precedents in their 
design and method of construction. 

Straight Masonry Dams without Overflow (Tig. 3) 

(1) Gros-Bois, France. 1830-38. 1805 ft. long, 21.3 ft. wide at top. Founded on 
soft. rock. When filled slid.2 in. Reinforced by 11 buttresses 37 ft. thick at bottom 
and 13 ft..thick at top. 96 ft. high; 52.5 ft. wide. 

(2) Lozoyoa, Spain. About 1850. 238 ft. long; 105 ft. high; 128 ft. wide. Wall of 
cut stone backed by rubble masonry, partly covered on back face by sloping bank of 
gravel. Top width 21.98 ft. 

(3) Habra, Algiers. 1856-71. Rubble masonry. 1082 ft.long. Top width 14.1 ft. 
Rock poor and porous. Mortar, natural hydraulic lime and fine clayey sand. When 
filled leaked badly, later leakage practically ceased. Failed 1881 during flood which 

overtopped dam; 300 ft. carried out down to base. About 400 lives lost. Repaired 

1883-87. Profile was much changed and strengthened. 124.2 ft. high; 89.2 ft. wide. 

(4) Cagliari, Sardinia. 1866. Granite, rubble, hydraulic mortar. 345 ft.long. Top 

width 16.4 ft. Height 70.5 ft. Width 52.4 ft. 
(5) Boyd’s Corner. New York City water supply. 1866-72. Cut-stone face, con- 

crete heart (large plums in lower half). Concrete weighed 133.25 Ib. per cu. ft. Length 

670 ft. Top width 8.6 ft. Earth embankment upstream side 20 ft. wide on top, 4: 1 

slope. 27000 cu. yd. masonry. Height 78 ft. Width 57 ft. 

(6) Poona, India, 1868. Uncoursed rubble founded on rock. Length 5136 ft., of + 
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which 1453 ft. is waste-weir, 11 ft. be- 
low top of dam. Alignment is several 
tangents. Reinforced by heavy but- 
tresses at intersections. At first ma- 
sonry showed signs of weakness. Re- 
inforced by earth bank on lower face. 
Top width of bank 60 ft., height 30 ft. 
360000 cu. yd. masonry. Cost 
$630 000. Height of masonry dam 
100 ft. Width 60.7 ft. 

(7) Tlelat, Algiers. 1869. 325 ft. 
long. Top width 13.12 ft. Height 68.9 
ft. Width 40.3 ft. 

(8) Djidionia, Algiers. 1873-75. 
Resultant said to be outside middle 
third. Top width 13.12 ft. Height 
83.7 ft. Width 52.4 ft. 

(9) Bouzey, France. 1878-81.. 1700 
ft. long. Red-sandstone foundation 
pervious. When filled dam slid 1 ft. 
Reinforcement at toe added 1888. 
Failed 1895, upper 33 ft. overturning 
for length of 558 ft. 150 lives lost. 
Height 84.5 ft. Width 57.3 ft. 

(10) Gran-Cheurfas, Algiers. 1882- 
84. Rubble. 508.4 ft.long. Top width 
13.12 ft. Partially failed when filled 
1885; immediately repaired. Height 
131.2 ft. Width 134.5 ft. 

(11) Lagolungo, Italy. Genoa water 
supply. 1883. Raised 10 ft. 1903. Top 
width 8.2 ft. Height 145.9 ft. Width 
140 ft. 

(12) Vingeanne, France 1885. Top 
width 11.48 ft. Height 113.8 ft. Width 
80.1 ft. 

(13) Hamiz, Algiers. 1885. Rubble. 
532 ft. long. Top width 16.4 ft. Height 
124.6 ft. Width 91.2 ft. 

(14) Bridgeport, Connecticut. 1886. 
Gneiss rubble. Rosendale 1:2 mortar. 
640 ft. long. Top width 8.0 ft. Base 
leet 50 ft. Height 45 ft. Width 
9.5 tt. 

20 40 60 8g 100 150 200 
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Fig. 3. Straight Masonry Dams without Overflow 

(15) Tansa. Bombay water supply. . 1886-91. Total length 8800 ft. 1650 ft. of 
dam is waste-weir, 3 {t. below top of dam. Uncoursed rubble masonry. Stones, hard 
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trap or greenstone. Cement, hydraulic lime burnt from kunkur nodules. Masonry 
408 520 cu. yd. Reported to be watertight. Cost $988 000 by contract. Designed 
strong enough to permit height to be increased 17 ft. Height 118 ft. Width 99.8 ft. 

(16) Tytam, China. 1887. Granite ashlar and concrete. Intended for 20 ft. higher. 
Present crest width 21 ft. Height 95 ft. Width 63.4 ft. 

(17) Sodom. New York water supply. 1888-93. Coursed rubble on solid rock. 
Faces cut stone; beds perpendicular to faces. Mortar, 1 portland cement to 2 sand. 
500 ft. long. Top width 12 ft. 35 887 cu. yd. Cost $366 499. Maximum progress 
3000 cu. yd. per month. No leakage except slight sweating at joints. Height 94.7 ft. 
Width 53 ft. : 

(18) Periyar, India. 1888-97. Faces uncoursed syenite rubble; heart concrete; 
hydraulic lime. Situatedin jungle. Unskilled labor. 1231 ft. long. Top width 12 ft. 
185 000 cu. yd. masonry. Upstream face plastered with hydraulic lime and sand 1 : 1. 

Height 182 ft. Width 135.5 ft. 
(19) Mouche, France. 1885-90. Rubble, 134.2 lb. per cu. ft. 1346 ft. long. Top 

width 11.5 ft. Given three coats hot pitch on upstream face, then whitewashed. 

Height 101.5 ft. Width 66.5 ft. 
(20) Titicus. New York water supply. 1890-95. Rubble rough-coursed, cut- 

stone faces; beds perpendicular to faces. Mortar, 1 portland or natural cement to 
2sand. 534 ft. long. Top width 20.7 ft. Maximum progress 5700 cu. yd. monthly. 

_ Cost $933 065. Height 109 ft. Width 75.2 ft. 
(21) New Croton. New York water supply. 1892-1907. Rubble faced with ashlar. 

Part cyclopean. Length 1200 ft. Top width 18 ft. Rock in greater part of dam 

185 lb. per cu. ft. 855 000 cu. yd. masonry. Maximum progress 5700 cu. yd. 

monthly. Height 238 ft. Width 185 ft. 
(22) Burrator, England. 1893-96. Granite blocks bedded in rich concrete. Cut- 

stone face. Joints pointed and caulked with neat cement mortar. Length 361 ft. Top 
width about 18 ft. Cost $495 700. Height 77 ft. Width 63 ft. 

(23) Indian River, New York. 1898. Top width, 7 ft. Length 207 ft. Height 

47 ft. Width 33 ft. 
(24) Assuan, Egypt: 1898-1902. Granite rubble laid in 1:4 portland cement 

mortar. Length 6400 ft., 1800 ft. solid, remainder has 180 sluices each 6.56 ft. wide. 

Top width 17.8 ft. Masonry 704 000 cu. yd. Cost $11 907 000. Height 95 ft. Width 

80,3 it. 
(25) Coolgardie, Australia. 1900-02. Rubble concrete. Length 755 ft. Top width 

10 ft. Height 119.9 ft. Width 88 ft. 
(26) Blackbrook, England. 1900-05. Length 525 ft. Top width 14 ft. Height 

108 ft. Width 65 ft. 
(27) Boonton, New Jersey. 1900-06. Cyclopean syenite masonry. Top width 

17 ft. Length 2150 ft. Masonry 166 lb. per cu.ft. 255 000 cu. yd. Maximum prog- 

ress 21 000 cu. yd. per month. Height 103 ft. Width 77 ft. 

(28) Spier Falls, New York. 1900-05. Rubble. Length 552 ft. Top width 17 ft. 

180 000 cu. yd. masonry. Height 150 ft. Width 107 ft. 

(29) Wachusett, Massachusetts: 1900-06. Granite, rubble, cut-stone faces. Top 

width 22.5 ft. Length 971 ft. Three-quarters of heart is laid in natural cement. Volume 

266 663 cu. yd. Cost $2 270117. Height 205 ft. Width 187 ft. 

(30) La Jalpa, Mexico. 1902. Body of dam rough limestone rubble laid in mortar 

of native hydraulic lime and sand. Clay embankment, slope 2 ; 1 on upstream face, 

Length 1800 ft. Top width 9.1 ft. Contents 92 000 cu. yd. Cost $500 000 gold. 

Height 87.2 ft. Width 65.6 ft. 

(31) Cataract, Australia. 1902-08. Cyclopean masonry. Sandstone blocks in 

cement mortar packed with concrete; blocks about 65% of mass. Faces, concrete 

downstream, concrete blocks upstream. Length 811 ft. Top width 16.5 ft. Rect- 

angular conduits filled with broken stone and earthen pipes for drains. 146 242 cu. yd. 

Height 154 ft. Width 120 ft. 

(32) Pedlar River, Virginia. 1904. Concrete with large stones embedded. Length 

415 ft. Width at crest 10 ft. Concrete laid as large blocks about 10 X 10 X 15 ft. and 

dovetailed. Portland cement on face, natural in heart. Contract price $103 708. 

Height 73.5 ft. Width 39.2 ft. 

(33) Swansea, Wales. 1905. Cyclopean masonry, brick facing. In heart concrete 

1:2:5. Lower base and upper 6 ft. of water face 1 cement : 2 sand : 3:4 parts of 
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fine crushed rock. Length 1250 ft. 
Maximum height 144 ft. Thickness 
at base 107 ft. Maximum depth 
water 100 ft. 

(34) Cross River, New York. 190- 

507. Cyclopean masonry, concrete 
block facing. Length 772 it. Top 

width 23 ft. 158000 cu. yd. Maxi- 
mum progress 18400 cu. yd. per 
month. Contract price $1246212. 
Height 155 ft. Width 125.3 ft. 

(35) Connellsville, Pennsylvania. 

1906. Concrete, boulders used as 
plums. Ashlar facing. Length 650 
ft Top width 6 ft. Boulders about 
25% of masonry. Height 39 ft. 
Width 26 ft. 

(36) Sand River, South Africa. 
1906. Concrete 1:1.3:5.5 with 
large quartzite rocks, iron rods and 
rails embedded. Length 398 ft. 
Height 55 ft. Base width 38 ft. 
Foundation hard shale. Contents 
9000 cu. yd. Cost about $140 000. 
Masonry 150 Ib. per cu. ft. 

(37) Ashokan. Olive Bridge dam, 
New York. 1908-13. Cyclopean 
masonry. Length 1000 ft. Top width 
26.3 ft. Facing concrete blocks. 
Height 220 ft. Width 190.2 ft. Con- 
traction joints, wells and galleries for 

inspection and drainage, and vertical 
drains provided. (See Fig. 2, p. 
1522.) 

(38) Blackwater, Scotland. Cy- 
clopean concrete. Top width 10 ft. 
Height 84 ft. Width 58 ft. 

(39) Esperanza, Mexico. Rubble 
masonry. Length 580ft. Top width 
19.7 ft. Base width 75.7 ft. Max- 
imum height 137.5 ft. 55 000 cu. yd. 
Mortar of lime somewhat hydraulic. 
Leakage estimated 0.4 cu. ft. per 
sec. 

(40) Barker, | Colorado. 1909. 
Masonry 1 : 3: 5 concrete with plums. 
Expansion joints in upper 145 ft., 

Curved Masonry Dams with Gravity Sections without Overflow 
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Fig. 4 (continued). Curved Masonry Dams with Gravity Sections without Overflow 

. 48 ft.apart. Length 625 ft. Top width 16ft. Height 175ft. Maximum base width 
124 ft. 

(41) Kensico, New York. 1910-16. Cyclopean masonry; concrete blocks on upstream 
face, cut stone on downstream face. Length 1830 ft. Top width about 27.75 ft. 
Base width 227.7 maximum. Expansion joints, vertical drains and inspection galleries. 
Height 250 ft. 

(42) Austin, Pennsylvania. 1909. Maximum height 50.5 ft. Width at base 30 ft. 
Top width 2.5 ft. Length 554 ft. Foundation, sandstone in layers 8 in. to 3 ft. thick 
with beds of shale and disintegrated sandstone between the layers. When filled in 
January, 1910, a section 90 ft. long slid 18 in. at bottom and 31 in. at top. Dam then 
repaired but not strengthened. In September, 1911, it failed suddenly with loss of 
80 lives and $3 000 000 of property. ' 

(43) Medina, Texas. 1911-12. 1 : 3-1/2 : 6-1/2 concrete with 9.9% plums. Length 
1580 ft. Top width 25 ft. Maximum height 164 ft. Base width 128 ft. Total volume 

300 000 cu. yd. 
(44) Elephant, Butte, New Mexico. 1910-16. Cyclopean concrete. Length 

1200 ft. Top width 18 ft. Maximum height 304.5 ft. Base width 212.58 ft. Volume 
611 400 cu. yd. Drainage gallery, vertical drains and expansion joints. 

(45) Brisbane, Australia. Completed 1916. Heart 1 : 2.5 : 6.5 concrete with 25% 
plums. Upper 30 ft. and faces to toe and heel 1 : 2 : 4 concrete. Length 580 ft. Top 
width 10 ft. Maximum height 125 ft. Volume 58 400 cu. yd. 

Curved Masonry Dams with Gravity Sections without Overflow (Fig. 4) 

(1) Almanza, Spain. Built before 1586. Radius 86 ft. Rubble cut-stone face. 

Oldest existing masonry dam. Top 9.84 ft. thick: Height 67.8 ft. Width 33.7 ft. 

(2) Alicante, Spain. 1579-84. Rubble, cut-stone facing. Radius at top 351 ft. 

Height 134.5 ft. Width 110.6 ft. 
(3) Puentes, Spain. 1785-91. Polygonal in plan, arched upstream. 925 ft. long. 

Rubble, cut-stone facing. Mostly founded on rock; on piles over deep pocket. Held 

82 ft. depth for 10 years. 1802 water rose to 154 ft. depth and pile foundations washed 

out, leaving dam bridging deep pocket. 608 lives lost. Height 164.2 ft. Width 145.2 ft. 

(4) Val de Inferno, Spain. 1785-91. Polygonal arch. Reservoir silted to top of 

dam. Built on rock. Height 110.3 ft. Width 136.4 ft. 

(5) Nijar, Spain. 1843-50. Rubble, cut-stone facing. Height, 90.5 ft. Width 

67.6 ft. 
(6) Furens, France. 1862-66. Rubble of mica schist with cut-stone front face. 

Length about 330 ft. Top width 9.91 ft. Radius 828.4 ft. Built in narrow gorge. No 

leakage. Few damp spots. 52 300 cu. yd. Cost $318 000. Height 170.6 ft. Width 

161 ft. 

(7) Ternay, France. 1865-68. Granite rubble. Top width 13.12 ft. Radius 

1312 ‘t. Height 124.6 ft. Width 81.7 ft. 
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(8) Ban, France. 1867-70. Rubble. Length 512 ft. Top width 16.4 ft. Radius 

1325 ft. Built on rock. Cost $190000. Height 156.8 ft. Width at base 126.9 ft. 

(9) Gillepe, Belgium. 1870-75. Sandstone rubble. Top width 49.2 ft. Radius 

1640 ft. Length top 771 ft. Height 156.5 ft. Width 215.89 ft. 325000 cu. yd. 

(10) Villar, Spain. 1870-78. Rubble. Top width 14.75 ft. Length 349 ft. Radius 

440 ft. Height 170.3 ft. Width 154.6 ft. Cost about $390 000. 

(11) Hijar, Spain. 1880. Top width 16-4 ft. Length 236 ft. Radius 210 ft. 

Height 141.1 ft. Width 146.9 ft. , 

(12) Gorzente, Italy. Genoa water supply. 1880-83. Serpentine rubble with casale 

lime mortar. 492 ft. long. Top width 22.96 ft. Height 126.3 ft: Width 99.4 ft. 

(13) Thirlmere, England. 1886-93. Top width 18.5 it. Plan is reverse curve to 

follow bedrock. Radius 100 ft. Height 63 ft. Width 51.7 ft. 

(14) San Mateo, California. 1887-88. Concrete molded into dovetailed blocks on 

dam. Planned for maximum height 170 ft. Stopped at 146 ft. Top width 25 ft. and 

top length 680 ft. at 170 ft. height. Radius 637 ft. Volume 139 000 cu. yd. A few 

damp spots on face only sign of leakage. No cracks visible. Concrete 1:2: 6.5. 

Width at base 176 ft. 
(15) Beetaloo, Australia. 1888-90. Concrete. Top width 14 ft. Length 580 ft. 

Radius 1414 ft. 60000 cu. yd. masonry. Founded on rock. Cost $573 300. Height 

110 ft. Width 110 ft. 
(16) Chartrain or Tache, France. 1888-92. Rubble or porphyritic rock and hy- 

draulic mortar. Weight per cu. ft. 150 lb. Top width 13.12 ft. Radius 1312 ft. 
Upstream face coated to 33 ft. below coping with artificial cement of slaked lime, 
1-1/4 in. thick, made of equal parts of cement and sand. Some leakage. Height 
174.7 ft. Width 159.9 ft. 

(17) Remscheid, Germany. 1889-92. Rubble linneite slate in trass mortar. Water 
face plastered with cement and asphalt, covered by brick wall. Top width 13.1 ft. 
Radius 410 ft. 22 886cu. yd. Height 82 ft. Width 49.2 ft. 

(18) Hemet, California. 1890-95. Granite rubble and concrete. Designed with 
maximum height 160 ft.; only carried to 122.5 ft. Top width 10 ft. Length 260 ft., 
including 50-ft. spillway in center. Radius 225.4 ft. 31 105 cu. yd. at present height. 
In time of flood spillway too small. Base width 100 ft. 

(19) Bhatgur, India. About 1891. Uncoursed rubble. Upper portion concrete and 
tubble blocks. Faces coursed rubble. Top width 12 ft. Length 3257 ft. . Irregular 
curve to follow outcrop of bedrock. Height 127 ft. Width 73.7 ft. 

(20 Butte City, Montana. 1892. Concrete, granite facing. Top width 10 it. 
Maximum height 120 ft. Bottom width 83 ft. Length of top 350 ft. Radius 350 ft. 

(21) Lauchensee, Germany. 1892-95. Cyclopean masonry. Trass mortar, i lime, 
1 trass, 2-1/2 sand made by crushing sandstone. Earth bank to protect from sun. 
Top width 13 ft. Length top 840 ft. Radius 2950 ft. Cu. yd. 37 400, of which 65% 
stone and 35% mortar. On sandstone. Total cost $243 750. Height 98 ft. Width 
65.3 ft. \ 

(22) Lennep, Germany. Old dam, 1893. Length 416 ft. Radius 460 ft. Dam was 
increased in height from 37.7 ft. to 48.4 ft. and buttresses built to take added thrust. 
Width at base 50.8 ft. : 

(23) Wigwam, Connecticut. 1893-96. Designed for 90-ft. height, built only 75 ft. 
high. Width 12 ft. at designed height, and length 600 ft. 14 887 cu. yd. in completed 
portion. Radius 600 ft. Width at base 62 ft. Completed to designed height'in 1903. 

(24) Einsiedel, Germany. 1894. Rubble. Top width 13.12 ft. Length 590 ft. 
Radius 1310 ft. 31600 cu. yd. Height 93.6 ft. Width 65.5 ft. 

(25) Echapre, France. 1894-98. Top width 17 ft. Length 541 ft. Radius 1148.2 
ft. Hydraulic mortar coat on upstream face, on which coat of hydraulic cement was 
later placed. Maximum depth-of water 121.4 ft. Width at base 88.6 ft. 

(26) Ondenon, France. 1900-04. Top width 15.4 ft. Length 420 ft. Radius 984 ft. 
Maximum height 123 ft. Base width 94 ft. 

(27) Lake Cheesman, Colorado. 1900-04. Top width 18 ft. Length 710 ft. on 
crest, 30 ft. at base. Granite rubble, coursed rough-pointed facing. Radius 400 ft. 
103 000 cu. yd. Total cost about $1 000 000. Height 227 ft. Width 176 ft. 

(28) Komotau, Austria. 1901-04. Cyclopean masonry. Gneiss in portland cement 
concrete. Top width 13 ft. Length 508.5 ft. at top, 170.6 ft. at bottom. Radius 820 ft. 

53 600 cu. yd. Asphaltum and tar coat held in place by concrete dovetailed into up- 
stream face. Height 118.9 ft. Width 98.4 ft. 
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(29) Urfa, Germany. 1901-04. Slate and trap masonry, earth embankment to 
77 ft. below crest, slope 2 : 1, rock paving. Length 741 ft. Top width 18 ft. Radius 
656 it. Height 190 ft. Width 165.5 ft. 

(30) Mercedes, Mexico. 1901-05. Rubble, cut-stone facing. Top width 11.48 ft. 
Length at crest 535 ft., also 98-ft. spillway; 13 ft. at base. Straight for half the length, 
rest 196.8 ft. radius. 28000 cu. yd. Cost $200000 Mexican currency. Height 
135.6 ft. Width 84.5 ft. 

(31)- Granite Springs, Wyoming. 1903-04. Uncoursed rubble. Weight per cu. ft. 
165 1b. Top width 10ft. Length 410 ft. on top, 10 ft. at base. Radius 300 ft. 14 422 
cu. yd. Cost $109 194. Height 96 ft. Width, 56 ft. 

(32) Roosevelt, Arizona. 1905-11. Cyclopean masonry, range rubble facing. Sand- 
stone. Top width 16 ft. Length 680 ft. Radius 400 ft. About 340000 cu. yd. 
Height 260 ft. Width 158 ft. 

(33) Mcrklissa, Germany. 1905. Gneiss rubble. Upstream face has 2-in. mortar 
layer coated with siderosthen. Has interior drainage system. Length 427 ft. Radius 
410 ft. 83700 cu. yd. Height 147.7 ft. Width 124.8 ft. 

(34) Marquina, Manila, Philippine Islands. 1906. Rubble, hard cyrstalline lime- 
stone marble. Length 400 ft. Radius 500 ft. Height 75 ft. Width 68.7 ft. 

(35) Cher, France. Top width 15.4ft. Radius 656ft. Height 154 ft. Width 141 ft. 
(36) Burraga, Australia. Cyclopean concrete in heart. T-rails bedded near top. 

_ Top width 2 ft. Length 285.6 ft. Radius 539.8 ft. Cost $44 500. Height 41 ft. Width 
25.3 ft. 

(37) San Jose, Mexico. Rubble. Top width 15 ft. Maximum height 151 ft. Base 
width 128 ft. Length 592 ft., including two spillways 95 ft. and 86 ft. Radius 6560 ft. 

(38) Murrumbidgee River, Australia. Concrete, large stones embedded. Maxi- 
mum height 232 ft. Length 910 ft. Radius 940.5 ft. Maximum base width 160.33 ft. 
Crest width 18 ft. 

(39) Mochne, Germany. Length 1312 ft. Maximum height 98.4 ft. 353 160 cu. yd. 
(40) Griffin, Pennsylvania. Concrete laid in 12-in. courses usually from end to end 

during one working day. Length 284 ft. Radius 400 ft. Top width 4 ft. Spillway 
near center 80 ft. long. Concrete 8000 cu. yd. At first leaks appeared near ends. 
Height 62 ft. Width at base 44 ft. 

(41) Barren Jack, New South Wales. 1909-13. Cyclopean concrete. Length 
784 ft. Top width 18 ft. Base width 163 ft: Height 240 ft. Radius 1200 ft. 

(42) La Boquila, Chihuahua, Mexico. Cyclopean masonry with 10-ton blocks of 
limestone. Length 840 ft. Top width 19 ft. Base width 200 ft. Radius 866 ft. 

(43) Arrowrock, Boise, Idaho. 1912-13. 1:2.5:5 concrete with large rock and 
cobblestone. Length 1050 ft. Top width 15.5 ft. Height 351 ft. Base width 238 ft. 
Radius 662 ft. Inspection gallery. Contraction joints every 150 ft. 

(44) Mauer, Silesia, Germany. Completed in 1912. Stone masonry. Length 
918 ft. Top width 23.6 ft. Height 203 ft. Base width 165 ft. 332 000cu.yd. Radius 
820 ft. Drainage and inspection tunnels. 

(45) Camarasa. 80 miles from Barcelona, Spain. 1917-20. Length 460 ft. Base 
250 ft. at height of 333 ft. Radius 1000 ft. Cyclopean concrete, 285 000 cu. yd. Top 
width 13 ft. 

(46) Exchequer, California. 1923-26. Length 950 ft. Height 333 ft. Radius of 
upstream face 675 ft. Batter of downstream face .63. 

Curved Masonry Dams Depending on Arch Action without Overflow (Fig. 5) 

(1) Meer-Allum, India. About 1800. Large arch made up of 21 small arches with 
buttresses between. Spans between buttresses 70 to 147 ft. in clear. Spillway pro- 
vided, but at times water flows few inches deep over entire dam. Length about 

2640 ft. 
(2) Zola Dam, France. 1843. Rubble masonry. Length 205 ft. Top width 19 ft. 

Radius at top 158 ft. i 

(3) Bear Valley dam, California. 1884. Radius 335 ft. Rough granite ashlar facing 
and rubble hearting. 300 ft. long. Thickness 2.5 ft. to 3 ft. at top and 8.5 ft. at 48 ft. 

below crest. Inaccessible location. Haulage of cement to site cost $10 per bbl. 

3400 cu. yd. Im 1911, in order to store more water, a new reinforced-concrete dam 

30 ft. higher than the old was built just below this dam, submerging it. 

(4) Sweetwater, California. 1887-88. Rubble. Weight per cu. ft. 164 lb. Length 
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about 380 ft. Radius 222 ft. 19269 cu. yd. Top width 12 ft. Mortar used mostly 

1 portland to 3 sand, but near upstream face mortar was 1:2. Cost about $234 000. 

1895 dam was overtopped by 22 in. of water for 40 hours without damage. In 1911 

| 

j<—_—__—185.6 > 

Fig. 5. Arched Masonry Dams 

the dam was increased 20 ft. in height and a new section, reinforced with old rails, was 
built on the downstream side, 76 ft. wide at the base and reducing to nothing at the 
elevation of the top of the old dam. Care was taken to bond the old and the new 

concrete. 

(5) Belubula, Australia. 1898. Concrete and brick. Lower part up to 23 ft. height 
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's concrete, above this brick arches and buttresses built 36.7 ft. higher. “Series of but- 
tresses 28 ft. c. to c., elliptical arches between, axes inclined 30 deg. to vertical. Arches 
4 ft. thick at bottom, 1 ft. 7in. at top. Buttresses 40 ft. long, 12 ft. wide at wall and 
5 ft. at outer end. Each buttress forms a segment of circle 36 ft. 2 in. radius and 
diminishes in thickness from 8-1/2 ft. at center to 4 ft. at‘outer circumference. 

(6) Johannesburg, South Africa. 1898. Rubble masonry, hard blue quartzite, con- 
crete foundations reinforced with rails. Top width 7 ft. Length 585 ft. 30000 cu. yd. 
Arch and tangent; part on tangent, gravity section. Radius of arch section 275 ft. at 
crest, decreasing to 206 ft. 75 ft. below to meet lines of gravity section. 

(7) Barossa, South Australia. 1899-1903. ‘Concrete with plums, reinforced at top 
with steel rails’ Length 472 ft. Radius 200 ft. Cu. yd. 17 975, of which 12.3% large 
stones. Top width 4.6 ft. Range of temperature during construction was from 30° 
to 168° F. Total cost $827 000. 

_. (8) Upper Otay, California. 1900. Masonry reinforced with steel plates and cables. 
Top width 4 ft. Length 350 ft. at crest, 20° ft. at base. Radius 359 ft.. Ina rock gorge. 

(9) Geelong, Australia. Sandstone concrete. Top width 2.5 ft. Radius 300 ft. 
(10) Shoshone, Wyoming.; 1903-10. Concrete. Top width 10 ft. Length 200 ft. 

Radius 150 ft. 75 000 cu. yd._In narrow solid granite gorge. Contract price $515 730. 
(11) Pathfinder, Wyoming. 1905-09. Cyclopean masonry. Radius 150 ft. 54000 

cu. yd. Length on top approximately 425 ft., at base 80 ft. In narrow granite gorge. 
- Contract price $482 000. 

(12) Sand River, Port Elizabeth waterworks, South Africa. 76 ft. high. Radius 
300 ft. Length 360 ft.. Cyclopean masonry faced with concrete blocks. Soap and 
alum washes on faces for waterproofing. Dam reinforced with steel rails. 

(13) Dam at Hume, California. Concrete reinforced by railroad iron and cable. 
Concrete approximately 1 : 2 : 4, crusher run of granite being mixed with sand. Series 
of buttresses parallel to stream with arches between; 12 arches each of 50-ft. span. 
Water face and parts of downstream face plastered. Water face two coats cement 
mortar 1 to 1-1/2 and wash coat of neat cement on bases of middle arches. 2207 cu. yd. 

(14) Salmon River dam, Idaho. Cyclopean masonry. 220 ft. high. 463 ft. long. 
Top width 15 ft. Base width 119 ft. Radius upstream face 225 ft. 

(15) Huacal, Mexico. 1911-12.. Crest length 140 ft. Radius 76 ft. Maximum 
height 100 ft. Base width 12 ft. 10 in., 80 ft. below top. 

(16) Goodwin, California. 1911-12. Concrete two spans of 135-ft. radius abutting 
on central pier. Length 466 ft. Width at top 8 ft. and bottom 16 ft. Maximum 
height 78 ft. 

(17) Salmon Creek, Juneau, Alaska. 1913-14. Concrete. Constant-angle arch 
type. 52000cu.yd. Height 168 ft. Width at top 6ft. Base 47.5 ft. Radius at top 
331 ft., at bottom 147.5 ft. 

(18) Eagles Nest, New Mexico. 1916-18. Concrete. Length 300 ft. Top width 
8 ft. Bottom width 46 ft.Maximum height 140 ft. Radius 155 ft. 

(19) Corfina, Itay. 1915. Concrete. Top width 5ft. Bottom width 23 ft. Maxi- 
mum height 116 ft. Radius 75 ft. Built in 65 days. 
" (20) Spaulding, California Built to height of 225 ft. in 1913 and raised to 260 ft. 
in 1916. Estimated yardage 169 000. Width at 260-ft. level 14 ft., Planned ultimately 
to be 305 ft. high. 304 000°cu. yd. Vertical drains and inspection gallery. Lower 
60 ft. of gravity section. > 

(21) Pacoima, Los Angeles, California. 1927. Variable-radius constant-angle arch 
type. Span across canyon at crest 550 ft. Height 375 ft. Thickness at crest 8 ft., 
and 98 ft. at 375 ft. below crest. Upstream radius 340 ft. at crest and 170 ft. at base. 
Downstream radius 332 ft. at top and 54 ft. at base. 150000 cu. yd. concrete. Cost 
$1 750 000 

Straight Masonry Overflow Dams (Fig. 6) 

(1) Vir Weir, India. Uncoursed rubble. 2340 ft. long. 43.5 ft. high. Top width 
9 ft. 

(2) Henares Weir, Spain. Concrete with ashlar facing. 390 ft. long. Maximum 
height 23 ft. Base width 45.8 ft. 

(3) Vyrnwy, England. 1882-89. Cyclopean masonry. Lemgth 1164 ft. 
(4) Lynx Creek, Arizona. Intended for ultimate height of 50 ft. Height was about 

31 ft. In 1891 flood overtopped and destroyed dam. 
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(5) Folsom, California. 1886-91. Rough granite ashlar blocks. 48590 cu. yd. 

Top width 24 ft. { ‘ 

(6) Betwa, India. 1888. Length 3296 it., made in three tangents between islands. 

Top width 15 ft. Rubble masonry laid in native hydraulic lime. Ashlar coping 18 in. 

thick in portland cement mortar. Cost $160 000. Has had 16.4-ft. head on crest. 

(7) Austin, Texas. 1891-92. Hard limestone rubble, granite facing and coping. 

Dh 
it 60. 

Fig. 6. Straight Overflow Dams 

Length about 1100 ft. 88000 cu. yd. Cost $608 000. Failed under head of 11.07 ft. 
on crest. Previously stood 9.8 ft. head. About 300 ft. slid forward. No overturning. 

(8) New Holyoke, Massachusetts. 1897. Rubble with dressed stone cap and facings 
and concrete toe. Length 1020 ft. Upper part of downstream face is parabolic, lower 
part is cycloidal. 

(9) Holtwood, McCall’s Ferry, Pennsylvania. 1904. Concrete with plums. 2350 
ft. long. 
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_ (10). Great Northern Power Co., Minnesota. 1907. Concrete. 365 ft. long, 38 ft. 
high. 42 ft. wide at base, curved crest. 

(11) Connecticut River dam. Concrete with plums (1:2.5:5 except in deep 
foundations where 1: 3:6 was used). Length 600 ft. 

(12) Escanaba, Michigan. Concrete with earth banks at end. Length 810 ft. 
Concrete in heart 1 : 3: 6 on sides and bottom 1:2: 4. Facing 1 ft. thick upstream 
and 1.5 ft. downstream. Founded on stratified limestone. 8-in. drain pipes at 10-ft. 
intervals from cutoff to toe of dam. 

(13) Hales Bar, Tennessee. 1905-13. Cyclopean concrete. Foundation limestone 
badly fissured. Fissures closed in part by grouting, and, in addition, 26 reinforced- 

concrete caissons 30 X 32 to 54 X 72 were sunk by gneumaéié process through fissured 
rock to solid foundation. Height 65 ft. Length 1200 ft. Width 72 ft. Curved crest. 

(14) Holter, Wolfcreek, Montana. 1910. Concrete with plums. Length 1362 ft., 
including 504 ft. overflow section. Height 111 ft. Width 110 ft. plus 70 ft. of apron. 
Cutoff trench 44 ft. deep. } 

(15) Hauserlake, Montana. Completed 1911. Replacing steel dam which failed by 
undermining. Length 490 ft. 85 000 cu. yd. Maximum height 132 ft. Width 85 ft. 
Ogee type. Part of foundations placed by pneumatic caissons. 

(16) Coosa River, Lock 12, Alabama. 1912-14. Cyclopean masonry. Length of 
spillway 930 ft. Height 65 ft. Width 72 ft. Parabolic crest. 

(17) Keokuk, Iowa. 1:3:5 concrete. Length 4278 ft. Height 32 ft. » Width 
42 ft. Ogee type. : 

(18) Youngstown, Ohio. 1916-18. Concrete. Length 638 ft. Height 55 ft. Width 
60 ft. 5in. Earth embankment at ends. 

(19) Gilboa, New York. 1919-27. Stepped spillway section 1300 ft. long. 160 ft. 
high. 

(20) Wilson, at Muscle Shoals, Alabama. 1918-26. Length comprises 200 ft. 
north abutment, 2668 ft. spillway section and 230 ft. sluiceway section. 1250 ft. 
power house section. Dam proper has height 98 ft. above river bed and 140 ft. from 
lowest point of foundation to operating bridge. 101 ft. thick at base. Inspection 
gallery 6 ft. wide and 9 ft. high. Dam divided into sections 46 ft. long by expansion 
joints. 

Curved Masonry Overflow Dams (Fig. 7) 

(1) Elche, Spain. 16th century. Rubble, cut-stone facing. Length 230 ft. Radius 
205.38 ft. 1836 breach made during flood. 

(2) Verdun, France. 1866-70. Rubble, cut-stone facing downstream. Concrete 
foundation. Riprap in front of wall. Length 131.23 ft. Radius 108.83 ft. Width of 
top 14.17 ft. Designed for depth 16.4 ft. water on crest. 

(3) La Grange or Turlock, California. 1891-94. Rubble. Length 320 ft. on crest 
and 80 ft. at base. 39500 cu. yd. Radius 300 ft. Has had about 15 ft. depth of water 
on crest. 

(4) Cornell University dam, New York. 1897. Concrete of 4 parts argillaceous 
shale. 2 parts of sand, 1 part of cement. Length 153 ft. Radius 166.5 ft, Maximum 
height 30 ft. . 

(5) Walnut Canyon, Arizona. Rubble faced with ashlar. Length about 268 ft. 
Radius 400 ft. 6986 cu. yd. 

(6) Seligman, Arizona. 1897-98. Concrete foundation. Rough rubble above with 
dressed ashlar facings. Top width 1.75 ft. Total length on crest 643 ft. The center 
section, 340 ft. long, is built as an overflow dam. Length at base 145 ft. Radius 
800 ft. 

(7) Espanola, Ontario. Concrete with plums. Built for 10-ft. overflow. Radius 
in plan 187 ft. 

(8) Tallulah, Georgia. 1914. Crest length 444 ft. Radius 900 ft. Automatic 
flashboards of the Stauwerke type installed between piers on the 280-ft. spillway. 
Height 135 ft. 

(9) Yadkin Narrows, North Carolina. 1917-19. Cyclopean concrete. 525 000 
cu. yd. with 25% plums. Length 1400 ft. Radius 1678 ft. Height 200 ft. Designed 
for 10-ft. overflow. Taintor gates on crest. Drainage and inspection galleries. 

(10) Martin Dam, Tallapoosa River, Alabama. 1923-26. Length straight abut- 
ment 300 ft. Headworks 224 ft. Curved spillway 720 ft. on arc of 530-ft. radius. Dam 
proper has height 138 ft. above river bed and 168 ft. from lowest foundation to operat- 
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tng bridge. Thickness at base including bucket, 160 ft. Dam designed for 21-ft. 
over crest. : : 

(11) Baker River, Seattle, Washington. 1924-26. Upstream radius 250 ft. Spill- 
way crest 493 ft. long provided with gates 12 ft. high and operating bridge 22 ft. above 
gate-sill. Gatés at crest 10 ft. wide and 12 ft. high. Dam 24.5 ft. thick 13 ft. below 

Fig. 7. Arched Overflow Dams 

gate-sill. Below this point downstream face has batter of 3 on 8. Maximum height 
263 ft., bedrock to bridge deck. 

(12) St. Francis Dam, California. Maximum height 205 ft. 148 ft. thick at 193 ft. 
below top. Radius of upstream face 505 ft. Failed March 12, 192 8, when the reservoir 
was first filled to within a few feet of the crest, suddenly releasing about two billion 
cu. ft. of water, causing a loss of between four and five hundred lives. Cause of 
failure: poor foundation. 
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2. Reinforced-Concrete Dams 

Reinforced-concrete dams are usually of cellular construction, in some cases 

containing power houses. If properly designed they are admirably adapted to 

many situations. The general practice is to build a series of piers or buttresses 

12 to 18 ft. apart and cover with a flat deck of concrete reinforced between the 

different bays as a beam. In the multiple-arch type, the buttresses are spaced 

30 to 40 ft. apart and support a deck of concrete arches springing between the 

buttresses. : 3 
Unit stresses in such dams should be much lower than would be safe for 

ordinary building construction for an incipient failure in the latter case usually 

for a dam it might mean a catastrophe. 
The following data refer to Fig. 8. 

(1) Schuylerville, New York. 1904. Roll- 
way 250 ft. long. Designed for 5-ft. head on 
crest. Founded on Hudson River shale. 5 X 3 

shore to shore. Average height 25 ft. with base 

width 52 it. 
(2) Ellsworth, Maine. 

1907-08. Buttresses 15-ft. 
centers, 1 ft. thick at top, 
2 ft. at bottom and braced 
by 12-in. X 18-in. rein- 
forced concrete beams. 
Deck 1 ft. 2 in. thick at VAS 
top, 3 ft. 1 in. at base. . 
Total length 500 ft. Con- eae" 

Reinforced-Concrete Dams 

' crete, 8000 cu. yd. Flash-boards provided. Designed for flood 6.5 ft. on crest. 

Vents to prevent vacuum on apron. 

(3) Pittsfield, Massachusetts. 1907-08. 42 ft. high. 465 ft. long. 3950 cu. yd. 

concrete. Founded on gravel underlain at depth of 12 ft. by dense yellow clay. Cut- 

offs extend 3 ft. into clay. Work carried on continuously when temperature was 12° 

below zero by heating materials and using salamanders. Concrete laid in winter and 

in moderate weather said to be uniform in quality. 

(4) La Prele, Wyoming. 1908. Buttresses 18-ft. centers, 1 ft. thick at top, 4 ft. 2 in. 

at bottom, braced by 18 in. X 24-in. reinforced-concrete beams. Deck 1 ft. thick at 

top, 4 ft/6 in. at base. About 15 000 cu. yd. concrete. Cutoffs 15 ft. to 18 ft. deep. 

Concrete in buttresses 1: 3:6, deck 1:2:4. 

(5) Dansville, New York. . 368 ft. long including earth embankment. Gravel con- 

crete used. Footing course on water bearing gravel and boulders. Bed of seamy blue 

stone under gravel. Cutoff around footing course. At height of 10-ft. base width 14 ft. 

Failed by undermining when water stood about 14 in. against flashboards. Deck'slab 

snapped where reinforcing bars came together. Bars were not bent after failure. 

(6) D. L. & W. R. R., Scranton, Pennsylvania. 262 ft. long. 16.5 ft. high. Base 

width 11.5 ft. Uniform slab thickness 10 in. Buttresses 7-1/2 ft. apart in center, 

increasing to 10-1/2 ft. at end. Soil under dam partly sand and partly yellow clay. 

1/2-in. cup bars 12 in. c. to c. 1-1/2 in. from face, to prevent temperature cracks. Clay 

bank 8 ft. high at center to prevent percolation under dam. 

(7) Uncas Power Co., Connecticut. Spillway 80 ft. long. Foundation very com- 

pact gravel. Buttresses 10 ft. centers, 1 ft. 6 in. thick at bottom, 1 ft. at top, stiffened 

by 12-in. X 15-in. beams. Upstream deck 1 ft. 6 in. to 1 ft. 8 in. thick, downstream 

1 ft. 8 in. 
i ne 

(8) Bear Valley, California. 1910-11. Multiple-arch of Eastwood type. Ten 

arches between buttresses. 33 ft. 6 in. centers. Radius of extrados 16-ft. axis of arches 

vertical for 14. ft height at top, below which they are on batter of 4 on 3. Buttresses 1 ft. 

6in. thick at top increasing by .36 in. per ft. to bottom. Arch rings 12 in. thick at 

top increasing by .17 in. per ft. in radial thickness. Downstream edge of buttress 2:1 
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slope. Buttresses stiffened by reinforced-concrete struts. Maximum height 92 ft. 

Length 363 ft. 4684 cu. yd. concrete. 
(9) Austin, Texas. 1911-15. 560 ft. long. Replaces portion of straight masonry 

overflow section which failed in 1900. Buttress 20-ft. conters. Height 61 ft. to crest, 

which is provided with automatic gates 14 ft. high. 
(10) Stony River, West Virginia. 1912-13. Buttresses 15-ft. centers. 12 in. thick 

at top and 18in. at bottom. Braced with reinforced-concrete struts and a curtain wall. 
Six months after erection, foundation for length of 7 spans was washed out and but- 
tresses and deck dropped into the hole. Reconstructed 1914-15 by deepening cutoff 
wall, increasing the safety against sliding and adding 3-ft. flashboards. Maximum 

height 51.17 ft. 
(11) Lake Pleasant, Arizona. 1926. Multiple-arch. 1850 ft. long. Maximum 

height 176 ft. above river bed and 256 ft. above deepest foundation. Has double-wall 
type of buttress. Buttresses 60-ft. centers. Clear span of arches 44 ft. Minimum 
thickness of arches and buttresses at crest 18 in. At 200-ft. depth arches 7 ft. thick 
and buttress walls 5.4 ft. thick. Concrete of arches 1:2:4. Buttresses 1 : 2-1/2 : 5, 
all heavily reinforced. Contains 75 000 cu. yd. concrete and 1200 tons steel. 

(12) Anyox, British Columbia. 1923+24. Length including spillway 680 ft. Maxi- 
mum height 156 ft. Buttresses 24-ft. centers with thickness varying from 1.2 ft. at 
crest to 10.08 ft. at 150 ft. below crest.. Upstream slope variable. Thickness of arch 
concrete 12 in at crest and 3.17 ft. near base. Radius of extrados constant 15.66 ft. 
Central angle 100 deg. Arch concrete 1: 2:4 reinforced with 3/4-in. square bars 
24-in. centers at extrados and intrados with 1/2-in. square tie bars 6 ft. apart. Buttress 
concrete 1; 2-1/2 : 5 not reinforced. 

3. Steel Dams 

Steel dams are not very numerous. In many cases they may be built much 
more cheaply than other types, but to keep them safe requires frequent and 
careful inspection, and the question of their maintenance and length of life 
should always be taken into account when considering their relative economy. 
The following data refer to Fig. 9. 

Fig. 9. Three Types of Steel Dams 

(1) Ash Fork, Arizona. 1898. Steel portion 184 ft. long and 46 ft. maximum height. 
24 triangular bents, vertical downstream side and 1 : 1 upstream, 8 ft. c. to c., 
braced laterally in pairs. Batter posts 20-in. I-beams, 65 lb. per ft. and reinforced on 
under side with plate 1/2 in. thick and 18 in. wide. Series of 3/8-in. curved plates on 
upstream face concave upstream with radius 7-1/2 ft. No leakage. Total weight of 
steel 478 704 lb. Framed and erected at $55.78 per 2000 Ib. 

(2) Redbridge, Michigan. 1900-01, Steel portion 464 ft. long. Maximum height 
of dam 74 ft. Concrete base throughout.{ “A” frame bents 8 ft. apart, 3/8-in. face 
plates concave upstream radius 7 ft. 6 in., riveted to I-beams 15 to 24in. deep. Batter 
upstream face 2: 3. To cut off percolation under dam, line of drill holes 2 in. in diam- 
eter and 10 ft. long, 7 in. apart drilled and filled with grout under heavy air pressure. 
Rock floor covered with concrete and then by bank of puddle clay. 

(3) Hauser Lake, Montana. 1907 630 ft. long. Maximum height 81 ft. Inclina- 
tion upstream face 3 : 2. Portion of dam founded on solid rock. About 300 ft. founded 
on steel sheet piles in gravel. Bents 10 ft. apart connected in groups of four. Actual 
head to top of flashboards 69 ft. Working head about 66 ft. About 1700 tons of steel. 
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Blanket of volcanic ash above dam to prevent seepage. Downstream face had flat 
plates on slope 7 : 11, connecting with plank apron carried on stone-filled-cribs. Dam 
undermined where founded on gravel. Concrete placed over top of steel piling, said 
to have been placed in depth of 10 ft. or more water, so quality may have been very 
poor. Part of dam on rock remained standing. Replaced by concrete dam in 1911. 

4, Timber Dams 

The Rafter and Strut-Framed Dam (Fig. 10) is a structure which may be 

proportioned with reference to ‘its stresses but requires careful design, sawed 

timber and skilled workmen and is proportionally more expensive. 

Fig. 12. Beaver Type Dam 

Fig. 11, Crib Dams 

Crib Dams (Fig. 11) have been extensively used where timber was cheap 

and masonry dear. They must be designed largely by judgment and by fol- 

lowing precedent. They are not subject to a very rigid analysis of stresses- 

The whole crib filled with loose rock may be considered as a unit adapted to 

resisting ordinary stresses of compression, tension and shear. The compressive 

stresses are resisted largely by the bearing of the timbers, one on the other; 

the tensile stresses are resisted by the bolting and sometimes dovetailing of the 

timbers and the shear largely by the friction in the rock fill. Considered from 

this angle the crib dam can be designed with some reference to stresses. 

Another way of looking at it is to give about the width required for a rock fill 

dam and consider the crib acting somewhat as a binder and mainly as an at- 

tachment for a watertight timber sheeting to cut off leakage on the upstream 

side and to take wear and impact of the overflow on the top and downstream 

sides. The width of the crib-work is seldom less than one and one-third times 

the height and may be two or three times where long aprons are provided for 

overflow as in (1) Fig. 11. The highest dam of this type which has not failed 

was the Butte dam, about 70 ft. high. No. (2) Fig. 11 is a cross-section of a 

crib dam in the Schuylkill River subject to floods 11 ft. high over crest. If 

crib dams are subject to heavy floods provision should be made for admitting 

air to the downstream side underneath the sheet of overflowing water. 

The Beaver Type of timber dam is adapted to comparatively small heights. 

It is built as indicated in Fig. 12. The longitudinals are all laid with butts 

downstream. The crevices are filled with gravel, and the whole is covered 

with brush tightly packed and a bank of the most impervious earth obtainable. 
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A plank flooring is carried from the crest well under the earth fill. Most fail- 
ures of timber dams have been due to leakage underneath or to undermining 
by the overfall. 

5. Earth Dams 

Foundations. One of the reasons for building a dam of earth is usually that 
a rock foundation cannot be had, though several earth dams have been built 
on the best of bedrock. The foundation, whether earth or rock, should 
be thoroughly examined to learn if it isimpervious. If not impervious, cutoffs 
should be constructed, if possible down to an impervious stratum. Imper- 
viousness is a relative condition. No earthy material is absolutely impervi- 
ous, and if the width of the dam is so extended that the loss of head of water 
flowing through the shortest course to an exit is so great that the velocity is so 
slight that water will not move the earth or reduce its cohesion at the exit, then 
the cutoffs under the dam may be unnecessary. In any case the site is usually 
stripped and shallow trenches are dug across it. If the foundation is rock the 
creeping of water along its surface is guarded against usually by building a 
masonry wall entirely across the valley. This may be extended upward to 
the top of the dam as a core-wall, as in the Titicus dam, or, if the embankment 
is impervious, it is sometimes only 3 or 4 ft. high, as in the Borden Brook dam, 
Mass. Where the foundation is open sand or gravel, deep cutoff trenches 
have usually been excavated and filled with concrete or puddle clay. Sheet 
piling is sometimes used. The character of the ground and other local 
conditions must determine the kind of cutoff wall best to use. Springs which 
may be found within the area of the foundation may sometimes be dug out 
to their source outside the area of the dam, or intercepted outside that area 
and diverted. 

Core-Walis. The dam itself usually consists of three parts: an interior 
impervious part with an embankment on each side to support it. The im- 
pervious part is a masonry, puddle or steel core-wall or a heart of selected 
impervious material. Occasionally the builders are fortunate enough to 
have at hand a natural mixture of gravel and clay of which the whole dam 
may be built, thus combining the three parts in one, but usually the imper- 
vious material available is either too expensive or is unstable at a practicable 
slope. What is the best type of core-wall is a mooted quested. Rubble, 
concrete, puddle clay, sheet steel and wood have been used. It is argued that 
masonry, whether rubble or concrete, must have a solid rock foundation, and 
that even then it is in danger of being cracked by settlement of the embank- 
ment or by temperature changes. On the other hand, it is argued that slight 
cracks will not be made larger by water but will be silted tight; that, if em- 
bankments are well built and the masonry core wall is 4 to 6 ft. thick at top 
with sides battered at about 1 to 10, it will not crack from settlement of the 
embankment; and also that, when outlets pass through or under the dam, 
they are much safer when masonry core-walls are used. 

In regard to clay puddle it is argued that its integrity depends entirely upon great 
care and much intelligence and skill in mixing and placing, and that if once punctured 
its entire integrity is destroyed. On the other hand, it is argued that settlement does 
not rupture it, and that it makes a better union with the rest of the embankment. 

At the Boston Water Works the endeavor was made to overcome all objectionable 
features and preserve the merits of both by building a masonry core-wall and placing a 
selected clayey material next the upstream side of the masonry. 

Riveted steel plate cores coated with asphalt have been used. Timber sheeting 
should not be used, as it is likely to decay. Whether the core-wall should be placed in 
the middle or near the upstream side of the embankment will depend upon the material 



Art.5 * Earth Dams 153° 

used and local conditions. “If the core-wall is to be of masonry it should be vertical, 

and this usually requires it to be under the crest of the dam. Ii the core-wall is of clay 

it is usually placed vertically under the crest, but sometimes on the upstream face, in 

which case it should be protected by additional filling. The slope must be very flat 

or else there must be considerable filling outside it to prevent slipping; also provision 

must be made against burrowing animals, if the clay is near the surface. Sma] stones 

or furnace slag mixed with the puddle are frequently used for that purpose. 

The Placing of Embankment when not done by the hydraulic process is 

usually done by carts or cars. It is usually specified that the earth shall be 

spread in from 4- to 8-in. layers, rolled with a heavy roller, and that, before 

placing the next layer, the last one shall be sprinkled and harrowed to insure 

bonding. Variations in details of construction on different dams have been 
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Fig. 13 Earth Dams 

the use of a drove of horses and sometimes goats to trample the earth, also 

heavy four-horse teams for hauling, runways being avoided. Rollers having 

grooves or projections on their faces are used on many dams. The embank- 

ment is usually kept 4 or 5 ft. higher on the outer edge than in the middle- 

Slopes must be determined by the engineer for each individual case. Prece- 

dents may be studied in the following table. If it were simply a question 

of the stability of the face the slope for the same material should be flatter 

on the upstream side than on the downstream side, for the angle of repose, 

especially of very fine material, is less in water than when not saturated but 

‘slightly damp, which is usually its condition on the downstream side. If the 

dam is without a core-wall or other impervious hearting and subject to seepage 

either under or through the embankment, it may be necessary to make the 

downstream slope very flat. The upstream face is pitched or otherwise pro- 

tected against wash of waves. The downstream slope is sodded to protect it 

from wash of rains. Berms with paved drains are used frequently in addition 

to sodding. 
h 

Top Width and Height above Water. The formula W = 1 +5 in which 

h = height of dam in feet, has been suggested as giving safe widths in feet, 

for tops of earth dams. The top should be so high and wide that no burrowing 

animals can reach the heart of the dam at water level. It should also be high 

enough above the highest water level to be beyond the reach of all waves. 

Stephenson’s formula for height of waves is commonly used. 

X =15\/F + (2.5 — WF) 

in which X is the height-in feet, F the fetch in miles or sweep of the wind in 



1540 Dams Sect. 15 

Data on Compacted Earth Dams 

Numbers in parentheses refer to Figs. 13 and 14 and to the following notes. 

Number and name 
Core- 

Material wall 

(1) Goose Creek, Idaho.... Sand, clay and} C 
gravel 

(2) Idaho Irrigation Co.... Earth and rock oO 
(3) Patillas, Porto Rico.... Gravel, boulders} O 

and clay 
(4) San Leandro, Calif. 21 16) 
(5) Lahontan, Nev........ 3:1 Gravel and silt 0) 
(6) Tabeaud, Calif........ cs) Red gravelly clay 

3:1 

(7) New Croton, N. Y..... vt | 1:1 R 
(8). Costilla,y@olo...... 3:1 |2.5:1 |Clay and gravel (6) 
(9) Druid Lake, Md....... 4:1 2 P 

(10) Bell Fourche, S. Dak... 2A 7:4 |Heavy clay and] O 
3:1 PAE | gumbo 

(11) Dodder, Ireland....... 7:2 Set 
(12) Gatun, Panama....... 7.67:1 | 8:1 |Clayey sand and 

10:1 | 16:1 rock fill 
(13) Standley Lake, Colo.. 231 2:1 {Blue clay P 

3:1 
(14) Titicus, N. Y.. = 2.4:1 522 
(15) Mudduk Tank, India. A 3:1 5:2 
(16) Ashokan Dikes, N.Y... |: cist Fp | 2:1 |Clay, sand, gray-| C 

Ls Aig Oe Us ie: 3 el and smal] 
li:4 ee! stones 

(17) Somerset, Vt.......... 3:1 5:1 |Clay, sand, grav-| O 

stones 
(18) Temescal, Calif........ 5:2 

$:1 
(19) Carite, Porto Rico..... 2:1 |Clay and rock oO 
(20) Cummum Tank, India. 1-4 
(21) Yarrow, England...... 2 P 
(22) Morris, Conn. ... 2... zea ins 
(23) Pilarcitos, Calif........ Sab | oo 
(24) Dale Dyke, England .. 5:2 Pp 
(25) San Andreas, Calif... .. 3:1 Pp 
(26) South Haiwee, Calif... -S:1 |Tufa, shale and| P 

clay 
(2%) Horest, Parks /Mdicsis ibe 28da.c il ounalsaetey B Rock and earth Oo 
(28) Dry River, N. Yee Yi Q Earth Cc 
(29) Sherburne ‘Lakes, Mont. eg Arsen Clay, sand and 

gravel 
(30) Wachusett, N. Dike, 

EASE READE mierda ete Soil, sand, gravel] O 
(31) Cold Springs, Ore. .... Gravel and earth| O 
(32) Borden Brook, Mass...|....... Pp 

(33) Talla, Scotland........ Clayey and open} P 
materials 

(34) Throttle, N. M........ Earth and course] P 
rock 

el and. small 

P = Puddle. C = Concrete. R = Rubble. O =No core-wall, 
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Data on Compacted Earth Dams—Continued 
Numbers in parentheses refer to Figs. 13 and 14 and to the following notes. 

Number and name 

(35) Seros, Spain 

(36) Las Vegas, N. M 

(37) Mammoth, Utah 

(38) Johnstown, Pa 

(39) Keechelus Lake, Wash. 
(40) Phelps Brook, Conn.... 
(41) Youngstown, Ohio 
(42) Kachess, Wash 
(43) Glenwild, N. Y......-. 
(44) Hatchtown, Utah 
(45) Bog Brook, N. Y 

(46) Ashti, India 

(47) Hebron, N. M......... 
(48) Horse Creek, Colo..... 

P = Puddle. 

the longest straight line which may 
be drawn from the dam on the 
water surface of the reservoir. 

(1) Goose Creek, Idaho. 1910-13. 

Upstream face covered with 3 ft. of 
loose rock, and loose rock dumped at 
toes. Core-wall 3 ft. thick to 10 ft. 
above natural surface and 1 ft. thick 
from this point to top. Length 1050 ft. 

(3) Patillas, Porto Rico. 1914. 
Length 1020 ft. Contains 970 000 cu. 
yd. First 50 ft. in height made by 
dumping from two-trestles near either 
toe. Successive lifts then made by 
shifting track. Outer slopes of gravel 
and boulders. Middle of dam about 
25% clay washed into position and 

allowed to settle in pool maintained 

by the side banks. Total settlement 
0.56 ft. in three years. 

(4) San Leandro, Calif. 1874-76. 

Portion “A” in cut built in 1874 of 

earth in layers 1 ft. thick. No rollers 

used, but material dumped and sprin- 

kled and band of horses used to com- 

pact. In 1898 portion “B ” was placed 

by the hydraulic process. Shaken by 

San Francisco earthquake 1906. No 

damage. Puddle trench 30 ft. below 

ground. 

C = Concrete. 

N 

WWHKHKHNKNWHNW BHR E ERE R BRE 

rey 

HAN UnWUANN Ub BBERDHEHEEB KE 

_ mw os 

R = Rubble. 

Fig. 14. 

GS 

Material 

Earth, clay and 
gravel 

Heavy clay, sand 
gravel 

Clay and fine 
gravel 

Selected earth 
with rock 

Gravel and earth 
Gravelly material 
Clay and gravel 
Earth and gravel 

Loamy sand 

Black and brown 
soil and ‘‘Mur- 
rum” 

Sandy loam and 
clay 

No core-wall. 

300 

Earth Dams 
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(5) Lahontan, Nev. 1913:° Length 1359 ft. Volume 710000 cu. yd. Upstream 
Portion of gravel and silt, mechanically mixed and rolled in 4-in. layers and faced with 
riprap and gravel. _Downstream portion of pit-run gravel. Foundations a red sand- 
stone. Puddled cutoff wall. Grouted rock foundation. 

(6) Tabeaud, Calif. 1900-02. Built in 6-in. layers first 60 ft. Not over 8-in. layers 
above. Top kept basin-shaped. Clay puddle on bottom and part of upstream face. 
1 berm upstream, 3 downstream. Foundation hardpan and rock. 

(7) New Croton, N. Y.. 1901. Dam partly constructed, then replaced by masonry 
structure. 2 berms downstream. 

(8) Costilla, Colorado. 1917. Length 600 ft. Upstream slope riprapped. Cutoff 
wall 30 ft. into clay and gravel foundation and 5 ft. above natural ground surface. 
Built by dumping earth in ridges about 5 ft. high and partly filling trench between 
with water, then filling the trenches by dumping from wagons, then building new ridge 
over former trench and repeating process. 

(9)' Druid Lake, Maryland. 1864-70. Upstream face covered with puddle. Stone 
wall in bottom of clay core. Embankment each side of puddle core well rolled. 
Part of the material in dam placed in basins filled with water. Surface soil stripped, 
and where foundation is sand, core carried to impervious stratum. 

(10) Belle Fourche, South Dakota. 1910. 6-in. layers. Some sheet piling near up- 
stream toe. $879 164 contract price. 

(12) Gatun, Panama. 1913. Portion “A” in cut is hydraulic fill, “ B ” is rock fill 
and the remainder is dry fill: There is a layer of 3 ft. of rock paving 170 ft. wide on 
the upstream slope to resist wave action. 

(13) Standley Lake, Colorado. 1908-12. Length 6630 ft. Material lumpy, blue clay which slaked very readily and became a slimy ooze on being saturated. Upstream face protected by loosely dumped tiprap. In 1912 a small slide of the downstream face occurred and in 1914 there was a much larger slide of the same face. In 1916, following a rapid draining of the reservoir for irrigation purposes, about 88 000 cu. yd. slid from the extreme face. 
(17) Somerset, Vermont. 1911-13. Length 2100 ft. Contains 1000 000 cu. yd. Material was coarse gravel and sand with some clay. Excayated by steam shovel hauled to site and dumped from trestles on the upstream and downstream slopes. From there the material was sluiced down about a 2 : 1 slope toward the middle of the dam, the object being to leave coarse material on the faces and gradually grade to a fine impervious heart. 
(18) Temescal, California. 1866-68. Originally built in layers with carts and scrapers, with top width 18 ft. at maximum height of 105 ft.and slopes 3: 1 upstream and 5:2 downstream. In 1869 downstream slope flattened by sluicing. In 1886 height increased to 115 ft. by sluicing. As finished downstream slope 5:1. 
(19) Carite, Porto Rico. 1914. Length 520 ft. Upstream face paved. Down- stream slope, lower half paved. 200 000 cu. yd. Fill dumped from trestle and spread by scrapers and wheelbarrows. Very little sprinkling done. Settled 0.96 ft. in three years. 
(21) Yarrow, England. Maximum depth excavation 97 ft. Puddle core-wall on concrete foundation in rock. 2 berms on downstream slope. 
(22) Morris, Connecticut. 1910. Upstream slope 3: 1 for a height of 30 ft. from toe, 2.5: 1 above, faced with ! ft. 6 in. of paving stones. Four berms 8 ft. wide on downstream slope, and slope sodded. Core-wall carried to rock 12 ft. wide at base and 2 ft. Sin. at top. Length 1100 ft. 
(23) Pilarcitos, California. 1864-66. Puddle core-wall 24 ft. thick, keyed to rock with concrete wall 3 ft. by 6 ft. Length of dam 640 ft. 1-3/4 miles from fault line of San Francisco earthquake of 1906. Dam uninjured by earthquake. 
(24) Dale Dyke, England. Failed 1864. 95 {t. high, 1254 ft. long, 12 ft. wide on top. Upstream and downstream slopes 2.5:1. Puddle core. Failed; opinions as to cause varied. Said to be because outlet pipes laid naked or because dam above core- wall was a sort of rock fill, bringing full static pressure against core-wall. 
(25) San Andreas, California. 1868-70. Dam raised in 1875. Puddle core-wall keyed to rock with concrete wall 3 ft. by 5S ft. Length 800 ft. Fault line of San Francisco earthquake of 1906 Passes across east end. Crack 2 to 3 in. wide along axis of dam but it did not fail. 
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(26) South Haiwee, California. 1912. Length 1523 ft. 559750 cu. yd. Upstream 

slope paved with 3 in. of concrete. Cutoff trench carried down to rock, in some cases 

to a depth of 120 it. 
(27) Forest Park, Maryland. Clay puddle on upstream face and carried to bed- 

rock in a trench near upstream toe. 

(28) Dry River, Watervliet, N. Y. 1913-14. 1 berm 8 ft. wide, 40 ft. below top on 

both faces. Material rolled in 6-in. layers. Upstream face partly paved. c 

(29) Sherburne Lakes, Montana. 1918. Length 900 ft. 250000 cu. yd. Up- 

stream slope has 18-in. paving of field stone on a 12-in. layer of gravel, and concrete 

parapet wall 3 ft. high at top. Downstream slope covered with 12 in. of gravel. 

Unique feature was permeable core-wali of screened gravel 5 ft. thick at crest, increasing 

with 3.5 in 100 batter, with system of pipe drains running from base of core to down- 

stream toe. Two cutoff trenches on upstream side, 1 on downstream. Material hauled 

in dump wagons spread in 6-in. layers rolled with 20-ton roller. ea 

(30) Wachusett, N. Dike, Massachusetts. 1900-05. This dam is about 10 000 ft. 

long. 5500000 cu. yd. There are three embankments of sand and gravel shown at 

“A” in the cut. The remainder was built largely of fine loamy soil stripped from the 

reservoir site. Material spread in 1-ft. layers and rolled by steam road roller and 

harrowed before adding new layer. Foundation pervious sand and gravel. For a por- 

tion of the length a trench was dug 60 ft. deep in this gravel, and triple-lap tongued- 

and-grooved sheet piling built up of 2+in. plank was jetted down from 20, to 60 ft. 

On April 11, 1907, a portion of the upstream face 675 ft. long, of a thickness of 35 ft. 

normal to the slope, slid down the bank, causing little damage but indicating that 

1 vertical to 2 horizontal was too steep for such fine material under water. 

(31) Cold Springs, Oregon. No core-wall. Cutoff trench. 

(33) Talla, Scotland. 1897-04. The clayey or adhesive material in middle third 

placed in 9-in. layers. Outside’this is stony or open material in 18-in. layers. 

(34) Throttle, New Mexico. 1914. Length 1060 ft. Concrete core wall 600 ft. long 

with galvanized corrugated iron extending from cutoff wall to crest. Upstream slope 

paved. Center portion of dam well puddled. Downstream slope faced with selected 

rock, hand laid. 
(35) Seros, Spain. 1913-14. Dam No. 3 is the highest of 7 earth dams in hydro- 

electric development near Barcelona. Length 1312- ft. 497 250 cu. yd. Upstream 

face riprapped. Puddled cutoff trench. 1% berm downstream slope. 

(36) Las Vegas, New Mexico. 1917. Upstream slope riprapped 9 in. thick. 1 berm 

on downstream face. Length 1400 ft. Material hauled by dump cars and sluiced into 

place with water jet. 

(37) Mammoth, Utah. 1908-14. Proposed height 125 ft. Concrete core-wall with 

buttresses. Earth placed by wagons and scrapers and rolled. In June, 1917, dam was 

at a height of 70 ft. with water stored to nearly the same height. Washout occurred 

at flume carrying water across the top. One-half billion cu. ft. water released cutting 

dam to foundation causing great damage to structures below. 

(38) Johnstown, Pennsylvania. Lower face entirely stone, 4 ft: thick at top, 20 ft. 

at bottom, and backed by slate rock 3 ft. thick at top and 30 ft. at bottom. Heart of 

selected earth. Upstream face of dry rubble 15 in. thick. Failed: flood over- 

topped dam. 

(39) Keechelus Lake, Washington. 1914. Length 6500 ft. 522000 cu. yd. Up- 

stream slope faced with riprap. Concrete cutoff wall. 

(40) Phelps Brook, Connecticut. 1917. Length 1200 ft. Upstream slope 3:1 

below water surface, 2 : 1 above, faced with 12 in. of riprap. 1 berm on downstream 

slope. Concrete core-wall to rock. 

(41) Youngstown, Ohio. 1913-16. Length 2202 ft. Concrete cutoff. Upstream 

slope faced with 9 in. to 18 in. of concrete. 

(43) Glenwild, New York. 1902. Core-wall is broken boulders grouted with 1:3 

cement mortar. Dam curved upstream with radius of 708.6 ft. Contract cost $47 360. 

(44) Hatchtown, Utah. 1908. Failed in May, 1914, probably due to leakage along 

the outer surface of the outlet culvert and leakage through foundations of black clay 

sand and gravel. Length 780 ft. 126 000 cu. yd. 

(45) Bog Brook, New York. Masonry core-wall 10 ft. thick at base and 6 ft. at 

top. Upstream face has 12-in. paving on 6-in. broken stone. Berm on downstream 

side. 
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(47) Hebron, New Mexico. 1914. Length 3700 ft. Puddled cutoff trench. In 
May, 1914, a section 200 ft. long washed out. 

(48) Horse Creek, Colorado. 1911-12. Length 5150. ft. Volume 714 000 cu. yd. 
Downstream slope 1.5: 1 for distance of 16 ft. from crest, and 2.5: 1 for balance. 
Upstream slope 1.5: 1 face paved with 5 in. of concrete. Earth placed by dump 
wagons and spread with scrapers. No sprinkling and no packing of material done. 
In January, 1914, 200 ft. of the dam above the concrete culvert outlet washed out. 
Immediately after reservoir emptied, 3600 ft. concrete paving slid down slope. 

Failures of Earth Dams. In a record of 30 failures of earth dams, which 
may be assumed to be representative, 11 were due to overflowing, 10 to leaks 
in outlet pipes, 3 to undermining, and 1 was attributed to burrowing animals. 
The causes of the other five were somewhat doubtful, but several causes were 

assigned, such as poor foundations, slopes too steep, lax construction methods 
and carelessness in preparing the site. 

6. Hydraulic Fill Dams 

Sluicing is a method of building earth dams by which, especially in moun- 
tainous regions, the material often may be excavated, conveyed to the site 
and placed much more cheaply than by any other means. The ideal material 
is a mixture of sand, clay and gravel with plenty of small rock. The develop- 

FN: 

Fig. 15. Hydraulic Fill Dams 

ment of the art has evolved a number of excellent properties of such dams, 
so many, in fact, that a number have been built by hauling dirt with cars to 
the site and sluicing it into place. The practice is for the sluices to discharge 
near the outside edges of the embankment. The coarse material drops there, 
and the fine flows with the water toward the middle of the dam, depositing, 
as it goes, the coarser first, the medium next, most of the clay going to the 
pond of still water in the center, where it is precipitated, forming a wide clayey 
core-wall. The coarse material remaining on the outer edge is most useful 
in maintaining the slopes due to its greater angle of repose. In practice, how- 
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ever, the danger is that the material will not be properly graded, either too fine, 

making the faces unstable, as in the case of the Calaveras Dam, or too coarse, 

making the core permeable. For that reason, continuous physical analysis 

should be made. Even if the material is properly graded the sluices may not 

deliver a uniform mixture, resulting in permeable layers across the dam. 

This danger is believed to be avoided by keeping men continuously spading 

and kneading the bottom of the pond in the middle of the dam. As the work 

progresses, a few men keep the edges built up just enough to keep the discharge 

from the sluices always flowing toward the center. The pond is sometimes 

allowed to drain by filtering through the coarser outside material, and some- 

times by a vertical waste pipe built up in short lengths of from 6 to 15 in., 

changing its direction at the foot toa horizontal leading to the downstream 

face, or by pumping the surplus water out of the pond by a pump mounted on 

a raft and discharging over the top of the fill and never through it.- There 

has been developed a modified hydraulic fill process in which the material 

is dumped on the outer edges of the dam and a stream of water is then 

played upon it which washes the finer parts into the central pond. This 

method was used on the Somerset, Davis Bridge, and Wanaque dams where 

the material was well graded from cobbles down to very fine. 

Data of Hydraulic Fill Dams 

Numbers in parentheses refer to following notes and to Fig. 15. 

| Water 

L gth Maxi-| Top |Slope|Slope| Total | used, 

Number and Location | Date ft +) mum |width, up- |down-|volume, |cu. ft. 

* lbeight,) ft. |stream|stream) cu. yd. | per 

* sec. 

(1) Calaveras, Calif....| 1918 1260 | 240 25 Ato Sibriisht . 2p sue 

(2) Terrace, Colo....-.- 1995-9| 605) 210 25 ort mA 500 000; 26 

(3) Little BearVal.,Calif.|....--}.--.++ | 200 20 5:2 2:1 Bevlndett |-semore 

(4) Necaxa, Mexico.... 1909 | 1220} 180 54 3A 2:1. |2 000 000) 15-30 

(5) Magic Res., Idaho. .|....-.|-.---- 135 40 3:1 522. abtomnes Wi-sas os 

(6) San Leandro, Calif. .|1874-6| 500} 125 28 3:4 a2 542 700) 10-15 

(7) Crane Valley, Calif..|.-..-. 720} 100 20 2:1 S52iv tl odaag 1/5 

(8) Waialua, Hawaii. . . 1904-6| 460| 98 25 4a; Ay .aaete 141000; 8 

(9) Santa Maria, Colo. .| 1912 | 1300} 95 20 3:1 Zul 310 000|...... 

(10) Quemahoning, Johns- 

town, Pa....+.-+-| 1913 | 950 95 20 4:1 4:1 600 000|.....- 

< 3A 

(11) Lake Frances, Calif.| 1899 | 992| 50 16 oak 2:3 80 265}. ..... 

j 1901-2) 1300 77 280 700| 

(12) Snake Ravine, Califa sie sens 294| 64 12. |Bet.3.2)and 2.1]... «ela leieerareis 

(13) Santo Amaro, Brazil} 1907 | 5300| 63 33 ao 1 | he oe ET 8 

(14) Croton, Mi CB .s fannie 1906-7, 200 CC ee ee 57) 21 104 000}...... 

to and 

6:1 41 

(15) Conconully, Wash. .|..---- 1030} 60 20 opel UA 351 000|...... 

(16) Silver Lake, Cant Aen OGOW 56. cle adnate a aes eape 146 000) 2.5 

(17) Yorba, (GENES reer 1907 800 47 16 hed. 21 100 000; 3-4 

(18) Tyler, Texas.....-- 1 fsy Mie i si7 9S ee PA IR Dial HH 24 000) 1.4 

(19) Dayton (S)..---++: OOK OSE WEEN D5 10 uereinle ap icie cul cieue Uaallhr wena ee eras 

(1) Calaveras, California. Material is clay sand and gravel with dry rock fill at 

toes. Material sluiced from borrow pits down open channel 5 to 1% grade into con- 

crete sumps and raised: to dam with 12-in. centrifugal pumps. Designed to contain 
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3.000 000 cu. yd. After 2 800 000 cu. yd. placed, upstream face for length of 700 ft. 
slid. Aggregate 20 to 50% clay. 

(2) Terrace, Colorado. Material sluiced from a clayey bank to form heart of dam, 
and from a separate bank clean rock and gravel were sluiced to the two slopes in flume 
on 7% grade using 26 sec.-ft. of water. Concrete core-wall about 65 ft. high in bottom 
of canyon. 

(3) Little Bear Valley, California. Disintegrated granite and clay deposited from 
spoil trains on toes of dam and finer materials were washed to the center. Concrete 
core-wall. 

(4) Necaxa, Mexico, Broken limestone and yellow clay. Concrete core-wall, about 
6.5 ft. above stripped surface. Sluicing flumes 20 in. in diameter, 4 ft. wide, rect- 
angular section with V-shaped bottom, grades 5% and 8%. During construction a 
slide of the upstream face occurred which was attributed to the use of unsuitable 
material. Dam since completed and now in use. 

(5) Magic Reservoir, Idaho. Cutoff walls in sides of canyon. Cutoff trench and 
sheet piling under dam. Constructed by combination of methods. Excavated by steam 
shovels; spoil trains delivered material close to site, thence it was sluiced to place. 

(6) San Leandro, California. 160000 cu. yd. sluiced. Sluicing flume grades 4-6 %. 
See earth dams. 

(7) Crane Valley, California. Sluicing flume 12 in. by 10in. Flumes on 6% grade. 
Ground sluicing was used; that is, material was dumped into flume after loosening. 

(8) Waialua, Hawaii. Rock fill portion: base width 80 ft., crest 11.5 ft.; down- 
stream batter 3/4 to 1, upstream face vertical; volume 26 000 cu. yd. Wooden dia- 
phragm embedded at bottom in concrete wall. Earth fill 141 000 cu. yd. Soil dumped 
into flowing stream of 8 sec.-ft. in ditch 1300 ft. long with bottom grade 4%. The soil 
was a decomposed lava of a cohesive and unctuous character, very free from grit. 
Earth fill 11 cents per cu. yd. Leaked during first year. 1905 material obtained by 
enlarging spillway sluiced against lower toe. 

(9) Santa Maria, Colorado. Two cutoff trenches to hardpan sheeted and puddled. 
Dirt and boulders conveyed by rectangular sluices 3 X 3 ft. 

(10) Quemahoning, Johnstown, Pennsylvania. Slopes 4:1 for lower half and 
3:1 for the upper half. Concrete cutoff wall extends 10 to 27 ft. into the shale 
rock; also puddled cutoff.. Rectangular flumes 24 in. wide and 18 in. deep, 
grade 6%. Material a mixture of clay and shale rock. 

(11) Lake Frances, California. Old earth dam failed, about 20% being washed 
away. Repaired and enlarged by hydraulic process. 182 937 cu. yd. of new dam 
sluiced in. 1.76 sec.-ft. of water used at first; later 4.5 to 7 sec.-ft. Sluicing flume 
22 in. in diameter, minimum grade 2.2%. Most of material sluiced was clay. Brush 
used to maintain slopes. 

(12) Snake Ravine, California. Built of fine silt and clay; slid as a body 1000 ft. 
down ravine at rate 6 to 10 ft. per sec. Failure attributed to lack of coarse material 
on slopes and fact that fine material did not drain when building. 

(13) Santo Amaro, Brazil. Clay and disintegrated granite. Slip of blanket over 
core-wall of section east of hydraulic fill occurred during construction. Excess of clay 
in blanket did not allow good drainage outward. Sluicing flume 2000 ft. long, 
grade 3%. 

(14) Croton Michigan. Fine yellow sand. Sluicing flume 30 in. in diameter 
semicircular; grade 8-9%; length 800 ft. Cost 6.8 cents’per cu. yd., including plant, 
materials, labor, power, etc. 

(15) Conconully, Washington. Loose rock, gravel, sand and silt. Sluicing flume, 
sloping side 2-3/4 ft. apart at top. No. 10 steel curved bottom bent to 12-in. radius, 
clear depth being 2-1/4 ft. Lateral flumes trapezoidal 12 in. wide at bottom. Sheet 
piling across valley 70 ft. upstream from center line driven 33 ft. and projecting 3 ft. 
above valley bottom. Flume grade 4%. 

(16) Silver Lake, California. Heavy sandy loam containing considerable clay which 
was carefully separated and placed in center. Drains to prevent slipping during con- 
struction. Concrete core-wall under dam and 3 to 6 ft. above original surface. Sluicing 
flume 8 in. in diameter. 2.5 sec.-ft. water used in later stages. Flume length 4000 ft. 

(17) Yorba, California. About 80% by hydraulic ground sluicing process. Adobe 
clay soil, sand and gravel. No core-wall; puddle trench through top soil. Material supplied to parts too high for gravity fume by pumping through an 8-in. pipe a maxi- 
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“are distance of 800 ft. Cost 8 cents per cu. yd. for ground sluicing. Flume grade 
4-7%. 

(18) Tyler, Texas. Sluicing flume 13 in. in diameter. Material 65% sand and 35% 
clay. Cost 4-3/4 cents per yard, including everything. 

(19) Miami Conservancy, Ohio. A group of five dams located at Taylorsville, 
Englewood, Huffman, Lockington and Germantown were built near Dayton in 1919-20 
to control floods on Miami River. They range from 75 to 125 ft. high and in volume 
from 800 000 cu. yd. to 3 500 000 cu. yd., totalling 9 000 000 cu. yd. for the five dams. 
The material was a well graded mixture running from coarse gravel down to fine sand 
and clay. Most of this material was pumped to the dam by 14-in. centrifugal pumps 
which had their suctions in hog boxes that’were supplied partly by trains hauling 
material excavated by dragline excavators from borrow pits and partly by material 

excavated by hydraulic monitors and sluiced into the hog boxes. By continuous 
mechanical analysis and control at the hog boxes it was possible to obtain a very 
uniform grading of material going to the dam, 

7. Rock Fill Dams 

Dams of Loose Rock were designed to meet the requirements of miners 
in western America, where the great cost of hauling cement made the use of 
that material prohibitive. Since most of these structures are located in deep 
rock canyons, it was a simple matter to quarry the material at a higher eleva- 
tion than the dam and transport it by gravity to the site or even to throw the 

material directly to place by blasting. Dams of this type are made watertight 
by a variety of methods. In some cases the upstream face is covered with 
planking spiked to studding buried in the rock fill, or with steel plates fastened 
to I beams set in the face, or with rubble masonry walls or reinforced-concrete 

facing. Steel core-walls are also used. A later development is the combina- 
tion earth and rock-fill dam in which the earth is either dumped or sluiced into 
place on the upstream face. 

Most of the failures of rock-fill dams have been due to insufficient spillway, 
causing overtopping. Some have been caused by poor design in making the 
slopes steeper than the natural angle of repose of the loose fill and trusting to 
dry rubble facing walls to hold the mass in position. 

The following numbers correspond to those on the cross-sections of Fig. 16: 

(1) Escondido, California. 1895. Faced with redwood plank. Timber face backed 
with concrete. Contains 6000 cu. yd. dry rubble and 31 157 cu. yd. rock fill. Leakage 
when full 450 000 gal. per day. Cost $110 000. Stones laid by hand on inner face to 
form dry wall 15 ft. thick at bottom and 5 ft. at top. Bedrock trench at upper toe filled 
with rubble masonry, in which plank facing is embedded. 76 ft. high. 380 ft. long on 
top and 100 ft. on bottom. 140 ft. wide at base and 10 ft. on top. Slopes are 1 : 2 on 
water face; 1:1 on back for half the height and 5: 4 from mid-height to base. 

(2) Castlewood, Colorado. 1890. Lower slope covered in steps of 2 ft. with large 
blocks of stone in cement mortar. General slope 1:1. Upper face wall rough rubble 
masonry 4 ft. thick, on batter 1:10. Walls joined at top with coping. Crest width 

8 ft. Dam founded on clay. Front face wall carried 6 ft. to 22 ft. into clay. Lower 
slope wall also founded on clay at depth 10 ft. below surface. Length 600 ft. Height 
above reservoir floor 70 ft.; above foundation of face wall 92 ft. Rock pavement 
25 ft. wide, 200 ft. long, 3 to 6 ft. deep, heavily grouted at top with cement mortar to 
prevent scouring. Dam leaked. Earth embankment added to upstream face, 8-ft. 

wide at crest with 3:1 slope faced with 12 in. of riprap. 
(3) Lake Avalon, New Mexico. Length 1050 ft. Earth slope covered with revet- 

ment of loose stone 2 to 3 ft. thick for wave protection. Failed 1893, water passing 
over top, washing out 300-ft. length to bedrock. Immediately repaired and built 5 ft. 

higher. Second failure 1904. Stated that water did not pass over top but forced way 

through the dam. Failure attributed to burrowing animals, or faulty construction 

where dam connected with bank. Reconstructed with top width 43 ft. Substantial 
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addition made to earth fill and core-wall built of concrete heavily reinforced. Part of 
core-wall on concrete base and part on sheet piling driven to rock. 

(4) Walnut Grove, Arizona. 1887-88. Destroyed by flood 1890 with loss of 129 
lives. Length 400 ft. Slopes much steeper than natural angle of repose of loose rock. 
Faces laid up as dry walls. With 70 ft. of water above bedrock, dam leaked 3.75 

cu. ft. per sec. 
(5) East Canyon Creek, Utah. 

1899. Originally built 68 ft. high. 
Length 100 ft. Concrete wall 15 ft. 
thick, carried down through gravel 
to bedrock and steel plates for 
core anchored in center. Rock 
thrown on wall by blasting sides of 
canyon. Open cut made in pile of 
rocks thrown down and steel core- 
wall built from anchor plates. 
Asphalt concrete 4 in. each side of 
plate. Settlement of wall caused 
asphalt tc draw away from steel 
an extreme distance of 5 ft..at top. 
Dam cost $60 200. and required 
23000 cu. yd. rock, 810 cu. yd. 

cement concrete, 183 cu. yd. as- 
phalt concrete, 69 800 Ib. of steel 
and 50500 ft. b.m. of lumber. 
Enlarged 1900-01 by addition 
to downstream side. Maximum 
height 93 ft. Additional work re- 
quired 16 000 cu. yd. rock, 410 cu. 
yd. of masonry. and 370 cu. yd. 
concrete, 62000 lb. steel and 
20000 ft. bm. lumber. Length 
173 ft. Crest width 10 ft. Steel 
core-wall continued to top, pro- 
tected by concrete. 

(6) Milner, Idaho. 1903-05. 

Three dams form one main struc- 
ture. Rock fill with core of wood. 
Earth embankment sluiced into 
voids of rock above core. Main 
channel dam: Length 340 ft, 
Maximum height 86 ft. Crest 
width rock fill 10 ft. Downstream 
slope rock fill 3: 2; upstream 3: 4. 
Crest width earth fill 10 ft.; slope 
4:1. Rock fill 39650 cu. yd, 
Earth fill 58 000 cu. yd. Middle 
dam: 335 ft. long. 81 ft. maximum 
height. 42 800 cu. yd. rock, 62 850 
cu. yd. earth. South dam: 560 ft. 

a . long. Maximum height 66 ft. im 16; F 34 700 cu. yd. rock; 48 000 cu. yd. Fig 161 Rock FillbDams earth. Total length of 3 dams, spillway and regulating gates, considered as one structure, 2100 ft. 
(7) Zuni, New Mexico. Combination rock and hydraulic fill. Rock fill built as dry wall... Rock fill 720 ft. long. Total volume dry wall 40160 cu. yd. Indian labor. Cost rock work $2.50 per cu. yd. For sluicing, steam pumping plant with capacity 2.5 sec.-ft. at 90 to 95 lb. per sq. in. pressure. Total volume earth in dam 60.120cu. yd., about 40 000 yd. sluiced in. Total cost for sluicing 12 cents per cu. yd. All earth, either very fine sand or clay, no attempt being made to separate them. Undermined 1909 by passage of water under cap of lava rock which flanked dam and extended 

10! 
a > 
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Fig. 16 (continued). Rock Fill Dams 

beneath spillway. Spillway, south abutment and extreme south end of dam under- 
mined. Considerable portion of spillway dropped 7 ft. and settlement of 9 ft. at junc- 
tion of spillway and abutment. Small amount of fill at south end washed out and 
there was 5 ft. settlement about 30 ft. long in earth fill at north end. Main part of 
dam appears uninjured. 

(3) Minidoka, Idaho. Rock fill, earth facing and concrete core-wall. Length 
625 ft. Maximum height 80 ft. above bedrock and about 60 ft. above original bed of 
stream. Crest width 25 ft. Base averages about 300 ft. Total volume 191 000 cu. yd. 
Concrete core on solid rock. Top of wall 44 ft. below crest in central portions and about 

11 ft. near end. Earth and rock-fill banks built up and core-wall built in trough 
between them. Fill then carried up on both sides over coré-wall to required height. 
Cost $425 923. 

(9) Lower Otay, California. 1897. Originally planned for masonry dam and 
masonry carried up 8 ft. above river bottom. Core of steel plates anchored to masonry 
and carried up to crest, protected with asphaltum and burlap and 1-ft. thickness of 
toncrete either side. Failed January 27, 1916, by flood overtopping the dam. About 
30 lives lost. 

(10) Morena, California. 1896-1909. Length 520 ft. 306000 cu. yd. Built in 
canyon about 130 ft. wide at stream bed with narrow fissure 4 to 16 ft. wide, extending 
112 ft. below. In 1896 a rubble concrete wall 36 ft. thick at bottom and 12 ft. thick 
at top was built to seal fissure, and carried up 30 ft. above stream bed, when work was 
suspended in 1898. Construction resumed 1908. Upstream face for width of 7 ft. 
built of 6- to 10-ton granite blocks, set in cement mortar. Behind this for width of 
50 ft. at bottom, reducing to 16 ft. at top, rock was placed by hand and derricks. 
Remainder of rock fill dumped by 2 cableways. Reinforced concrete slab 1 ft. thick 
on upstream face. 

(11) Swift, Montana. 1914. Upstream face covered with a layer of hand-placed 
rock, 4 to 6 ft. thick, with face plastered with cement mortar. On top of this was 
placed a concrete slab, heavily reinforced, 6 in. thick at top of dam and 2 ft. at toe. 
Dam built on curve of 1276-ft. radius. Foundation of sand, gravel and boulders. 

(12) Strawberry, California. 1914-16. Upstream slope faced with 9 in. to 18 in. 
of concrete carried down to concrete cutoff wall and backed by hand@laid rock. Main 
portion of rock dropped from cableways. River bed a cemented gravel. Dam arched 
in upstream direction. Radius 1880 ft. Contents 400 000 cu. yd. Length 612 ft. 
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(13) Dix River, Kentucky. 1923-25. Length 1000 ft. Height 275 ft. Contains 

2 000 000 cu. yd. blasted rock. Upstream slope merges from 1: 1.2-at river bed to 

1:1atcrest. Downstream slope 1: 1.4. Dam curved upstream on compound curve 

of 1250-ft. and 1700-ft. radii. Upstream slope of loose rock supports section of dry 

rubble masonry upon which is laid reinforced-concrete slab carried into sides and bed 

of canyon 20 to 30°ft. Spillway 2300 ft. long, 250 ft. wide and a maximum depth of 

excavation 107 ft., which supplied most of rock-fill. 

8. Overflow Dams on Earth Foundation 

Three Conditions influence the design of overflow dams on earth founda- 
tions. First, the character of the earth, ranging from loose fine sand to firm, 
well cemented hardpan; second, the height of the fall; and third, the volume 
of water to be passed. Designs for dams to meet various combinations of 
degrees of severity of these conditions may best be studied from precedents. 
The engineers of India have developed a type for their rivers in alluvial beds 
subject to great floods. The type has been adopted by the U. S. Bureau of 
Reclamation for similar conditions, the Laguna dam being a case in point. 
One form of the India dam is essentially a rock fill with very flat slopes down- 
stream protected by heavy pitching or concrete-slab construction and contain- 
ing one or more masonry core or cutoff walls. This type has never been used 
except for very moderate heights of from 6 to 15 or 20 ft. They have, how- 
ever, been built on sand. foundations and have passed great floods. The 
greatest trouble is usually experienced at the toe where the structure is likely 
to be undermined. The Avignonet dam is a precedent for a high dam on an 

earth foundation, but there the earth foundation is compact gravel, fine sand, 
and boulders. Following numbers in parentheses refer to Fig. 17. 

(1) Narora Weir, India. Brick. Base 8 ft. thick. Founded on blocks or wells 
10 ft. square and 18 in. thick sunk 7 ft. below river bed. Downstream from weir floor 
is 40 ft. wide, 5 ft. thick, consisting of 3 ft. 3 in. concrete, 9 in. brick and 12 in. ashlar. 
Beyond floor, talus is 100 ft. wide. Crest covered with ashlar. First crest covering 
destroyed and replaced with masonry set with wider joints. Head on crest 8 ft. End 
of talus 14 ft. below crest. 

(2) Dauleshwiram, India. 1840. 16.8 ft. head on crest. Length 12 000 ft. Crest 
11 ft. above normal bed level. Width 230 ft. Crest cover with ashlar masonry. 

(3) Srivakantham, India. Length 1380 ft. Discharge over weir 123 000 sec.-ft. 
Weir wall and curtain walls on clay which lies under 3-ft. bed of sand. 

(4) Pelandorai, India. Length 860 ft. Head on crest 13.3 ft. Crest 9 ft. above the 
river bed above weir. 

(5) Burma Crib Weir, India. Boards were placed on top at first pending grouting 
of weir body with silt, and final settlement, with idea of replacing by rubble. 

(6) Mahanuddee Weir. 6400 ft. long. Folding shutter 3 ft. high on crest. Calcu- 

lated to discharge about 900 000 sec.-ft. Crest 13 ft. above average surnmer scyater 
level of river. Face of weir protected by rubble-stone packing with base varying from 
20 to 40 ft. Breach 1886 at site of center sluices; about half sluices and portion of 
weir carried out and deep hole scoured on line of weir and below it. Cause never 
explained. 

(7) Upper Colerum, India. 1836. Length 2929 ft. Head on crest 8.6 ft. Crest 
7.4 ft. above river bed. River bed, fine sand. Founded on double row of wells sunk 
6 ft. into river bed on upstream side and single row on downstream side. Masonry 
floor 27 ft. broad, 3 ft. thick, 2 ft. being brick masonry. Season after completion 

about 240 ft. of weir swept away. Caused by leakage undermining foundation. 
Weir repaired. 

(8) Old Croton, New York. 1837-42. 180 ft. long. Mud and boulders cleaned from 
river bottom and crib cofferdams built enclosing space where masonry was to be laid. 
These cribs were left in the foundation. Space between cofferdams excavated to hard- 

pan and filled with concrete and masonry. Earth bank 5: 1 slope paved near top and 
with bottom width 275 ft. against upstream face. Dam has passed 8-ft. depth on crest. 
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- (9) Kistna Weir, India. 1854-55. Length 3000 ft. for weir proper; nearly 4000 ft. 
including under sluices and piers. Crest 20 to 25 ft. above original river bed. Flood 
velocity over weir said to be 16 ft. per sec. and depth on crest 20 ft. Deep holes that 
had been scoured in river bed by floods were filled with sand. W. ells sunk for foun- 
dation of weir. 

(10) Avignonet, France. 1902. Concrete. Length 197 ft. Curved radius 656 ft. 
Height 75.5 ft. Built in narrow canyon on boulders, sand and gravel. Two cutoffs, 
13 ft. deep and 8 ft. thick. Passes over 35 000 sec.-ft. during flood. 

eashiersreioh © 

Fig. 17. - Overflow. Dams on Earth Foundations 

(11) Granite Reef, Arizona. 1906-08. Partly founded on gravel and boulders. 
1000 ft. long. Three curtain walls. Openings in the wall under lower toe 6 in. sq. 
5 in. apart and about 6 ft. above bottom of wall to allow drainage of seepage. About 
3-in. joints in apron to allow escape of water. \ , 

(12) Spooner, Wisconsin. Concrete structure 72 ft. long. Foundation sandy soil 
covered with thin layer of gravel. Pile foundation. 

(13) Laguna, Arizona. Begun 1905. Crest 19 ft. above natural river bed. Three 

concrete walls 4800 ft. long and 57 and 93 ft. apart. Upper wall on row of sheet piling 
12 to 20 ft. long. Between walls is rock fill. Apron of derrick stone extends 40 ft 
beyond lower wall. Rock fill between walls covered by 18 in. of concrete. Approximate 
quantities: rock fill 350 000 cu. yd.; concrete paving 37 000 cu. yd.; concrete core- 

walls 28 000 cu. yd.; sheet piling 90 000 lin. ft. Discharge from 4000 to 100 000 sec. ft. 
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(14) Sherman Island, Hudson River, New York. 1921-23. Length 590 ft. Height 

80 ft. Founded on sand and boulders with interlocking steel piles to form cutoff. 

Lower half of upstream face slope 5: 12. Upper portion 45 deg. There are 31 arches 

on buttresses 19 ft. on centers. Buttresses 3 ft. 6 in. thick stand on concrete base 

108 ft. wide by 3 ft. thick. Arches are 24 in. thick in lower part and 18 in. in upper. 

To add to stability of dam interior of bays between buttresses partly filled with sand. 

Also 30 000 cu. yd. fine sand dumped upstream along dam to improve seal of cutoff 

piling. 

9. Movable Dams 

Needle, Wicket and Curtain Dams form a group of movable dams having 

many common and numerous interchangeable features. Common to all are 

upright pieces, the lower ends of which bear against a sill on the river bottom, 

the upper ends of which bear against some form of bridge. The bridge may be 

a stationary structure or a collapsible structure. In case needles are used 

(Fig. 18) they form the closure. In case wickets are used (Fig. 19) the closure 

is formed by sliding stop gates down grooves in the upright pieces. With 

curtain dams (Fig. 20) an overhead bridge is generally used, and a screen 

rolling on the upright pieces is let down from above. When a draw or fixed 

bridge is used, the upright pieces are hinged at the upper end and are swung 

up out of the water with suitable machinery. 

Fig. 19. Wicket Dam 

Fig. 20. Curtain Dam 

The Thomas A-Frame Dam (Fig. 21) consists of a series of A-frames set 
side by side and pivoted at the bottom to a sill. The plates which fasten 

the two legs of each section 
together at the top form a 
footpath. One of these dams 
120 ft. long and 13 ft. high 

: Y, was built as part of Dam No, 
YY Wa 6 in the Ohio River. 

Fig. 22. Thénard Shutter Fig. 23. Girard The Thénard Shutter Dam 
Dam Shutter (Fig. 22) consists of leaves 

hinged to a sill which extends across the channel. The leaves are raised and 

supported by struts hinged to the leaf and at the lower end fitting into a 

MEET 
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socket from which they may be tripped and the leaf lowered. Above is a 
counter shutter which is raised by the current as a temporary dam until the 
main dam can be raised by hand. A dam of this type, built in France and 
finished in 1843, had shutters 5.6 ft. high and 3.9 ft. wide. Others have been 
built in India to close flushing sluices, and some of them support heads of 
nearly 10 ft. The counter shuttereis held in position by chains, which on 
account of the severe shocks occur- = 
ring when the gate swings up, often 
break and are objectionable., 

The Girard Shutter (Fig. 23), 
invented as a substitute for the 
Thénard, does away with the coun- 
ter shutter, and the main dam is 
raised directly by bydraulic pres- 
sure. Seven of these were erected 
at Auxerre, the shutters of which 
were 11-1/2 ft. wide and 6-1/2 ft. 
high. 

The Chanoine Wicket (Fig. 24) 
was invented in 1852. The shutter 

is pivoted a little below its center ; : ; 
point to a collapsible horse held in Fig. 24. Chanoine Wicket 
place by a long prop. It is adapted to large rivers where the flood rises are 
very sudden. 

The Rolling Dam (Fig. 25) consists of a large steel cylinder placed across 
the current between piers or abutments and arranged to be rolled up 
entirely clear of the current on an inclined rack track. The rolling cylinder is 

operated by cables 
wrapped around one 
or both ends of the 
cylinder and passing 
to a winch. They 
have been built for 
openings up to 115 by 
6-1/2 ft. and 60 by 14 
ft., and are said to 
operate very quickly 

Fig. 25. Rolling Dam and pass ice readily. 

Stoney Sluice Gates (Fig. 26) consist of a gate bearing at its end against 
a train of rollers. The gate is usually hung to chains at either end, which 
pass over sheaves to a counterweight. The roller train is also hung by a 
cable and counterweighted. They are usually operated by gearing on the 
supporting sheaves turned by hand cranks or traveling electric motors. These 
gates have given excellent satisfaction and are widely used. Power for oper- 
ating has usually been underestimated. Fig. 26 is an example of Stoney sluice 
gate at the lake regulating works, Sault Ste. Marie, Canada. Fig. 27a shows 
the detail of the end bearing. Fig. 27 shows the end bearing of the Stoney 
gates on the Manchester Canal, England. 

On the New York Barge Canal several movable dams of the bridge type have 
been used (Fig. 65a). Those dams have abutments, piers and superstructures 
like ordinary bridges; from the downstream sides hang steel frames resting 
against shoes in concrete sills that stretch across the stream between the abut- 
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ment and pier. Against the upright frames are placed “ Boule ” gates forming 

the dam proper. Electric winches raise the gates and uprights by chains. 

The spans vary from 150 to 240 ft. 

Fig. 26. Stoney Sluice Gate, Lake Superior Power Co. 

The Bear Trap Dam (Fig. 28), of which there have been many modifica- 
tions, consists of two rectangular leaves extending over the full width of the 

opening; and when 
in their lower posi- 

tion the downstream 
leaf overlaps the up- 
stream leaf. The 
gate is raised by ad- 
mitting water from 
the upper pool to a 
chamber under the 
leaves. A dam built 
at Davis Island on 
the Ohio River in 
1889 was of this 
type. The — gates 
were of wood and 52 
ft. long. In 1905 

Fig. 27. Ends of Stoney Gates this was replaced by 
a new bear trap with 

wooden leaves heavily bound with steel. The new leaves were much stronger 
than the old ones and were proportioned so that they would just float without 
the need of air forced to the under side. At the bear trap on the Marne in 
France a counter shutter was provided, as in the Thénard shutter dam, as an 
assistance to raising the main dam. 

The Bear Trap on the Chicago Drainage Canal (Fig. 29) is of somewhat 
different design. The two leaves do not overlap, but are hinged together 
at the apex. The downstream edge of the dam is hinged to the foundation, 
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while the upstream edge carries a roller and moves up and down on the ma- sonry face. The gate is counterweighted and its movements up and down 
are controlled by hydraulic cylinders. The 
dam is 160 ft. long, the downstream leaf 35 ft. es (©) 
wide, and the upstream leaf 21 ft. wide. 
The Parker Gate 

(Fig. 30) modifies 
the original bear 

trap by hinging the 
two leaves at the 
apex and introduc- USSU. NU NN 
ing a hinge at a little Fig. 28. Bear Trap Dam _ Fig. 29. With Hinged Leaves 
above the midpoint 
of the upstream leaf; this does away with the sliding friction between the 
leaves. An auxiliary leaf, called the idler, is introduced above the upstream 
leaf to protect the moving parts from drift and ice. A dam for the Muscle 
Shoals Canal in Tennessee was built in 1892, 40 ft. wide and 8.5 ft. high. 

Fig. 30. Parker Gate 

The Lang Gate (Fig. 31) is a modification of the Parker gate, in which 
the section of the upstream leaf above the hinge is removed and rods or chains 
take its place. The auxiliary leaf, or idler, is hinged to the downstream leaf, 
and its lower edge either slides or rolls on the upstream leaf. Several Lang 
gates, reaching the size of 80 ft. long and 14 ft. high, have been built in 
America. 

The Chittenden-Drum Dam (Fig. 32) consists of a gate in the form of a 
sector of a circle, with a central angle of 67-1/2°, hinged at its center, and a 

watertight chamber into which it fits 
snugly when down. Water admitted 
to this chamber from the upper pool 
raises the dam. Adam of this type 
was constructed on the Osage River, 
Missouri, in 1901, with a difference in 
head of 16 ft. between the upper and 
lower pools. 

The Drum Dam of the Chicago 
Drainage Canal, Fig. 33, consists of a 

45° sector of acylinder 52 ft. in diameter, having ———— 
its face covered with steel plates carried by radial 
frames pivoted at the center on the downstream 

side and a watertight chamber into which it fits 
when down. Dam raised or lowered by varying 
the head of water in the chamber, for which special 
valves are provided. This dam differs from earlier 
forms of sector dams in being pivoted on the down- 

stream side. The vertical range of movement is 18 ft. A drum dam similar 

Fig. 32. Chittenden-Drum Dam 

Fig. 33. Drum Dam, 
Chicago Drainage Canal 



1556 Dams Sect. 15 

to that noted in Fig. 33 has been built across the Genesee River at Rochester 
with a vertical range of 9.4 ft., and each section 53 ft. 11 in. wide. 

The Taintor Gate is similar to the drum dam (Fig. 32) except that the axis 
is higher and on the downstream side, and, to open it, it is usually lifted clear 
of the water by cables and winches. It is often used on power dams. The 

Data of Needle Dams 

dth/Di Height igs wy ec 

Name or location trestle, so 

ff, ft. 

Original Poiree....| 1834 6.25 4.92 
Belgian Meuse....]...... 13.17 8.33 
Louisa, Ky., Pass..| 1896 15713 9.85 
Louisa, Ky., Weir..| 1896 9.67 6.42 
Klecan Moldau, Bo- 
de te a 1900 12.10 to 15.40] 8.25 

* = On Sill. 

Stoney Sluice Gates 

Num- ae is Clear coms 
Name and location Date | ber of gates, width, opening, 

gates roe ft. 7 

Belleekj Ireland) *s. hess Gages oh eels 1883 4 14.50 9.00 
Manchester, England) f...5 <scs0 00)4 eve a 1892-94 30 13-26 13-20 

13-26 

Richmond, England to". -:..,04s <5) eeietes 1892-94 3 12.00) GO500 0 [eve ee cases 
Glasgow scotland a...) (ye. caja cos aense sites 5 3 12.00] 80:00) |oos.. ane 
Hagneck, Switzerland..............5. 1895-97 2 21-530 1] S28OiNS galt « 

1 9.80 x 
REZ ork ito. ccs a crown wae 1898-00 6 20. 70 {525 50" [eer 

CHOY TESS < \ngak vase <cstetre nescence Teen ee Dh. ION BLESO [oOe vee 
Rieintelden.. tls. ese et teen eee 1895-98 3 16-40 0).032280 nies Be 
ibauffenburg: 22%. Seo34, Ree 1906 1 SSB 01: 65:60, eas coe 

2 41.00 

1 41.00 

Electrical Works at Zurich....,....... 190OT RO as 26.20 | 40. 204 mel ae 
PASSUB DUD BIEL » sccscrepoek val Shwe were 1898-03 25 14.502)" 6260 odes 
PASSIOU UAT rane e's coin se cin ee Neeeee ns 1898-03} 111 £6.00 | 16.40 1.1)... fo 
Sault Ste. Marie Canal, Mich. §.......]....... 4 26. 79 S800 SaaS 

Sault Ste. Marie Regulation Works ||...]....... 4 | 13.00 14.25 
Chicago’ Drainage Canal 4............|.....-- 8 20.00; 173050042 eam. & 
Minneapolis: |j.0% «s+ eet ee a ete eee OO ek: ach ge 13.00 G1iL.6 430) sl aces 
La: Gabelle, Quebecspeersms,. 0 cue tates eae ike 2 2S 300. GoW S| Miss secteusash eke 

* One man can easily operate. Distance between roller bearings 31 ft. 
t Some of gates designed to withstand 26 ft. head. Rollers 7-1/2 in. diameter. 
t Weight each gate 32 tons. Water pressure about 100 tons per gate. Can readily 

be raised to full height by 2 men in 7 min. Guides arranged so as to turn gates hori- 
zontally as raised so as to be out of sight under bridge. 15 rollers. 

§ 32 rollers per train. 7 in. diameter. Medium steel. 
|| Rollers 5 in. diameter. 24 rollers in one train. Medium steel. 2 trains per gate. 
4] Rollers of pin steel with brass bushings. Diameter rollers 6 in. 30 rollers ner train. 
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_U. S. Government built at Sterling, Ill., gates 21 ft. wide and 13-1/2 ft. high. 
On the New York Barge Canal there are several Taintor gates, the largest 
having a lift of 14.3 ft. and a width of 48 ft. 

AQUEDUCTS 

10. Reservoir Outlets 

Outlets for reservoirs are preferably put in the natural formation outside 
the dam whether earth or masonry. Fig. 37 shows an outlet through a natural 
hill. They may be carried through tunnels in the adjacent hillsides where 
practicable, otherwise through the dam. When in an earth dam, with 
masonry core-wall, the gatehouse may be economically built as an integral 
part of this core-wall. Instead of intake pipes, an intake channel may be 
provided by extending wing walls back into the reservoir, from the gatehouse. 
The outlet may be similarly constructed, or the pipe or conduit type of outlet 
may prove more advantageous in a given case. Fig. 34 shows an adaptation 

} 
Za 
aR 

ZL 

NSS 

Fig. 34. Gatehouse, Jerome Park Reservoir 

of this type. Outlet pipes in earth dams may be broken by the settlement of 
the embankment. If the dam is high, the outlets may be placed in the 
natural earth below, in a trench, where if properly built they are reasonably 
safe from dangers due to settlement. In low earth dams outlets are usually 

carried directly through the embankment. Leaky outlet pipes have caused 
many failures of earth dams. Water from the reservoir also is likely to force 

a passage along the outside surface of the pipe or conduit. A pre- 
caution is to place the outlet pipe within a masonry conduit where 
it may be inspected for leakage and repairs may 
be made. Transverse projections or cutoff collars 
are placed along such pipe or conduit 
at intervals, say of 20 ft. or less, to 

Fig. 35. Outlet Borden Brook Reservoir 

prevent leakage along its outside. Fig. 36 shows metal collars for pipes 
embedded in masonry. Fig. 35 shows an outlet design where the conduit 
is placed wholly in the earth embankment. This is possible as the gatehouse 
is upstream of the core-wall, the head is small and the outlet below is without 
pressure. Im masonry dams outlets weaken the section somewhat if built 
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through them. The distribution of stresses in the mass of the masonry is‘ 
changed and, if the opening is large, temperature and shrinkage cracks are 
concentrated. To compensate, the dam is strengthened locally, either by 
buttressing, or, as shown in Fig. 36, by extending the upper chamber back of 
the upstream face of the dam. 

Gatehouses. The gatehouse is an essential feature for the control of water 
drawn from a feservoir through its outlet. Fig. 36 shows the gatehouse of 

the Boonton dam and 
LONGITUDINAL 

is typical. Openings at SECTION H-H ; 
aye es es rn A and stop-planks in 

SECTION D-D ode grooves at B are the 
Aa gh cate by which water Planks Tr a Contuxt means by which w 

= 8 awh eo may be drawn from 
S3 Ep é , the top, mid-depth or 

S (BA by [eo > =38 : Ds Lower Chamber Sluice Gates bottom of the reser- 
a pete = voir. Gratings in these 
Ss 8 openings prevent large 

o.t oct C y . . 

235 : 3 = == Conduit objects from floating 
Sie TE sh F? Collar an (E) Overflow into the upper cham- 
S res ay.’ D Chamber ber. Fish screens 
Ground Level Sluice Gates 

could be placed in the 
‘Chamber Une of stop-planks, 

although in the lower 
Condus, Chamber, at F, there 

is provision for screen- 
Ne erea, ing the | water just 

Stop or Planks prior to its admission 
Planks Delivery Chamber into the service con- 

Fig. 36. Gatehouse, Boonton Dam duit. The sluice gates 
, and upper stop-planks 
in the wall C provide the direct control of admission of water at the different 
elevations into the second well. By placing stop-planks in grooves B the 
inflow can be entirely interrupted in case it is necessary at any time to ex- 
amine or repair any of these gates, access to which is obtained by means of 

lat 
= — ie fr 

aa A 

Ail il 

48" Steel Pipes Gate Chamber 

HALF TOP VIEW 

SSc EIS, 
Ve Ee Pe THN 

rill\ \ 

yy 
eel ccs 

od 

Fig. 37. Outlet San Mateo Dam 

the well above them, which in such emergency would be drained. Each half 
of the gate chamber is independent of the other, so that an inspection or 
repair would affect only half the flow at a time, the other half of the outlet 
continuing in operation. Water is thus admitted to each pair of steel pipes 
through these large openings with a small loss of head and to the control 
valves in the lower gate chamber at D. The upper sluice gates afford pro- 
tection to these gate valves in an emergency. The overflow trough at E 
prevents dangerous heads from coming upon the grade conduit, should a 



Art. 10 * Reservoir Outlets 1559 

gate down the service line be closed without warning. In some systems 
a weir built along the side of the aqueduct serves this purpose. Screens 
are provided in the lower chamber at F, where they may be conveniently 
cleaned. Fish and trash screens are usually copper netting having about 
six meshes to the inch, with wire about 1/16 in. in diameter made up in 
frames which are slid into grooves, such as those for the stop-planks. Stop- 
planks of moderate size are constructed of wood but the larger sizes are pref- 
erably built of steel plates and shapes. The screen frames and those for the 

_ stop-planks are usually made to be used in the same grooves. The grooves 
are of cast iron, set into the concrete masonry. Smaller-plants may_have their 
chambers provided only with sluice gates, and stop-planks and. screens up- 
stream of them. A single chamber rather than an upper and lower chamber 
would be involved, although one chamber may be designed to accommodate 
tacks, screens and stop-planks, sluice-gates and gate valves, in the order 
named, in the direction of flow. 

The gatehouse for an earth dam may be put in the dam as in the case of 
the Jerome Park Reservoir (Fig. 34) and the Borden Brook Reservoir (Fig. 
35). In the latter example, the gatehouse is of the tower type. This type 
is common for smaller reservoirs and the intake tower with bridge shown in 
Fig. 37 for the San Mateo dam is illustrated, except that the tower may be 
located at the toe of the slope and have screened inlets at different heights. 
The tower type, especially at toe of slope, is subject to ice thrusts which in 
colder latitudes may become serious. 
This objection was met in the case of = 
the Borden Brook Reservoir by merged 
thickening the upper portion of the 
dam at that point. 

At high water stages, ice formation 
in the reservoir may result in a thrust 
toward the dam, the ice between it 
and the embankment giving way by 
sliding up the embankment slope. 
This may be met by building a solid 
pier or stiff bridge between the gate- 
house and the dam. Or the tower 
may be lifted vertically from its base 
by an ice sheet which rises with the 
water in the reservoir. Pressures 
due to ice are assumed at 30 000 lb. 
per square foot of ice one foot thick. Fig. 38. Fishway 
(See Index for references on ice data.) ; 

A 152-ft. concrete gate tower at the Magic reservoir on the Big Wood River near 
Shoshone, Idaho, was so ruptured at the base. The tower is octagonal, about 20 ft. 
in diameter, with a dividing wallin the center. Itis situated at the toe of the embank- 
ment of an earth dam. In March, 1928, an unusual leakage of water into the normally 
dry operation chamber of the tower led to investigation. The tower appeared to'have 
been lifted and then tilted several feet out of vertical; but afterwards settled back 
to plumb almost exactly in place. It had broken through the holding ice sheet on the 
side facing the dam, indicating a list towards the dam. (Eng.-News-Rec., Aug. 30, 

1928, p. 327.) 

Fishways. The laws of many states require a fish ladder or fishway to 

be built at dams. Fig. 38 shows fish ladder recommended by the U. S. 

Commission of Fish and Fisheries. The cut shows two pools of the ladder 

which may be multiplied to surmount any desired height. Each pool is 
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1-1/2 ft. higher than the one below, 4 ft. wide, 6-1/2 ft. long on one side, 
and 4-1/2 ft. on the other. The opening in the bulkheads between pools 
should be about one foot square at the lower pool, increasing in size toward 
the upper level to insure a waterfall over the bulkhead; the amount of increase 
will depend upon-the leakage. 

11. Flow-line Masonry Aqueducts 

Most of the flow-line aqueducts constructed since 1900 have been of concrete 

of horseshoe shape built in open cut and backfilled. Where the detour would 
be too great to carry the flow line around valleys, invertedsiphons of steel pipe or 
pressure tunnels are introduced. In some cases for short distances the flow 
line with the horseshoe cross-section has been carried across depressions on 
filled ground. Masonry aqueducts constructed on embankments require 
great care in securing an unyielding foundation, since even a slight settlement 
may cause cracks and leaks. A crack below the water-line may erode the em- 
bankment materials and possibly give rise to destruction of a portion of the 
masonry with serious consequences. A small quantity of steel reinforce- 
ment in the invert of concrete sections on embankment will increase the ability 
of the structure to resist the ill-effects of slight settlement where the construc- 
tion of the embankment type cannot reasonably be avoided. Elevated 
crossings of valleys and streams are seldom resorted to. The Assabet Bridge, 
359 ft. long, on the Wachusett Aqueduct, completed in 1898, is the most nota- 

ble case of a bridge crossing. The horseshoe shape is best 
adapted to resisting the pressure from the backfill and to 
ease of construction, cleaning and maintenance and at the 
same time has fairly good hydraulic properties. 

Design. The intrados and extrados are made up of com- 
pound curves of circular arcs. The thickness at crown de- 
pends upon the earth and water loads to be expected; in the 
larger aqueducts the internal water pressure, varying with 
the depth, must be considered. Also where tests are pre- 
scribed before backfilling, the structure must be designed to 
meet this requirement of filling and emptying, as there is a 
critical depth of water in an aqueduct which may induce 
serious stresses at the crown, if unsupported by fill. The 
thickness of invert depends upon depth of ground water 
expected. 

The dishing of invert need not be beyond that required 
for cleaning or draining, except to take excessive external 

upward pressure or side thrust from the walls, in which case 
the inverted-arch shape will serve. The methods of arch 
analysis for tunnels may be adapted to study of aque- 
duct cross-sections. The lines of pressure must be carried 
around from arch crown to invert, in this respect differing 

© from arch bridge analysis. 
Fig. 39 The late F. F. Moore devised a graphic adaptation of the 

method of least work to these problems (Journal Association of 
Engineering Societies, Vol. 47, July, 1911). Fig. 14, p. 1562, shows the largest sec- 
tion of the Catskill Aqueduct in different kinds of material. 

Contraction Joints. The practice in flow-line conduit construction is to 
place the concrete continuously in sections with a contraction joint, designed 
to prevent leakage between sections. The Catskill Aqueduct developed 
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transverse cracks in some cases in those sections where the contraction joints were 75 ft. apart, but none in sections which were 60 ft. or less in length. Two types of contraction joints were tried, indicated by A and Bin F ig. 39. Type C has been tried elsewhere with indifferent success, because of the construction difficulties of properly placing in the masonry of the curved sidewalls the thin bent strips of non-corrosive metal. In the Catskill Aqueduct, type A was found unsatisfactory because of the practical difficulty of making the tongues and grooves sufficiently exact for sliding; and the tongues broke off in some cases. Type B, a steel plate coated with asphaltum, gave in general good results, although the concrete was cracked by the plate in pulling in a relatively small number of joints, due to improper placing of the plate or to other defects of construction. However, all of the joints, of whatever type of construction and condition, were calked in the cold season, when open the maximum amount at the lower masonry temperatures. Several kinds of calking mate- rials were used with more or less satisfactory results, but the most successful treatment was the complete filling of the joint with portland cement grout. Tests made subsequent to the grouting indicated that the outward leak- age from the whole length of aqueduct, when carrying the maximum quantity, would not exceed one-quarter of one per cent of the capacity. For lesser quantities and aqueduct depths the leakage will, of course, be less, and more- over it has been the experience with this aqueduct, as well as with similar structures elsewhere, that the masonry tightens in service with consequent reduction in leakage. 

4 Grade : Date |Length,| Height, Width, |Capacity, ? sats. apt name built | miles ft. ft: sec.-ft. greg 

(1) Boston, Mass., Cochituate..] 1848 | 14.60 6.33 5.00 27.9 0.05 (2) Boston, Mass., Sudbury....] 1878 | 15.90 i fea Fh 9.00 155.0 0.19 (3) Boston, Mass., Wachusett..] 1898 | 11.95 10.50 | 11.50 465.0 0.40 (4) Boston, Mass., Weston..... 1904 | 13.44 9.25 | 10.00] 465.0 0.80 
Pec by Pe est 1217 | 167i Ley el 0.20 (5) Brooklyn NE Virirer.. . 1859 | 12.40 6.33.) SeA7 (eeu, 10 
ke pryicpe! Parle a 8.67 | 10.00 Bie coor Rt DB ae (6) Brooklyn, N;Y..).. oS 3. 1891 7.40 6.92 9.33 91.3 0.10 
BO ett) Oe 5.92 7.33 C2. Sarin (7) Birmingham, England, Elan.|...... 73.37 P2007 |" FOO see 116.10 0, eae (8) Glasgow, Scotland......... 1859 | 25.75 8.00 8.00 65.1 0.16 (9) Glasgow, Scotland......... 1894 | 23.50 9.00 | 12.00 BT Seo), 18 (10) Los Angeles, Calif.*........ 1913 |233.76 8.25 7.50} 430.0 | 2.00 
NES Ve se ehe 10.28 9.00 430.0 0.40 

(11) Manchester, Eng., Thirlmere|] 1894 | 95.88 7.00 | 7.08 93502")"0.31 
(12) New York, N.Y.,Old Croton} 1842 | 38.14 8.46 | 7.42 147.2 0.21 
(13) New York, N.Y., N. Croton. 1890 | 33.25 13.53 | 13.60 465.0 0.13 
(14) New York, N.Y., Catskill...| 1916 |110. 00 | 17.00 | 17.504] 775.0 0.37 
(15) Rochester Intake, N. Y.....|......] 2.27 6.00 | 6.00 2302 0.25 
(16) Vienna—2d........64..05, 1910 |114.00 6.71 6.42 82.0 2.74 

chy. aces taiet aman ave 8.21 OVA. ooo 6 RAT a 
(17) Washington, D. C., Potomac} 1863 | 11.00 9.00 | 9.00 118.6 0.15 
8) Apullan, Ttalspis. 2.0.2 4d 1915 |151.00 es ae Eee eh ee 0.25 

BNE aie Nhs Set auc & 8. 4 fe oe Wns 9) a2) ae 
(19) Winnipeg, Canada......... 1918 | 97.00 pe 10.75 131.0 | 0,60 

SP (toes, AO 5.4 Oey. Sr eee Cc ae 
mn 

* Sections given are typical. + Standard for cut and cover type. 
Section 14B is for maximum size. 
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Data Regarding Flow-line Masonry Aqueducts. Numbers in parentheses 
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ee Fig. 40. Flow-Line Aqueducts 
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(1) Lining is brick throughout. 
(2) Lining is brick and’rubble. Cost per lin. ft., $23.90. (3) Lining is concrete with brick-lined invert. 2 miles in tunnels, 6.9 miles in cut and cover or embankment, and last 3 miles in open channel. Cost per lin. ft. $22.90, (4) Lining is concrete with brick-lined invert. 9.14 miles are in cut and cover or embankment, 1.02 miles are in open channel, 2.30 miles are in tunnel and 0.98 mile is in cast-iron pipe siphons. ~Cost per lin. ft. $32.60. 
(5) Arch and invert are brick; walls and backing rubble. Invert on concrete cradle. (6) Arch and invert are brick; walls and backing are rubble. Invert placed on con- crete cradle. Average depth of cutting 16 ft. Maximum depth of cutting 23.9 ft. (7). Lining is blue brick. About 11-1/2 miles are in tunnel, 25 miles in cut and cover and the remainder is in cast-iron pipe siphons. 
(8) Pa-t of aqueduct was lined with masonry. About 10 miles are in open channel, 12 miles in tunnel and 4 miles in siphons. 
(9) Lining is of concrete. 1.42 miles are in cut and cover or on embankment, 18.97 miles in tunnel and 3.10 miles in siphons. 
(10) 164 tunnels with combined length of 42.7 miles, not including 9.2 miles of power tunnel. Open unlined canals 21.1 miles. Open lined canals 39.56 miles. Concrete covered conduit 97.72 miles. Siphons, steel and concrete 12.06 miles. 
(11) The lining in tunnel and in cut and cover is of concrete. 36.75 miles are in cut and cover, 14.12 miles in tunnel and 45.01 miles are in 40-in. cast-iron siphons. Cost of whole work per lin. ft. $42.00. 
(12) 37.1 miles’ are in cut and cover or on embankment, the lining being brick backed with rubble, 0.8 mile is in 4 36-in. cast-iron pipes, and 0.3 mile is in. pipes carried on high bridge over the Harlem River. Average cost was about $59.00 

per lin. ft. 
(13) Lining is brick backed with rubble. 29.75 miles are in tunnel of which 7.17 miles are siphons, 1.12 miles are in cut and cover and the last 2.38 miles are in cast-iron pipe. 

Cost about $112.00 per lin. ft. 
~ (14) Lining is concrete even in siphons. 54 miles of flow-line sections, 14A and 14B 

in cut and cover at grade of 21 ft. per thousand ; of which 14C type extends 17 miles. 
0.5 mile is in embankment, 13.9 miles are in grade tunnel, 35 miles in pressure tunnel 
and 6.3 miles in siphons. 

(15) Concrete. 1.42 miles are in tunnel and 0.8 mile is in cut and cover. 
(16) Concrete is used quite generally. 44 miles are in tunnels, the longest being 

17 630 ft.; there are also several iron pipe siphons, the longest of which is 6 miles, and 
a masonry arch bridge carrying a concrete aqueduct. 

(17) Lining is brick and rubble masonry. 9.51 miles are in cut and cover or on 
embankment and 1.49 miles are in tunnel. 

(18) Concrete. 99 tunnels of an aggregate length of 60 miles, the longest being 12 
miles. 85 bridges. 

(19) Concrete conduit in cut and cover or on embankment. Part on pile founda- 
tion. River crossing made by reinforced-concrete siphons. Supply line from reservoir 
to city, a reinforced-concrete pipe 5 ft. 6 in. in diameter and 10 miles in length. 

(20) Water Supply, N. Y. City. Rock tunnel lined with brick, backed by rubble 
masonry. The face of the brick lining was washed with three coats of neat cement 
mortar. 

(21) Milwaukee Water Works, Wisconsin. Hard clay and water-bearing sand and 
gravel. Compressed air used. No timbering used in hard clay. Progress averaged 
6-2/3 ft. per day in clay. Drills and explosives used in hard clay. Circular section 
lined with 4 rings of brick. 

(22) Water Supply, Washington, D. C. Rock tunnel lined with brick backed by 
rubble. Length of 500 ft. is iron-lined. Average cover is 150 ft. : 

(23) Water Supply, Jersey City, New Jersey. Steel plate pipe 5/16 in. to 7/16 in. 
thick except at crossing of Hackensack and Passaic Rivers where the thickness is 
11/16 in. 

(24) Water Supply, Torresdale, Philadelphia, Pennsylvania. Rock tunnel lined 
with 13-1/2 in. of brick in the rock and 9 in. in the invert, backed with a minimum of 
6 in. of concrete. The maximum cover is 115 ft. 

(25) Water Supply, Cincinnati, Ohio. Rock tunnel lined with two rings of brick 
backed by a minimum of 6 in. of concrete. Average cover over tunnel is 130 ft. 
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12. Siphons and Pressure Tunnels 

Data regarding siphons and pressure tunnels are given below, the numbers 
in parentheses referring to the notes and to Fig. 40. The first pressure 

Data on Siphons and Pressure Tunnels 

Name and aqueduct 

(20) Harlem River, New 
Croton Nai . ieee 

(2T)E Milwaukee, Wis... .) ISSOM Fas F OLO0 Une + crcl, day fed toed eee 
(22) Washington Extension, 

ag, ra pis ae cee i PE Ra PEED nee My Aas halle Se oe 
(23) Jersey City, N.J....... . 25 

(24) Torresda!e, Phila., Pa.. BS ie bn Cee Aa (ag pe 
(25) Cincinnati, Ohio...... : 21 : 
(ZOE DUMAIONING Veo ne taal eotOs la ceite 5 Bi Fe, pars (a 0% Fa Ue fee at 
(27) Rondout, Catskill, N.Y.* 4 -47 
(28) Wallkill, Catskill, N.Y. 
(29) Moodna, Catskill, N.Y. 

(30) Hudson, Catskill, N.Y. 
(31) Yonkers, Catskill, N. Y. 

(33) Cleveland, Ohio....... 

(92) Chicago ete. scares «cc ; ey 

* Section shown for Rondout typical for all pressure tunnels on the Catskill system. 

tunnel of note was the Harlem River crossing on the New Croton Aqueduct, 
and this was lined with brick. 

(26) Water Supply, Buffalo, New York. Rock tunnel, concrete-lined 1 to 2 ft. 
thick. Extends 6000 ft. under Lake Erie; inside dimensions 12 Lt. by. 1 isiterorin= 
Land tunnel 4300 ft. long; inside dimensions 9 ft. by 8 ft. 

(27) Rondout, Catskill, New York Water Supply. Rock tunnel driven from 8 
shafts by top heading and bench method, known as American method. Maximum 
progress (full section) 488-1/2 ft. per month. Four 3-1/4-in. Ingersoll-Rand drills on 2 vertical columns and 2 on bench. 22-holes, 8 to 12 ft. deep per round in heading. 
175 to 200 lb. of 60% dynamite per round. Concrete lining 1:2:4, 15 to 17 in. 
thick. Steel forms. Approximate cost to city per linear foot based on: contract prices: Tunnel $180, shaft $285 in rock and $350 in earth. Minimum rock cover 180. 
Maximum depth 710 ft. 

(28) Wallkill, Catskill, New York Water Supply. Rock tunnel driven from 6 shafts in Hudson River shale, by American method. Four air drills in heading and 2 on bench. 22 to 24 holes per round. Muck hauled by mules and electric loco- 
motives. Maximum monthly advance one face 523 ft. Ventilation by blowers. Con- 
crete lining 15 to 17 in. thick. 

(29) Moodna, Catskill, New York Water Su 
7 shafts. Concrete lining 13 to 15 in. thick. 

(30) Hudson, Catskill, New York water supply. Tunnel in sound granite, 1100 ft, below surface of river. Hydraulic gradient 400 ft. above river. Shaft at either end. Concrete lining 13 to 15 in. thick. Water-bearing fissure sealed by building concrete 

pply. Tunnel in shale and granite. 
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bulkhead 8 ft. thick heavily reinforced with drains and grout under pressures up to 
1000 lb. per sq. in. forced through pipes set in bulkhead and leading to fissures. 

(31) Yonkers, Catskill, New York. Tunnel in gneiss, driven from 4 shafts. Con- 
crete lining 15 to 17 in. thick. 

(32) City Tunnel, Catskill, New York. Tunnel under New York City in gneiss, 
schist and limestone from 200 to 750 ft. below surface. Driven from 25 shafts by 
American method. Electrically operated machinery generally used. Ventilation by 
blowers. Cost of excavation per linear foot of tunnel based on contract prices varied 
from $86 for 11-ft. diameter tunnel to $90 per 15-ft. diameter tunnel. Lining 11 to 
19 in. thick of 1: 1-1/2: 3 concrete. Cost of lining based on bid prices varied from 
$51 for 11-ft. diameter tunnel to $52 for 15-ft. diameter. 

(33) Cleveland, Ohio. Waterworks tunnel in stiff clay under Lake Erie, driven by 
hydraulic shield. Excavation for about half the length of tunnel done by rotary cutting 
machine which was abandoned and rest of work done by hand. Maximum monthly 

advance 886 ft. Considerable trouble with inflammable gas. Tunnel lined with 
concrete blocks 11 in. thick radially by 18 in. wide, six segment blocks and key to 
the ring, blocks weighing 1200 lb. each. 

(34) Chicago, Illinois. Water works tunnel in rock, 3 miles under Lake Michigan 
and 5 miles under Wilson Avenue, Chicago 4 shafts. The top heading and bench 
method and bottom heading method were tried and the former proved more econom- 
ical. Maximum monthly progress one heading 630 ft. Excavated rock crushed and 
screened and made into concrete, mixed in the tunnel and placed by pneumatic 
process back of steel forms. Tunnel of horseshoe section; 5883 lin. ft. of lake tunnel, 
12 ft. 3 in. wide and 13 ft. high. Rest 11 ft. 4 in. wide and 12 ft. high. Lining 12 in. 
thick. Cost per linear foot, $61.48, done by city force account. 

There are several cast-iron siphons not included in the above. The aque- 
duct for the Liverpool and Manchester Water Supply has siphons consisting 
of from three to five 39-in. and 42-in. cast-iron pipes laid side by side under 
heads of 300 to 480 ft. The new Croton aqueduct passes under the 125th 
Street valley in 8 cast-iron pipes 48 in. in diameter laid side by side. The 
Catskill aqueduct crossing under the Narrows is a 36-in. diameter cast-iron 
pipe with specially designed flexible joints, to facilitate sinking the connected 
pipes from the surface. 

Siphons of steel plate, cement-mortar-lined, enveloped with concrete and 
covered with earth embankment were used on the Catskill Aqueduct to join 
the flow-line aqueduct across valleys where the rock was not sound or where 

for other reasons pressure tunnels were not feasible. There are 14 of these 
siphons aggregating 6 miles. Each consists of three separate pipes built of 
plates from 7/16 in. to 3/4 in. thick, riveted together. The diameters are from 
9 ft. to 11 ft. and the lining is 2 in. 

13. Reinforced-Concrete Conduits 

Data regarding reinforced concrete conduits are given below, the numbers 
in parentheses referring to the following notes and to Fig. 41. In the Salt 
Lake City conduit the joints at the end of the sections were thoroughly 
grouted in the coldest weather and the concrete was thus thrown into com- 
pression, effectually cutting off leakage. In the Jersey City aqueduct fine 
cracks appeared at the joints, but the leakage was not serious, and eventually 

they silted up. The Cottonwood and Pinto pressure pipes were built without 
any provision being made for expansion joints, the ends of section being left 
rough for the purpose of affording a good bond with the next day’s work. 
Numerous cracks developed which were from time to time repaired, with 
the result that, one year after their completion, tests showed no leakage in the 
two Cottonwood pipes; in the north Pinto pipes a leakage of 0.002 sec.-ft. and 

in the south Pinto pipe 0.03 sec.-ft., all tests being made under maximum head. 
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Fig. 41. Reinforced-Concrete Conduits 

Name and location 

built 

(1) Champ Isere, France...|..... 10.82: 4 10. 8249 ess. vk gine 
(2) Cottonwood, Arizona. .| 1906 5.25 5 
(3) Eastern Colo. Power Co.| 1909 3.00 3,00: Tatas 
(4) Jersey City, N.J...... 1904 8.50 8 
(5) Kensico By-Pass, N. Y.| 1916 LT O00 CP 1120022 
(6) City of Mexico, Mexico] 1906 6. 6 
(2) Newarkeant fire Oscars. 5: 5. OONNy . nos, Th. eelienes. (8) Pinto, Arizona.......,. 1906 5. 5 
(9) Salt Lake City, Utah. .| 1906 4, 3 

(10) Sosa & Ribabona, Spain} 1909 
(117 Umatilla, Oregon... .. at Sk 

; | 42) Albelda, Spain........ 

(1) Hydro-electric plant. Hoops and longitudinal rods forming a 4-in. mesh used for reinforcement. Maximum head sustained 65.6 ft. 
(2) Power pipe lines. This is a double-line siphon with a maximum internal head of 75 ft. and an external head not exceeding 10 ft. Reinforced with 5/8-in. steel hoops spaced 3 in. c. to c. and 10 longitudinal rods. 
(3) Pressure Pipe. In a trench 4 ft. wide and backfilled with a minimum cover of 30 in. Used for siphons up to a head of 105 ft. Reinforced with hoops of No. 5 steel wire spaced 12 in. c. toc. 7 tunnels on the line aggregate in length 1500 ft. were cast in lengths of 2 ft. before being placed in trench. 
(4) Flow-line water supply aqueduct. Reinforced with transverse 3/8-in. twisted steel rods 12 in. c. toc. and longitudinal 1/4-in. twisted steel rods 24 in. c. toc. Por- tion of the 22.99 miles of aqueduct from Boonton to Jersey City. (5) By-pass on Catskill Aqueduct at Kensico reservoir. Maximum depth of invert below flow-line of reservoir in which by-pass is located is about 53 ft. (6) Flow-line water supply aqueduct. The reinforcement is expanded metal. Con- duit entirely built in cut and cover, 

Pipes 
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(7) In Cedar Grove Reservoir. Maximum head inside 50 ft. and outside 50 ft., 
depending on whether pipe or reservoir is empty. Reinforcement is No. 10 gage 
expanded metal with 3-in. mesh and joints lapped. 4000 ft. are single conduit and 
1500 ft. are double conduit. 

(8) Power pipe lines. Double-line siphon with maximum internal head of 31 ft. 
and external head not exceeding 10 ft. Reinforcement is 5/8-in. steel hoops placed 
6 in. c. to c. and 6 longitudinal rods. 

(9) Big Cottonwood Water Supply, flow-line aqueduct. Part of conduit was built 
in cut and cover, part in fill and part in tujnel. The reinforcement is twisted steel 
bars 3/8 in. to 1/2 in. in diameter, spaced 6 in. to9 in. c. toc. Cost was about $9.80 

per linear foot. 

(10) Consist of a steel tube 0.118 in. thick, embedded between an inner mortar coat 
0.9 in. thick, plastered on wire mesh, and an outer concrete shell 5.9 in. thick reinforced 

by hoops of T iron, all in shallow trench, maximum head 85 ft. 

(11) A siphon on the Umatilla irrigation system. The maximum head is 55 ft. The 

reinforcement is a coil of 5/16-in. wire. 

(12) Same irrigation system as Sosa and Ribabona. Maximum pressure head 97 ft. 

Shell of pipe 7.28 in. of concrete faced with 0.59 in. of cement mortar. Reinforcement 

124 longitudinal round bars 4 in. apart and circumferential T bars. Concrete: 1 port- 

land cement : 1.28 sand : 2.56 gravel under 1-1/4 in. and 0.58 to 1.00 part of water, all 

by volume. Lining 1 cement: 1 sand. Seepage loss under full head 0.14 sec,-ft. 

14. Wood-Stave Pipe _ 

Stave Pipe is much used in Western United States on account of the cheap- 

ness of lumber and the high cost of steel and cement. It is built in place by 

assembling the staves for the lower half in a cradle, after which a pipe ring is 

set inside and the staves for the upper half assembled on it. The staves all 

break joints with those adjoining and are “ driven home’”’ontheend. Bands 

are placed but not finally tightened until the wood is thoroughly saturated. 

Junctions are made by cutting the last staves a little long and springing them 

into place. 

The Staves vary between 1-1/4 in. and 2-1/2 in. in thickness and 6 to 8 in. in 

width and are uniform throughout the length of the pipe, the variation of head 

being met by variation in spacing of bands. The staves are shaped to true 

cylindrical surfaces on the inside and to true radial lines on edges. The out- 

side is usually curved, but sometimes flat. A very shallow bead left on the 

edges crushes and results in greater watertightness. Thin steel tongues let 

into the ends of the staves make tight joints and insure a smooth interior 

surface. The timbers most used are California redwood, Oregon and Wash- 

ington fir, yellow pine and several kinds of spruces. The timber should be 

clear, somewhat seasoned and protected from warping. 

Bands are from 3/8 in. to 3/4 in. in diameter. They are proportioned for the 

jnitial tension on erection, plus the stress from water pressure plus the stress 

from swelling wood. It is generally agreed that a pressure sufficient to keep 

the wood saturated, or nearly so, prolongs the life of the staves, and that 

contact with earth charged with decaying vegetable matter and crushing of 

the exterior surface of the wood in adjusting bands shortens it. Examinations 

of pipes which have been in use for a number of years show that the interior 

surfaces wear smoother and do not become fouled. 
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ee RATER TS my em Fa Te ee er 
eat ens lcepac-Thick {Diam Di- length’ of ‘ Maxi- aniene wood | ity, | ness | eter Band fated Name and location SAN a cu.ft.| of of Spacing, | head 3} pipe | stave E ead, in. | line, | pipe, | Pet staves, bands, in. ft. 

miles miles sit 33 ws me 
(1) Astoria City, Ore.| 18 | 11.6 | 7.4 | 6.4) 1-3/8 | 7/16 |2-1/4-12 175 (2) Butte, Mont.....} 24 9.0 DMiltgeds vs 1-7/16, 1/2 |2-7/16-6 202 (3) West Los Angeles} 30 758 SaSauh se te 1-1/2 | 1/2 |3-1/2-12 105 (4) Vancouver, B-C..| 30} 4.3] 4.1 |...... 2 1/2 |1-3/4 210 
(5) Pikes Peak Plant.| 30 Ee anaes Se 1-1/2 1/2 |2-1/2-8 215 
(6) Denver, Colo.....} 30 | 20.3 16.4 13.0] 1-5/8 1-1/2|2-3/16-12 185 (7) Johnstown, Pa...| 36 6.4 ary Seay ae 1-1/2 1/2 |2-3/4-12 176 
(8) Atlantic City, N.J.| 42 1.9 1.9 18.6| 1-3/16, 9/16 |12 9 (9) Johnstown, Pa...| 42 Ms | i Ue ect 1-1/2 8 Es (Game Ps ais (a ee (10) Johnstown, Pa...| 44 6.4 Se aa eb 1-5/8 1/2 |4-1/3-12 63 (11) Bear Valley, Calif.| 52 0.4 LS eS. 2 5/8 12 28 

2.6 5/8 2 165 (12) Deep Canyon Pipe} 52 |...... 0.2 | $120. 04:2=2.6}20...), 2-1/8-12 307 
(13) Morton Canyon 

Pipe? 180 Gt Se eee & 0.1 120.0} 2-2.6}...... 2-1/8-12 158 (14) Warm Spring Pipe} 52 |...... 0.1 |120.0 B: Themes. 5-1/2-12 61 (15) Ogden, Utah..... 72 6.0 FePP A250" | 2 5/8 |2-7/8-5-1/4| 117 (16) Manchester, N.H.| 72 0.1 0.1 100.7 A SESE | FP enn 38 (17) Tumwater, Wash.|102 ed Ji: Tie tS00.0)). cust she. SG eet tee 170 (18) Floriston, Calif... !108 0.3 Ons e cates, < 3-3/4 3/4 |4-3/4-10 50. (19) Madison Canyon. |120 1.4 1.4 | 600.0}...... SPR ee 25 (20) Madison Canyon. |144 1.4 ee: eat sealing (Oy AE CL Sas | ee 25 
(1) 1895. Water Supply and Power Oregon yellow fir. Stave pipe cost city 90 cents per lin. ft. Grade 5.03 ft. per 1000 ft. Leakage 0.099 sec.-ft. At end of 10 years 11% of all staves were replaced and 5-1 /2% of line was reconstructed. (2) 1892. Redwood. After 14 years service was in very good condition; up to that time no staves were ever replaced on account of rot. 
(3) 1896. Redwood. 
(4) Water Supply. Mostly fir used, some cedar. Average spacing of bands 3-3/4 in. (S) Beaver Creek, Pueblo. Redwood. One tunnel on line 1533 ft. long. (6) 1890. Texas pine. Cost of stave pipe, including erecting, $1.365 per lin. ft. Trenching and back filling $0.483 additional. 
(7) Little Conemaugh River Water Supply. Washington fir. Average cost of whole line $2.60 per lin. ft. exclusive of trench and supports. Grade 1 to 2 per 1000. (8) 1903. Water Supply. Washington fir. Grade 0.16 ft. per 1000 ft. Cost $2.25. per lin. ft. 
(9) See note under (7). 
(10) See note under (7). 
(11) 1893. Redwood. 
(12) Santa Ana Canal. Cost of pipe $6.20 per lin. ft. Cost complete $11.29 per lin. ft. 
(13) Santa Ana Canal. Cost of pipe $7.46 per lin. ft. Cost complete $10.04 per lin. ft. 
(14) Santa Ana Canal. Cost of pipe $4.06 per lin. ft. Cost complete $6.51 per lin. ft. 
(15) 1897. Pioneer Power Plant. Douglas fir. Pipe is laid in trench 8.5 ft. wide and covered to a depth of 3 ft. on top. 
(16) 1874. Power Development. Southern Pitch pine. Grade 43.33 ft. per 1000 ft. Said to be the first wood-stave pipe. 
(17) Cascade Tunnel Power Plant. 1909. Washington fir. Mostly in rock trench. (18) 1898. Power for paper mill. Redwood. Mainly laid above ground; bottom portion on earth and stone spalls. After 8 years service there was no evidence of rot. (19) No. 2 plant of the Madison River Power Co., Norris, Mont, 120-in. pipe finished 1906, 144-in. pipe finished 1908. Redwood. 
(20) See note under (19). 



Art. 15 Flumes 1569 

15. Flumes 

Flumes are used where excavation for a canal is difficult, as on steep hill- 
sides, where the soil is so loose that an unlined canal is impossible, or where 
the canals cross rivers or deep depressions and the use of siphons is undesirable. 
Since much higher velocities can be used than in canals, and the frictional re- 
sistance is less, it is possible to use a much smaller area of cross-section. Con- 
crete, iron and wood are the principal materials employed. 

Reinforced-Concrete Flumes of varied design are used by the U. S. Bureau 
of Reclamation on its irrigation projects. No. 1, Fig. 42, shows the type con- 

ht 

Fig. 42. Reinforced-Concrete Flumes 

structed in 1908. This design is more or less standard for flumes up to 72- 
sq. ft. section, the spans between bents varying from 14 to 30 ft. No. 2, Fig. 
42, shows the Brooks Aqueduct, Alberta, consisting of a curved shell of rein- 

forced concrete suspended between two girders on a reinforced-concrete 
trestle, bents 20 ft. c. toc. 

Wooden Flumes are most numerous on account of smaller first cost, although 
they have short life. Fig. 43 shows a 2 by 3-ft. wooden flume on trestle. The 
bents are 15 ft. between centers, 4 in. by 4 in. up to 7 ft. high and 6 in. by 6 in. 
up to 12 ft. high. The stringers are 4 in. by 10 in. by 16 ft. long, The sides 
and bottom are 2 in. by 12 in. with 5/8-in. by 1-in. splines set in edges and 
quarter-round molding nailed in corners; the sides are spiked to the bottom by 

° Fig. 43. Wooden Flume ig. Fig. 45. Wooden Stave 
Flume 

20d nails 1 ft. on centers; the yoke frames are spaced 4 ft. on centers. Fig. 44 

is a cross-section of the San Diego flume, California. Fig. 45 shows the wood- 
stave flume. Flumes across valleys are frequently used as links in earth 
canals; in such cases it is most important that the junction between the flume 
and the natural earth bed of the canal be absolutely watertight. 
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Capac- 

Name and location i i ity, 

i cu. ft. 

(1) Bear River, Utah.... 
(2) Conconully, Wash. . . 
(3) Dulgura 
(4) Henares, Spain 
(5) Illinois, Mississippi. . 
(6) Kern River, Calif.... 

(7) Nadrai, Ind 
(8) Nebraska- Wyoming. 
(9) Northern Colorado. . 

(10) Northern Colorado. . 
(11) North Poudre, Col... 
(12) North Poudre, Col... 
(13) Pecos Val., New Mex. 
(14) Puget Sound, Wash. . 
(15) San Diego, Calif..... 
(16) Santa Ana 
(17) Tieton, Wash 

_ 

a 

Ane POR DATNN ASA AWH 

(1) Bear River Canal, Utah. Plate girder bridge of three spans: 60 ft., 45 ft., and 
25 ft. Flooring between lower flanges carries canal. 

(2) Washington. Temporary flume for water supply used in hydraulic fill dam in 

1909. Material used was timber. 

(3) Sides and bottoms are redwood. Carried on trestle. Frames spaced 4 ft.c. toc. 

(4) Canal in Spain. Steel bridge aqueduct formed by two box girders with iron 

floor between, attached to lower flanges. 62-ft. clear span. 

(5) Canal. Reinforced-concrete bridge on concrete piers. Framework of floor 
reinforcement is 19 longitudinal I-beams 20 in. deep and 34 ft. 11 in. long laid abreast. 
Side wall reinforcement is two I-beams 20 -n. deep, 6 ft. apart vertically and trussed. 

(6) Kern River Power Plant, Los Angeles. Redwood, seams beveled and calked 
on sides and flushed with asphalt on the bottom. 1-in. by 6-in. battens used. Carried 

on concrete foundations. 

(7) Aqueduct of the Lower Ganges Canal. Masonry bridge of 15 spans, 60 ft. clear. 

(8) Canal crossing Spring Canyon. Bridge carried on three arches of reinforced 
concrete. Walls are reinforced with 3/4-in. to 1-in. steel rods 6 in. c. to c. in two rows. 
Floor reinforcement is 1-in. steel rods 6 in. c. toc. - 

(9) Platte or Highline Canal. Timber. 

(10) Platte or Highline Canal crossing Plum Creek. 

(11) Colorado. Timber with joints calked with oakum. Constructed on rock 

bench. 

_ (12) Colorado. Timber with joints calked with oakum. Constructed-on trestle. 

(13) New Mexico. Irrigation canal built in 1903. Concrete reinforced with T- 

irons spaced 4 ft. c. toc. Supported on four concrete arches of 100-ft. clear span and 
25-ft. rise. 

(14) Power canal in Washington built in 1903. Timber, carried cn trestle from 6 to 
80 ft. high. The maximum curve is 70 deg. and the total curvature is 10 280 deg. 

(15) Redwood. Carried on timber stringers and mudsills. 

(16) Wooden Stave. Redwood. Held by T-irons 2-1/4 in. by 2-1/4 in., 4 lb. per 
lin. ft., spaced 8 ft. c. to c. and two intermediate 5/8-in. steel binders. Supported on 
timber cradle and concrete piers. 

(17) Washington. Semicircular reinforced concrete. Transverse reinforcement 
3-8-in., steel rods 4 in.c. to c., longitudinal 18 steel rods 1/4 in. in diameter, 12 in. c. toc. 
Carried on reinforced-concrete trestle. 
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CANALS 

16. Navigation Canals 

Canal Prisms (Fig. 46). The cross-section varies with the material passed 
through, the value of adjacent property, and the facilities to be given to 
traffic. In earth the side slopes are usually from 2:1 to 3:1 but there are 
many examples of steeper and of flatter slopes. The Erie and Manchester 
canals have in places side slopes of 1 : 1, but these are protected by paving for 
the full height, and have failed in some cases. In cities it has often been found 
economical, as in the case of the Erie canal, to provide vertical side walls. 
In rock the sides are usually made vertical, or nearly so. The recent use of 
channeling machines has facilitated the formation of smooth vertical sides, 
with great benefit to vessels. Clearance between the keel of the vessel and 
the bottom of the canal varies with the form and area of cross-section of the 
vessel, the width of the channel and the speed desired, as the table shows. 

Speed, 

Haul- | miles | Clear- ; Canal Depth age per Pee. Authority 

hour 

yee fts--in: 
Erie (enlarged)......... 7) 0 Horse | 1.67 ]1 0 N. ¥. S. Eng., 1877 
Upper Escaut........ 
ee. OuentE. a). ance, } 7 2-1/2) Horse | 1.67 | 1 3-1/2|Lindley 
Lateral Oise. 4 .>...... 

1 Rg eer abt ey Oe eae iad 8 2-1/2] Tug 3.10 | 1 7-1/2}Herman 

Merwede, Holland...... 10 0 Tug -| 4.66 | 1° 6 Int. Engr. Congress 
Brussels to Rupel, Bel- 

SIG ee ess ed re 10 4 
Ghent-Terneuzen, Hol- 

ELS; OE TE ER donne 20 5 Int. Engr. Congress 
Amsterdam (before last 

enlargement).:....... 28 0 Int. Engr. Congress 
Suez (before last enlarge- 

1 Panama Report, 1906 Mn Scere reve | 31 

The width of the canal should be at least sufficient to permit two boats meeting to 

pass each other, but on account of the rapidly increasing resistance to the movement of 
a boat as the cross-section of the canal diminishes, the width of boat canals is generally 
greater, so that the area of the wet cross-section may be three to five times the area of 
the cross-section of the boat. On the New York State Barge Canal, the ratio is de- 
signed to vary from 4.76 in earth sections to 4.51 in rock sections. 

Level Sections are required for a navigation canal, since strong currents 
are inadmissible. Difference of level between adjacent sections is overcome 
by locks, inclines or mechanical lifts. Inclines or high mechanical lifts are 
suitable only in the exceptional cases where the slope of the valley is very 
steep or where they can be so located as to concentrate a large descent within 

a short distance. They effect a saving of water as compared with locks. 
Locks are usually best adapted to meet topographical conditions; in general, 
lifts of locks vary from 5 or 6 ft. to 15 or 20 ft., but some locks have less than 
5 ft. and a few have been built with lifts of from 25 to 30 ft. and upward. 
Larger lifts require more water for lockage and reduce the time required by a 

boat to overcome a given elevation, but tend to reduce the ultimate traffic 
capacity of the canal. Locks are used in most places where an incline or high 

. 



1572 Canals Sect. 15 

Fig. 46. Cross-sections of Navigation Canals 

(1) Marne to Rhine (8) Dortmund and Ems (16) Chicago Drainage, Earth 
(2) Erie (9) Merwede (17) Chicago Drainage, Rock 
(3) Erie (10) N.Y. Barge, Earth sect. (18) Bruges-Maritime 
(4) Erie (11) N.Y. Barge,-Rock sect. (19) Ghent to Terneuzen 
(5) Erie (12) Soulanges (20) Suez 
(6) Canal du Centre, (13) Corinch (21) Amsterdam 

Belgium (14) Manchester, Rock (22) Kiel 
(7) [linois and Mississippi (15) Manchester, Earth (23) Panama 
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mechanical lift would be practicable. If the slope of the ground is not too 
steep, sections of canal are placed between adjacent locks which enables some 
saving of water to be effected; where the topography does not permit these 
intermediate canal sections the locks are connected into a succession of steps 
forming a “ flight.” 

Widening Prism on Curves. It has not been usual in the United States to increase 
the width of canals on curves. In the plans of the New York Barge Canal no increase 
in width was proposed for curves of 5 deg. or less; for 6 deg. the widening proposed was 
5 ft. On the Canal du Centre in Belgium the widening was 400/R in meters, R being 
the radius of the curve. At the International Congress for Inland N avigation held at 
Vienna in 1886, a rule was adopted that the amount of widening should be twice the 
versed sine of the arc whose chord is equal to the length of the largest boat traversing 
the canal. This was adopted for the Dortmund and Ems Canal, the length of the 
boat being taken at 220 ft. 

On the Ship Canal from Ghent to Terneuzen, the widening on curves was deter- 

rs Rubble in 
Hydraulic Lime 

6/56—)oi] | 

k— 

Fig. 47. Methods of Bank Protection 

(1) Canals in the north of France. (2) Luik Maastrecht Canal. (3) Enlarged Erie 
Canal, Eastern Division. (4) Canal from Maastrecht to Bois le Duc. (5) Dortmund 
and Ems Canal. *(6)-New York Barge Canal. (7) Manchester Canal. (8) Ghent- 
Terneuzen Canal. (9) (10) (11) Kiel Canal. (12) (13) Amsterdam Canal. 
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mined by the formula 4 (R—~/ R?2 — 2002) in feet, R being the radius of the curve. 
On the Kiel Canal, the widening was determined by the formula 26 — 0.01 Rin meters, 
or 85.3 — 0.01 Rin feet. On the Kiel Canal it has been found by experience that 
“it is not,so much a large radius that is required as a proper widening of the cross- 
section.” This view is abundantly confirmed in the United States regarding vessels 
moving under steam power. 

Protection of Side Slopes (Fig. 47). In earth some form of protection is 
usually advisable, particularly in sandy soils, to protect the slopes against 
wave action caused by passing boats. The extent required depends upon 
the character of the traffic. At the Dortmund and Ems Canal, traversed by 
boats drawing 6 ft. 7 in. at a speed of 3.1 miles per hour, it has been found 

sufficient to extend the protection 2 ft. under water; one of the several forms 
used is shown in Fig. 47. On the New York Barge Canal, the protection is 
extended 2 ft. 6 in. or more under water. In larger canals, traversed by large 
ships and at higher speed, the protection is usually extended 5 to 8 ft. under 
water, and terminated at its lower edge on a berm. Of the three figures 
relating to the Kiel Canal, the last one is designed for use when the canal is 
filled with water, and the stones cannot be laid with regularity below water 
level without unwarranted expense. In some cases the protection has been 
designed to serve the further purpose of maintaining the bank at a steeper 
slope than it would otherwise sustain, as in the standard section of the Erie 
Canal and at places in the Manchester Canal. This is decidedly objection- 
able for propellers, as the slope walls are liable to break the wheels and it is 
better practice in nearly all cases to give the earth below the belt requiring 
protection from wave action a slope at which it will stand. 

When the protection is of stone it usually consists of a paving of rubble masonry or 
selected stone laid dry with as close joints as practicable in order to prevent washing 
through the joints of the paving, the earth is first covered with a layer of gravel or of 
small broken stone. A cheaper form of revetment has been used successfully at the 
Soulanges Canal, and has been adopted for the New York Barge Canal, where speci- 
fications describe it as consisting of three grades of stone; first one-quarter of the whole 
volume to be quarry waste, stones ranging in size from 9 in. to 15 in. in longest dimen- 
sion; second, one-quarter of stones from 4 in. to 9 in. in longest dimension; and, 
third, one-half of stones from 1 in. to 2 in. in diameter. The larger stones are bedded 
on smaller ones and rammed firmly in place; the remainder of the small stones are used 
to fill voids and form a smooth surface. No flat stones are permitted. On the eastern 
section of the Illinois and Mississippi (Hennepin) Canal a trench was cut in the face 
of the embankment, extending from 2 ft. above normal water level to 1 ft. below it, 
and filled with rubble laid roughly by hand. On other sections no protection was pro- 
vided until after the canal was put in use and a berm had been formed by wave-wash; 
stone was then brought in on barges and deposited in the trench thus formed. Bricks 
have been used in various forms; also concrete blocks and reinforced concrete. Where 
water seeps into the canal, revetments of masonry or of concrete require to be back- 
drained by being laid on sand or gravel or by other means. 

Control of Leakage from Canal (Fig. 48). Where canals are formed in 
sandy soil or other permeable material, the loss of water by percolation or 
seepage may be so great as to endanger the adequacy of the water supply. 
If the water supplied to the canal carries silt the seepage will become less as 
the voids in the sand gradually become filled with fine particles of silt carried 
by the water, or with silt, sawdust or similar material thrown into the water 
near the points where leakage is greatest; but in such material it is usually 
advisable to take means to prevent or reduce seepage during the construction 
of the canal by interposing less permeable material, and where the canal is 
carried. on an embankment this is usually essential to insure the safety of 
the work. In sucha case the canal should have an impermeable lining, which 
is usually of clay with sand or gravel well puddled or rammed. In order to 
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prevent shrinkage cracks above the water line and in the sides and bottom 
when the water is drawn out, and also to protect the puddled material from 
abrasion by boats, the puddle is usually covered by a layer of ordinary soil. 

In the canal from the Marne to the Rhine the watertight layer contained three parts 
of sand to two parts of clay, the mixture, after spreading, being sprinkled and rammed 
to two-thirds of its original volume. In the navigable feeder of the Arroux, Canal du 
Centre, France, the mixture contained 65 to 70% of clay; the material in the bottom 
was compacted by grooved rollers drawn by horses, and in the slopes was rammed; 
the material was spread in 4-in. layers and teduced in volume 40% by rolling or ram- 
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Fig. 48. Methods of Tightening Canal Prisms. 

(1) (2) (3) Dortmund and Ems. (4) Marne to Rhine. (5) Arroux. (6) (7) (8) (9) 
Canals du Centre, Belgium 

ming. In the Dortmund and Ems Canal, where the canal was in embankment, the 
material of the embankment was principally marl, and the watertight lining was of 
the form shown in the figure, the thickness of the puddled material increasing with the 
height of the embankment. In the Canal du Centre, Belgium, a lining of concrete has 
been used successfully, protected on the bottom of the canal by a fill of clayey earth. 
This is suitable only where the bank is of firm material not liable to irregular settle- 

ment, and is liable to injury by boats. In the canal from the Marne to the Rhine 
concrete in banks was also covered with earth. 

Where the bottom of the canal is subjected to uplift pressure when the canal is laid 
dry, the watertight layer is likely to be breached; underdraining is sometimes prac- 
ticable. The case may arise where the head of the inflowing water is above the bottom 



1576 Canals Sect. 15 

of the canal but below the water surface desired; each case of this kind must be studied 
as it arises. A watertight lining of the sides and a silt lining of the bottom may be 
suitable in such a case. Where the bottom of the canal is in excavation and the 
material sufficiently watertight, where the sides are embankments, seepage may be 
prevented by a puddle lining on the slope or by a puddle wall in the middle of the 
embankment. When placed on the slope the thickness should be great enough to per- 
mit considerable abrasion by boats without cutting through it. This is avoided by 
forming a puddle wall in the middle of the embankment, but the fill on the water side 
is likely to become saturated and then may contribute little to the stability of the 
embankment, or may even reduce it. Care must be taken to remove all loose or yield- 
ing material and to avoid forming a permeable joint between the original ground 
and the fill. 

Drainage of Adjacent Territory. A canal in a river valley is so located 
that its banks may be above the highest flood level. Small streams, artificial 

Sm. 216716 = 

Fig. 49. Dive Culvert, New York Barge Canal 

drains, or storm water may be received directly into the canal or passed 
under it through culverts (Fig. 49). When circumstances permit, the latter is 
preferable; the principal objections to draining into the canal are the resulting 

silting, which will involve 
continual expense, and 
the variations produced 
in the water level. Where 
practicable, water, if silt- 
bearing, should be made 
to pass through a settling 
basin before entering the 
canal. If the amount of 

Fig. 50a. Waste-Weir, New York Barge Caaal 
water flowing into the canal is considerable, the resulting current is objection- able, The surplus water received into the canal is discharged over waste- 
weirs (Fig. 50a) or through waste-gates. Where the requisite control can be 
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Fig. 50. Siphon Spillway, New York Barge Canal 

given by a weir it has the advantage of being automatic; but this may at times cause waste, since a high wind blowing in the direction of the canal, or a. 
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succession of boats moving in one direction, may cause a rise at one end of a canal level. Waste may also result from the difficulty of adjusting the sup- ply to the summit level to the varying demand for lockages; to overflow from short levels; to unequal lift at locks, etc. 
In the New York Barge Canal the crests of the waste weirs are at low water elevation. Channels are provided for placing flashboards to raise the crest 

of the waste weir if required. 
On this canal a siphon spill- 
way shown by Fig. 50) ‘has 
been used. _ 

Waste-gates are usually 
placed with their sills at canal 
bottom and are useful for drain- 
ing the level when desired for Fig. 51. Irlam Locks, Manchester Ship Canal 
repairs. 

At the Manchester Canal where large amounts are received into the canal at times 
of floods, each level is controlled by Stoney sluice gates placed in a sluiceway adjacent 
to and parallel with the locks. The sills are at the same elevation as the sill at the 
upper end of the locks; the sluice gates are each of 30-ft. opening, and can be raised 
about 20 ft. The Irlam sluices (Fig. 51) can discharge 26 000 cu. ft. per second. 

Large streams are usually crossed by aqueducts forming part of the canal, but usually 
reduced in width to the requirement for a single boat. The superstructure, or “ trunk,” 
may be of wood, masonry or iron. The crossing of the Erie Canal over the Mohawk 
River at Rexford Flats is a good example of a trunk of wood; of the same canal over 
the Genesee River at Rochester is a good example of a trunk of masonry; both of 
these structures were in use for many years. The Bridgewater Canal is carried over the 
Manchester Canal on a swing bridge, the trunk is of wrought iron, has a clear width of 
19 ft., and a depth below ordinary water surface of 6 ft. and a free-board of 1 ft. 

17. Water Required for Operation 

Filling the Prism of the Canal. The prism of the canal may be emptied 
either for repairs or as a result of accident. In dealing with the question of 
water supply for the proposed New York Barge Canal, E. Kuichling assumed 
that the prism of the summit level would be laid dry once per year; also that, 
in addition to the volume of the prism, an equal amount would be required 
to saturate the adjacent soil to its normal condition, but this additional 
amount depends on the watertightness of the wetted contour of the canal 
prism, and, if this is not well provided for, by the porosity of the adjacent 
ground. In the case considered by Kuichling it was contemplated to line 
the canal with clay where formed in permeable ground. 

Evaporation and Seepage. For the New York Barge Canal, Kuichling 
estimated that the evaporation from the water surface would be 0.30 in. per 
day, to which he added 10% as a liberal provision for consumption by aquatic 
plants, or a total of 0.33 in. evaporation per day from the surface of the canal. 

In the summer of 1900 observations were made to determine the loss by percolation 
from various sections of the Erie and Champlain canals. In some cases where the canal 
had been deepened within a short time before the gagings were made the loss was large, 
running up to 773 cu. ft. per mile per minute; in other cases, even where percolation 
through the banks could be seen, the gagings indicated little loss, and, on the whole, 
the results were not of great value, but, rejecting the abnormal results, a loss from 
percolation of 100 to 150 cu. ft. per mile per minute was indicated. 

Kuichling finally estimated that the loss from evaporation and seepage from the 
Barge Canal would appregate 4-1/2 in. in depth per day, equivalent to 169 cu. ft. per 
mile per minute, but this was based on the assumption that clay linings would be pro- 
vided in permeable soil. The thickness of the puddled material was intended to be 
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3 to 4 ft. on the slopes on embankments and 1-1/2 ft. in excavation where the materials 
were of a nature to permit seepage. The thickness on the bed of the canal was to be 
1-1/2 ft. in all cases where puddle was deemed necessary. The canal was to be 123 ft. 
wide at the water line, 75 ft. at the bottom and 12 ft. deep. 

G. W. Rafter estimated the probable percolation from the summit level of the pro- 
posed deep waterway from the Great Lakes to tidewater at 330 to 440 cu. ft. per mile 
per minute. At the divide near Rome, N. Y., the water in the canal would be slightly 
below the level in the adjacent streams, and about 15 ft. above at the ends of the 
summit level. No puddle lining was intended for the canal. 

Measurements of Loss of Water from American Canals by Evapora- 
tion and Seepage, Including, in Some Cases, Waste at Structures 

Length e | Loss 
of ob- | Width | Width per 

When at at Fi 
Canal Qe free | gare, bet. eee 

served rey face, | tom, z mile, 

miles ft. ft. | cu. ft. 

Original Erie Canal: 

Lodi to Little Falls......... 61.8 40.0 28.0 4.0 * 
nie rhe 70.0 A 7.0 cy 

Palmyraslevely., ¢ «= s/he «e408 oon 1841 8.3 40.0 28.0 4.0 108. 8* 

Cly dedevielt! 2. $F tn Sulnkeet 1841 QTd. 40.0 28.0 4.0 306% 

Lockport to Pittsford....... 1841 69.0 40.0 28.0 4.0 73.0* 
Western Division........... 1841 | 122.0 40.0 28.0 4.0 74.5 

Enlarged Erie Canal: { 
Tonawanda to Clyde........ 1858 | 126.0 70.0 52:5 7.0 200.0* 
Spencerport to Rochester....| 1877 12.0 We O5e 5 190.0 

Chenango Canal: 
Summit level. ....... 000500. 1838 22.0 40.0 28.0 4.0 65.5 

Genesee Valley Canal: 
Generales. Gree tao ef IS4G 1S it 40.0 28.0 4.0 19.0 
Generally oe.t s) toe cogs 1846 BIS UHOS, : 40.0 28.0 4.0 25.0 
Genveral saidaii Ud. dagen.) 1846 Pond ov: 40.0 28.0 4.0 30.0 
Rochester to Mt. Morris....| 1854 36.0 | 40.0 28.0 4.0 37.0 
Mt. Morris to Oramel....... 1854 42.0 40.0 28.0 4.0 153.0 
Rochester to Mt. Morris....] 1855 36.0 40.0 28.0 4.0 oi he Dea 
Mt. Morris to Dansville..... 1855 16.0 40.0 28.0 4.0 23.8 | 
Sonyea to Portage..../..... 1855 15.0 40.0 28.0 4.0 25.6 
Portage to Oramel.......... 1855 22.0 40.0 28.0 4.0 43.0 

Chesapeake and Ohio Canal...] 1838 40.0 50.0 32.0 6.0 60.0 
Chesapeake and Ohio Canal...] 1838 40.0 50.0 32.0 6.0 64.0 
Sandy and Beaver .Canal,,O.....Jc...sce|scsssss 38.0 26.0 4.0 13.0 
Ohio Canal: 

Fort Wayne summit........ 1839 $4.0 | 50.0 36.0 5.0 52.0 
Fort Wayne summit........ 1847 54.0 50.0 36.0 Aa) 46.0 
Various places. .....0. 0000. PESIQMY MIN 50.0 36.0 5.0 33.0 

\Illinois and Mississippi Canal..| 1894 |....... 80.0 60.0 8.0 120.0 
Illinois and Mississippi.Canal..} 1895.}....... 80.0 60.0 8.0 60.0 
Morris Canal, N. J.: 

Mountain View to Stonehouse 
Plains ens erie cae era 1878 4.8 40.0 25.0 ay) 2AM ad, 

1879 8.0 40.0 25.0 5.0 170.8 
1879 8.0 40.0 25.40, 5.0 164.1 

‘ 1879 4.7 40.0 25.0 5.0 3.8 
= 

* For these cases evaporation, seepage, and waste were measured. For the other 
cases only evaporation and seepage were measured. 
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The excessive loss of 4144 cu. ft. per mile per minute from the Marne-Saone Canal is said to be due to fissures in the rock in which a section of the canal is excavated. A similar loss, and for the same reason, has been met in the Glen Falls feeder for the Champlain Canal. Such leaks are difficult to close after the water is once admitted to the canal. On the other hand, earth sections of canals become tighter with use. Some of the large losses shown in the table occurred when the canal was new or had been deepened within a short time. i Percolation, infiltration or seepage is usually much greater in amount than evapora- tion. The combined loss from evaporation, seepage and waste is usually measured together by current observations at two or more cross-sections of the canal, and simul- 
taneous measurements made of waste. The loss by evaporation plus seepage is then 
given by subtraction and usually reported together. Evaporation can be estimated 
with reasonable correctness and seepage determined within a small range of uncer- 
tainty. The table on p. 1578 is condensed from Kuichling’s report on Water Supply 
Canal for New York Barge Canal. 

The loss by evaporation, seepage and leakage from the Illinois and Mississippi 
Canal is stated to be less than 60 cu. ft. per mile per minute. 

In some of the European canals where the water supply is limited, and particularly 
where the summit level is maintained by pumping from the lower levels, greater expense 
is incurred to reduce seepage than is usual in the United States. In the Dortmund-Ems 
Canal the loss by percolation and evaporation amounted to 32 cu. ft. per mile per 
minute of which 9 cu. ft. was estimated to be due to evaporation and 23 cu. ft. to 
percolation. This was rather more than had been anticipated but it is expected that 
it will be reduced by silting. The watertightness of the prism was of much importance 
because the water on the upper levels was supplied in large part by pumping. Lindley 
states that the mean value of the loss by evaporation and percolation is estimated for 
the whole of France at about 40 cu. ft. per mile per minute. Ina given permeable soil 
the amount of seepage varies with the width and depth of the canal, but no satisfac- 
tory expression of the relation has been advanced. 

Leakage at Aqueducts, Culverts and Waste-Gates. The amount of leakage 
at these structures depends principally upon the care taken in design, con- 
struction, maintenance and operation, and can be limited to a small amount. 
In a report made in 1837 by W. H. Talcott the leakage of waste-weirs and 
aqueducts on 22 miles of the Chenango Canal (depth 4 ft.) was given at 220 
cu. ft. per minute, or 10 cu. ft per mile per minute. Kuichling gives an esti- 
mate of 1.6 cu. ft. per mile per minute on certain old canals in France. The 
losses will obviously depend on the depth of water and may be assumed to 
vary with the square’ root of the depth as an approximation. Kuichling 
estimates for the New York Barge Canal (depth 12 ft.) 12 000 cu. ft. per day 
for each culvert and waste-gate, and 96 000 cu. ft. per day for each aqueduct, 
which appears to correspond approximately with the observations of Talcott, 
without allowance for increased depth. With modern methods the older 
class of masonry should be improved upon. 

Leakage at Locks. This occurs at the valves for filling and emptying the 
lock and at the lock-gates. Seepage around the locks should be prevented 
by suitable construction or reduced to a negligible amount. From observa- 
tions at the Chenango Canal (in 1839) W. H. Talcott estimated leakage at a 

canal lock of 11-ft. lift at 447 cu. ft. per minute or 643 680 cu. ft. per day. 
Kuichling gives an estimate as low as 14 100 cu. ft. per day on certain small 
French canals. Measurements of leakage around the filling valves of the 
Weitzel lock, St. Marys Falls Canal, made by J. Ripley in 1899, gave a co- 

efficient of 0.49 for use in the formula » = Cv/2 eh ory = 4Vh nearly. The 

valves were of the butterfly type, 8 ft. by 10 ft., turning about the 10-ft. axis. 
The mean width of opening around the closed valves was about 3/8 in. The 
valves had been in use about 18 years, and saving of water was not important. 
This type of valve is wasteful and should not be used where saving of water 
is important, although there should be no difficulty in reducing the leakage to 
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one-half the amount observed by Ripley; its advantages are in simplicity, low 

cost of maintenance, and facility of operating. Leakage at the gates results 
from imperfect fitting; in the case of the ordinary mitering gates, the gates 

fmay be too long, in which case one or both (usually one) will not be in contact 
with the sill when closed, resulting in an opening, approximately triangular, 
extending from the miter to or toward the quoin; or the gates may be too short 
(usually from wear), in which case an opening of similar form will exist be- 
tween the ends of the gates, extending from the sill upward. 

For the gates of boat canals, maintained in good condition, it will be suffi- 
cient to assume an opening between the sill and one gate 1/2 in. wide at the 
miter and gradually tapering to nothing at the quoin. For ship canals the 
maximum width of opening may be doubled. While locks are being operated 

the head on the opening through which water is being wasted may vary from 
nothing, when the filling or emptying of the locks begins, to the full lift of the 
lock when the operation is completed; but as a safe provision, which covers 
small leaks between the quions and the gates and elsewhere, the full head is 
usually taken. 

Using the coefficient for leakage at valves found by J. Ripley, and computing the 
leakage at gates as just indicated, the leakage at the Weitzel lock (60 ft. wide at gates, 
20-ft. lift) is estimated at 72 cu. ft. per second, but the valves are not close-fitting. 
The various commissions of the old and new French Panama Canal Company allowed 
35 to 53 cu. ft. per second for each lock, the lifts being about 30 ft. Kuichling estimated 
the leakage at locks from the summit level of the Barge Canal at about 23 cu. ft. per 
second, the lock at one end having a lift of 20-1/2 ft. and the lock at the other end 
16 ft. He followed the method above outlined, assuming 1/4-in. opening around each 
valve and an opening of 1 in. at the miter between the sill and one gate of a pair. 

Loss over Waste-Weirs. It is impracticable to adjust the supply of feed- 
water to the yarying requirements of traffic; therefore the crest of the waste- 
way must be fixed at such a height that the canal will always have the required 
depth of water, or the crest may be provided with flashboards, permitting a 
temporary surplus of water to be held until wanted, or the water must be 
wasted. Waste may also result from the action of the wind blowing toward 
the weir, from a succession of boats moving toward it, etc. It is customary to 
provide a limited amount of storage by fixing the elevation of the crest of the 
wasteway somewhat above the level required for traffic, but it is restricted 
by the cost of the corresponding increase in height of the canal banks, lock 
walls, etc. In general, the best form of wasteway for ordinary conditions is a 
simple overflow weir, because its action is automatic; its length must be fixed 
with reference to the allowable rise of water in the canal. 

Data regarding existing or projected canals vary greatly. For the eight waste-weirs 
on a 22-mile level of the Chenango Canal W. H. Talcott observed (in 1839) a waste 
of 96 cu. ft. per minute; for the proposed deep waterway from the Great Lakes to 
tidewater, G. W. Rafter estimated the waste for the summit level at 150 to 200 cu. ft. 
per second = 9 000 to 12 000 cu. ft. per minute, but his large esimate resulted from 
the provision of a waste-weir long enough to pass the floods of the Mohawk which was 
to be taken into the summit level. For the summit level of the New York Barge Canal 
Kuichling assumed a waste-weir long enough to control the water level within about 
5 in. with a water supply sufficient for normal amount of lockages flowing in but with 
no lockages, and estimated the discharge over the waste-weir from this and other 
minor causes of waste to average 46 cu. ft. per second (400 000 cu. ft. per day) from 
each end of the summit level. 

Power for Operating Locks. This is usally developed by water from the 
higher level. Power may be required for (1) opening and closing valves; 
and (2) hauling boats into or out of the lock. (1) For opening and closing 
of gates and valves, occupying only a small part of the time, accumulators. 
may be employed. At the Dortmund and Ems Canal, where the locks are 
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28-1/4 ft. wide with 9.84 ft. on the sills and maximum lifts of 20-1/3 ft., the _ lock-gates and sluice valves are moved by power; the greatest amount re- quired for any single operation is 7.2 hp. At the Weitzel lock, St. Marys Falls _ Canal, there are two turbines of 25 hp. each; one is sufficient to accumulate - power as quickly as necessary, the other is a duplication for safety. The 
largest gates are 39 ft. high, the lock 60 ft. wide at the gates; two valves for € filling the lock and two for discharging, each valve 8 ft. by 10 ft. The power 

_ required being given or estimated, the corresponding water consumption can 
be approximated in any given case. (2 The power required for haulage at 

_ the locks of the Erie Canal was given at about 8 hp., the immersed cross- 
_ section of the boats being 17.5 ft. & 6 ft. = 105 sq. ft. For the Barge Canal 
___and boats of 25 ft. X 10 ft. = 250 sq. ft. immersed cross-section, Kuichling 
_ proposed 20 hp. as sufficient, the power to move a boat at a given speed being 
~ assumed to vary with the immersed cross-section. 

Power Required for Lighting. For the New York State Barge Canal from 
10 to 14 arc lights each of 750 cp. have been used. The United States canal 
at Sault Ste. Marie has 13 lights, each of 1200 nominal cp. (300 actual) for the 
duplicate locks, and one similar light each 400 ft., approximately, on each side 
of the canal. The Canadian canal on the opposite side of the St: Marys River 
has 8 lights, each 1200 cp. nominal, at the locks, and one similar light on each 
side of the canal every 300 ft. The length of each of these canals is approxi- 
mately 1-1/2 miles. The Kiel Canal is lighted by incandescent lights placed 
Opposite each other on the canal banks, spaced on curves at distances R/1S 
between pairs up to a maximum of 820 ft., on tangents. 

Practice is not well defined as to the extent of lighting desirable, and the only prac- 
_ ticable course is to prepare a plan for lighting believed to be the best suited to the case 

in hand, from which the amount of water required can be computed. The fall at the 
locks is usually the most convenient source of power, in which case the amount of water 
consumed is an element of the quantity to be supplied to the upper level, but in many 
cases the electric current may be supplied from a distance, between the reservoir and 

- the canal, requiring no additional water; in other cases it may be found economical to 
~ buy current. 

Under present conditions arc lighting is estimated to require 0.4 hp. per 1000 cp. 
with efficient plant management, and incandescent lighting with carbon filament 4.2 
hp. per 1000 cp. These are approximations, and for canal illuminations the power 
should probably be doubled. For the New York State Barge Canal, Kuichling esti- 
mated a consumption from the summit level of 21 cu. ft. of water per second or 6 hp. 
for four arc-lights, each of 1000 cp. F 
Water Consumed for Lockages. Let Q = area of lock multiplied by lift 

of lock, D = displacement of vessel, WV = number of locks in flight. There 
are four possible conditions of lockage affecting the consumption of water. 
Case 1: A boat ascending after another has descended will draw from the 
upper level, past the upper gate, V = NO + D. Case 2: A boat descending 
after another has ascended will force into the upper level, past the upper gate, 
V = D, the draft from the upper level. being — D. Case 3: A boat ascending 
following another that has ascended, will draw from the upper level, past the 
upper gate, V =Q+D. Case 4: A boat descending following another 
which has descended will draw from the upper level, past the upper gate, 
V=Q-—D. The ascending boats draw from the summit level their dis- 
placements, and the descending boats force their displacement back into the 
summit level. Ordinarily no material error will be introduced if the dis- 
placements be assumed equal, therefore D may be eliminated from the 
formulas, which become: 

Case 1, V = NQ (boat ascending); Case 2, V = Q (boat descending); 
Case 3, V = Q (boat ascending); Case 4, V = Q (boat descending). 
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Uf the summit level is reached by a single lock and the number of boats passing in one 

direction is equal to the number passing in the opposite direction the minimum con- 

sumption of, water would be given by alternating ascending and descending boats, 

cases 1 and 2; in case 1, N becomes 1, and the two boats of a pair would consume 

Q +O =Q, oran average per boat of 1/2 Q. If the boats follow each other the average 

consumption per boat is Q. The actual consumption will be between these extremes 

1/2 Q and Q since it will frequently be impracticable to delay a boat which is awaiting 

another from the opposite direction. 

If the summit level is reached by a flight of two locks, ascending and descending 

boats alternating require 2 Q for the ascending boat and O for the descending boat, or 

an average of Q, and the same average amount if the boats follow in the same direction. 

For a flight of three locks two boats alternating will require 3 Q or an average for the 

two of 3/2 Q, and the average for all lockages will equal or exceed Q. When the number 

of locks in a flight exceeds two, economy in use of water for lockages results from dupli- 

cating the flights of locks, using one flight for up-bound and the other for down-bound 

boats, the consumption for each boat being Q. 
Water for lockages may be economized by the use of side ponds receiving the water 

discharged from the lock chamber during the earlier part of the process of emptying 

and returning it to the lock chamber during the earlier part of the operation of filling 

At the Dortmund and Ems Canal two pairs of side ponds are used, at different eleva- 

tions, two ponds at each side of the lock and about 50% of the lockage water is saved. 

18. Speed of Canal Boats 

Where steam power is used the speed is usually limited by regulations. 
The power required to move a boat increases rapidly as the ratio (wet cross- 
section of canal) + (wet cross-section of boat) decreases. On boat canals the 

boats are-usually of the largest dimensions permitted by the locks. On 
ship canals the tendency to uniformity is not well marked, and is affected or 
controlled by numerous conditions other than lock dimensions. The table 

gives data for various canals. 

Cross-section of Cross-section 
f cana’ f 
Lane ee tent ihe Rigs 

Sur- | Bot- 
of 

face | tom |Depth,| Beam, | Draft,| STOSS~ 

width,| width,| ft. ad _ in, | Section 

ft. ft. 

Erie, Original. . . 

Erie, Enlarged. . 
Erie, Enlarged. .}...... 
Dortmund-Ems. 
Dortmund-Ems. 
Ghent-Ter., Belg. 
Ghent-Ter., Holl. 

* Actual average is somewhat less. + By trial. Permitted by rules. 
§ By regulations; actual speeds allowed on tangents 7.4 miles per hour. Average 

speed on sharp curves 3.7 miles per hour. 
|| Permitted by rules for small vessels. Large ships cannot attain 6.2 miles per hour. 
q By regulation; enforced for large ships. Small vessels specially licensed to run 

9.2 miles, but attain 11.5 to 15 miles per hour. 
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The New York Barge Canal with a wet cross-section of 1188 sq. ft. is in- tended for steam barges having a wet cross-section of 250 sq. ft. when loaded, giving a ratio of 4.75. In concluding a report on the probable speed in such a traffic, E. Sweet expressed the opinion that a higher speed than 3 miles per hour would be “economically inadmissible.” 
In France the speed limit on canals is considered to be 1.67 miles per hour; traction by horses. On the Northeastern canals where on account of congested traffic a con- cession for horse traction was instituted in 1875, the contractor is bound to maintain the speed of 1.24 miles per hour for ordinary service and 1.8 miles per hour for accel- erated service. Interesting experiments have been made on the F Tench waterways on the tractive force required by various types of boats at various speeds and in various channels. The types of boats were: “ Peniche flammande,”—box bow and stern, only slightly roanded where the ends join the sides and bottom; “ Flute,” cut-away bow, rising in a curve from the keel; “Toue,” pointed peaked bow and square box stern; “Prussian barge,” pointed bow and stern; “ Margotat,’”’ punt-shaped. The boats were towed in a river of large section (practically an unlimited cross-section) at a uniform speed of 3.35 miles per hour to determine the influence of the form of boat on tractive force required. 

Traction force, 
Ib., at 3.35 

Gross | miles per hour 
ton- 
nage 

Coeffi- 
cient of 
displace- 
ment 

Prussian barge...... 

MAT ROLAES 7k oc e-2 Sosoco SoD DO NBIWAAS 

Another set of experiments was made in various canals with the “ flute” at 4.27 ft. draft at various speeds. The coefficient of resistance is the factor to be applied to the tractive force required in an unlimited cross-section in order to obtain the tractive force required in the canal named. The ratio of cross-section of channel to cross-section 
of boat is represented by r. 

Coefficient of resistance for 
Depth | Area, F speed in miles per hour 

ere paar 

0.56] 1.12 | 1.67| 2.23 | 2.79 | 

ET le ROME: C65 ee 8.20 450 OFS9 Witte e's |, ons 1 Bess Fon ieee ts RPE TR 
Canal de Bourgogne........ 1 GRUP OTOL MeO Sa EES hn ae jE | eel say a 
Canal de Ja Curé (Yonne)...] 6.85 | 250 | 3.57 | 1.92] 2.13 2.38}2.75| 3.17 
Canal de St. Dizier at Vassy.] 6. : 
Canal du Nivernais......... SeOO N20 (ie 2GAt. eM oy cs ria VAN Pag ee Be 

The resistance at 1.67 miles per hour in the unlimited section was 172 lb. and in the 
Diversion of the Yonne at Joigny with r = 6.39 it was 238 lb., or 38% greater; but 
with 7 reduced to 2.94 it increased 232% in one case and 282 % in another, the greater 
resistance being in the shallower canal, a diminution of 1.2 ft. in depth or 48% in 
clearance under the boat, increasing the resistance 15 %. 

Experiments to determine influence of form of boat and cross-section of canal on 
cost of transportation were made in 1898 on the Dortmund and Ems Canal, and in 

_ 1906 on models in the government experimental tank in Berlin comparing cross-sections 
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of equal area, one with a greater central depth, also cross-sections of different areas, 

and two forms of boats moving at different speeds with a view of determining the most 

economical conditions of transport for assumed amounts of traffic. The effects of 

draft and speed were found to be similar to those indicated by the French experiments 

and for the conditions assumed r = 4.2 to 5.3, and boats carrying 667 tons one way 

and 1/5 as much the other way, with mechanical haulage, a speed of 3.1 miles gave 

economical transport. 

19. Locks and Lock Gates 

Locks are usually employed to overcome differences of level. In the earlier 

canals in the United States they were frequently built of wood, but these were 

soon replaced with stone masonry, the face being cut accurately to true lines 

and surfaces, and until within the last 25 years practically all canal locks 

in the United States were of stone masonry. Now concrete made with port- 

land cement has come into use. Brick masonry laid in cement or hydraulic 

lime has been used Jargely in European canals, either for the entire mass of 
masonry or for facing, except at quoins and other exposed places, where heavy 

stone blocks have been built into the brickwork. Bricks for facing are of 

specially good quality. 

In the locks of the Kiel Canal the floors and lower portion of the side walls up to the 
floor level are of concrete; above the floor the side walls are of brick masonry built with 
large openings filled with concrete of 1 cement to 8 sand. Fender courses, lock-sills, 
angles of gate recesses, and guide grooves for the pontoon gates are of granite. The 

y 7 Y) au 
—L“ didadddddaidéééia 

Fig. 52. Barge Canal Lock 

locks of the Manchester Canal are of concrete, with brick facing above low-water 
and stone copings; miter sill masonry facing of sandstone, the coping of specially hard 
quality, but stones in contact with gates (no timber sill) are of granite; brick and stone 
are used at other exposed places. 

i DEF — 
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Fig. 53 

The Poe and Weitzel locks at Sault Ste. Marie are of limestone masonry. ; The new 
Jocks are of concrete. Fig. 52 illustrates a lock of the New York Barge Canal. Fig. 53 
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shows the principal diménsions and Fig. 54 the cross-sections of the Gatun locks of the 
Panama Canal. 

Foundations and Floors of Locks. Where rock foundation is not available, 
the lock is usually founded on piles, and the entire foundation enclosed within 

be 60's< 130+ ><50! Lego 430" 3-504 be Ore gy sen 
t 2 

| Tit 

Fig. 54. Gatun Locks, Panama Canal 

sheet piling and with lines of sheet piling under the sills. In American prac- 
tice the floors of small locks have usually been built of wood, but with in- 
ereased width the use of timber is not ad- 
vantageous. In foreign canals, lock floors are 
usually of concrete in the form of an inverted 
atch. The thickness of the floor is usually 

‘ sufficient te resist the full upward pressure 
of water when the lock is pumped out, but in 

some cases weep holes have been formed in the 
floor to relieve this pressure. 

Where founded on zemewer= 
rock, the thickness 
of the floor is more 
frequently reduced 

and may be, in great 
part, omitted if the 
rock is especially = 
sound and free from Z 
fissures, but usually 
a--covering is re- 
quired, either to pro- 
tect the rock or to 

i th - 
ahs fe 0 on (b) St. Marys Falls Canal 

Marys Falls Canal Fig. 55. Locks of Large Canal 
this protection is of 

timber and concrete; the floors are firmly bolted to the underlying rock. With the 
increasing price of timber, the reduced cost of portland cement, and the introduction 
of reinforced concrete, the economy formerly effected by the use of timber is reduced 

Facilities for Filling and Emptying Lock. Small locks are usually filled 
and discharged through valves in the gates or through short culverts around 

the quoins. This causes the boat to surge, and in large locks this action pre- 
vents rapid operation. The large boat canals, and nearly all ship canals, have 
sluiceways or culverts formed in the side walls of the locks, provided with a 
valve at each end to open or close connection with either level and with 
openings leading into the lock chamber near the bottom of the side walls. 
At the St. Marys Falls Canal, the timber floors have facilitated forming 
culverts underneath, discharging upward through many small openings, 
affording a more uniform distribution of water supply and giving the least 
possible disturbance to ships. 

Valves in gates are usually of the butterfly type turning on a central axis. In cul- 
verts or sluices they may be plain slide valves, either of wood or metal, but with large 
sluices friction makes the operation of such valves difficult or slow. Stoney sluices have 

been used, for example, at the Manchester Canal. At the St. Marys Falls Canal 
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butterfly valves are used for the 8-ft. by 10-ft. openings, but are not economical of 
water. Valves moving on four large wheels have been adopted for the New York Barge 
Canal (Fig. 62). On this canal one lock at Oswego has no valves for filling and empty- 
ing the lock chamber, and it is filled and emptied by means of siphons in the lock wall. 

Lock Gates. Mitering gates are in pairs, each of the two ‘‘leaves”’ turning 
about a vertical axis in a recess in the lock wall. When closed, the two leaves, 
usually of equal length, meet and support each other about 1/4 to 1/5 the 
width of the lock from a straight line connecting the two axes of rotation. 
In earlier practice, and particularly in small locks, the gates were made of 

timber, but steel is coming into more general use; at the 

Manchester Canal, and at the Liverpool docks, greenheart 
ecm pe timber is still used for openings up to 80 ft. or more in 

width, and the engineers claim for it much longer life than 
for metal gates. 

Timber gates (Fig. 56) consist of horizontal girders usually 
framed into strong end verticals called, 

® respectively, ‘‘quoin post” or “heel 

post ” and “ miter post’ or “‘ toe post”; 
the gates are planked on the upstream 
face, where necessary for watertightness. 

On the Canadian canals the miter and 
quoin post and planking are omitted and 
the gates built solid. 

Steel gates (Fig. 57) have a strong 
vertical girder at each end which js 
usually furnished with a timber-bearing 
face. The intermediate framing may 
consist of horizontal girders carrying 
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Fig. 56. Wooden Lock Gates 

(1) Manchester (2) Kampsville (3) Kanawha 

stresses directly from the miter to the quoin, or of a heavy girder top and 
bottom to which the vertical girders carry the water-pressure loads. The ~ 
upstream or both faces are covered with continuous plating, and in cases of 
heavy gates an airtight chamber is formed to facilitate moving the gate. 

Fig. 58 shows one leaf of a gate for the New York Barge Canal. The gate is sup- 
ported by a pivot under the quoin post and a steel strap or other device at the top 
strongly anchored to the side wall of the lock. In the United States and Canada and 
in some foreign canals, these arrangements suffice to support the gates in position: In 
English practice; a heavy gate isustially supported on a roller at the miter end} which 
moves along a path laid in the lock floor. ; 
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Many forms of single-leaf gates are in 
use. On the Erie Canal the gate at the 
head of the lock is frequently of the form 
called “tumble” gate, which turns about 
the lower edge, falling upstream when 
opening and lying flat on the bottom of 
the lock, boats passing over it (Fig. 59). 
The span (width of lock) is 18 ft. and the 
depth of water 7 ft. Similar gates are in: 
use at the head of locks on the Oder and 
Spree Canal, where the span is 29.52 ft. 
and depth of water 8.2 ft. These gates are 
of wood. 

On boat canals, where a limited overhead 
clearance is admissible, gates lifting ver- 
tically have been used, as in the recently 
built Teltow Canal. A lifting gate on the 
Coevorder Canal, Holland, has a length of 

21.3 ft. and a height of 5.6 ft., is of metal, 
and lifts vertically high 
enough for boats to pass 
under. On this canal one 

a 

TANT Toe 
(1) Panama 

lock with a lift of 40.5 ft. 
has a vertical lift gate at 

the lower end of the lock. 
Gates turning about a 
vertical axis at one end 
and closing the entire 
width of the lock are in 
use in some European 
canals. (Following are 
examples: In the diver- 
sion of the Scarpe around 
Douai_ the single-leaf 
gates at the foot of the 

‘locks are 21.8 ft. long 
and 25.2 ft. high; those 
at the head of the locks 
are 21.6 ft. long and 
11.7 ft. high; the depth 
of water over the sills 
is 8.2 ft. and the lift of 
the lock 13.4 ft.; gates 
are of iron with wood 
sheathing and contact 

Steel Lock Gates 

(3) Kiel (4) Spree 
-x- 

23/64 

GSEs 

Fig. 58. Barge Canal, Steel Lock Gate 
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pieces. At Lichmis on the 
Dedemsvaart Canal, Hol- 
land, single-leaf gatesatthe — 
head of the lock span 19.7 
ft.; depth of water on sill 
6.6 ft.; height of gate 7.3 
ft.; built of iron. At the 
canal St. Denisa single-leaf 
gate is used at the foot ofa 
lock where the lift is 32.5 
ft. Asa clear headroom 
of only 17.2 ft. is required, 
a masonry arch is extended 
across the lock, and the 
gate when closed is sup- 
ported on all four sides; 
the gate is 28.7 ft. long 
and 33.6 ft. high; depth of 
water over sills about 10 
ft. It has a frame of iron 
with wood sheathing and 
contact pieces. 

Rolling gates moving 
transversely to the canal 
are in use in many places. 
In the locks for the Ohio 
River navigation at Davis 

] Island and elsewhere (Fig. 

Fig. 59. Tumble Gate, Junction Lock, Erie Canal and aH Maes aid faye we 
New York Barge Canal 

Lo? eee 

© © © © 

RART ELEVATION DOWNSTREAM 

~ 

PART ELEVATION UPSTREAM 

River 

Chanoine Weir Navigable Pass 
97" kk Chamber 

ry 

Ohio River, Rolling Lock Gate 
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and foot of the lock are alike; the lift is limited to about 8 ft. and the maximum height of gate built upto this time is 18.5 ft. The gates have steel frames with wood sheathing, and are carried on wheels which Tun on tracks laid in the lock floor. The gates are opened and closed in 1-1/2 to 2 minutes with steam power. In the Canal Francois, Hungary, the locks (two in flight) near the R. Sisza have a width of 52.5 ft. and a depth of 8.2 ft. on sills; the upper and middle gates are of iron and of the roller type, suspended from trucks running on an overhead bridge. The middle gate is 55.6 ft. long, 30.1 ft. high, and weighs 150 tons mounted. It has air chambers which lift 44 tons, leaving the netweight to be moved 106 tons; operating machinery is electric. Time to open and close the gate 3 minutes. 

Operating Machinery. In the smaller boat canals the gates and valve 
are opezated by hand. The lock gates of the Erie Canal have “ balance 
beams ” attached to the top of the gate and extending back over the side walls, and the gate is moved by men pushing against the beam. In some foreign 
canals a segment of a toothed wheel is attached to the quoin post and extends 
back over the wall and is operated by means of a windlass with vertical axis 
carrying a pinion which acts upon the toothed segment. At the Dortmund 
and Ems Canal the piston rod of a hydraulic 
cylinder acts upon an arm extending back 
from the gate, replacing the toothed gear 
just mentioned. At the larger locks, hy- 
draulic machinery is in most general use. 
As the machinery is operated for only a 
small part of the time, accumulators are 
employed, usually in the form of a vettical 
cylinder, into which water is pumped, lifting 
a heavily loaded plunger, and from which 
the water is drawn when wanted. At many 
places, as the Manchester Canal and the 
Liverpool docks, the gate is opened by 
means of a chain attached to one end 
of the gate and then led around guides and 
rove through two sets of pulleys, one at- 
tached to the lock wall and the other to yf, 
the plunger of a hydraulic cylinder. The Y 
effect of this is to multiply the movement 
of the end attached to the gate when the Fig. 61. Method of Operating 
plunger is operated. A similar arrange- Gates, St. Marys Falls Canal 
ment effects the closing of the gate. At 
the Weitzel lock of the St. Marys Falls Canal a single cylinder is used to 
open and close each gate, a piston being substituted for the plunger, a long 
piston rod passing through both cylinder heads with a set of pulleys at each 
end (Fig. 61). At other places winding drums are operated by three-cylinder 
hydraulic engines, at the as Kiel Canal. A simple and efficient machine, con- 
sisting of a hydraulic cylinder with its piston rod guided and a connecting rod 
attached directly to the gate and opening or closing the gate by a single move- 
ment of the piston was introduced at the Barry dock at Bristol, England, and 
is used at several places. 

In the smaller canals the valves for filling or emptying the locks are operated by 
hand power. The 8-ft. by 10-ft. butterfly valves at the locks of the United States 
canals at St. Marys Falls are opened or closed by a single stroke of a hydraulic engine, 
the connecting rod being attached directly to the valve—all below the lock floor. At 
the Canadian Canal, St. Marys Falls, the valves are operated by a long connecting rod 
attached to a crank arm of the valve stem. On the New York Barge Canal the valves 
which are counterweighted are operated by electricity (Fig. 62). 
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In foreign canals the water pressure used in hydraulic machinery at locks is usually 

40 to 50 atmospheres. In recent years the use of electric current for operating lock 

machinery is increasing; two notable examples 
are the Canadian lock at the St. Marys Falls 

and the sea lock of the Amsterdam Canal. 

Approaches to Locks. In canals where 
boats are moved by men or horses at low 
speed the change from canal section is effected 
abruptly at the ends of the lock walls but 
where vessels are moved by steam the danger 

of accidents to lock gates is greatly increased, 
and a long guide wall should be built at each 
end of every lock or flight of locks with 
posts strongly anchored placed at short inter- 
vals for use in checking speed by means of 
lines. Such arrangements exist at the St. 
Marys Falls canals, at the New York Barge 
Canal, and at the Panama Canal. 

20. Lifts and Inclines 

High Lifts. There are several examples 
in European and Canadian canals of so- 
called “‘ hydraulic lifts.” This type con- 
sists of two tanks, each large enough to 
receive a boat, and supported by a 
plunger working in a cylinder of sufficient 
length to give the desired lift by one 
stroke of the plunger. The cylinders of 
the two tanks are interconnected, so that 

the tanks balance each other. The boat 
to be lifted or lowered is placed in one 
of the tanks, displacing its own weight 
of water, and thus not affecting. the 
balance. Movement is effected by ad- 
mitting a small amount of excess water 
to the tank which it is desired to lower. 
The tank has a gate at each end; a gate is 
also placed at the end of each canal level. 

The table at top of next page gives some of the details of existing hydraulic lifts. 

Sectional Plan 

Fig. 62. Lock Valve, New York Barge 
Canal 

The Anderton lift, the first to be built, was operated with little trouble for several 
years, but finally the plunger became scored to such an extent that it was decided to 
remove the hydraulic appliances; each tank is now counterweighted separately, the 

counterweights being connected to the tank by wire cables carried over pulleys sup- 
ported by an elevated frame; the operation is by electric machinery. This change 
was carried out in 1908. | 

The high lift at Henrichenburg, built in 1899 on the Dortmund and Ems Canal, con- 
sists of a single tank supported on five watertight air-filled cylinders immersed in wells 
which are interconnected and kept full of water. Principal data are: 

Ft. In. Ft. In. 
Depth ok wells Atacwessntdaee 98 6 Carrying capacity of boat, tons 950 
Diameter of wells............ 30 2 Length of largest boat....... 220 0 
Diameter of cylinder floats.... 27 6 Width of largest boat........ 27 0 
Length of cylinder floats...... 32. 9-1/2 Draft of largest boat......... 6 7 
Length of tank (useful)....... 225 0 Time to lift or lower tank... . 2-1/2 min. 
Width of tank (useful)....... 28 4 Time for one round trip, lifting 
Depth of water in tank, min.. 8 3 one boat andlowering another 25 min. 
Weight of lifts... 0... 08 RP 45 ii Power supplied......... oie A400) bps 
Weight to be lifted, tons...... 3100 Cost including installation.. $630 000 
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Fontinettes,/La Louvieres, pect PRED 
Trent & | |France. / Belgium. | Canada’ ! Neufosse Canal du Trent 

Centre 
Canal 

| When built... -. 2... 1888 1904 
Siem tt.” ae te ins, | Tank, inside length... 3 141 7 139 0 Tank, inside width....| 15 13 33 0 Tank, depth of water.. 4 8 6 8 0 Height of lift......... ai), 2 43 0 50 6 65 0 Diameter of ram..... 2 11-1/4 6 6-3/4 6 6-3/4 be 

Pressure of ram, lb. per 
7c OS OR aera “EF | a aa 500 600 Weight to be lifted, tons 250 770 1100 1700 

Displacement of boat, 
| ao re 120 309 400 800 

Carrying capacity of 
boat,' tens, ) 3). 25. BONTT I ..1f0-88s..4s. besos lee’ 

Time to lift boat, min- 
Raitt ie otro Wanecah 1'-Soo <a 2-1/4 1-1/2 

Time complete oper- 
BOW AUD EES acc, Ne Pe 5d 15 12* 

Cost in dollars....... | 230 000 380 000 320 000 500 000 L 

* The record time of complete operation was 6-1/2 minutes. 

The movement of the lift is controlled by guides, and uniformity is secured by four massive vertical screws, interconnected, and working through nuts fixed to the lift. It is stated that “a lift constructed on the open trough principle should be adopted only where conditions for it are favorable and a good foundation can either be found or can be prepared without any great trouble and expenditure. It should also be men- tioned that when the further extension of the Dortmund and Ems Canal is taken in hand, it is contemplated to construct a flight of locks by the side of the canal lift.” Inclined planes have been used to surmount high lifts, both in the United States and Europe. The table gives details of several examples. 

Canal 

Morris; Ui Sacis . asi. 3 “0 6 
Pennsylvania, U.S.... .0 6 f 
Ches. & Ohio, U.S.... -O 14 51/5 Of 115 | 1876 Pe 
Monkland, Scotland. . LOOSE PAS gg 60 | 1850 
Shropshire, England. . LODO WeOen Ouro: Oar ell ce 
Shrewsbury, England. ZO ED MEG OTIA2S Bile’ Becibiede o 

Chard, England...... 26.0 

Grand Junct., England 75.0 
Ourcq, France.,..;... 92.0 

Oberland, Germany . .. Ses ee lena ented 

Bude), . wand mee fh 20.0 
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The small boats using the Bude incline have wheels built in, and are drawn up the 
incline in trains, counterbalanced to some extent by descending trains or boats. On 
the inclines of the Morris, Pennsylvania, Shropshire, Shrewsbury, Ourcq and Overland 
canals, boats are (or were) carried on trucks; on the inclines of the Chard and Monk- 
land and Chesapeake and Ohio canals,the boats are hauled while water-borne, or nearly 
so, in tanks. In some cases the incline is double, the boats or tanks counterblancing 
each other. Boats are usually carried endwise, but on the Foxton incline on the Grand 
Junction Canal, the boat is carried sidewise and is water-borne; two tanks are used 

counterbalancing each other. 
The incline of the Chesapeake and Ohio Canal (at Georgetown, D. C.) provided for 

larger boats than any other yet built. In connection with the projected Austrian 
system of canals to connect the Danube with the Ober, the Elbe and the Moldau, in- 
clines have been proposed for boats of 600 to 800 tons capacity. It was announced in 
1902 that the Government of Austria had decided to build an experimental incline for 
boats of 600 tons, investigations having indicated a saving in cost of transport by the 
use of inclines instead of locks, provided no unforeseen difficulties develop in actual 
use of inclines constructed on a scale so much exceeding any previously built. 

21. Guard Gates, Safety Gates, Stop Gates 
Guard Gates are arranged at the St. Marys Falls canals by extending 

the lock walls at each end sufficiently to receive an additional pair of gates, 
each opening outwardly. 
They could be used to 
protect the ordinary lock 
gates from approaching 
vessels, but are not so 
used, their purpose being 
to enable the lock to be 
closed quickly by unworn 
and perfectly fitting gates, 
for repairing the lock and 
its gates and valves. The 
summit level of the 
Charleroi Canal (supplied 
by pumping) is divided 
into short sections by 
safety gates, so that in 
case of a break in the 
canal bank the gates may 
be closed and. the loss of 
water limited to about 
20 000 000 cu. ft. Stop 
gates (Fig. 63) were intro- 
duced in the Dortmund 
and Ems Canal which in 
places is carried on heavy 
embankments. These act 

Fig. 63. Guard Gate, Dortmund and'Ems Canal ©” the same; principle .as 
Taintor gates, and when 

opened permit the passage of boats underneath. In the New York Barge 
Canal guard gates (Fig. 64) are placed at least every 10 miles in canal 
sections; these are lifting gates and in duplicate, each affording a clear opening 
of 55 ft. and a clear head room of 15.5 ft. above the water surface at high 
navigable stage when opened. These gates are steel and carry wheels moving 
on vertical tracks fixed in the masonry. They are operated by hand power. 
The last three devices are designed to be operated in moving water. 
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These devices are impracticable for closing a ship canal where unlimited height is required, and for such canals the safety gates are some form of movable dam. As 
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Fig. 64. New York Barge Canal Guard Gates 
have been met at the St. Marys Falls canals by swing bridges carrying the sectional dams. Fig. 65 shows the structure in the canal on the Michigan side of the rapids. The canal, which is in rock excavation, is separated by an island into two channels, each 108 ft. wide and 25 ft. deep. Each channel is closed by 16 wickets which can be lowered separately. Each wicket will consist of two parts, a frame and a shutter moy- 
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Fig. 65a. Movable Dam. New York Barge Canal 
able in the frame, It is expected that the frames will be lowered first, offering only a 
partial obstruction to the current, and when all are properly placed, the shutters, 
guided in the frames, will be lowered one at a time. This structure is similar to the 
one at the Canadian Canal which was successfully operated when lock gates were 
carried away in June, 1909. On the Panama Canal a safety device is used similar to 
that shown in Fig. 65. It is described in more detail on p. 1600; 
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22. 
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Statistics of Canals 

United States. Total approximate mileage and cost of construction are 

given in the table. 
* To June 30, 1907. 

Total length Cost of Includes expenditures 
Owned by ae ‘ construction | by prior owners. Since 

pA IN, | ROME Tg a above date the Cape 

United States Government. . 194.49 $42 443 357*| Cod Canal bas been 
States Taco us eee 1358.98 156 983 538 | transferred from he 
Private parties............ 635.58 50 573 160 | vate ownership to U.S. 

_ ee __—s«éd|:«sGoverrnmeent. 

Total in operation....... 2189.05 | 250 000 055* {Includes Chicago 
Abandoned canals....... 2444.26 81171374 | Sanitary and Ship 

Canal, built by Sanitary 

Boo ee 4633.31 331171429 | District of Chicago. 
beh 3 Length 32.95 miles. 

Cost $52 697 495. 
a. 

Illinois 

wees New York Barge Canal 

sippi 

Main Main Oswego — ripen 

Line Line Canal | Canal 

Wength. Miles. fF v.00 vem as aisles « 75** 338. 6* 23.8 62.6 92.7§ 

Width at bottom earth, ft........ §2 75 75 75 75 
Width at water surface earth, ft.... 80 123-171 | 123-171 | 123-171 | 123-171 
Wecte St. bottom Tock. Ttt tas oc. de piece yee 94 94 94 94 
Width at water surface rock, ft....|........ 96.4 96.4 96.4 96.4 
Width, bottoms in TVers, Te... <i. Perens cs ctors 100-200 | 100-200 | 100-200 | 100-200 
ADE DLN, pition 5 sawtette scene Se es ee 7 12 12 iW 12 

Nammiber Ob 1Ocksice on ee Oss 04 + overs 33 35 v 11 4 
Maximum lift, ft. «. .. .uhisws Ceres 12 40.5 27 19.50 26 

SROCAIIED EE Gs tus oh rob ere ois eel 292 364.75} 118.6 168.3 71 

Length of lock chamber, ft........ 170 339 339 339 339 
Useful length of lock, full width, ft.|........ 300 300 300 300 
Widthyot Jock#itdig. } ti schb. oa. 35 45 45 45 45 

Gulvertst Sh. Sct cece tacdebeitite st. In ma- | In side | In side | In side | In side 
sonry at} walls walls walls walls 
gates 

Number of inlets to chamber......].......- 16-28 18-28 16-28 16-28 
GabeGuty Des ow mais cele esine.e eee Miter ¢}| Miter (t)} Miter Miter Miter 

wood 
Gates, material............. see-s| Wood Steel Steel Steel 
ValRES Sty Pewee Skate eit Butterfly q q 

Speed allowed, miles per hour..... 6 6 6 
Motive power..........e..es2+.--| Any {Steam or/Steam or|Steam or|Steam or 

gasoline | gasoline | gasoline | gasoline 
Cost of maintenance per year..... SLTSLOOOWSE ousi> |e sella amie soy ete Eee ove ees ahetelee 
Time required for passage, hr...... QUOI ae «ss aifis ta cohs GAR a deve Qotlaeen cae eg ce 
Bank protection........ pie how, ate Riprap | Riprap | Riprap | Riprap | Riprap 
Tightenings islet. sais weigaieae N None Steel Steel Steel Steel 

piling piling piling piling 
concrete |concrete |concrete | concrete 

clay clay clay 

* Hudson River to Niagara River. 
§ Includes Cayuga Lake 31.2 and Seneca Lake 34.4. 
4 Rectangular steel frame valves on wheels, see Fig. 62. 
** Not including 29.3 miles of navigable feeder. +t+Tumble gates at head of 14 locks. 

+ 1 lift gate Little Falls. } Land lines, 
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Nearly all the canals built by the United States Government are lateral canals, avoiding rapids in the natural waterways and providing for steam- boats as well as barges. The most important one is the St. Marys Falls Canal, which will be described as one of the great ship canals (see p. 1598). 
The Colbert Shoals Canal is typical of lateral canals along navigable rivers. It avoids Big Tree and Colbert Shoals in the Tennessee River; length 8 miles, depth at low water 7 ft. Width for lower 5-1/2 miles in earth excavation 112 ft. at bottom, 140 ft. at low-water surface, side slopes 2 : 1. Width for upper 2-1/2 miles, mainly in rock excavation, 175 ft. at bottom, about 190 ft. at water surface. Lock at lower end of canal: available length 350 ft., width 80 ft. Lift, maximum at extreme low water, 26 ft. Mitering gates steel, circular in plan. Culverts in side walls for filling and discharging, 8.6 ft. by 9 ft., with 11 openings into the chamber from each wall. Valves of the Stoney type. Banks 20 ft. wide at top extend 9.5 ft. above low-water line and are protected Bermuda by grass above that line. Side drainage received into the canal usually through culverts.. Five waste-weirs, each 100 ft. long, are built into the bank on the river side, exclusive of a guide wall 7000 ft. long at head of canal serving also asa weir. Crests of weirs 0.5 ft. above low-water surface. 

Only two canals with summit levels and intended for boat or barge navi- gation have been undertaken within recent years in the United States. One of these is the Illinois and Mississippi Canal (also called “ Hennepin ” Canal), and the other is the New York Barge Canal with its branches, the Oswego, Champlain, Cayuga and Seneca canals. 
Traffic in the boat canals of the United States has been steadily decreasing with increasing competition of the railroads and motor vehicles, and this has not been checked materially by the removal of tolls and the assumption of fixed charges and operating expenses by the state. On the continent of Europe, where the canals are generally owned by the state and free from tolls, the assumption of construction, operation and maintenance by the state enables water transportation to compete with rail, and traffic on the water- ways is increasing. 

' New York Barge Canal. The Barge Canal is the improvement of four existing canals, and consists of (1) the Erie, stretching across the state from east to west and joining the Hudson River and Lake Erie; (2) the Champlain, running north from the eastern Erie terminus to Lake Champlain; (3) the Oswego, starting north midway on the Erie and reaching Lake Ontario; (4) the Cayuga and Seneca, leaving the Erie a little west of the Oswego junction and extending south, first to Cayuga lake and then to Seneca lake. 
The Barge Canal is largely a river canalization project, natural water-courses being available for much of its length. With intervening lakes and adjoining rivers there is a total length of a little more than 800 miles in the state’s internal waterway system 

that is of Barge Canal dimensions. 
The main water supply is taken from Lake Erie, from reservoirs in the Adirondack region and from the upper Hudson River. The supply is adequate not only for the 10 000 000 tons seasona’ traffic for which the canal was designed, but also for the maxi- mum traffic which the canal is capable of handling, namely, from 18500000 to 

20 000 000 tons per season. 
The locks on all branches of the canal are of standard dimensions. The lifts range from 6 ft. to 40-1/2 ft. They are built of concrete throughout and except on rock or hardpan have pile foundations. Within each side wall runs a culvert for filling and emptying the lock. The culverts are connected with ports that open into the chamber at the bottoms of the walls. With a few exceptions the lock gates are of the mitering, girder type, carrying the principal load as beams. They are built of steel, with single skin-plates, have white-oak quoin and toe Posts, swing on cast-steel pivots set in the concrete, are held at the top by adjustable anchorage and bear against cast-iron quoin plates bolted into the side walls. In general a power station at each lock supplies the 

energy for operating and lighting the lock. A majority of these installations are hydroelectric, but at locks beside movable dams gasoline-electric stations are employed. 
At about fifty cities and villages along the waterways the state has built terminals, which provide suitable dockage, mechanical devices for handling goods quickly and 
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cheaply, a building for temporary storage and, where possible, railway connections— 
all available to any shipper or boatman. 

France. Practically the whole of the canal system is owned and controlled by the 
state. In 1905 the total length of canals in use was 3010 miles. The more important 
canals have a bottom width of 33 ft. or more; depth 6.6 ft. to 7.25 ft. 

Belgium. The total mileage of the waterways (canals and rivers) is 1345 miles. 
The total length of the more important canals is 334 miles. The total lift at 141 locks 
(excluding lifts) is 1445 ft. The total lift at 4 lifts (1 completed, 4 building) is 217 ft. 
When new work or enlargement is taken up the locks are given greater lifts, up to 
14.8 ft., and water saving effected by side ponds. 

Germany. The total length of the waterways on which the traffic is of importance 
is 6200 miles and the total lift at 359 locks (excluding lifts) is 3129 ft. In the canal 
connecting most directly with the French waterways the width at the water surface 
is about 52 ft., at the bottom 33 ft., depth 6.6 ft.; useful length of locks 126 ft., width 
17 ft., adapted for use of boats on the French and Belgian canals. 

Great Britain. The canals were built by independent companies, without assistance 
from the state. Nearly one-third of the total mileage has been acquired by railway 
companies. The total length is 3811 miles (Eng. News, Apr. 16, 1890). The annual 
traffic on the independent canals is about 33 000 000 tons; on the railway-owned 
canals, about 6 000 000. The greater part of the traffic is short distance, there being 
no uniformity of canal dimensions, making frequent transshipment necessary on 
through business. Excluding the ship canals, only 10% of the total mileage has a 
depth of 6 ft. or more, while 46% has a depth of less than 4 ft. On account of the 
diverse ownership a material extension or improvement of the boat canal system is 
not expected. 

Holland. There are 265 canals, with a total length of 2100 miles, of which about 
5% belongs to the state; the remaining canals are under control of provincial or 
municipal authorities, administrative corporations, or private companies. Many of 
these canals are designed primarily for drainage, and some of the branch canals can 
be navigated only by small boats poled or towed by manual labor. Power boats and 
tugs are used on the larger canals. On the Merwede Canal recently built, length 
43-3/4 miles, 106 ft. wide at water surface, 66 ft. at bottom, 10.2 ft. minimum depth, 
the tugs tow trains of 12 boats. This canal cost $8 480 000 for construction; annual 
maintenance $103 000. All the canals owned by the state, and nearly all the others, 
are free from tolls. 

23. Ship Canals 

Suez Canal. Connects the Mediterranean Sea and the Red Sea. Shortens 
the sailing distance from northern Europe to India, about 5000. miles; to 
Australia about 1000 miles. Total length of canal including harbor at Port 
Said and roadsteads at both ends 104.08 miles. Minimum depth 31.1 ft. 
Width at this depth (excluding harbor and roadsteads) 108.26 to 118.11 ft., 

widened on curves to 131 to 262 ft. There are 23 passing places where the 
bottom width is increased to 147.63 ft. for a length of 2460 ft., reducing at each 
end to standard width in a distance of 984 ft. Side slopes vary from 2 : 1 to 
3:1 or flatter. The width and depth are being increased gradually. Cost 

of the work up to the end of 1908 was $122 275 000. | Expenses during 1908 
were about $8 668 000 and net profits about $12 850 000. 

On account of the tides and effect of the wind in the Mediterranean and Red seas 
currents are produced in the canal reaching 1-1/3 miles per hour between the Bitter 
Lakes and Port Said, and 3 miles per hour between the Lakes and Suez. The speed 
of vessels is limited to 7-3/4 miles per hour on the 28-mile tangent beginning at Port 
Said, and to 6.2 miles per hour elsewhere in canal sections. A high speed is permitted 
in the lakes. The average time actually consumed in passing the canal is from 18 to 
19 hours. 

Corinth Canal. Connects Gulf of Corinth with Gulf of Aigina,. Is at sea 
level. Shortens sailing distance from Adriatic ports about 175 miles, and 
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from Mediterranean ports about 100 miles. The canal is 3.91. miles long. 
The great central cut is 2-1/2 miles long with a maximum depth of 286 ft. 
from surface of ground to bottom of canal. The canal is 26.64 ft. deep and 
has a bottom width of 68.9 {t. The sides have a batter or slope of 1 horizontal 
to 4 vertical (1: 4). Unless vessels move very slowly they strike the sides of 
the cut frequently. The traffic is small. 

Manchester Canal. Connects Manchester with the River Mersey at 
Eastham near Liverpool. It is 35-1/2 miles long; when opened for navigation 
(1894) its depth was 26 ft.; ruling bottom width 120 ft. Side slopes in earth 
from 1: 1to3:1,inrock1:5. Fora distance of four miles from Manchester 
the bottom width was 170 ft. The depth of water on the lock sills was made 
28 ft., and the canal was deepened to that depth. 

The Manchester level is 70 ft. above mean tide at Eastham, and is reached in five 
lifts, varying from 9 ft. 6 in. to 16 ft. 6 in.; the smallest lift is at Eastham and over- 
comes the difference of level between mean tide and mean high water. 

At the Eastham terminus there are three parallel locks having the length and width 
respectively, of 600 ft. by 80 ft., 350 ft. by 50 ft., and 150 ft. by 30 ft.; the lengths 
given are from quoin to quoin. At the other fock sites there are only two parallel locks, 

” respectively, 600 ft. by 80 ft. and 350 ft. by 50 ft. 

Each set of locks is paralleled by a sluiceway, with sluice gates of the Stoney type 
20 to 30 ft. wide (30 ft. except at Eastham), and with sills at the same level as the upper 
sill of the adjacent lock. Each 30-ft. gate has a discharging capacity of about 6500 
cu. ft. per second. There are three to five (excluding Eastham) such outlets in each 
sluiceway, so that in times of flood strong currents may be set up for short periods. 
The smaller sluiceway at Eastham is supplemented by extensive sluices in the bank of 
the canal in the level immediately above. The speed permitted is 6 miles per hour for 
the largest vessels, rising to 12 miles or more for smaller vessels and tugs. The time 
required for passing through the canal varies from 5 to 8 hours. 

Kiel Canal. Connects Baltic and North seas. It is 61.31 miles long, 36.08 
ft. deep, 144.32 ft. wide at bottom, 333.74 ft. and upward at water surface. 
The width is increased on curves at bottom. The canal has 11 passing places, 
four of which are 984 ft. wide at bottom to serve as turning places; the others 
are 439.52 ft. wide at bottom, length 1968 to 3608 ft. There is a lock at each 
end of the canal with ebb and flood gates at each end of the lock. “Normal 
water level in the canal is mean tide in the Baltic. There is also in each an 
intermediate pair of ebb gates and one pair of flood gates, permitting use of a 
shorter lock chamber. The locks have a useful length of 984 ft., width 147 ft. 
8 in., depth on sills 45 ft. 

The speed allowed by regulations is 9.3 miles per hour, but the largest vessels cannot 
attain this. The time required to pass through varies with the draft, from about 
8 hours for the smaller vessels to 13 or 14 hours for the larger. 

Amsterdam Canal. Connects the North Sea at Ymuiden with Amsterdam 
and also with Zuyder Zee. Its principal purpose is to make Amsterdam a 
seaport. Its length from the North Sea locks at Ymuiden to the Zuyder Zee 
locks is 17.4 miles, and from the North Sea locks to the entrance to Ymuiden 
Harbor about 2 miles, making a total of 19.4 miles. Depth 32.14 ft. below 
*‘ ordinary water-level’; width at bottom, 164 ft. on tangents increased to 

196.8 ft. on curves. Side slopes generally 3 : 1 with a berm of varying width 
and depth. 

The new great lock at Ymuiden is intended to accommodate vessels of the maximum 
length of 721.6 ft., width 82 ft., draft 30.18 ft. It has intermediate gates to permit 
the use of a shorter lock for smal] vessels, and ebb and flood gates, making 6 pairs in 
all. “The operating machinery is electric throughout, and it is the second ship-canal 
lock to be so equipped. i ; 

The speed permitted varies with the draft of vessel; it is 6.52 miles per hour for 
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vessels drawing 19.68 ft. or more, 7.45 miles per hour for vessels drawing 13.12 to 
19.68 ft. and 9.32 miles per hour for vessels drawing less than 13.12 ft. 

Leningrad and Cronstadt Canal. Connects deep water in the roadstead 
in the Gulf of Finland with one of the delta mouths of the River Neva at 
Leningrad, and it is intended to make Leningrad a seaport. It consists of 
a channel about 17-3/4 miles long dredged in the open water of the bay and 
across the Neva bar and protected by dikes for a distance of about 6 miles at 
the upper end. Its depth was made 28 ft. Bottom width from 213 to 
275-1/2 ft. in the diked portion and 355-1/2 ft. in the portion not diked. 

Cape Cod Canal. Sea level canal connecting Cape Cod Bay and Buz- 
zards Bay; shortens the sailing distance from Boston to New York by 66 miles 
and avoids the dangerous Cape Cod coast. Highest part of ridge cut through 
was 29 ft. above mean sea level. Material chiefly sand. Length of canal 
proper 8 miles, 25 ft. deep at low water, 100 ft. wide at bottom, side slopes 
lon2. There are 5 miles of approach channels having bottom widths of 250 
ft. and 300 ft. and side slopes of 1 on 3. Mean range of tide at one end 8.9 
at the other end 3.6 ft. This tidal difference produced velocities as great as 
5 ft. per sec. Completed in 1915. 

St. Marys Falls Canals. These are lateral canals avoiding St. Marys Rapids 
in St. Marys River between Lakes Superior and Huron. There are two canals, 
one on the American side of the river and the other on the Canadian side. The 
fall in the rapids varies from about 17 to 21 ft. with the varying stages of the 
lakes and is overcome by one lift in each of the canals. 

The American Canal is about 1.6 miles along with four parallel and adjacent locks 
at the downstream.end. The canal consists of two channels, the Poe and Weitzel locks 
serving the old south channel, and the new third and fourth locks serving the new 
channel to the north. The Weitzel lock is 515 ft. long from quoin to quoin, 60 ft. wide 
at gates, 80 ft. wide in chamber and has from 15 to 17 ft. of water cn the sills. The 
Poe lock is 800 ft. long, 100 ft. wide, and has 20 to 22 ft. of water on the sills. The 
two new locks are each 1350 ft. long, 80 ft. wide, and have 24-1/2 to 26 ft. of water 
on the sills. : 

Upstream from the Poe and Weitzel locks is a narrow island on which is located the 
pivot pier of a swing bridge carrying the wickets and machinery of a movable dam, 
the purpose of which is to close this portion of the canal in case of a break at the locks 
permitting a free flow. (See Fig. 65, p. 1593.) 

The Canadian canal is 1.4 miles long, 141 ft. 8 in. wide at bottom, 150 ft. at water 
surface, and about 22 ft. deep. The single lock is 900 ft. long from quoin to quoin, 
60 ft. wide and has 20 to 22 ft. of water on the sills, depending on the varying 
stages of the lake. 

Canadian Canals from Lake Erie to Tidewater at Montreal 

Width, feet Locks 
Canal Length,| ———____— Total 
“oes! miles | Bot- | Water |Length,| Width, Depth, | Num- lift, 

tom |surface! ft. ft. |sills, ft.) ber ft. 

Welland........ 26.75 |.100.0 | 164.0 270.0} 45.0 14.0 26* . 1326.75 
New Welland. 25.00} 200.0 | 301.25} 800.0] 80.0 30.0 8* 1325.5 
Galopsii (i % > oo) . 44, {800 30 45.0 14.0 i 
alops 7 80.0 | 144.0 270.0) 45.6 14.0 ox 15.50 

Rapide Plat..... 3.67 80.0 | 152.0 270.0} 45.0 14.0 4 11.50 
Farran’s Point, . £225 90.0 | 154.0 800.0} 45.0 14.0 1 3.50 
Cornwall... ....4 11.00 | 100.0 | 164.0 270.0] 45.0 14.0 6 48.00 
Soulanges....... 14.00 | 100.0 | 164.0 280.0) 45-0 15.0 5* 84.50 
Lachine.) us2% 8.50 150. 0+ T 270.0) 45.0 14.18 5 45.00 

* One is a guard lock. + Minimum. f Variable. 
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I The two canals actually constitute one system. No charges are made to vessels 
_ Passing, which usually take the canal having the smaller number of waiting vessels. 
__ Hydraulic power is used at the American canal; the Canadian canal is operated elec- 

trically, and was the first ship canal to be provided with such operating machinery. 
_ A boat can be passed through the lock in either canal in 8 to 11 minutes, but on 

_ account mainly of fleet lockages, the average time for a lockage is about 33 minutes in 
the American canal. In the Canadian canal, where fleet lockages form a smaller pro- 
portion of the total time, the average is about 20 minutes. 

The time necessary to pass through the canal depends largely on the amount of 
traffic and the congestion resulting, and has varied in the American canal from 4 hr. 
58 min. in 1895, when only one lock was in operation, to 1 hr. 10 min. in 1900, when 

_ two locks were in use. With increased traffic since that date the time has increased 
‘ to 2 hr. 40 min. 

_ Panama Canal. Connects the Atlantic Ocean (Caribbean Sea) with the 
~ Pacific, crossing the Central American Isthmus in Lat. 9° N. and Long. 85° W. 

_ at approximately its narrowest and lowest point. It reduces the sailing dis- 
_ tance from New York to San Francisco by 7873 miles (5262 miles as compared 
_ with 13 135 miles via Magellan Straits) with a similar saving in distance to 
~ many ports in South America and the Orient. The canal is 50 miles long be- 

tween deep water in the two oceans. The average time of passage is 12 hours, 
the shortest recorded time is 6 hours 30 minutes. 

Its construction was begun in 1882, by the F rench, whose rights were 
acquired by the United States for $40 000 000 in 1904, when a Canal Zone 

_ 10 miles wide was secured from the Republic of Panama, for $10 000 000 anda 
perpetual rental of $250 000 per annum. The canal was completed by the 
U.S. Government in 1914. 

The canal is a lock canal with a summit level normally 85 ft. above mean 
tide in the two oceans, the maximum tidal range being 22 ft. at the Pacific and 
2 ft. at the Atlantic end. Its most distinctive feature is Gatun lake, an 
artificial body of water, 164 square miles in area, which forms the summit 

_ level. The lake provides wide and deep channels which permit vessels to 
travel at high speed for over half the distance between the two oceans. Its 
formation involved the building of a huge earth dam for closing the valley of 
the Chagres at Gatun and of three expensive groups of locks, but on the other 
hand, the depth of the summit cut at Culebra was reduced decidedly, and a 
large amouunt of excavation eliminated so that there was a decided saving in 
the total time and cost of construction in comparison with a sea level canal. 

As practically no excavation was required in the deeper portion of Gatun lake 
the work of building the canal resolved itself ‘essentially into the excava- 
tion of the sea level sections, and of the cut through the Continental Divide, 

the building of the Gatun and some smaller dams and the construction of the 
locks and spillways. Some details of the several parts of the work are given 
below: 

rs 
q 
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Beginning at the Atlantic end, the successive sections of the canal are the follow- 
ing: (1) A sea-level channel 7 miles long and of 500 ft. bottom width, extending to the 
locks and dam at Gatun. (2) Gatun lock flight with 3 lifts of about 28 ft. each. (3) 
Gatun lake at Elev. + 85 forming the summit level which extends across the Conti- 
nental Divide through the Culebra (Gaillard) Cut to the lock at Pedro Miguel. The 
total length of channel in the summit level is 32 miles, of which 16 miles is 1000 ft. 
wide, this section having a depth of 45 to 75 ft., 4-1/2 miles is 800 ft. wide, 4 miles is 
500 ft. wide, and 8 miles (in Culebra Cut) is 300 ft. wide. (4) Pedro Miguel lock with 
a 30-ft. single lift. (5) Miraflores Lake (area 1:6 sq. miles) at Elev. +55 with a 
channel 500 ft. wide, 1-1/2 miles long, and 45 ft. deep. (6) Miraflores Locks, a flight 
having two lifts of 22 to 33 ft. each, according to the tidal stage, and finally (7) A sea- 
level section 500 ft. wide and 7 miles long to deep water in the Pacific. 

It will be noted that, except in the locks, the channel has a minimum width of 
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300 ft. and a minimum depth of 45 ft. Where there is a change in the direction of 
the canal axis, instead of connecting the tangents by curves, the channel was widened 
so as to allow vessels to turn readily. 

Locks. The principal dimensions of the locks are shown in Figs. 53 and 54. , They 
have a clear width of 110 ft., a usable length of 1000 ft., and a minimum depth on the — 
sills of 41 ft. 4 in. There are twin chambers, with a central wall 60 ft. thick between | 
them, which is extended 1000 to 1200 ft, beyond each end of the lock—to act as a 
guide wall for vessels. 

For filling and emptying there is one longitudinal culvert 255 sq. ft. in cross-section 
(equal to a circle 18 ft.in diameter) in the middle wall and in each sidewall connecting 
with transverse culverts of elliptical section built in the lock floor, which are each 
41 sq. ft. in area and discharge upward into the lock chamber through 5 circular out- 
lets of 12 sq. ft. each. These laterals extend across the lock at intervals of about 35 ft., 
connecting alternately with the culverts in the side and middle walls. The main cul- 
verts are controlled by rising stem gate valves of the Stoney type, located close to 
the upper, intermediate and lower lock gates. They are 8 ft. wide and 18 ft. high and 
are placed in pairs separated by a dividing wall. As a safeguard, a duplicate set is 
provided close to each pair of valves. The valves are each opened and closed by a 
single valve stem, which extends through a horizontal cast-iron bulkhead, placed just 
above the valve, and fitted with a stuffing box. Thestem connects with a guided cross 
head, which is raised and lowered by 2 non-rising screws driven through reducing gears 
by a 50-hp. electric motor. The time of operation is one minute. Each lateral culvert 
leading from the middle wall is fitted with a cylindrical valve 78 in. in diameter, placed 
vertically, which is opened or closed in 10 seconds by a 7-hp. motor. 

Lock Gates. The lock gates are double-skin steel gates of the mitering type with air 
chambers. The sill angle is 26° 33’ 54”. There are duplicate operating gates at both 
ends of Pedro Miguel lock and at the upper chambers in the lock flights and an inter- 
mediate set in all the chambers except the lower ones at Miraflores. These subdivide 
the locks into usable lengths of $50 and 278 ft. A reverse guard gate is provided in 
the lower approach to each lock. There are in all 46 gates of 2 leaves each, weighing 
nearly 60 000 tons. The leaves are uniformly 65 ft. long and 7 ft. thick and vary in 
height from 47 to 82 ft. and in weight from 395 to 745 tons. ‘The horizontal girders 
which are spaced from 3 ft. 8 in. to 5 ft. apart have straight parallel sides and curved 
ends, See Fig. 57. The bearings along the quoin and miter posts and in the hollow 
quoins are polished steel plates. Their joints have proved to be absolutely water- 
tight. There is a wooden clapping sill with a rubber seal. 

The gate-moving machinery is of a novel type developed and first used on the 
Panama Canal. A horizontal strut is used, hinged at one end to the top of gate, and 
at the other to a crank pin fixed in a horizontal wheel 19 ft. in diameter (the so-called 
“bull wheel ”’), which is supported on the lockwall. This is turned by a 25-hp. motor 

through a series of reducing gears, the time for opening or closing a leaf being 2 minutes. 
The special merit of the design is the fact, due to the kinematics of the mechanism, that 
it gives the leaf a relatively slow motion at both ends of its travel, where the hydraulic 
resistances are greatest. 

Safeguards. The following safeguards are provided in the locks: (1) The duplicate 
lockgates mentioned above. (2) A novel system of chain fenders placed in the upper 
and lower approaches to all the locks and also just above the intermediate and lower 
gates in Pedro Miguel lock and in the upper chambers of the other two locks. They 
consist of 3-in. anchor chains stretched across the locks at the top, which are raised 
and lowered by vertical hydraulic cylinders in the walls. These chains serve to check 
vessels that may strike them, by paying out under strain, the amount of pull being 
regulated by relief valves on the cylinders. It has been shown by actual tests that a 
vessel of 18 000 tons displacement, moving at a speed of 2-1/2 miles per hour, can be 
readily brought to rest in a distance of 55 ft. without injury to the vessel or chain. 
(3) Electric towing locomotives, traveling on rack railways on the walls on both sides of 
the lock chambers, which are used in the case of all vessels for moving them during 
their passage through the entire length of the lock flight.. They exert a pull of about 
25 000 lb. and move at a speed of 1 or 2 miles per hour. (4) Emergency dams at the 
upper end of each lock for shutting off the flow of water in case of a serious accident to 
the lockgates, which has resulted in establishing a connection between the upper and 
lower levels. The dams are of the swing bridge type, similar in design to the movable 
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dam at the St. Marys Falls Canal, shown in Fig, 65. At Panama, there is an indepen- dent dam (supported on the side wall) for each twin lock fight. The arm spanning the lock is 164 ft. 3 in. long, while the other arm, which is 98 ft. long, carries a heavy con- 
crete counterweight and the operating machinery. The wicket girders are 60 ft. long, and spaced 9 ft.2in. apart. There are 5 wickets in each vertical bay, which roll down 
along the upstream flanges of the girders. In operation, the flow of water is to be gradually shut off by building up the wickets in horizontal tiers from the bottom. In 
still water, the dam has-been swung, and all the girders and wickets put in place, in 
26 minutes. 

All the machinery in the locks is operatedelectrically. The current, which is 3-phase 
at 25 cycles, is generated at 2200 and 6600 volts in a hydroelectric station at the spill- 
way in the Gatun dam operating under a head of 77 ft. Its present capacity is 13 140 
kw., to be ultimately increased to 22140 kw. There is also a reserve steam turbine 
plant of 7500 kw. capacity near Miraflores. The current is distributed at 6600 volts 
to transformer rooms in the lockwalls at Gatun, all motors operating at 220 volts, 
Tt is carried across the isthmus at 44 000 volts on an overhead transmission line sup- 
ported on structural steel frames along the line of the Panama Railroad. 

The machines for moving the lock gates, valves and chain fenders are located in small 
rooms in the lock walls just below the coping level, which are all connected by con- 
tinuous longitudinal tunnels. 

The principal machines in each of the three groups of locks are normally operated 
from a central control house on the middle wall. This contains a horizontal control 
board or table, which resembles a miniature ground plan of the lock, with models of 
the different gates, valves, etc., which open and close when the actual gates are being 
operated. Local control is also provided in the several machine rooms. The principal 
gates, lock gates and chain fenders are interlocked so as to guard against errors in 
operation. + 

In the operation of the locks, several novel and important hydraulic features have 
been observed: 

(1) A very unequal discharge from the several orifices in a given lateral culvert, the 
flow being greatest from the outlet farthest from the main culvert. This results in 
forcing a vessel in the lock strongly towards the wall from which filling is taking place 
and has made it necessary to use both culverts throughout the process of filling, thus 
obtaining a very uniform distribution and permitting a maximum rate of changing 
levels of 7.5 ft. per minute with safety. 

(2) An “ over travel ” of the water levels, due to the acceleration of the water in 
motion through the culverts. Owing to the great length and cross-section of the locks, 
this action, not taken into account in the ordinary formulas, is important, as it shortens 
the time of filling by about two minutes. 

The coefficients of flow are approximately: 

For filling— using side and middle wall culverts, C = .65 
using side wall only, Ce a7 

For emptying—using side and middle wall culverts, C = .67 
using side wall only, Cs 1S 

The time for filling (for a length of lock of 900 ft.) is 7 to 8 minutes, using both 
culverts, and 12.5 to 13.5 minutes using the side-wall culvert only. 

Dams. The Gatun dam is shown in cross-section in Fig. 13, No. 12. It is about 
1-1/2 miles long and polygonal in ground plan. The maximum bottom width is 2300 ft. 
The central portion of the cross-section, except near the top, was hydraulically filled, 
by pumping a mixture of sand and clay from the bed of the Chagres by 20-in. suction 
pumps, working in two lifts. The hydraulic fill was confined on each side by rock-fill 
dams, built for the purpose, which form a part of the main dam. The remainder of 
the cross-section is dry fill, earth and rock, brought partly from the Culebra Cut, partly 
from borrow pits close to the dam. There is no core-wall. The total volume of Gatun 
Dam is 22 958 000 cu. yd., of which 12 229 000 cu. yd. was dry fill. Its cost, exclusive 
of the spillway, was $9 871 635. The much smaller dams, at the Pedro Miguel and 
Miraflores locks, are of a similar character. 

Spillways. Lake Gatun is regulated entirely by a concrete spillway, built on a 
rocky ledge, which divides Gatun dam into two approximately equal parts. The total 
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watershed drained is 1320 sq. miles, the annual rainfall 120 in., with a runoff of 62 %. 
The yearly evaporation of the lake area is 60 in., while there is no appreciable seepage. 

The maximum observed momentary discharge of the river was 175 000 cu. ft. per 
sec., the maximum for 33 hours, 137 500 cu. ft. per sec., and for 48 hours 120 000 cu. ft. 
per sec. The spillway has a capacity of 180 000 cu. ft. per sec., with the lake at + 87. 
It is circular in plan with 14 clear openings of 45 ft. controlled by electrically operated 
Stoney gates 19 ft. high. The crest is at +69. 
A similar spillway but straight in plan, with 8 openings of 45 ft., is provided adjacent 

to Miraflores lock, as a safeguard in case of a serious accident to the Pedro Miguel lock. 
Its capacity is about 92 000 cu. ft. per sec. 

Capacity of the Canal. The maximum number of complete lockages at both ends 
of the canal possible with an unlimited water supply is about 48 in 24 hours, corre- 
sponding to the passage through the canal of 60 commercial vessels of average size. 
With the present provisions for water storage, the practicable number of lockages is 
much lower, varying with the power demands and the rainfall in different years. In 
average years 21 lockages will be possible even when operating the power plant at its 
full projected capacity of 22140 kw. In very dry years, the number would be still 
smaller, but the capacity of the canal can be largely increased by using the auxiliary 
steam plant for part of the year, or by providing additional storage by reservoirs on 
the upper Chagres. 

Excavation. The earth and rock excavation formed the largest single item in the 
canal construction, its cost amounting to nearly half the total cost of the canal. To 
June 30, 1918, the total excavation was 267 834 201 cu. yd., of which 130 465 874 cu. yd. 
was dry excavation, the rest being removed by dredging and hydraulic methods. Apart from a portion of the lock excavation and a few short channel sections elsewhere, the dry excavation was confined almost wholly to the 8-3/4 miles of thé Culebra Cut, which 
included all the most difficult work. The prism section is shown in Fig. 46. The ex- 
cavation below the berm was wholly in rock as was fully 70% of all the ‘excavation in 
the cut. The established slope above Elev. + 95 was 2 on 3, which was generally main- tained except in the deepest portion close to the Continental Divide. This section, not over 7/8 mile long, was the scene of the serious slides which delayed the opening of the canal and subsequently stopped navigation for many months. These slides have been practically overcome by flattening the slopes to approximately 1 on 7 by dredging after the channel was filled with water in October, 1913. The material removed from the slides to June 30, 1918, was about 56 000 000 cu. yd. 

The wet excavation, mainly in the sea-level sections, the lock pits and the slides, was carried on by an elaborate plant, comprising suction, ladder and dipper dredges of varied types and great capacity. Hydraulic sluicing was also resorted to on some parts of the work. 

Aids to Navigation. In addition to the lighthouses at the entrances to the canal a complete system of range lights, beacons, and buoys marks the channel clearly both by day and at night. The tangents in the lake and sea-level channels are defined by range lights, vessels going in opposite directions using different ranges giving courses 200 to 250 ft. apart, a somewhat novel arrangement. In the Culebra Cut, beacons placed at frequent intervals on the banks take the place of range lights. . There are also numerous gas buoys at the sides of the channel. 

Terminals. Both terminals are protected by rock-fill breakwaters, giving ample anchorage space, and are equipped with concrete and steel piers for the transfer of freight. At the Pacific end, there is a concrete drydock with a clear width of 110 ft. and a usable length of 1000 ft., close to which large repair shops have been built. There are very complete coaling plants at each end of the canal, the one at the Atlantic end having a maximum storage capacity of 100 000 tons of submerged and 350 000 tons of dry coal. The corresponding figures for the Pacific Plant are 44 500 and 167 000 tons. 
Total Cost of Canal. The total amount charged to Canal construction to June 30, 1918, is given on p. 1603; but a considerable additional sum since expended for dredg- ing out the slides and for many other purposes should properly be charged to capital account. In the figures given, an overhead charge is included, covering general and administrative costs, expenses for hospital and sanitation, etc. An additional sum of $30 000 000 was appropriated for fortifications. 
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Cost of Construction of Panama Canal to June 30, 1918 eo 
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24. Power, Drainage, and Irrigation Canals 

Cross-Sections. Unlined canals in earth have usually a large trapezoidal 
section, at least when first built. The side slope must be fixed with reference 
to the character of the soil in which the canal lies. . It is usually assumed that 
the slope should be a little flatter than the angle of repose of the earth in water. 
In very light fine soil the slope may be as great as 3 or 4 horizontal to.1 verti- 
cal; in clayey loam or coarse soil or ordinary firm soil 1-1/2 or 2 horizontal 
to 1 vertical; in firm clayey gravel or hardpan or firm clay 1-1/4 or 1 horizontal 
to 1 vertical. Experiment with the earth 
of the locality may be necessary, to fix 
the best side slope. 

Trapezoidal Sections. Having the 
side slope fixed, the relation of depth to 
breadth may be chosen. The efficiency 
of canals used as aqueducts, other 
things being equal, is directly propor- 
tional to the square root of the hydraulic Fig. 66 
radius. Let 6, d and w be as in Fig. 
66, A the area of cross-section, p the wetted perimeter and ¢ the hydraulic 
radius. The values of b and d which will furnish a section of the maximum 
hydraulic radius for a given value of A, are given by the formulas: 

hee were daar AE, yfieary! 40 Baths ye: ere | 2 — cosa sin a p 

The table, p. 1604, computed by these formulas, gives the yalues of d, 6, pand rin terms of A, which will furnish sections of maximum hydraulic radius, and consequently 
maximum efficiency, for various slopes in common use. 

The Semicircular Section has the greatest hydraulic radius for a given 
area of cross-sectlon, but it is only practicable when lined with concrete or 
steel. Fora given A, the formulas are 

d = 0.798 \/A p = 1.773 >/A = 0.564 V/A. 
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Slope d 

1 on 3 18° 26’ | 0.548-/A | 0. te 0.274-/ A 
1 on 2 26° 34’ | 0.636~/A | 0. 5: 0.318-\/A 
4 on7 29° 45’ | 0.662>/A | 0. 3 0.331VA 
2 on 3 33° 41’ | 0.689>/4 | 0. 2) 0.345\/A 
4on 5 38° 40’ | 0.716-~/A | 0. va 0.358-\/A 
1 on 1 45° 0° | 0.740°~/A | 0. 2. 0.370VA 
3 on 2 56° 19’ | .0.759*/A | 0. Qe 0.379-\/A 
7 on 4 60° 15’ | 0.760\/A | 0. r* 0.380°/ A 
2 on 1 63° 26’ | 0.759\/A | 0. 2. 0.379 A 

[ Vertical 90° 0’ 0.707 A+} 1. 2) 0.354-\/A 

For small canals the equations above will often fix the best dimensions, but there are 
numerous considerations which may modify the section. If the canal is very large the 
excavation may be enough cheaper fora shallower canal, so that the necessary greater 
sectional area may be removed more economically than the smaller section of equal 
capacity. This will depend much upon the methods of excavation and the type of 
machinery used. Again, losses from seepage increase with depth, so that where such 
losses are liable to become important, or where the bottom of a deep canal would reach 
an open impervious stratum, it may be wise to adopt a shallower section than would 
otherwise be economical. On the other hand, for canals on side hills, a still deeper 
section of greater area may be more economical. 

Small canals are subject to a reduction of cross-section by encroachment of vegeta- 
‘ion on the banks, and by silting. Jeffreys, in Professional Papers on Indian Engineer- 

ing, says: ‘‘ Whatever slope is 
adopted in construction it is found 
that this cannot be maintained 
after the channel has been in use 
some time. A distributary at the 
close of an irrigating season invari- 
ably assumes the shape seen’ in 

Fig. 67 Fig. 67.. When the time for, clear- 
ance comes around the engineer in 

charge, if he is wise, will not attempt to restore the original section..... The 
custom in the Ganges Canal distributaries is to trim off the slope at 1/2 to 1, as shown 
by dotted lines a—b and c-d.” 

The canal may be all in cutting, or all in embankment, or part in each. Each type 
has its advantages and disadvantages, depending on the local condition. In some 
localities canals in cutting may be cheaper in maintenance and suffer less loss from 
seepage; the drainage from the surrounding territory may be more easily handled: 
In other localities there may be danger of reaching an open pervious stratum in cutting 
which may require lining to prevent excessive loss. 

Irrigation Canals all in embankment are sometimes necessary to command 
the surrounding land or for short lengths to avoid long detours. It is easier 
with this type, if for any reason it becomes necessary to avoid absorbing the 
drainage of the country, to pass that drainage across the line of the canal in 
culverts. The disadvantages are the danger that the banks may break, the 
higher cost of construction, inspection, and maintenance, and, usually, the 
greater loss by seepage, which in some cases is further objectionable by form- 
ing stagnant pools on the neighboring land. This type of canal generally 
costs more than either of the other two types. 

The advantages of the type in which the section is part cutting and part embankment 
are that it is usually the cheapest and quickest constructed, that for irrigation it is high 
enough to command the neighboring land, and that the head of water against the 
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embankments is usually small enough to reduce to little or nothing seepage through 
the banks. 

Limiting Velocities. Loss of head is to be avoided as much as possible in 
power canals, whereas in irrigation and drainage canals the velocity will often 
be limited only by the ability of the earth of the banks and bed to resist 
erosion. The velocity should be great enough to prevent the growth of weeds 
and the deposit of silt, and not so great as to cause erosion. The experiments 
of Du Buat give velocities in feet per second next to the bed of the canal which 
will begin to erode various materials as follows: 0.25 for soft clay, 0.50 for 
fine sand, 0,70 for gravel as large as peas, 2.2 for gravel 1 in. in diameter, 3.3 
for pebbles 1-1/2 in. in diameter, 4.0 for heavy shingle. 

Seepage. Sometimes power canals, and usually irrigation canals, are 
located on hillsides well above ground-water level, so that seepage from 
unlined canals often amounts to 25%, and sometimes 50%, of the total water 

entering their headworks. For example, from 20 irrigation canals in opera- 
tion, taken at random, including canals in France, Belgium, Italy and the 
United States, the average loss from seepage expressed in depth times area 

- of the water surface of the canal was 3.8 ft. depth per day. Omitting two 
which were between 6 and 7 ft. per day, the average was 1.5 ft. depth per day. 
In gravel the loss was from 3 to 7 ft. depth per day; in sandy soils 1 to 2 ft.; in 
sandy loam and firm compact alluvial soil 0.2 ft. to-1 ft. depth per day. These 
canals. varied in depth from 2 to 8 ft, 

The common remedies for loss by seepage are silting, puddling, and lining with con- 
crete. Excessive losses are likely to be in some short length. Good results are Teported 
to have been obtained by producing stagnant water, which is then made turbid by 
dumping pulverized clay or other fine material. If the canal water is normally turbid, 
slack water may be formed by a temporary weir and silting encouraged at the leaky 
length. A more effective method, but more expensive, is to puddle the bottom and 
sides with clay when the canal is drained. It may be necessary to protect the puddle 
from erosion by a layer of coarser material. Where the saving will warrant the expense, 
the canal may be lined with concrete, as has been done in the case of numerous canals 
in California. 

Canal Linings. Power canals in earth are frequently lined with either 
timber or concrete to reduce the friction and assure permanency of the cross- 
section. The timber lining consists of mud sills laid at right angles to the 

Fig. 68. Three Types of Concrete Lining 

direction of flow and planed plank flooring spiked to the mud sills. The 
mud sills may rest upon and be held down by bearing piles or be held down 
by rods to masonry anchors. Fig. 68 shows linings used in the West. 

If the ground is very firm, concrete may be Jaid upon it without other support; in 
very soft ground bearing piles may be necessary, care being taken, however, that the 
concrete is in contact with the ground. The concrete should be deposited back of very 
smooth forms in order to get a smooth surface. For irrigation canals the concrete-lined 
canal not only costs less to maintain, and prevents loss of water by seepage, but the 
first cost is often less than for an unlined canal, for the allowable velocities may be 
from two to four times as great and the section correspondingly smaller. 

For the Tieton Canal (left-hand cut of Fig. 68) the reinforced-concrete 
lining was molded in steel forms in sections 2 ft. long which were later trans- 
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ported on cars to the canal and set in position by derricks; each section weigh- 
ing about 1800 Ib. was 4 in. thick, of gravel concrete reinforced by 3/8-in. 
corrugated rods 4 in. apart. Each section was stiffened by a 4in. by 6-in. 
crossbar reinforced by two 3/8-in. rods. The molds were removed after about 
3 days and the section allowed to harden for at least 30 days, during which 
time it was frequently sprinkled. The sections were set in place about 1-1/2 
in. apart and immediately backfilled with earth which on the lower quarter 
was selected and tamped in from the ends with the greatest care; above this 
the backfilling was placed from above. The 1-1/2-in. space between sections 
was later filled with rich concrete of fine aggregate which would pass a 1/2-in. 
ring. The joint was rubbed smooth on the inside before the joining concrete 
was completely set.. The canal has a fall of 8.71 ft. per mile and was designed 
to have a capacity of 300 sec.-ft. A test in the completed canal gave a value 
of .012 for the coefficient x in Kutter’s formula. The gross cost, exclusive of 
excavation, of 13 000 ft. of the concrete lining was found to be $5.80 per foot. 

SHAFTS AND BORINGS 

25. Timbered Shafts 

Timbered shafts are sunk vertically by mining much the same as a heading 

laid out on the ground. 

SINK polings or sheeting; inside, 

vated to a little above or 

is driven horizontally. A frame of four waling timbers joined at their ends, 

Outside are driven vertical 
NK 
HAT MS as the sheeting is being 

oe it a little below its lower 

Mi 

forming a rectangle, is 

Sri 
driven, the earth is exca- 

end, depending upon 
whether the ground is 
soft or hard. As soon as 
the excavation is from 2 
to 5 ft. below one frame 
a new frame is placed, 
and so on to the depth 
of the length of the sheet- 
ing; a new frame is then 
set with clearance for a 
new set of sheeting. If the 
shaft is to be shallow it 

(d) may be started large 
Fig. 69. ° Timbered Shafts enough at the top so that the sheeting may be verti- cal, and the shaft reduced in size by the thickness of’ the timbering at the bottom of each set of sheeting, which may be from 10 to 20 ft. long, as in Fig. 69a, If the shaft is to be deep, the sheeting will ordinarily be 5 or 6 ft. polings, as in Fig. 690. : 

The main thing to be avoided in shaft sinking is the starting of a general movement of the earth. The great danger is that cavities will be left or formed back of the timbering or that the timbering though not slack will have to deflect to develop resistance and a small progressive movement of the earth will be started which may extend to the surface. The precautions are, if possible, to allow no cavity to form, 
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_ securely pack any accidental one, and to wedge all timbering tight against the sheet- 
ing so that it will develop resistance before the sheeting begins to move. Perhaps 

the greatest danger is in water-bearing earth, where leakage is liable to bring into the 
shaft earth in such small amounts that they are not noticeable but may form cavities 
back of the sheeting in time. 

In rock shafts the principal use of timbering is to prevent the falling of loose pieces 
from the sides of the shaft, endangering the workmen below. If the rock is fairly 
good, the timbering is usually kept from 10 to 30 or 40 ft. behind the excavation. It is 
not an uncommon practice te place the permanent lining, usually of concrete, in 
short lengths 40 or 50 ft. above the bottom ef the shaft as the work of excavation 
progresses. 

The method of open excavation and timbering or otherwise lining the shaft as sink- 
ing progresses is no doubt cheaper, where practicable, than any other method that 
has been devised, but when quicksand or other soft material is encountered or where 
rock yielding too much water is encountered, the method may be either impossible or 
impracticable. For such cases various devices have been used, notably caissons sunk 
by the aid of compressed air, drop shaft, freezing process, and under-water boring. 

Shafts by caissons are frequently used in tunnel construction for railroads. 
The depth of compressed air work is limited by the pressure at which work 

- becomes either too expensive or too dangerous. After a depth of 70 ft. below 
water is reached the cost of labor in compressed air increases very rapidly on 
account of both greater wages and shorter hours. Very little caisson work 
has been done under heads of over 100 ft. 

26. Drop Shafts 

Drop shafts are sunk by building a heavy lining, usually circular, upon 
the surface, and then excavating the earth inside, allowing the structure to 
settle slowly into the ground. Drop shafts have been used in a great variety 
of places, from small wells a few feet deep to mine shafts 20 ft. in diameter 
and over 500 ft. deep. The shell or lining may be of timber, masonry, brick, 
reinforced concrete, cast iron or steel. 

Several very large drop shafts of moderate depth in water-bearing soi] have been 
built circular of brick masonry provided with a cast-iron shoe or cutting edge at the 
bottom. A large number of small drop shafts, having steel plate shells, have been 
sunk for foundation work. Most.drop shafts for deep mines have had shells of cast- 
iron rings with, in some cases, steel shoes for cutting edges. The excavation in some 
cases has been by hand, but usually drop shafts are in water-bearing strata, often in 
quicksand, and the water is allowed to fill the interior while the earth is removed by 
under-water excavators, such as chain-bucket dredges, grab buckets, and sand pumps. 

In moderate-depth shafts the weight of the lining is usually sufficient to overcome 
friction on the sides. In the case of deep shafts this is not the case, and the lining must 
be weighted with pig iron or sand or be forced down by jacks. Water or air jets which 
may be forced up along the exterior surface have been used to reduce friction on the 
exterior, but it has frequently been necessary to abandon the sinking of the first shell 
and proceed with a lining of a smaller diameter sunk inside the outer lining, which will 
be subject to friction only below the depth of the bottom of the exterior lining. 

The cost of drop shafts is often less than sinking by compressed air, the freezing 
process, or the boring method. The method is, however, less sure than any of these. 
In the drop-shaft method the lining is very liable to be distorted, and in some cases 
ruptured, due to drawing in material from outside the lining, forming cavities, which 
results in unequal pressures. 

27. Freezing Process for Shafts 

About 60 shafts, mostly in northern Europe (France, Germany, and Bel- 
gium), were sunk up to 1910 by the aid of the freezing process. The general 

features of all cases are indicated by Fig. 70. Vertical pipes are sunk, usually 
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forming a circle in plan, completely surrounding the site of the proposed 
shaft; inside each pipe is placed a smaller pipe, called a circulating tube, open- 
ing into the outer pipe at the lower end. These circulating tubes are all 
joined together at the top by a pipe known as the circulating ting. The 
freezing pipes are joined together at the top by a similar ring called the col- 
lector ring. Cold brine at a temperature of from — 10° to — 30° F. is then 

Fig. 70. Freezing Process for Shafts 

pumped into the circulating ring and down the circulating tubes, back up 
the freezing tubes to the freezing machine. 

The freezing pipes are put down by one of the well-known boring methods. Origi- nally the casing of the bore hole was used for the freezing pipe. On account of the 
difficulty of closing the lower end of the pipe and making all joints of the casing 
watertight, in all later work the freezing pipes are put together and tested on the sur- face and then lowered into the bore hole, after which the casing is withdrawn. The freezing pipes are 4 to 6 in. in diameter, the circulating pipes 1 to 1-1/2 in. 

In the center of the shaft an equilibrium pipe is usually sunk. This pipe is kept open, as a vent, for the escape of water forced out of the interior mass by the expan- sion of the freezing material; it is sometimes necessary to keep this open with a steam pipe, because rock or clay strata will freeze much faster than quicksand and Possibly congeal to the equilibrium pipe and freeze it before the lower sand strata are frozen. 
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It is very difficult to keep deep bore holes for the freezing pipes from departing from 
the vertical. Long freezing pipes are very likely to spring a leak from contraction at 
low temperatures. Both these considerations have led to the attempt to do the shaft 
in shorter lengths, say 150 ft. in height. The time required for freezing a solid wall 
about the shaft site will vary with the character of the strata, size and distance apart 
of the freezing pipes, and the temperature at which the brine is maintained. The 
freezing usually continues from 4 to 10 months or longer. After an ice wall has been 
formed around the site of the shaft, the shaft may be sunk by hand methods and lined 
as the excavation progresses or it may be sunk As a drop shaft. 

28. Shaft Sinking by Borings 
The Kird-Chaudron System for sinking shafts in water-bearing rock strata 

is almost identically the same method as ordinary well drilling except that it 
d is ona very large scale. In 

Fig. 71 a very large chopping 
bit or trepan is seen at a, 
which may be from 10 to 15 
ft. in diameter, weighs from 
30 000 to 50 000 Ib., and cuts 
a hole the full diameter of the 
shaft; b are rods, usually of 
wood, each about 65 ft. long, 
connected by iron links; c isa 
bar in a swivel joint and screw 
connection by which the tool 
is rotated and lowered slightly 

between the blows; dis a walking beam which 
alternately lifts and drops the trepan; and ¢ is 
a steam cylinder which operates the walking 
beam. The shaft is completely filled with 
water during sinking. A small trepan is used 
alternately with the large one, and bores a 
pilot hole, usually about 1/3 the diameter of 
the shaft, into which the choppings from the 
large trepan fall and are removed by a grab 
bucket. 

After the shaft is drilled, sometimes to a depth 
of 1300 ft., a watertight cast-iron casing or tubbing 
is then sunk inside the bore and sealed at the bot- 
tom. The sealing of the bottom is accomplished by 
building what amounts to a great stuffing-box. 

= = The packing used is moss. 
Nal In sinking the tubbing, which sometimes weighs 

{ZO 2 several] million pounds, the first rings are suspended 
in the top of the shaft from beams. Rings are 

LY AON i added on top until the tubbing, which is provided 

p Dt tH 

a EC bhs=« 

| 
= agar with a bottom, reaches the water surface; the 
= whole thing is then partially and later completely 

E water-borne, after which it is sunk as the rings are 
= added by admitting water to the interior. On 

reaching the bottom the great weight bearing upon 

the moss in the packing rings presses it against the 
se sides of the rock and makes a watertight joint. 

There is then an annular space above the moss 
Fig. 71. Kind-Chaudron System pox between the tubbing and the rock, which must 
be filled with either grout or concrete. After this is placed and set, the shaft is pumped 
out, the false bottom removed, and sinking continued in the impervious strata below. 
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About 80 shafts from 300 to 1300 ft. in depth have been sunk by this method, 
nearly all in northern Europe (France, Belgium, and Germany), where, to reach the 
coal measures, water-bearing strata of marl, shale, rock salt, and limestone must be 
passed. The rate of sinking varies greatly. 25 ft. per month is a fair average. The 
cost varies for 15-ft. shafts from $500 to $1000 per foot of depth for boring and lining 
with cast iron. 

29. Wash Borings 

Apparatus for making wash borings can be obtained from companies which 
make rock-drilling machinery. However, a very efficient outfit, for holes 150 

ft. deep or less, may be made by any mechanic, and is not only adapted to 
work in isolated localities but has often been used in cities. The following 
is an inventory of the outfit: 

1 derrick. 1 hand force pump with suction hose and fittings. 200 ft. 1 7/8-in. drill 
rods with couplings. 200 ft. 2-1/2-in. flush-joint casing. 1 bushing to 2-1/2-in. 
casing. 1 hoisting water swivel 1-7/8 in. 1 hoisting plug with coupling. 2 cross 
chopping bits 6 in. long to fitrods. 3 pairs Brown’s pipe tongs; 2 No. 3, 1 No. 4, 1 pair 
No. 3 Brock’s chain tongs. 2 Coe’s monkey wrenches, 15 and 10-in. 3 Stillson 
wrenches, 10, 14, and 24-in. 1 15-lb. crowbar. 1 pair sister hooks for 1-1/4-in. rope. 
1 16-in. iron hoisting sheave for 1-1/4-in. rope, with strap and hook. 50 ft. 1-1/4-in. 
manila rope. 40 ft. 3/4-in. three-ply water hose. 150 ft. 1-in. pipe with couplings. 
1 blasting battery with 500 ft.No. 20 wire, and supply of exploders and 40% dynamite. 
1 tool box. 1-1/2-gal. oil can. 1 squirt can. 1 pail and cup. 1 pick. 1 spade. 
lax. lhatchet. 3 1-3/4-in.sand pumps. 2-1-3/4-in. earth augers to screw into rods. 
4 sets reducers 1-1/2-in. to 1/2-in. 1 portable forge, small anvil, and small set black- 
smith’s tools. 

The derrick is illustrated by Fig. 72. When set up, the drum amd attached wheel 
are used as a hoisting winch. When folded and brought horizontal, the wheels become 
a truck on which the whole apparatus is moved to the next hole. 

The drill rods are usually 1-7/8 in. in exterior diameter, extra heavy pipe, in 5 to 10-ft. 
lengths, with square female threads on each end, and coupling of about 6 in. long 
of the same pipe with square male threads at each end. The casing (for shallow holes 
usually 2-1/2 in. externad diameter pipe) may be either “ flush joint ” or “ drive cas- 
ing.” The drive casing consists of heavy pipe with ordinary sleeve couplings. The 
flush-joint casing is of heavy pipe, each length of which screws into the next, making 
the joint flush, outside and in. The chopping bit may be screwed into the drill rods, 
and is sharpened like a rock drill, but is provided with holes to allow the water, forced 
down the drill rods, to pass out under the bit. A chopping bit should never be used 
unless a full force of water is passing through it. 

The process of sinking holes with flush-joint casing is usually about as fol- 
lows: The derrick is set up and a hole is made, usually with a crowbar, to 
admit a S-ft. length of casing set a few inches into the ground; into this is in- 
serted a 10-{t. length of rod with chopping bit on the lower end and a hoisting 
water swivel on the upper end, which is connected to the derrick rope and by 
hose to the force pump. Large pipe tongs are then clamped to both the casing 
and rod. Water is turned on, and as the material is washed from inside the 
casing the latter is turned by the pipe tongs and gradually settles into the 
ground. A new length is added to both casing and rods, and then the 
washing and turning are repeated. 

In most localities a small portable gasoline engine equipped with a “nigger head ” 
or other winding gear is substituted for the hand power portion of the above equip- 
ment. In this case the derrick may be a simple tripod made of saplings. If heavy 
beds of gravel are to be penetrated the common portable blast hole or well drill using 
4-in. casing or larger can be used to advantage. 

Careful measurement should always be kept so that the relative position of the 
bottom of the casing and drill rods is always accurately known. In soft clayey silts 
and sands, holes may be sunk to a hundred feet of more in depth in this way with very 
little trouble, but conditions are seldom so favorable. If hard sand and gravel are 
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__ encountered, the drill rods are churned as well as turned, by which the material may 

- bound so that no fur- 

be broken up, pulverized, and washed out with water and the casing allowed to descend. In general the drill rods work below the bottom of the casing. If loose sand or gravel is encountered, there is likely to be trouble by the bind- ing of the casing. If the sand is a thin stratum it may be possible to wash or even blast out a cavity in it which will allow the casing to pass through into the next possibly more favorable stratum. Another expedient is to withdraw the rods, cap the top ; of the casing and at- tach the water supply to the casing, then to twist or drive, if drive casing is being used, while the water, which is being forced down inside the casing and up the outside, reduces the friction between the sand and outside of the casing. Ifa casing becomes badly 
ther progress down- 

~ made, it may be 

abandon the 
started with a 
put a _ smaller 
first when the 
fast, in which 
will only begin 
the first casing. 
depth cannot be 

ward can be 
necessary to 

hole, or having 
large casing to 
casing inside the 
latter becomes 
case the friction 
at the bottom of 
If the required 

4 Sister Hooks 

a 

One Wheel tight 
One Wheel loose 

Fig. 72. Derrick for Wash Borings 

reached with the second casing, a third and sometimes a fourth will be bie 
When a boulder or other obstacle is encountered a charge of ernest tosis owes id 
to the bottom of the hole, the casing raised. 5 ft. or matin depee Ate Ae 

Mee eee ee ee eR Pe Cite tart wad if then pied iti und of dynamite used, one-half to ; j 

gee uit the Mares exploded, the casing worked down eat f pee en 

sible, and if the boulder is a small one it may be found to e at ered so — 

casing may be advanced through it. A single shot often makes prseain aie ple * 

third or fourth will begin to break the boulder and show progress, but on 
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7 or 8 shots will make practically no progress. If after blasting several times in this 
way no progress can be made, the conclusion is generally drawn that either bedrock 
or a very large boulder has been encountered, and if the purpose of the boring re- 
quires it, the hole is continued with a core-boring apparatus. A core boring is the 
only sure test to determine whether or not bedrock is reached. 

For Drive Casing the bottom is provided with a heavy steel shoe or cutting 
edge, and instead of being simply twisted down as in the cash of the flush joint 
casing, it is driven by using the jar weight (Fig. 73); at the same time the 

chopping and washing are being done with the 

drill rods. Working with the drive casing is 
somewhat slower than with flush-joint casing, 

but in some cases such as where considerable 
depth of loose sand and gravel is encountered, it 

ail Hoisting Water Swivel is preferable. In hard ground the process is to 
‘ ; bore or chop with the drill rods a hole some dis- 

Sh Hens rom Rump tance ahead of the bottom casing, then with- 

draw the rods 10 or 12 ft. above the bottom and 
Santtind Cathe drive the casing down as far as it will go. 

Screwed to DriveHead Fig. 73 shows one form of apparatus in place, 
where drive casing is used. There are many possible 

variations of this; the jar weights are of various sizes 

Jar Weight. * and shapes, a second drive head or collar is often 
screwed to the top of the hollow guides for use in 
pulling the casing. The jar weight hammers upward 
against this collar; at the same time the casing is 
turnel with pipe tongs if possible. It is sometimes 
necessary, however, to clamp a yoke on to the casing 
itself and hoist on this yoke with jacks. When flush- 
joint casing is used, the drive head is seldom neces- 
sary, and the joints of the casing will not stand 
much driving. 

To Obtain Samples of the material passed 
through by the drill the wash water is caught 
in a bucket after it rises to the surface through 
the casing, and the sediment is allowed to settle. 

: Water should not be allowed to continue running 
“v— Bid into the bucket after it is once full, for it will 

Fig. 73. Drive Casing wash out the clay and leave an unrepresentative 
sample. Such samples are often misleading as 

to the true nature of the material in place, A drive sample may be obtained 
by attaching to the bottom of the drill rods a sample barrel consisting of a 
pipe open at the bottom and provided with a small vent hole in the side near 
the upper end but plugged at the top to prevent the weight of water in the 
rods from forcing out the sample. This may be lowered and driven into 
the material which is removed from the sample barrel after being raised to 
the surface. Samples obtained in this way are much better than wash sam- 
ples, but have the disadvantage that they have been considerably compacted 
in the taking, and unless the sample barrel is driven only a short distance into 
the material it may be doubtful from just what elevation the samples come. 
When the material is sand, samples may be taken or the casing cleaned out 
by using an ordinary sand pump, which is simply a length of pipe provided 
with a foot valve, This is churned up and down in the hole until filled with 
sand and water. 

EY 

iS 
Z| by ° e 

rr EIEIO 

6 RERERRN 
PSOSSUUSSSSSNSSSSSSNSST 

SoOsss os 

= % = BR a 

An auger may be screwed to the bottom of the drill rod and lowered into the hole and 
bored into the material at the bottom. If the material is not clean, open sand it will 
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remain in the helix of the auger and come to the surface with it. In soft clayey mate- 
terials it is often possible to use drive casing in connection with an auger instead of 
using water and the wash method. A hole is bored ahead of the bottom of the casing, 
which may then be driven down after the auger has been lifted well above the bottom. 

The cost of wash borings is variable, depending on the character of the material 
penetrated. For holes up to 200 ft. deep in soft ground, such as silt and clayey sands 
the cost of well-managed work is $0.25 per foot and less under very favorable conditions. 
Where the ground is running sand or hard earth without boulders, the price runs from 
$0.50 to $1.00 per foot of depth. Where boylders or other obstructions are encoun- 
tered the cost is from $1.00 in ordinary cases to $4.00 or $5.00 per foot. The above 
Prices are for favorable conditions on the surface and enough work to perfect an organi- 
zation. If the location is unfavorable, say in a swamp where staging will have to be 
built, or if water is not available, or if the conditions are otherwise difficult, the cost of 

_ Overcoming the difficulties must be added. For jobs involving only a few holes, the 
cost of moving the apparatus to the ground and organizing the work may more than 
double the above prices. For deep holes, say between 800 and 1500 ft. deep, the cost 
is much increased. A larger plant with steam or other power must then be used. 

Sub-aqueous borings are made upon the ice, or from a platform built on piles, or by 
ase of a floating pile driver or from a catamaran. 

30. Core Borings 

The Diamond Drill consists of a short length of soft iron tube called a 
“bit,” into the lower edge of which black diamonds are set. This bit is 
screwed into the bottom end of another tube called a “ core barrel,” which 
in turn is screwed to the hollow drill rod.. A casing is sunk through the over- 
lying earth to the rock surface by wash boring; inside this the drill rods with 

bit attached are placed and then rotated and pressed down by the drilling 
machine; at the same time water is forced down through the drill rods and bit, 
and comes to the surface outside the drill rods, carrying with it the rock, 
ground to a powder by the diamonds and bit. At intervals the drill rods are 
pulled out of the hole, the core removed from the barrel, the bit inspected, 
and the operation repeated. Diamond drilling, and especially the art of 

setting the diamonds in the bit, can be learned only by experience. All that 
can be done here is to call attention to some of the difficulties and methods 
of overcoming them. The first care should always be that an ample supply 
of water is being forced down the drill rods to the bit at all times; the second 
is to use every precaution to see that the space outside the drill rods does 
not. become clogged by either borings or sand washing in around the top or 
bottom of the casing. 

The difficulty most often encountered arises when seamy rock is met. Sometimes 
it happens that the water forced down the drill rods flows away through seams, carrying 
drillings with it, . If drillings are carried into a seam sloping upward, they are likely to 
run back into the hole and pack around and bind the drill rods when the flow of water 
is shut off. Small pieces from the wall of the hole of seamy rock are likely to fall in and 

wedge the drill rods. A single bad seam may often be stopped by pouring sawdust or 
horse manure into the hole; the escaping water carries this into the seam and clogs it. 
The second method is to drop balls of soft neat cement mortar down the hole and after 
it has hardened proceed with the drilling.. It is usually wise to treat all seamy rock 
in this way and drill carefully and remove drill rods relatively often. It is sometimes 
possible to blast or chop with a chopping bit and sink the casing through a loose seamy 
layer of rock. Frequently the hole is reamed out with a special tool and the casing 
driven down through the seamy rock. 

It is a good rule to let the water run a little time after stopping the drill to clean out 
the hole and take careful measurement of the position of the bit. In lowering the rods 
again, if the bit does not reach the original position, the water should be turned on, and 
if then it will not sink to position without drilling, the bit should be raised and the hole 
cleaned out with a chopping bit to a smooth clean bottom. 
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Shot Drilling is done in much the same way as with diamond drills, and 
about the same rules apply; the difference is that instead of diamonds being 
set in the bottom of the bit, hardened steel balls are fed down with the water 
inside of the drill.rods, and are rolled around under the edge of the rotating bit 
and wear out an annular ring the same as cut by diamonds. It has an advan- 
tage over diamond drilling because the apparatus is less expensive both to buy 
and to operate. It takes.a much larger core, which is a great advantage in well 
drilling, and for prospecting usually gives a better sample because the large 
core is not so liable to break and crumble. On the other hand, shot drilling is 

usually slower than diamond drilling and it has been mostly used for vertical 

holes. 

The cost of diamond drilling varies greatly with circumstances. In the softer rocks 
like limestone, for holes 200 ft. deep or less, taking 1-1/4-in. cores from 1-3/4-in. holes, the 
rate of actual drilling will vary from 1 to 3 ft. per hour. Delays will average from 50 
to 200 per cent of time of actual drilling, and moving from hole to hole will usually take 
one or two days. Costs will vary from $2 to $5 per foot. 

31. Test Pits 

Test pits are sunk to determine the character of the earth as a preliminary 
to more expensive operations. If deep, the method of work is the same-as 
already described for timbered shafts. One test pit is usually considerably 
more expensive than several wash borings, but it is worth much more in the 
reliability of the information which it gives. A combination of test pits and 
wash borings often yields the greatest amount of reliable information for a 
given outlay; the borings may locate the strata with sufficient exactness, and 
one test pit to every ten or twenty borings will show the character of the strata. 

As the earth is excavated from the test pit, the different kinds of material should be 
placed in separate piles, and the boulders and smaller stones in each kind separated. It 
often happens that. workmen in digging a test pit will pile the dirt in a single pile and 
cover up all the boulders.. While the walls of a test pit generally show the character of 

the material, they do not give a correct idea of the amount of boulders likely to be en- 
countered, 

TUNNELS 

32. Tunneling in Earth by Mining 

The Elementary Operation of Mining is illustrated in Fig. 74. Starting 
with the face of earth which is to be mined, sharpened boards P, called polings, 
supported by the cross timber C, are driven into the earth. Under the pro- 
tection of the polings the earth is excavated. The excavation is advanced 
beyond the end of the first polings by erecting another cross roof timber, Co, 
and starting new polings and repeating the operation indefinitely. The min- 
ing of soft ground is largely a multiplication of this elementary operation. 
The sides of the excavation may be treated in the same way; small headings 
may be enlarged to full-sizes tunnels by opening the sides by the same process. 
In principle this elementary operation covers all conceivable requirements of 
protecting the sides and roof of a working where pressures are within the 
strength of the timbering. But there is always exposed a face F which must 
remain unprotected, at least for a short time, and here is where mining 
troubles begin. 

The angle at which an exposed earth face will stand depends (1) upon the nature 
of the earth, in general, clay standing steeper than sand, and coarser and steeper than 
fine sand, and a mixture of clay with coarse sand or gravel being better than either 
alone. (2) Upon the amount of water present. Dampness will increase cohesion, but 
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as complete saturation is approached the angle becomes flatter. If sand besides being completely saturated has an unbalanced head of water, that is, if the head or pressure of water in fine sand exposed to the air is greater than the air pressure, then it is quick- sand and will take nearly a horizontal slope. Whatever the material, its thorough draining is of the greatest importance for successful mining. (3) The length of time exposed. Time is an 
important element in 
tunneling. ~Some of the 
Most unstable materials 
will stand even vertical 
for a little while, so that 
a small vertical face may 
be exposed and a breast- 
board quickly placed. 
Clayey earth sometimes 
may move so slowly that 
the excavation may be ~ 

made without the pro- Fig. 74. Mining in Earth tection of the poling, 
which may later be simply put up against the roof and supported by timbering which 
will be thoroughly loaded later. (4) The area of the face exposed. A small area ex- 
posed will often stand vertical for a long time when a larger one would cave quickly. 
(5) The distance below the earth surface. By the ordinary accepted theory of earth 
pressures the horizontal thrust of earth is a function of the vertical pressure or dis- 
tance below the surface. But where small areas are exposed, dry or only damp earth 
will arch across the area, so that depth does not usually appreciably affect the angle at 
which the exposed earth face will stand untilsome time has elapsed. The arching 
cannot be depended upon in wet running material. (6) The amount of agitation the 
earth has received. Earth which may be stable in its natural state may be very 
treacherous after it has been moved. The fear of starting a general movement of the 
earth makes miners thoroughly pack all voids back of supporting timbering and use 
the greatest care to prevent the starting of a run. 

Timbered Headings. In all methods of soft-ground mining the face is 
opened with a heading varying in cross-section according to the material 

penetrated, from a one- 
man burrow to full 
width and 7 or 8 ft. 
high, and any length 
(Fig. 75). The heading 
timbering consists of 
posts P, caps C, poling 
boards p, and_breast- 
boards 6. If the ground 
is stiff, the face of the 
heading is cut down 
straight at nearly the 
forward end of the pol- 
ings and new posts and 

a cap are set. If the ground is soft a small excavation, say 2 ft. high, under 
one or two polings is made and a short board is quickly set vertical under the 
end of the polings and acts as a combined breast-board and prop for the poling. 
This is repeated under all polings. As soon as all short vertical breast-boards 
are placed a new cap is set supported by short posts. The remainder of the 
face is then worked down, usually with horizontal breast-boards, to the bot- 
tom of the heading. , 

Fig. 75. Timbering Headings 
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33. Methods of Soft Ground Tunneling 

Small bores are driven by simple headings. Large bores are worked in a variety of 

ways which have been classified in general according to the country in which the 

method originated, as English, Belgian, German, Austrian, and Italian. Obviously 

the classification though widely accepted is far from strict, because each method has 

many variations, nor has the use of any of the methods been confined to the country 

for which it is named. 

English Method. The entire section is removed in short lengths, usually 

from 12 to 20 ft., in advance of the permanent lining already built, as shown 

in Fig. 76. The masons and miners alternate in the possession of the face, 

and the work of excavation and building the masonry is uninterrupted until 

Fig. 76. English Method. 

each is complete for the length. A small drift in wet material is commonly 
driven at the bottom of the tunnel prism from end to end of the tunnel, both 
for the purpose of furnishing good drainage facilities and for the establishment 
of the alignment below ground; also it allows the tunnel to be attacked at 
several points. The main attack on the face, however, always begins at the 
top of the section with a heading which in stiff material is often taken out 
without timbering but in softer material is timbered. Two roof bars are then 
placed in this heading with their forward ends resting on posts and their rear 
ends supported on the completed masonry lining. Transverse polings are 
then driven over these bars. The heading is then widened out under the 

transverse polings for the length of the roof bars, vertical breasting boards 
placed under the transverse polings and new side bars are placed; when the 
ground is stiff enough the polings are not driven over the side bars but placed 
against the earth roof after excavation as in Fig. 77. This operation is con- 
tinued down the sides as far as required by the nature and pressure of the 
ground, sometimes to the bottom, while at the same time the face is securely 
breasted and back-strutted to the completed Jining. The miners now give 

way to the masons, who construct the length of lining within the completed 
timbering, and the operation is repeated. If the roof bars are not too firmly 
gripped by the overlying material, the lagging is blocked up on the masonry 
and the roof bars are barred or pulled forward by jacks and used over again. 

This method as a whole is best adapted to very firm material, but has been used 
with success where the ground was heavy and wet. The Saltwood tunnel on the 
Southeastern Railway between. London and. Dover was built through greensand, 
which when disturbed was a quicksand and not. workable by the English method 
without being drained. A small bottom drift driven through from end to end drained 
off the water, care being taken to confine the sand, and the main construction pro- 
ceeded by the usual English method. The advantages of the system are the large open 
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Belgian Method. The upper half of the tunnel is excavated much the same as in the English method except that the excavation is frequently carried a considerable distance ahead of the masonry, and, as the method is most often - used in firm ground, the transverse poling’ are frequently not driven over the roof bars, but instead are placed as in Fig. 77, against the earth roof after the excavation has been made for a side roof bar. 
Acut is chen excavated through the center half of the tunnel to the invert, leaving a berm on either side to support the arch of the tunnel lining. From this center trench narrow cuts are made at intervals to the side and the masonry arch is underpinned; 

and finally the invert arch is turned. The main advantage of this method lies in the fact that it is possible in firm 
material to push the work from 
many points of attack, the suc- 

_ cessive developments of the tun- 
nel, the heading, its enlargement, 
the masonry arch, the underpin- 
ning operations, etc., all being 
carried on simultaneous] yy. af 
different points along the tunnel. 
When the work is carried on 
with this system of successive 
development the timbering is 

arranged as in Fig. 77, to permit Fig. 77. Belgian Method the ready access of the spoil cars 
to the furthest workings. This method is adapted to firm material, but may be used, with considerable risk, however, in the heavier soils by shortening the tim- bered section, in which case it loses its chief economy mentioned above. The disad- vantage of this method is that the arch is first carried on earth and then on timbering, both liable to unequal settlement with the consequent risk of fracture in the key. If it becomes necessary in very stiff material to do blasting, danger to the temporarily sup- - ported arch is increased. 

German Method (Fig. 78). The invert is put in last, but the rest of the 
lining is built from the bottom up, but without removing the center core of 
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Fig. 78. German Method 

earth. In its most characteristic form the method consists in driving two 
bottom headings, one at the foot of each side wall. In these the side walls 
are built as high as the roof of the heading will allow. On top of these head- 
ings two others are driven and the side walls brought up to their roofs, and 
so on until the two side walls are joined in a center heading at the top. Prac- 
tically the number of headings one on top of the other is limited to three, with 



1618 Tunnels Sect. 15 

a top center heading which is widened out to the upper side headings. Usu- 
ally only two headings on each side have been used, which brings the sides up 

to the springing of the arch; above this the entire section is taken out by 

widening out a center top heading down to the side heading by the same plan 
as in the Belgian method. 

The most notable example in America of a tunnel done by this method is the Balti- 
more Belt Line tunnel. There only one heading on each side was driven; the center 
top heading was widened out down to the spring line and pits sunk down from this large 
upper working to the side walls which had been built in the side bottom headings. 
The sequence of operations is shown in Fig. 78. The chief advantages of the German 
method are the saving in timber due to large cores of earth being used to brace against; 
the cheapness with which the central core, a relatively large mass of earth, can be re- 
moved; the fact that only small areas are opened, thus increasing safety in soft materials, 
and the fact that the masonry is built continuously from the bottom upward. The dis- 
advantages are that the restricted area available for removing spoil from the small 
headings causes a great amount of inconvenience and interference with the masons and 
timbermen; ventilation in these small passageways is very difficult; and there may be 
danger in some cases of movement of the center core when used as an abutment for 

strutting. 

Austrian System (Fig. 79).’ The essential feature is a center cut from top to 
bottom of the tunnel with timbering as in G-G. The cut is widened out from 
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Fig. 79. Austrian System 

the top as indicated in section BB and timbered with segmental arch timber- 
ing up to the time the sills are placed above the horizontal diameter and is 

supported by the central frame. The poling boards over the segmental arch 
timbers are all driven parallel to the axis of the tunnel, and the widening 
out is done in short lengths, working practically the full face. The variations 
in the method, depending largely on the character of the material, are practi- 
cally all in the method of making the central cut. A top heading may be 
driven, which then may be cut down in short lengths to the invert of the 
tunnel, or a bottom heading may be driven, then the top heading, then the core 
between the two removed in short lengths, the short posts of the top heading 
being replaced by long ones resting on the cap timbers of the bottom heading. 

Mr. Rziha, the eminent Austrian engineer, who did much to develop the system and 
who is its principal advocate, recommends the bottom heading to be first driven from 
end to end of the tunnel, then enlarging this to about half the height of the tunnel and 
placing in it all of the lower half of the timbering required in the center cut, section CC, 
Fig. 79. The upper half of the center cut is then taken out in a top heading and the 
timbers placed as in Fig. 79. The excavation of the remainder of the full section is then 
done, being kept 10 to 20 ft. ahead of the masonry. The masonry lining is begun at 
the bottom and carried up continuously, the reaction of the timbers being transferred 
to the masonry as they are reached. The advantages of the method are that the tim- 
bering is strong, that the timbers are in short lengths and easily handled, and that the 
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work may be attacked at a number of points and each operation carried on continu- ously. A disadvantage is its expense. 
The Italian Method (Fig. 80) was especially developed for very soft and ___ treacherous ground and is strictly an emergency method. The success of the 
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Fig. 80. Italian Method 

system depends on the fact that only small areas are opened and the material ' can thus be well controlled. A bottom center drift about one-eighth the height of the tunnel is started and driven a very short distance, 6 to 10 3 after which it is enlarged to full width of the tunnel, very heavy and tight timbering being used. The invert and as much as possible of the side walls are constructed in the drift, and the open area is backfilled with earth. A center top heading is then driven and enlarged to full width and about one-half the height of the tunnel, leaving a bench the full width of the tunnel and some- thing less than one-third the height. This upper section of the tunnel is very heavily timbered and braced; connection between the upper section and the masonry walls already built is made by trenching through the bench, afte which the side walls are completed and the arch turned as one operation, The central bench and the backfilled earth are excavated inside the completed tunnel. 

The chief advantage of this method is that the workings are so small as to be readily braced and maintained in very treacherous ground. The disadvantage is the excessiva cost. Modern shield methods would now be used for all tunnels for which this method was designed, except possibly where only a short length of very treacherous ground is encountered. 

American Method (Fig. 81). Here the segmental arch timbering and side posts only are used and no interior struts. It has been much used in al} 
tock; it is especially 
adapted to fairly firm 
material. In rock a 
top heading is driven 
and timbered with 
posts and caps. <A 
short length iswidened 
out down to the 
springing line of the 
arch, the sills are Fig. 81. American Method placed and the seg- 

mental timber arches erected between the posts and caps, which may then be removed. In earth the face is opened by a top heading, which is poled and timbered in the usual way. In the space between two bents of the heading tim- ber the crown segments of the timber arches are set in position and held in place temporarily by secondary posts or by strips of scantlings spiked to the 
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main posts as shown in Fig. 81. A short length of from 2 to 6 ft., depending 

on the nature of the ground, section A-A, is then widened out without polings 

or other roof support and the segments adjacent to the crown segments are 

put in position and held by iron dowels and a short prop. If the segmental 

timbers are not set close together, lagging is inserted above the timbering and 

cavities between the lagging and the earth are packed. The widening out 

for the next timber is done in the same way down to the sill. After the two 

sills are placed the roof timber is completed and the bench is then removed. 

During each operation the sill timbers are underpinned by any one of the several 

different methods. If the material is very firm a longitudinal cut is made in the bench, 

leaving a berm on which the sill rests, and the counterforts are excavated at intervals 

under the sill and posts placed. If the material is too soft for this, pits are sunk at in- 

tervals, and first short posts and later, if excavation has proceeded, long posts are placed 

to support the sills. If the material is firm enough, as for example rock, the sills or wall 

plates are set in niches at about the springing line and no posts are used. The number 

of segments in the arch varies from 3 to 7 or even more. It can be used successfully 

in firm material which will stand for a short time without support. This type of tim- 

bering has been used in American tunnel practice as a semi-permanent lining, but is 

usually replaced. within 10 to 15 years by masonry. The chief advantages.of this 

method are in the large open area within which the masonry lining can be built con- 

tinuously from invert to crown and the saving of timber. 

34. Tunneling in Rock 

The methods employed to drive a rock tunnel should depend upon the 

character of the rock, the size and length of bore, the kind of plant available, 

the price of labor and the time required to complete. 
Usually a small heading is driven within the area of a large cross-section 

of a rock tunnel and is then enlarged to full size. This heading may be long 

or as short as 10 ft. but generally it is kept to a size about 6 ft. high by 8 ft. 
wide, which is about the minimum size for economical driving. This mini- 
mum size is maintained because at best the cost of heading work is from two 
to four times the cost per cubic yard of the enlargement, which requires 
less drilling and explosives, the blasting being toward a free face. 

Whether the heading is at the top, center, or bottom of the full-size cross- 

section, or is even to be of the full size, will depend on conditions of the particu- 

lar job. 
During the thirty to forty years previous to 1915 when labor was cheap 

and nearly all mucking was done by hand shoveling, the top heading, and 
bench method shown by Fig. 82 was the prevailing practice especially in 

America. The advantage 
of the method is that the 
roof is made safer by con- 
venient scaling and timber- 
ing if necessary. Its dis- 
advantages are that every- 

thing going into or out of 
== the heading must go over 

Fig. 82.. Top Heading and Bench Method the bench work at consider- 
able expense for handling, 

and interference, which is one reason for keeping the heading very short so 
that the heading blast will throw most of its muck over the bench. 

For greater speed the bottom heading was-sometimes used and the enlarge- 
ment started at frequent intervals along the bottom heading permitting the 
full size work to be completed nearly as soon as the heading. The disadvan- 



tage is that the bottom heading had to 
be completely timbered to protect traffic 
through the intermediate working faces. 

In the last fifteen years much faster 
cutting drills and especially faster mucking 
machines have been developed. Now 
(1928) there are available all sizes of muck- 
ing machines from the smallest adapted to 
working in a 6-ft. by 8-ft. heading up to 
power shovels of any desired capacity for 
large tunnels. These new drillings and 
mucking tools have made possible new 
methods and a greater flexibility in adjust- 
ing methods to the characteristics of a 
particular job and have resulted in a 
general cheapening of tunnel work. 

In rock requiring timbering or other 
support for the roof during enlargement 
to full size, some form of top heading 
method is likely to continue to be used. 
Its disadvantage was partly overcome in 
the Moffat tunnel, recently completed, by 
the use of a belt conveyor carried between 
two plate girders 65 ft: long supported on 
a track on the bench and projecting into 
the heading and back over the bench. 
This conveyor passed muck from the 

heading to cars behind the power shovel 
working in the full-size enlargement. It 
also passed timber and tools into the head- 
ing, and the girders were used as tem- 
porary support for roof timbers just at 
the bench. 

Another effect of the improved drilling 
and mucking plant is an increase in the 
advantages of the outside pioneer heading 
method for long tunnels which can be at- 
tacked from the ends only. 

This method consists in driving a head- 
ing about 8 ft. by 8 ft., parallel to but 50 
ft. or more from the main tunnel. At in- 
tervals of from 1500 to 2000 ft. cross drifts 
are driven to the main tunnel, which is 
there attacked by whatever method is best 

suited to existing conditions. Where the 
tock is sound and requires no timbering the 
favorite method is to drive a center head- 
ing which can proceed as fast as the pioneer 
heading for which records exceeding 1000 
ft. per month have been made. From this 
center heading radial holes at right angles 
to the axis of the tunnel are then drilled 
to the limits of the full-size tunnel and 
blasted. The center heading between 
cross drifts is open at both ends therefore 
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the drilling operations can be carried on from one end while the mucking goes 

on at the other end without interference. 

The pioneer tunnel was used for the Roger Pass, Moffat and New Cascade 

tunnels, 5, 6, and 7-3/4 miles along, respectively. 

After the blast in a heading the face is usually nearly buried by muck which 

interferes with the next drilling. Speed is usually desired in heading work 

and much thought and ingenuity have been employed to lessen the loss of time 

caused by interference of the muck pile with drilling. A number of drill 

carriages have been developed differing in detail but all equipped with a long 

arm or boom to carry drills, drill columns and hose at its outer end. As soon 

after the blast as practicable the carriage is moved forward and passes the 

drilling equipment over the muck pile, and drilling is started on the portion 

of face exposed. The gain is the difference between the time carriage takes 
and the longer time required for men to handle the heavy columns and drills 
over the muck pile. The shorter the drill holes the smaller the muck pile 
and the shorter the time of setting up drills but the less advance per blast. 

Prior to the inception of the plan of center cut holes on the Hoosac tunnel 
drill holes were placed normal to the face. This is still done frequently in 
European practice. The cut holes concentrate the explosive back of the 
center. These holes are fired before the side holes. This breaks a relieving 
cut so that fewer side holes and less explosive are required. Formerly, consider- 
able delay was occasioned by the necessity of two blasts for first the cut holes 
and second the side holes. Now delay exploders are used and all holes are 

loaded and fired‘at once with faster exploders in the cut holes. 
Fig. 83 shows the method of spacing drill holes in several notable tunnels. 

The drilling plan should be worked out to suit the characteristics of rock and 
the requirements of each individual heading. 

35. Data Regarding Tunnels 

In the following notes the numbers in parentheses refer to the tables on 
pages 1624 and 1625 and to the numbers within the circles in Fig. 84. 

(1) Box, Great Britain. Odlite rock, forest-marble, and Lias marl. Lined with 
brick 27 in. thick at springing line. 

(2) Blechingly, Great Britain. Blue Clay of Weald. 11 shafts. Maximum 
progress 792 ft. per month, 187 ft. per month average for completed work. Hand 
drills and gunpowder. Lined with brick varying from 22-1/2 to 27 in. thick. 

(3) Saltwood, Great Britain. Greensand (quicksand before being drained). 12 
shafts. Average progress completed work 238 ft. per month. Lined with brick in 
horseshoe section; thickness varies between 22-1/2 and 27 in. 

(4) Moncreiffe, Great Britain. Poor rock. Widened and relined in 1902, 88% 
lined with brick arches 18 in. thick on 9-in. brick walls. 

(5) Lydgate, Great Britain. One-fourth of length on curve. Clay, strong shale, 
rock with veins of shale, limestone, fire clay, and coal. Thickness of arch in shale 2 
ft.,inrock 1ft.6in. Sshafts. Progress for completed work 52 ft. per month. Hand 
drills used in rock and strong shale; clay and loose shale axed out. 

(6) Netherton. Great Britain. Carries a canal. Marl, coarse sand, rock, hard 
shaly clay, coal, Lias ironstone and fireclay. 17 shafts. Average progress for com- 
pleted work 294 ft. per month. Hand drills used. Lining 22-1/2 in. thick, in horse- 
shoe section. 

(7) Bergen No. 1, Erie Railroad, New Jersey. Dolerite (very hard trap). Hand 
drills used. 20% lined with brick arch and stone masonry side walls. 

(8) Buckhorn Weston, Great Britain. Kimmeridge clay and veins of loose wet 
tubble, 5 shafts. Average progress 168 ft. per month. Lining 27 to 32 in. thick. 

(9) No. 6 Union Pacific Railroad, California. Granite. Average progress 1.6 ft. 
of finished tunnel per working day, using 4 working faces. 



Data Regarding Tunnels 1623 

Fig. 84. Sections of Tunnels 



1624 Tunnels 

35. Data Regarding Tunnels (Fig. 84) 

Number and name 

(1) Box, G. B 
(2) Blechingly, = B.. 
(3) Saltwood, G. B.... 

(4) Moncreiffe, G. B. 
(5) Lydgate, G. B.... 
(6) Netherton, G. B...}.. 

(7) Bergen, Erie R.R.. 
(8) Buckhorn Weston. 
(9) No.6U.P.R.R.,Cal. 

(10) Sand Patch, Pa.. { 
(11) Mont Cenis, F.-It. 
(12) Baltimore, B. & P. 
(13) Clifton, G. B...... 
(14) Church Hill, Va... 
(15) Musconetcong.... 
(16) Hoosac, Mass.}... 
(17) Bergen, D.L.&W.. 

(18) Osakayama, Japan. 
(19) St. Gothard....... 
(20) Mullan, Mont..... 
(21) Arlberg, Austria... 
(22) Severn, G.B 
(23) Vosburg, Pa 
(24) Stampede, N.P.R. 
(25) Ronco, Italy...... 
(26) Balt. Belt Line.... 
(27) Little Tom, Va... . 
(28) Cowburn, G. B.§.. 
(29) Totley, G. B.§.... 
(30) Niagara Falls Co. .}. 
(31) Busk, Colo....... 
(32) Panir, India...... 
(33) East River Gas....].. 
(34) Tequixquiac, Mex.].. 
(35) Ampthill 2, G.B.. 
(36) CwmCerwym,G.B. 
(37) Catesby, G. B..... 
(38) Boulder, Mont.... 

(39) Palisades, N. J... . 

(40) Cascade, G.N.R.. 
(41) Sherman, Wyo.... 
(42) Graveholtz, Nor’y. 
(43) Barrientos, Mexico. 

(44) Scranton, Pa...... 

(45) Chicago Subway . .].. 
(46) Gallitzin Pe-..—.. 
(47) Alfretor 2,G. Bb... 

S 1866-70 
Ss D 1854-71 

D 1857-72 

* Above rails. 
|| Excavation and timbering only. 

7 Contract price. 
eight = 

Souso * 

* 

* 
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method 

Rock E 
Clay E 
Sand E 
Rock 
Mixed E 
Mixed E 
Rock H 
Clay E 
Rock H 

Rock H 

Rock B 
Mixed V 
Rock P 
Clay A 
Mixed W 
Rock W 
Rock H 
Rock B 
Rock B 
Rock 
Rock L 
Mixed E 
Mixed K 
Rock H 
Rock X 
Earth G 
Rock 
Rock L 
Mixed R 

Sect. 15 

Brick 
Brick 
Brick 

Brick 
B&M 
Brick 
B&M 
Brick 

Timber 

Rubble 

B&M 

Brick 

Concr. 
C&M 

| Brick 

eee 

sees 

sees 

sees 

eight = 18.5 to 21:0 ft.; width 24.0 to 26.0 ft. 
23.2 to 25.8 ft. 
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0 40.0 |72.0 Rock Z_ |Concr. 
25 | 19.75 |13:0 |Rock L |Coner. 
2 24 16 Rock Z |Concr. 
75 | 24 16 Rock Z_ |Concr. 

(67) Rove, France. ...54. 2220005. 
| (68) Mt. Royal, Mont’l.|D 1912-18 
(69) Moffat, Colo...... S 1924-27 
(70) NewCascade,Wash.|!S 1926-28 

Single ee by Minn 
(S) or Clear eae terial, Cost 

Number and name | S°Uble (Length, 7 i Straight] °%°8¥9~ | y ining | fine (D) miles tion 8 
track ft. (S) or method aks 

and date curved foot 
(C) 

ca ! 
(48) Simplon, It.-Fr....|S 1895-06] 12.4 18.0* | 16.4 Q|Mixed L [Rubble | 240 (49) Capitol Hill, Wash.)D 1904-07) 0.8 | 20.0 16.0 Q|Earth Z |[BC&M|..... (SO) Haversting, Nor’y.|}..1902-08] 1.4 20.0""| 1570'S} Rock |ROTOP hele ($1) Bergen, D. L. & W.|D 1906-09] 0.8 26.9 |30.0S {Rock H |Coner. |..... (52) St. Paul Pass... .. 1907-— bes Sat ae aochecie GIRL Rock H /|Timber|..... (53)a Penn. Twin, N.Y.|D 1905-09] 1.8 18.2 16.3.Q/Rockk H |B&Cl..... b Penn. 3Tr., N. ¥.]. . 1907-09] 0.2 18.2 |39.7S |MixedY|B&Cl..... 
(54) Bergen, P.R.R.../D 1905-09] 2.2 18.3 |19.0S |RockH |B&Cl...., (55) Gunnison, Colo....|..1905-09] 5.8 11.4 |10.5S |Mixed H\Coner. |..... (56) Arthurs Pass, N. Z./S 1908- 5.31 | 16.75 }15S Rock R |Concr. |..... (57) Fu-Chin-ling, Mch.|S 1909-11 0.92 | 18.0 |12.0 Rock P |B&M] 75 (58) Loetschberg, Switz./D 1906-13} 9.03 | 22.3 25.0 RGA Weir Ava dire oon (59) Necaxa, No.1, Mex.|..1909-13] 2.15 9.83 | 9.17 |Mixed Z |Concr. | 165 (60) Pirahy, Brazil.....|..1911-13| 5.25 Re 12/85 4Roekt toll ni ditive day (61) Laramie-Poudre, C.|. .1909- 2.27 15 9.5 RoE MN) een’ “Ly (62) Mt. D’Or. F. & Swz.}. .1910-15] 3.8 20.0 |26.2 Rock L |Mas’ry.|..... 
(63) Astoria-Brx., N. Y.}..1910-15] 0.88 | 18.0 116.75 Rock Coner: Fai}. 
(64) Rogers Pass., B. C.|D 1914-16] 5.0 21.12 |29.0S |Rock Z |Coner. |..... 
(65) Twin Peaks, Cal. .}D 1914-17] 2.27| 15.0 |25 0 Mixed |Concr. 
(66) Roosevelt, Colo...].. 1907- Aas OUI VIN Ape, ) Rock M0) au); 

4, 

3. 

6. 

i, 

* Above rails. For waterworks tunnels see Aqueducts. 
S= Straight, C= Curve, Q = Straight and curved, B & M = Brick and stone 

masonry, B & C = Brick and concrete, B & S = Brick and artificial stone bricks, 
T C & M = Timber, concrete, and stone masonry, C & M = Concrete and stone 
masonry, B C & M = Brick, concrete, and stone masonry. 

A = American method. B = Belgian method. E = English method. G = Ger- 
man method. H=Top heading and one bench. K = Top heading and 
two benches. L = Bottom headings, from which small shafts at intervals are driven 
to top of tunnel and full width top headings are excavated in both direction; the bench 
is removed between the top and bottom headings and the lower section of the tunnel is 
enlarged to full width. M = The full tunnel prism is removed as one operation. O = 
Cut and cover method. P = Top heading and enlargement, no other particulars are 
available. R = Bottom headings followed successively by their enlargement laterally 
and upward. V = Cut and cover and English method. W = Top heading and one 
bench and English method. XK = Belgian and English method. Y = Top heading 
and one bench and cut and cover method. Z = See description of methods in the 
notes, 

Costs are taken from published accounts in which the elements composing the figures 
are seldom recorded. 

(10) Sand Patch, Pennsylvania. Red sandstone and shale varying from hard to 
soft. About 50% lined with sandstone masonry. 

(11) Mont Cenis. From France to Italy. About 3/4 mile is on curve. Lime- 
stone, calcareous schist, quartz, carbonaceous schist, gneiss and schistose sandstone. 
Maximum depth below surface 5277 ft. Maximum rock temperature was 80° F. 
No shafts. Maximum progress one heading 297 ft. per month; average for both 
headings completed 231 ft. per month. Cost $272 per lin. ft. Hand drilling used 
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for first four years with holes 1.5 ft. deep, subsequently 3-in. cylinder compressed-air 

drills with holes 3.5 ft. deep were used. After first four years 70 to 80 drill holes 1.2 in. 

in diameter in heading averaged 67 lb. gunpowder per round, or about 3.8 per cu. yd. 

Mucking done by hand; horses for hauling. Gas for lighting. Ventilation at first by 

exhaust from drills, then blowers and bratticing were installed, and finally exhaust 

bells. 2 rounds were fired in 24 hours. Time of drilling 6 to 8 hr., loading 1.5 to 2hr., 

mucking 3 to Shr. Lined with side walls of stone and arch which is stone for one-half 

length and brick for the rest; the thickness is 31-1/2 in. 

: (12) Baltimore, B. & P. R. R., Maryland, 20% on curve. Soft rock, clay, sand, and 

earth. 16% tunnel, 84% cut and cover. Hand drills and black powder used. Brick 

arch 22 in. thick; limestone side walls 54 in. thick. 

(13) Clifton, Great Britain. Mountain limestone, conglomerate, and red sand- 

stone. 2 shafts. Average progress of completed headings 196 ft. per month, using 6 

faces. 92% by hand drilling, 8% diamond boring machine. Partly lined with 5-ring 

brick arch on stone masonry walls. 

(14) Church Hill, Virginia. Miocene clay with infusorial shells. 22-in. brick 

arch on masonry side walls. 

(15) Musconectong, New Jersey. Soft ground, limestone and syenitic gneiss. 

English method in soft ground; top heading and bench method used in rock. 3 shafts. 

Maximum progress in one heading 144 ft. per month, average for whole work 181 ft. 

per month, using 8 faces. 5-in. cylinder Ingersoll compressed air drills and dynamite 

used. 36 drill holes in heading, 10 in bench. Depth of holes 11 ft. 270 lb. explosive 

per round in heading, 107 in bench. 6 drills in heading, 2 on bench. Spoil loaded 

into barrows, wheeled to traveling platform at bench, and dumped into chutes over 

cars. A derrick on the platform handled large bench excavation. Average time of 

drilling and loading for one round 32 hr. 20% lined with 7 or 8-ring brick arch on ma- 

sonry walls. 
(16) Hoosac, Massachusetts. Hard granitic gneiss, conglomerate, and mica schist. 

Maximum cover 1800 ft. English method in soft ground. Top heading and bench 
method in other material. 1 shaft. Maximum progress for 1 heading 184 ft. per 
month, average per month for all faces 194 ft. Holes 2.1 ft. deep were drilled by hand 
during the first 12 years, using 16 lb. of explosive per linear foot of tunnel. During the 
last 10 years holes 11.5 ft. deep were drilled by 12 compressed-air drills at each face, 
and 33 lb. of powder per linear foot of tunnel were used. Spoil loaded into cars, 
wheeled to traveling platform at bench. Derrick on platform handled large bench 
excavation. Lined with brick in sections in poor rock. 

(17) Bergen No. 1, D. L. & W. R. R., New Jersey. Dolerite (very hard trap). 

Rendrock powder used. Brick arch on masonry side walls. 
(18) Osakayama, Japan. Soft rock with clay veins. Lining is 2, 4, or 6-ring brick 

arch on brick side walls. Hand drills. Fans for ventilation. 

(19) St. Gothard, Switzerland. Straight except about 500 ft. Gneiss, mica schist, 
serpentine, and hornblende schist. Maximum depth below surface 5576 ft. Maximum 
rock temperature 88° F. No shafts. Average progress of single heading 225 ft. per 
month. Sommelier drills used for a few years, then Ferroux 2-1/4-in. cylinder and 
McKean 4-in.-cylinder drills with compressed-air. Enlargement by hand drills. 
6 drills, mounted on a carriage, bored 24 to 26 holes in each heading 2.6 ft. to 4.2 ft. 
deep. 29 lb. 75% dynamite, explosive per round, or about 5 Ib. per cu. yd., were 
used in each heading. Horses used in headings, compressed-air locomotives in full-size 
sections. Oil lamps for lighting. Exhaust bells for ventilation. Time of drilling 
3 to 5 hr., mucking 3 to 4 hr. Brick arch on rubble masonry walls varying between 
17.7 and 29.6 in. thick. Although in rock, was built by the Beigian method. 

(20) Mullan, Montana. Treacherous rock. Relined with masonry in 1892. Costs, 
including engineering superintendence and interest: concrete $8 per cu. yd.; brick $17 
per cu. yd. Total relining $50 per lin. ft., brick arch 20 in., and concrete side walls 
30 in. thick. 

(21) Arlberg, Austria. Mica schist and gneiss more or less rich in quartz. Maxi- 
mum rock cover 2300 ft. Maximum rock temperature 64° F. No shafts. Maxi- 
mum progress for 1 heading 641 ft. per month, average for single headings 408 ft. per 
month. Ferroux compressed-air and Brandt’s rotary hydraulic drills used. With 
Ferroux drills 4.8 lb. of powder per cu. yd. and with Brandt 4.0]b. Lining is mostly 
between 19.7 and 37.4 in. thick, 6% of length not lined. 
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(22) Severn, Great Britain. Conglomerate, limestone, carboniferous beds, marl, gravel, and sand. Lining of vitrified brick 27 to 36 in. thick. 
(23) Vosburg, Pennsylvania. 138.5 ft. on curve, the rest is on tangent. Red, green, and black shales and red and blue sandstone. Short length earth roof, Ameri- can system of timbering used. No shafts. Average progress single heading 137 ft. per month. In the heading 4 Rand or Ingersoll 3-1/8-in. cylinder drills bored 12 to 18 holes 9 to 10 ft. deep. 3.13 lb. rack-a-rock were used per cu. yd. excavated. 2 drills and Altas powder were used on the bench. 10% of all the drilling was done by hand. The average amount of explosive used was 1.71 lb. per cu. yd. of all exca- vation. No special provision was made for ventilation. Mostly arched with 3 tings of brick. About one-sixth arched with stone 18 to 24 in. thick. Side walls of stone 30 to 36 in. thick. Stone used is black limestone. 
(24) Stampede, Washington. Soft basaltic tock. No shafts. Maximum progress of single beading 274 ft. per month, average for two headings 413 ft. per month. About 9% with hand drills, the rest with compressed-air drills. 31 1b. of Giant and Hercules 457% and 60% dynamite were used per linear foot of tunnel. 20 to 23 drill holes 12 ft. deep in heading, 18 ft..in bench. Spoil from heading hauled by mules to chutes at traveling platform at bench. Removed in cars from chutes by small locomiotives. - Electric lighting. Ventilation by exhaust fans. Concrete side walls and brick arch. (25) Ronco, Italy. Argillaceous schist with considerable water. 6 shafts. Average Progress one heading 231 ft. per month, average of completed tunnel 123 ft. per month. Brandt rotary hydraulic drills and Ferroux compressed-air drills. 0.48 to 0.68 Ib. 75 % to 78% dynamite used percu.yd. Sheeles system of ventilation. 2 exhausts coupled. 

(26) Belt Line, Baltimore. Howard Street Tunnel. Sand with seams of loam, 
clay, and gravel. 5-ring brick arch. 

(27) Little Tom, Norfolk & Western R. R. Seamy gray sandstone disintegrating on contact with air. 1410 ft. originally lined with timber. Later relined with brick. Arch made of four rings of brick. Cost of relining complete was $33.50 per lin. ft. 
(28) Cowburn, Great Britain. Material about one-third shale, two-thirds rock intermixed with thin beds of shale. Quite dry. Average progress for single heading, dry shale by hand drilling 299 ft. per month, rock by hand drilling 111 ft. per month, rock and shale by machine drilling 270 ft. per month, rock by machine drilling 199 ft. per month. One-third excavated with hand drills, rest with Larmuth compressed-air 

drills. 17 lb. gelignite used per lin. ft. 2 drills in heading. Horses used in headings and locomotives in finished sections. Ventilation by fan. Arch entirely brick. Side 
walls two-thirds length stone masonry and one-third length brick. 

(29) Totley, Great Britain. Hard and soft black shale, coal, fire clay, sandstone, and grit rock. 4 shafts. Average progress machine-drilled heading 242.4 ft. per 
month. 3-1/4 and 3-1/2-in. Schram percussion drills and 3-in, Larmuth. Average 
number drill holes in heading 13.4. Holes 6.2 ft. deep. 381b. gelignite per round 
2 drills in heading. For clearing heading of fumes and dust, a jet of compressed air 
and spray of water were used. The arch is entirely brick and the walls are brick for 
70% of length and coursed masonry for 30% of length. 

(30) Niagara Falls Power Co., New York. Limestone and shale with slaty seams 
extremely wet. Progress 304 ft. per month with 5 headings.. Rand compressed-air 
drills, 4 to 6 per heading. Dynamite. Electric lighting. Ventilation by exhaust 
from drills. Lined with from 4 to 6 rings of brick. 

(31) Busk, Colorado. Gray granite, disintegrated in places. Maximum progress 
of single heading 202 ft. per month, average completed tunnel 190 ft. per month, 
3-1/2-in. cylinder Ingersoll compressed-air drill. Holes 12 ft. deep. Electric lighting. 
Blower for ventilation. 78% lined with timber. 

(32) Panir, India. Limestone, clay, and soft sandstone, Average progress single 
heading 145 ft. per month, average whole work 95 ft. per month. 4-in. cylinder Climax 
compressed-air drill bored 25 holes in heading 3.8 ft. deep and 1-7/8 in. in diameter. 
Dynamite and gelignite were used. The time for drilling one round was 5 hr. 520 ft. 
is one-half lined and 2690 ft. is three-quarters lined. 

(33) East River Gas, New York. Gneiss, mica schist, veins of decomposed feldspar, 
and black mud. Maximum progress 101 ft. per week on New York side in rock, aver- 
age 69 ft. per week in good rock in each heading. Compressed air 15 to 48 lb. per sq. 
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in. used while in soft material. Good rock not lined; soft material lined with cast iron 

—see table of cast-iron lining in tunnels, p. 1641. 
(34) Tequixquiac, Mexico. Sandstone with lime, soapstone, and conglomerate. 

Very wet. Progress 18 ft. per day in heading. Timbered Lined with 20-in. arch of 

brick and 18-in. walls of artificial stone blocks. Hand drills and dynamite. 6 drill 

holes in heading 6.5 ft. deep. 6 lb. of explosives per round in heading. 
(35) Ampthill 2nd, Great Britain. Kimmeridge clay. Progress averaged 6 days to 

complete 1 length of 12 ft. 1-1/2 Ib. tonite per lin. ft. Horseshoe section, walls, and 

arch lined with 33 in. of brick; invert 27 in. brick. 
(36) Cwm Cerwym, Port Talbot R. R. Slight curves at end. Shale, hard clift, 

fire clay, thin veins of coal, and about 500 ft. of pennant rock. Originally lined with 
brick without invert, afterward relined without interrupting heavy traffic. Concrete 
blocks in invert and cast-iron segments above. 

(37) Catesby, Great Britain. Clay. 9shafts. Average progress for finished work 
330 ft. per month. Lined with brick 22-1/2 to 31-1/2 in. thick. 

(38) Boulder, Montana. 150 ft. curved at one end. Material penetrated 80% 
seamy-blue trap rock and 20% syenitic boulders and débris. Originally lined with 
timber. Later relined with 20-in. coarse granite rubble in walls and 4 rings of brick 
in arch. 

(39) Palisades, New Jersey. Hard trap rock with many seams in places. 1 shaft. 
Average progress 186 ft. completed tunnel per month. 24 holes in heading drilled by 
four Ingersoll-Sergeant 2-1/2-in. compressed-air drills. -6 dyills on bench. A derrick 
car was used to handle large stones from the bench. Horses were used at first, dummy 
locomotives later. 

(40) Cascade, Washington. Medium hard gray granite, seamed and wet. Tem- 
porary 5-segment timbering used. Maximum progress using two headings 527 ft. per 
month. Maximum progress in single heading 301 ft. per month. Average two head- 
ings 350 ft. per month. Six 3-1/4-in. Rand compressed-air drills bored 24 to 28 holes 
12 ft. deepin heading. 8 drillson bench. Spoil run out in wheelbarrows to a traveling 
platform at the bench and dumped through chutes into cars. A six-ton derrick 
mounted on platform handled large bench excavation. Ventilation by exhaust fan. 
Electric lighting and electric motor haulage. 

(41) Sherman, Wyoming. Solid granite. Top heading and two benches. Heading 
progress 4.92 ft. per day. Drill holes 9 ft. deep. 6 drills on 3 columns in heading. 

(42) Graveholtz, Norway. Quartzy granite or gneiss. Average progress of finished 
headings was 263 ft. per month. Hand drills used at one end for 2-1/2 years, after 
which Brandt boring machines and compressed-air drills used. Only 3% lined. 

(43) Barrientos, Mexico. Hard granitic porphyry with clay seams. No shafts. 
Heading progress 367 ft. per month, completed excavation 245 ft. per month. 3 Inger- 
soll-Sergeant compressed-air drills bored 14 holes in heading 10 to 12 ft. deep. 29.3 lb. 
of 60% dynamite used per lin. ft. 3 drills on bench. Small cars were loaded and run 
to platform at bench, where they were dumped into larger cars. Lined with concrete 
blocks 28 to 31 in. by 60 in. deep by 7 ft. 8 in. long. 

(44) Scranton, Pennsylvania. Sandstone and shale. 2 shafts. Maximum progress 
in single heading 261 ft. per month, average all headings 387 ft. per month. 3-1/4-in. 
cylinder compressed-air drills and 50% dynamite. 1305 ft. not lined, 2717 ft. 5-seg- 
ment timber lining and 725 ft. concrete and stone masonry. 

(45) Chicago Telephone and Express Subway. Stiff blue clay. Small-section 
tunnel. Full-size excavation. Excavated with spades and draw knives. Compressed 

air used, 9 lb. per sq. in. Floor 30 ft. below street. Lined with 10 in. of 1: 3:5 con- 
crete. 

(46) Gallitzin, Pennsylvania. Sandstone and shale, also some limestone, fire clay, 
and slate. No shafts. Average progress of completed tunnel 164 ft. per month. 16 
holes in the heading and 11 on the bench 10 ft. deep were drilled respectively by 4 and 2 
Ingersoll-Sergeant compressed-air drills. 2.5 lb. 40% forcite were used per cu. yd. 
An air-operated steam shovel following up at the bench handled the excavated material. 
Horses were used in the headings and dinky locomotives in the full-size tunnel. Elec- 
tric lighting. Time of drilling was 8 hr., two rounds being fired per day. Concrete 
arch 22 in. thick and concrete and rubble side walls increasing from 38 in. at spring line 
to 54 in. at bottom. , 

(47) Alfreton 2, Great Britain. Gray sandstone, rock, shales, and fire clay with 
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seams of coal. Worked from 5 shafts with no portal headings. Average time of min- ing a 15-ft. length was 19.7 days. Lined with 28 in. of brick. 
(48) Simplon, Italy to France. Short curves at ends. Mostly very hard gneiss and calcareous rock, also short lengths in green cipolin, disintegrated slate, clay, and mica schist. Maximum depth below surface 9118 ft. No shafts. Maximum progress single heading 685 ft. per month, average both headings 440 ft. per month. In bottom 

headings Brandt rotary hydraulic drills, enlargement by hand drills. 83% dynamite and 64% blasting gelatine used in opposite ends of tunnel. 10 to 12 drills holes 4.5 ft. 
deep. 3-1/2 in. in diameter, in heading. 2.81b. explosive per cu. yd. 3 drills in the 
heading. Time of drilling one round 2.75 hr. and time of loading, firing, and mucking 
6 hr. Steam and compressed-air locomotives for hauling. Blowers and water sprays 
used to keep tunnel air clean. Both gas and oil for lighting. Lined with coursed 
masonry of various thicknesses. 

(49) Capitol Hill, Washington, D. C. About one-third on curve. Gravel and fine 
sand overlying hard blueclay. Very wet. 1600 ft. in open cut and 2400 it. in tunnel. 
Separated by lining into twin tunnels. Each tube excavated separately. 2 side drifts 
at bottom and crown drift excavated in one tunnel. Crown bars 24 ft. long placed in 
top drift and supported by radial struts. As top heading was widened segmental 
timbering was placed under crown bars and carried down to posts on concrete footings 
in side drifts. The radial struts were removed and the core of earth between side and 
crown drifts was excavated with a steam shovel. The lining was placed in this portion 
of the tunnel and the excavation of the other tube was proceeded with, the timbering 
for it abutting against the crown bars of the first tube: The arch is brick backed by 
concrete of a total thickness of 36 in. The side walls are concrete 72 in. thick and the 
core-wall is stone 58 in. thick. 

(50) Haversting, Norway. The cross-section is about 270 sq.ft. Gneiss with vary- 
ing amounts of feldspar and quartz. Total.progress both ends 114 ft. finished tunnel 
permonth. Hand drills: Horses for hauling. 

(51) Bergen No. 2, D. L. & W.R. R., New Jersey. Very hard trap rock. Ingersoll+ 
Sergeant compressed-air drills. 29 holes in heading 7 to 8 ft. deep. 8 holes in bench. 
Electric lighting. Air-operated steam shovel for mucking. Lined with concrete 24 in. 
thick. 

(52) St. Paul Pass, Idaho to Montana. Laminated quartzite with some talc layers. 
Average progress two headings for four months 576 ft. per month. 3-1/2-in. cylinder 
Ingersoll-Rand compressed-air drills, 8-in. heading and 5 on bench. An air-operated 
steam shovel used at bench. Excavated material hauled by electric locomotives. 
Fans for ventilation. Electric lighting. Lined with five-segment timber arch. 

(53a) Pennsylvania R. R., twin tunnels under Manhattan from Sixth Avenue to 
East River. Hudson schist. Two sets of twin tunnels averaging about 4730 ft. long. 
At east end 350 ft. excavated as 4 single tunnels and the remainder was excavated as 
two tunnels from 42 to 52 ft. wide and separated by lining into four single tubes in sets 
of two. 2 shafts for each set of tunnels but no portals. Three methods of excavation 
used in wide tunnels: double heading, center heading, and full-width heading. Bench 
was usually 10 to 15 ft. behind the face. The maximum progress of a single heading 
was 206 ft. per month, the average for all six headings was 451 ft. The average length 
of tunnel completed per month was 257 ft. The number of holes drilled varied greatly 
with width and location of headings and averaged between 8 and 9 ft. in length. In 
single headings 4 Ingersoll-Rand 3-1/4-in. drills mounted on 2 columns and in full-width 
headings 10 drills mounted on 5 columns were used. 1.9 Ib. 60% forcite were used per 
cu. yd. of all excavation. Air-operated steam shovel followed at the bench. Electric 
motors for haulage. Blowers for ventilation. Electric lighting. Lined mostly with 
concrete. Small sections in wet rock have brick arch and concrete side walls. Mini- 
mum thickness of lining 22 in. 

(53b) Pennsylvania R. R., three-track tunnels under Manhattan. 218 ft. long on 
west end of one set of twin tunnels and 683 ft. long on the other. Hudson schist. 
Sand in the crown at places. Part done in opencut. Lining in open-cut sections con- 
crete throughout with a minimum thickness of 59 in. and in tunnel brick arch 56-1/2' 
in. thick on concrete side walls. 

(54) Pennsylvania R. R., Bergen Hill Tunnels. Mostly hard trap rock, also 940 ft. 
in decomposed sandstone, shale, feldspar, calcite, and sandstone. Maximum progress 
of a single heading was 145 ft. per month, average progress 3.13 ft. per day at each 
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face. 8 Rand 3-5/8-in drills on 4 columns drilled 32 holes 12 ft. deep in the headings. 
The holes tapered from 2-3/4 or 3 in. at the top to 1-3/4 or 2-1/4in. at the bottom. 1 ft. 
of steel was used up for every 10 cu. yd. of excavation. An average of 5 lin. ft., of hole 
was drilled per cu. yd. at the average rate of 2.66 ft. drilled per hour of the machine at 
the’face. An average of 2.9 lb. of 60% forcite was used per cu. yd. of all excava- 
tion. The average time of each attack was 36 hr. Air-operated steam shovels 
handled the muck. Fan for ventilation. Electric lighting. Lined with concrete 
with a minimum thickness of 22 in. 

(55) Gunnison, Colorado. Irrigation Canal. Mostly black shale and metamorphic 
granite; other materials penetrated, clay, water-bearing gravel and sand, sandstone, 
limestone, coal, and marble. 1 working shaft. Maximum progress of single heading 
824 ft. per month, average length of tunnel completed 566 ft. per month. Sullivan 
3-in. and 2-1/2-in. and Leyner 2-1/2-in. cylinder compressed-air drills were used. 
Jeffrey coal augers were used in shale. 40% gelatine dynamite used. 18 to 22 drill 
holes 6 ft. to 7 ft. deep in the heading. 4 drills in the heading and one on the bench. 
Blowers for ventilation. It was necessary to drive an inclined shaft for ventilation. 
Electric lighting. Lined with concrete 16 to 26 in. thick. 

(56) Arthurs Pass, New Zealand. Badly fissured sandstone and shale, 3% grade, 
not much timbering. 2 to 3 Ingersoll-Sergeant 3-1/4-in drills on a 4-1/2-in. cross-bar 
without arms in heading. 10 to 16 holes 4-1/2 ft. to 6-1/2 ft. deep per round and 4 to 6 
lb. of Noble’s gelignite per cu. yd. in heading. Electric haulage. Side walls of 
concrete poured in place, arch roof of concrete blocks 12 in. radial by 9 in. by 18 in. 
along tunnel, mortar joints. Over break of hand-packed stone. 

(57) Fu-Chin-ling, Manchuria. Hard limestone. No timbering. Lined with cut 
lomestone on sides with a 3-ring brick semicircular arch of 8-ft: radius in roof. Cost 
$75.00 per ft. lined and ready for track. 

(58) Loetschberg, Switzerland. Limestone, slate, gneiss and granite. Greatest 
thickness of overlying rock 4692 ft. Noshafts. Temperatures 75° to 110° F.. Maxi- 
mum progress of single heading 1013 ft. per month. 4 to 5 Ingersoll-Rand 3-5/8-in 
drills on carriages in bottom heading and on columns in top heading. In the headings 
there were 12 to 14 holes 4 ft. to 5 ft. deep and 85% dynamite was used. Lighting by 
individual acetylene lamps. Due to an inrush of water, sand and gravel which filled 
5900 ft. of the excavation and buried 25 men 0.85 mile of the old working was aban- 
doned and the alignment changed. 

(60) Pirahy, Brazil. To divert water from Pirahy River to power company’s reser- 
voir in adjacent valley. Mostly solid gneiss. Bottom heading 13 ft. wide by 8 ft. 
high. Best month 512 ft. Very little timbering. About 1000 ft. of concrete lining, 
the rest unlined. Five 3-1/4-in. Ingersoll-Rand drills at each face on an 8-in. horizontal 
bar operated by a Carter tunnel carriage. Total construction period less than 23 
months working from portals and 4 shafts. 

(61) Laramie-Poudre, Colorado. Irrigation tunnel. Granite syenite and quartz- 
ite. Leyner pneumatic hammer drills. 20 holes 7 ft. to 9 ft. deep per round. 100% 
blasting gelatine in the bottom of the cut holes and 50% and 60% dynamite for the rest 
of the blasting. Holes fired and fuse cut to proper length to discharge them in pre- 
arranged order. Muck hauled out by hoist and by mules. Average monthly advance 
473.7 ft. for 19 months. 

(62) Mount D’Or, France and Switzerland. Limestone and marl. Swiss heading 
averaged 566 ft. advance per month for 25 months. 4 Meyer type air drills mounted 
on a bar and 12 to 15 5-ft. holes per round in heading. Water up to 20 000 cu. ft. per 
min. encountered. Lining placed immediately behind the excavation. Compressed- 
air locomotives. 

(63) Astoria-Bronx, New York. For gas mains under East River. Gneiss and 
dolomite. About 250 ft. below mean sea level. Much trouble with water. Rock 
seams grouted through pilot drill holes driven in advance of excavation, grouting under 
pressures up to 500 lb. per sq. in. and using a total of 118 000 bags of cement. Working 
once flooded by leak of 12 000 gal. per min. Tunnel then bulkheaded and whole head- 
ing grouted back of bulkhead. Work then advanced by small heading through grout 
with pilot drill holes for grouting as before. 

(64) Rogers Pass, British Columbia. Quartzite and schists. Not much water. 
No shafts. Thickness of overlying rock 5690 ft. A pioneer tunnel 7 ft. by 8 ft. was 
driven from each end parallel to the main tunnel and about 50 ft. away. The central 
mile of this pioneer tunnel was not excavated. 3 and 4 light hammer drills on a hori- 
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gontal bar per heading and 21 to 28 holes per round. Maximum monthly advance 
for a single heading 932 ft. From the pioneer bore cross cuts to the main tunnel were 
made at intervals of 1500 ft. to 2000 ft. and headings 11 ft. wide by 9 ft. high carried 
each way along the tunnel center line. This central heading was then enlarged to full 
section at one operation, working in from each portal. Steam shovels and air locomo- 
tives used in mucking. The best monthly advance for one shovel was 1030 ft. Only 
partly lined with concrete. 

(65) Twin Peaks, San Francisco. For 2-track street railway. Clay, sand and sand- 
stone. Heading 8 ft. by 8 ft. 65.000 cu. yd. of reinforced-concrete lining placed by 
Pneumatic process through a maximum length of 4,000 ft. of pipe. 8 lb. hydrated 
lime was used per 100 Ib. cement. 

(66) Roosevelt, Colorado. For underdraining Cripple Creek mining district. The 
tunnel at its inner end is over 1800 ft. below the surface and takes the ground water 
from the surrounding mines. Maximum discharge 17000 gal. per min. Part in 
granite and remainder in hard volcanic rock. In granite it cost $27.27 per lin. ft. 
Section about 75 sq. ft. In volcanic rock cost $20 to $25 per ft. Section about 80 
q. ft. Two Ingersoll-Leyner drills on a horizontal bar, about 30 holes per round. 
Muck hauled to shafts by mules. 

(67) Rove, France. Rhone-Marseilles canal tunnel. Dolomite and limestone. 
2 side drifts 9.8 ft. by 10.7 ft. are driven at bottom, enlarged to give room for track 
and drainage and small heading at the crown. Side headings enlarged upward and 
connect with crown heading. After this the lining is placed and the core removed. 

(69) Moffat Tunnel. Single track, 25 ft. high, 16 ft. wide, six miles long, 2800 ft. 
below surface at divide, 8 ft. by 8 ft. pioneer tunnel, 75 ft. south of main tunnel with 
20 cross cuts toit. Heading encountered 1500 gal. per min. flow of water. Much of 
roof of main tunnel required timbering. 

Top heading and bench in timbered section center heading in good rock. Cost 
$15,000,000, which was over twice the amount estimated. 

(70) New Cascade Tunnel, Washington. Single track 7-3/4 miles long nearly parallel 
to old tunnel but 500 ft. lower elevation, 16 ft. wide, 22 ft. high, 8 ft. by 9 ft. pioneer 
tunnel. Main tunnel enlargement from center heading. 

36. Shield Tunneling 

A Shield (Fig. 85) consists of a circular steel box or ring generally provided 
with a transverse diaphragm. The forward end of the ring, or cutting edge, 
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Fig. 85. Shield Tunneling 

projects into the earth to be excavated, and the rear end or tail projects back- 
ward a little distance over the completed lining, which usually consists of 
rings of cast iron. To the shield are attached powerful hydraulic jacks which 
react against the completed lining and shove the shield forward as the earth 
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is excavated. As soon as the shield is advanced a short distance the jack 
plungers are withdrawn, a ring of lining built, and the operation repeated. | 

Methods of Work. In clay or other firm material which will stand alone 
for a short time the full face is simply excavated to about the length of one 
shove in front of the cutting edge without poling or breasting, and the shield 
quickly shoved forward. If the earth is not hard enough to injure the cutting 
edge, only the center of the face is excavated for a depth equal to length of 
shove and the cutting edge is allowed to break in the rest. In softer clay the 
cutting edge and working floors may be always buried; only the back of the 
working chamber in front of the diaphragm is kept clear of earth. In still 
softer material the shield is sometimes shoved against the earth face, part of 
which is allowed to flow through the openings in the diaphragm of the shield 
and the rest is pushed aside. In sand or gravel the face is usually breasted 
with timber, which is held by struts against the shield. These struts must be 
collapsible so that the shield may be shoved up to the face. A favorite form 
is simply two pieces of pipe which telescope as the shield is shoved, the 
resistance being regulated by set screws in the larger pipe. Hydraulic rams 
attached to the shield have been used for this purpose. 

Numerous London shields have been provided with sliding platforms operated by 
hydraulic rams. When driving the shield for the Waterloo and City tunnel, London, 
through sand and gravel, pot holes were raked out in front of the cutting edge and filled 

Fig. 86. Shield, Central London Tunnel 

Fig. 87. Shield, Greenwich Tunnel 

with soft tempered clay. This formed a continuous ring of soft clay into which the 
cutting edge was shoved. The full face was then excavated under cover of the shield. 

Where the material to be tunneled is part earth and part rock the full-sized tunnel 
above the rock is usually poled and excavated and the face breasted as in ordinary 
mining for a length of one or two shoves in front of the cutting edge, the rock in the 
same length is then drilled, blasted and removed, and the rock bottom smoothed off to 
the form of the bottom of the shield with concrete in which steel rails are embedded: 
the shield is then advanced for that short length and the operation repeated. f 
The General Design of the different types of shields used for tube tunnels 

up to the year 1928 is shown in Figs. 86-89. The working chamber in front 
of the diaphragm has been small as in Fig. 86 or large as in Figs. 87, 88, 89, 
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depending upon the character of the material and the methods of excavation. 
The diaphragm has openings for the passage of men and materials, and may be 
designed to be closed by 
locks or doors or be always 
open. Under either con- 
dition the diaphragm should 
be designed to lend stiffness 
to the skin, and since, when 

closed, it may take a part ’ 
or even all of the water or 
earth pressure at the face, a 

_ system cf transverse girders 
_ is introduced as reinforce- 
ment. Some of the later 

shields working in London : 
clay had practically no dia- Fig. 88. Shield, Hudson Tunnel 
phragm because the ma- 
terial was well known as being uniform, and not water-bearing. The shields 
for the Blackwall tunnel, Greenwich (Fig. 87), and Pennsylvania R. R. East 

Fig. 89. Shield, East River Tunnel, P. R. R. 

River tunnels (Fig. 89) were built with a double diaphragm, the doors of 
which when closed formed air locks between the working chamber and the 

tail for the passage of men and 

materials. These locks were 
never used, and the lower 
plates in all cases were removed 
during the course of the work 
to give easy access from the 
tunnel to the face. 

The cutting edge at the extreme 
forward end of the shield in the 
earlier shields was the edge of the 
skin plates stiffened by brackets, 
but in later practice with few ex- 
ceptions was a heavy ring made 
up of cast-steel segments beveled 
on the forward edge. Costly de- 

Fig. 90. Circular Box Girder Fig. 91 lays have resulted from damage to 
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eutting edges caused by unexpectcd boulders and rock ledges. The reaction of the 
hydraulic jacks must be transmitted to skin, cutting edge, and partly to diaphragm. 
These requirements have developed the circular box girder, a form of which is shown in 
Fig. 90, attached to the skin, bearing on the cutting-edge brackets and carrying the con- 
nections of the transverse diaphragm girders. The box girder is provided with cells 
into which the jacks are placed, the location being. convenient for substitution and 

repairs. 
Shield jacks are all connected with a battery of valves under the hand of the operator 

so that he may advance or withdraw any one or any combination of jacks at his will. 
A number of spare jacks should be provided and they should be designed so that they 
may be easily and quickly removed as they are sure to need repairs and delays are very 

expensive. 
Most shields for work in sand are provided with a hood or extension of the upper 

part of the cutting edge. The tail of the shield should be long enough to extend about 
6 in. beyond the joint between the second and third rings before the shove, to facilitate 
repairs to jacks and shield, and, more particularly, so that, should a segment of the 
tunnel lining be broken during the movement of the shield, it may be replaced at the 
conclusion of the shove without exposing the earth. The inside of the tail at the ex- 
treme end is provided with a bead or narrow steel plate, Fig. 91, which more nearly 
closes the annular space between the tunnel lining and the skin of the shield and yet 
allows the shield to be pointed at an angle Jarge enough to pass around curves or regain 
direction when off line or grade. 

37. Data Regarding Tunnel Shields 

Elements in the Design of a shield which are known are merely the depth 
below the ground and water surface. The meager information as to the 
character of the material to be penetrated, generally obtained from wash 
borings, and the absolute uncertainty of the nature of the forces involved 
make its rational design impossible; the only guide is precedent. The fol- 

lowing tables give the principal dimensions and important facts about several 

shields which have been used under a great variety of conditions. The 
numbers in parentheses in the first column of the first table refer to the notes 
below where additional data are given. 

(1) Thames, England. 1825-42. London clay. Maximum progress 2 ft., average 
0.5 ft. per day. 

(2) Tower, England. 1869. London clay. Maximum progress 9 ft. per day. 
(4) City and South London, England. 1886. Mostly clay, also several lengths 

of water-bearing sand and gravel. The average progress of each shield was 333 ft. 
per month during 1/3 of work. 

(S) Mersey, England. 1888. Clay, coarse ballast and running sand. Maximum 
progress was 57 ft. per week. 

(6) St. Clair River, Michigan. 1889. Almost entirely insoft damp clay. Maximum 
progress per month was 382 ft., average 231 ft. per month. 

(7) Hudson River, New York. 1879-1905. Mostly in silt; at New York side 
some sand and short length in rock. From May, 1890, to August, 1891, the average 
progress per month was 126 ft. in the first tunnel; in the second tunnel the average 
progress per daywas 15.3 ft. 

(8) Glasgow Harbor, Scotland. 1890. One-third in clay with boulders, the rest 
in sand and gravel. The average progress in sand was 2 ft. per day. 

(9) Glasgow District Subway. 1891-95. Clay, sand, gravel, and quarry waste. 
The average progress was 100 ft. per month. 

(11) Blackwall, London. 1892. London clay, sand, and one-third in open gravel. 
The maximum progress was 12-1/2 ft. per day. The average progress under the river 
was 98 ft. per month. 

(12) Siphon de Clichy, France. 1892. Open water-bearing sand. The maximum 
progress was 10 ft. per day and the average 6.5 ft. per day. 

(13) East River Gas, New York. 1892. Short lengths in decomposed schist and 
black mud. 
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(19) L’Oise Siphon, Fr.} 1] 8 7-1/2; 9/1616 2 10, 6 430 |, 0.18 
(20) Baker Street and 

Waterloo...... 1}13 0 1 9 8 14, 6 475 | 33 | 6,28 
(21) Greenwich, G. B. 1} 13 0 1 14 1 13), 7 840 | 84 | 0.23 
(22) Lea, England... . 1/12 5 1 11 6 11) 6-1/2) cualows.| O10 
(23) Battery, East R..| 6] 16 11-1/4! 1-1/8 | 9 6 14, 8 1750 | 55). 1.67 
(24) E. River, P.R.R.} 8} 23 6-1/2! 2-1/4 18 0 27; 9 7730 |\240 | 2.87 
(25) N. River, P.R.R.| 4/23 6-1/4) 2-4/8 |17 3-3/8 | 24 8-1/2)3300 |193 | 2.31 
(26) Brackenagh, 

Ereland 3.34% se + A iG [2 1/2|6 9 4) 6-1/2),.... 0.12 
(27) Rotherhithe, 

England. .....; 2} 30 8 2-1/4 18 0 40;) 9 5600 0.69 
(28) Kingsway, 

England....... 1/16 2 1 8 9 16 | BuS feysishiz -+.-| 0.09 
(29) River Dee, 

Scotland..... é 1} 88-5/8 1/2. | 6 9-3/4 My) GAD sacace ls ob eal 0506 
(30) Charing Cross, 

England.......]... W2j[5Bia © |ptaade. 8 9 10) ssc10.b seelils, shod 2 hse 
(31) Great Northern 

Strand, England]...| 12 8 1/2} 6 11 Ba coals e... sabe ietela zie 
(32) 14th St. E. River.}| 8/18 5-1/2) 2 15 3-3/4e| 17) 8 125/116 1.88 

(33) WhitehallSt.E.R.| 4/18 6 2-1/4 116 4 f\ 17) 8 125 |104h| 1.60 
(34) Lawrence Street, 

Brooklyn ,..... 2}18 6 2-1/4 |16 4 fi 17|..8 125¢|104h| 1.00 

(35) Old Slip, E. R....] 6/18 0 2-1/4 |16 4 fi 17) 8 125g) 98h, 2.31 

(36) 60th St. E. R....| 2] 18 6-7/8) 2-7/1616 0-3/4e 20) 8 1254'142h) 0.68 

(37) Holland Vebictied 5| 30 2 2-3/4 18 10 30) 10 6000 |400 | 2.46 
I lar 1A WS TO 2-3/4 |18 10 30) 10 6000 |... aS 

a Height 22 ft. 3 in; width 37 ft. 6 in. 6 Hand operated screw jacks. ¢ Tons of 
2000 lb. d Driven a very short distance. e Includes 2 foot hood. f Includes 2 foot 
2 in. hood. g Includes hydraulic equipment which weighs about 40 tons on 60th 
St. shield and 28 tons on other shields. 4 Per jack. 
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(15) Waterloo and City, England. 1893. Clay and ballast. 10 ft. per day was 
the average progress while the work was in full swing. 

(16) Siphon de la Concorde, France. 1895. Clay and sand. 
(17) Central London. 1896. London clay and silty sand. 
(19) Siphon del’Oise, France. 1896. Sand. 
(20) Baker St. and Waterloo, England. 1898. About 350 ft. was in gravel under 

the Thames River, the rest was in London clay. The average progress per month was 
117 ft. in gravel and 137 ft. in clay. 

(21) Greenwich, England. 1898. Mostly in clay with the crown in close gray 
sand; about one-third length is in close gray sand and a small part in ballast. The 
maximum progress was 260 ft. per month and the average 148 ft. 

(22) Lea, England. 1901. Mostly peaty clay and open ballast. 
(23) Battery, East River, New York. 1901. 500 ft. almost entirely in rock; 1500 

ft. in fine sand with some clay, the rest was coarse sand. Rates of progress follow: In 
normal air above water line in sand and grave] average 140 ft. per month; under 
river in rock, fine sand and clay, and sand and gravel, 91 ft. per month. 

(24) East River, Pennsylvania R. R. 1903-09. Land portion in rock, soft top in 
places. Under river 18% in fine sand stretched with clay, stiff clay, sand and boulders; 
35% sand and boulders, sand and clay and fine sand; 22% all in rock and 25% in rock 
with sand, gravel, and boulders in the crown. Rates of progress were: Best day’s work 
17.5 ft. Average for month in earth 176 ft., in rock and earth 56 ft., and in rock 61 ft. 

(25) North River, Pennsylvania R.R. 1903-09. Mostly in silt, also short lengths 
in sand and in rock. The maximum month’s progress was 545.2 ft. The average 
progress in rock was 58 ft. per month and in silt 2.39 ft. 

(26) Brackenagh, Ireland. 1903. Water-bearing glacial deposit and running sand. 
(27) Rotherhithe, England. 1904. Clay, conglomerate sand and gravel. 
(28) Kingsway, England. 1904. Clay. Average progress 5.0 ft. per day. 
(29) River Dee, Scotland. 1904. Alluvial clay and boulders. Average prog- 

ress per day 4.5 ft. 

(30) Charing Cross and Hampstead. 1904. Londonclay. Maximum progress 180 
ft. per week. 

(31) Great Northern and Strand. London clay. 
(32) New York Subway. 1916. B.R.T. system from North 7th St., Brooklyn, 

to 14th St., Manhattan. Shaft at each side of river. 2 land shields, 2 river shields 
from each shaft (8 shields in all). Tunnel part in rock and part in sand and part in 
clay. Average progress per month river section, in earth 147 ft., in heart and rock 
44 ft.; land section, in earth 168 ft. 

(33) New York Subway. 1914-1919. B. R. T. system from Montague St. 
Brooklyn, to Whitehall St., Manhattan. Shaft on each side of river. From Brook- 
lyn shaft two shields driven each way. River shields met rock tunnel driven without 
shields under river from Manhattan shaft. Material on Brooklyn side sand with some 
clay. Average progress per month river section, in earth 192 ft., in rock and earth 
80 ft.; land section in earth 209 ft. Maximum progress per month, river section 345 
ft.; land section 454 ft. ; 

(34) New York Subway. 1914-1919. B.R.T. 2 shields driven under streets of 
Brooklyn at a depth of from 43 ft. to 75 ft. All above tide water. Extension of the 
Whitehall-Montague street tunnel. Material sand. Compressed air not used. 

(35) New York Subway. 1914-1919. I. R. T. Shafts on each side of river. 2 
shields in each direction from Brooklyn shaft; 2 shields toward river from Manhattan 
shaft. Material sand on Brooklyn side. Tunnels part in rock, part in sand on Man- 
hattan side. Average progress for month, river section, in earth 184 ft., in earth and 
rock 74 ft. Land section in earth 167 ft. 

(36) New York Subway. 1916-1919. B. R. T. from North Jane St., Queens to 
East 60th St., Manhattan. One shaft on each side of river and shaft in rock on Black- 
well’s Island. From Queen’s Borough shaft, 2 shields were driven under east channel 
of East River, pushed through rock tunnels, previously excavated under Blackwell’s 
Island and continued through earth under west channel to rock on Manhattan side. 
Average progress for month, river section in earth 188 ft., in rock 119 ft. 

(37) Holland vehicular tunnel 1921-27 New York to Jersey City. One tunnel 
east-bound one west-bound each with 20-{t. roadway to accommodate automobile 
traffic only. There are four ventilating shafts equipped with powerful blowers, each 
shaft serving both tunnels. The blowers having a total capacity of 3,700,000 cu. ft. 
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per min., force fresh air into the ducts under the roadways from which it passes through 
smal! openings distributed along the curbs. Air is exhausted from the tunnel through the large duct above the roadway. There are 84 blowers and exhaust fans driven by 
electric motors totaling 6000 hp. 

There were 13 795 lin. ft. of shield-driven subaqueous tubes. Of this, 2412 ft. was 
through mixed river mud, 1900 {t. mica schist rock, 7650 ft. Hudson river silt, and 1833 
ft. through sand-clay and cinder fill. In addition, 2012 ft. of cut and cover and 649 
ft. of open approach were built in New York-and 1082 ft. cut and cover and 970 ft. of 
open approach in New Jersey. The New York power house from which two shields 
were operated furnished 28 000 cu. ft. free air per min. at a pressure of 50 Ib. per sq. 
in. and 3550 at 125 ]b. The shields were operated by three 25-gal. per min. pumps at 
5000 Ib. per sq. in. pressure. The New Jersey power house from which four shields 
were operated furnished 40 000 cu. ft. free air per min. ata pressure of 50 lb. and 2600 
at 125 Ib. The shields were operated by four 25-gal. per min. pumps at 5000 Ib. 
pressure. All erectors operated at same pressure as jacks. The average progress 
was 295 ft. per month in silt, 142 ft. per month in mixed ground, and 57.6 ft. per month 
in rock. This progress included all delays due to starting shields, placing bulkheads 
and locks, and passing through shafts. In the Hudson River silt the shield could be 
pushed without taking any material into the tunnel but that procedure distorted 
grade and alignment of tunnel lining for a considerable distance back of the shield 
and therefore approximately one-half of the cross-section was taken through shield. 
This material was left in the tunnel until after driving was completed and then mucked 
out with a large power shovel. 

The air pressure was seldom above 30 Ib. per sq. in. All lining was cast iron calked 
with lead, except that for a short distance east and west of the New Jersey shaft the 
lining is of steel castings. Bolts in the lining are 1-3/4-in.-diameter high tensile steel 

- of 110 000 Ib. per sq. in. ultimate strength and 85 000 Jb. per sq. in. yield point. This 
was a successful innovation as it reduced handling costs and waste due to stripped 
threads. All shafts were sunk as pneumatic caissons. Each river shaft on the New 
Jersey side rests on 42 24-in.-diameter steel pipe piles filled with reinforced concrete. 

The cost of the 13 795 ft. of shield-driven tunnel was $17 050 000. The four shafts 
cost $3 100000. The ventilating machinery cost $572 000. The cost of approaches, 
street Changes, paving and housing for ventilating machinery and purchase of real 
estate, which included a number of city blocks, brought the cost of the whole project 
up to about $50 000 000. 

38. Roof Shields 

Roof shields for masonry-lined tunnels have been used with success prin- 
cipally in France and to some small extent in America. In use they are 
peculiarly adapted to the drier soils, usually under streets where open-cut 
methods are not permissible, although they have been used, as in the East 
Boston tunnel, in connection with compressed air for subaqueous tunnels. 
They are usually semielliptical or semicircular in form and consist of a skin 
of steel plates riveted to girders which at their lower extremities are tied 
together with a transverse girder and mounted on rollers. Hydraulic jacks 
supported by the ribs and bearing against the completed masonry or the arch 
centers move the shield forward. The two general methods of using roof 
shields are: first, to excavate the area of cross-section of the shield, build the 
masonry arch, and subsequently underpin with the side-wall construction; 
second, to drive timbered headings in advance and construct in them the 
side walls on which the shield is later supported or rolled. 

(1) Commenced 1895. Contract price $55.45 per lin. ft. Semielliptical shield. 
Average progress 14 ft. 9 in. per day of 24 hr., maximum 29 ft. Material penetrated of 
loose sandy nature. 

(2) Commenced 1897. Average progress 9 ft. per day of 24 hr. Material pene- 
trated: 450 ft. compacted clay and sand, 100 ft. loose sand and gravel. Height = 
over all. 
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n S ey 
ao) * n a * s|z| 8 Bis |e 1g 
4\ 3 3 cs 3/3 Jaye 

be = | >) 

Number and name | % | Me re| | &. g8|> 
of tunnel a ae) 3 ; Pee Bo Sa 

2/ oa zs Si) 4] 8] of | Bt es 
a} 3) 2 | € | 2) 8) Bs eee t=] al bo — 

z| = i a/Al;z|s [2 1a 

ft. in.| ft in ft. in. 

@)rderClichy +35. [22485 1 |23 9| 9 8 9/16|17 3 78 

(2) Boston, Tremont...| 1 |29 4) 8 7-1/4) 1 14 0} 10 -11 

(3a) Orleans Railway 1|34 9112 6 |1 19 8 
(3b) Extension...... 1/32 ol 11 8 3/4 123 0 

Collector de Bievre: 
(4a) Chagnaud type....| 1 |16 2) 6 6-3/4) 3/4 |18 0 
(4b) Chagnaud type....| 1 |16 2] 7 6-3/4) 3/4 |18 0 
(4c) Dioudonnat type..} 1 |16 3/10 6* 9/16/13 4 

Paris Metrop. Ry.: 
(5a) Champigneul type.| 4 |28 3) 8 9-1/2} 7/10/23 2 

(5b) Dioudonnat type..} 3/28 3) 8 7 1 22.2 

(5c) Weber type....... 2 \2B53) Seay, 1 EO gop! { 

(5d) Lamarre type..... 2 |28 .3} 8 7 1 19 9 
(6) Boston Harbor..... 2 |28 10) 14 5 1-1/4 |13 0] 1 

* Height = From springing line to crown unless noted. Length = Distance over 
all. 

(3a) Commenced 1898. Material penetrated mostly made ground, old masonry 
walls and foundations. Average progress 3.4 ft. in 24 hr., maximum 22 ft. 

(3b) Material penetrated, see No. 3a. Average progress 10 ft. in 24 hr. 

(4a) Commenced 1898. Employed on elliptical section. Material penetrated: 
made ground, decomposed limestone, marl, and foundation walls. Average progress 
8.2 ft. per day, maximum 101.7 ft. per week. 

(4b) Started 1898. Employed on circular section. Material penetrated, fine sand 
and gravel. Average progress 9 ft. per day. 

(4c) Started 1898. Employed on circular section. Material penetrated; made 
ground, sand, foundation walls, etc. Average progress 7.2 ft. per day. Height = 
over all. 

(Sa) Started 1899. Two shields of this type employed on 1st section, 1 on 8th sec- 
tion, and 1 on 11th section. Material penetrated, made ground and soft sand, with 
some marl. Average advance 13 ft. per day on Ist section, 10 ft. on 8th, and 12 ft. 
on 11th. 

(Sb) Started 1899. One shield of this type employed on 2nd section, two on third 
section. Material penetrated, sand and gravel, some water-bearing. Maximum ad- 
vance 29 ft. per week. 4 

(5c) Started 1899. Two shields employed on 4th section. Material penetrated, 
sand and gravel. Shields proved unsatisfactory. 

(Sd) One shield of this type employed on 6th section, one on the 7th section. Mate- 
rial penetrated, sand, gravel, and marl. Average advance 6.5 ft. per day. Shield 
proved unsatisfactory. 

(6) Started 1901. Material penetrated, blue clay and boulder clay, with some sandy 
and silty permeable clay. Air pressure, 18 to 20 lb. average, 25 lb. maximum; 1200 
cu. ft. per man per hr.. Average progress 4.8 ft. per day. 
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39. Cast-iron Tunnel Lining 

The Lining for shield-driven tube tunnels has usually been cast iron. The 
reasons for its use are that it can be most quickly built; as soon as erected it 
furnishes a reaction for the shield jacks; it offers greater assurances of water- 
tightness, and being thin for its strength saves excavation. For subaqueous 
work done in compressed air all of these considerations are weighty. The 
number of segments forming 4 ring and the width of the ring dependon the 
economic weight that can be handled. Sometimes in small tunnels up to 13 
or 14 ft. in diameter iron lining has been built by hand, but hydraulic erectors 
attached to the shields or to traveling platforms are generally used. The 
length of shield which can be conveniently used is another factor governing 
the width of segments, the length of the tail being affected correspondingly 
by increases in this width. Fig. 92 shows the cast-iron lining used in the 
Pennsylvania R. R. tunnels under the East River, New York. There has been 

built in compressed air at least one shield-driven tube tunnel lined with brick. 
. In the construction of the 39th Street sewer in Chicago, segmental timbering 
formed a lining inside of which the brick was built. The timber was used to 
receive the reaction of the shield jacks. 

The design of the cast-iron lining depends as much on the requirements of building, 
as upon the stresses involved, and the best guide is a study of precedents. The table 
gives principal dimensions and details of iron lining in existing tunnels. 

Fig. 92. Cast-Iron Lining, East River Tunnel 

Stresses in tunnel lining can only be approximated by theoretical analysis, 

because they originate in earth pressures and the law of action of earth pres- 

sures is only imperfectly known. Although the designer should depend more 

on judgment and precedent than on theoretical analysis, such an analysis may 

be helpful by indicating the nature of the stresses. 

Let Ci, Ce (Fig. 94) be the line of centers of resistance (locus of centers of gravity if 

shell is homogeneous) of a unit length of tunnel shell which is taken circular but may 

have any otherform. Let $1, p2, $3,...to pn be all forces acting upon the shell. These 

must satisfy the condition that the forces on opposite sides of any diameter must be 

equal and opposite, otherwise there would be movement. For example, the reactions 

and active forces, if any, on the bottom must balance the loads on top. It is assumed 

in Fig. 94 that the loading and the shell are symmetrical about the vertical axis A—B, 

which will usually be the case. The analysis would be similar in any case. 
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The load diagram a, ag, ag . . . is constructed in the usual way by laying off the 
forces ~1, po, 3 . . . to scale parallel to their direction. The position of the pole o is 
found by laying off on a, an the thrusts T; and Tn, which are found by taking moments 

of the horizontal components of 1, p2, $3, ... . about Cy or Cg. Then ae, a3, a4, etc., 
are connected with the pole, and the line of thrust JT; Tn is constructed in the usual 
way by drawing Ty, Ts, T3, . . . parallel with oa), oa, oa3, . . . But an infinite num- 
ber of such lines of thrust may be drawn. The one to be used for computing stresses 

Fig. 93. Cast-Iron Lined Tunnels 

in a ring of uniform cross-section may he found from the consideration that for any short length of bent member the bending moment is proportional to the angular de- flection in that Jength, and, because in a closed ting the total change of angle of axis is zero, the sum of the bending moments integrated-about the closed ring must be zero The line of thrust to be used in computing the stresses in a tunnel ring may be found by choosing that one for which the positive and negative bending moments are zero This may be done by trial. Divide the complete ring into small equal segments, multi- 
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Details of Iron Lining in Tunnels (Fig. 93) 

A 
es & : = 5 [eb : £7) =~ o 5 = g ¢ * 82] £/2 /3 
a § Bil 3 & Bs! ei aealiis 
_ | Number and name s mi) 2 & |fo| © et lo Smulie: 
5 of tunnel aq s a i (Seep Ble Wee 
. ee g ° ws v 3 2 Ss 

2 ge 2/8.) 4 as 4 afie |Fx 
} 2a a | a 85 ee Eg a8 § | a= | © = 8-8 |e 

RQ 4 a Az |e CIH|A |& 

lft. in. ae ire Si da 

_| (2) Tower, London....| 7 1-3/4) 18 7/8 | 3 3} 971} 31)..]} 3/4 
ee i5) Antwerp. > i> 4 * 19-3/4)....... 4-6 eee ts 14) afore: 26 

: 110 10-3/4,19 | 1 4-3/8] 6| 1880) 47). .|1 
| (4) City and South} /11 3 | 20 7/8 | 4-1/2; 6 1880| 471. nals 78 
: London...... 22 6 [18 | 1-1/8 | 7-3/4 12)...... 83). .| 1-1/8 

Be OL HAsicp Pabay2 449 lO red) Ase 113}. .] 1-1/4 
(5) Mersey, G.B..... 10 0 |18 | 1-11/161 6 10} 3.061] 28/22)... 54 
(6) St. Clair, Mich... 21 0 Sia E 2 7 13| 9 333157/56 7/8! 78 

. 19 6 1-1/2 |9 11] 6 055| 66/36] 1- 
ey Hudson, N.Y... { 1g s-1js20! V2 leo hk sdsél.....| 109] 

(8) Glasgow Harbor....|17 0 18 1 6 13) 4559] 66/28]... .. 62 
(9) Glasgow District.../12 0 | 18 3/4—1] 6 9| 2241] 46/20) 1 70 

_ | (10) Kingston, N.Y.,..|9 0 | 18 7/8 14 6| 1580) 37/14] 1 
| wily aetant eke 1-1/2 | 10 9.408 2 desley avfalites - 

(11) Blackwall, G. B.{L5 0 130 |2 12 | 14/13 265] 70175] 1-1/2) 80 
(12) Clichy Siphon, Fr..| 8 2-1/2) 19-3/4) 1 4 5] 1453) 36|24] 1 58 
(13) East River Gas....1010 |16 | 1-1/4 |4 9} 2400] 46/20] 1 122 
(14) Mound of Edin- 

Warehiswnt<ae0.. 17. Hine) ASasadad Ley, 14}. 7 100)...|..] 1-3/3]... 
13 0. _}20 7/8 |5-1/8| 7| 2.326} 57\24] 1 \ 

| (15) Waterloo & City. | 13 7-1/4} 20 7/8 | 5-1/3) 7} 2431| s7l24l 4 ae 
= 1h fof \18 | 4-1/4' fo 131.9. . se Bal alee sea 

(16) Concorde Siphon..| 6 6-1/2) 19-3/4, 7/8 | 3-5/8 4 895] 21/15] 7/8 38 
(17) Central London. { 12/6 | 20 eae i eee Saws] sarah 

P26 )A8.— 1 GS 18 12 81/39] 1-1/8 
(18) Spree, Germany ¢.|13 1-1/2) 25-5/8) 3/8 | 4 9} 1270} 72/36)..... 35 

| (20) Baker St. and 
Waterloo....... 12 9-3/418 | 4 4-7/8| 6} 2 643} 53|14| 7/8] 70 

(21) Greenwich, Eng...J12 9 |20 |1-1/4 |6 8| 3.080) 47]..| 1-3/8) 70 
(22) Lea, England..... 12 3-3/4] 21 7/8 6 

(23) Battery, East River|16 8-1/2| 22 1-1/8 

23-0 30 1 
(24) East River, } Land|23 0 30 1-1/4 

Pa. R.R. 23 0, | 30 1-1/2 
River|23 0 30 1-1/2 

‘ 23000) »|30. ( (25) No.River,P.R.R.{ 33 ie el 7D 
(26) Hilsea Creek 

Portsmouth, Eng.|12 6 20 mye 
5 2 (27) Rotherhithe, G. B.|30 0 | 30 { sea 

(28) RiverDee, Scotland! 8 6 18 1 

* Height 5 ft. 7 in.; width 4 ft. 11 in. t+ Steel lining. C = Circumferential, H = 

Horizontal. 
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Details of Iron Lining in Tunnels—Continued 

Name of tunnel 

(32) 14th St., East 
River, N. Y.. 

(33) Whitehall St., 

East River, 
ING Y coeur: bs 

(35) Old Slip, serie 
River, N. Y.. 

(36) 60th St., East 
River, N. Y.. 

(37) Holland Vehic- \ 
ular. kee aes 

External diameter 

oh + o of ring 

A coananvnoonos 

| Length of ring, in., 

1-3/8 9 
1 7 
1-3/8 9 
1 7 
1 7 
1-3/8 9 
1 7 
1-3/8 9 
1 7 

-5/8 to 
2-3/4 

r) s 
M4 3 
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° 3S 
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* Earth or earth and rock. 

exclusive of key 
ght Ib. per lin. Bolts per ring i 

ft. 
We 

17 300}85|75 

Diameter of bolts, 

he ~~ - 

ee et ot pe 

1 = = 

w ar. > 

t Rock without shield.  $ Rock with shield. 
§ Bolts upset 1/8 in. for thread; also upset 1/8 in. near the head end. 

Fig. 94. Stresses in Tunnel Shell 

ply the component of the thrust at right angles to the radius at the middle of each seg- 
ment by e, the eccentricity of the thrust. The e¢ is the distance from the center of 
gravity of the cross-section of the ring to the line of thrust measured on the radius. 
In this way find the line of thrust for which the sum of the positive bending moments 
equals the sum of the negative bending moments integrated about the complete ring. 
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40. Waterproofing and Grouting 

Grummets. Bolt holes in cast-iron tunnel lining, being slightly larger than 
the bolts which are placed in them, permit water to seep into the tunnel unless 
a tight calking material is carried around the bolt hole or some form of grummet 
is placed under plate washers at the head and nut. Three principal types of 
gtummets have been used. In the Baker Street and Waterloo, the North 
River Pennsylvania, the Battery, and for a time in the East River Penn- 
sylvania tunnels rings of hemp saturated in red lead and oil under plate 
washers were used. In the East River Pennsylvania, where the bolts had 
rolled threads, the diameter of the threaded portion being larger than the 

_ diameter of the’ shank, greater success was attained by wrapping around the 
shank strands of hemp saturated in red lead and oil. In the Greenwich and 
Rotherhithe tunnels lead washers were used, and when the bolts were tight- 
ened the lead washers were forced into conical bolt holes. 

Calking. The prevailing practice is to cast a small depression in the flanges 
at its inner edge which matches a like depression in the adjoining plate and 

~ forms a calking groove when the plates are bolted together; see Fig. 92. Into 
this is calked either soft lead or a rust mixture or sometimes portland cement. 
The grooves have usually been from 1/4 to 3/4 in. wide and about 1-1/2 in. 
deep. For lead it is desirable to make the groove much narrower, say 1/8 
in. wide, but this is difficult to cast. 

The rust mixture is usually one part by weight of sal ammoniac mixed with 400 parts 
of iron filings. The sal ammoniac is best dissolved in enough water to dampen the iron 
filings, which are then calked into the groove and well compacted either by hand tools 
or pneumatic hammer. The finer the iron filings the better. Rust mixture calking 
is not successful if there is water coming through the joint during calking. Even 
when the joints are made absolutely watertight slight movements of the flanges, such as 
are likely to occur from contraction in winter or in adjustment of bolts, are liable to 
cause a small amount of leakage. The table shows the practice in some of the more im- 
portant tunnels: 

Grouting. The shield being larger than the tunnel lining leaves an annular 
space which should be filled immediately after the shield has passed. This 
is especially necessary at the sides to prevent the lining from spreading. The 
material to fill this space must be ejected through holes in the lining. It must 
therefore be something that will flow and be permanent. A grout of equal 
parts of cement and sand is the most common material for the purpose, but 
simple pugged clay has been used as well as plain sand or gravel. These are 
probably all equally good so long as they are made to fill the space, although 
in rock the cement grout is preferred. 

Waterproofing. Most subaqueous tunnels have had cast-iron or steel 
shells which are waterproof of themselves; the exceptions are those that are 
in nearly impervious clay, which prevents any quantity of water reaching the 
tunnel lining. There area few such tunnels as the Severn, which has brick 

lining which is back drained to a sump which is kept dry by pumping. 
Numerous tunnels and subways in water-bearing ground are of masonry 
lining waterproofed by pitch in some form. 

The most generally used form is a combination of pitch, usually applied hot, with 
sheets of some fibrous material used as binders; for this purpose burlap, building paper, 
and so-called felt have been used. These binder sheets are usually saturated with 
pitch by the manufacturer, and are applied to the outside of the wall in from 2 to 6 thick- 
nesses, each layer being given a coat of hot pitch as it is placed. The specification for 
such work in the Pennsylvania R. R. land tunnels in New York call for “straight run 
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Se ea a 

Maxi- 
mum 

Name Date | head 
water, 

ft. 

Kind of calking 

Groove in flange outside of bolts. Rope of 
tarred hemp. 

In joints between rings oakum in groove 
covered with cement. Longitudinal] joints 
2/3 filled with soft wood packing and the 
rest filled with cement. 

Antwerp, Belgium..... 1879 26 

City and South London.| 1886 75 

Mersey, England...... 1888 54 |Face of flange beveled. Portland cement 

mortar, just damp, in groove. 

Sey Cinir, WICH, co. psi 1889 78 |Canvas coated with resinous compound be- 
tween rings, creosoted oak packing 3/16 
in. thick in longitudinal joints. 

Blackwall, London.....| 1892 80 |Rust joint material—1 lb. sal ammoniac to 
400 Ib. iron borings. In wet joints lead 
first hammered into groove. 

Pine packing between rings outside 1/2 of 
joint, rust joint material inner 1/2. 
Calked around bolts. Rust joint mate- 
tial in shallow groove on longitudinal 
joints. 

Rust joint material in grooves into which 
soft lead had been hammered. 

Lead in grooves. 
20% calked with rust material—i lb. sal} 

ammoniac to 400 lb. iron borings. 80% 
calked with lead and pointed with port- 
land cement. 

Sides and invert—2 lb. sal ammoniac, 1 lb. 
sulphur, and 250 lb. iron borings; arch, 4 
lb. sal ammoniac, 3 lb. sulfur, and 125. 
lb. iron borings. 

Lead hammered into groove and covered 
with rust joint material. 

Baker St. and Waterloo.| 1898 70 

Greenwich, England...| 1898 70 

Battery, East River....| 1901 94 
East River, P. R. R....|1903-09} 93 

North River, P. R. R. .|1903-09| 98 

Rotherhithe, Thames R./1904-09) 97 

East River, New York 
Public Service....... 1910-19) 116 |The calking for all the cast-iron-lined tun- 

nels was done with leadwire over which 
a portland cement pointing was placed to 
fill the groove. 

The calking groove was 1/4 in. wide and 
1-1/4 in. deep. 

Lead wire elliptical in section (maximum di- 
ameter 1/2 in., minimum diameter 1/4 in.) 
used throughout the entire work. 

New York: 
14th St. 
Whitehall St. 
Old Slip 
Lawrence St. 
60th St. 

Holland Vehicular, New 
York-Jersey City... .}|1922-27| 101 Lead wire calked into groove 3/8 in. wide, 

1-1/4 in. deep. 

coal tar pitch which will soften at 60° F. and melt at 100° F., being a grade in which dis- 
tillate oils, distilled therefrom, shall have a specific gravity of 1.05.’’ Felt was coated 
and saturated with asphaltic products, and it was required that the wool in the un- 
saturated felt should be not less than 25% by weight and that the felt should weigh 
0.05 to 0.06 lb. per sq. ft. unsaturated and 0.12 to 0.14 lb. saturated. Another type of 
waterproofing consists of an outside course of asphaltic brick laid in soft pitch or a 
mastic of soft pitch and fine sand. 



| 

4 
" 

a 
Fe 

le 

L 

Art, 41 Compressed Air 1645 

41. Compressed Air 

The Shield and Compressed Air generally go together, but there have been several exceptions. A portion of the Pennsylvania tunnels in Long Island City were mined, timbered, and lined in compressed air without use of shields, and the builders of the telephone tunnels in Chicago used com- 
pressed air but no shields. The amount of air required is very variable in dif- 

_ ferent tunnels and at different times in the same tunnel. In the East River 
f ” 

Compressed Air Data 

High Max. | Aver. 
water | Mini-| air air 

to mum | pres- | pres- Cubic feet of free air 
Tunnel invert,| cover,| sure | sure supplied 

max. Ib. per/Ib. per 

ft. ft.t | sq. in.| sq. in. 

City and South London..| 34 42 15s sae In water-bearing sand 1660 
per min. per face; when 
grouted 1000 to 1300 per 
min. per face. 

Blackwall, England...... 80 5 37 35 |10 000 per min. per face in 
open ballast for some 
time. 

Baker St. and Waterloo..| 70 18 35 28 |In gravel 3300 per min. per 
: face; parallel tunnel 1650 

per min. per face. 
70 30 28 20 {Average 5000 per man per 

hr.; never less than 4000. 
94 12 42 26 |Two working faces, maxi- 

mum 32 000 in sand. 
93 8 42 27 |Maximumat one face25 000 

per min. for 24 hr. Ca- 
pacity of plant for 8 
faces 80 400 per min. 

98 20 37 26 |Maximum in gravel 10000 
per man per hr. . Gener- 
ally ranged between 1500 

Greenwich, England..... 

Battery, East River, N. Y. 

East River, P.R.R...... 

North River, P.R.R.... 

and 5000. 
14th St., East River, N.| 97 4* | 39-1/2) 33 |Maximum in sand 9000 in 

7th St. Tunnels. one heading for 24 hr.t 
Whitehall St., East River,| 87 8 | 34-1/2| 30 |Maximum in sand 12 000 in 

Montague St. Tunnels. one heading for 24 hr.t 
Old Slip, East River, Clark} 89 3* | 37-1/2} 30 |Maximum in sand heading 

St. Tunnels. 10 000 one heading for 24 
hr.t 

60th St., East River, N.] 116 9* | 47-1/2} 41 |Maximum in sand 12 000in 
Jane St. Tunnels. one heading for 8 hr.f 

* The shield cut into the permanent clay blanket placed on the river bed. The clay 
blanket is protected from washing by a rock revetment on the sides and top. 

Tt Does not include clay blankets. 

t Requirements for all contracts was 10000 cu. ft. of free air per min. per head- 
ing; except in one case where one power house supplied 8 headings, the requirement 
was reduced to 8000 cu. ft. of free air per min. per heading. 

tunnels of the Pennsylvania R. R. in open sand with a clay blanket 10 to 20 
ft. deep and 350 ft. wide dumped upon the river bed, the capacity of compres- 

sors required was about 80400 cu. ft, free air per min. The average used 
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was about 3500 cu. ft. per min. per heading. In the Rotherhithe tunnel under 

the Thames it was specified that the minimum amount of air pumped into the 

tunnel should be 8000 cu. ft. of free air per man per hour. 

The great difficulty in water-bearing sand or gravel when compressed air is used 

arises from the impossibility of balancing the water pressure at more than one eleva- 

tion, with the result that if the water pressure is balanced at the bottom of the tunnel 

there is an excessive escape of air at the top, which is expensive, and there is always 

danger that a “ blow,” or sudden outrush of air, will occur at the top, which endangers 

the workmen and may cause delay by flooding the tunnel. If the water pressure is 
balanced at the top, the bottom may be so wet that the ground is unstable and difficult 
to handle. As a compromise the water pressure in such materials is usually balanced 

by the air pressure at about the center of the shield, and blows are guarded against by 
breasting and plastering the face with clay and depositing a clay blanket on the river 

bed above. 

42. Subaqueous Tunnels Built from Surface 

In cases where the top of the tunnel is desired to be close to the bed of the 
river thus giving insufficient cover for shield work, or if the tunnel is short, 

making the plant installation required for shield work proportionately ex- 
cessive, tunnels have been built successfully from the surface. 

(1) Detroit River Tunnel, Detroit to Windsor. Trench was dredged to grade in 
the stiff clay of the river bottom. Twin steel tubes of 3/8-in. plate 23 ft. 4 in. in diam- 

eter and 262 ft. 6 in. long connected by structural steel diaphragms at 12 ft. c. to c. 
and provided with bulkheads were sunk in position on prepared foundations. Sections 
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were connected up by divers with special bolting system. A timber form or sheathing was fastened to outer edges of the diaphragms. Concrete was placed by tremie be- tween this sheathing and the tubes—completely encasing the tubes. This concrete was 3 ft. thick on the sides and 4 ft. 6 in. thick top and bottom. Reinforced-concrete lining having an interior diameter of 20 ft., was placed inside the steel tubes. (See Fig. 95.) Distance from water surface to top of rail in mid-channel 66 ft. Current in river over 2 miles per hr. Total length of river section 2667 ft. Built 1906-10. (2) Chicago River Tunnel. Single length of two parallel steel cylinders with a longi- tudinal dividing wall; lined with reinforced concrete and sunk on prepared foundations in a trench dredged in the river bottom. Tubés of 3/8-in. steel plate, stiffened by plate and angle gussets above and below the central wall every 7-1/2 ft. Concrete lining 20 in to 40 in. thick. Central wall 3 ft. thick. Length of tubes 278 ft., width 41 ft, depth 24 ft. Weight when sunk 8000 tons. Backfill and cover sand. Connection 
to shore tunnels made by cofferdam. Built 1910-12. (Fig. 96.) 

(3) Paris Subway under Seine, Pont Mirabeau crossing. The river portion is 644 ft. 
long and made up of 5 sections 116.8 ft. to 144.4 ft. long. - Each section was a pneu- 
matic caisson consisting of a structural steel frame covered inside and out with steel 
plates and filled with concrete, with a double-track tube of similar construction above 
the working chamber. Over-all width 29.9 ft., over-all height 30.1 ft. These sections 
were sunk in position 15-3/4 in. apart, this space filled with tremie-placed concrete 

~ through which an opening of required tunnel section was later excavated. A tunnel 
having a total caisson length of 1313 ft. was built under the Seine by a very similar 
method in 1906-7. 

(4) Harlem River crossing, New York Subway, Lexington Avenue Line. Four- 
track tunnel built very much the same as the Detroit River tunnel noted above. The 
sections as assembled had an over-all width of 76 ft. and height of 24-1/2 ft. Four of 
the sections were 220 ft. long and the remaining one was 200 ft. long. Contract price 
$1500 per lin. ft. for four-track structure. Built 1911-12. 

(5) Harlem River Tunnels, New York Subway, Lenox Avenue Branch. Twin tube 
sections 610 ft. long of cast-iron lining, inside diameter 15 ft. Across the river trench 
was excavated, bottom of which was a little below the middle of the finished tunnel. 
Two lines of heavy sheet piling were driven outside the line of the finished tunnel and 
cut off at the springing line of the arched roof. A floating timber box was then built in 
which the arched roof of cast-iron segments was erected and covered with concrete with 
proper internal bracing and bulkhead ends. The floating box was sunk from under- 
neath and the roof left floating like a diving bell. This with steadying tackle was sunk 
and left resting on the sheet piling and bearing piles previously driven in the trench. 
After divers connected this to the section already in place, the lower half of the tunnel 
was built in compressed air. Built 1903-4. 

~ (6) Oakland-Alameda vehicular tunnel, California, 1926-28. Single tube with 24-ft. 
roadway for two-way automobile traffic. 12 sections each 203 ft. long with temporary 
wooden bulkheads were built in drydock, floated to the site and sunk. ‘The sections 
were reinforced concrete, 37 ft. outside and 32 ft. inside diameter. The arrangement of 
ventilating air ducts was like that in Holland tunnel. 

43. City Subways 

The Cut-and-Cover Method is usually cheaper than tunneling at depths 
less than 30 ft. and may be the more practicable method when the cover is 
shallow, as often with city subways for rapid transit. Attempts to excavate 
by shield within a few feet of street surfaces have not met with entire success 
because of disturbance to pavements and pipes. Where traffic will not permit 
an open cut, the pavement is taken up, if necessary at night, and replaced by 
a timber deck under cover of which the subway is built. Where wide cutting 
is objectionable, side-walls and interior supports are sometimes built in trench 
and roofed, after which the core is removed and the hottom placed. Where 
there is ground-water, its level frequently may be lowered by draining to 
sumps and pumping carefully. Where quicksand is met at subgrade, tight 
sheeting is driven to extra depth and it may be necessary also to excavate for 
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and place the floor quickly in short sections. On the other hand, where the 
ground is dry and hard enough to stand with but little bracing and where’ 
decking is not required, steam shovels have been successfully used. Inter- 
cepted sewers may be depressed or under-siphoned, or the sewer system may 

be modified. 
Adjacent foundations are underpinned, either temporarily or permanently, 

where required to prevent settlement. Finally, subsurface structures are 
restored or rebuilt and the street is backfilled and repaved. 

Types of Sections are shown in Fig. 97. Earlier sections usually were of 
the single-arch type if headroom permitted; where close to the surface the 
roof was of beams with jack-arches between them. Later, beams came to 

be used also in sidewalls, forming bents, saving in width and facilitating con- 
struction. Reinforced concrete requires somewhat less and cheaper steel and 
permits the use of large forms, but bents continue in favor because better 
adapted to requirements of bracing, piecemeal construction, and support of 
subsurface structures. The single arch of concrete, plain or reinforced, is 
still used where conditions of head-room and lateral support are favor- 
able. In soft or wet ground the floor may be formed as an invert or 
may be reinforced with beams or rods. Waterproofing is commonly felt or 
fabric saturated and laid with tar or asphalt, and in dry situations may be 
omitted from floor and sides. Stations are painted, plastered or tiled in 
white or light colors. 

The New York Subway System, the largest, has 74 miles of underground 
structure in operation by two different companies. A new independent sys- 
tem now (1928) building by the city will add, it is estimated, 61 miles by 1933. 
Most of it is 2- or 4-track subway of bent type (3), Fig. 97. Portions first 
(1900-3) built are nearly all of bent type (1), and some later (1902-12) built 
are of reinforced-concrete type (2) or similar. Type (3) provides a partition 
between the middle tracks to promote ventilation by train movement. The 
roof and where necessary the sides and floor are waterproofed generally 
with felt or burlap and pitch. The inside tracks are for express, and the out- 

side for local trains. At express stations the platforms are between local and 
express tracks, serving both, and at local stations at the sides. In some parts 
the four tracks are built in two tiers. Excavation was partly in rock. Ground- 
water and very fine quicksand were frequently met. Methods varied widely. 
The system includes several miles of arch tunnels in. rock, cast-iron-lined 
tubes and steel viaduct extensions. 

The Boston Subway System, the first in America, with 28 miles under- 
ground trackage, radiates to Cambridge, Dorchester, East Boston and 
Brookline. It is mostly 2-track subway and principally of bent type (4) and 
arch type (5) in earlier (1895-1908) portions and of reinforced concrete type 
(6) in a later portion. Where traffic was dense a short portion somewhat like 
(5) was tunneled with roof shield. The Cambridge portion (1909-12) is of 
arched, reinforced type (11), but where cover is shallow the roof is made flat. 
Excavation was nearly all in sand, clay and gravel. The system is for both 
surface cars and trains. It includes two shield-driven subaqueous ‘tunnels 
and steel viaduct extensions or connections. 

The Philadelphia Subway east and west in Market Street, built 1903-07, 
2-1/4 miles long, is in about equal parts a 4-track (7) and a 2-track (8) struc- 
ture. The walls of (7) and the roof and walls of (8) are rod-reinforced. The 
roof is waterproofed with asphaltic mastic and the sides with asphalted bur- 
lap. The outer tracks of (7) are for street cars and the inner tracks, con- 
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Fig. 97. Subway Sections 
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tinuous with those of (8), for trains. The columns of (7) are protected 
against derailment by low reinforced-concrete bulkheads. In 1924 the city 
began a 4-track subway 6-1/2 miles long north and south under Broad Street, 
to extend by a 2-track branch to the southwest. The new subway is of the 
bent type. Waterproofing is generally limited to the roof; the floor and walls 
are underdrained. Excavation is largely in gravelly soil. The system in- 

cludes steel viaduct extensions. 

The Atlantic Avenue Subway, Brooklyn (9), built 1901-7, 2 miles long, 
is for electric trains of the Long Island R. R. While not a city subway in a 
strict sense, it is structually such. The sides are retaining walls and with 
the roof are waterproofed with tarred felt. Excavation was mostly in sand 
and gravel. 

The Sixth Avenue Subway N. Y. (10), built 1906-11, 1 mile long, is for 
Hudson and Manhattan R. R. trains entering the aty by tunnel under the 
Hudson. Roof and sides and, where in earth, the floor, are reinforced. Water- 
proofing was mostly of asphalted burlap but in a short portion a waterproofing 
compound was mixed with the concrete. Excavation was partly in rock. 
Some quicksand was met. 

Foreign subways generally are of smaller cross-section. 

The London Metropolitan and District Subway, (12), an irregular oval line termed 
the Inner Circle, was the first city subway for rapid transit. It was built 1860-84 and 
later extended from its original length of 13 miles, part of which is open cut. The arch 
and walls are of brickwork. The extrados is waterproofed with asphalt. Where cover 
is shallow, cast- or wrought-iron roof girders were used. With soft or wet foundation, 
an invert was added. Excavation was mostly in gravel, sand.and clay. Later exten- 
sive underground lines are in deep-level tubes, shield driven in London clay. 

The Paris underground railway, (13), a network of belt and intersecting lines, begun 
1898 and opened 1900, has in 1928 a length of about 60 miles, mostly subway. A link 
south of the Seine, begun 1912 and halted by the war, was resumed 1923. The plan 
in progress is to provide about 80 miles of double-track line within the city proper, in 
addition to a large mileage of extensions on viaduct or surface. Short portions first 
built were tunneled with roof shield or by the Belgian method. Watertightness was 
secured by grouting. Excavation was mostly in sandy soil and in some parts in soft 
rock.» There are two operating companies—the ‘“ Metro ”’ and the ‘‘ Nord-Sud ”— 
which exchange passengers by transfer at intersections. 

The Berlin underground railway, (14), an original east-west trunk, begun 1896 and 
opened 1902, with later extensions or connections to suburbs, has about 25 miles of 
2-track line, of which about half is subway. A new north-south trunk, 7.7 miles long, 
built by the municipality, was opened for operation by the existing company early 
in 1923. The section shown is that of the Schoneberg branch, opened-1910; of the 
bent type. The longitudinal girders are discontinuous, each supporting 5 roof beams, 
and rest on two columns over which they cantilever. A feature was the use of small 
I-beams, driven as piles at each side every few feet, to the inner flanges of which were 
clipped breast boards, retaining the earth and serving as back forms for the concrete 
of the sidewalls, in such manner as to permit the final withdrawal of the beams. The 
beam-piles were braced apart only at the top, leaving a free working cut. An earlier 
type has thicker walls without beams. A late type has nocolumns. Waterproofing 
is asphalted paper. Excavation was mostly sandy and much of it water-bearing. 

The Glasgow District Subway, (15), an irregular oval line, built 1891-97, is 6-1/2 
miles long, comprising subway, tunnel and open cut. For the subway, a heavily 
sheeted trench was excavated deep enough to build the roof, which was next water- 
proofed with layers of asphalt and covered with the restored pavement. The roof, 
supported by the sheeting, was then undermined with drifts in which were built the 
walls and floor, completing the structure. A short section in soft ground was built 
under air pressure. Excavation was in sand, clay, mud and rock. Traction is by 
cable. 
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The Budapest Subway, (16), for surface cars, a line 2 miles long, built 1894-6, was _ the first underground electric railway. The I-beams of the roof, which is close under the pavement, are supported at the middle on a continuous girder of two I-beams rest- ing on columns spaced about 13 ft. apart. Waterproofing consists of sheets laid in pitch. 
The Hamburg Subway, (17), begun 1907, forms 5 miles of a ring with external branches opened in part in 1912 and since extended. Excavation was in varied soil, in parts water-bearing. In dry ground, openings are left in the floor under the tracks and only the roof and sides were waterproofed. Beam piles were used at the sides, as in Berlin. Where depth permitted, a single arch section with invert was used. The Buenos Aires Subway, (18), for surface cars, was begun 1911 and opened 1913 for a length of two miles, with extensions in progress or planned. It is of the earlier German type without steel in side walls. Waterproofing is tar paper and asphalt. _ Excavation was in hard clay. Electric shovels were used. 
The Madrid Subway, opened in part in 1919 and extended by 1926 toa length of 9.3 miles, is roughly cross-formed in plan. The double-track arch and the rectangular section are both used. For the latter, the side-walls were first built in separate _ trenches, the pavement was then removed, the roof built and the pavement replaced, after which the core was excavated, and the floor and middle support placed. The Sydney, Australia, Subway, a 2-track loop 3.6 miles long, from the Central Terminal station through the business district, with extensions, was opened in part late in 1926. Some viaduct and some open cut are included. Steel framing is used where headroom is restricted. 
The Tokyo Subway was opened for a length of 1-1/2 miles late in 1927, and will con- nect the thickly populated districts of Uyeno and Asakusa. Other portions of the system are in progress or planned. The structure is 2-track and of the bent type. 
The cost of subway work varies widely. The kind and depth of excavation, pro- ; portion of temporary decking required for traffic, size and number of sewers, pipes, etc., to be supported or changed, and the extent of underpinning to protect adjacent buildings, greatly limit methods and thereby influence cost. The accompanying table gives costs, per lineal foot of equivalent single track, of several New York subway sec- 

tions put under contract between 1925 and 1928, all of a type resembling (3) of Fig. 97. The figures are based on contract prices which may be unbalanced, and preliminary 
estimates which may be large. They include nothing for station finish, track, equip- 
ment, engineering or inspection, and are not safe for use in estimates without fuller 
presentation of conditions than is possible here. 

es 
Route No........ 78 | 109 | 109 78 | 78 | 78 |102/ 78 | 109 | 107 | 102 | 102 
Section No......| 4 |2A.| 4 | 2 |1A | 3 2 ;2A/ 1 |11/ 6 1 

Length, miles...... ZOU OMe [rs Ee | 6. Nl. 5:/ | AGN On eRge | he. alg 
Tracks, number... . 6 4 4 4 4 4 4 4 4 2 4 4 
Average depth, ft...| 25] 31} 30] 42] 39] 23] 25] 36] 38] 30 36] 35 
ROK (per cent Awe e45|--05 [2.2 | F591) Si SgSiers6lieSolmue lsc: 46 8 
Stations, number... 1 1 1 1 2 1 1 2) 1/2 2 1 1 
Date contract...... 1925 /1928}1928 /1925|1925/1925|1925/1925|1927|1927|1925 1926 

Excavation........ $114/$ 84/$ 90/$170/$185|$195|$237|$2551$208 $165|/$298/$293 
MULUCTULE. 2 6% oe os 72) 110) 124} 102} 114] 108} 109} 122] 175] 153] 153] 193 
Sewers, pipes, etc...] 17) 38] 24] 17] 13] 34] 65] 33] 11] 41] 32] 33 

|Underpinning...... 5 Zin 23 8 TSN TAY 7 7) 154|\<45)| 97 
Repaving and mis- 

cellaneous...... 23} *50)) 42) 24) 29) 43/935) 37] 79) 77| Az\ ‘so 

Total (per lin. ft. 

OL track) oso. $231 /$284/$303/$321/$348)/$424 /$460/$464/%490/$490/$575 $591 
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Section 
No. 

78-4. 

109-2A. 

109-4. 

78-2. 

78-1A. 
78-3. 

102-2. 

78-2A. 

Tunnels Sect. 15 

St. Nicholas Ave., 132nd to 140th St—Dry, shallow-cut; all decked. (See 

cut and cover method). 
Smith St., Brooklyn; Bergen St. to 4th P]—Tracks in two tiers; partly dry; 

part open under private property. 

9th St., Brooklyn, 4th Ave. to Prospect Park.—Dry, shallow, earth cut; 

mostly decked. 
Central Park West, 88th to 101st St-—Tracks in two tiers; dry; all decked. 
Central Park West, 79th to 88th St.—Tracks in two tiers; dry; all decked. 

8th Ave., 111th to 123rd St.—Dry, filled ground; underpinning elevated 

railway; all decked. 
8th Ave., 18th to 28th St.—Shallow cut, partly below water; extensive sub- 

surface restoration; all decked. 
Central Park West, 101st to 111th St—Tracks mostly in two tiers; dry; all 

decked. 
109-1 Jay St., Brooklyn, Nassau St. to Willoughby St—Deep cut; mostly dry; all 

107-11. 

102-6. 

102-1. 

cecked. 
Manhattan Ave., Boooklyn, Nassau Ave. to Freeman St.—Partly below 

water; much underpinning; extensive subsurface restoration; all decked. 
8th Ave., 58th to 68th St.—Rather deep cut; dry; expensive underpinning; 

all decked. 
Greenwich St. and 8th Ave., Bank St. to 17th St—Mostly soft material; 

partly below water; all decked. 

= | 
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IRRIGATION 

1. Fundamental Considerations 

Definition. The practice of supplying water to crops by artificial means 
is called irrigation. Irrigation is essential in arid districts and may be profit- 
able in semi-humid regions where the rainfall is occasionally insufficient to 
mature crops and for certain purposes in humid regions as an assurance against 
drouths. Irrigation water may be obtained by gravity flow by the diversion 
of natural streams or by pumping from surface or sub-surface supplies. 

The Development of the Irrigation Resources of a country usually begins 
with the bottom lands lying close to the stream which provides the water 
supply. In the early days of irrigation, ditches were built to serve a single 
farm or a small group of farms. Later, community ditches were built and 
irrigation companies were formed which irrigated larger areas under a single 
system. In the United States and other countries whose irrigation resources 
have been extensively developed, the more accessible lands are under irri- 
gation and the flow of streams during the irrigation period has been largely 
appropriated. There thus remains for development only the more inaccessible 
lands and those which must be supplied by the storage of flood flows and water 
not available during the irrigation season. 

Operations of an Irrigation Project. In general, irrigation may be divided 
into four operations: the storage of water, the diversion of water, the convey- 
ance of water, and the application of water to the land. 

The Soils of arid districts extend to a greater depth and are commonly more fertile 
than those of humid localities. In the irrigated sections of the United States the soils 
are generally deep and of uniform texture. Hardpans are found near the surface of 
the ground in some localities, but they are usually dissolved by irrigation. Care should 
be taken to determine the crops to which an irrigated area is best adapted. This may 
depend upon the length of growing season as well as the soil formation. A strong 
growth of sage brush, bunch grass or other vegetation indicates fertile soil. Salt grass 
and grease wood are indicative of alkali. In general, the soils of arid districts are well 
supplied with lime, potash, and nitrogen, but are low in humus content. 

2. Disposal of Irrigation Water 

Soil Moisture occurs in three forms, usually termed hygroscopic, capillary, 
and gravity water. Hygroscopic water is the moisture which perfectly dry 
soil will absorb from the water vapor in the air. It either may form an ex- 
tremely thin coating of the soil particles or may be held in loose chemical com- 
bination. It can not be removed without artificial heat and. has no value in 
sustaining plant life. Capillary water exists as a thin coating of the soil par- 
ticles. It moves from a wet soil to a drier soil in any direction. Capillary 
water is of chief value in supplying moisture for vegetation. Gravity water 

‘is the water contained by soil beyond its capacity to contain capillary water. 
It moves downward by gravity and is not retained by the soil, as such, if there 
is satisfactory drainage. After rains or if water is applied by irrigation, grav- 
ity water near the surface of the ground in passing downward may become 
capillary water in the lower strata. 

The amount of hygroscopic water in the soil depends upon the temperature, humid- 
ity of the air, texture of the soil, and other less important factors. It varies from a 
minimum of about 0.5% of the weight of the soil for coarse sand to maximums of 8% 
and 17% respectively for silt and clay. The limit of soil to hold capillary water is 
usually reached when it contains 15% to 20% of its weight of moisture. Water will 
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rise 0.5 to 2 ft. in one day and 0.7 to 4 ft. in one week by capillary action. The rate of capillary movement increases with the fineness of the soil particles. The dis- tance which moisture may be drawn by capillary varies from about 2 ft. for sand to 5 ft. for fine silt or clay. Cultivated soils contain 30% to 50% of voids which marks the limit of their capacity to hold water. 

Ultimate Destination. Irrigation water applied to land disappears in 
several ways: (1) plant transpiration, (2) evaporation from the ground, (3) percolation to strata beyond the reach of plant roots, and (4) surface 
waste. Only the water used in plant transpiration serves a useful purpose, 
and in successful irrigation disposal by the other three methods should be 
reduced to a minimum. 

Plant Transpiration is the process by which growing plants obtain nutriment 
from the soil. Carbon, which constitutes about one-half of the dry plant, 
is taken by leaf action from the carbon-dioxide in the air. Plants contain 
2% to 10% of mineral matter. The remainder of the plant is composed of the 
elements of water combined with the mineral matter and carbon. There isa 
continual upward current of water through the plant. The soil moisture, 
containing mineral matter in solution, enters the hair roots of the plant, the 
water being dispelled by the leaves into the air in the form of water vapor. 
The rate of- movement of the water usually varies from 1 to 6 ft. per hour, 
but may be much greater than this. 
The Amount of Transpiration, other conditions being the same, increases with the 

moisture in the soil, the amount of sunlight, and the temperature. Transpiration 
is practically zero for ternperatures less than 42°F. The amount of water required 
to produce a given quantity of dry matter decreases as the humidity of the air increases. 
In general, for a given locality, the amount of water used in plant transpiration varies 
approximately as the quantity of dry substance produced. The average plant con- 
sumption and distribution of consumption on the Boise Project, Idaho, as determined 
by J. C. Stevens from statistical reports of the U. S. Bureau of Reclamation are given 
in the tables at top of page 1656. 

The Amount of Evaporation from Soil depends primarily upon the available moist- 
ure. For saturated soil the evaporation is equal approximately to that from a free 
water surface. As the soil moisture is depleted the rate of evaporation decreases. 
The amount of evaporation is also affected by the character of soil. Fine soil has a 
greater capacity for capillary water and permits greater capillary movement and 
therefore affords a greater opportunity for evaporation than coarse soil. Cultivation 
reduces the amount of evaporation. A mulch of 6 in. will conserve 80% of the soil 
moisture. Other conditions being the same, the rate of evaporation increases with 
the wind velocity, the temperature, and the saturation deficit of the air. 

Percolation. If the quantity of irrigation water applied to a tract of land is just 
sufficient to supply plant needs, there is no percolation to the deeper strata. With 
the irrigating methods ordinarily employed, however, percolation losses are 20% to 
75% of the water applied. They increase with the porosity of the soil. 

Return Seepage. Waters which percolate from canals and irrigated areas to under- 
lying strata raise the ground-water level and eventually return to natural channels. 
Return waters may in some instances be used for irrigating other areas but they often 
become so heavily impregnated with mineral salts (see Art. 28) as to render them unfit 
to use for irrigation. In the San Joaquin valley of California large areas are irrigated 
by irrigation waters returned to the Stanislaus, Tuolumne, and Merced rivers. In 
some instances 40% or more of the water diverted is returned to streams through un- 
derground seepage. 

Surface Waste is the irrigation water which runs off the surface of the ground 
and does not soak into the land being irrigated. It is not practicable to eliminate this 
waste entirely. An allowance for surface waste of 8% to 15% of the total water 
applied to the land is conservative. Without care in irrigating these percentages 
may be greatly exceeded. In general, the waste increases with the slope of the land 
to which the water is applied. 
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Average Plant Consumption, Boise Project 

Plant consumption © 

Yield per 
Acres acre Depth 

ig feet Acre-feet 

3.9 tons 1.66 56 800 
20.4 bu. 0.50 1610 

2.0 tons 0.84 6 430 
37.9 bu. 0.97 1370 

1.4 tons 0.62 320 

25.5 bu 0.48 1 540 

DO We 0.50 3 280 

21.2 bu. 0.63 16 100 

So spepetaeree be 7 87 450 

monthly Percentage 
Month temperature, of total 

deg. F = T 

OTC oe cp crates teranaae sie 'a eiphete vies A ISIS IY MS ay coer Irene s 5 | Pras 
PTSD Une estan aXeasie isteusicie wh Seeds ni gor sar wis tai 50 0.8 
AE NR OEE RS NES ARR Stee ER ES 58 1.6 
PUG: svelte aoe oiatcrntole pips ears. che et aitts 66 2.2 
ELM AS i Sy ASSET rs at CO a ea So 73 2.8 
AURUSES Note, thcek e Rare akiel hee iehaye 72 2.8 
WEPVEMIDELN. gan sts CEA NET RN Mout ee 62 1.8 

50 0.7 

3. Duty of Water 

Units. The unit of volume commonly used in irrigated districts to express storage 
or the quantity of water required to irrigate a given area of land is the acre-foot. It is 
the amount of water required to cover an acre of Jand 1 ft. in depth, or 43 560 cu. ft. 
An acre-inch is 1/12 of an acre-foot. The unit used to express flowing water is the 
cubic foot per second. One second-foot (one cubic foot per second) flowing for 24 
hours is equal to 1.9835 acre-ft. A unit of measure for flowing water that is becoming 
obsolete is the miners’ inch. 

Duty of Water refers to the relation between the quantity of water applied 
to the land and the area irrigated. It is commonly expressed as: (a) the area 
which can be served by 1 cu. ft. per sec. of water, (b) the volume in acre-feet 
used during one irrigation season to irrigate 1 acre, or (c) the depth of water 
in inches per irrigation season that is applied to the area irrigated. The term 
is ambiguous and could well be dispensed with, but because of its extensive 
use and common acceptance by engineers it must be recognized. The net 
duty of water for an irrigation project is based upon the average use per acre 
measured at the borders of farms. The gross duty is based upon the total 
diversion at the intake of the main canal, thus including conveyance losses in 
main canals and laterals. In using the term, duty of water, it should be 
clearly understood at what point the water is measured. 
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The Factors Entering into Duty of Water, exclusive of conveyance losses (see Art. 4 4) together with quantities of water ordinarily chargeable to each during one irrigation ie season, are listed below. Extreme values may be greater or less than those given. 

re Plant transpiration... .. ++... 0.50 acre-foot to 1.75 acre-feet 
ie ENA OTAH OR en 9 ap la eave Fore ++» 0.75 acre-foot to 2.00 acre-feet 
a PELEDIBLION oe Foe eit aden rca 0.25 acre-foot to 6.00 acre-feet 
A DUTIACE WASLE, oc ome. 0.25 acre-foot to 0.50 acre-foot 
& Only water used in transpiration serves a-useful Purpose. Losses resulting from 

_ evaporation, percolation, and surface waste should be prevented insofar as prac- 
_ ticable. Evaporation is reduced by cultivation but cultivation is impracticable for _ hay and grain crops. Percolation losses result from applying too much water to the 
__ land and permitting seepage to depths. beyond the reach of plant roots. In general, 
= percolation losses increase with the coarseness of the soil. Percolation losses are 
"reduced by irrigating only a small tract at a time and using a large head of water so 

__ that the area can be covered quickly. Surface waste can be reduced or even entirely 
- eliminated by having the ground well prepared to receive water and by care in irri- 

gating. 

The Kind of Crop has an important bearing on the duty of water. Excepting 
fruits, the water required will vary with the length of the growing period. Alfalfa 
which, with an adequate water supply, produces successive crops during the growing 
season, requires more water than other crops. 

Water Requirements for Different Crops 

Water requirements in 
acre-feet per acre 

Average 
Average | Average tovcadet 
maximum} minimum e 

4 i economic 
tee use of water 

- : Clay and sandy loam. 4.0 b st b se} 
Alfalfa (three cuttings) j Porous sandy soil....| 10.0 4.0 6.0 

. § | Clay and sandy loam. 3.0 1.0 1uS 
“Siraj ted aa (| | Porous sandy soil. ... 5.0 475 oe) 

Clay and sandy loam. 3.0 1.0 135 
Baas ign eee 7269" | Porous sandy soil. ... 5.0 2a 25 

Clay and sandy loam. 3.0 0.5 1.2 
Sugar beets." ....... j Porous sandy soil.... 5.0 12 2.0 

. . Clay and sandy loam. 2.0 0.7 1.0 
Deciduous fruits... - . i Porous sandy soil, ... 4.0 $5 2.0 

. . Clay and sandy loam. 3.0 1.2 ipa 
pk ered Be Ee i Porous sandy soil.... 5.0 2.0 3.0 

The Times to Irrigate to secure the best results from a given water supply 
will be the times which come nearest to fulfilling the ideal condition that the 

soil shall have an adequate and uniform moisture content throughout the 
growing period. Since transpiration from large plants is greater than from 
smaller ones, and also because maximum growth is obtained late in the sum- 
mer when evaporation is greatest, more water should be applied during the 
latter part of the growing season. After vegetation has attained its full 
growth and becomes well matured, but little water is required. When water 
is obtained directly from streams this ideal condition is not usually attainable, 
since the water supply, plentiful during the early part of the growing season, 
usually decreases rapidly as the summer advances. If the source of supply 
is from storage reservoirs water is available when needed. An important con- 
sideration is that the ground should be thoroughly moist at seeding time or 
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when plant growth begins. To accomplish this, fall, winter or early spring 

irrigation has been practiced with excellent results. If the fall and winter 

rains aré heavy enough to supply adequate spring moisture such irrigation is 

unnecessary. In localities where water is not available during the growing 

period, short-season crops such as grains and early fruits have been grown 

successfully with fall and winter irrigation only. 

If the soil is moist at the time plant growth begins in the spring, the first irrigation 

of the crop should be deferred until the need for more water is apparent. This per- 

mits the roots to obtain a more vigorous growth. After the first irrigation successive 

irrigation should follow as required. Asa rule frequent irrigations using comparatively 

small quantities of water are advisable. The usual practice, for fine soils, is to apply 
3 to 5 in. of water at each irrigation. A smaller quantity of water should be used for 
coarse soils, if practicable, but irrigations should be more frequent. 

The Number of Irrigations varies with the crop and the character of the soil. For 
fine soils, alfalfa should be given one or two irrigations for each cutting; potatoes, sugar 
beets, corn and similar crops are usually irrigated 3 to 5 times, the greater part of 
the water being applied from July 1 to August 15 in the northwestern states; grains 
are given 1 to 3 waterings near the time of seed formation; deciduous fruits require a 
fairly uniform distribution of moisture, with rather more at the time fruit is forming; 
citrus fruits require irrigation throughout the year, with the maximum requirement in 
the fall. Coarse soils require more frequent irrigations than the finer soils. 

The Economical Use of Water has been investigated by the United States 
Department of Agriculture and by many of the western states. It has been 
found that while the use of water up to a certain amount is beneficial, beyond 

this amount little if any apparent increase in the productivity of the land re- 
sults. It has also been found that where the supply of water is insufficient 
to irrigate all of the available land lying under it, there is an economical limit 
to the amount of water which should be applied. In other words, a greater 
profit from a given quantity of water may, in some cases, be obtained by 
spreading it over a larger area. This point is illustrated in the following 
example by Widstoe (Principles of Irrigation Practice, p. 337), assuming that 

sugar beets are worth $5 per ton and the cost of producing them, including 
interest on investment, is $60 per acre: 

Taches | yield of | Total | Price | Gross Net 
30 acre-inches| Of water | beets yield paid | income Cost Total | income 
spread over |on each | per acrejof beets| for ton | from per | cost | from 

acre (tons) | (tons) lof beets! beets | 2°F° beets 

MOR CR ects s sicd« 30.0 21.0 $ $105 $60 $60 $45 

PENS do GR 15.0 19.5 195 60 120 75 

STACTES en syd 10.0 18.6 280 60 180 100 

Cg a ae yeas ras} 16.3 325 60 240 85 

; The above table shows that the greatest yield per acre is obtained by apply- 
ing the 30 acre-inches of water to 1 acre of land, but the greatest net income for 
this quantity of water is obtained by spreading it over 3 acres. 

4. Conveyance Losses 

Seepage and Evaporation losses from canals are usually considered together 
under the term conveyance losses. In earth canals, seepage losses are much 
greater than evaporation losses. The coarser the soil the greater the seepage. 
If canals carry much silt, seepage may in some instances be gradually reduced 
by sedimentation but extensive investigations by the United States Bureau 
of Reclamation on many projects have failed to indicate that canals after 
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long periods of use show any decrease in rates of seepage losses. Inseepage 
of ground-water, such as may occur when there are irrigated areas at higher 
elevations, may reduce apparent seepage losses. Conveyance losses are 
usually considered to vary directly with the area of the wetted surface. 

Canal Linings of various types have been used to reduce seepage losses. 
The best type to use depends largely upon the materials available and other 
local conditions. Canal linings are expensive and are used most extensively 

x 

Irrigation Water Losses 
Irrigation Water Lost in Canal Seepage, Delivery, and Waste in Canal Waste- 
e ways and Spillways on Federal Reclamation Projects, 1916 to 1926 
4 Compiled by E. B. Debler; see Engineering News-Record, January 19, 1928 
me 

é - Area com. Vanier Deliy- Per cent of total 
S | Irrigated pegsed operated ered to diversion 

* Project} area, o es Sa Sas aS res, legac <= Mligg ERY 
acres acre-feet | Seepage eliv- 

am ESE6s Total Lined per acre |} lossin |Wasted| ered to acres miles | miles Canna faenis 

1 45 164 74 569 547 58 y Ta i | 38 15 47 
i 2 145 616 167 780 | 1004 37 3.60 24 shove mote | ote aera 
c 3 22, 535 25 056 45 11 2.36 48 6 46 

4 10 139 30 350 180 9022-7; 3.61 43 22 35 
5 19 406 32 540 262" Nef ne 9 1.26 39 30 31 
6 6 441 16 888 hte 6.41 34 15 51 

4 7 43 325 64 983 240 2 1.24 46 9 45 
| 8 16 900 16 276 ay ot ae 1.28 45 20 35 

| 9 16 793 (A ER Peter 65 36 19 45 
: | 10 44 945 48 172 DiS Resse en 2.54 39 3 58 
: 11 38 808 65 277 Si OES 2.88 41 14 45 
4 12 107 694 Zaid O04 T1154 ob. 52535 228 43 8 49 

rhe 6 210 7 300 75 39 2. Ss Dens Nee eee 75 
14 14 554 20 754 135 89 Fe Lr oy 9 64 
15 90 387 150 000 412 10 3.38 34 37 29 

/ 16 7 963 20 063 166 D3 Gen 2.19 42 Paps 37 
17 32 380 41 923 279 4 2.38 38 7 55 

fe 18 7 650 13 902 a bleibt 1.54 36 26 38 
19 9 867 41 975 OE sess 1.28 31 22 47 
20 10 970 24 587 173" 157 S02 32 18 50 
21 61 178 95 202 470 11 5.76 13 10 77 
22 91 726 102 464 602 | 125 3.29 23 7 70 
23 27 607 32 000 335 86 2t50 24 2 74 
24 51 950 64 865 SSG egos 2 3.01 15 ATES. hetaes ‘| 

* The following are names of projects and numbers which correspond to the numbers 
in column 1, together with soil classification for canals: (1) Belle Fourche, clay and 
sandy soil; (2) Boise, volcanic ash and sandy loam; (3) Carlsbad, sandy loam and 
gravel; (4) Grand Valley, pervious—puddle lined; (5) Huntley; (6) King Hill, volcanic 
ash and sandy soil; (7) Klamath, sandy loam; (8) Lower Yellowstone; (9) Milk River, 
river bottom; (10) Minidoka—South Side Pumping Div., sandy loam; (11) Newlands, 
60% sandy, 40% clay; (12) North Platte, sandy loam; (13) Okanogan, gravelly soil; 
(14) Orland, clay and loam; (15) Rio Grande, silt; (16) Shoshone, Frannie Div., sand 

and clay loam; (17) Shoshone, Garland Div., gravel and 'oam; (18) Sun River, Ft. 
Shaw Div.; (19) Sun River, Greenfields Div., gravel-clay; (20) Umatilla, sandy loam; 
(21) Uncompahgre, 1/2 adobe-shale, 1/2 sand and grave); (22) Yakima, Sunnyside 
Div., sand and volcanic ash; (23) Yakima, Tieton Div., sandy loam and gravel; (24) 

- Yuma, fine sandy loam. 
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where water is valuable. In California many canal systems are lined through- 
out, but in other localities only those portions of canals are lined in which 
seepage losses are greatest. Canal linings are beneficial in reducing opera- 
tion costs and also in reducing friction losses. 

Concrete Linings range in thickness from 1/2 to 5 in. Fine aggregate should be 
used for the thinner linings. Proportions of cement to aggregate vary from about 
1 to 8 for the thicker linings to 1 to 4 for the thinner linings. Concrete linings should 
reduce seepage 75 to 95%, the thicker linings being more effective. The slopes of 
banks should not be less than the angle of repose of the material in which the canal is 
situated. Canal linings of cement mortar 1/2 to 1 in. thick in western United States 
have given excellent service. By using a comparatively dry mixture, concrete can be 
placed without forms on banks having a slope of 1 to1. For steeper slopes, forms are 
necessary. 

Losses Per Day in Canals of the United States Bureau of 
Reclamation 

Depths in feet per square foot of wetted area 

Number e 

Soil of obser- Maxi- | Mini- Mean 
vations | ™U™m se! 

| 

Gravelipndsandss. gp. o. ROOT. Bocas 2 aly Se 62 1244 2.553 
Gravele cre s.cn' bh atbeteisl« selene iad Jeb eleBtites 38 7.05 -22 1.70 

Grayel and rock: meal, ...:.)5.2 pose ots-e ree) «he ene 9 2.84 . 88 1.56 
SEY He Rg? ad SR aa RGereRS | ENA 5 1.79 81 27, 

Roackomeal c6. 54. p5-. «sb. shOch acts sea 18 4.73 . 38 1.24 
Sand and lonse rock sc. ~ <1. cpt oh cutee ee 7 . 86 . 62 72 
Sandy lbamis: 015 Vane odes apn cee ot oie 60 3.70 o1 1.01 
Beapard here's pais Ais, Cashes afb cape awe Oe take wets 5 1.44 . 84 1.07 
Sand and: velcaniciash:\is.45 ships cis cele eos 21 1.66 ~22 90 
Gravel and volcanic ash..............004. 5 1.54 38 . 88 
Volcanic Gshens bam .p) dele <Bolewm al oer late 3 1.16 56 82 
BROS CHAVA rs 6. fis a eteh.s Shh <BR once Seca e oe 4 dd sae 91 
Clgy ANd BIAVEL . cpt! whe AB «ft os dock ss 18 1.34 -16 79 
Claydnd Sando < RG sis lek ib ep ots oe oe 12 1.43 .50 76 
Adabes ters ck oyts age ood eee aE S he Spee 9 93 -46 65 

Hardpan and loose rock. ...........-2+0-- 2 1.12 24 68 
Clay ann! shale: 3 Wet...) Plea a. Tikes ws 7 02 30 59 

Volcanic ash, clay, and hardpan........... 4 77 -46 60 
Cemented gravel and sandy loam.......... 2 47 40 A4 

Calichere: ayers eisai cen ode Se REE 2 49 .38 43 
Clay deine DM cb ong doit 12 77 11 34 
Clay loam. 5. <5 bo Ast seslitne cp c.g meen 12 1, 12 06 30 
Gumbo and sandy loam.,............24.. 11 77 12 29 
Concrete lining.) ...ib eae cob grop se cere ae © 9 1.07 06 33 

AU SONS wrccts spar bana vs npayst oat cb tasvopsta sd acme aioe. 277 1.66 43 .87 Bate 
ait a Costs of Concrete Canal Linings in Western 

United States 

Thickness Cost, Thickness Cost, Thickness Cost, 
of lining, cents per of lining, cents per of lining, cents per 
inches sq. ft. inches sq. ft. inches sq. ft. 

1/2 3.1 to 4.4 1-1/2 Dace Kerr bees) 3 8.3 to 12.1 
3/4 3.8 to5.1 2 6.3 to 9.0 4 10.5 to 15.4 
1 4.3 to 6.0 2-1/2 7.3 to 10.8 5 12.6 to 18.5 
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_ Gunite Lining, 1 to 1-1/2 in. thick, has proved to be very effective in preventing 
«Seepage. Wire-mesh reinforcing is usually placed near the center of the lining. 

_ Satisfactory proportions of cement to aggregate are 1 to4or 5. All stone in the aggre- 
gate should pass a 1/2-in. screen. The cost of such lining, including reinforcing but 
not including grading, varies from 7 to 11 cents per sq. ft. 

Oil Linings are made by sprinkling 1 to 3 gal. of crude oil per square yard on 
¢ the sides and bottom of the canal. Several light applications are used, and in some 
___ cases the surface is worked with a rake or harrow after each application. Good results 
e _ have been obtained, however, by, leaving the surface undisturbed after applying the oil. 
_ The oiled surface is generally rolled or othérwise compacted. Experiments indicate 

that oil linings when new will reduce seepage losses in canals 50 to 75%. They 
deteriorate, however, and their effectiveness diminishes with age. The average cost 
of preparing oil linings in the United States, not including the cost of the oil, has been 
about 1:5 cents per gallon of oil used. 

Clay Puddle Linings have been used in localities where suitable material is available 
within a reasonable distance. The clay is deposited in a layer 3 to 6 in. thick 

____ along the bottom and sides of the canal, after which water is turned into the canal and 
the material is puddled by harrows or the tramping of animals. A good clay puddle 

; lining will reduce the seepage loss 60 to 80%. It does not deteriorate, but be- 
- comes more effective with age. Fine surface soil thrown into a canal containing water 

: and thoroughly stirred up by teams dragging heavy chains or otherwise agitated has 
in some cases been quite effective in reducing seepage. 

Hydraulic Sluicing has been used to stop bad leaks in canals. Fine material for 
sluicing must be available. The sluiced material should be deposited directly on the 
porous area so as to cover it with a thin blanket. Very bad Jeaks in shale, gravel, 
and seamy rock have been successfully treated by this process. 

5. Water Supply 

Total Water Supply. One of the first considerations in the investigation of 
an irrigation project is the determination of the amount of water available for 

the project. The discharge of the stream or streams forming the source of 
supply should be carefully investigated. A knowledge of the distribution of 

~ the flow as well as the total annual discharge for a period of years is essential. 

- The best data on which to base an estimate of future discharge are continuous 
discharge records covering a period of years. Such records, for many streams 
in the United States, are published in the Water Supply and Irrigation Papers 

of the U. S. Geological Survey. They may also in some instances be obtained 
from state engineers’ offices or from private sources. On many streams, how- 
ever, available discharge records cover only a comparatively short period or 
they may be entirely lacking. It also may be found that discharge measure- 
ments on astream have been made at a place quite remote from the proposed 
point of diversion. Precipitation records are valuable for supplementing 
incomplete stream discharge data. Such records, published by the U. S. 
Weather Bureau, are available at one or more points for practically every 

drainage basin in the United States. 

The safest data for estimating future discharges are actual discharge measurements, 
near the place of diversion, covering a period of not less than ten years. A record for 
this period will probably include ordinary high- and low-water stages of the stream, 
and show the general distribution of flow throughout the year. If a project is under 
investigation and discharge records near the place of diversion are not available, a 
gaging station should be established at the first opportunity. If there is any doubt 
as to the adequacy of the water supply for a proposed project, construction work 
should be delayed until supplementary data sufficient to provide a satisfactory esti- 
mate of discharge have been obtained. In general, at least two years of continuous 
discharge records should be available near the place of diversion and these should be 
supplemented with such additional data that a reasonably reliable record for a period 
of at least ten years may be estimated. 
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Prior Rights to Water. In estimating the water available for irrigation 
from a given stream, all prior rights should be investigated. In western 
United States the streams are controlled by the states and the laws regulating 
the use of the streams are not uniform and are continually being changed by | 
new statutes and court decisions. The state laws governing the stream should 

therefore be understood. The waters of some streams have been adjudicated 
by the states and in such cases records of prior rights are obtainable at state 
engineers’ offices. In many instances it will be found that the records of 
water rights are in such a condition that an examination of each canal diverting 
from the stream must be made to determine the amount of water actually used 
and the area of land under it that is entitled to water. 

Water Supply Available. The difference between the total water supply 
and the quantity of water represented by prior appropriations gives the water 

supply available. The estimate of available water supply is usually prepared 
by months by deducting from the discharges for each month of the period 
covered by measured or estimated discharges, the water represented by prior 

rights for corresponding months. These differences give the estimated 
amount of water that would have been available for each month during the 
period considered and if the period is long enough (preferably at least ten 
years) they may be taken to represent the available future supply. 

The Water Supply Required for a given area will be that necessary to pro- 
vide for the irrigation of crops and in addition all seepage and evaporation 
losses in canals and reservoirs. (Arts. 3 and 4.) An estimate of the water 
supply required should be prepared for each month by adding the estimated 
seepage, and evaporation losses. By comparing the water available with the 
water required, the deficiency for any month of the period covered by records 
may be determined. If storage is to be provided, such deficiencies will give 
the amount of storage required. About 20% of an irrigable area will be occu- 
pied by roads and buildings or for other reasons will not be irrigated. This 
area should be deducted for purposes of estimating water requirements for an 
irrigation project. 

6. Conduits 

The Conveyance System which delivered water from the place of diversion 
to farm laterals may include canals, flumes, pipes, and tunnels as well as many 
auxiliary structures such as drops, wasteways, and turnouts. 

Canals (See Sect. 15, Art. 24). The canal section of a given erea which 
will have the greatest capacity, other things being equal, is the one having 
the greatest hydraulic radius. Such sections are usually not practicable for 
earth canals. As commonly constructed (Figs. 1 and 2), b = 3d to 4d,a = 

Fig. 1. Canal Section for Level Ground 

0.4d to 0.6d, c = 1d to 2d. Canal banks in level ground and on the downhill 
side of sloping ground are usually given a slope of 1 on 2 or 1 on 1-1/2. The 
uphill slope may be made as steep as 1 on 1 to reduce excavation. There 
should be an allowance of 10% for waste and shrinkage in embankments. 



Art. 6 Conduits 1663 

Velocities in Earth Canals. Canals should ordinarily be designed to carry 
pal ' water at the highest velocity that can be maintained without erosion. This 
a is the most economical velocity since it gives the smallest canal section and 
ey therefore the lowest construction cost practicable, and permits a minimum 

deposition of silt. The velocity at which erosion begins varies with the size 

TONNES 

Fig. 2. Canal Section for Sloping Ground 

of soil particles and the cohesive properties of the material forming the canal 
surfaces. Colloidal matter either in the material in which the canal is situated 
or in the water carried by the canal tends to cement soil particles in such a 
way as to resist erosion. 

= The Age of a Canal has an important bearing on the velocity at which erosion 
occurs. The erosive velocity may be twice as high in a canal after several years of use 
as it was when the canal was new. Seasoned canal beds contain particles of different 
sizes and when the interstices are filled by the smaller particles the mass becomes more 
dense and stable, and less subject to erosion. 

Permissible Canal Velocities after Aging 
Recommended in 1926 by Special Committee on Irrigation Research, American 

Society of Civil Engineers 
Velocities in feet per second 

| Water 
Water transporting 

ae Clear water, | transporting | non-colloidal 
ih Original material excavated no detritus | colloidal silts, sands, 

silts gravels, or rock 
fragments 

Fine sand, non-colloidal............. 1.50 2.50 1.50 
Sandy loam, non-colloidal........... 1.75 2.50 2.00 
Silt loam, non-colloidal.............. 2.00 3.00 2.00 
Alluvial silts, non-colloidal........... 2.00 3.50 2.00 
Ordinary firm loam.........6.00000, 2.50 3.50 2.25 
WiolcA RIG ASHILS (ante) Prxeayine Aye dide 2.50 3.50 2.00 
ines graviell tela aecye cept eee ite Ru tedster: 2.50 5.00 3.75 
Stiff clay, very colloidal............. Spi} 5.00 3.00 
Graded, loam to cobbles, non-colloidal. 3ai8 5:00 5.00 

Alluvial silts, colloidal......./....... 3.75 5.00 3.00 | 

Graded, silt to cobbles, collodial...... 4.00 5.50 5.00 | 

_| Coarse gravel, non-colloidal.......... 4.00 6.00 6.50 

Cobblestand: shingles; 0208 i. y 5.00 5.50 6.50 

Shales and hardpans....... 06s. 0000. 6.00 6.00 5.00 
Ja I Sn) Se nnn UE ETarcronens 

Canals in Rock are excavated with steep side slopes, commonly 1 on 1/4, and with 

bottom widths not more-than two times the depth. They are also sometimes. built 

with a semicircular cross-section. Canals excavated in rock are usually lined with 
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concrete. For canals in hardpan or other indurated material the conditions are inter- | 
mediate between those for earth and rock. 

Flumes (see Sect. 15, Art. 15) are used to convey water across streams, 
ravines or other-depressions of the ground, and also around hillsides to avoid | 
difficult excavation. They are built of wood, steel and concrete, or of combi-_ 
nations of these materials. The substructure may consist of piers or posts of 
concrete or of wooden or steel posts or trestles. Trestles should be braced 
longitudinally and posts should be well tied together with both transverse and 
longitudinal bracing. Concrete bases or mud sills may be used for supports. 
Flume channels. usually have rectangular cross-sections when constructed of 
wood or concrete and semicircular cross-sections when constructed of steel. 
Fig. 3 shows a steel flume with wooden substructure and concrete pedestals. 
Short flumes have been built more than 100 ft. high, but as a rule flumes are 
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Fig. 3. Steel Flume with Wooden Substructure 

better adapted to conditions where the height is not much over 20 ft. For 
greater heights, especially for long depressions, pressure pipes will usually be 
more economical. 

Pressure Pipes (see Sect. 14, Art. 21 and Sect. 15, Arts. 13 and 14) for irri- 
gation purposes are usually built of wood, steel, or reinforced concrete. For 
small quantities of water, if the pressure head does not exceed 20 ft., vitrified 
sewer pipe and plain concrete pipe have proved satisfactory. Pressure pipes 
are used to carry water across depressions or around steep hillsides; small 
pressure pipes may be used as laterals for distribution systems. 

Reinforced-concrete pipes are best adapted to pressure heads of less than 100 Pte 
Wood-stave pipes have been used for heads of 300 ft. or more, though 250 ft. is prob- 
ably very near to the economical limit of such construction. For the higher heads, 
steel is used exclusively. The average life of steel pipe is greater than that of wooden 
pipe, but the life of each is dependent upon the care with which it is maintained. 
(Art. 32.) Under ordinary conditions of use, concrete pipe should last indefinitely. 
Wooden pipe being smoother than concrete or steel has a greater capacity for a given 
diameter. Deposits will form on the inner surface of a steel pipe, which may reduce its 
capacity as much as 25 % after a few years of service. In determining the most econom- 
ical pipe for a given locality, where continuous service is required, the first cost, life, 
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and carrying capacity of each kind of pipe should be considered. Fig. 4 isan example of 
a wood-stave pipe, as manufactured by the Washington Pipe and Foundry Company. 

Tunnels (see Sect. 15, Arts. 32 to 
41) may be constructed across points 
to shorten canal lines, or through di- 
vides to divert water to a different 
drainage basin. They are also built in 
the sides of rocky canyons where 
canals, flumes, or pressure pipes would 
be expensive to maintain. In difficult 
side-hill location, the water may be 

- Carried successively in canals, flumes, 
tunnels, or pipes, following each other 
in any order. 

Tunnels for irrigation purposes are usually lined with concrete, though short tunnels 
in frm rock are sometimes left unlined. Concrete linings serve the double purpose of 
Preventing caving of tunnels and of reducing resistance to the movement of water, 

thus increasing their 
MoY ans 

2". ohne 2" ot" 

CROSS SECTION SIDE VIEW 

Fig. 4. Wood-stave Pipe 

capacities. The mini- 
mum dimension of the 
cross-section of a tunnel, 
except for the very short 
tunnels, should not be 
less than 6 ft. and pref- 
erably 7 ft. in order to 
allow free movement of 
the workmen. Beyond 
this limit they should be 
kept as small as practic- 
able in order to reduce 
the cost. Velocities of 
10 to 12 ft. per second 
in concrete-lined tunnels 
are permissible. Fig, 5 
shows a cross-section of 
the Strawberry Tunnel, 
Utah. 

The Grade and ele- 
vation of water sur- 
face at the controlling 
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Toenailed Lightly oughly investigated. 
Fig. 5. Strawberry Tunnel, Shale Section Special consideration 

is required wherever a 
change in the velocity of the water occurs. When water from a canal enters 
a pipe or culvert, changing to a higher velocity, allowance should be made for 
velocity head and head lost at entrance. A similar allowance should be 
made where a canal is changed to a smaller section. In this case the difference 
in elevation of water surfaces above and below the change in section represents 
head allowance for entrance conditions and change of velocity. If change 
from a higher to a lower velocity is made gradually some of the velocity 
head will be converted into static head. 

In designing a canal or other structure for the passage of water the engineer should 
make liberal estimates of capacities. Uncertainties as to the proper values of coeffi- 
cients necessarily exist and in general it will be safer to design a structure with 
a capacity slightly greater rather than less that required. 
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7. Drops and Chutes 

The Grade in Earth Canals should be ordinarily that which will give the 
greatest velocity that may be carried without eroding the sides or bottom of 
the channel. When, therefore, it is desired to drop an earth canal to a lower 
elevation, the excess grade must be taken up by a structure designed for the 
purpose. The function of such a structure is to maintain the normal velocity 
of the water in the upper canal and deliver it at the normal velocity to the 
canal at the lower elevation. Two types of structures, commonly called 
Drops and Chutes, have been used for this purpose. 

Drops are structures which concentrate the fall at one or more points. They 
usually are built of concrete or wood, the latter being satisfactory for tempor- 

ary construction. _The essential parts of a drop are the brest-wall, which 
extends across the channel and connects the upper and lower canals, the water 
cushion or platform on which the water falls, the various wing walls which con- 
nect the structure to the sides of the canal, and the canal linings, which pre- 

vent erosion immediately above and below the structure. The brest-wall 
extends from the elevation of the highest water surface in the upper canal to 
the bottom of the lowest part of the structure. Sufficient opening should be 
left in the portion of the brest-wall which extends above the bottom. of the 
upper canal to discharge just the required volume of water while maintaining 
the normal depth of water in the canal. The opening in the brest-wall may 
be either a weir or one or more notches. Trapezoidal notches, having the 
narrower of the two parallel sides flush with the bottom of the canal, are fre- 
quently used. Such notches may have semicircular lips projecting from the 
base which cause the water to spread out and reduce the impact of the fall. 

The notched form of fall crest with water cushion below has been used with excellent 
results. It appears to reduce the difficulties from erosion above and below the fall. 
Steel rails placed under the fall have not proved very satisfactory. Cutoff walls 
should be built into the backfilling, which should be moistened and thoroughly tamped 
to prevent the water from breaking through. Reinforced concrete has largely replaced 
other materials for the construction of drops. Fig. 6 shows a section of a 10-ft. drop 

Water Surface 

Rails to be bent 
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i oe ee 
Fig. 6. Drop with Grating and Water Cushion 

with grating and water cushion at Uncompahgre, Colorado. Ordinarily, drops are 
not built more than about 15 ft. high. For greater heights two or more drops in a 
series may be used. The amount of excavation for the canal leading from the drop 
increases as the slope of the ground decreases. In gently sloping ground a series of low 
drops may therefore be more economical than one higher structure. 

Chutes are either lined canals or flumes, constructed on steep grades which 
connect two canals of different elevations. In addition to the conduit a chute 
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must have a structure at the entrance to connect it to the upper canal and a structure at the exit to retard the velocity of the water before discharging it into the lower canal. The opening at the entrance to the chute should be just large enough to discharge’the required volume of water while maintaining the normal depth of water in the canal. The conduit usually discharges into a water cushion in which baffles may be built to help break up the high velocity of the water. Canalis should be paved for a short distance above and below the chute. The conduit may, be of any Jength, and chutes several hundred feet long are not uncommon. Chutes with short conduits built on steep inclines are used in place of drops. © Fig. 7 shows a reinforced concrete chute with a short conduit, of the Okanogan project, Washington. 3 

Vz’ Rods 8"C. to C, 
Bent into Vertical Wall 

Fig. 7. Reinforced Conicrete Chute 

The velocity of water in a chute will accelerate until it is just great enough to over- come the frictional resistance. To determine the required dimensions of the conduit it should be divided into short reaches and the hydraulic computations made for each reach. The rate of reduction in area of the cross-section of the conduit will be more 
rapid at the upper end. 

8. Minor Structures 

Canal Crossings for Natural Waterways. At every place where a canal 
crosses a natural drainage channel, whether such channel carries water con- 
tinuously or at infrequent intervals, provision must be made for conveying the 
natural drainage to the lower side of the canal. This may be done in either 
of the following ways: (1) by carrying the water under the canal; (2) by 
carrying the water over the canal; (3) in the case of small flows which may be 
expected only at rare intervals, by allowing the water to flow into the canal 
with provisions for it to escape over the opposite embankment; (4) by inter- 
cepting ditches above the canal which collect the drainage from small channels 
and convey it to some other channel for which a crossing is provided. Before 
designing a structure for this purpose a careful estimate of the maximum flow 
that the channel may be expected to carry should be made, and a liberal water- 
way should be provided in all cases. 

If the bottom of the canal is high enough natural drainage waters in small quantities 
may be carried under the canal in culverts or pipes. For crossing streams where large 
flows may be expected, it will generally be safer to convey the canal water over the 
stream in a flume, preferably supported by a truss, or under it in a pressure pipe. 
Short flumes or overchutes are sometimes used to carry small quantities of water over 
canals. Where drainage water is allowed to enter a canal a depression should be left 
in the upper embankment which, together witha short section of the canal, is usually 
lined with concrete. The objection to this method is that sediment is washed into the 
canal. 
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Wasteways are structures which may, in an emergency, divert the entire 

flow of a canal into a natural drainage channel. They are intended primarily 

as a safeguard to the canal and should preferably be located above the weaker 

portions where breaks are most likely to occur. In case of a break or other 

trouble, if there is a wasteway above, the water may be turned out of the canal 

more promptly than if the headgate alone must be relied upon for this purpose 

and the resulting damage will be less. 

The essential features of a wasteway are a system of gates in the lower embankment 
of the canal and provision for diverting the water through them. Many different 
types of wasteways have been built. Usually the gate sills are placed at an elevation 
lower than the bottom of the canal in order to increase the head on the gates. A low 
submerged weir is sometimes placed across the canal below the gates to help divert 
the water through them. A similar weir upstream from the gates will retard the veloc- 
ity of the water in the canal when the gates are open and reduce the erosion above the 

structure. If built in earth, the canal for a short distance above the wasteway and the 
channel leading from it should be concrete lined or paved. Fig. 8 shows a wasteway 
of the Umatilla project, Oregon, with a tunnel outlet. 

0. W. R.&N.R.R. 

Fig. 8. Wasteway from Canal 

Spillways are constructed by depressing the lower embankment of a canal to the 
elevation of the highest water surface which the canal is designed to carry. A spillway 
in an earth canal should have its crest and both slopes of the embankment lined with 
concrete. Spillways protect a canal against overflow, when drainage water enters it, 
when the water is backed up by an obstruction in the canal, or when a sudden rise in 
the stream from which the diversion is made allows too great a volume of water to enter 
the headgates. 

Bridges must be provided where a canal is crossed by road or railway. 
Highway bridges may be built of wood or steel, or concrete arches may be 
used. Wooden bridges resting on concrete piers and abutments are in very 
common use. For earth canals, where the velocity of the water is low, piers or 
posts in the channel are not objectionable except that they create a slight ten- 
dency to erosion in their vicinity. 

At Railway Crossings if the roadbed is too low to allow clearance for the 
water under a bridge, short pressure conduits are used. Fig. 9 shows a cross- 
ing of the feed canal of the Umatilla Project under the O. W. R. & N. Railway. 
To secure minimum loss of head in changing from one cross-section to another 

the transition should be made gradually and all corners should be rounded. 



» 

Art; 3 ~ Minor Structures 1669 

Where large changes in velocity are involved, the practice of the United States 
Bureau of Reclamation is to make the length of transition structures (particu- 
larly outlets) such that a straight line joining the flow lines at the two ends 
will make an angle of about 12-1/2 degrees with its axis; and to so design the 
structure that the computed water-surface profile through the transition shall 
be a smooth, continuous curve, approximately tangent to the water-surface 
curves in the channels above and below. 

See: Julian Hinds, The Hydraulic Design of Flume and Siphon Transitions, 
Proc. Am. Soc. C. E., October, 1927. 

Sand Gates and Sand Traps. Streams used for irrigation frequently carry 
large quantities of silt, especially during flood stages. Diversion works on 
such streams may be designed to exclude a portion of the silt, but some of it 
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Fig. 9. Canal Crossing under Railroad 

will usually enter the canal. The finest sediment is carried in suspension 

through the canals to the land being irrigated whereas the coarser material 

is rolled along the bottom, finally depositing in the canal and reducing its 
capacity. The water in canals acting as feeders to reservoirs should be 

made as free from silt as practicable in order to reduce to a minimum the 
deposition of silt in the reservoir. 

Different types of structures have been designed to remove the coarser material 
carried by canals. In general such structures consist of an enlarged canal section 
which terminates in a low weir placed across the channel or a basin having its bottom 
depressed below the subgrade of the canal, with sluice gates at the lower end. Owing 
to the retarded velocity of the water at this place the coarser sediment will move closer 

to the bottom or be deposited and a portion of it may be scoured out or allowed to pass 
out through the sluice gates. Frequently sand traps are built a short distance below 
headgates to remove the sediment as soon as possible after it enters the canal. In 
such cases, when there is more water in the river than is required for the canal, the 
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sluice gates may be left open allowing a continuous discharge through them. If there 
is no surplus water, the gates are opened only occasionally for sluicing out the sediment 
which has been deposited. Sand traps built on this plan may also serve as wasteways, 
or regulating works. 

Telephone Systems are essential for the proper operation of large irrigation 
projects. .Telephone booths should be placed at intervals along main canals 
and at other critical points and should be connected to the operator’s house at 
the headgate. This enables the water to be shut off promptly in case of a 
break in the canal or other trouble and also assists in the economical distribu- 
tion and delivery of water. 

9. Diversion Works 

Purpose. Wherever water is diverted from a natural stream into an arti- 
ficial conduit some form of diversion works is necessary. This usually consists 
of a diversion dam or weir, which controls the elevation of the water surface 

in the stream, and a headgate, just above the diversion dam, which regulates 
the amount of water allowed to enter the canal. Sluice gates through the 
dam and adjacent to the headgate or other devices to prevent the entrance 
of silt into the canal may be provided. Structures, called regulating works, 

are sometimes constructed a short distance below headgates for the purpose of 
diverting surplus water back into the stream. With such a structure the 
amount of water entering the canal may be more effectively regulated than 
when the headgate alone is relied upon for the purpose. A sand gate is fre- 
quently combined with the regulating works. The laws of most states require 
that fish ladders must be constructed in dams across natural streams. In 
some cases logways must also be provided. 

Low Diversion Dams. In general, when the diversion is made at a place 
where the stream lies in a flat sedimentary bottom, the natural regimen of the 
stream shou!d be changed as little as possible. Under such conditions a very 
low dam or weir is preferable. If the stream has a flood plain subject to in- 
undation, the diversion dam should extend across the natural channel of the 
stream and earth embankments several feet higher than the highest flood stage 
should connect the structure to the higher land on either side of the stream. 
Low diversion dams are commonly built of concrete or wood or a combination of the 

two. Concrete dams are usually constructed on rock formations. For earth or gravel 
foundations, a substructure consisting of a rock and timber‘grillage or bearing piles tied 
together with walings and caps covered with a deck of heavy planking, will be satisfac- 
tory provided it is built low enough to be continually submerged. On this substructure 
either a wooden or concrete weir may be built. Fig. 10 shows a plan of the diversion 
works and a cross-section of diversion weir of the Umatilla project, Oregon. 

High Diversion Dams may be built where a suitable site is available. Any 
type of dam may be used for this purpose, the problem being similar to that 
encountered in constructing a dam for other purposes. High diversion dams 
may be built in rock canyons to avoid expensive canal construction, the proper 
height being that which will result in the lowest combined cost of canal and 
dam. 

Between the highest and lowest types of diversion weirs any intermediate height may 
beused. Each diversion presents special features and the height and type of dam must 
be chosen to conform to them. Collapsible weirs may be used when it is required to 
reduce the flood elevation of the water above the dam. Temporary brush and rock 
dams are sometimes used for diverting water into small canals. 

Headgates control the entrance of water into the canal. They are prefer- 
ably built on the line of the bank of the stream at right angles to the diversion 
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_ dam. They should be joined to the diversion weir so as to form part of the _ same structure with it. Headgates usually consist of a series of gates sep- 
arated from each other by piers. The piers rest upon a floor, of the same _ elevation as the bottom of the canal, which should be of sufficient thickness to give the required strength and stability. Cutoff walls should be provided to 
prevent erosion and excessive seepage beneath and around the structure. The 
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Fig. 10. Low Diversion Weir with Earth and Gravel Foundation 

width of gate opening will be the distance between piers and the height of 
opening is regulated by curtain walls between the piers. A’ walk is usually 
built across the top of the structure and hoisting devices to operate the gates 
rest upon the walk. Gates should preferably be of such a size that they can 
be operated by one man. The total gate opening should be sufficient to dis- 
charge the maximum capacity of the canal in the contingency that one gate 
cannot be operated. ; 

Headgates are commonly built of concrete, but wood may be used for temporary con- 
struction. Gates may be made of cast iron, steel, or wood. . They are usually set in 
steel or iron guides embedded in the concrete. The bottom and sides of an earth canal 
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should be protected by riprap or concrete lining for some distance below the headgate 

to prevent erosion. Headgates diverting from streams which carry drift during flood 

stages should have the noses of piers protected by fenders, to prevent clogging of the 

gate openings. Fig. 11 is a cross-section of the headgate shown in Fig. 10. 
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Fig. 11. Headgate for Low Diversion Weir 

Sluiceways «re openings in a diversion weir, usually adjacent to the head- 
gate. They may consist of open panels in the weir or gates near the base of 
the weir. The latter are especially adapted to the higher dams. Sluiceways 
are necessary only on streams that carry considerable sediment. They serve 
to keep an open channel immediately in front of the headgates and to prevent 
the heavier sediment from entering the canal. They may also be used to regu- 
late the elevation of the water surface above the dam. Sluiceways must be 
kept closed when it is desired to divert all of the water in the stream, but with 
a surplus of water they may be left partially or entirely open. 

10. Storage 

Necessity for Storage. Storage is essential to the complete utilization of a 
stream for irrigation purposes. Only those waters are directly available which 
flow during the irrigation period and are not in excess of the immediate re- 
quirements of the area which they serve. Without storage all water in excess 
of that which is directly available must be wasted. On many streams, further 
development for irrigation purposes is restricted to the use of stored waters. 

Storage Reservoirs. The possibility of economical storage is dependent 
upon the availability of suitable reservoir sites. Natural lakes or basins may 
be used for storage when a suitable dam site exists at the outlet. A reservoir 
may be located on a stream from which water is diverted, or on a tributary of 
this stream. The water supply from a tributary may not be sufficient to fill-a 
reservoir located upon it, in which case the flow may be supplemented by a 
feeder canal diverting from some other stream. If conditions are favorable 
water may be taken through a canal or tunnel from an adjoining watershed. 

An investigation of the feasibility of storage for a stream should include a complete 
reconnoissance of the drainage basin. Each possible site should be first roughly inves- 
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tigated to determine approximate data relative to capacity, character of dam site, geo- logical formation of the area to be flooded, availability of construction materials, value of rights of way and other information relative to the cost and value of storage. From these data the sites appearing to possess the greatest merit may be selected and a more thorough investigation may be made of them. Topographic maps of reservoir sites are-indispensable in computing capacities. 

Seepage and Evaporation from Reservoirs. One of the first considerations 
in investigating the feasibility of a proposed reservoir should be to make a 
careful study of the geological formation of the area to be flooded with a view 
to estimating possible seepage losses. Many instances can be cited where, 
after construction, reservoirs have proved worthless because of their inability 
to hold water. Such a condition results in great financial loss and humiliation 
to the responsible parties. The problem requires the mature judgment of the 
most experienced engineer. No rules can be laid-down which will be safe 
guidesin all cases. In general, it may be stated that seepage losses from basins 
lying in rock (not volcanic rock) or clay will not be excessive. Reservoirs 
built in formations of fine loam or volcanic’soil have generally given satisfac- 
tion, although seepage losses from such reservoirs have been greater than from 
those lying in rock orclay. If any portion of the banks or bottom of the reser- 
voir is formed of sand or gravel even though it may be overlain witha blanket 
of fine soil, and such sand or gravel might form an underground channel leading 
around or under the impounding dam or to some other drainage basin, there is 
grave danger of excessive seepage loss. On account of the large areas involved, 
efforts to reduce seepage in reservoirs by clay puddle or other methods have 
usually been unsatisfactory. If the water flowing into the reservoir carries 
much sediment, there will be a tendency for the reservoir to silt up and reduce 
seepage losses. Seepage losses from reservoirs in rock or clay formations 
should not be more than 5% of the inflow, and in fine loam or other soil prob- 
ably not more than 10 or 20%. In coarse sand or gravel they may be any- 
thing up to the entire inflow. In determining the net supply of storage water 
evaporation losses should be deducted. These may be obtained from tables 
of evaporation losses from free water surfaces. (See Sect. 3, Art. 19.) The 
apparent capacity of a reservoir may be considerably increased by bank stor- 
age. (See Sect. 13, Art. 43.) 

The following rules of caution are given by A. P. Davis (Engineering News- 
Record, April 4, 1918, p. 665): 

1. Avoid reservoirs adjacent to gypsum deposits and to limestone deposits which 
show evidence of caves. 2. Examine critically reservoirs in volcanic rock, as a few 
have failed in such locations. Coarse-grained sandstone seems to be an object-of sus- 
picion and should be critically examined. 3. Natural depressions are treacherous and 
should be examined with care, and if they are near deep canyons or underlain with 
coarse material where water might readily escape, no superficial tightness will avail tc 
to make them effective. 

Storage Problems commonly encountered in irrigation work are the detér- 
mination of reservoir capacity to supply a given quantity of water at specified 
rates of use, and determination of the amount of water available for irrigation 
from a reservoir of given capacity. Where a reservoir receives all ora part of 
its water through a feeder canal it will also be necessary to determine the capac- 
ity of canal required to supply the storage. The solution of such problems 
may be readily accomplished by applying the principles of the mass diagram. 
(See Sect. 13, Art. 43.) In all cases irrigation water will be drawn from the 
reservoir at a variable rate and the use line will be curved. 
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11. Distribution Systems 

The Function of a distribution system is to convey water from the main 

canal to each parcel of land to be irrigated. Water is usually diverted first 

into main distributing canals, then into main laterials and sub-laterals, and 

finally into the farmers’ ditches, from which it is applied directly to the land. 

Because it is desirable to have as few openings as possible in the banks of main 

canals in order to reduce the danger from washouts, farm ditches should divert 

from laterals and sub-laterals rather than from main canals. The distribution 

is usually made through a system of earth canals, but where water has a high 

intrinsic value, or where seepage losses would otherwise be excessive, water 

may be delivered in flumes, pipes, or lined canals. 

Location. Water should be drawn at proper intervals from main canals 

into moderate sizes branches so located as to command the greatest area and 
serve the land in the most 

direct manner practicable. 
The distribution is most 
economically affected when 
the main distributing canals 
are located: along the tops of 
ridges so that they can supply 

water to laterals on either 
side. The laterals likewise 
should conform to the divid- 
ing lines between water- 
courses. It may not be 
found practicable, however, 

Fig. 12. Distributing System. to conform rigidly to this 
plan. On flat areas distrib- 

uting canals may be run along or parallel to property lines. Fig. 12 illus- 
trates distributing canals and laterals diverting from a main canal. 

A Topographical Map of the area to be irrigated, with a contour interval not more 
than 5 ft., should be prepared before attempting the design of a distribution system. 
In addition to topographical features, this map should show non-irrigable lands and 
other areas to be excluded from the project. Special features, such as vegetation, 
property lines, improvements and soil formation, are in some instances required to be 
shown. 

Design of Distribution System. In general, the entire distribution system 
should be planned, and the scheme for irrigating each part of the project should 

be worked out before any construction work is begun. This should be done 
even though the construction for a portion of the system is to be deferred for 

some time. As the plan is developed the position of all canals, flumes, pipes, 
and other structures should be projected on the topographic map, and the area 
to be irrigated under each should be determined. 

Capacities of Canals should be based upon the water requirements for the 
period when the greatest amount of irrigating will be done. It is customary 
to determine the number of acres that will be served by 1 cu. ft. per sec. during 

the period of maximum requirements. The required capacity of main canals 
and distributaries may vary from 1 cu. ft. per sec. for each 120 to 150 acres irri- 
gated, for fruit lands where the water supply is fairly uniform and maximum 

economy in the use of water is practiced, to 1 cu. ft. per sec. for each 50 acres 
irrigated, where the supply of water is available for comparatively short 
periods and conditions are otherwise unfavorable. For diversified crops 

where the water supply is regular a capacity of 1 cu. ft. per sec. for each 70 to 
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Longitudinal Section 

Fig. 13. Reinforced Concrete Turnout to Lateral 

90 acres irrigated is commonly used. The capacity of farm laterals should not 
be less than the maximum head to be used in irrigating. This will vary from 

_1 to 2 cu. ft. per sec. where furrow irrigation is practiced to5 to 10 cu: ft. per 
sec. for flooding methods. If 

d rotation irrigation is to be prac- 
A= 6 f .| ticed the capacity per unit area 
Mel) served should be greater for 
Measuring Weir, laterals than for main canals in 

(eek ee fn Order to provide flexibility in 
operation. In general, an allow- 
ance for seepage and evapora- 
tion should be added to the 
above figures, 

Structures for Distribution 
Systems are similar to those 
for main canals. Turnouts must 

Fig. 14. Wooden Head to Lateral be provided where water is 
diverted from main canals to 

distributaries and at the heads of all laterals. Flumes or pressure pipes are 
constructed for carrying water across depressions. Drops are required in 
earth canals where the slope of the ground is greater than the allowable grade. 
These structures may be built of wood or concrete. Wood is more commonly 
used for the small turnouts and lateral heads. Measuring devices, generally 
weirs, are placed at the heads of farm laterals. Figs. 13, 14, and 15 are exam- 
ples of structures for distribution systems. 

Y, d but not 
more than 10” 2" 12" So 

b = Bottom Width of Ditch at Inlet} 
d =Depth of Water at Inlet a} 12" 
e =Depth of Water at Outlet | 2" 12" “Ze but not J 
h=Drop W.S.t0W.S. 34" more than 10 

Fig. 15. Wooden Drop for Lateral 
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12. Irrigation by Pumping 

Surface Water Supply. Water may be pumped from a natural stream or a 

canal. Areas lying above the main canals of gravity projects are sometimes 

irrigated from these canals by pumping. In some instances turbines are in- 

stalled at drops in canals and either direct-connected to pumps or connected to 

generators from which power is transmitted to pumping plants. Such instal- 

lations provide very cheap power for pumping. Often pumps may be con- 

sidered an alternative to an expensive diversion and conveyance system. 

The comparative costs of irrigation by pumping and by gravity should be 

estimated on the basis of annual costs. 

In 1923, about 150 pumping plants costing $2,360,000 were being operated for irri-+ 

gation and drainage on projects of the United States Bureau of Reclamation. A 

statement of the cost of operation and maintenance of these plants, not including 

interest and depreciation (Berry Dibble; Engineering News-Record, July 26, 1923) 

is contained in the table on page 1677. 

Wells. The essentials of a satisfactory pumping plant using well water 
are: (a) an ample supply of water of quality suitable for irrigation and near 
enough to the surface for economical pumping; (6) a pump adapted to» the 

conditions as to lift and quantity to be pumped; (c) an engine or motor that 
will furnish the required power with the maximum efficiency and the minimum 

cost; (d) a plant carefully planned and installed. 

The well casing should be of a standard type such as screw, riveted, or stovepipe 
casing, and the portion in contact with water-bearing strata should be perforated so as 
to admit water in sufficient quantities and to screen out gravel. Casing 6 to 24 in. in 
diameter are used, 16 in. being a common diameter for irrigation wells. Before pump- 
ing equipment is purchased the well should be thoroughly tested to determine its ca- 
pacity and drawdown. Types of pumps commonly used for irrigation are the vertical 
and horizontal centrifugal, the deep-well turbine centrifugal, the plunger, and the 
air-lift. The height of lift is the chief factor governing the type of pump. The 
power may be supplied by an electric motor or by an internal-combustion engine. 
(See Farmer’s Bulletin 1404, U. S. Dept. of Agriculture, by P. A. Ewing.) 

The Cost of Pumping from Wells 100 to 200 ft. deep having capacities of 0.5 to 2 
cu. ft. per sec., including 15% for interest, taxes, and depreciation in addition to all 
operating costs, varies from $2 to $16 per acre-foot of water pumped. Among the 
factors affecting cost of pumping are: cost of power, lift, capacity, and efficiency of 
plant. The effect of the last two factors on cost is shown in the table below. 

Cost, for Power Only, of Raising Water per Acre-foot with Power at 
1 Cent per Horsepower-hour 

Pump Head in feet 

effi- 
ciency 10 20 30 40 50 60 70 80 

100 $0.14 |$0.17 |$0.41 |$0.55 |$0.69 |$0.82 |$0.96 |$1. 

80 oh? ~34 v Sh .69 pSO—p-1203 | 1.20 |\1. 

70 .20 a9 5S -78 wert $408. | 1237 174. 

60 GE - 46 69 7O2 Thiet tr lose &.60° | Tt 

50 27 .54 SOT 10 WT STN 1365 FPP t4 92 PZ: 

40 34 69 NB. OS SEPSIS IAI ISI IS06 «| 2. 4091023 

30 46 39 Lnale deed: |} 0 983 We2eBO 4) 2275: |). 3). 203.2 

20 6954) wha S7 |. 2.06 | 2... 75ah B43.) 4412014. 800| 5. 
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Operation and Maintenance Cost of Pumping Plants Of United 
States Bureau of Reclamation During Fiscal Year 1921-22 

Cost per 
Type of ea ores Acre-feet | acre-foot 

Project pumping | >¢r of | net lift, | “Tumped _| per foot 
unit® units feet of lift 

Grand Valley, Colo... .... 1 a? 31 6 635 $0.0058 
Huntley, Mont........... 4 2 45 10 200 0.0065 

6 2 45 1 870 0.0345 
Minidoka, Idaho......... 1 5 2x2 186 283 

1 4 30.2 153 805 | 0.007 

Z 3 MS pes 92 923 

1 2 19.8 12 951 

7 1 3.5 2 950 

7 1 AES 2 601 

2 1 7 432 0.0182 
2 1 4 2 258 

7 1 4.8 1 087 

2 2 22 6 604 

Morty Dakota. <se»ccw's.c.s 3 2 56 1 004 0.1286 
2 Z 26.6 958 0.2474 

2 3 22 2 386 0.2427 

2 1 26 628 0.2392 

North Platte, Neb........ 1 1 41 
‘ 1 1 30 1235 0.1353 

1 1 49 

Okanogan, Wash......... 6 1 BSUEY ly ISPRYE API DIARY 
1 1 55 370 0.1617 
1 Z 35 78 0.0986 

2 2 188 1 372 0.0571 

6 £ 10 808 0.5410 

EE MREVCL, ATIZce cece cd 0s : } 11 33.6 17.451 0.0140 

2 4 47 33 927 0.0089 

1 16 20.7 13 472 -0.0227 

1 14 54.6 12 041 0.0280 

1 21 29.6 12 727 0.0128 

2 1 30 293 0.0617 

1 21 28.4 25 138 0.0165 

4 1 103 400 0.0073 

5 5 tn 1 a SE EE IB ee ae Re 
4 2 110 0. 

5 1 105 0. 

4 Z 200 De 

MS 1 90 0. 

Pratma, Ariz. 6.200% <s'e vere 6 2 ae 0. 
6 2 10 0. 
6 1 7 0. 

* Type 1—Vertical motor-driven centrifugal pump. 
2—Horizontal motor-driven centrifugal pump. 
3—Steam-turbine-driven centrifugal pump. 
4—Vertical hydraulic-turbine-driven centrifugal pump. 
§—Horizontal hydraulic-turbine-driven centrifugal pump. 
6—Gas-engine-driven centrifugal pump. 
7—Scoop wheel. 
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13. Preparation of Land 

Clearing. Arid lands are usually covered to some extent with native vege- 

tation. This may consist of grasses and small brush which can be plowed 

under, or heavy brush or scrub trees. All surface vegetation and roots that 

will interfere with the cultivation of the land should be removed and burned. 

Sagebrush is the most widely distributed of all desert plants. It commonly attains 

a height of 2 to5 ft. A substantial growth of sagebrush usually indicates fertile soil. 

Sagebrush may be removed by grubbing, or broken off by a team dragging a steel rail 

over it, or by other special devices. The cost of clearing land of sagebrush usually 

varies from $5 to $9 per acre. The cost of removing large brush and trees may be $30 

to $90 per acre. The cost varies with the size of plant, thickness of growth, and labor 

conditions. 

Grading. An accurate topographic map of the area to be graded should be 

obtained and the method of irrigation (see Art. 14) to be adopted should be 

given careful consideration. A study should be made of all factors affecting 

economy and efficiency in the use of water. A detailed plan for grading the 

tract should then be prepared. ‘The cost of grading smooth areas may be 

less than $10 per acre. For rough or rolling areas the cost may be $20 to $80 

or more per acre. 

In many irrigated districts the soil is of uniform texture for some distance below the 
surface. Other localities have a comparatively thin surface soil which is underlain by 
a less fertile subsoil. Where the latter condition obtains, too extensive excavation may 
seriously affect the productivity of the soil, and it may be advisable to modify the plan 
of grading and system of irrigation from that which would otherwise be desirable. 
Where land is sufficiently valuable, it may be practicable to move to one side the sur- 
face soil from the areas to be excavated or filled, and after grading to recover them with 
the surface soil. Grading is usually done with scrapers. Buck scrapers and Fresno 
scrapers may be used to advantage if the haul is short, while wheeled scrapers are 
preferable for long hauls. Roads graders and various types of home-made levelers are 
used for smoothing the surface of the ground. 

The First Cultivation of raw land is frequently difficult and expensive and 
the first crop returns will usually be less than later ones. Light sandy soils 
are especially difficult to subjugate, as they are apt to drift and allow the seeds 

to be removed by wind action. Such soils must usually be cleared and planted 
in small areas, and protection from wind provided as soon as possible. Straw 
or manure placed over the exposed surface may provide a satisfactory protec- 

tion. Sometimes rows of sagebrush, about 50 ft. apart, at right angles to the 

direction of the wind, are left temporarily on the ground to act as wind breaks. 
A hardy grain, such as rye, is frequently used for the first crop. 

14. Application of Water to Land 

Methods. Water may be applied to land by surface or subsurface methods, 
Subsurface irrigation, or subirrigation, is usually more expensive than surface 
irrigation and is not commonly practiced. Surface irrigation may be accom- 

plished by lateral percolation or by flooding. 

Farm Conduits. Earth ditches are commonly used to convey water to the differ- 
ent parts of afarm. Where water is sufficiently valuable to justify the expense, flumes 
or underground pressure pipes may be used. Both flumes and pipes reduce seepage 
losses and prevent erosion, but flumes like ditches cut up a farm and interfere with 
cultivation and harvesting. Water is delivered from pipes through standpipes or 
“stands” as illustrated in Fig. 16. The permissible head is limited only by the strength 
of the pipe. Where open conduits are used, the water must be delivered to the highest 
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point in the area to be irrigated. Fig. 17 shows a field lateral with distributing ditches. 
Farm ditches should preferably run parallel to property lines but often they must be 
curved the better to conform to topographic features. 

= AW 
yy Pipe OTT Lh oe ho — 

Fig. 16. Use of Underground Pipe in Furrow Irrigation, Showing Riser and Stand 

Concrete and Clay Pipe for Irrigation 
Prices quoted by California firms 

Clay pipe Concrete pipe 
E : Price 

Size, ey Length, Price Size, pings J Price per ft. 
in. Ib. - ft. per ft. in. ib. 2 per ft. | installed 

3 6 2 $0.12 8 27 $0.25 $0.33 
4 8 2 15 10 37.6 30 .40 
o 12 o 18 12 46.2 38 .50 
6 16 2 21 14 56.4 48 - 63 
8 22 225 . 30 16 15a 65 - 88 

10 31 2.5 .42 18 98.8 82 1.05 
12 41 Lae 54 

1 1 = 

Uncontrolled Flooding is a crude method of applying irrigation water. 
Parallel ditches are constructed across a field at intervals of 20 rods or less. 
The area between any two ditches is irrigated by opening the upper ditch at a 
number of places and controlling the flow of water to some extent by throwing 
up small dykes across depressions or by making small temporary ditches along 
the higher places. 

The Border Method is best adapted to fields having a moderate slope. 
Small levees, or borders, are built 2 to 4 rods apart. The land should be so 
graded that the ground surface on any cross-section between borders will be 
level. The land is irrigated by letting water flow over the land between bor- 

) ders. This method of irrigating has the objection that the upper portion of 
the area receives more water than the lower portion. 

The Contour Check Method. Distributing ditches lead from the supply 
» canal and pass directly down the slope (Fig. 19). Check levees along con- 
, tours and cross levees divide the land into areas of 1 to 3 acres. The size of 
' checks that is desirable decreases with the porosity of the soil. Levees should 
| be about 9 in. high and at least 6 ft. wide at the base. The land between 
‘ levees should be graded to a level surface. Checks are filled with water from 
' the ditch adjacent to them. On steep slopes the ground is graded to a series 



1680 Irrigation Sect. 16 

of level benches and terraces with a levee at the top of each terrace. The cost 

of grading becomes proportionally higher as the slope and roughness of 

Distributing ae 

Fig. 17. System of Farm Ditches 
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Fig. 18. Flooding by Border Method 

ground increases. 

The Square Check Method 
is suited only to gently slop- 
ing ground, It is similar to 
the contour check method 
except that the field is laid 
out in square checks. The 
best size of checks is 1 to 3 
acres. 

The Basin Method is best 
adapted to irrigating or- 
chards. Levees are built 
around each tree, the land 
near trees being left high 
enough to prevent its sub- 

mergence: The basins may 
be filled from ditches between 
alternate rows or water may 
be allowed to flow diagonally 
across basins as indicated in 
Fig. 21. . Jointed pipes ex- 

tending from the supply canal 
are sometimes used to fill 

basins. The lowest basin is 
filled first, then joints of pipe 
are removed and the basin 
next above is filled and the 
process is repeated until all 
of the basins in the row have 
been irrigated. This method 
is economical of water and is 
well adapted to the use of a 
small irrigation head. 

The Furrow Method of 
irrigating by lateral percola- 
tion may be used for itrigat- 
ing hay or grain (Fig. 22) 
and is used almost exclu- 
sively for crops planted in 
rows. Furrows, 3 to 6 in, 
deep and spaced 2 to 4 ft. 
apart, are made with a plow 
or special marking machine. 
Very little grading is neces- 
sary and the cost of preparing 
land is generally less than for 

the methods of irrigating by 
flooding. Furrows are made 
on slopes as steep as 10 ft. 
per 100 ft. but light soils may 
be eroded at this slope. The 
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grade of furrows can be reduced by running them diagonally down a hill. 
The irrigation is accomplished by turning the water into several furrows at 
one time and allowing it to flow to the end of each furrow. 

Subsurface Irrigation or subirrigation is the name applied to all those 
methods in which the water is applied below the surface of the ground. The 
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water is conveyed in underground channels containing openings, beneath the 
area to be irrigated, and through these openings the water percolates and is 
distributed through the soil by capillary action. The underground channels 
may consist of ordinary tile drains or perforated pipes. The cost of installa- 
tion of such systems is high and in general the advantage obtained by them has 
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Fig. 21. Basin System of Irrigation Fig. 22. Furrow Irrigation of Grain 

not warranted the additional expense. In most localities surface irrigation is 
to be preferred to subirrigation. 

Some lands are naturally subirrigated. Generally these are bottom lands underlain 
by gravel where the surface of the ground is but a few feet above the normal water sur- 
face of the stream. Water is drawn from this subsurface supply by capillary atraction 
to or nearly to the surface of the ground. Deep-rooted crops such as alfalfa are 
especially adapted to naturally subirrigated lands. Porous soils underlain by an imper- 
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vious stratum quite near the surface may sometimes be subirrigated by simply digging 

ditches at intervals of 1/4 to 1/2 mile. Water flows down the slope between the two 

strata, and, if near enough to the surface, is available for plant growth. 

Spray Irrigation has long been used in cities for watering lawns and small 

gardens. In certain humid districts it is used for supplementing the rainfall 

on larger areas devoted to the production of truck and small fruits. The essen- 

tials for this method of irrigating are a pumping plant and distributing pipe 

system. Hydrants may be located at suitable intervals over the field from 

which the water is applied to the land through hose, or parallel pipe lines 

50 to 60 ft. apart, elevated a few feet above the ground and provided with 

nozzles at suitable intervals may be used to distribute the water over the field. 

An irrigation system of this kind is expensive, but the increased returns will 

often more than justify the expense. 

15. Distribution and Use of Water 

Distribution of Water among Users. At certain periods of the irrigation 

season the water requirements of crops are greatest and the demand for water 

may be excessive. The use of water cannot exceed the capacity of the irri- 

gation system, and some adjustment in the use of water is usually necessary 

during certain portions of the irrigation season. On many large projects the 

farmer is required to give written notice 1 to 6 days in advance, stating 

when he will want water and the head that he desires. When it is not possible 

to deliver water to all users on the date requested without exceeding the sup- 

ply of water, or the capacity of the irrigation system, the distribution is ad- 

justed so as to accord as closely as possible with the requests of the various 

consumers. 

Rotation in Irrigation. The consumer’s right to the use of water is frequently ex- 

pressed as a certain continuous flow, usually in cubic feet per second, throughout the 

irrigation season. As it is not economical to irrigate with a small head, it is customary 

for farmers whose rights to water are thus expressed, tu rotate in its use, each taking 

a suitable head for such a time that the total water used will not exceed the allotment 

for the season. In many irrigated districts the right to water is expressed in some unit 
of volume, such as acre-feet per acre, or inches depth for the area to be irrigated. Such 

units are preferable for districts with an assured water supply. 

Measurement of Irrigation Water is usually required at each farmer’s in- 
take. The ideal method of measurement would be with a meter that records 
the volume of water in cubic feet or acre-feet, but no practicable device for 
such measurement is now available. The present practice is to measure the 
rate and time of flow and to compute the volume. 

Weirs of various types are used to measure the rate of flow of irrigation water. Head- 
gates may be rated with a current meter to determine coefficients of discharge for 
different gate openings and heads. Discharge curves may be obtained from current- 
meter measurements for flumes or permanent canal sections. The Venturi flume may 
may be used where the head available is not sufficient for installing a weir. The control 
meter, reported in 1926 by the Special Committee on Irrigation Research of the Ameri- 
can Society of Civil Engineers, is a modification of the Venturi flume that has the 
advantage of requiring only one head measurement. 

Economy in Use of Water. In most arid districts the area of fertile land 
is much in excess of that which can ever be irrigated by the most effective use 
of all available waters. The limit of irrigation is therefore fixed by the water 
supply and not by the land area. Any water that is wasted or used in excess 
of that which may be applied to the land beneficially reduces the irrigable 
area. On the other hand, any improvement in methods of irrigation which 
reduces the water requirements, and all waste prevention, increase the area of 
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land which may be reclaimed. Investigation of the use of water that will yield 
the greatest net return is therefore an important branch of irrigation engi- 
neering. 

The Method of Payment for water has much to do with the economy of its use. 
Commonly the farmer’s contract calls for a maximum quantity of water and there is 
no incentive for him to use a smaller amount. A better method of payment is for the 
farmer to pay for just what water he uses, or, if his contract calls for a fixed quantity 
of water, to allow a bonus for any smaller amount that he may use. Under such con- 
ditions the farmers will readily become interested in practicing economy in the use of 
water and in developing more efficient methods of irrigation. 

SWAMP AND OVERFLOWED LANDS 

i6. Swamp Lands as Drainage Projects 

Classification. Those areas which are covered with water or the soils of 
which contain an excess of water either continually or to an extent that renders 

them unfit for cultivation are commonly spoken of as swamp or overflowed 

~ lands. There are three general divisions: inland marshes, river-bottom lands, 
and tide lands. Most of these areas are susceptible of reclamation, and in 
many instances their development is of great economic importance. 

Location and Distribution. Swamp and overflowed lands are distributed 
quite generally throughout the world and many such areas have been success- 
fully reclaimed. The largest enterprises of this kind have been in Europe, 
where land values are high. Notable examples are the English Fens, where 
700,000 acres of tide lands have been reclaimed, and Haarlem Lake, Holland, 
where a shallow lake 43 000 acres in extent has been converted into a fertile 
farming district. Large drainage enterprises have also been successfully com- 
pleted in France, Italy, and other European countries. Of the large areas of 
swamp and overflowed lands in the United States only a small fraction have 
been reclaimed. 

A compilation by the United States Department of Agriculture in 1922 gives 
approximately 57 000 000 acres of swamp lands, 31 000 000 acres of overflowed lands, 
and 8 000 000 acres of tidal marsh lands east of the 103rd meridian. Of this total of 
96 000 000 acres, 18 000 000 acres are in Florida. In each of the following states there 
are: Louisiana, Georgia, and Minnesota, 6000000 to 7 500000 acres; Michigan, 
North Carolina, Texas, South Carolina, Mississippi, Wisconsin, Arkansas, and Mis- 
souri, 3 000 000 to 5 000 000 acres; Alabama, Indiana, Illinois, Virginia, Kentucky, 
North Dakota, Tennessee, Kansas, Ohio, and New York, 1 000 000 to 2 000 000 acres. 

Soil. Marsh lands are commonly covered with decayed vegetable matter 

and are usually very fertile. In many cases, however, some element of plant 
food is deficient and certain crops will not grow satisfactorily without artificial 
fertilization. This is especially true of peat and muck lands, which are usually 
lacking in potash. The subsoil of inland marshes is ordinarily similar to that 
of the surrounding country. Overflowed lands along rivers are composed 
largely of sedimentary deposits, silt and fine sand usually predominating. 
Tidal marshes may be formed of clay, sand and silt in any proportions. The 
soil formation of swamp and overflowed lands should always be carefully 
investigated with a view to determining is fertility, and its influence on con- 

struction methods and plan of drainage. 

Subsidence of Muck and Peat Soils. Soils containing large percentages of vegetable 
matter subside when drained and cultivated. In the English Fens, at a place where in 
1848 the peat was 18 ft. thick the ground surface has gradually lowered 10 ft. A 
shrinkage of 40% of the original thickness of peat soils is not uncommon. In the muck 

lands of Louisiana and Florida where the peat is impregnated with varying quantities 
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of silt, a settlement of 2 ft. or more in five years has occurred. The amount of shrinkage 

decreases as the percentage of silt increases. In designing ditches and pumping plants 

for areas of deep muck land some provision should be made for the gradual but certain 

subsidence of the ground. For full discussion of this subject see Trans. Am. Soc. C..E, 

Vol. 82, The Subsidence of Muck and Peat Soils in Southern Lousiana and Florida, by 

C. W. Okey. 

Natural Vegetation. Inland marshes frequently contain heavy growths of 
timber, or where the timber has been cleared they may be covered with dense 
underbrush, stumps, and fallen trees. Other marshes contain growths of 
coarse grasses, reeds, or moss. In all cases the expense of clearing must be 

included in the cost of reclamation. 

Topographic Map. The general characteristics of a drainage project can 
best be studied from a topographic map, which should be prepared early in the 
investigation. Contours of the area to be reclaimed should ordinarily be 
shown for 1-ft. intervals, and natural drainage channels should be carefully in- 
dicated. Information as to soilformation, property lines, and source and 
amount of water to be disposed of may be recorded on the map. Existing 
maps may sometimes be of value in determining tributary areas which natu- 
rally drain into the area to be reclaimed. 

17. Runoff 

Surface Drainage. The channels and outlets of a drainage system should 
be of adequate capacity to provide for the removal of water at such a rate that 
the ground will be ready for early cultivation in the spring, and that the growth 
and harvesting of crops will not be seriously retarded. It is therefore the max- 
imum or flood flows which must be considered in designing a surface drainage 
system, and the same principles apply regardless of the scheme of reclamation. 
Excessive runoff may result either from heavy rains, or the sudden melting of 

snows, but the most severe floods are caused by the former. 

The Maximum Runoff per unit area that may be expected from any drainage 
basin decreases as the area increases. In general, the law of maximum dis- 
charge from flat areas, similar to those encountered in large drainage projects, 
may be represented by the equation 

Q = KM?.75 

in which Q is the maximum discharge in cubic feet per second, M the drainage 
area above the point at which Q is required, in square miles, and K an em- 

pirical coefficient. If A is the area in acres, the formula may be written 

Q = 0.00786 KA®7®. 
Values of K obtained from measurements of maximum runoff of a number of drain- 

age projects in the Mississippi valley range from 20 to 60. They correspond to rain- 
falls of 3 to 7 in. in 24 hours. The measurements were made on areas varying 
from approximately 2 to 200 square miles. The value of K depends primarily upon 
the maximum rainfall, but is influenced to a large extent by several other factors. It 
increases with the slope of the ground and the degree of imperviousness of the soil. 
The condition of the ground also influences the value of K. A heavy rain falling on 
wet ground will cause a greater runoff than the same rain falling on dry ground. If the 
ground is frozen or covered with ice, conditions will be favorable for a large surface 
runoff. Precipitation records covering as long a period as possible should be consulted 
to determine the maximum rainfall to be provided for. ; 

The Total Annual Runoff from a given area is the difference between the 
annual precipitation and the water returned to the atmosphere through evap- 
oration and plant transpiration, subject to modifications from ground-water 
conditions and possible deep seepage losses. The effect of the two latter con- 
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_ siderations is commonly neglected in approximate calculations. Many factors 
oe affect the amounts of evaporation and transpiration, the more important being 
Z the mean annual temperature, and the amount and distribution of rainfall. 

_ The humidity of the air, velocity of the wind, character of vegetation, degree 
_ of cultivation, and soil formation are also important influences. 

FB An accurate estimate of transpiration and evaporation losses for a given area involves 
__a thorough investigation of the various factors involved. Rough estimates may be 
i made by considering only the temperature and precipitation. Mean values of com- 
_— bined transpiration and evaporation losses, Based upon observations in the United 
be: States, are given in the following table. The yearly runoff in inches is obtained by 
_ subtracting the proper tabulated value from the annual precipitation. Observed 
_ values may be expected to differ by as much as 5 in. from those given in the table. 
je. 

. Average Annual Transpiration and Evaporation Losses in Inches 

Annual Mean annual temperature (Fahr.) 
| precipitation, 

* in. 35° 40° 45° 50° aoe 60° 65° 70° 752 

= 
a 25 16 17 18 19 20 21 22 23 24 

30 a 18 19 20 21 22 23 24 25 

| 35 18 19 20 21 22 23 24 25 26 

40 19 20 21 2a 23 24 25 26 27 

45 20 21 22 23 24 25 26 27 28 

a 50 21 22 oe 24 25 26 27 28 29 

55 22 23 24 25 26 2h 28 29 30 

60 23 24 25 26 27 28 29 30 31 

65 24 25 26 27 28 29 30 31 32 

70 25 26 27 28 29 30 31 32 33 

I: 18. Pumping Plants 

Capacity. The removal of water may be accomplished by gravity or by 
| _ pumping or by a combination of the two methods. A pumping plant should 

-be of adequate capacity to remove water at a rate that will prevent injury to 

crops up to the point where additional capacity will cost more than the dam- 
- age to crops that will result if the additional capacity is not provided. The 
_ time for which land may be flooded without serious damage differs for different 

crops, truck crops being more susceptible of damage than corn, sugar cane, 
grains and similar crops, but in general the land should not be submerged for 
“more than 24 hours. The capacity of pumping plant must be based upon a 
consideration of maximum runoff (Art. 17) and also upon the storage provided 

by canals, the maximum length of time that crops may be submerged without 
damage, and the slope of the reclaimed area. Areas with considerable slope 
require greater pump capacity than more level areas, because of the tendency 
of water to collect and flood crops at the lower elevations. 

_In southern Louisiana pumping capacities sufficient to remove 1 to 1.5 in. per 
' 24 hours have proved sufficient for areas of 5000 to 10000 acres. One inch of 

runoff in 24 hours is equivalent to approximately 27 cu. ft. per sec. per square mile. In 
the upper Mississippi valley a pump capacity of 0.25 to 0.50 {n. for similar areas 

' has been found satisfactory. 

_ The Period of Operation. Ordinarily pumps will be operated early in the 
spring to get the ground ready for cultivation, and after heavy rains during the 
growing period. In the lower Mississippi valley, where plant growth con- 

‘tinues throughout the year, the pumping plant must be ready to operate at all 
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times. In northern United States pumping usually is not required for more 

than 20 days, whereas in the extreme south it may be required 40 or more 

days in the year. 

Location. Pumping plants should be located near the natural drainage out- 

let or, if the area is approximately level, so that the water will travel the mini- 

mum length of canal. Unless electric power is supplied from a central station 

the facilities for transporting fuel must be considered in selecting a location 

for the plant. The ground should also be explored with a view to obtaining 

a favorable foundation. 

Buildings. The footings under machinery and buildings should be of con- 

crete, and if built on earth they should be supported by piling. The pump 

should be mounted on the same block of concrete as the engine that operates 

it so that subsequent settlement will not throw them out of line. Buildings 

should be durable, of fireproof construction, and of sufficient stability to 

withstand the heaviest winds. 

Power. The kind of power to be used in.a particular case must depend 

upon local conditions, but each possible source of power should be investi- 
gated. The power finally 
selected should be _ that 
which requires the smallest 

operating expense, based 
upon interest charges, at- 

tendance, fuel, maintenance 

and depreciation. Electric 
Power requires a minimum 
expense for attendance. It 

is convenient and adapted 
to intermittent service and 
if the cost is low enough its 
use is to be preferred for 
plants of all capacities.. 

Crude-oil engines provide a 
most satisfactory source of 

power and have been used 
extensively on many drain- 
age projects of the southern 

states. Steam-power 
plants are quite generally 

used on large projects, but 
the large initial cost, the ex- 

N H pense of keeping them con- 
ea Se cz ung Comerte Suppor eo "te, 2 tinually ready for service, 

Wes Hiss sand cae high grade of oper- 
ators which they require 
are objectionable features. 

Gasoline engines have been used to operate small plants. Producer-gas plants 
have not proved satisfactory for intermittent service. 

Bay 

Concrete Paved Vi 

Fig. 23. Pumping Plant for Drainage System 

Pumps should be selected and operated so as to secure the maximum effi- 

ciency practicable. The maximum lift will not usually exceed 10 ft. and the 
bulk of the water will not be lifted more than 3 or 4ft. It is at the lower lifts 
also that the greatest pumping capacity is required. It is desirable, therefore, 

that the pumps should operate at very nearly their maximum efficiency for 
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/ _ Average Loss of Head in Feet per 100 ft. Length of Suction or Dis- 
a charge Pipe of Pumps 
e 
a 

¢ Diameter of pipe in inches Bae 

EB each 

e ee es 36 | 42 | 48 | 54 | 60 | pag 
£ (ees Ae, eRe | eee hae Ld 
cm 
x 0.5) 0.4] 0.3] 0.3} 0.3] 0.2 

ow, 0.6] 0.5) 0.4] 0.4) 0.3] 0.3 

0.7| 0.6) 0.5) 0.4} 0.4] 0.4 
oy 0.9) 0.7) 0.6) 0.5] 0.5) 0.5 

s 1.0} 0.9} 0.7] 0.6} 0.5] 0.6 
- 1.2] 1.0] 0.8] 0.7] 0.6) 0.8 
, 1.4) 1.1) 1.0) 0.8) 0.7) 0.9 

1.6/4.3) 1.1) 1:0) 0:8) 170 os ic ies 
ie Costs of Pumping Plants in Southern United States 

From Bulletin 1067, United States Department of Agriculture, by W. B. Gregory 

| Tcost per|Year con- 
: Name of plant Acres Cost structed 

ersistEtEIS EEE COU. k =. 2 oo oe «2d aetee Pe Te 2 500 | $15 000 1911 

Subdistrict No. 1, Lafourche drainage dis- 
BNE PN Orc e rald cere Set wknd estates PEE 5.0% 1 880 10 000 1912 

Subdistrict No. 3, Lafourche drainage dis- 
Eat SS CB aE 9 8S I A 2 250 13 500 1910 

Jefferson drainage district No. 3.......... 5 000 | 28000 1912 
Subdistrict No. 1, Gueydan drainage dis- 
a) aap ow SOP CIC CIR SICIS ce I en Bee 7 500 40 000 1912 

_|Subdistrict No. 2, Avoca drainage district. 4 350 | 34000 1911 
~ |Subdistrict No. 3, Avoca drainage district.| 11250 | 73 000 1913 

Subdistrict No. 4, Jefferson drainage district 
OES NAS ge ee ee ae rere ae 1 800 18 000 | 10.00 1915 

|Fayport subdistrict No. 1, Lafourche drain- 
BAC GISETICEEN OSD 5 )ro5 ohio Sa Ga orate 2000 | 14000 AAT COREL Vl en ae 

Dalcour drainage district.............. : 650 | 10000 | 15.40* 1913 
Subdistrict No. 1, Lafourche drainage dis- 
te ls) gt ee eR? FREI ot 835 10 500 | 12.57 1915 

Subdistrict No. 2, Lafourche drainage dis- 
(pete tt OA) SESE Pee rm ee ee 940 12 500 | 13.30 1915 

Subdistrict No. 4, Lafourche drainage dis- 
TRICE NORE eye ate ae rersne ote sode ee 4240 | 31 500 7.42 1913 

MAETICRVWOOUS ILACL: +) aries. cic else «0% de oe 6943 | 37 500 5.39 1913 
BIOEe AMMOES) WV ick dees feb sckteds dew 5 720 54 290 9.50T 1918 

SSraKa ZU nee rtd Searls che Mast tte ate ero pices ZO O00 WPA IAG 1918 

BURRICH ATC TOME Ce fete cis wie ate ry eralare oie rier ota o oteseloyare = LEOOOW 222 odes 1918 

MEDI TIe SoTElifte cs ela t ciot a cle oat. ahh b4a.cysleldio [tle oleja Zz 8.000) Az cae 200s 1918 

* Acreage will be considerably increased later. 
+ Plant costs more than it would for an agricultural proposition, as two units must 

lift water 11 ft. if occasion demands it. 

the lower lifts and operate at a satisfactory efficiency through the entire range 

of lift. Centrifugal pumps have been quite generally used for drainage 

reclamation work. Fig. 23 shows an outline of the plan and elevation of the 

pumping plant for Louisa~-Des Moines Drainage District No. 4, Iowa. 
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The rated capacity of ordinary low-head centrifugal pumps is based upon a velocity 

through the discharge opening of 10 to 12 ft. per sec. The loss of head due to 

friction may therefore equal or exceed the static lift. For this reason the suction pipe 

and discharge pipe should be made as short as possible and sharp bends should be 

avoided. The outlet should be submerged so as to induce siphon action in the pipes, 

and the discharge pipe should be flared at the lower end so that the water will discharge 
at a velocity of not over 5ft.persec. Thesuction pipe must be air-tight and the water 
should be drawn from a concrete-lined intake several feet deeper than the minimum 
elevation of water surface to be maintained. Centrifugal pumps if properly designed 
and installed should give efficiencies of 60 to 70% throughout the range of lift ordinarily 
encountered in drainage work, but improperly selected pumps may give very much 
lower efficiencies. These figures refer only to the pumps, and friction losses in pipes 
and velocity head at exit must be added to the static lift to obtain the actual head 
against which the pumps must operate. 

Cost. The cost of drainage pumping plants varies widely according to the 
type of machinery, expense of transportation, character of foundation and 
difficulities of erection. 

Relative Fuel Costs of Several Types of Pumping Plants 
For 1000 acres, 6-ft. difference in levels, 8-ft. total head. Amount pumped = 1 acre- 

foot per acre per season, at rate of approximately 1 acre-inch per acre in 24 hours 
or 42 cu. ft per sec. 

| Total | Total | 
I.H.P.| Soatoflcnst of Total fuel cost per year 

Ole eed oillgasoline of removing total 12 in. 
Water steam per hr. | per hr. at pump efficiencies 
horse- Type of plant engine “4+ at named 

power Bre $1.25 |12 cents 
of 88S) per | per 
engine parrel | gallon 100% 70% 60% 50% 40% 30% 

41 |Simple slide-valve en-| H.P. 
gine, belted....... 50.5 | $0.88 |......./$238 $340 $397 $476 $595 $795 

41 |Simple slide-valve 
engine, direct-con- 
nected. Vee. 2.0 45.5 BO bb adore 218 | 311) 364) 436 545) 727 

41 |Gasolineengine, belted) 45.5 |....... $0.68 | 184 | 263, 307 368 460 613 
41 |Gasoline engine, di-| | 

rect-connected....| 41.0 |....... -61 | 165 | 236 275, 330, 412) 550 
41 |Simple Corliss engine, 

belted osng ed 0s 49.5 pal. «cents 135 | 193) 225) 270, 338) 450 
41 |Simple Corliss engine, 

direct-connected...| 44.5 MES emsrm tus 122 | 174, 203, 244) 305| 407 
41 |Compound condensed ie 

slide-valve, direct- 
connected........ 45.5 BOON Pee 98 | 140, 163) 196, 245) 326 

41 |Compound condensed 
Corliss, direct-con- 
nected...» 4 -@iies> 

19. Levees and Ditches 

Levees are required to prevent the entrance of outside water on lands 
subject to overflow. If subjected to current and wave action they should be 
designed on liberal lines with ample freeboard and they should be protected by 
rock riprap or other construction to prevent erosion. For the design and 
construction of river levees see Sect. 8, Art. 25, and Sect. 19, Art. 10. 
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___ Levees in Still Water may have a somewhat smaller cross-section than those 
_ subjected to current or wave action. They are commonly located on property 
_ lines without regard to the topography. This results in regularly shaped dis- 
_ tricts and minimum length of levee, but frequently the cost of construction 

and maintenance may be reduced by following the higher and firmer land and 
deviating somewhat from the more direct line. 

Common dimensions for this type of levee (Fig. 24) are 1 on 2 or 1 on 3 for embank- 
- Ment slopes, a top width of embankment of 6 ft., a berm of 10 ft. and a freeboard 
above the maximum high water elevation of 3 ft. To reduce seepage, the borrow pit 

High Water Level 

Cut-off trench O, 

Tile drain’ 

Fig. 24. Cross-section of. Levee 

; should be on the outer side of the levee, but it is sometimes placed within the tract 
Ye -and thus serves as a drainage canal. All vegetable matter and humus should be re- 
| moved from the strip of land on which the levee is to be built and as far as practicable 

only the better grade of material should be placed in the embankment. Carelessness 
in these regards may result in excessive seepage through the levee. Levees built of 
the mud commonly found in swamps will shrink 20 to 50% of its original volume, 
and allowance for this shrinkage should be made when the material is placed. The 

| shrinkage will be less for sandy soils than for those in which clay predominates. 

Ditches of various sizes must be constructed and so located as thoroughly to 
_ drain the area to be reclaimed. In pumping projects the larger ditches also 

serve for storing water after heavy rains and thus give greater flexibility to 
| the pumping plant. In many instances the latter function is fully as impor- 

tant as the former, and quite commonly some of the main ditches are made 
much larger and deeper than would be necessary for drainage alone in order 

| to provide more storage. 
"The size of each drainage ditch must be carefully determined from the duty which® 

| it has to perform. The general features are shown in Fig. 25. The side slopes are 
usually made about 1 on 1-1/2. When excavated with dredges it may be more con- 

Fig. 25. Cross-section of Drainage Ditch 

| venient to leave steeper banks and allow additional width with the idea that the banks 
| will cave in and eventually conform approximately to 1 on 1-1/2 slopes. Excavated 

material should be deposited in spoil banks on either side of the ditch, leaving suitable 
berms between the ditch and spoil banks. 

Excavating Machinery. Either teams and scrapers or machinery can be used to 
construct levees and ditches on dry land but on wet land dredges are used exclusively. 
‘The use of power machinery for all drainage work has become general in the United 
States. New types of excavators have been put on the market in recent years and 

| older types have been much improved. (See Bulletin 300 of the U. S. Dept. of Agri- 
culture, by D. L. Yarnell.) The following excavating machines are used on drainage 

_ work: floating dipper dredge, floating grab-bucket dredge, dragline scraper excavator, 
: dry-land dipper dredge, dry-land grab-bucket excavator, wheel excavator, hydraulic 

' dredge, and various machines for cleaning old ditches. 

_ The Cost of dredging drainage ditches in the United States is usually 12 to 16 cents 
per cu. yd. The cost of levees is somewhat higher depending upon the expense of 

selecting and placing material and the distance of the embankment from the borrow 
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pit. The total cost of excavation for drainage projects where both levees and interior 

ditches are required varies from $20 to $60 per acre. 

Maintenace of Levees and Ditches. Bushes and other vegetation of rank 

growth should not be allowed on levee banks since water will follow the roots 

and increase seepage. After the soft material in a levee has dried sufficiently it 

should be smoothed off and preferably seeded to Bermuda grass. It may then 

be mowed with a mowing machine, or the grass may be kept down by allowing 

stock to graze upon it. A heavy sod will assist in preventing erosion and in 

keeping out weeds and other ob jectionable vegetation. Grass and weeds 

should be cut out of ditches 1 to 3 times each year. At least once in 2 years 

the ditches should be cleaned of the accumulated mud and silt. 

20. Inland Marshes 

Source of Water. The first step in the investigation, preliminary to decid- 

ing upon the plan of reclamation, is to determine the source of the water or the 

reason why the land is too wet. The water may come from direct rainfall, 

from visible streams, from the runoff from neighboring hills, or from springs. 

l 
\Znterce pring 
| Drain 
ane | 

l 

) 

\ 

Fig. 26. Reclamation of Inland Marsh 

The condition may be due largely to the fact that natural outlet channel is 

obstructed or of insufficient depth or capacity to drain the area properly. 

Main Drainage Channel and Outlet. In order that a swamp area may be 

properly drained it is necessary that the outlet and main drainage channel 

should be deep enough and of sufficient capacity to carry the drainage of the 

swamp and all tributary areas while maintaining an elevation of water surface 

low enough to provide for effectively draining the area to be reclaimed. The 

natural drainage channel through an inland marsh may not be clearly marked 

or it may be very winding and obstructed with fallen timber and debris. One 

of the first requirements in such cases is to excavate or straighten and enlarge 

and deepen such channels and carry them to a natural outlet. If no satisfac- 
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tory outlet exists, pumping may be resorted to, but inland marshes are usually 
drained entirely by gravity. 

Auxiliary Drainage. The amount of drainage required in addition to that 
provided by the main channel will depend largely upon the size of the marsh, 
the natural slope of the ground, the soil formation, and the source of under- 
ground water. If the subsoil is sandy and especially if the ground has a fair 
slope toward the main channel no additional drainage may be necessary. 
Also if the marsh is small no additional ditches may be required. _If the sub- 
soil is of impervious formation auxilidry drainage ditches across the tract may 
be required at 1/4- or 1/2-mile intervals. When springs occur on the tract they 
should be cut off by intercepting drains, that is, drains which tap the source of 
supply before it reaches the surface of the ground. This result may usually 
be accomplished by means of an underground tile drain. If there is much flow 
on to the tract from surrounding hills a catchwater open ditch at the junction 
of the high and low land may be advisable. After the main drainage channel 
and principal auxiliary ditches have been completed, if further drainage is re- 
guired it may be accomplished by open farm ditches or tile drains. Fig. 26 
indicates the different methods of drainage that may be used in reclaiming 
inland marshes. In general the drainage should be adequate to assure a 
minimum depth to ground-water of 3 to 4 ft. after the subsidence following 
drainage has occurred. 

21. Overflowed Lands 

Classification. There are two general classes of overflowed lands: tidal 
marshes which are periodically submerged and uncovered by the rise and fall 
of tides, and river bottom lands which are temporarily inundated during high 
stages of the streams. The lower lying marshes in either case may be per- 
manently submerged. Some lands, like those in southern Louisiana, may be 
subject to overflow from both causes. As regards topography, the area to be 
reclaimed may either adjoin high land on one side, or be entirely surrounded 
by overflowed land. In general, a similar plan may be adopted for reclaiming 
all overflowed lands, the details being changed to suit the particular conditions. 

Protection from Overflow is secured by constructing levees around the area 
to be reclaimed. (Art. 19.) If the tract joins high land on one side, levees 
will be required on but three sides. In general the area of such lands that may 
be reclaimed by one levee system is limited to that which is included between 
the main stream or body of water and two of its tributaries. A levee runs 
along the bank of the main water and return levees follow the tributaries to 
the highland. Diversion ditches may be constructed near the foot of the slope 
where the hills join the flat land to deflect the hill waters and prevent their 
entering the tract. If the area to be rclaimed is surrounded by overflowed 
lands, levees must be built on all sides. Fig. 27 shows the system of levees and 
ditches of Area No. 7, Gueydan, Louisiana. Fig. 28 shows the method of re- 
claiming a tidal marsh near Dorchester, New Jersey. 

Drainage. The drainage system consists of one or more main ditches with 
auxiliary ditches spaced as required, but usually 1/4 to 1/2 mile apart. 
Open farm ditches or drain tile may then be used to provide whatever addi- 
tional drainage may be necessary. Open ditches should preferably be located 
on property lines or parallel to them, in order that they may interfere as little 
as possible with farming operations. 

The Depth of Ditches should be such that the entire tract may be satisfac- 
torily drained to a depth of 3 to 4 ft. The practice in the lower Mississippi 
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valley, Fig. 27, is to dig farm ditches 4 ft. deep. The main ditches must have 

dimensions and slopes which will provide satisfactory outlets for the smaller 

ditches. Marsh lands will frequently settle 1 to 4 ft. after reclamation, and 

this settlement may 

continue for several 

years. The probable 

settlement of the ground 
should be considered in 
designing the drainage 

system. 

ah MEU, OU CONAE o MUS, a ANGE | The Outlet for the 
drainage system may be 
provided by gravity or 
pumping or by a com- 
bination of the two. If 
a natural gravity outlet 
is relied upon a sluice 
gate must be provided 
where the water passes 

through the levee. 

Levee 

Levee 
t} K U t} 4} i) i} i} 

Drainage Ditch 

it. Pumping th Sluice gates should act 
i automatically and allow 

Plant 40' Canal ee MOF. ie ee the water to pass out 
Devee when the water surface 

is higher within than 
without the tract and 

close when the opposite condition obtains. A flap valve, hinged at the top, 
is ordinarily used for this purpose. A hand-operated gate should be in- 
stalled in conjunction with the automatic gate to be used in case the latter 

Fig. 27. Reclamation of Overflowed Land 

Highway 

Fig. 28. Reclamation of Tidal Marsh 

gets out of order. River bottom lands when subject to overflow for only short 
periods may be drained by gravity outlets if the water surface in the river is 

normally low enough, otherwise auxiliary pumping will be necessary to drain 
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the tract satisfactorily. Tidal lands may be drained through automatic 

sluice gates, the gates being opened during low tides and closed during high 

tides. In localities where the tidal range is small and the elevation of the 
ground is low, reclamation can be accomplished only by pumping. In many 

Roadway, El. 17.7 

6x8 HP. Granite Chips’ ~ Rock Paving 
30’x 10/x 2/ 

Fig. 29. Longitudinal Section of Levee through Sluice 

instances where tidal lands are drained by gravity the expense ot auxiliary 

pumping would be more than justified by increased returns from the land. 

In general, tide lands drained only by gravity lying 1 ft. or less above 

mean low water have no value for agricultural purposes, those between 1 and 

2 ft. above mean low water will produce hay, and those between 2 and 3 ft. 

above mean low water will produce rye, potatoes, corn and other crops. 

The best results are obtained from land 3 ft. or more above mean low water 

elevation. 

FARM DRAINAGE 

22. Drainage Possibilities 

Soil Moisture. All water in excess of that required by vegetation is harmful 

(Art. 2). Air within the soil is essential to healthy plant growth and this is 

excluded by excess moisture. Air is completely excluded from saturated soil, 

and the land becomes cold, sour, and entirely unproductive. 

Three Classes of Lands may be considered: (a) those that are entirely unproduc- 

tive or that cannot be profitably farmed without drainage; (b) those that can be profit- 

ably farmed without drainage but that with drainage will give increased returns 

sufficient to justify the cost; (c) those that cannot be sufficiently improved to justify 

the cost of drainage. All lands not having a porous subsoil and especially clay lands 

can be improved by drainage. 

Benefits of Drainage. Drainage benefits farm lands in the following ways: 

(a) By removing the surplus water, which is harmful to plants, and aerating 

the soil; (0) by warming the soil and thus decreasing danger from frosts, caus- 

ing the seeds to germinate earlier, and grow more promptly, permitting earlier 

cultivation of the land, and increasing the length of the growing season; (c) by 

making the soil more granulated, porous, and friable, and thus increasing its 

ability to absorb rainfall. In general, the results of farm drainage are to make 

certain the production of crops each year and to increase the yields and profits. 

Preliminary Investigation. Before laying out a plan of drainage for a given 

area a careful preliminary study should be made and a topographic map should 

be prepared showing contours and intermediate elevations at controlling 

points. Itisimportant that natural drainage lines should be distinctly shown. 
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A-soil survey of the area should be made and the character of the soil and 
subsoil at different points may be conveniently marked on the map, supple- 
mented by additional field notes if necessary. The ground-water also should 

be studied, especially if there is evidence that it comes from some source other 
than precipitation upon the area to be drained. The position of the outlet 
should be determined from the field investigation and marked upon the map. 
The map and other data may then be used as a basis for the plan of drainage. 

23. Drains and Drain Tile 

Principles of Drainage. There are two kinds of drainage: Surface drainage, 
by which water is conveyed over the surface of the ground; and subsurface 
drainage, by which water is conveyed beneath the surface of the ground. Sur- 
face drainage removes the water that cannot percolate into the ground as fast 
as it is supplied by precipitation or melting snow. Subsurface drainage re- 
moves the water which cannot be retained as soil moisture. 

Farm lands require surface drainage to remove excess precipitation but if slopes are 
too steep much of the water from heavy showers may flow off the surface before the 
ground has been wet as deep as is desirable. Surface drainage may be retarded by 
cultivating the land across slopes. Farm drainage is primarily a problem of supple- 
menting natural subsurface drainage. 

Open Ditches receive water from the surface of the ground and also water 
that passes through the soil. They therefore assist in surface drainage, which 
may be an advantage on very flat areas. In the lower Mississippi, where the 
rainfall is heavy and the land practically level, open farm ditches are used 
almost exclusively (Fig. 27). Farm ditches occupy land which might other- 
wise be cultivated and make it difficult to move farm machinery from one part 
of the farm to another. They are expensive to maintain and in clay soils they 
are apt to become puddled and prevent the free entrance of ground-water. 

Subsurface Drains are conduits below the surface of the ground with open- 
ings of a size that will permit the ground-water to enter freely and will exclude 
the surrounding earth. Box drains have been used to a limited extent. They 
are made of four boards nailed together to form a rectangular cross-section 
with cleats between the top and sides to leave narrow openings for the entrance 
of water. Blind ditches partially filled with stones or poles were formerly 
used, but they were not permanent and have been abandoned. Tile drains 
have been found to provide the most satisfactory drainage, and they are used 
almost exclusively. 

Kinds of Tile. There are two kinds of drain tile in common use: Clay tile 
and cement tile. Clay tile are sometimes made hexagonal or octagonal, but 
more commonly they are round. They range from 2 to 36 in. in diameter and 
from 12 in. in length for the smaller sizes to 30 in. for the largest. Cement tile 
under 12 in. in diameter are more expensive than clay tile, but in the larger 
sizes they are cheaper. The following comments on clay and cement tile are 
contained in Farmers’ Bulletin 524 of the U.S. Department of Agriculture. 

Clay Tile. Soft, medium, and hard-burned or vitrified clay tile are made. It costs 
less to make the soft-burned than the hard-burned tile and the selling price is lower, 
but the quality is not so good. Soft-burned tile have done good service, however, and 
when put under ground below the frost line have lasted indefinitely. The best tile are 
burned to a cherry red and when struck by a piece of steel give a sharp metallic ting. In the north, where they are laid above the frost line, only the hard-burned tile should be used. Hard-burned, or Vitrified, tile are practically nonporous; thus, they absorb little moisture and unless water stands in them they are not injured by freezing tem- peratures. A tile that cracks and shatters in winter when lying in the yards unpro- 
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tected from the weather is not fit to use above the frost line and is not the best under 

any conditions. Thick tile make the best joints. Those with thin sides, especially in 

the smaller sizes, are likely to slip out of place and leave openings. Some manufac- 

turers who ship tile make them with thin sides to reduce the weight and the con- 

sequent cost of transportation. A 4-in. tile should weigh at least 6 Ib., a 5-in. 8 Ib., 

and a 6-in. 11 lb. Some factories make them heavier than this, which is better so far 

as utility is concerned. 

Cement Tile. There are a number of machines on the market for making cement 

(or concrete) tile that cost from $50 to $100. One part of cement to about 3 parts of 

aggregate should be used. The largest pieces in the aggregate should not be more than 

one-half the thickness of the wall. The cefment and aggregate should be well mixed and 

sufficient water should be added to make the mixture moist but not wet. After the tile 

are taken from the machine they should be placed in the shade. The longer the mold 

is allowed to remain around the tile the better. After the mold is removed the tile 

should be sprinkled twice a day for 3 or 4 days, or until thoroughly cured. A well- 

made and well-cured cement tile, like a good clay tile, when struck with a piece of iron 

will have a sharp metallicring. Large cement factories are equipped with steam driers, 

with which the curing can be done to the best advantage. 

24. Location of Drains 

The General Plan of draining a given area should be determined before any 

drains are constructed, in order that all parts of the system when completed 

will work together effectively even though the construction is to extend over a 

long period. Details not pertaining to the general scheme of drainage may be 

worked out as required. When more than one farm will be benefited by the 

construction of main drains, each party interested should contribute in the 

investigation in so far as the work affects his property. State laws usually 

cover the legal points involved. 

The Outlet is usually the first consideration. On rolling or hilly lands a 

natural outlet ordinarily exists. On low level land an artificial outlet is 

usually necessary. The elevation of the water surface in the outlet should be 

low enough to provide for the effective drainage of the area which it serves. 

It should be of sufficient capacity to take care of the requirements of surface 

and subsurface drainage. The expense should be assessed against all of the 

farms using the outlet in proportion to the benefits accruing to each. Outlets 

may be either open ditches or covered pipes. Tile up to 36 in. in diameter 

have been used for this purpose. 

Drainage Systems, There are two general systems of drainage: Partial 

and complete. Partial drainage systems are used on rolling land when it is 

desired to drain only isolated portions of a tract, as illustrated in Fig. 30. The 

complete system is used when all of the land of a comparatively large area is to 

be drained. Examples of complete drainage systems are shown in Figs. 31 

and 32. It will be noticed that certain areas adjacent to the main laterals are 

double drained, and for maximum economy this double drained area should be 

as small as practicable. For this reason long parallel field drains are prefer- 

able. The system indicated in Fig. 32 requires a smaller amount of tile than 

that indicated in Fig. 31. 

Field drains should be laid in the direction of the greatest slope. This insures the 

greatest velocity and capacity. High velocities of water assist in scouring out the 

drains and in keeping themclean. It is very important that drains in sandy land should 

have velocities great enough to scour out the sand which filters into the drains between 

the tile. A 4-in. tile drain in sandy land should not be laid on a grade of less than 0.3 ft. 

to 100 ft. The laterals, submains and mains should preferably be located approxi- 

mately in the lines of natural drainage, since the slope of the ground leads the water 

in this direction. ‘The drains should be laid as straight as practicable and bends should 
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be made by smooth curves. It usually will be found necessary to deviate somewhat 
from the natural drainage channel in order-to improve the alignment. ¢ 

The Depth and Frequency of Drains that will produce the most satisfactory 
results depends largely upon the character of soil. Where deep drainage can 
be used the drains may be spaced farther apart. The more porous the soil the 
deeper the drains can be placed. In heavy clay soils of close textures, drains 
placed 2 to 3 ft. beneath the ground surface have produced good results when 
deeper drains have failed. In other cases clay soils have been satisfactorily 
drained at depths of 3 to 4 ft. A depth of about 4 ft. appears to be the best for 
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sandy soils. Practice also varies widely regarding the proper spacing of drains. 
In dense clay soils they should probably be placed 30 to 40 ft. apart, and 
in sand a spacing of 200 ft. may be used. For intermediate grades of material 
distances of 50 to 150 ft. may be selected to suit the conditions. 

Before deciding definitely as to the proper depth and frequency of drains for a given 
area a careful study should be made of all factors likely to affect the problem. Condi- tions vary widely and results obtained in one locality may not apply to another locality, 
even though conditions appear quite similar. Local conditions especially should be studied, and if time is available and other conditions seem to warrant it, experiments with different depths and spacings of drains should be made before the completion of 
the work as a whole is undertaken. 

25. Capacity and Size of Drains 

The Required Capacity of a subsurface drain depends upon the rate at whch 
water will pass from the surface of the ground to the drain. The two principal 
factors affecting the rate at which water will enter a drain are the porosity of 
soil and the amount and rate of precipitation. 
Drainage Coefficient. The inches depth of water which must be removed in 24 hours to drain any area satisfactorily is called the drainage coefficient of 

that area. Its value for different soils must be obtained from experiments. 
An investigation by the U. S. Department of Agriculture of a number of under ground drains in Illinois and Iowa that were doing satisfactory service showed 
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maximum discharges in 24 hours of 0.11 to 0.27 in., most of the results 
varying from 0.15 to 0.20 in. These results were obtained on areas having 
fairly porous subsoils. Heavy clay soils and coarse sand soils will have respec- 
tively smaller and larger drainage coefficients than the above. It also appears 
that the drainage coefficient of rolling land is about 20% greater than for flat 
land. The following may be considered average values of drainage coefficients 
for different soils: 

Compact clay soil, flat, 0.12; rolling, 0.14. 
Medium porous soil, flat, 0.18; rolling, 0.22. 
Porous sandy soil, flat, 0.30; rolling, 0.36. 

With the drainage coefficient decided upon, the capacity of drain in cubic 
feet per second required to drain a given are can be obtained by multiplying 
the area in square miles or acres by the proper value in the accompanying 

tables: 

Decimals of an Inch of Runoff per Twenty-four Hours Expressed as 
Cubic Feet per Second per Square Mile 

Decimals of an Inch of Runoff per Twenty-four Hours Expressed as 
Cubic Feet per Second per Acre 

-06 - 05 -06 

Size of Tile. 
formula written in the form 

«-( 

. 00168} .00210 
. 00588). 00630 
. 01008 
. 01428 
. 01849). 

.01470 
01891 

.02311 
-02731 

- 02269 
- 02689 
- 03109 
- 03529 
. 03949} .03991 

1630 Qn\ 2/8 
sil? 

. 01050}. 
-01512 
- 01933 

-03151). 
.03571). 

. 04033 

. 00252 

. 00672 
01092 

. 02353 
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03193}. 

- 03655 
.04075}. 

03613 
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. 00714 
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-02815 
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- 0033 
.0075 
-0117 
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04117}. 

. 00378 

. 00798 
-01218 
.01639 
- 02059 

.02479 

. 02899 
- 03319 
. 03739 
04159 

If the required capacity has been determined, the Manning 
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Diameter in Inches of Drain Tile 
Computed from the Manning Formula with m = 0.011 
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can be used for computing the diameter. dj; is the diameter in inches, Q is the 
discharge in cubic feet per second, s is the slope or fall per foot, and m is the 
coefficient of roughness which has approximately the same value as in the 
Kutter formula. 

_ From a compilation of extensive experiments by D. L. Yarnell (published in 1922 
as Bulletin 300, U. S. Department of Agriculture), the value of for well-laid clay or 
concrete tile flowing full is approximately 0.011. This should be considered as the 
minimum value and should be used only under most favorable conditions. For poorly 
laid tile » may be 0.012 or even 0.014 or more. Values of d computed from the above 
formula with m = 0.011 are given in the accompanying table. For other values of ” 
multiply d as given in the table by the following factors: 

For nequalio........ .012 .013 014 .015 .016 .017 

Multiply d in table by. 1.03 1.06 1.09 1.12 (15° 18 

Formerly 2-in. tile were used for farm drains, but modern practice is to use no tile 
smaller than 3 in. in diameter. The size of tile selected for a given case should ordi- 
narily be the commercial size nearest to and larger than the computed size, excepting 
that no tile smaller than 3 in. should be used. The following are diameters in inches 
of common commercial tile: 2, 2-1/2, 3, 4, 5, 6, 7, 8, 10, 12, 15, 18, 20, 21, 22, 24, 27, 
30, 33, and 36. For main drains above 15 in. in diameter vitrified sewer pipe is com- 
monly used. 

26. Construction of Tile Drains 

Staking Out. Tile drains should be set true to line and accurately to grade. 
When curves are necessary they should be smooth and regular. Before begin- 

ning excavation stakes should be set 50 ft. apart parallel to and about 2 or 3 ft. 
from the center line of the drain on the side opposite to that on which the 
earth will be thrown. Elevations of tops of stakes should be taken with a 
level and the cut marked on each. These stakes will serve as guides for the 
rough excavation. After the excavation is approximately to grade, batter 

boards should be placed across the trench opposite each stake at 
the same distance, preferably about 6.5 or 7 ft. above grade. The 

center line is then marked on the batter boards and a string con- 
necting these points will be directly above and parallel to the grade 
line. The center line at any point may then be obtained by drop- 

ping a plumb bob from the string, and the grade by measuring 

down from it with a pole of proper length. 

Excavation should be begun at the outlet. The trench may be 

dug either by hand or with a trenching machine. If much work is 

to be done the trenching machine will prove more economical. 

For 6-in. tile or smaller the trench may be made 12 in. wide at the 

top and 7 in. at the bottom. 

Trenching Tools and Machines. The special tools commonly used 

are tile spades, a shovel, pick, drain scoop, and tile hook. There are two 

kinds of tile spades, solid and open, the Jatter being used for wet sticky 

goils. Tile spades are 16 to 22 in. long and 5 to 6 in. wide. A drain scoop 

is used for finishing the bottom of the trench preparatory to laying the tile. 

It should be curved to a radius approximately equal to the outer radius Fig. 33. 

of the tile. A tile hook, Fig. 33, consists of a bent 1/2-in. rod attached Tile Hook 

to a wooden handle. There are a number of types of trenching machines 

on the market. They vary from different styles of plows, which loosen the earth so 

that it may be more readily shoveled, to large ‘machines of the wheel bucket and end- 

less chain type, which do all the work of excavation. The larger trenching machines 

vary in cost from $2200 to $7500. Trenching plows may be obtained at $50 to $300. 
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Laying of Tile like the excavation of trenches should begin at the outlet. 
If the bottom of the trench has been properly prepared the laying of the tile 
should proceed rapidly. The smaller sizs of tile are usually laid with a tile 
hook by a man standing at the top of the trench. Care should be taken to see 
that the tile joints fits tightly, especially at the top. Crooked and imperfect 
tile should be thrown out and if used at all they should be placed together 
near the upper end of the drain. Curves are usually made by using crooked 
tile or by chipping off one edge of the tile. It is easier and better, however, 
to have special curved shapes, either drain or sewer tile, available for the pur- 
pose. Y-junctions should be placed where needed, the open end being 
plugged up until the connection is made. Before the tile are covered the work 
should be inspected to see that all joints are properly made and that the tile 
are laid true to line and grade. 

Backfilling. Before the trench is filled the tile may be surrounded by coarse 
hay, twigs, burlap, small stones, or pieces of brick. This provides for a freer 

entrance of water and helps to exclude fine sand from the drain. The first 
earth should be put into the trench carefully so as not to move the tile. The 
remainder of the backfilling may be done with shovels, scrapers, or a turn 
plow. 

Outlets. Where a tile drain discharges into an open waterway, Fig. 34, the 

outlet should be protected by building a substantial retaining wall around it. 

The foundation should extend well below 
8" sla the bottom of the channel so that the wall 

1 Coment will not be undermined by the current in 
Joints for the waterway or the water discharging 

Minimum 2 ‘Distance of 20' from the drain. Only vitrified clay, con- 
crete, or metal pipe should be used near 

te the outlet, as soft clay tile may disinte- 
SECTION grate under the alternate conditions of 

freezing and thawing to which they will be 
subjected. 

ir 
Concrete 8"Thick up to D=24" 

10"Thick 24"to 36" 

Surface-Inlets are sometimes  con- 
structed at low places to supplement sur- 
face drainage. They are commonly made 

of wood, concrete, or sewer pipe. They 
consist essentially of a small basin that ex- 

PLAN tends to or below the bottom of the drain 
Fig. 34. Outlet Structures for  t0 which they are connected, with an 

Closed Drains opening at the top for the entrance of 
surface water. The surface opening 

should be covered with an iron grate which also should be protected by a 
covering of loose rock to prevent the entrance of dirt and drift. 

Silt-Basins or Sand Traps are basins placed in drains or at the junctions of 
drains for the collection of silt and sand. They also afford an opportunity for 
the inspection of drains. The bottoms of the basins should be 2 or 3 ft. below 
the tile to provide a receptacle for the silt, which may be cleaned out as often as 
is necessary. These structures are not required for clay or loam soils, but 
are useful where drains are laid in sandy soils. 
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27. Costs and Profits 

Cost of Round Drain Tile f.o.b. Factory 

Prices quoted by manufacturers, subject to small discounts. 

; ibe 

| se, | tenet | weit me | Pasenee Parinand eee 
| one tile, ft. | linear ft., Ib. 1000 ft. g , 

J > curves, each | 30000 Ib. 

3 1 4 Tuk $30 $0.15 7500 

4 1 6 45 .23 5000 

5 1 8 60 .30 3750 

5 | 1-1/2 11 82 41 2760 

8 2 16 120 60 1875 

10 2 23 172 86 1300 

12 2 31 232 1.16 970 

14 | 2 38 312 1.56 790 

15 2 43 350 ALT 700 

16 2 45 375 1.88 670 

18 2 60 500 2.50 500 

20 2 71 600 3.00 420 

22 2 100 850 4.25 300 

24 2 110 950 4.75 280 

27 2 140 1200 6.00 | 220 

Amount of Tile per Acre. Where, over a considerable area, field drains are 

placed parallel and equal distances apart, the number of linear feet of tile 

required per acre may be obtained by dividing 43 560 by the distance between 

drains in feet. The following are linear feet for distances commonly used. 

An allowance of 4% should be made for breakage and imperfect tile. 

Distance apart 25 30 33 40 50 66 80 100 150 200 

Lin. ft.peracre 1742 1452 1320 1089 872 660 545 436 291 218 

Cost of Drains. With labor at 40 cents per hour, for 6-in. tile or smaller, 

the cost of digging trenches 3 ft. deep by hand will be 3 to 5 cents per linear 

foot. On large contracts, the cost will usually be about 25% less with trench- 

ing machines than with hand labor. Trenches 4 ft. deep cost about 50% more 

than trenches 3 ft. deep. Laying tile and backfilling costs 1/2 to 3/4 cent per 

linear foot. If the ground is rocky or contains many roots the expense of 

excavation will be greatly increased. Very wet soil and especially quicksand 

may add to the cost of the work. The cost of laying a 12-in. drain will be 

about twice as great as the cost of laying a smail drain to the same depth. 

Profits from Drainage. The profits to be derived from farm drainage de- 

pend largely on the character of the land. The greatest profits usually result 

from the drainage of lands too wet for cultivation. The following examples 

are given in the Yearbook of the U. S. Department of Agriculture for 1914 as 

typical of results obtained from properly draining farm lands in the humid 

region of the United States. 

In the Coastal plain of North Carolina about 25 acres that were producing nothing 

were tile drained for perhaps $250, probably not including costs of teaming and of 

supervision, and since then have produced a bale of cotton per acre. A field of 6 acres 

was drained for about $160, and the owner makes good crops on soil worthless without 

drainage. In the black prairie belt of Alabama, a field that had not been cultivated in 

years because too wet was drained with tile; then it produced one bale of cotton per 

acre and repaid the entire cost of drainage the first year. The following year the field 

yielded 50 bushels of corn per acre, twice the rate from other parts of the farm. Another 

drained field produced one bale of cotton per acre, whereas the undrained land pro- 
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duced only half a bale. A 10-acre field that yielded practically nothing in 1912 was 
tile drained, and in 1913 produced 60 bushels of oats per acre; in 1914 the rate was 
again 60 bushels of oats, in contrast to 10 bushels per acre from the adjoining 15-acre 
field planted to the same grain. The cost of most of the tile drainage in Alabama has 
been about $25 per acre, some of it as high as $30 to $35, but increases of 50 to 200% 
in yields and the assurance of good crops every year instead of only in very favorable 
seasons are very satisfactory returns. The cost of drainage there has usually been 
repaid in 2 to 3 years by improved crops. In Iowa, a field of 40 acres too wet for plant- 
ing was tile drained at a cost of $24 per acre, after which it produced 60 bushels of corn 
per acre. Another field was drained for $23 per acre, thereby increasing the yield from 
15 bushels to 40 and 50 bushels of corn per acre. In Arkansas, on one of the state 
farms, 1 bale of cotton per acre was secured in favorable years, and nothing at all when 

. the early part of the season was wet; the year following the installation of tile the yield 
was 1-1/2 bales per acre. In Nebraska a tract of more than 700 acres was tile drained 
at $24.25 per acre, the pumping plant cost $2 per acre, and as part of a larger district 
the cost of levees to protect from overflow was $9 per acre. The improvement, at a 
total cost of $35 per acre, immediately increased the crop on about 80 acres of corn 
22 bushels, and on another part the increase in 2 years was from nothing to more than 
30 bushels of wheat per acre. 

28. Drainage of Irrigated Land 

Necessity. More than 10% of the area in the United States, which has 
been under irrigation for a considerable period, has become partially or en- 
tirely unproductive through waterlogging or becoming impregnated with 
harmful mineral salts. These conditions are brought about by over-irrigation 
and inadequate natural drainage, and the remedy lies in supplementary 
artificial drainage. The necessity for artificial drainage or the system of 
drainage to be employed is not apparent usually until after several seasons of 
irrigation, but from a study of the topography and soil strata it should be pos- 
sible to foretell approximately the future drainage requirements of a newly 
irrigated tract. Some irrigation projects do not require artificial drainage 
and others require it only to a limited extent, but in all cases the matter should 
be thoroughly studied in connection with the investigation and design of an 
irrigation system. 

Alkali is the popular name applied to a number of mineral salts, harmful to vegeta- 
tion, which are found in the soils of arid districts. The more common of these are 
sodium chloride, sodium sulphate, magnesium sulphate, calcium chloride, calcium 
sulphate and sodium carbonate. All of these except the last appear on the ground as 
a white crust and are called white alkali. Sodium carbonate, or black alkali, is the 
most injurious to plants. It is indicated by dark spots on the surface of the ground 
due to the dissolution of humus and vegetable matter which it causes. These salts are 
readily soluble in water and irrigation waters after passing through the soil become 
more or less impregnated with them. When the ground water reaches a sufficiently 
high elevation, moisture is drawn from it by capillary attraction to the surface of the ground, where the water is evaporated and the alkali is left as a thin deposit. After this action continues long enough sufficient alkali collects on the ground to injure or destroy vegetation. The height to which water will rise by capillarity varies from 
about 2 ft. for coarse sand to 5 ft. for fine clay. 

Removal of Alkali. Lands which contain an excess of alkali either from 
natural causes or from irrigation usually may be cleansed by irrigation after 
adequate drainage has been provided. The water must be lowered below 
the limit of capillary action. and then by applying water the salts are dissolved and carried through the soil to the ground water. Usually two good irrigations 
will reduce the alkali on the surface to a harmless quantity, though in rare instances two years or more may be required for reclamation, 
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Objects of Drainage. The specific results to be accomplished by the drain- 

age of irrigated land may be one or more of the following: (a) The lowering of 

the ground water to a level where it will not interfere with the penetration of 

plant roots to the required depth; (0) the removal of alkali from the surface 

of the ground; (c) the removal of excess soil moisture and the aération of the 

soil. The problem differs from that encountered in humid regions in that 

alkaline soils are peculiar to arid districts and the amount of water which the 

land receives under irrigation may in a large measure be controlled. 

Source of Water. A drainage system cannot be designed successfully until 

the source of the damaging water is known and its movement understood. 

The source of the water may be (a) irrigation water applied to the tract itself, 

(b) wrigation water applied to an area ata higher elevation, (c) a canal or reser- 

voir at a higher elevation. In the first case the movement of the water will be 

downward through the soil. In the last two cases the water will move laterally 

either in porous strata near the surface or under pressure beneath an imper- 

vious stratum of hardpan or clay. 

Methods of Drainage. The drainage of irrgated lands is accomplished by: 

(a) tile drains, (b) open ditches, or (c) pumping from wells. 

Intercepting Drains are used to cut off the flow of water from higher areas. 

They are usually placed near the foot of a hill or at a change in slope. A sec- 

ondary intercepting drain is sometimes placed below and approximately 

parallel to the main drain to collect, water that passes the upper drain. 

Parallel Field Drains, either tile drains or open ditches, are used where the 

water does not come from some clearly defined outside source. They should 

be designed to keep the ground-water level below the depth from which 

water will be drawn to the surface by capillary action. For fine soils the 

depth to ground-water should always be more than 4 ft. Drains are exca- 

vated to depths of 6 to 10 ft., and spaced 300 to 3000 ft. or more apart. The 

deeper the drains the greater the spacing that is permissible. The outlet 

may be either a natural channel or an irrigation ditch. 

On the Rio Grande Project of the U. S. Bureau of Reclamation comprising 200 000 

acres, about 1916, 3 years after beginning irrigation, 70% of the area was becoming 

unproductive through rise in ground-water. The soil consists of clays, fine sands and 

silt. The thread of the valley slopes 4 to 5 ft. per mile. This area was reclaimed by 

open ditches 1/2 to 3/4 mile apart and 10 ft. deep. After reclamation the ground- 

water sloped 1 in 1000 toward the drains, with an abrupt loss of head of about 1.5 tite 

close to ditches. This loss of head must be considered in estimating the depth of 

drains. The discharge of the drainage ditches during the irrigation season is about 

1 cu. ft. per sec. per linear mile. The cost per cubic yard of excavating by machinery 

over 10 000 000 cu. yd. of ditches was 8-1/2 cents. The cost of structures, engineering, 

overhead, and right of way including rebuilding of irrigation laterals was 7 cents per 

cubic yard of earth excavated. (See Engineering News-Record, Sept. 18, 1919, and 

Oct. 5, 1922.) 

Fig. 35 shows a tract of land near Garland, Utah, that was reclaimed by a combined 

system of intercepting drains and field drains. Where water is carried from a higher 

area through a porous stratum the intercepting drain should extend down to the imper- 

vious material, as indicated in Fig. 36, otherwise some of the water will pass below the 

drain. Fig. 37 shows a method of intercepting water under pressure beneath an 

impervious stratum. This method may be used when the water is at a great depth. 

Capacity of Drains. Where the water comes entirely from the irrigation 

of the tract being drained it is usual to provide for the removal of 0.05 to 0.1 

in. of water per 24 hours. This is equivalent to 9 to 18 in. for a growing 

period of 6 months or a flow per acre of 0.0021 to 0.0042 cu. ft. per sec. If 
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all or part of the water comes from other irrigated lands, their areas and the 
amount of water coming from them should be determined as accurately as 
possible. If it comes from irrigation canals the seepage losses in such canals 
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Fig. 35. Drainage of Irrigated Land by Intercepting and Field Drains 

should be investigated. Nothing smaller than 4-in. drain tile should be used 
on irrigated lands. 

The Cost of Trenching for the drains in irrigated districts will be relatively higher than in humid regions because of the greater depth of drains. If the banks cave, tim- 
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bering must be resorted to. In general the cost will be comparable to that of trenching 
for sewers and water mains at similar depths. 

Drainage by Pumping from Wells has been in successful opration on the 
Salt River project to Arizona since 1922 and the success of this enterprise has 
influenced other districts to adopt the method. The method is particularly 
adapted to areas underlain by coarse water-bearing formations from which 
water may be pumped and to districts where cheap power is available. (See 
Bulletin 1456 of the U. S. Department of Agriculture, by J. C. Marr.) 
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In 1918, 64 000 acres of the 203 000 acres comprising the Salt River project were 

considered to be in immediate need of drainage. On this area 124 wells were driven to 
an average depth of 226 ft. The wells are 12 to 24 in. in diameter, most of them being 
18in. The total capacity of all wells is over 300 cu. ft. per sec., individual wells ranging 
in capacity from 1 to 10 cu. ft. per sec. The total cost of the drainage project was 

$1056 000. Of this amount about 90% was for pumping plants and power distribu- 

- tion system. During the year ending Sept. 30, 1923, 149 600 acre-feet of water were 

pumped. The cost of pumping was: Power, $30 000; labor and materials, $25 500; 

depreciation and overhead, $56 500. The following are average data for the period: 

Lift, 33 ft.; power cost, 0.25 cent per kw.-hr.; total cost of pumping per acre-foot per 

foot of lift, $0.023.. A little more than half of the water pumped was used for irrigation. 

The remainder was wasted into natural streams, either because of the cost of convey- 

ing it to lands upon which it could be used or because of its unsuitability for irrigation. 

It is estimated that on the Salt River project the value for irrigation of the water 

pumped is as great as the cost of pumping. Economic conditions, especially the cheap 

power, were particularly favorable on this project. 

Drainage Water for Irrigation. The outlets may be so situated that drainage 

waters can be used for irrigation. In many instances the value of such waters offsets 

to a considerable extent the cost of drainage works. All drainage waters are not 

suitable for irrigation because of the varying quantities of alkali salts which they dis- 

solve from the soil. There is a diversity of opinion regarding the quantity of such 

salts that is permissible in irrigation water. The nature of the chemicals undoubtedly 

has an important bearing. It is generally conceded that water containing 0.1% by 

weight of solid material can be used safely. In some sections water containing twice 

this percentage of salts has been used without apparent injury to crops. Drainage 

waters containing salts in harmful quantities are often used for irrigation after mixing 

them with surface water. 

Over-Irrigation. If water is applied to land only within the capacity of the land to 

contain capillary water the needs of vegetation are provided and no water is lost 

through seepage. The attainment of this ideal condition is not practicable but in 

general the use of less water will be beneficial in the following ways: (a) In saving 

irrigation water; (b) in reducing the amount of drainage required, and (c) in reducing 

the harmful effects of soil leaching. Whenever over-irrigation is practiced this process 

of leaching is in progress, and humus and nitrogen and various mineral elements of the 

soil which are valuable plant foods are washed away. 

LEGAL AND ECONOMIC FEATURES 

29. Water Rights 

The Doctrine of Riparian Rights as commonly understood and interpreted 

is: ‘‘All persons owning land abutting on a natural stream have the right to 

demand that the waters of that stream shall pass their lands undefiled in 

quality and undiminished in quantity.” 

In the early history of the United States, the Common Law of England was generally 

accepted by the states and with it the doctrine of riparian rights. This doctrine is 

still in force in eastern United States. In western United States it is recognized only 

by California, Nebraska, Oregon, Texas, and Washington. In these states appropria- 

tion rights are also recognized and it is under the latter that most of the irrigating is 

done. 

The subject of water rights is fully discussed by R. P. Teele in Bulletin 913 

of the U. S. Department of Agriculture. The following is extracted from this 

bulletin: 

Appropriation Rights. There has grown up in western United States a 

system of laws and customs controlling the use of water under which a farmer 

secures a “ water right,” that assures in greater or less degree his future water 

supply. 
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The use of streams for irrigation and like purposes is subject to control by the states, 
and must be in accordance with state laws. Actual use of water is necessary to hold a 
right and when the use ceases the right is forfeited. This is known as the doctrine of 
“ beneficial use.” Among users from the same stream the “ first in time is the first in 
right.’? When there is not enough water for all, the rights are supplied, to the extent 
of the supply available, in the order of the dates on which they were acquired. Thisis 
known as the doctrine of “ priority.” Exceptions to this rule exist in a few of the 
states where, in cases of unusual shortage, the available water is apportioned among 
users either by state officers or by the courts. The date of a water right is fixed by the 
time of taking the first step to acquire it rather than by the time of putting the water 
to use. This is known as the doctrine of “ relation.” 

Acquirement of Water Rights. In each of the western states except Kansas 
and Montana the acquirement of water rights direct from streams is under 
the control of state officials and any one wishing to get sucha right must follow 
the procedure prescribed by law. 

The Procedure is much the same in all the states and consists (a) in making appli- 
cation to some state official or board on forms supplied by the state, giving full informa- 
tion as to plans for irrigation works and use of water, (b) in carrying out of the plans 
as approved by the state, (c) in submitting proof of completion of work and use of 
water, and (d) in granting of certificates of license by the state, defining the right as 
to quantity of water, use to be made of water, and time during which it may be used. 
In Kansas and Montana it is required that a person wishing to acquire a water right 
shall post at the point of diversion and record with the County Clerk a notice showing 
the intention to take water, the amount to be taken, and the use to be made of it. 
The proposed work must begin within a reasonable time and must be prosecuted dili- 
gently to completion, and the water must be put to a “ beneficial use.”’ Anyone pro- 
posing to obtain a right to divert from a stream should consult the law of the state 
in which the land to be irrigated is located. The title to water is fully as important 
as title to land and it should receive the same careful attention. 

Evidence of Title. Rights to water direct from streams are represented by 
the following evidences of title (a) filings in the county records; (8) filings in 
state engineers’ offices; (c) certificates from courts, state engineers or boards; 
and (d) permits from state engineers or boards. 

Rights to Underground Waters. Underground waters are divided into 
four classes: (@) underground streams flowing in known and defined channels; 
(b) underground streams flowing in unknown and undefined channels; (c) arte- 
sian waters; and (d) percolating waters. Although these classes are distinct 
in law, it is not always easy to tell to which class a particular supply belongs. 
Water which has long been considered in one class may later be found to be 
in another class and thus subject to a different law. 

Subterranean streams flowing in known and defined channels are subject to the same 
laws as surface streams and one may not take water from such streams by means of 
wells or other means if it interferes with the rights of prior appropriators. Ownership 
of the land on which a well is located does nor give any right if the water is, in fact, a 
part of the stream. Ifa well draws water from an underground stream of which the 
channel is unknown and undefined, the ownership of land carries with it the right to 
take water. It is clear that the channel of such a stream may become known as a 
result of investigation, in which case a stream will become subject to the law of appro- 
priation, and the prior user may stop use by later appropriators. Artesian water is 
held to belong to all the land overlying the artesian basin and each owner of such land 
is permitted to make any reasonable use of the water which will not interfere with a 
like use by all other land owners. In this respect, rights to artesian waters are similar 
to riparian rights. Percolating water, that is, water moving through the soil but not 
under pressure and not confined to a known and defined channel, belongs to the over- 
lying land and the owner of the land may withdraw all he can get for use on his land. 
It is difficult to tell in which class the water found under any tract of land falls, but 
under the law all underground water is presumed to be percolating water unless it is 
proved otherwise. 
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Distribution of Water from Streams. Water from streams is distributed 
in canals in accordance with their right by public officials usually called 
water commissioners. Each commissioner has charge of the water within 
a certain district. He has a list of the rights showing amounts, dates, 
and locations, and distributes the water accordingly. In most states com- 

missioners control diversions only when called upon by water users. When 
there is water enough for all, each takes it as he pleases.. In the more highly 
developed communities, commissioners are on duty most of the time. Inter- 

ference with the work of a water commissioner, by changing gates set by him, 

is a misdemeanor in most states. 

30. Reclamation Laws 

State and National Laws have been enacted for the purpose of encouraging 

or assisting irrigation development in the United States. Drainage statutes 

have been enacted by most of the states but there has been no national drain- 

age legislation. There is, however, need for such legislation, particularly in 

connection with the reclamation of bottom lands along interstate streams where 

drainage is incidental to flood prevention and the problem is of national as 

well as local importance. 

Federal and state policies with reference to land reclamation are discussed by R. P. 

Teele in Bulletin 1257 of the U. S. Department of Agriculture. Much of the material 

that follows has been taken from this bulletin. 

Government Legislation for aiding irrigation began with the act of 1866. 

Difficulties had arisen regarding the right to divert water and the right to 

construct ditches over publicland. This act recognizes rights acquired under 

local customs, laws, and court decisions and acknowledges and confirms rights 

of way for ditches over public lands. It stipulates that nothing in the act 

shall be “ construed as affecting or intended to affect ” state laws providing 

for the control of water used in irrigation. 

The Desert Land Act as approved in 1877 provided for the procuring of title to 

640 acres of arid land by conducting water upon it and the payment of $1.25 per acre. 

The entryman was required to spend at least $3.00 per acre in improvements and 

actually to reclaim at least one-eighth of the land. The area that may be taken by 

one person was limited by the act of 1890 to 320 acres. Under this act, a person may 

provide his own water supply or obtain a water supply from a system supplying many 

farms. In the latter case the entryman purchases a water tight from the parties who 

build the irrigation works, and submits evidence of such purchase as proof of recla- 

mation. 

The Carey Act of 1894 grants to each of the states containing arid Jands an area 

limited to 1000 000 acres on condition that the states provide for its reclamation. 

The details are left to state legislation. The plan of operation under the Carey Act 

js for the states to contract with construction companies for building the works to 

reclaim specific areas of public lands. These contracts provide that the construction 

companies may sell “ water rights” to reimburse themselves for the cost of construc- 

tion, while the states sell the land to parties who have contracted for the purchase of 

water rights. 

The United States Reclamation Act was authorized by Congress in 1902. It pro- 

vides that all revenues derived from the sale and rental of public lands shall be em- 

ployed in the construction of irrigation works for the reclamation of arid lands. Set- 

tlers acquire lands in areas that are estimated to support a family comfortably. Under 

some projects the farm areas are as small as forty acres. These are entered under the 

Homestead Act and the settler is given twenty years to complete his payments toward 

a proportionate interest in the irrigation works. Water Users’ Associations are formed 

under each project and as the settlers make their payments they become active parti- 
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cipants in the management of the irrigation works. Finally, the government with- 
draws and leaves all responsibility in the hands of the local organizations. 

The Earliest State Legislation for aiding irrigation, as was the case with 
early federal legislation, was designed to remove obstacles to development 
rather than to provide direct public aid. State aid to irrigation development, 
with a few important exceptions, has been extended through irrigation dis- 
trict laws which provide means for making lands liable for the cost of their 
own reclamation. 

Irrigation District Laws are similar in all of the arid states. These laws provide 
that a district may be organized only upon the petition of at least a majority of owners 
of land in the proposed district, who must also represent a majority of the acreage 
included; and upon a favorable vote (from a Majority to two-thirds) of these land 
owners. If these conditions are fulfilled, land can be included in a district against the 
will of its owner and obligated for its share of the cost of providing a water supply. 

California State Land Settlement represents a policy new in this country. The 
state buys land, provides irrigation and drainage works, subdivides the land, and sells 
the land on easy payments to actual settlers. The law authorizes the land settlement 
board, which administers the law, to prepare the land for cultivation, seed, plant and 
fence the land, and put up buildings or make other improvements. Settlers are 
required to pay at the time of purchase 5% of the price of the land and 40% of the cost 
of improvements. The balance is to be paid in amortized payments running not 
more than 40 years. 

Federal Legislation Relating to Swamp Lands is limited in the main to the 
swamp land acts of 1849, 1850, and 1860. Under these acts the public swamp 
lands within their borders were granted to Alabama, Arkansas, California, 
Florida, Illinois, Indiana, Iowa, Louisiana, Michigan, Minnesota, Mississippi, 
Missouri, Ohio, Oregon, and Wisconsin. The total area conveyed to the 
states up to June 30, 1922, was about 64 000 000 acres. This granting of the 
swamp lands to the states explains the absence of any other federal legislation 
relating to the reclamation of swamp lands. 

Drainage District Laws as enacted in various states are based upon similar prin- 
ciples as follows: (a) The consent of the majority of the interested land holders is 
necessary before a drainage district may be organized; (b) the drainage district may 
may not be organized unless it is clearly shown that the benefits to be derived will 
exceed the cost; (c) no drainage district may be organized unless it is shown that the 
work will be conducive to public health or general welfare. In general the state 
laws require the presentation of a petition by interested land owners, accompanied by a bond, setting forth the necessity and nature of the improvement. The drainage laws of some states provide for the appointment of county drainage commissioners and engineers. 

31. Cost and Value of Project 
The Cost of a Reclamation Project may be divided into five general divi- sions: (@) Preliminary costs, (b) the cost of construction, (c) the cost of financing, (d) the cost of colonization, and (e) the cost of preparation of land. 
Preliminary Costs includes costs of surveys and investigations, rights of way, dam- ages, legal fees, and all expenses incurred in perfecting rights and titles to water and land. In making preliminary estimates each of these items should be investigated with particular care. 

The Cost of Construction includes the cost of labor, materials, supplies, equipment, supervision, overhead and all other expense required to complete a system of canals and structures that will deliver water to each farm in such quantities and at such times: as is required. The cost of engineering is usually 5 to 10% of the construction cost. In preparing cost estimates provision should be made for unforeseen contingencies, particularly in connection with structures along streams which are liable to damage by 
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floods. Unexpected difficulties are often encountered in excavating for subaqueous 

foundations. 

The Cost of Financing. Interest on investment begins with the first expenditures 

and increases in amount as work progresses until the project is completed. As each 

tract of land is settled it carries its proportionate share of the interest charge. In 

order to reduce this expense to a minimum the construction work should be carried on 

without undue delay. If projects are financed by bonds the bond discount is a charge 
against the cost of the project. 

The Colonization of a reclaimed area is expedited through the medium of an inde- 

pendent advertising and selling organizatipn. The advantages of a newly reclaimed 

project must be advertised and opportunities for showing the land must be provided. 

Frequently free transportation from long distances is furnished by colonizing 

agencies to prospective settlers. It is important that a project shall be settled as 

prompily as possible in order to reduce interest and secure early returns on the invest- 

ment. A vigorous colonizing campaign is therefore generally advisable even though a 

larger expenditure will be required than if settlement is extended over a longer period. 

The cost of colonization may vary from $5 to $25 per acre. It is usually included in 

the purchase price of the land and is thus paid by the settler. In any event it should 

be considered as a charge against the cost of the project. 

The above comments refer more particularly to projects developed by private 

capital, but in general the same principles apply to government reclamation work. 

Under the terms of the U. S. Reclamation Act, the reclamation fund is available 

without interest and the expenses resulting from delays in construction and coloniza- 

tion, though just as real, are not so readily apparent. The government has provided 

no method of effectively advertising and colonizing its projects, and much of the avail- 

able reclaimed area has not been settled. 

The Cost of Preparation of Land for cultivation (Art. 13) includes the expense of 

clearing, grading, construction of farm ditches and drains, and all other work incidental 

bringing the raw land to a productive state. Interest on the investment during the 

non-productive period is an important item of the cost. 

Value of Project. Unless the value of a project after the land has been 

colonized and brought to a productive state is greater than the total expense 

involved in the development the project is not a sound business venture. 

Failure of a Reclamation Project may be caused by mistakes in engineering 

such as faulty designs, underestimating construction costs, or, for irrigation 

projects, over-estimating the available water supply. Failure may also result 

from poor business management, inadequate arrangements for financing, 

colonization difficulties, or the short-sighted policy of putting an exorbitant 

price on land. Another and perhaps the most common cause of failure has 

been the inexperience of the settlers and their inability to finance themselves 

through to the time when the revenue from their farm equals or exceeds 

expenditures. 

Dr. Elwood Mead is of the opinion (Trans. Am. Soc. C. E., 1927, Vol. 90, p. 733) that 

any development scheme will break down that is based on the idea that settlers can 

be secured who have sufficient capital of their own. The records of the U. S. Bureau 

of Reclamation show that 70% of the applicants for farms have less than $1500 capital 

and only about 10% have more than $2500. If the settler with $2000 capital takes a 

farm that will require an expenditure of $4000 to make it a going concern, the additional 

$2000 that is needed should be provided from some source on terms entirely different 

from those which local banks will give. Money for changing the raw land into farms 

must be advanced on long-time payments at a low rate of interest. 

In Australia preparing land for irrigation is regarded as a part of construction and 

the settlers take land that is ready for immediate cultivation. Payments are amor- 

tized. A small yearly payment keeps up interest and eventually pays off the debt. 

A few private projects in the United States and the state projects at Delhi and Dur- 

ham, California, have been developed under this plan and have been successfully 

colonized. 
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32. Operation and Maintenance 

Organization. The right to participate in the benefits of an irrigation or 
drainage system is inherent with every tract of land which it embraces. This 
implies that every land owner within a project is entitled to a voice in its man- 
agement. In some instances reclamation works are owned and operated by 

companies who contract with land owners to provide the benefits of the system 
at a fixed annual rate. More commonly the ownership of reclamation works 
ultimately passes to an organization composed of the land owners each of 
whom participates in the operation of the system proportionately to the area 
of land which he owns. This may be accomplished by forming a stock com- 
pany in which one share of stock is issued for each acre of land. Suchan 
organization has general direction of the operation of the system. 

Water Users’ Associations are formed by the water users of the projects of the 
U.S. Bureau of Reclamation as soon as it appears probable that a project is to be con- 
structed. The object of these associations is to facilitate dealings with the Depart- 
ment of the Interior and, after the construction work is completed, to participate in the 
operation of the project. The ownership, and operation of storage works remains in 
the hands of the Government while the distribution of water is left to the management 
of the Water Users’ Associations. 

The Operation of a reclamation system may be divided into three general 
divisions: (a) The operation proper, which includes the operation of pumps 
and other machinery, and for irrigation projects the delivery and distribution 
of water; (b) maintenance; and (c) clerical work. The force necessary will 
depend upon the size of the project. The organization should be such as to 
provide for effective and efficient service from the system, to keep the project 
maintained in a satisfactory operating condition, and to keep all records and 
accounts in a proper manner. General supervision will rest with the board of 
directors, or its equivalent, who determine the general policies of the system. 
Direct supervision is under a general manager, who is the responsible head. 

The Head of the Operating Department of a drainage project may be the chief 
“ngineer of the pumping plant. On irrigation projects he is the water superintendent 
and has charge of the distribution of the irrigation water.- Under the sunerintendent 
are ditch riders who apportion the water among the various users. One ditch rider 
can oversee the distribution of water for 2000 to 3000 acres, where water is controlled 
at the farmers’ headgate. If delivered to lateral headgates he serves from 5000 to 
10 000 acres. The water superintendent should be thoroughly versed in the prin- 
ciples of water measurement and the ditch riders should be sufficiently skilled to be 
able to make an equitable distribution of the water. 

Maintenance as applied to reclamation projects includes the repairs and 
labor necessary to keep the system in successful operation. Repairs to canals 
or structures damaged by floors, cleaning canals, replacement of broken parts 
of machines and similar work belong properly to maintenance, and it may also 
include minor extensions and betterments and the replacement of inexpensive 
structures. A regular maintenance force should be employed to keep the sys- 
tem in satisfactory operating condition, except in case of unusual accidents, in 
order that the expense of maintenance for different years may, as nearly as 
practicable, be uniformly distributed. 

Depreciation. There is a natural limit in the life of many of the parts of a 
reclamation system. Canals, levees, earth and rock dams and similar struc- 
tures if properly maintained, and not accidentally destroyed, should last in- 
definitely. Also it cannot be said that there is any limit to the life of many 
vropertly constructed concrete or masonry structures. Wooden and steel 
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structures, however, will eventually deteriorate to such a state that they can 
no longer be maintained in a satisfactory working condition. The deprecia- 
tion of the different parts of a reclamation system should be estimated in ad- 
vance and provisions for replacements should be made by an amortization 

fund created by equal annual contributions, which are included as a part of the 
operating expense. 

The Average Life, in years, of various parts of reclamation systems is approxi- 
mately as follows: 

Wood flumes, redwood......... digs sy te Soyets, hates 2G SR 15 to 20 
Wood Hivwmes: Seva ts atest cles tacw show-sa Sats duced 12 to 15 
WAG Sram Ck NOR Ss ase esp bys eben op pid sens: hier laeeic,2 8 to 10 
Wood-stave pipe, fir, uncoated... ...c.e5. tee eee aes 12 to 20 
Wood-stave pipe, fir, well-coated................0.85 20 to 25 
Wood-stave pipe, redwood, uncoated ...............4. 20 to 25 
Wood-stave pipe, redwood, well-coated.............. 25 to 30 
Miscellaneous small wood structures................. 10 to 20 
Steel riveted pipes, uncoated..............0.e cece eee 20 to 30 
Steel riveted pipes, well-coated................00008. 30 to 40 
Pertersarral Mate Ost og ca chekoes ale vaicste.s 9's Sisccas © ainda wide ase co dso Koko 12 to 20 
LCR CH OINES Ae oc icute wt e te aca ns bh, s to Aiea rant 15 to 25 
Botlerstt 8c... cditepoes ks ace rs ese eel yg ie yale een 12 to 20 
Wrideoiliengines: 22 ...2 oo cathe nl. Miatt es LOS 10 to 15 
Pole lines for telephones or transmission............+- 10 to 15 
EJeCUIC NOLOIS: 6.08 Gayprerda Bs try fix hn Ad mo: tgue bye & Re aE 15 to 20 
Buildings and improvements.......-....+.eeeseeeces 25 to 75 

The life of a structure depends largely upon the care that is taken to preserve it and 
the conditions of use to which it is subjected. Wood that is alternately wet and dry 

will deteriorate more rapidly than if kept continually wet. Structures above water 
may be preserved by keeping them well painted. Wood or steel buried in the ground 
or submerged or in contact with water for considerable periods will ]ast longer if well 
coated with asphaltum or tar. The following relative to the life of wood-stave pipe 
(by D. C. Henry, Reclamation Record, August, 1915) was collected from a large num- 
ber of installations: 

(a) Under favorable conditions of complete saturation, fir well coated may have the 
same life as redwood uncoated. 

(b) Either kind of pipe will have a longer life if well buried in tight soil than if ex- 
posed to the atmosphere. Such life may be very long, 30 years or over, if a steady 

pressure is maintained. 
(c) Either kind of pipe will have a longer life if exposed to the atmosphere than if 

buried in open soil, such as sand and gravel and volcanic ash, provided in a hot or dry 

climate the pipe is shaded from the sun. 

(d) Under questionable conditions, such as light pressure or partially filled pipe, fir, 

even if well coated, may have only one-third to one-half the life of redwood. 

(e) Under light pressure the use of bastard staves should be avoided. ary 

(f) The use of wooden sleeves in connection with wire wound pipe is objectionable 

and has caused endless trouble and expense. : 

(¢) If wooden sleeves are employed they should be provided, at least for sizes from 

10 in. up, with individual bands to permit taking up leaks. 

Tar Paint has been found by engineers of the U. S. Bureau of Reclamation to be 

superior to any other kind of paint for all submerged metal work. It is also used 

exclusively for wood-stave pipe and the interior surfaces of metal flumes to prevent 

both erosion and corrosion. It is considered very satisfactory for use on wooden 

structures, or in any place where a black paint with a slightly sticky surface is not 

objectionable. 

Specifications of Bureau of Reclamation for Tar Painting. All metal work, except 

as herein provided, shall be thoroughly cleaned of all loose scale and given one coat of 

water-gas tar followed by two coats of coal-gas tar. All coats shall be applied when 
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the temperature of the air and metal is not less than 60° F. The water-gas tar shall 
have a specific gravity of not less than 1.05 nor more than 1.10 at 60° F., and shall be of 
such consistency that it can be applied with brushes. The melting point of the coal- 
gas tar, as determined by the cube method, shall lie between 105° and 110° F. Both 
the water-gas tar and the coal-gas tar shall be freed from moisture, and all fat shall 
extracted from the water-gas tar. If the water-gas tar is too thick to spread, the con- 
tractor may use suitable light oil, satisfactory to the engineer, for thinning. The 
water-gas tar may be applied without heating, but the first coat of coal-gas tar, which 
may be applied a few hours after the application of the water-gas tar, shall be applied 
hot and brushed out as thin as possible so that the coating will not run or peel after it 
is dry. The second coat of coal-gas tar shall not be applied until after the first coat 
has set. This tar paint shall be well worked into all joints and open spaces. - Pin- 
holes, screw threads, and all machine-finished surfaces shall not be painted, but shall 
be coated with white lead and tallow as soon as they are finished. (Reclamation 
Record, Jan., 1921.) 

Annual Cost of Operation includes all expenditures required to secure the 
benefits from the reclamation works and maintain them in working condition. 
There is a wide variation in costs for different projects. The following repre- 

sent the annual range of costs on a large number of projects: 

Cost per acre of distributing water.......... $0.40 to $1.00 
Cost per acre of maintenance ............. 4 -.50to 1.20 
Cost per mile of canal maintenance ......... 50.00 to 125.00 
Cost per acre of general expense............ .40 to .80 
Cost of pumping water. (See Art. 18.) 

Cost of depreciation; each part of system must 
be considered separately. 

Total cost per acre of operation............. 2.00 to 4.00 

Gther costs are taxes, insurance, interest on investment and sinking fund, 
any or all of which may be included as a part of the annual expense. 

33. Engineering Reports 

Purpose. A report on a land reclamation project should set forth, in clear 
and concise form, the essential characteristics of the enterprise. All data on 
which conclusions are based should be given, in order that the report will 
withstand a critical inspection by other engineers, but the controlling features, 
on which the feasibility of the project depends, should be intelligible to any 
good business man. Voluminous details, such as runoff, temperature, and 
precipitation records may be included in an appendix. Reports are always 
required in connection with the financing of reclamation projects, and their 
value in this regard may depend, in a large measure, on the standing and Tepu- 
tation of the engineer who makes them. In order to bring a project properly 
before investors, the promoters of the enterprise should have the report of a 
reputable engineer. Financial concerns, before investing, ordinarily require 
an independent report from their own engineer. Frequently several reports 
are made before a project is financed. Reports may be made at intervals 
during construction to determine whether work is progressing satisfactorily 
and in case of failure the creditors may require a report to determine the status 
of their securities. 

An investigation must precede the preparation of a report. This includes a 
field examination and a search for all data bearing on the development or suc- 
cess of the project. Ordinarily all surveys and other data of the field engi- 
neers will be available and these should be scrutinized with sufficient care to 
justify conclusions as to their reliability. Information relative to land values, 
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crops, market conditions and similar matters may frequently be obtained 
from interviews with reliable persons, but data obtained from such sources 

should be accepted with caution. Government reports should be used if pos- 

sible for securing temperature, precipitation, and stream flow data. Informa- 

tion obtained from investigating other projects in the locality is always valu- 

able. Frequently additional surveys, test pits or other work will be required, 

but these should not be of extensive character. If data sufficient for an intelli- 

gent report are not available, this fact may be stated in the report, or the 

investigation may be postponed until full and complete data are secured. 

The field investigation ordinarily should not require more than one or at the 

most two weeks. 

The Contents of a Report should be such as will set forth clearly the feasi- 

bility of the project from both engineering and business standpoints. In gen- 

eral, the main points to be shown are: (a) the efficiency of the reclamation 

system, (5) the cost of reclamation, and (c) the value of the project after recla- 

mation or the net profit to result from the development of the project. The 

material should be presented in logical order and each subject should be dis- 

cussed under an appropriate heading. The following are headings, with out- 

lines of subject matter to be treated under each. They will have to be modi- 

fied to suit the particular conditions of different projects: 

(1) Introduction. There should be a few introductory statements leading up to the 

main body of the report. These may include the authority for making the report, the 

data on which the report is based, the engineer’s opinion of the reliability of such data, 

the period covered by the investigation, and other general information of a similar 

nature. 

(2) Location. It is important that the general location of the project should be 

described. Principal boundaries, railway and water transportation facilities, and dis- 

tances to the more important markets should be given. A small scale general map 

showing this and other information will be valuable. 

(3) General Description. A general description of the project should be given 

before entering into details... This may include important topographical features, the 

area of the project and a comprehensive outline of the scheme of reclamation. A map 

of the project showing the general plan of reclamation should be included with the re- 

port and referred to in the discussion. 

(4) Climate. Since the growth and time of marketing crops depends in a large 

measure on climate, this subject may be discussed in considerable detail. ‘Tables may 

be prepared from government records showing maximum, minimum, and mean tem~ 

peratures and amounts of precipitation for the different months of the year. Dates 

of last killing frosts in the spring and first killing frosts in fall should be given. 

(5) Soil. The soil formation of the project from the standpoints of texture, fertility, 

adaptability to particular crops, and drainage conditions should be discussed. If the 

soil formation varies greatly a soil map may be included. Government and state pub- 

lications give valuable data relative to soils for many localities. 

(6) Crops. Information as to the kinds, yields, and values of crops to which the 

lands of the project*are particularly adapted should be included in the report. The 

costs of growing, the times of marketing, and the net returns to be expected from pro- 

ducing different crops may also be given. Information of this kind may frequently 

be shown to advantage in tables. 

(7) Markets. The market for crops is usually an important consideration, and this 

should be discussed. Transportation facilities and freight rates should be given con- 

sideration in this connection. 

(8) Water Supply. The success of an irrigation project depends ina large measure 

upon the adequacy of its water supply and this subject should be treated with consid
er- 

able detail. The two things to be determined are the water supply available and thy 

water supply required, and the analysis of the problem should show the data used anq 
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the steps taken in arriving at conclusions in regard to these matters. The discussion 
may be incorporated under the following headings: 

(8a) Périod of Irrigation showing the time when different. crops will ordinarily be 
irrigated and the number of irrigations for different crops, with conclusions as to the 
approximate distribution in the use of water. 

(8b) Water Requirements for crops or duty of water based upon a study of the 
needs for irrigation of the crops likely to be grown on the project. 

(8c) Water Supply Necessary for the project determined from considerations of 
plant requirements, actual area to be irrigated, and seepage and evaporation losses in 
canals and reservoirs. 

(8d) Water Supply Available, determined from a study of stream flow and other 
hydrological data, with proper deductions for prior rights to water. This phase of the 
problem will require careful investigation and all conclusions should be supported by 
as many records as practicable. If such records are too voluminous to be incorporated 
in the body of the report they should be put in the appendix. 

(9) Runoff. The runoff from an area to be reclaimed by drainage should be dis- 
cussed in detail and all precipitation records and other data necessary to support con- 
clusions should be given. If pumps are to be used at the outlet the reasons for selecting 
a pumping plant of a certain capacity should be fully explained. 

(10) Cost of Project. An estimate of the cost of developing a project, up to the point when it will become a going concern, should be included in the report and the main elements entering into the cost should be discussed. Estimates of this class should be made on a liberal basis so that ample allowance will be made for all contingencies. 
(11) Annual Cost. An estimate of the annual cost of operating the project should be submitted. This, like the estimate of cost, should be on a liberal basis: 
(12) Value of Land. The various conditions affecting the value of lands after reclamation should be discussed and an estimate of values should be submitted. It is important to distinguish between the value of raw lands after reclamation and the value of cultivated lands. 

(13) Net Returns. An estimate of net returns on the investment may be submitted. This will be obtained by deducting the total expense of reclamation from the estimated value of land. 

(14) General Conclusions. A few short, clear-cut Paragraphs summarizing the main points brought out in the investigation should be given at the beginning or at the end of the report. The conclusions should contain definite statements of opinion Tegard- ing the value of crops, the adequacy of water supply for irrigation projects, the esti- mated cost of reclamation, the cost of operation, the value of land, estimated returns from the investment, and other important features. In some instances the report may be concluded with the engineer’s recommendations. 
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SEWERAGE SYSTEMS 

1. Definitions and Purposes 

Sewage is 2 combination of the liquid wastes conducted away from resi- 
dences, business buildings and institutions, together with those from indus- 
trial establishments, and with such ground- and storm-water as may be pres- 
ent. Domestic Sewage is that from residences, business buildings or institu- 
tions. Industrial Wastes are the liquid wastes resulting from the processes 
employed in industrial establishments. Storm-Water is that portion of the 
precipitation which runs off over the surface during and for a short time fol- 
lowing2 storm. Ground-water is that which is standing in or passing through 
the ground. 

A Sewer is a conduit for carrying off sewage; a Drain, one for storm or 
ground water. A Combined Sewer is one intended to receive domestic sewage, 
industrial wastes and storm-water. A Separate Sewer is one from which 
storm-water is intended to be excluded. Underdrains are sometimes provided 
beneath separate or combined sewers, for the purpose of removing ground- 
water and reducing the amount of infiltration into the sewers. 
A Building Connection is a pipe leading from the plumbing system of a build- 

ing toa sewer. A Lateral Sewer is one receiving sewage from building con- 
nections only; a Submain or Branch Sewer, one receiving the discharge of 
two or more laterals; a Main or Trunk Sewer, one receiving the discharge of 
two or more submains. 

An Outfall Sewer is one extending from a collecting system of conduits to a 
point of discharge or treatment. An Intercepting Sewer is a sewer provided 
to intercept the sewage from a number of outfall sewers, or the dry-weather 
flow of sewage from one or more combined sewers, and convey it to a suitable 
point for treatment or disposal. A Force Main is a conduit in which sewage is 
forced under pressure from a pump. An Inverted Siphon is a section of a 
conduit which is depressed below the hydraulic grade line, and which is always 
full and under pressure. Although the term is generally used, it is a misno- 
mer, since siphonic action does not occur in an inverted siphon. 

A Sewerage System is made up of a system of sewers with all necessary ap- 
purtenances, connected and in working order. If composed of separate 
sewers it is a Separate System; otherwise it is a Combined System. The 
separate system may have some advantage when it is necessary to treat the 
sewage before disposal. It is also likely to be desirable for small communities 
in which storm-water can be adequately cared for by street gutters and natural 
water courses, and storm-water drains are not required, or, at most, are needed 
for only part of the area served. Separate systems are subject to misuse from 
the connection of storm-water inlets and roof-water drains to separate sewers, resulting in their surcharge and the flooding of basements. This sometimes happens as the result of carelessness when storm-water drains are available. This is less likely to occur if it is made standard practice to use two sizes of pipe for connections, as for instance 5-in. for building connections to the sewer, and 6-in. to the drain. A similar result may be obtained by requiring all pipes of one system—for instance, the building connections for sewage—to have the socket painted with some conspicuous color, and insisting that only Pipes so marked may be connected to the separate sewers. 
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2. Quantity of Sewage and Storm-Water Runoff 

The quantity of domestic sewage and industrial wastes is generally related 
rather definitely to the population, and will increase substantially in direct 
ratio to the increase in population. It is necessary therefore to make a care- 

ful study of statistics of population and a forecast of the future population as 
a basis of estimating the total quantity of sewage. In the majority of cases 
the total daily volume of domestic sewage and industrial wastes approximates 
the daily consumption of water from the public supply. Some water used for 
sprinkling lawns, making steam, and other purposes is not discharged into 

the sewers after use; but ground-water and water from private wells and 
secondary supplies is likely to reach the sewers in sufficient quantity to make 
up for it. In some places the amount of water obtained from other sources 
than the public supply may be so great that the quantity of sewage may largely 
exceed the recorded water consumption. 

The maximum rate of sewage flow is generally from two to three times the 
annual average rate of water consumption. In the smaller communities the 
per capita water consumption is generally less and the range between average 
and maximum rate is greater than in the larger cities. With water consump- 
tions from 60 to 125 gal. per capita daily, the Maximum Rate of Domestic 
Sewage Flow may be expected to be from 200 to 250 gal. per capita daily. 

The Quantity of Industrial Wastes and the rate of discharge may vary so 
widely in different communities and with different classes of industries that 
no general statement can be made. Data must be obtained locally for the 
conditions to be met. Frequently the total quantity of sewage other than 
ground- and storm-water from a community is not materially affected by the 
industrial wastes, and the maximum rate of flow may be estimated as a defi- 
nite number of gallons per capita daily. 

The Amount of Ground-Water entering the sewers varies widely, depend- 
ing upon the extent of the sewers below ordinary ground-water elevation, and 
the type and excellence of construction; it also fluctuates with the season of the 
year and the conditions regarding precipitation. In general it is not practi- 

cable to keep. out all ground-water, and allowance must be made for sucha 

maximum rate of ground-water infiltration as is likely to occur under the 
circumstances. Data relating to actual infiltration are fragmentary, but 

indicate that maximum rates of 50 000 gal. per day per mile of sewer are not 

uncommon in systems supposed to be well built and maintained. In design it 

is best to allow for some quantity, such, for example, as 1000 or 2000 gal. per 

day per acre served by the sewer. d 

The Maximum Rate of Sewage Flow to be used as the basis of design of 

separate sewers is obtained by adding the rates for domestic sewage, industrial 

wastes, and ground-water. Assuming an area of 1000 acres, a density of popu- 

lation of 40 persons per acre, a rate of 200 gal. per day per person for domestic 

sewage, and 2000 gal. per day per acre for ground-water, the maximum rate of 

sewage flow would be 10 000 000 gal. per day, exclusive of industrial wastes. 

The conditions as to density of population to be expected will depend upon 

local conditions, zoning control and the like, and must be analyzed for each 

community. The probable average density of population is greater in small 

districts than in large ones, and therefore lateral sewers and submains should 

generally be designed for greater capacity in proportion to the areas served 

than the trunk sewers and intercepters. The design of separate sewers in @ 
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portion of Louisville, Ky., was based upon future densities of population 
as follows: 

Extent.of district, acres: 1s ¢ easier cceses 10 100 500 1000 5000 10000 
Density of population, persons per acre. 100 63 46 40 29 25 

Storm-Water. The rate of storm-water runoff is best estimated by the 
rational method, expressed by the formula Q = CiA where Q is the rate of 
runoff in cubic feet per second; A is the drainage area in acres; i is the average 
intensity of precipitation in cubic feet per second per acre (practically, the 
rate in inches per hour); and C is the “ coefficient of runoff.” The rate of 

precipitation i should be that which may occur in the period of time, 
called “ time of concentration,” required for water to flow from the most dis- 
tant point of the drainage area over the surface to the nearest inlet (“inlet 
time’’) and thence through the drains to the point for which the rate of dis- 
charge is required (‘‘ time of flow”’). The inlet time can be estimated only on 

the basis of experience and local conditions; it will seldom be less than 3 or 
more than 20 minutes. The time of flow can be computed with sufficient 
accuracy by dividing the lengths of the several sections of drain by the esti- 
mated velocities of flow. It is seldom advisable to construct drains large 
enough for the maximum storm-water flows which may occur and it is assumed 
that the drains may be surcharged occasionally, say at average intervals of 
five, ten or fifteen years. 

For the satisfactory determination of the rate of rainfall to be expected in 
any period of time and for a certain time of recurrence it is necessary to have 

at least 20 years’ records of a recording rain-gage. Analysis of such records 
will show for any given duration of rainfall the rate of precipitation which has 
been equaled or exceeded, 1, 2, 3, and 4 times in the period covered by the 
record. If this is 20 years, the rates correspond approximately to those which 
have occurred at average intervals of 20, 10, 6-2/3 and 5 years. A smooth 
curve drawn to represent the points for various durations and a single 

Meyer’s formulas for value of 7 are as follows: (¢ = time in minutes): 

Average | Average | Average 
District Frequency, Frequency, Frequency, 

25 years | 10 years | 5 years 
a 

1iGulf iGoastisert a1: .ctocter Ute deems x 355 276 220 

t+ 40 t + 32 t +27 

2. Atlantic Coast from Narragansett Bay to 
Savannah; most of Georgia, Alabama, 252 214 171 
Mississippi, Arkansas, Missouri, Kansas, t +28 

Oklahoma, and central Texas............ 5 pan le 

3. Central New England and New York; region 18 

between District 2 and Great Lakes, as far _ 181" ate dita 122 
west as 100th meridian................. t+ 21 t +195) t +18 
a fab Spree Pace ered Mee, etre, 

4, Northern New England and New York..... 160 132 108 

5. Eastern Montana and Wyoming, Western 

Dakotas and Nebraska, Northeastern — = 
Coloradossht 4% cubis soeren ; t+14 t +13 t i 13 
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frequency of recurrence may be taken as the curve of time-intensity relation 
for that frequency. If precipitation records are not available, recourse must 
be had to those of some neighboring locality, or general formulas like those of 

Meyer must be used. 
The determination of the coefficient of runoff requires the application of 

judgment to a greater degree than any other element which enters into the 
estimation of storm-water runoff. No exact rules for computing it can be 
formulated. If an area were entirely impervious, and rain fell at a uniform 
rate, there would be a time when water was running off as fast as it fell, except 
for slight evaporation, and the coefficient would be 1.00; but comparatively 
few surfaces are absolutely impervious, and considerable water is’ required to 

wet surfaces, fill depressions, build up sufficient depth to provide for flow, and 
the like, so that the coefficient seldom reaches unity for so-called impervious 
surfaces. Pervious surfaces vary in character so widely that their coefficients 
may be almost zero, or nearly as high as for impervious surfaces. In esti- 
mating the rate of runoff for design of storm-water drains, it is necessary to 

allow for conditions as they are likely to exist some time in the future, and fix 

the runoff coefficients for such conditions, including the effects of varying 

proportions of impervious and pervious surfaces, the variation of precipitation 

from an uniform rate, the difference due to varying times of concentration, 

and all other influences which can affect the rate. 

Values for runoff coefficients. have been commonly assumed similar to the 

following: 

Duration of heavy rainfall, minutes 

Kind of surface 
10 20 30 45 60 90 120 

|Impervious.........- 0.60 | 0.80 | 0.85 | 0.90 | 0.95 | 0.95 | 0.95 

|Pervious.¢.-.... pa -- 0.20 | 0.35 | 0.40 | 0.45 | 0.50 | 0.55 | 0.60 

| 

Values for pervious surfaces might vary considerably, depending upon kind 

of soil and character of cover. The coefficient for any given area would be 
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Fig. 1. Runoff Curve for Rainfall of 15-year Frequency at Louisville, Ky., corre- 

sponding to Various Proportions of Impervious Surface 
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obtained by combining the coefficients for impervious and pervious areas in 
accordance with the ratios of such areas, and further modified for the effect of 
any other factors requiring consideration. 

In the application of the rational method to the estimation of storm-water 
runoff, it is convenient to construct curves similar to those in the following 
figure. The rainfall curve for 15-year frequency was adopted, and the run- 
off coefficients for pervious and impervious surfaces given in the table above 
were taken as basic coefficients, but were modified for the effect of time of 
flow—that is, allowance was made for the fact that at the end of any time of 
concentration the flow would be made up of water which fell at the beginning 
of the period upon the most distant parts of the area and has since been flowing 
to the outlet, and of water which fell in the last few minutes of the period on 
the portion near the outlet, so that various zones would be contributing water 
to the outlet at differing rates. 

3. Sizes and Slopes of Sewers and Drains 

Having estimated the maximum rate of sewage or storm-water flow, the 
sizes of sewers should be fixed to provide capacity for that flow. The practice 
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Fig. 2. Discharge of Circular Sewers for nm = 0.015 and Steep Slopes 
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of providing sewers large enough to carry the maximum estimated flow when 
half full, especially in the case of separate sewers, was formerly widespread. 
This provides a 100% margin as a “factor of ignorance.’”” While there are 
many elements of uncertainty in the estimation of capacity to be provided, it 
is now recognized as good practice to make all allowances in the estimate of 
quantity of sewage, and provide sewers large enough to carry these quantities 

when flowing full but not under pressure. In the case of separate sewers 
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Fig. 3. Discharge of Circular Sewers for m = 0.015 and Flat Slopes 

it may sometimes be advisable to make an allowance beyond the quantity 

of sewage and ground-water ‘estimated as described above, for roof water 

which may be admitted by mistake or surreptitiously. In the case of com- 

bined sewers, the maximum rate of storm-water flow is usually taken as the 

basis of design, since the quantities of domestic sewage and industrial waste 

are so small in comparison that the size of sewer required is unlikely to be 

affected by their omission, except that in cases of unusual amounts of in- 

dustrial wastes, the maximum flow should be taken as the sum of the maxi- 

mum storm-water and the maximum industrial wastes. 
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Before determining the sizes of sewers, it is necessary to fix tentatively the 
slopes to which they shall be laid. In general, the topography will limit the 
possible slopes of the sewers. The depth at which sewers are to be Jaid is also 
an important consideration; they must be far enough below the surface to 

serve the lowest basements, unless the latter are so very deep as to make this 
impracticable, in which case the use of ejectors in deep basements may be 
necessary. 

Having determined the capacity to be provided, and the slope, the size of 

_ 

S33eSs 

c—] 

Discharge tn Cubte Feet per Second; Sewer Full 

|d = Diameter of Sewer 
“§_Nu= Velocity of Flow 

Z in Feet per Second 

Fig. 4. Discharge of Circular Sewers for n = 0.013 

conduit required may be computed by any of the accepted formulas for flow in 
pipes, as the Hazen and Williams formula (q.0.). 

It must not be forgotten that in hydraulic computations, the slope is the 
hydraulic gradient, which may not be the same as that of the invert of the 
sewer. This condition is particularly noticeable in the case of inverted siphons 
and submerged outlets. 

The Kutter formula (g.v.) is most commonly used in estimating the flow in 
sewers and in fixing the size required for a given capacity. Since analysis of 
flow conditions when the sewers are partly filled is generally necessary, a for- 
mula for flow in open channels must be employed; and the applicability of the 
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Kutter formula to fuli-sewer conditions is sufficiently accurate for practical 
use. Recommended values of z in this formula are, for pipe sewers 24 in. and 
less in diameter, 0.015, 
and for monolithic con- 
_crete of best workman- 

ship 27 in. or larger in 
size or reinforced-con- 

crete pipe of the same 
sizes, so jointed as to 
provide equally smooth 

interior surfaces, 9.013. 
Under test conditions 
with conduits clean and 
free from deposits and 
with no disturbances in 
flow due to the entrance ae 

i=) 

of branch streams, en- 9 

& 

Depth of Flow to Diameter of Section 

0.0 
largements, curvature 0.00.1 0.2 0.3 0.4 0.5 0.6 0.7 0.8.0.9 1.0 1.1 1.2 1,8 
* d the Ey a i! Ratio of the Hydraulic Elements of the Filled Segment 
cients would be lower, to those of the Entire Section. 
but the values recom- Fig. 5 
mended are applicable 

to actual conditions likely to exist in sewers reasonably well cared for. 

In fixing the size of sewer required, the Kutter formula is most readily used 

by means of diagrams like those here given, from which the size of sewer and 

the velocity corresponding to a given discharge and slope can be read. 
For conditions other 

than full sewers, and for 

pt Fi other shapes than circu- 
lar, as well as for other 
values of. m, the Kutter 
formula may be solved 
arithmetically by the 
aid of the tables in Sect. 
9, Art. 15, interpolating 
for the proper values of 
Rand n, or by the use 
of diagrams such as 
those in Metcalf & 
Eddy’s American Sewer- 

WAR: 
HAE Ar = os ee age Practice. Vol. I; 

as +4 ral 

MA | Lert ff] Creager & Justin’s Hy- 
ett Hh petite 4 = ra HI : 

& %0 01 02 03 04 05 06 07 08 0910 1112 doe sectae anAbeee: 
Ratio of the Hydraulic Elements of the Filled Segment OF OUNCIM wee 15k 

to those of the Entire Section. Dept. of Agriculture. 
Fig. 6 Hydraulic conditions for 

various depths of flow 

are compared most conveniently by means of diagrams showing the relations 

of the hydraulic elements, similar to those in Figs. 5,6 and 7. The prepa- 

ration of such a diagram is somewhat laborious but, once made, it can be 

used with sufficient accuracy for other sections of the same shape through 

a considerable range of sizes and slopes, although not for other values of n. 

This formula is only approximately applicable to part-full conditions, but no 

better method is available. 
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The Minimum Size of lateral sewers is generally at least 6 in.; many en- 
gineers consider 8 in.as the minimum. It is essential that the pipes shall be 
large enough not to be readily clogged by scrubbing brushes, mops and similar 
articles which sometimes enter the sewers through building connections. 

The Minimum Velocity of flow which will prevent the formation of deposits 
in sewers is about 2.5 ft. per sec. in combined and 2.0 ft. per sec. in separate 

sewers. Higher veloci- 
ties are desirable if the 
sewers are to be kept 
clean without frequent 
flushing. It is impor- 
tant to study the con- 
ditions which will exist 
at times of minimum 

flow; should it be found 

that the velocity at such 
times would be as low 
as 1.5 ft. per sec., it may 
be advisable to change 
the slope, dimensions, or 
form of section ‘so as to 
ensure a more adequate 
velocity. 

Flushing may be re- 

0 
& 0 ¢ .¢ 08 09 10 14 12 

Ratio of the Hydraulic Elements of the Filled Segment 
to those of the Entire Section. sorted to in - extreme 

‘ cases, where it is impos- 
Fig. 7 sible to provide suffi- 

cient slope to obtain self-cleaning velocities. This is frequently done by means 
of Automatic Flush Tanks located at the upper end of the laterals, and so 
arranged as to discharge a considerable quantity of water at least once a day. 

Sewage Relift Stations or Ejectors are sometimes required to lift the 
sewage to a higher elevation, when the continuance of the sewers at reasonable 
slopes would involve excessive depth of trench, or to raise the sewage from 
areas too low to drain into available sewers. Such a station usually consists 
of a storage well or tank large enough to retain the sewage flow for a period of 
one or two hours, and a vault or steel tank containing one or better two verti- 
cal centrifugal pumps driven by electric motor and operated by float con- 
trolled switch. Such stations are so nearly automatic that they require at- 
tention not oftener than once a day. 

4. Materials and Shapes of Sewers 

Vitrified Clay or Cement Concrete Pipes are almost universally employed 
for sewers up to about 24 in. diameter. They are usually in lengths of 2-1/2 or 
3 ft. and provided with sockets for jointing. The American Society for Test- 
ing Materials has adopted specifications for sewer pipes which are followed 
by the manufacturers of both clay and concrete pipe. Standard sizes are 4, 
5, 6, 8, 10, 12, 15, 18, 21, 24, 27, 30, 33 and 36 in. Joints in such pipes are 
made by forcing a jute gasket into the socket, followed by either cement mor- 
tar, molten sulphur and sand, or a bituminous compound. Cast-Iron Pipes 
with lead or composition joints as in water works practice, are sometimes used 
for sewers when ground-water conditions are unusually bad and it is espe- 
cially important to limit the infiltration of ground water. 
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Reinforced-Concrete Pipes are used to a considerable- extent, in sizes 

from 24 in. to 72 in. or larger. 

The Load to be carried by pipes depends not only on the depth of trench and 

the character of the refill, but also upon the width of the trench. If the width 

is kept as small as possible, a substantial part of the weight of the backfill may 

be carried by the sides of the trench. 

The Maximum Loads on pipes imposed by backfill of saturated clay weigh- 

ing 130 lb. per cu. ft., according to Marston and Anderson, may be as great as 

the figures given below (lb. per lin. 

Je 

When the pipe is laid substantially 

at the original ground level and an 

embankment is built over it, the 

loads to be carried would be very 

much greater than the above figures. 

In the case of a conduit 4 ft. wide 

outside and with a height of fill of 16 

ft. over the top, and with saturated 

load on the conduit might approxima’ 

Width of Depth of fill above pipe 

trench 
at top of 

pipe 8 ft. | 12 ft. | 16 ft. | 20 ft. 

Date 1380 | 1730 | 1940 | 2090 
4 ft. 3360 | 4560 | 5510 | 6280 

earth weighing 130 Ib. per cu. ft., the 

te 15 000 lb. per lin. ft., or nearly three 

times as great as that resulting from the backfill in a trench of the same width 

and depth. 

The Strength of sewer pipe to withstand loads is dependent upon several 

factors in addition to the specific strength of the pipe itself—especially upon 

the manner in which the trench bottom is shaped to receive the pipe and the 

backfill is replaced at the sides and over the haunches. The provision of a 

concrete cradle to sustain the pipe enables it to develop much greater strength 

than if supported in any other way. 

The specifications of the American Society for Testing Materials require 

that sewer pipes of either vitrified clay or concrete shall have a strength in 

sand-bearing tests at least as great as 

per lin. ft. of pipe): 

Sires mn! 08 esd 8 
1430 

12 
1710 

The specifications 

2200 

of the American Concrete Institute for reinforced-concrete 

shown in the following tabulation (1b. 

30 
3690 

36 
4400 

42 
5030 

24 
3070 

18 

sewer pipe require the following minimum dimensions and strengths; 

Thickness Area of steel 

Pipe, in longitudinal 

ie of shell, | section 1 ft. 
SS long, sq. in. 

24 2-1/2 0.15 

36 3 0.36 

48 3-3/4 0.46 

60 4-1/2 0.54 

72 5 0.62 

Investigations by Prof. Anson 

Area of steel 
in longitudinal 
section 1 ft. 
long, sq. in. 

sand-bearing 
tests, 

lb. per lin. ft. 

Thickness 
of shell, 

in. 
——— 

3 0.065 4500 
4 0.125 6300 

5 0.210 7650 

6 0.290 8700 

7 0.360 9300 

Marston have shown that pipe as laid in the 

ground, with the bottom shaped to fit the pipe for 60 to 90 deg., and with back- 

fill loosely placed, may be expected to develop a strength about equal to that 

shown by sand-bearing tests: if the bottom is well bedded for at least 90 deg. 

and the backfill thoroughly tamped as high as the top of the pipe, about 20% 
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greater strength may be developed; and if the pipe is supported in a concrete 
cradle extending at least as high as 1/4 the diameter of the pipe, the resulting 
strength will be from 50 to 100% greater than that shown by sand-bearing 
tests. The depths of earth weighing 130 Ib. per cu. ft. which can be carried by 
pipes having the strength stipulated in the American Society for Testing 
Materials and American Concrete Institute specifications, without any factor 
of safety or allowance for superficial loads, are very roughly as follows: 

Vitrified or concrete Reinforced concrete 
pipe pipe 

Without With Without With 
cradle cradle cradle cradle 

8-12 ft. | 20-25 ft. | 10-40 ft. 120 ft. or more 
4-6 ft. 6-9 ft. | 9-10ft. | 10-12 ft. 

* Assumed to be as narrow as practicable for any size of sewer. 

In narrow * trench............. 
In embankment, filled over pipe. 

The larger sizes of sewers may be built of brick, or of concrete with or 
without reinforcement. Reinforced concrete is generally employed. Many 
forms of section have been used; the circular, egg-shaped, and horseshoe or 
semi-elliptical are in most frequent use. The section must be designed of 
proper thickness and with sufficient steel to have suitable strength for the 
load to. which it may be subjected. Where velocities are unusually high and 
erosion may be severe, or where the sewage is acid or otherwise corrosive, it 
may be necessary to line a concrete sewer partly or wholly with vitrified brick 
or liner plates. 

5. Manholes, Catchbasins and Inlets; Building Connections 

A Manhole is a shaft extending from the surface of the ground to the sewer, 
and large enough to provide access for inspection, cleaning, or repairs of the 
sewer. -Manholes may be built of brick or concrete. It has been common 
practice to provide them on pipe sewers at each junction or change of direc- 
tion or slope, so that the sewer may be straight between manholes; and not so 
far apart that jointed rods for cleaning cannot be effectually utilized: in gen- 
eral they have been placed at intervals of 300 to 400 ft. The wear of pavements 
adjacent to manholes and of the manhole frames and covers and the annoy- 
ance caused by them are so serious that care should be exercised to avoid 
unnecessary manholes. They should be large enough at the top so that a 
man can readily enter—not less than 20 in. in diameter; and at the bottom for 
handling rods, pails, and the like—about 4 ft. across. A channel or channels 
should be shaped in the bottom of the manhole to continue the sewer across 
it, and to provide for any change of direction or branch. The platform or 
bench upon which men may stand should be higher than the center of the 
sewer, preferably at the elevation of the crown, to minimize disturbance of flow 
conditions in the manhole when the sewer is full. Manhole Frames and Covers 
must be heavy enough to stand a great deal of wear and not to be displaced by 
traffic; the cover must be ribbed or covered with bosses to reduce slipperiness. 
In the past it has been common to perforate manhole covers to provide for 
ventilation of the sewers; this is generally unnecessary, and the holes have 
‘admitted much dirt and occasionally considerable storm-water; they are now 
frequently omitted, except one or two for the insertion of the point of a pick in 
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raising the cover. Manhole Steps built into the masonry may be of cast or 

wrought iron; if the latter they should be heavily galvanized or well coated 

with asphalt or other coating to protect them against rust. Inlets are open- 

ings in the curb or in the street surface for admitting storm-water. They may 

include direct connections to the sewer or drain, or they may be built upon or 

connected with Catchbasins, which are brick or concrete vaults of considerable 

size, having sumps below the level of the outlet pipe for the purpose of retain- 

ing street detritus and trash and preventing their being washed into the 

sewers. If they are to serve this purpose efficiently the accumulated material 

must be removed regularly. Building Connections are usually of 5-in. or 

6-in. pipe, and should enter a pipe sewer through a Y-branch set when the 

sewer was laid, or a masonry sewer through a slant built into the side. ‘ihe 

direction of flow should be such as to cause the least possible disturbance to 

flow in the sewer. 

6. Maintenance of Sewerage Systems 

Sewers should be inspected regularly in order to have definite knowledge of 

their condition and to remove causes of obstruction before they result in stop- 

page. Many sewers require periodic cleaning for the removel of sediment, 

grease, rags, sticks, tree roots, and the like, all of which have effect in reducing 

the capacity of a sewer if no more serious consequences result. Tree roots 

may enter through defective joints; they have been known to form mats 20 ft. 

or more in length and practically filling 6-in. and 8-in. pipes. Grease is most 

likely to be troublesome in the neighborhood of hotels, restaurants and the 

like. It may be retained in large measure by adequate grease traps: ordinary 

commercial grease traps are likely to be much too small. Sediment may be of 

organic matter settling out of the sewage, or of mineral matter resulting largely 

from street wash entering the sewer through inlets, catchbasins, and per- 

forated manhole covers. Rags, sticks, and other articles, sometimes of con- 

siderable size, occasionally enter the sewer, sometimes through building con- 

nections, sometimes thrown into manholes. Locked manhole covers afford 

some protection against this abuse. Cleaning of sewers is frequently ac- 

complished by flushing, generally by a stream of water from a fire hose intro- 

duced at a manhole. If this is not sufficient, a rope may be put through a sec- 

tion between manholes, and a piece of heavy chain attached to it and drawn 

back and forth for the the purpose of scraping off the sediment; or a stiff 

brush or steel scraper may be necessary, particularly if accumulations of 

grease are to be removed. It is frequently necessary to use rods, which are 

made in sections short enough to be handled in a manhole, with joints for 

ready connection and yet providing some degree of flexibility. 

Catchbasins must be cleaned frequently or they will either become stopped 

or the water and dirt will go through them into the drain. This should be done 

after each considerable rain, and in any event often enough to leave sufficient 

capacity for the detritus which may be brought in by a heavy storm. The 

usual method is for a man to enter the basin and shovel the dirt into pails 

which are hoisted to the surface; sometimes a specially designed grab bucket 

handled by a derrick mounted on a truck is utilized. Mechanical appliances 

such as regulators, backwater or tide gates, and the like, require very frequent 

inspection and cleaning in order to keep them in operation. Manhole frames 

and covers must be occasionally renewed or reset, from being broken, worn 

smooth, worn so that covers rattle, or sometimes because the roadway is worn 

down and the casting projects so much as to constitute a menace. 

Explosions in sewers due to illuminating gas or gasoline have sometimes 
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occurred. The probability of trouble from gasoline can be greatly reduced by 
requiring all garages and places using gasoline to install suitable traps. Even 
if gasoline or illuminating gas is present, there will be little danger of explosion 
if lanterns are not used and men are not allowed to carry matches into sewers. 
The use of electric torches where wired lights are not available will be an ade- 
quate safeguard in most cases. 

DISPOSAL OF SEWAGE 

7. Sewage Characteristics 

Physical, Chemical and Biological Characteristics. Sewage consists of 
about 1 part of solid matter to 999 parts of water. Of the solid matter, about 
a third is in suspension and the remainder in solution. About half the solid 
matter is organic and half inorganic. Sewage contains large numbers of bac- 
teria, some of which may cause disease. The harmful bacteria and the putres- 
cible organic matter are the constituents which are responsible mainly for the 
sewage problem. 

Constituents. The constituents of sewage vary with the character of water 
supply, habits of the population and kind of industrial wastes, and the con- 
centration is affected by the per capita use of water and by ground-water leak- 
age. Sewage from combined sewers varies greatly according to the presence 
or absence of storm water. Hourly, daily and seasonal variations in con- 
stituents also occur. Furthermore, the character of the constituents may be 
materially modified by the age of the sewage which tends to undergo. decom- 
position while being carried or retained in the sewers. 

Analyses of sewage and of sewage effluents are made according to “ Standard 
Methods for the Examination of Water and Sewage’ 6th edition, 1925, as 
adopted by the committees of the American Public Health Association, Ameri- 
can Chemical Society and American Water Works Association. 

Data relative to the analyses of sewage from 16 typical American cities are 
given in the following table: 

Parts per million * Grams per capita daily 

Constituent Max 
Average 

Organic nitrogen. .......... 15.3 
Ammonia nitrogen..........| 21.6 
Oxygen consumed.......... 134 
Residue on evaporation: 

AU GHA. AR chy, Gg Meo Ate 686 1790 

Loss on ignition. ......... 332 753 
Hixed: residuel 22). 8. 40h 4 354 1037 

Suspended solids: 
Dotalians hagziaah alee 246 781 
Loss on ignition, ......... 180 626 
EKO tvaaanterhatera nc ete 66 155 

Chlorides as chlorine........ 40.5 116 
Biochemical oxygen demand + 
bane day) Rieger Stat ey talks Biers ea 135 180 

* Based on flow of 100 gal. per capita per day. 
{ From data in U.S. Public Health Bull. 132. 
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European sewages are usually much stronger than American due to the 

fact that the per capita water consumption in Europe is much smaller than 

in America. 

The effect of industrial wastes is shown by the following estimates of the in- 

crease in certain constituents brought about by the discharge of wastes into 

the sewers of several cities: 

Per cent increase, 

per capita basis 

City, and kind of wastes ~ 
Suspended | Oxygen 

solids consumed 

| 

+Akron, Ohio: rubber reclaiming plant wastes........... 120 140 

Chicago, Ill. (packing house district only):* packing house 

Tara Shek sion steeese- em oie A Blew lore loieerrienes dos ON 46 225 

Dayton, Ohio: paper mill wastes......-+++---++2+000+ 60 25 

Fort Worth, Tex.: packing house wastes....-.-----+--- (iste | hese ater 6 

Gloversville, N.Y.: tannery wastes......+-----++++++++ 155 115 

Milwaukee, Wis. (portion of city): packing house and 

tannery WAaSteS.....-.--eeeee eect eres ee eereeeeees 70 10 

Suspended Solids. Solids carried in suspension may be roughly divided 

into three classes: First, the grosser solids, such as fecal matter, garbage, paper, 

rags, sticks, and leaves, which are capable of being removed by mechanical 

means, such as screens. Some of these matters should not reach the sewers 

but do so as a result of misuse of house plumbing systems and of the sewers. 

Second, the more finely divided solids, the specific identity of which is diff- 

cult to establish, but which are capable of being removed by sedimentation. 

Third, the grease and finely divided solids which do not settle out within any 

reasonable period of time. Among the grosser solids are those which produce 

visibly offensive conditions at the outlets of sewers and which are often difficult 

to handle and to dispose of in treatment plants. The solids capable of settling 

are those which may form offensive deposits in streams or other bodies of 

water and which in treatment plants produce the sludge which is so often the 

most troublesome feature in connection with sewage treatment. The finely 

divided and colloidal solids tend to produce discoloration and turbidity in the 

streams receiving the sewage and also effect a demand upon the oxygen con- 

tent thereof. The organic solids in all three classes of suspended solids exert 

an oxygen demand. 

Oxygen Demand. Inasmuch as the purification of sewage, both artificial 

and natural, is essentially an oxidation process, the demand for oxygen exerted 

by sewage is a characteristic desirable to measure. The biochemical oxygen 

demand (B.O.D.) of sewage, effluent, polluted water or industrial wastes is 

the oxygen required for the oxidation through biological or chemical agencies 

of the organic matter and oxidizable inorganic matter contained therein. 

For detailed information relative to the subject of oxygen demand and meth- 

ods for determining it, reference should be made to Public Health Bulletin 

175, ‘The Oxygen Demand of Polluted Waters,” from which the following 

table relative to oxygen demand of the sewage of several American cities is 

compiled. ; 

Putrescibility is the susceptibility of sewage or other polluted water to 

undergo putrefaction. This is measured by determining the time required 

for the sewage or other polluted water to exhaust the oxygen present therein. 

The ratio of oxygen available to oxygen required to satisfy the oxygen demand 
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Total Oxygen Demand of American Sewage 
Pounds per capita daily 

+ = 

Alliance, Ohio..... 0.15 || Dayton, Ohio..... 0.20 || Peoria, Hl........ 0.25 
Baltimore, Md.....| 0.24 || Detroit, Mich.....| 0.17 || Pipestone, Minn. .| 0.38 
Brooklyn, N. Y....| 0.19 || Edina, Minn...... 0.26 || Procter, Minn....| 0.14 
Buhl, Minn....... 0.19 || Fitchburg, Mass..| 0.17 || Reading, Pa...... 0.15 
Canton, Ohio...... 0.17 || Kenyon, Minn.... | 0.11 || Rochester, N. Y...| 0.17 
Chicago, Ill......: 0.27 || Lexington, Ky....| 0.16 || Schenectady, N.Y.| 0.20 

Cincinnati, Ohio...} 0.22 || Litchfield, Minn.. | 0:16 || Syracuse, N. Y....| 0.21 
Columbus, Ohio...| 0.25 || Marshall, Minn... | 0.07 || Washington, D. C. 0.25 

AWETARE noe 0.197 

is designated as relative stability. The common test for this ratio is made 
by adding a small quantity of dye, methylene blue, to the sample and incu- 
bating the mixture at a constant temperature for a certain number of days or 
until the color of the dye is discharged which occurs when the oxygen is ex- 
hausted. The relative stability of the sample is determined by the number 
of days elapsing prior to decolorization according to the following table: 

Relative Stability Numbers 
(“Standard Methods of Water Analysis,” American Public Health Association) 

too | ts7 | 'S too ts7 | S too t37'| S 

3.0 1.5 50 8.0 4.0 84 13.0 6.5 95 

4.0 2.0 60 9.0 4.5 87 14.0 7:0 96 

5.0 big 68 10.0 50 90 16.0 8.0 97 

6.0 3.0 75 11.0 aS) 92 18.0 9.0 98 

7.0 aon 80 12.0 6.0 94 20.0 /|10.0 99 

S = Relative stability or ratio of available oxygen to oxygen required for equilibrium; 
expressed in percentages. 

too = Time in days to decolorize methylene blue at 20° C. 
¢37 = Time to decolorize at 37° C. 

8. Disposal by Dilution 

Pollution by sewage has several serious aspects in the following order of 
importance: contamination and infection with disease germs of public water 
supplies; contamination and infection of shellfish areas; contamination of 
bathing waters and beaches; contamination of water supplies for cattle; the 
destruction of fish life; and the production of generally objectionable condi- 
tions as regards appearance and offensive odors. 

Few cities now take their water supplies from sewage-polluted streams 
without purification, but there are many streams so grossly polluted that 
water purification plants treating their waters can barely provide safe supplies. 
The contamination of shellfish areas is of significance only in coastal waters, 
but the matter has become one of considerable economic importance. Bath- 
ing in materially sewage-polluted waters is objectionable both from the esthetic 
standpoint and the public health standpoint. The use of sewage-polluted 
water for the watering of stock may not always be dangerous, but in some 
cases, such as pollution by sewage containing tannery wastes, there may be 
danger of the spread of anthrax among cattle. As regards fish life the effect 
of sewage is probably less than that of industrial wastes, except when the 
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sewage pollution becomes so concentrated as to reduce the amount of oxygen 

below the limit required for fish. Locally objectionable conditions frequently 

occur at the point of discharge of sewers due to the presence of floating sewage 

solids, oil slick, the formation of banks of decomposing sludge, and the pro- 

duction of unsightly scum and offensive odors. Generally objectionable con- 

ditions with respect to decomposition and odors do not result until there occurs 

complete depletion of the dissolved oxygen normally present in the stream or 

other body of water receiving the sewage. 

Natural Agencies of Purification. When sewage is discharged into a body of 

water, natural processes immediately begin its purification. Microscopic and 

other living organisms in the presence of the oxygen held in solution in the 

water tend to oxidize the organic matter and unfavorable environmental con- 

ditions as regards temperature and food supplies bring about the destruction 

of large numbers of harmful bacteria. If the dissolved oxygen supply is suff- 

cient, the oxidation of the organic matter proceeds under aerobic conditions 

without creating offensive odors. If the oxygen supply is inadequate and 

becomes exhausted, putrefaction or anaerobic decomposition sets in and putrid 

odors result. Reaeration, fostered by turbulence and sometimes by oxygen- 

producing organisms, tends to prevent putrefaction. 

Where the discharge of sewage is into a quiescent body of water or into a 

stream of low velocity, the suspended matters settle, forming deposits which 

in the absence of oxygen, and particularly in warm weather, undergo decom- 

position. In time, these deposits may become converted to a stable humus- 

like material and under certain conditions of flood they may be scoured out 

and carried down to the sea. 

Dissolved Oxygen. At any temperature and barometric pressure a specific 

quantity of atmospheric oxygen can be dissolved in water, then said to be 

saturated. The saturation point in salt water is less than that in fresh and 

the quantity capable of being dissolved in warm water is less than that in 

cold. The solubility of oxygen in fresh water at a barometric pressure of 760 

mm. (approximately sea level) and at different temperatures is expressed in 

parts per million in the following table: 

Temp., C. Oxygen Temp., C. Oxygen Temp., C. Oxygen 

0 14.70 10 11.31 20 9.19 

1 14.28 11 11.05 21 9.01 

“ 13.88 12 10.80 22 8.84 

3 13.50 13 10.57 23 8.67 

4 13.14 14 10.35 24 8.51 

5 12.80 15 10.14 25 8.35 

6 12.47 16 9.94 26 8.19 

7 12.16 17 9.75 27 8.03 

8 11.86 18 9.56 28 7.88 

9 11.58 19 9.37 29 7.74 

Deduct 1% for each 270 ft. of elevation above sea level. For sea water deduct 

20%, and for mixtures of fresh and sea water in direct proportion to the amount of 

sea water. 

Dilution Required to Avoid Objectionable Conditions. To maintain satis- 

factory conditions where sewage is discharged into a stream, lake or ocean 

the diluting water in proportion to the quantity of sewage must be at least 

sufficient to permit purification to take place under aerobic conditions. In 

temperate climates, self-purification and depletion of oxygen proceed rapidly 
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in summer, but slowly in winter; consequently, the volume of diluting water 
required for a given quantity of sewage is much greater in summer than ih 
winter. 

The quantity of diluting water required to prevent offensive stream condi- 
tions estimated by various authorities has varied from a minimum of 2-1/2 

cu. ft. per sec. to a maximum of 7 cu. ft. per sec. per thousand persons con- 
tributing sewage. The lower limit is applicable only in the case of rapidly 
flowing turbulent streams, and the upper limit to sluggish streams with mill 
dams or quiet reaches in which there are opportunities for the deposition of 
solids and the formation of sludge banks. As experience and knowledge have 
increased, there has been a tendency to set the quantity of diluting water re 
quired nearer the upper limit. 

Prompt and thorough mixing of the sewage with the diluting water is essen- 
tial. This can be accomplished by use of multiple outlets discharging into the 
main current of streams or into deep water of lakes or oceans. Care must be 
taken to select points of discharge to avoid possibility of tidal currents carry- 
ing sewage matters to bathing beaches. 

The most notable example of sewage disposal by dilution is that of the 
Chicago Sanitary District whose drainage canal since 1900 has diverted sew- 
age of the district, together with large quantities of diluting water, from Lake 
Michigan to the Illinois River and thence to the Mississippi... The growth of 
tributary population and the limitations of the volume of diverted water 
established by the Federal authorities, and the limited capacity of the canal, 
have now rendered it necessary for the District to undertake the construction 
of treatment plants on a large scale. 

For exhaustive studies into the matter of pollution and self-purification. of 
streams, reference should be made to U. S. Public Health Bulletins 139, 146 
and 171, and to the Appendix on Sewage Disposal accompanying the report 
of the Engineering Board of Review of the Sanitary District of Chicago. 

9. Screening 

In cases where disposal by dilution may be practiced, but where the removal 
of floating solids is desirable, screens alone are used. Screening is also em- 
ployed to protect pumps and in connection with more elaborate methods of 
sewage treatment. There are many types of screens, from the simple hand- 
cleaned, coarse, bar rack to the elaborate mechanically operated and cleaned 
screen of small apertures. 

Racks and Coarse Screens. There are several types of racks and coarse 
screens used to protect pumps and treatment plant features. The type most 
frequently used is the inclined bar rack with spacing ranging from 1/2 in. to 6 
in. These racks are usually placed across the channel, the individual bars 
being inclined to the horizontal at various angles, such as 30 to 60 deg. Clean- 
ing is usually done by hand, the screenings being raked to the top of the rack. 
In a few instances, mechanical equipment has been provided for cleaning. 

Another type of rack is composed of movable segments, in the form of an 
endless belt, which in operation convey the screenings out of the sewage to a 
point where they are removed by mechanical means. 

At certain places, notably the Boston Metropolitan District and Milwaukee, 
screens in the form of movable cages have been employed for the coarse 
screening of large flows of sewage from combined sewers. These cages are 
usually installed in duplicate so that one screen can always be in place while 
the other is raised for cleaning. In the Ward Street station at Boston, the 
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cage screen is about 9 ft. high and wide and 3-1/2 ft. deep, and is composed of 

vertical 3/4-in. round bars with 1-in. clear opening. 

Screenings Removed by Racks and Cage Screens 

Municipality 

Boston, Mass.: Deer Island.-... 
Nut Island..... 
Ward S@IviV .2: 

| Fitchburg, Mass......+-.+.--++ 
| Gloversville, NY....--.- +22 +45 
Schenectady, N. Y.....-.-5-.-- 
Toronto, Ont......... et ie ss 
Washington, D-C....2.......-. 

The quantity of screenings 
removed by coarse racks var- 

ies with the spacing of the 
bars, and with the degree of 
comminution of solids. The 
table above gives data rel- 
ative to the removals by dif- 
ferent installations of various 

clear spacing. 

Fine Screens. In recent 
years there has been 4 marked 
development in mechanically 
operated fine screens. At 
present the four leading 

types of fine screen in use in 

the United States are the 

Riensch-Wurl disk screen, the 

Dorrco and the Link-Belt 

drum screens, and the Rex 

band type. Other types are 

in use in Europe. 

The Riensch-Wurl type of 

screen consists essentially of 

a slotted metal disk 8 ft. or 

more in diameter, revolving 

slowly around a shaft inclined 

slightly from the vertical in 

such a way that any particular 

portion of the disk passes 

alternately in and out of the 

sewage flow. Floating and 

suspended solids too large to 

pass through the slots are 

held back and are removed 

by revolving brushes which 

clean that portion of the 

screen out of the sewage. 

Date Type of Clear Screenings, 
screen | spacing, in. |cu. ft. per m. g. 

1926 ,| Cage 1 1578 
1926 Cage 3/4 4.77 
1926 Cage 1 3.50 
1918 Rack 1-3/4 0.62 

1916 Rack 1-1/8 1.45 
1927 Rack 1-1/2 1.94 

StS Se AES Rack 1/2 2.8-3.7 
1918 Rack 5/8 and 1/4 Lip Ases) 

Fig. 8. 

Slotted 
Punched Plate 
%i'x¥4' Slots —. 

General Arrangement of Riensch-Wurl 
Screen 

Screen Drum 
Screened Sewage 

— Discharge 

Bd 
PLAN 

Fig. 9. Dorrco Screen 
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Tn the case of the Dorreo and Link-Belt screens, the slotted plates are fas- 
tened to a cylindrical framework rotated around a central horizontal shaft. 
The sewage flow passes from the outside of the cylinder to the inside and 
thence through an outlet at the end of the cylinder. The Dorrco screen is 
cleaned by washing the screenings off the drum by the outward flow of the 
sewage, which is carried slightly above the general water level by centrifugal 
action. The solids thus washed off, together with some which had never 
become attached to the drum, settle in the screen pit and are removed by 
means of a perforated bucket elevator. The Link-Belt screen is cleaned by 
revolving brushes travelling along the top of the drum. 

The Rex screen consists of an endless band of slotted metal plates, moving 
in and out of the sewage flow, the screenings being brushed off just before the 
plates turn over the upper end pulley on their way back to the sewage. 
The following table gives information relative to the quantity of suspended 

solids removed by several installations of fine screens. Under ordinary con- 
ditions a removal of 5 to 10 per cent is all that can be expected. 

Removal of Suspended Solids from Sewage by Fine Screens 

(Removal 

of sus- Size of 
Location pended Type of screen | opening, 

solids, in. 
| |per cent 
a SSS ee eee eee Ri ee 
lousabisx Ohio... 3.5 | Sanitation disk. | 1/32 X2 1916 | Experimental 
| 100 days test * 
Daytona, Fla....: &14 | Sanitation disk | 3/322. | 1927. |......sadseen05 
Long Beach, Calif..| 12.0 | Sanitation disk | 1/32X2 |....... Not now in reg- 

ular use. 
Milwaukee, Wis. . . 3.4 | Chain-belt 1/8X2_ |1918-19| | Experimental 

3.9 | Chain-belt 3/32 X2 |1918-19)) testing station 
|New Britain, Conn.) 16.3 | Dorrco—drum 1/16 X1/2] 1922 | 1-week test 
| New York, N. ¥.: 
| Brooklyn....... 14.0 | Sanitation disk | 5/642 1916 | { Experimental, 

18.0 | Sanitation disk | 1/162 1916 | official. test 
/ April-May 

Canal Street. ... 9.3 | Rex—band 3/64 X2 9126 | 8-day test 
| Dyckman Street.} 16.4 | Sanitation disk 1/16 X2 1919 | 24-hour test 
/ 26.3  |Sanitation disk | 3/64X2 1919 | 24-hour test 
) Plainfield, N. J.... 4.6 | Sanitation disk | 1/162 1927.-| Year 
| Pleasantville, N. J. 20.5 | Link-belt—plate] 3/64 x2 1921 | 7-hour test 

27.5 | Link-belt—wire | 1/32 1921 | 6-hour test 
| Reading, Pa.......| 20.0 |Weand—drum | 0.015 in. |1909-10| Not now in use 
| square 

1/8X2 
} T Seay een (one); | Rochester, N.Y... 2.8 | Sanitation disk 1/16X2 | Year 

(two) 

* Not now in use. 

Sewage screenings are wet, odorous, putrescible and generally objectionable. 
Prompt removal and disposal are essential. In some cases excess moisture is 
extracted by presses or centrifuges and the partially dried material burned 
under boilers or in special incinerators. In other cases the screenings are buried or plowed into the ground. Unless precautions are taken, buried 
screenings are likely to attract rats. 

| 
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The removal from sewage of the settleable suspended solids is accomplished 

by sedimentation in suitable tanks. 
chiefly upon the period of detentio 

Slight chec 

sewers brings about the settling o 

and grit, while in the case of solids o 

condition long detention at very low yelocities is required. 

alone may constitute adequate treat 

ing water is relatively large and wh 

the stream which receives the effluent. 

of purification is required, sedimentation is a 

vailing in the tanks. 

paratory treatment. 

of effluents from trickling filters, 

sludge process. 
each other in function 

heavier solids. 

sec. 

ganic solids. 

Grit chambers are more necessary 

tems of sewers, but they are common 

prience has shown tha 

way into such sewers. 

depends upon the composition of the sewage, 

ber and the frequency 

The following table gives data relative to t 

typical installations: 

There are several types of se 

, design, an 

Grit Chambers are small basins, 

length, usually arranged in parallel 

check the velocity of flow only su 

The velocity usually provide 

Grit chambers are cleaned by hand, by hose 

A tank with mechanical equipment 

of deposits and separation of the lig 

t considerable grit suc 

The quantity and composition o 

the velocities through the 

ment, in cases W 

The degree of removal generally depends 

n, and but slightly upon the velocities pre- 

king of such velocities as are common in 

£ some of the heavier solids, such as sand 

f low specific gravity in a finely divided 

Sedimentation 

here the volume of dilut- 

ere no public water supply is taken from 

In most cases where a greater degree 

valuable preliminary or pre- 

Sedimentation is also utilized for the final clarification 

and from aeration tanks in the activated 

and method of cleaning. 

Volume of Grit Removed by Grit Chambers 

dimentation tanks differing from 

d methods of operation. 

shallow and narrow in proportion to their 

units of two or more. 

fficiently to allow the deposition of the 

d for is approximately 1 ft. per 

flushing or by grab bucket. 

has been developed for continuous removal 

hter organic solids from the heavier inor- 

Their function is to 

with combined than with separate sys- 

ly provided with the latter because ex- 

h as cinders and sand finds its 

f the grit collected 
cham- 

he collection of grit in certain 

Location 

Cleveland, Ohio: 
Easterly works.....- 
Westerly works....-- 

Rochester, N. Y.: 

Trondequoit......--- 
Fitchburg, Mass.: 

Water Street.....--- 

Worcester, Mass..----- 

Skimming Detritus Tanks are some 

grease which form unsightly scum on se 

stallation at Akron, Ohio, is typ 

tion pericds of about fifteen minutes. 

of 6 i} 

Velocit Vetume 
Character fe rs y 

of grit 

of sewer Cees Period to which | removed, 

system (theoretical), data apply cu. ft. 
ft. per sec. 

per m. g. 

Combined _5-1.0 |Feb., 1923-Aug-, 1925 Ot 

Combined 5-1.0. |Jan., 1924-Aug., 1925 2.0 

Combmed (oer... s 1917-25 S64 

Combined 1.0-1.6 1915-26 4.1 | 

Combined 0.5 1913 Dike ' ot 

ical. Two sma 

Re ee a eg el 

times required to remove oils and 

ttling tanks or clog filters. The in- 

ll circular tanks afford deten- 

In these tanks the velocity is checked 



1736 Disposa! of Sewage Sect. $7 

sufficiently to bring about the flotation of oil, grease and other substances 
lighter than water, together with the settling of a portion of the heavier sus- 
pended solids. The sewage flows out through two submerged openings, one a 
short distance below the water level and the other at the bottom. The por- 
tion discharged near the bottom, amounting to about one-fifth the flow, is 
somewhat concentrated by settling and passes through grit chambers and 
fine screens before reaching the Imhoff tanks, while the portion drawn through 
the upper opening goes directly to the tanks. Oil and floating solids are re- 
moved by skimming with a revolving scum board. 

Plain Settling Tanks are usually rectangular in plan and section with the 
inlets so arranged as to permit fairly uniform distribution of flow through the cross-section of the tank. Detention periods range from 1 hour to 6 hours and baffle and scum boards are usually provided to aid in regulating flow and to retain scum. Cleaning is accomplished by drawing off the supernatant liquid and then removing the sludge by gravity or by means of pumps. The more common type of settling tank utilizes horizontal flow. Care must be taken to secure proper inlets and outlets. In some instances (Dortmund tanks) vertical flow is employed with the inlet for the sewage at the center of a eylindrical tank and the outlets arranged around the periphery. This type of tank permits the use of a hopper bottom from which the sludge can be drawn under the pressure of the supernatant water without interrupting operation of the tank. Plain settling tanks are cleaned at frequent intervals. The quan- tity and character of the sludge depend upon the characteristics of the sewage and the design and efficiency of operation of the tank. 

Clarifier Tanks have been adapted for the settling of sewage. These are comparatively shallow circular or square tanks, equipped with mechanism for continuous removal of the deposited solids. The mechanism consists prima- tily of revolving arms just above the bottom of the tank to which are attached plates or plows so directed as to move the sludge slowly into the center as the arms revolve. From the center the sludge can be pumped to the point of disposal. 

Septic Tanks are essentially sedimentation tanks so designed and operated as to permit the anaerobic decomposition of the deposited solids. It was originally claimed that this decomposition would Proceed so far that the sludge would be completely gasified and liquefied, but experience has shown that this cannot be accomplished. The disadvantages of the tank are such that few are now installed for municipal treatment plants, although their use for residences is common. The septic tank is operated for much longer periods without the removal of sludge than plain sedimentation tanks. This has the disadvantage of producing a floating mat or scum of considerable thickness which becomes difficult to remove. The effluent of a septic tank is often offensive to both sight and smell. 
Septic tanks are usually similar in construction to the ordinary type of plain rectangular settling tank. The detention period varies according to the wish of the designer, as from 18 to 24 hours or longer, and the velocities are correspondingly low. Many septic tanks are covered, but this is not essential to proper biological action, and may be a source of danger due to the collection of explosive gases. Sludge is allowed to remain in the tank long enough to secure the benefits arising from the digestion of a large proportion of the accumulated organic solids. Under favorable conditions the sludge when drawn off is generally denser and less odorous than that from plain settling tanks. 
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Two-Story Tanks. In order to secure in a single tank the advantages of 

plain sedimentation and the digestion of sludge by biological action and to 

avoid some of the disadvantages of the septic tank, two-story tanks have been 

quite commonly used. This type of tank, usually known as the Emscher or 

Imhoff Tank, consists essentially of an upper compartment for sedimenta- 

tion and a lower one for sludge storage and digestion. The compartments 

are separated from each other by a sloping bottom provided with slots so 

arranged that solids settling in the upper chamber can pass into the lower 

chamber while sludge or gas cannot easily rise through these slots into the 

Sludge Chamber 
Tank No.5 

C<SECTION A-A 
A<—-—- 

ide of 
Partition Wall Jaw 

A<— SECTION C-C 

Fig. 10. Sections through Imhoff Tanks 

settling compartment. This type of tank permits the sewage to pass through 

it without becoming seriously affected by the septic action taking place in the 

sludge. 

In the sludge compartment the rate of digestion of organic matter varies 

according to the temperature, being very rapid at from 65° to 80° and prac- 

tically ceasing around 40° Fahrenheit. Consequently the accumulated 

sludge is generally found to be substantially free from odor and in good con- 

dition for drying in warm weather, when the sludge should be drawn off fre- 

quently and the tanks left in the late fall with only enough sludge in them to 

provide for seeding. During periods of low temperature the sludge must be 

stored in the digestion compartments for decomposition during the next warm 

season. ‘The storage period has often been taken at six months in the north- 

ern part of this country. Methane gas is produced in large guantities during 

normal digestion and gas vents are provided for its escape into the atmosphere 
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Item 

Tributary population (1922)... 
Character of sewage: 

Flow, in million gallons per day 
Separate or combined sewers. 
Strength (suspended solids), 

in parts per million 
Freshness 

Hardness of water supply, in 
parts per million 

Temperature, in degrees, Fah- 
renheit 

Preliminary treatment: 
Screening, ..,...d6s 5. .ee ee 

Grit-chambers 
| Imhoff Tanks: 
| Sedimentation period, in hours 
Depth of Tanks: 

Total maximum water depth. 
Sludge Compartment: 

Depth below plane of slots... 

Distance of lowest point of 
overflow below 18-in. neu- 
tral zone 

Depth below overflow to adija- 
cent compartment........ 

Cubic feet per capita 

Number of hoppers......... 
Ease of intercommunication.. 

Scum Compartment: 
Cubic feet per capita........ 
Area, gas vents; percentage of 

TANK BYES. ccitemeanie tes ae 
Area, gas vents; square feet 
per cubic foot sludge capacity 

Loading, Deposited Solids: 
Pounds per year per cubic foot 

sludge and scum space...... 
Pounds per year per cubic 

foot sludge’space......... 
Pounds per year per cubic foot 

sludge space after deducting 
18-in. neutral zone........ 

Pounds per year per cubic foot 
SCUM SACs chymase 

Pounds per year per square 
foot gas-vent area 

Depth below 18-in. neutral) 

| 

Schenectady, 
1 Be 4 

65 000 

6 

Separate 

163 

Fresh uncom-| 
minuted | 

Practically 
none 

130 

Av (1922)56.1 

max.64.7 

Coarse rack 

None 

Disposal of Sewage 

9in. | 

. 6 in. 

2 ft. 1 in. 
1.40 
8 
Poor 

(2-ft. square 

opening) 

Sect, 17 

Plainfield, Fitchburg,| Rochester, 
lin sad: Mass. aN Ys 

40 000 38 000 260 900 

3.4 3.4 32 

Separate | Combined | Combined 

166 219 163 

Stale Fresh Stale 

| Practically | Small Small 
none amount amount 

88 10 65 

46-70 | Nodata | Av. 54 

Fine screens, Coarse (Fine screens, 
1/16-in. slot} racks 1/8-in. slots 

None Yes Yes 

3.4 6.4 T.7 

19 ft. 9 in. | 24 ft. 8 in. | 33 ft. 10 in. 

8 ft.9in. | 11 ft. Oin.| 22 ft. 6'in. 

7 ft.3in. | 9ft.6in. | 21 ft. 0 in. 

| 

2 ft. Oin. | 2 ft. Oin. | 13 ft-0 in. | 

5 ft. 3 in. |. 7 ft. 6in.|. 18 ft. 0 in. 
1.49 1.88 2.40 

5 3 3 

Poor Good Good 
(opening 

20 by 24 in.) 

0.72 1.59 0.55 

14.3 15 26.8 

0.023 0.031 0.0133 

10.4 1351 9.2 

158s 24.1 1133 

18.9 30.9 1229 

S2ee 28.5 49.7 

674 CHES 849 
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or in some cases for its collection and use. The sludge produced in these 

tanks is usually distinctly less offensive than that from plain settling tanks or 

septic tanks, with a lower moisture content and of such a nature as to dry 

more easily. 

There have been operating difficulties with this type of tank due to the tend- 

ency for the gas-filled solids to rise in the form of scum and in some cases to 

form a foam, due in part to rapidity of decomposition, which has overflowed 

the gas vents. In the laboratory and in practice it has been found possible to 

control the proper digestion of sludge by the use of lime, a hydrogen-ion con- 

centration (pH) of 7.2 or 7.3 being found most advantageous. 

Data relating to four typical American Imhoff tank installations are given 

in the table on p. 1738 from “Imhoff Tanks—Reasons for Differences in 

Behavior,” p. 465, vol. LX XXVIII (1925) Trans. Am. Soc.G. E. 

Of these four installations those at Fitchburg and Rochester have been oper- 

ated practically without difficulty, while those at Plainfield and Schenectady 

have experienced considerable trouble. 

Imhoff tanks are usually from 20 to 35 ft. deep, relatively deep ones appear- 

ing to function better than shallow ones. Sludge is ordinarily removed by 

hydrostatic pressure through pipes extending to the bottom of the sludge 

compartments. Sometimes water piping is placed at the bottom of the sludge 

compartment to permit stirring of the sludge by water jets to facilitate re- 

moval and to improve biological conditions by mixing the new with the older 

sludge. The bottom may be arranged either as a long trough or as a series 

of hoppers. The detention period in the sedimentation compartment varies, 

according to design, from one hour to six hours, depending upon the degree of 

removal desired; a period of two hours is commonly adopted. The slope of 

the bottom is usually at least 1.5 on 1, and often steeper, to prevent retention 

of solids. The clear width of these slots may be 6 in. or more, Influent and 

effluent systems are arranged so that the direction of flow through the sedi- 

mentation compartment may be reversed at frequent intervals, except in 

small tanks. Scum boards may be useful in front of the outlets. Inlets and 

outlets should be designed to provide as uniform distribution of flow through 

the sedimentation compartment as possible. 

In some installations, provision is made for collecting and utilizing the 

gases given off in the gas vents. The principal gases given off and their ap- 

proximate proportions are as follows: Methane 75-85%, Carbon dioxide $-15%, 

Nitrogen and miscellaneous gases 5-10%. The mixture of gases has a calorific 

value between 600 and 900 B. t. u. per cu. ft. It has been estimated that on 

the average the volume of gas produced by the digestion of sludge from sedi- 

mentation tanks is from 0.5 to 1.0 cu. ft. per capita daily. 

Partial oxidation of colloidal and dissolved organic matter has been accom- 

plished by placing brush or lath filters in the sedimentation compartments of 

Imhoff tanks, and introducing air underneath these filters. It is claimed that 

this method produces an effluent intermediate between that of a plain Imhoff 

tank and that of a trickling filter. 

Humus Tanks or secondary settling tanks are used to improve the effluents 

from trickling filters by sédimentation of the suspended matters which per- 

jodically are flushed out from the filters. They may be of the ordinary hori- 

zontal-flow type, or of the vertical-flow type, and may or may not be pro- 

vided with mechanical appliances for the removal of sludge. 

Chemical Precipitation may be employed to increase the quantity of solids 

removed by sedimentation. It requires the addition of chemicals to the 

sewage prior to its entrance into settling tanks. Lime and sulphate of iron are 
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Removal of Suspended Solids from Sewage by Imhoff Tanks 
(Yearly average) 

| | Sedi- Suspended solids | 
Sew- Tribu- Deten- menta- 
age tary tion tion In In | Removed 

Location Year flow, popu- period, capacity, influ-| efflu- | 

m.g.d. lation hr. rE , ent, | ent, | | Per 
| per cap. p.p.m.p. p.m. ?*P*™-cent 

Albany, N. Y...... /1920 14.3 |113433 4.6 | 3.23 | 130 | 58 72) |r55 
Atlanta, Ga.: | 
Intrenchment Cr, 1915) 5* | 50000, 3 
Peachtree Cr....|1915, 8* | 80000 3 
Proetor Crs ca 1915) 3* | 40000 3 

Columbus, Ohio... .| 1926 30.3 | 285000 4 
Fitchburg, Mass...| 1926) 3.1 | 40000) 6 
Plainfield, N. J..../1922) 3.4 | 40 000) 3 
Rochester, N. Y.: 

Brighton....... 1923] 1.1 10.000] B25 de Aa 1s SSR ds rT 87. | 55 
Charlotte....... 1923) 0.4 4000 5.4 | 3.01 | 549 | 56 | 493 | 90 
Irondequoit..... 1923) 27.9 | 260000) 1.2 0.72 185 | 107 78 | 42 

Schenectady, N. ¥./1922) 6 | 65000! 3.3 1.70 | 163 | 48 | 115° 174 
Worcester, Mass.../1926| 22 |185000 2.0 | 1.34 | 278 | 108 | 170° | 61 

* Capacity. Based on the number of tanks in use. 

most frequently used, producing a flocculent precipitate which upon settling 
carries with it much suspended and some colloidal matter. This method is 
capable of bringing about a more complete removal of suspended solids than 
plain sedimentation. The sludge produced, however, is considerably greater 
in bulk, not only as the result of a more complete removal of sewage solids, but 
also because of the precipitation of the added materials. For treatment of 
sewage, chemical precipitation is now used by but a few cities in this country, 
although for treatment of certain industrial wastes it is a valuable process. 

Tanks for chemical precipitation are usually similar to those used for plain 
sedimentation. Provision must be made for the addition of the chemicals and 
their thorough mixing with the sewage. In the old plant at Worcester, Mass., 
baffles of the fish-ladder type in the inlet channel were employed for mixing. 
The quantity of precipitants required varies with the character of the sewage 
and may range from 500 to 2000 Ib. of lime per million gallons, and about one- 
half these quantities of ferrous sulphate. In some cases the sewage contains 
enough iron salts from pickling liquors to make the addition of ferrous sulphate 
unnecessary. 

11. Sludge 

Sludge is the material settled from sewage, exclusive of heavy inorganic 
matter or grit. Its characteristics depend largely upon the manner in which 
it is produced and the changes occurring during its retention. In general each 
type of settling tank produces a distinctly characteristic sludge. Sludge from 
plain settling tanks is grayish brown in color, coarse in texture and ill-smelling. 
Such sludge contains a large proportion of undigested sewage solids. Chemi- 
cal precipitation sludge is fairly heavy, gray, brown or black in color, and more 
or less offensive in odor, depending ‘upon its stage of decomposition. The 
proportion of chemicals used affects its characteristics considerably. © 

Inhoff tank sludge or Digested Sludge, if digestion has proceeded properly, 
is black, moderately uniform but granular in texture, full of entrained gases 
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and has a comparatively unobjectionable tarry odor. The material has been 
so changed by the digestion process as to give little indication of its original 
constituents. The sludge from the activated sludge process is very bulky, 
high in moisture content, brown in color and with an earthy odor. Humus 
sludge, as its name implies, resembles humus and is composed of coagulated 
sewage solids and of bodies of organisms which are unloaded from the filter 
medium of trickling filters. It is brownish black in color, smooth in texture 
and of an odor which varies according to the condition of the sludge. At times 

when such sludge contains large numbers of decaying worms, the odor is dis- 

tinctly offensive. , x 
The quantity of sludge produced, per million gallons of sewage treated, var- 

ies with the kind of treatment, the strength and character of the sewage and 

the efficiency of the settling tank. The following table ndicates typical quan- 

tities and densities of the several kinds of sludge produced from sewage of the 

same characteristics. 

Typical Volumes of Sludge Produced by Different Processes of 
Sewage Treatment 

Nominal Weight of 
volume of | Proportion | . dry solids in 
sludge, gal.| of solids Specific sludge, lb. 

Treatment process per mil. gal.| in sludge, re piles per mil. gal. 

of sewage | per cent of siddes W7t sewage 
treated treated 

| Activated sludge»........--- 10 000 2.00 1.005 1675 
| Chemical precipitation....... 5 000 7.50 1.040 3250 

| Sedimentation... .)j¢. fF ejcle+ d+ 2 500 5.00 1.020 1060 

| Septic: tankiaus cp eepee sesbie pe» 500 5.00 1.040 220 

\EIMtBOltatik., ccnp ae ee 500 15.00 1.070 670 

500 7.50 1.025 320 Trickling filter—Humus tank. 
\ = 

Separate Digestion of Sludge. In order to secure the benefit resulting from 

storage and digestion, while avoiding the difficulties sometimes experienced 

with Imhoff tanks, the sludge may be settled in plain settling tanks and 

removed to separate tanks for storage and digestion. Such separate digestion 

tanks are sometimes equipped with mechanical devices for agitation to mix 

the sludge and reduce scum formation. In some cases the sludge is heated to 

promote digestion, and sometimes the gases given off from the digesting sludge 

are collected and utilized for heating. The sludge from such tanks resembles 

Imhoff tank sludge. 

Sludge Disposal. In all processes of sewage treatment, disposal of the 

sludge is a problem of primary importance. Except where sludge is lagooned 

or barged to sea some form of dewatering is necessary. The most important 

methods are: draining on sand beds, filter pressing, and complete drying for 

sale as fertilizer. The dewatered sludge from the first two methods is usually 

disposed of as fill, although in certain cities, notably Rochester and Schenec- 

tady, N. Y., dewatered Imhoff tank sludge is sold to local farmers at a nominal 

price for use as fertilizer. 
; 

Sludge drying beds consist of level areas of underdrained sand upon which 

the wet sludge is applied to a depth depending upon the kind and character of 

sludge. The applied sludge drains and dries with a rapidity depending upon 

weather conditions and character of sludge. The dried sludge reaches a 

moisture content of about 50-60% and shrinks about 65% in bulk. Ten 
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days to three weeks may be required for the sludge to reach a spadable con- 
dition. To facilitate drying, particularly during adverse weather conditions, 
sludge beds are sometimes covered with glass roofs of greenhouse construc- 
tion. The area of sand beds required may vary from about 0.5 to 2.0 sq. ft. 
per capita, depending on production of sludge, climatic conditions and whether 
covers are provided. 

Several types of filter presses have been used for dewatering sludge. Usu- 
ally conditioning of the sludge by acid, alum or lime is required to facilitate 
pressing. The resulting sludge cake contains about 75% water. Filter 
pressing is employed in relatively few places. 

Lagooning consist in discharging wet sludge into relatively deep natural or 
artificial earth basins and allowing the material to compact as the result of 
drainage and evaporation. This method is applicable only when ample areas 
of isolated land permit. Lagooning of excess activated sludge is practiced on 
a large scale at Houston and Indianapolis. 

The large volume and high moisture content of activated sludge cause a 
difficult dewatering problem where utilization as commercial fertilizer is 
attempted as at Milwaukee. Experience has demonstrated that before at- 
tempting to dewater the sludgé it is essential to condition it by means of 
chemicals, such as sulphuric acid, aluminum sulphate and ferric chloride. At 
Milwaukee three chemicals and combinations of the three are used. After 
conditioning, the moisture content can be reduced by means of filter presses 
or by vacuum filters, the latter being used on a large scale at Milwaukee. The 
vacuum filters produce a thin cake with a moisture content of about 85%. 
Further reduction, to less than 10%, can then be accomplished by means of 
heat drying. The dried material is ground, screened and sold as fertilizer or 
fertilizer base. 

Recent experiments have shown that activated sludge when mixed with 
fresh sludge from plain sedimentation or Imhoff tanks can be satisfactorily 
digested either in separate tanks or in the digestion compartments of Imhoff 
tanks. The mixed sludge after digestion may be dewatered on sand beds. At 
Chicago it is now planned (1928) to pump the excess sludge from the North- 
Side activated sludge plant to the West-Side Imhoff tank plant for digestion 
in the sludge compartments of the latter. At Fitchburg humus tank sludge is 
pumped to the sludge compartments of the Imhoff tanks for digestion with 
the primary sludge. 

Fertilizer value of sewage sludge is not great as the most valuable fertilizing 
constituents of sewage are soluble. The following table gives the results of 
analyses of typical sludges. 

Typical Analyses of Sludges 
Per cent—Dry basis 

Total Available 

Pinte SChberieps es aoe tae kee ee 
Fresh sludge from plain sedimentation . 
Sepiicitank:sludge..n, ace snes 
Imhoff tank sludge................. 
Chemical precipitation sludge........ 
Humus tank sludge................. 
Activated sludge 

* Included for comparison with sludges. 
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In addition to the chemical constituents noted, sludge contains humus 
material of some slight value. 

Screenings and sludge from plain sedimentation are likely to be so ill- 
smelling and to contain so much valueless trash as to prevent farmers from 
using such material. Digested sludge is less open to these objections but 
there has been little demand for it, the sales at Rochester and Schenectady 
being exceptional. Humus sludge alone is hard to dewater, but it has some 
fertilizer value. Sludges dewatered by drainage and evaporation and as or- 
dinarily handled contain so,much moisture as to render them less valuable 
than stable manure. Activated sludge contains a relatively high per cent of 
nitrogen and for this reason is more valuable than digested sludge which has 
lost some nitrogen. A composite analysis of Milorganite, the trade name 
under which the product of the Milwaukee activated sludge plant is sold, is 

as follows: 
Per cent 

LS ST Cea eh er Cee Saar 4.08 
Gi ee. | Tl SoS ee eet ont at Fare erertanin = era 5.42 
Equivalent to ammonia. ....... 06.06 ce ee eee ee cece teen 6.58 
Water-soluble organic nitrogen. .......2.:5 este a caw ecnnee 0.30 

Water-insoluble organic nitrogen. 22... 0... ee eee eee AD 
Nitrogen insoluble in neutral permanganate............... 0.71 
Availability of water-insoluble organic nitrogen by neutral 

permanganate method. ..3.......---- sce erence esse eee 86.13 
Active nitrogen by alkaline permanganate method......... 3.22 
Availability of water-insoluble organic nitrogen by alkaline 

permanganate method. ...... 2.6... fees ete ie ees 62.89 
Total phosphoric acid... 2.2... 65 cece cece eee eee een eene 3.08 
Insoluble phosphoric acid.......-.0 c+ eeee erence eee eeeee 0.65 

Available phosphoric acid.........20.00 esse cece eee eteee 2.43 

This material is being produced (1929) at the rate of about 100 tons per 

day and sells for approximately $16 per ton f.o.b. cars Milwaukee. 

12. Oxidation Processes 

A large portion of the putrescible organic solids of sewage are in solution or 

in the form of colloids not removable by sedimentation. To change these 

solids to inert organic and mineral substances is the object of oxidation processes 

such as filtration through fine or coarse material and the activated sludge proc- 

ess. These oxidation methods are comparable with the action of the lungs 

in which the impurities of the blood are oxidized by bio-chemical processes. 

Broad Irrigation was the earliest method adopted on a large scale for the 

treatment of sewage in which oxidation is involved. This method consists of 

applying sewage to relatively level areas of land and allowing the soil to absorb 

it. In some cases farming of land thus treated was attempted, to utilize the 

manurial value of sewage. Large areas of land are required, approximately 

an acre to each 10 000 gal. of sewage daily, and objectionable conditions with 

respect to flies and odors are often brought about. The use of this method in 

this country has been practically abandoned except in arid or semi-arid regions 

where the water content of sewage is valuable for irrigation purposes. 

Intermittent Sand Filtration is a distinct advance over broad. irrigation. 

The filters consist of beds of sand or fine gravel 2 to 6 ft. in depth, usually 

underdrained by tile pipe laid with open joints at intervals of a
bout 40 ft. The 

effective size of the sand should preferably be between 0.20 and 0.35 mm. and 

the uniformity coefficient. as near unity as practicable. Sewage is applied 

fairly evenly to the surface of the beds in doses from twice a day to once every 
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3.or 4 days. Application should be at a rat e of about 1 cu: ft. per sec. per 
5000 sq. ft. and the depth of dose should be about 3 in. The sewage per- 
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and reasonably clean surfaces are essential i 
ted into the voids of the sand. For winter 
beds should be furrowed to permit the form 

colates through the sand to the 
underdrains., Application of the 
sewage may be through trough 
distributors or at the corners of 
the beds. 

The action of this type of 
filter is partly to strain out 
suspended matters upon the 
surface and partly to oxidize 
the dissolved organic solids by 
the micro-organisms living upon 
the surface of the sand grains. 
At intervals weeds and the mat 
of solids accumulating on the 
surface of the filters must be re- 
moved. After cleaning, the 
beds should be harrowed and 
leveled by brush drag. ‘ Inter- 
mittent application of sewage 

n order that air may be admit- 
operation in cold climates the 

ation of a protective ice roof. 
Effluents from properly operated filters are practically clear and colorless, 

non-putrescible and of low bacterial content. An acre of filters will treat 
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about 30 000 gallons of sewage daily. Preliminary sedimentation increases the 
capacity of such filters to about 50 000 gal. daily. 

Contact Beds are tanks filled with broken stone to a depth of 4 to 6 ft., the 
stone being from about 1/2 to 1-1/2 in. in size with 40 to 50% voids. “The 
beds are filled with settled sewage, the effluent promptly drawn off and the 
beds allowed to rest for some hours with the voids full of air. In some cases it 

is necessary to apply the sewage to two or more beds in series. Automatic 

filling and emptying can be accomplished by timed siphons or similar devices. 

In time the voids of the filter stone become clogged and the material has to 

be removed and cleaned, or replacement may be necessary as a result of dis- 

integration. Contact beds can be operated at rates as high as about 100 000 

gal. per acre-ft. or 500 000 gal. per acre per day with 5 ft. of depth. Effluents 

from carefully operated contact beds are usually non-putrescible, but rather 

turbid and of high bacterial content. 

Trickling Filters are primarily beds of broken stone, 1 to 2-1/2 in. in size 

4 to 10 ft. in depth, laid on concrete floors covered with systems of inderdrains 

for rapid discharge of effluent and for ventilation. Sewage is applied to the 

surface of these filters in the form of fine spray through spray nozzles or with 

mechanical traveling distributors. Traveling distributors may follow a cir- 

cular or a rectilinear course. In the case of spray nozzles the sewage is dis- 

charged through them from automatic dosing apparatus under varying pres- 

sure, so as to secure uniform application of the sewage. This application 

takes place intermittently with a few minutes for dosing and a somewhat 

longer period for resting. The sewage sprayed through the air absorbs 

oxygen and as it passes down through the filter medium the film of micro- 

organisms on it utilizes this oxygen to oxidize and mineralize the organic 

matter. 

Due to the practically continuous application of sewage and the abundance 

of oxygen in the voids of the filter media and sometimes in the applied sewage, 

this type of filter may be operated at high rates, 200 000 to 500 000 gal. per 

day per acre-ft. being typical. . Usually the effluent is turbid, brown, non- 

putrescible and contains materially less bacteria than the applied sewage. 

Sedimentation of the effluent improves its quality by the removal of readily 

settleable suspended solids. 

Data with respect to filter media may be found in “‘ Progress Report of the 

Committee of the Sanitary Engineering Division on Filtering Materials for 

Water and Sewage Works,” Proceedings Am. Soc. C. E., 1928, p. 243. 

13. Activated Sludge Process 

In this process large quantities of air are forced in fine bubbles through sew- 

age as it passes through a tank having a detention period of 4 to 8 hours. 

After aeration the sewage is settled for the deposition of sludge. The sludge 

thus formed contains numerous micro-organisms similar to the biological 

film on the media of trickling filters, and is said to be activated. Part of the 

sludge deposited is returned to and mingled with the entering sewage. As the 

sewage is agitated by the air the activated sludge mingling with the sewage 

acts both to absorb and coagulate suspended solids and oxidize the organic 

matter. 

The plant requires a comparatively small area of land and construction cost 

is relatively low. More elaborate mechanical equipment is necessary than in 

other processes and very careful operation is essential. The disposal of the 

bulky excess sludge is attended with some difficulty and considerable expense. 

The effluent is clear, sparkling, somewhat yellowish-brown in color and with 

relatively few bacteria. 
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Tanks are usually 10 to 15 ft. deep. The air is forced through porous plates 
set in the bottom of the tanks. Inclined deflector baffles placed longitudi- 
nally near the top and along one wall of an aeration tank produce a spiral 
motion in the sewage flow with a resultant improvement in mixing and a 
decrease in the quantity of air required for agitation. Washing and filtering of 
the air is necessary to prevent clogging of the pores of the diffuser plates. 

The amount of air required varies with the chsracter of the sewage, but for 
ordinary domestic sewage from 1 to 1-1/2 cu. ft. of air per gallon of sewage is 
required. For supplying air at a rate of 1.5 cu. ft. per gallon in a 10-ft. tank, 
approximately 30 hp. per hour are required per m.g.d. of sewage. The volume 
of activated sludge returned to the tanks may amount to from 20 to 25% of 
that of the sewage. The quantity of excess sludge removed is equivalent to 
from 1 to 1-1/2% of the volume of sewage treated. 

Sedimentation after activation is generally accomplished by the use of 
tanks equipped with mechanical scrapers for continuous removal of the 
deposited solids. In the design of these tanks an allowance of 1 sq. ft. of 
tank is made for each 1600 gal. daily of flow at maximum rate. 

Instead of compressed air for agitation of the sewage, surface stirrers have 
been devised consisting essentially of paddle wheels which when revolving 
agitate and aerate the sewage. 

The economy of the activated sludge process depends mainly upon the net 
cost of disposal of sludge. Recent (1928) results at Milwaukee are en- 
couraging. 

14. Chlorination 

Disinfection. None of the foregoing methods of treatment brings about 
the complete destruction of bacteria. Under certain conditions where water 
supplies or shellfish may be affected by the discharge of effluents, it is impor- 
tant to obtain practical freedom from disease germs. To accomplish this 
result, resort is frequently had to disinfection by means of hypochlorite of 
lime or liquid chlorine, the latter being most frequently used. The equip- 
ment used for application of chlorine is similar to that used for chlorination of 
water supplies. The quantity of chlorine required to effect satisfactory dis- 
infection varies from about 10 to 15 p.p.m. for settled or screened sewage to 
1 to 3 p.p.m. for the effluents from intermittent sand filters. A short period 
of contact, usually not over 15 minutes, is necessary to bring about proper dis- 
infection. 

Other Applications... Attempts have been made, apparently with some suc- 
cess, to minimize odors at treatment plants by chlorination of the sewage as it 
arrives. Attempts have also been made to reduce by chlorination the num- 
ber of small moth flies frequently prevalent around trickling filters, but con- 
clusive results have not been obtained. Chlorine is also used to deodorize 
the vapors given off by heat driers for activated sludge. Ferric chloride used 
for conditioning activated sludge is produced by chlorination of solutions of 
ferrous sulphate. Chlorine has also been found useful in reducing excessive 
growths of micro-organisms upon trickling filter media. 

15. Small Sewage Disposal Systems 
In the absence of a municipal sewerage system, the simplest method for 

meeting the sanitary needs of a single residence is the privy, in some cases 
fitted with removable containers or pails. Chemical closets are also used in 
which deodorization and disinfection are accomplished by caustic chemicals. 
Such methods are safe if suitable’care is used; but are not applicable for houses 
provided with water supply and plumbing fixtures, for which a common means 
for disposal of sewage is the Cesspool. There are two types, the tight cesspool 
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and the leaching cesspool. The former has the serious disadvantage of filling 
up rapidly, necessitating frequent emptying if overflow and objectionable 
conditions are to be avoided. ‘Lhe leaching cesspool permits the seepage of 
excess liquids into the surrounding soil and constitutes a satisfactory method 
of disposal where the soil is porous and the ground-water level below the bot- 
tom of the cesspool. Usually the earth around a leaching cesspool becomes 
clogged in course of time and emptying becomes necessary as in the case of a 
tight cesspool. There is also danger of the contamination of ground-water 
supplies derived from wells in the vicinity of such cesspools. 

Where cesspools alone cannot be used, tight settling tanks followed by 

secondary means for the disposal of the excess liquid can be adopted. 
The commonest form of settling tank for small disposal plants is the so- 

called Geptic Tank. Such a tank is usually constructed of reinforced concrete, 
of capacity sufficient to provide a detention period of from 12 to 60 hours, the 
usual allowance being about 24 hours. The effluent from these tanks is dis- 
charged intermittently to the secondary treatment plant, by means of a dosing 

tank equipped with an automatic siphon. Ready-built commercial septic 

tanks of tile or iron should be used only if of adequate capacity and suitably 

arranged, particularly if no provision is made for intermittent application of 

the effluent to subsurface filters or trenches: The following secondary means 

of treatment are applicable: leaching cesspools, filter trenches, subsurface 

sand filters and open sand filters. 
Filter trenches contain a series of pipes laid from 1 to 2 ft. below the surface 

of the ground, with open joints so that the settled sewage may pass out into 

the gravel with which the trenches are refilled, and thence into the surrounding 

soil. The length of pipe necessary is estimated at 20 to 100 ft. per person, 

depending upon the porosity of the soil. Where the soil is so dense and im- 

pervious as to make the use of filter trenches or leaching cesspools impracti- 

cable, subsurface filter beds may be used. Such beds are constructed by exca- 

vating a suitable area to a depth of about 4 ft. and backfilling with sand and 

graded level to a depth of about 3 ft. covering the top with about a foot of 

loam. The settled sewage is discharged through tile pipe laid with open 

joints at the surface of the sand, and the whole bed is underdrained. The 

size of bed should be sufficient to provide from 1 to 2 sq. ft. of surface area for 

each gallon of sewage per day, depending upon the strength of the sewage and 

the fineness of the sand. For residences, the area should be between 25 and 

90 sq. ft. per capita and for day schools the requirement will be generally 

between 12 and 20 sq. ft. per capita. P 

Open intermittent filters can be adopted for large residential and institu- 

tional plants providing proper isolation can be secured. These filters are 

similar to the intermittent sand filters employed for the treatment of municipal 

sewage. The loading adopted for residential filters is usually less per acre 

than in a municipal plant because of the greater percentage of sediment car- 

ried upon the bed and the likelihood that it will receive less careful operating 

attention. The usual allowance for rate of treatment is in the neighborhood 

of 40 000 gal. per acre per day, the population served ranging from about 650 

to 1000 persons per acre. 

16. Industrial Wastes 

There are almost as many kinds of wastes as there are industries and each 

industry has its characteristic wastes varying in quality and in quantity. In 

some industries the wastes are relatively unobjectionable or smal] in quantity. 

In other industries the wastes may be large in volume or extremely objection- 

able, or both. A convenient classification of industrial wastes is according to 

the nature of their principal constituents, namely animal, vegetable or min- 
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eral. The putrefactive quality of the several kinds of constituents are approx- 
imately in the order given. 

As a matter of fact, many wastes are combinations of more than one class. 
Silk mill wastes contain animal gums from the silkworm cocoons, vegetable 
oils from the soaps and tin salts from the weighting process. Tannery wastes 
contain animal fleshings, tan bark extractives and spent lime. 

The effects of pollution by industrial wastes are similar to those of sewage. 
Generally speaking, danger of infection from industrial wastes is probably 
less than from sewage, because many industrial processes involve treatment 
by heat or by chemicals which are germ-destroying. Furthermore, apart 
from the sewage from the industrial buildings, the materials in wastes are not 
such as are likely to carry bacterial infection. On the other hand, some 
wastes, like tannery wastes, may constitute a greater hazard to cattle than 
does sewage, due to the possible presence of anthrax germs. 

Some industrial wastes contain quantities of froth-forming constituents, 
which when discharged into streams produce unsightly and persisting scum, 
objectionable to bathers and to boat owners. Other wastes high in coloring 
matter bring about unsightly discoloration. Wastes containing highly 

putrescible organic matter, animal or vegetable, decompose and exhaust the 
dissolved oxygen content of the stream, with resulting production of offensive 
odors. Wastes with large quantities of settleable solids form sludge deposits, 
which if organic in character undergo decomposition, and as this: decomposi- 
tion proceeds masses of offensive slimy material rise to the surface. Chemical 
wastes may have a direct destructive action upon fish life, either as a result of 
poisoning or by clogging of gills. Oil wastes form unsightly sleek and scum 
and hinder the natural reaeration which exposed water surfaces normally 
undergo. Phenol wastes from gas plants or from coke by-product recovery 
plants, reaching water supplies even in minute quantities, have frequently 
been the cause of medicinal tastes, particularly where the water is chlorinated. 
This type of pollution has been of great annoyance in the case of the Great 
Lakes cities of Milwaukee, Chicago and Cleveland. 

Treatment of Industrial Wastes requires much the same methods as for 
sewage, although with some particular types of wastes special adaptations are 
required. Chemical precipitation, although now practically abandoned for 
the treatment of sewage, remains a very valuable method for the treatment of 
certain wastes, such as those from tanneries and paper mills. Screening and 
plain sedimentation are also employed for the removal of solids. Where a 
high degree of purification is required intermittent sand filters are used, and 
trickling filters, also, are of value. The activated sludge method has been 
tried experimentally and found capable of satisfactorily treating certain 
wastes such as tannery, packing house and beet sugar wastes. The acid 
crackling process for the treatment of wool scouring liquors has been employed 
successfully for many years. Chlorination has been practiced with tannery 
wastes for the destruction of anthrax germs. Controlled dilution, using stor- 
age ponds for conserving flood flows, has been employed in some cases, with a 
view of reducing the extent of treatment otherwise required. 

The disposal of the sludge produced in the treatment of industrial wastes 
constitutes a serious problem. It is sometimes found feasible to utilize some 
of the sludge, as for instance cellulose fibres from paper mill wastes or from 
rubber reclaiming plants. In certain cases the treatment of industrial wastes 
has resulted in the recovery of materials of value, and the possibility of such 
recovery should always be considered in connection with wastes treatment 
problems. It is important, however, to avoid overstressing the profit pos- 
sibility of wastes treatment, to the extent of overlooking the fact that the 
primary purpose is to prevent stream pollution, not to make profits. 
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REFUSE COLLECTION AND DISPOSAL 

1. Municipal Refuse 

Municipal refuse consists of the following classes of waste material: 
garbage, rubbish, ashes, street sweepings, stable refuse, offal or market refuse, 
dead animals, and industrial refuse (including waste building materials). 
The first three classes are those with which householders are concerned chiefly 
and they constitute the principal part of municipal refuse. 

The municipal refuse of North America and Europe differ so greatly in 
composition that data from one continent should be used in design problems 
on the other only after making certain that conditions are comparable. This 
is due to differences in climate, habits of diet, methods of house heating, 
wrapping of merchandise and thrift of the inhabitants of the two continents. 
In England, for example, all three types of household refuse are stored in the 
same receptacle and collected in the same vehicle. This mixed refuse is 
known as ‘‘dust’’ and the collectors as ‘“‘dust men.” The contrast between 
this material and wet American refuse in the watermelon and corn season in 
the middle West is marked. In order to avoid misleading American engineers, 
no data regarding European practice are given herein. 

Garbage is defined by the Committee on Collection and Disposal of Gar- 
bage (Sanitary Section, Boston Society of Civil Engineers) as the solid animal 
and vegetable waste matter produced wherever food is handled raw or pre- 
pared for consumption. The report * of this committee defines the principal 
terms used in dealing with collection and disposal of garbage. Frequently, as 
collected in municipalities, garbage includes more or less rubbish. There is a 
marked variation in the character of garbage produced in different cities, 
owing to differences in local conditions. It is difficult to secure representa- 
tive samples for analysis because of the heterogeneous character of the 
material. Few available analyses cover periods of more than a few weeks and 
the results, therefore, show the composition only under stated conditions, and, 
due to the wide variation in character with the seasons and according to the 
localities collected, such analyses may differ widely. Garbage reaches the 
municipal collection vehicle in varying degrees of decomposition depending 
upon the frequency of collection, the state of the weather and the degree of 
cleanliness of the household. The Moisture Content in general lies between 
68 and 80% by weight. The quantity of Grease in garbage varies approxi- 
mately from 1 to 7% of the weight of raw garbage. As grease is derived 
principally from animal matter and as less meat and more vegetables are 
ordinarily eaten in warm weather, the proportion of grease in the garbage 
varies with the seasons, climate and habits of eating. The unit weight of 
garbage varies widely, due to the differences in habits of the population, the 
season, rainfall and the character of the collection service. In general the 
weight of a cubic yard of garbage lies between 900 and 1200 lb. An average 
unit weight frequently assumed is 40 Ib. per cu. ft. (1080 Ib. per cu. yd.). 

Rubbish includes many kinds of waste material, such as newspaper, wrap- 
ping paper, boxes, cans, crockery, rags, rubber, leather, wood, brick, glass- 
ware, tinware, lawn and brush clippings, much of which material is combusti- 
ble. The bulk of individual pieces varies greatly, from dust to articles as 
large as bedsteads and automobile fenders. Frequently, as collected in 
municipalities, rubbish includes more or less garbage and ashes. Much of the 

* Jour. Boston Soc. C. E., 1927; 14, 305. 
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material is of light weight and is easily blown about by the wind. The Unit 
Weight of rubbish is much less than that of either garbage or ashes, generally 
ranging from 125 to 250 lb. per cu. yd. An average unit weight of 200 lb. 

per-cu. yd. is frequently assumed. 

Mixed Refuse is a term used in this country to include garbage and rubbish 

but not ashes. 
Ashes, as collected in municipalities, commonly have mixed with them more 

or less rubbish, especially tins and bottles,and frequently some garbage, but 

the major portion of this material consists of household ashes. The charac- 

ter varies with the geographical location, type of fuel used in houses, the sea- 

sons, the degree of separation and method of storage of household refuse and 

the fréquency of collection. 
Ashes as collected are generally dry and very dusty. Where stored in the 

open in wet weather the moisture content is greatly increased. T he Unit 

Weight is usually slightly greater than that of garbage, lying between 980 and 

1350 lb. per cu. yd. 

Street Sweepings consist of the refuse which accumulates on the surfaces 

of streets and sidewalks, including the droppings from horses and other ani- 

nals, miscellaneous litter thrown upon the streets, material carried by wheels 

from unpaved to paved streets, leaves, and sweepings from buildings and side- 

walks. Street sweepings may be used as fertilizer due to their content of nitro- 

gen, phosphoric acid and potash, but their value is not great, and they are 

most commonly utilized in covering over the surface of dumping grounds. 

Dead Animals, Offal and Market Refuse must be promptly collected and 

disposed of to avoid their giving rise to offensive odors. Offal from fish 

markets is offensive even when handled promptly. Frequently. the parties 

producing offal and market waste can be required to attend to its collection 

and disposal. 

Industrial Refuse is of many kinds; some partly combustible and some non- 

combustible. Examples are boxes and package materials, steam cinders, 

blast furnace slag and waste excelsior. Little of this type of refuse enters into 

the problem of municipal collection and disposal because it is commonly con- 

sidered the duty of the manufacturer to dispose of such refuse. The same is 

usually true of stable refuse, which, is of some value and generally can be sold. 

2. Quantity of Refuse 

Garbage. The quantity of refuse produced varies widely in different cities 

and from day to day and from season to season in a single city. The table 

at top of next page gives the annual per capita production of garbage, rubbish 

and ashes in several municipalities. 

A reasonable figure for the average production of garbage in the larger 

cities in the northern portion of the United States which are not affected by 

peculiar local conditions, is about 180 lb. per capita per year or 0.5 lb. per 

capita per day. 
Other things being equal, it is evident that the quantity of garbage in 

southern cities where fresh vegetables and fruit are cheap and abundant will 

be greater than in northern cities. The wealth of the population has a marked 

influence on the production. The following table which shows the difference 

in this respect between three manufacturing cities and three residential cities 

in Massachusetts is taken from the 1926 report of the Massachusetts Depart- 

ment of Public Health. 
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Quantity of Municipal Refuse in Pounds per Capita per Year 

Municipality Rubbish 

Alcon sO sae 3 Ho) es a ie ei ek ROO Lal) ont ad nae | Le oe ee 
TAYITEZLOM, ASS. s Ses ct as or soto eee 1924 745 32 
Belmorts NEASS: J<.o5 <n aiedec.e a6 cee 1926 7 ASS) eee toe eee 
Brookline, Mass: 200.978) 2.021 1924 337 1920 132 
Buffalo (Ns Wiss eh) eaten HIISIG=24) Hat 2G uw Hepes lanes: GEOL IE 

bieieh eis ile pestores 117 
Cam bridge, Mass... sesiaede08 dese ees 1800 55*. 
Cooly MBs. ORIG 3. forsee eeiailsincaon sis Gaus 1926 1 ERE ERT EE (AEN SL 
DAU TOMs MMIC Kiwaite oc saraies. cee ice 1925 CS at SAPs! | EE 
Taye MLASGs 5:0! x sinc soe Sie asetae Foie 1924 183 POM Yager cee 
Medford} Nrass.2 7... CPP ae 1924 201 1055 79 
Milwaukee, WESOS TI! SUEUR AL IR 1924 164) SH QFAY IW Shem 
New Bedford, Mass.............00005 1926 188idab whsusolSe3 OTR 
NewtonsMassiuw.iastc. cadens os cee 1926 4. «290 “|. bye ceo: abe 
Pawtucketi Rev rede 4s. cr0 wie blatdatee 1926: den 285 PAs Aan Vee 
Rochester INGY Aaah Lae 8 1600 101 
Somerville; Mass sisi.) fae ele ou siesles ee 1445 102 
Springfield, Mass, .(uss< 00s «99:97 seo 125 
'Washing tan. sr Cyn Are a ln es rs a De Ta RS a SS EOS (RR ap erseas 
Watertown, Mass......... <5 ete POE Pe AL ee De Cae 7 a ae 
WOT CEStCr a MBS Sc. y' so cslun an sweta erg Too ae kde? eel ee ee 

* Light refuse. 

Garbage Production in es ee | and Residential Cities 
in 1924 

Manufacturing | Pounds per capita Residential Pounds per capita 
Cities per year cities per year 

185 337 
123 278 
206 276 

171 297 

Economic conditions have a marked influence, more garbage being pro- 
duced in good than in bad times. Nationality may also affect the garbage 
production, since most foreign-born inhabitants are less wasteful of food than 
native born citizens. In stormy weather uncovered receptacles collect rain 
and snow, thereby increasing the weight of material to be collected. In rural 
communities a portion of the garbage is sometimes disposed of on the indivi- 
dual premises by burial or feeding to hens or pigs, thus reducing the amount 
to be collected. With efficient service and frequent collections, a greater 
quantity of garbage is collected than where service is inefficient and collections 
infrequent. When garbage is wrapped in paper in the household a greater 
volume is collected due to the wrappers which are included. On the other 
hand a substantial amount of moisture is drained off before wrapping which 
tends to reduce the moisture content and weight. 

There is'a great seasonal variation in production due to the consumption of 
fruits and vegetables, particularly melons and green corn. ‘This seasonal 
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Monthly Variation in Quantity of Garbage Collected, Expressed in 
Per Cent of Average Monthly Weight Collected in 1926 

Month Brookline *| Rochester 

ANAT Sasa cle es Reb ilonbs oe dloye ae 82 
| CRE So Re Ae oar ee | acre Se Ne Raat 66 
ERASE es fit cee Que ots Be eRh «oan Bie 83 
EE Te TA ee LTE Fae eae ah 86 
eee bee Pe ee oy, we 84 
I aa a x Sao cis Shee a we 0 alapicpiccho.> a Si 99 
NSU eta ae ese Ae emt cls ole chase 107 
PROMS, aC Obert cts SAE sek Ompegrte cs oars sp 113 
Septem ben. 4c aa. os bee eee dee ae ye 140 
NCCE os tags agian = Plain ieee s «(Me siege y 141 
| ARE REDE OE loaT ale Sak bie Rnkainl i> chats We ap 104 
ioe Sr See Sega ee ee, eee 95 
| Bsizmated POPUIATION : 5 5.50. tien nlale2 + v2.0 209 000 320 000 

* Residential suburb of Boston. 

variation is illustrated by the table above, in which minima and maxima of 
60% and 167% occur. The range differs materially in different cities. The 
variation in the quantity of garbage collected in short periods is illustrated 
by the next table. 

Variation in Quantity of Garbage Collected in Short Periods 
(In per cent by weight) ‘ 

Buffalo Rochester 

| Daily AVETALCHON Veal crore te cs ste nti e 100 100 100 

Maximum four weeks. .......0i).020..6- 135 155 171 
IMaxingum! weeks. 00+ fi). WOR OSE 150 162 181 

| Maximum dag: Weer Pa Lisp ORR 088254 « 169 167 197 

Rubbish. The quantity of rubbish collected varies substantially in different 

cities, as is illustrated by the table on page 1752. The per capita production 
of rubbish is greater now than it was a generation ago, due to changing 
customs such as the use of package goods and the great increase in size and 
circulation of newspapers and magazines. Furthermore, the average American 
family is probably more wasteful and discards more materials now than 
formerly. Other things being equal, a well-to-do residential city will produce, 
more rubbish per capita than a manufacturing city. The amount of rubbish; 
to be disposed of by municipalities increases with the efficiency of the collec- 
tion service. The seasonal variation is not great. It is shown for several 

cities in the table at top of page 1754. 

Ashes vary in quantity with the climate and the season, although practically 
every city will produce a considerable quantity of ashes even in summer. | 

The type of fuel used for heating and cooking has a marked influence on the, 

ash production; for example the production is high in New England where! 

anthracite commonly is burned, while it is low where bituminous coal is used 

and even lower in the natural gas districts. 

The number of small dead animals (mainly cats and dogs) to be disposed of 
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Monthly Variation in Quantity of Rubbish Collected in Per Cent of 
Average Monthly Quantity (by weight) 

1921 

80 
73 
91 

102 
116 
110 
100 
93 

109 
121 
100 
105 

Buffalo Cambridge| Lynn Rochester |Somerville|Springfield 
1924 1924 1926 1924 1924 

95.4 112.0 82 112.2 99.7 
95.4 94.3 76 90.5 86.5 

97.9 98.5 92 13232 90.1 
102.0 106.8 107 91.9 113.8 
104.1 94.2 93 108.4 SET 
92.7 96.4 110 90.5 96.3 

105.7 106.8 100 115.9 120.4 
103.6 93.5 105 112.2 94.6 
106.3 104.6 107 90.5 93.9 
111.8 Pe) 124 97.1 117.0 
90.3 91.0 99 92.8 92.4 

95.6 106.5 105 95.6 99.7 

varies widely in different cities, as well as from month to month in the same 

city. In general, there will be more dead animals during the summer months, 
owing chiefly to the detrimental effect of hot weather upon dogs. 
societies frequently deliver large numbers to the city for disposal. 

Humane 

The fol- 

lowing table gives the number of small dead animals collected by the municipal 
forces in three cities: 

Number of Small Dead Animals Collected 

Akrony Ohio... 820s cat beds 
Milwaukee, Wis...2........-. 
Rochester; N.Y: feb. coke coe 

Number of dead animals 
Year Population 

(estimated) Total Per thousand 

population 

1926 215 000 3101 14 

1919 450 000 3 536 8 

1926 320 000 20 865 65 

The following table gives some data concerning the quantity of street 
sweepings collected and the area of streets cleaned: 

Quantity of Street Sweepings Collected per Year 

Total ne capita | Million 
t quantity of | quantity of | square | 

City epi street street yards | 
Pop sweepings, | sweepings, | cleaned 

cu. yd. CU. sft. 

285 000 37 604 3.56 203 

790 140 77 350* 2.64% 243* 

Chicago 3 074 382 354 953+ 3.127 20927 

Washington, D.C... SUTIN OO 1 Naas Come: cn se eee I 2736 

* Figures refer to paved streets and macadam gutters only. 
} Figures refer to streets cleaned by hand only. 
t Year ending June 30. 
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3. Household Handling and Storage 

It is essential to the maintenance of sanitary conditions for each householder 
to fulfill his obligations with respect to the care of garbage, rubbish, and 
ashes. Of primary importance is the separate storage of the different classes 
of refuse. Their mixing may give rise to offensive, insanitary conditions and 
to serious fire hazards. Wrapping of garbage in paper is desirable from the 
standpoint of household sanitation. 

? 

Containers for each class of refuse should provide sufficient capacity to 
store the accumulation of that class of material between collections under con- 
ditions of maximum production. Garbage pails should vary in size accord. 
ing to the number of persons in the family, but, as a rule, no pail should be 
used having capacity in excess of about 12 gal. Where greater capacity is 
required, additional pails should be provided. For ashes, no container should 
have a capacity exceeding about 4 cu. ft., as this represents the maximum 
weight that can readily be lifted by two men into the collection vehicle. It 
is generally advisable for each householder to haye not less than two ash cans, 
Galvanized iron is probably the most suitable material for garbage pails and 

rubbish and ash cans, since it can be kept clean with comparatively little 

difficulty. Garbage pails should be provided with tight covers. On account 

of the serious risk of fire, ashes should neyer be stored in wooden barrels or 

other combustible containers. 
It is usually advisable to store garbage pails on the rear porch or in the back 

yard, where they are readily accessible to both householder and collector, and 

where sunlight and fresh air have access to the surroundings. Ashes and rub- 

bish, on the other hand, are generally stored in the basement, but combustible 

rubbish should not be kept near the heating plant on account of the fire hazard. 

It is not wise to place ashes and combustible refuse in the same container, 

because of the danger of fire. Neither is it desirable to mix garbage and rub- 

bish, because of the increased volume of foul material stored and the increased 

number of containers to. be kept. clean. The admixture of hot: ashes with 

garbage may result in offensive odors; moreover, if the mixture of ashes and 

garbage is disposed of by filling waste land, the dumps may become infested 

with flies, rats and other vermin. 

Regulations. In order to promote cooperation between householders and 

collectors, simple regulations for the household care of garbage, rubbish and 

ashes should be printed on cards and delivered to every household. If such 

regulations set forth clearly the conditions under which refuse collections are 

to be made, the number of needless complaints on the part of the householders 

will be greatly reduced, and the disposal of refuse will be simplified. All 

complaints should be investigated immediately, and if they prove valid, 

prompt remedial measures should be taken. 

4. Collection 

Separate vs. Mixed Collection. Collection of municipal refuse may be 

classified either as separate or mixed collection. Separate collection necessi- 

tates independent storage in separate containers by the householder and 

independent collection of each of the different kinds of refuse. Mixed collec- 

tion does not require household separation, although it can be adopted even 

ifthe different classes of refuse are separately stored by the householder. 

Which collection method should be adopted by the municipality depends upon 

several factors. Each method has both advantages and disadvantages. Sepa- 
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rate collection is essential if attempt is made to obtain profit by salvage of 
material and recovery of by-products, or if disposal of the three principal 

classes of refuse involves use of ashes and non-combustible materials for fill, 
the incineration of combustible rubbish and the reduction or feeding to hogs 
of garbage. Mixed collection brings about a thorough mixture of garbage 
and rubbish, which may be of some advantage where disposal is by incine- 
ration, although the whole mass of material may become moist and difficult 

to burn. In some cities, particularly those with large foreign populations, 
it is difficult to secure proper separation of refuse by householders. 

Separate collection has the advantage that a much smaller bulk of offensive 

material accumulates in periods of interrupted service. After such inter- 
ruptions concentrated effort upon the collection of garbage alone would be 
much more effective as a measure of household sanitation than if a much 
larger accumulation of mixed refuse had to be collected. 

With separate collection the methods of handling by the city as well as the 
householder and the equipment used in collection must be adapted to the 
kinds of refuse. Collection vehicles can be made of such material and so 
designed as to be easily and quickly cleaned and covered. In the case of 
mixed refuse the collecting vehicle must conform with the sanitary require- 
ments incidental to the collection and transportation of the wet offensive 
garbage, whereas with separate collection the vehicles for rubbish and ashes 
may be of a different type suited to the much greater bulk of light rubbish, 

Number of Collections of Garbage per Week in Twenty-six New 
England Municipalities 

Restaurants and 
Residences hotels 

Municipality 

Summer | Winter |Summer | Winter | Summer | Winter 

Cambridge....... 
Concord, N. H.... 
Everett, 0. ...000. 
Fitchburg. ...... 
Framingham..... 

Gloucester.,..... 

EVD inh heats 

North Andover... 
Norwood........ 
Pawtucket, R. I.. 
PIttsield. Pin sekoen 

SaleMs...<..6 ssielens 
Somerville....... 
Springfield....... 
Stoughton....... 
Swampscott...:.. 

Watertown...... 

Westfield........ 
Worcester....... NOHNHNH KN FUN RFP HHH NN RR De DNF tO OW Re SINIDWATDWNAWATNAWWNHWAUDO OA WWRHWHADA YUEN WWRTNAN WRATH OO TINH WADA 

2 
1 
3 
3 
1 
3 
2 
2 
3 
1 
1 
3 
2 
2 
2 
3 
2 
3 
> 
2 
2 
2 
2 
2 
2 
2 SND NTA ANH AIAN AW WH SNR DD OTR ATION & 
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and with less rigorous requirements as regards ease of cleaning, watertightness 

and covers. 

Frequency of garbage collection should be governed by considerations of 

sanitation, householders’ convenience and cost. In winter it depends more 

upon conditions of storage on the householder’s premises than upon decom- 

position and odors. In cold weather frozen garbage often occupies a portion 

of the outdoor containers, thus reducing their effective capacity. In dis- 

agreeable weather the collector occasionally skips some houses, and during 

very severe storms or heavy snows the collection service may be interrupted. 

In many municipalities daily collections of garbage are made from restaurants, 

hotels and markers, because of the large quantities produced. Such collec- 

tions are frequently made by crews and equipment specifically assigned to 

that duty. The general practice as regards frequency of garbage collection in 

New England municipalities is indicated in the table on page 1756. 

Practice in regard to rubbish and ash collection is not nearly as uniform as 

in the case of garbage collection. While many cities have frequent and regu- 

lar collections of rubbish and ashes, both in winter and summer, many others 

do not collect either of these types of refuse. In many cases periodic collec- 

tions are made from once a year, generally in the spring or the fall, to three or 

four times per year. The table below shows the frequency with which ashes 

and tubbish are collected in the residential districts of various cities. 

Frequency of Collection of Ashes and. Rubbish in Residential 

Districts 

Number of collections per month | 

Municipality Ashes 
Rubbish 

Summer | Winter 

eA ee eet Ca ae. Ps SALA? es 

Buffalo, .N..V.0-.-- 624-0 e008 Late <A -% waet oe 4 8 4* 

Indianapolis, Ind......-.-+seerereseeeeeeere 2 4 x pia 

Milwaukee, Wis....---+-s+e+ers a SPA 1 1 Pe a 

Montclair, N.J...-.--+ ese cccececseesserees 4 4 4 

Richmond, Va..... 2... eee cece esse errr erees 4 4 4 

Rochester, N. ¥....---ccecscecrervcererrers 2 4 4 

Salt Lake City, Utah......-++ sence ee eeenens 4 4 4 

ISeattle, Wash......----ssereeeewreese ASP 
4 4 4 

* 8 Collections per month in summer. 

Frequently ashes and rubbish are collected daily in business districts. 

Collection Districts. In devising a system of refuse collection for a given 

municipality, it is generally wise to divide the territory from which collections 

are to be made into a number of districts, each one of which shall represent 

the area to be covered by one collection crew in the course of say a week. If 

ashes, rubbish and garbage are to be collected separately, it may be necessary 

to have different numbers of districts for the several classes of refuse. More- 

over, if the frequency of collection of any class of refuse is to vary with the 

seasons, it will be necessary to have, for such refuse, a different number of dis- 

tricts in summer than in winter. The total number of districts for one class of 

refuse will depend largely upon the total production of refuse, the frequency of 

collection, the type and size of collecting vehicle, the number of men per 

vehicle, and the average length of haul to transfer station or point of disposal. 
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The relative sizes of districts will depend upon local conditions, involving 
such factors as density and character of population, number of miles of streets, 
grades of streets, and distance from transfer station or disposal site. 

Each district may be subdivided into a number of routes, representing the 
territory to be covered by one collection crew on each day of the week. If 
each collection crew works regularly in the same district and follows the same 
routes, the men soon become familiar with the location of all refuse containers, 
which promotes speed and thoroughness. 

Transfer Stations. Except in small municipalities or where refuse is dis- 
posed of at centrally located sites, it is necessary to provide transfer or loading 
stations, or to relay the refuse as by the tractor-trailer system. Such stations 
should be as centrally situated as is consistent with suitable isolation. Struc- 
tures should be of durable, easily cleaned, material. Long storage of gar- 
bage at such stations should be avoided and cleanliness should be enforced. 
Grounds should be maintained in neat and attractive condition. 

Vehicles. There are in general use throughout the country at the present 
time three types of vehicles for refuse collection ; namely, horse-drawn wagons, 
motor trucks, and trailers drawn by horses during collection and picked up, 
when loaded, by motor tractor-trucks, for hauling in trains to the point of 
disposal. Local conditions determine in each case which type is best adapted 
to the collection of the class of refuse under consideration. 

Consideration should be given to such factors as the time spent in actual 
collection, the time spent in transportation, the cost of motor trucks while 
operating at low speed with house to house stops and while operating at 
high speed fully loaded, expense of chauffeurs, whether or not chauffeurs 
help in collections, the number of men per vehicle, the size of vehicle, 
the traffic problem presented by trains of trailers, the necessity of 
brakemen or flagmen on trailer trains, criticisms by the public of parking of empty trailers and trailers loaded with refuse throughout the city. In some cases it may be desirable and economical to use different types of vehicles for the different services, and different types of vehicles for the same service in 
different: portions of the same city- 

Experience shows that vehicles of many sizes are used, varying from one cubic yard capacity up to as much as twenty-six cubic yards capacity in the 
case of rubbish wagons. 

Express Service for isolated markets and lunch rooms requiring daily gar- bage collection and for the collection of small dead animals is often satisfac- torily provided by one-ton, trucks. 

Organization. A comprehensive organization for the collection of refuse includes the following subdivisions under one or more superintendents: collection gangs respectively for garbage, rubbish and ashes, inspectors, clerks, repair gang, and either stable or garage force, or perhaps both. The collection gangs are made up of teamsters or chauffeurs and helpers; the repair gang includes mechanics and helpers; the garage force includes men who wash the vehicles, and the stable force consists of veterinarians, barn men, harness makers, blacksmiths and watchmen. The majority of the personnel is actively engaged in collection. 
The principal duties of the clerks are those of receiving and tabulating com- plaints, time-keeping and record keeping. If such records are kept in con- siderable detail, they are valuable in checking the efficiency of the individual collectors and in studying ways to improve the colléction system as a whole. Fig. 1 shows‘a summer organization chart prepared in 1927 for Akron. 
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The following table from the report of the Boston Society of Civil Engineers 

Committee shows the equipment and personnel comprising the garbage col- 

lection gangs of 16 New England municipalities: 

Equipment for Collection of Garbage in Certain New England 

Municipalities, 1926 

One-horse wagons Two-horse wagons 

Municipality Nata Capacity,| Men Men 

eT! cu. y per unit per unit 

TER Ul Desa Geese nese Eascere | (SESS i iii enel Bl Ts <heaet (eae aces 

Brocklons siges> aso totem 16 135 1 

raglan ters caic os ace ofnies > pastes emares'e a Bron Seeeeood) poe saaom poodGor 

Cambridge-............ 22 2 (HAG ABO, ero: Soa oes Ono 

GonpocdiNe Hcshaae sui [oeas se sid or seis er fam acne [pine oe eieleifeteebiss Ser} cisteiaes 

Bitchburgscs-. ia- eens 2 2 2 

See Se oe Rca be soemece | Bac zsonOra iy air oa Coa 

EIEN oes be ie v0 ale ain 5 13 2.4 aol 3 eae tae Beep en lomncb 307 

New Bedford.......... 1 2 1 

Mewton.....2ce-e ss «+ 17 2.4 1 : 

Pawtucket) Ratosy cis. [eceiop- fare egens |e sees tty Pee | ee ieee 

Salem. 255 aicl= «se ole ess 13 12 Oe A ene apoleer Borie Sacsce.on. 

Sontervilled. wc o:a ciesis'e fo dinte wieb= «ff otrice Ciaa nifnre a2 *5e oP ; 

Springfield.......----+- 2 323 Z 

Wa lertOWls o.c.<inc o-sie'sio.0 fore mysrieb oiel> wie a oie.) tr sins > 

WT ORCESECK food pd fe e.esicye |= mm rie ole pilete eres pest sme 2 St 

Motor trucks Collection 

feta Nuseived SoS hed be capacity 

Municipality 
per 1000 Covers 

Number Capacity,| Men population, 

cu. yd. |perunit| cu. yd. 

Belgiont. o-oo 0 ccc <5 1 OO a ah aI 1.65 % Ft YORE, : ; 
anvas, trucks; 

Brockton...-..+-+++-9- 2 3 2 0.50 { Wood) pragous ’ 

Brookline.....+++++++ { - Moog } 3 0.41* | Canvas 

Cambridge.....+.0«-.+-. 2 a) 4 0.46 Canvas and wood 

Concord, N. H.......-+ 2 125 2 0.13 Steel 

PP EEGHDUTE = aieye.c er 6 vie wien 2 525 3 0.42 Canvas 

Framingham.........-- 2 4.7 2 7” ie eal | CaM AGEATIOIO + 

yin: Prue orate nese eco | eccccccde os Te 0.30 Wood 

New Bedford steele taf tatele cles = fore diene ont [Faw ange 0.32 Canvas 

Newton......-- eetesie { : - i } eeokere hae Wood and canvas 

Pawtucket, R. Leeswcsisienc|aye or sini oifvirieoieeeieic cin ss" 0.22* |Wood 

ONE «isle one sere ans om 9 ; (eae ERSPERSICRCICECR CACSCRCICIAOID | OR ae ais Oeicoat Wood and iron 

Somerville. .crsesec ss efoedereci|pneccce- (ure igs? 0.47 Canvas 

Springfield... ccsecero-|oederce-[es
ere sec iers sare 0.31 Canvas 

Watertown..--+++-++ an 1 4.7 ae 0.66 Canvas 

Worcester. .--++eeerees 8 3* 3 0.32* |Canvas 
ee 

* Net tons (2000 lb.) 

Cost of Collection. Records indicate a wide variation in the annual per 

capita cost of collection of refuse throughout the country, due to differences in 

methods of collection, frequency of collection, degree of thoroughness with 

e 



Refuse Collection and Disposal Sect. 18 1760 

YV
HO
 

N
O
I
L
V
Z
I
N
V
O
Y
O
 

Y
A
A
W
N
S
 

T
V
S
O
d
S
I
G
 

G
N
V
 

N
O
I
L
O
A
T
I
O
N
 

AS
AA
TH
 OI
HO
 

"N
OU
NV
 

4200 1 

oud 

pory 

% 

HO 

UDYOH 

Z 

wednod 

p 

SO
PA
L 

OL
 

Q
M
S
 

V 
do

ys
 

S
Y
N
G
E
 

BT
 

Av
od
oy
 

‘o
fy
an
s 

7 
‘s
oy
D.
9W
io
uy
 

do
ys

 
si

od
vy

 
P 

bv
an
g)
 

T
o
o
 

WO
y 

40
f 

¥4
91
D 

1 

UD
MA
LO
.Y
 

10
)D
L0
UI
UT
 

T 
3
1
 

84
02
04
) 

U0
9 

WO
Al
 

Pa
st

y 
24

0 
Wo

1}
29

)}
09

 
ys

D 
40
f 

Wa
as
oy
 

Mu
os
 

‘
m
M
N
S
 

U
T
 

ounel 
8 

sayeuDny 
§ ssodyayy 
8 

S4apiDal 
26 

uDUYyrDM 
1 

ssadpayy 
9 

dodpy 
#.yprusyonjg 

1 
Anafinny 

| 

YIMEYNT 
| 

(umoqumog) 
yon 

1 
U
I
 
UAng-sapsunay 

% 
B
E
R
:
 

s
u
a
d
 pay 

98 

r
a
e
 

fl 
sunognvyy 

y |
|
 84"2H"PHO 

21 
S
A
I
D
 

B
I
I
U
A
D
T
 
J
 

s
o
n
o
,
 

p
 

N
A
A
N
 

A
o
u
u
n
g
 

uptpuLs9)94 
[| 

o
o
n
,
 

S
M
A
,
 

shuvg 
worjoaijop 

ut peso) 
4 euDal 

BD 
shuvy 

worjoapog 

ne
rs
 

1s
 

wo
n|
 

|
 

"A
PI

S 
IS

 
wo

rs
uy

or
 

S
T
H
S
V
 

HS
IA
IN
dt
 

sa
na
fi
nd
y)
 

& 
S
4
2
0
 

4O
VO

L]
, 

§ 
s0
j;
re
de
uy
-u
ru
as
og
 

1 
uD

ma
Lo

y 
21
95
 

sy
ur
pj
dm
og
 

spsovay aun 

HAND 

L 

F
O
N
 

V
N
A
L
N
I
V
W
 

sv
od
)a
H 

& aneynny) 1 (umojumog) yon4ay 

sad 

jay 

% 

SA
na
ff
ND
YD
 

2 

s
y
n
d
y
 

Ss
aa

dr
y 

% s
u
p
a
 

vb
 

$4
0)
98
))
0)
-L
a)
st
uD
al
 

bf
 

s
u
o
b
o
y
 

bp
 sung WoN7)}0) 

s4
0p
oa
ds
us
-U
uD
Ud
so
g 

Z 

sp
ow
lu
y 

pr
eg
 

Sp
ur
n 

u
r
)
 

44
91
 

IS
SY
 

Sp
ao
ra
y au
ay
 

W
A
S
 

V 

d
A
N
d
 

H
S
V
 

N
O
I
L
O
A
T
I
O
D
 

H
S
V
 

A
N
Y
 

HS
IG
GA
YX
 

~=
NO

IL
IT

TI
0D

 
F
O
V
A
U
V
D
 

pp
so
ds
iq
g 

pu
n 

uo
rj

oa
jj

09
 

a
s
n
f
a
y
 

f
o
 

y
d
n
g
 

so
rn

sa
g 

29
nd

 
fo
 

40
,9
04
4T
 



Art. § Miscellaneous Methods of Disposal 1761 

which the work is performed and methods of municipal accounting. In the 

more densely populated cities garbage collection costs are likely to range 

from $0.30 to $1.50 per capita under present wage scales (1928). Costs of 

ash collection are likely to have about the same range and costs of rubbish 

collection may be slightly lower per capita. 

Costs of garbage collection per ton, except for unusual cases, range from 

$3.00 to $9.00, depending upon efficiency, length of haul, type of collecting 

vehicles and other local conditions. Per ton costs of rubbish collection are 

likely to run slightly higher and costs of ash collection may run considerably 

lower than those for garbage. % 

5. Miscellaneous Methods of Disposal 

The burial of garbage by the individual householder is common practice in 

small municipalities in which no organized municipal collection and disposal 

service exists. If disposal by burial is made a municipal practice, the garbage 

should be placed in shallow trenches and covered with earth. In winter in 

the north this is difficult to accomplish. Isolated location for such practice is 

essential if conducted on a large scale. In order to keep the rate of application 

to land sufficiently low to bring about rapid and inoffensive decomposition of 

organic matter, large areas are required. 

Although, if properly carried out, burial is a reasonably safe and sanitary 

method for small communities, it is an expensive method for large cities. It 

is also extremely difficult to carry out jin such manner as to avoid nuisances 

from odors, rats, cockroaches and crows. 

Filling. This method consists of the deposition of refuse on low lying 

ground. Filling differs from burial in that the depth of fill is limited by topo- 

gtaphical considerations only, whereas with burial the depth is restricted to a 

few inches-in order to foster active decomposition. “This method has the 

advantage that several different sites may be utilized simultaneously in a 

municipality, thus reducing the cost of haul without greatly increasing the 

operating cost of disposal. It is the method most commonly used for ashes, 

and where ashes are collected separately it is a satisfactory method for their 

disposal. It is also frequently used for the disposal of rubbish and sometimes 

for garbage. 

For sanitary reasons, garbage alone should be disposed of by filling only 

under exceptionally favorable conditions. If mixed with ashes, earth or other 

suitable materials, the use of garbage for filling may be less objectionable, 

providing proper operation of the dumps is secured, but even under the best 

operation, objections are likely to be raised due to the breeding of rats and 

other vermin in the filled material. 

Dumps frequently catch fire, particularly where combustible refuse is 

present, thus providing a fire hazard, to nearby buildings. The odor and 

smoke from burning dumps are highly objectionable. , 

Blowing papers and clouds of dust may cause annoyance to adjacent prop- 

erty owners and traffic upon nearby highways. ; 

Some sea coast cities dispose of their \efuse by dumping at sea. The chief 

objection to this method is the stranding of garbage or rubbish upon beaches 

which are used for recreational purposes. This method is used to a large 

extent by New York City. Recently a large number of bottles were dis- 

charged at the regular dumping ground containing addressed post. cards, 

asking for information regarding the location where the bottles are picked 

up. The result of this investigation gave interes:ing data on the. distance 
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traveled by floating objects. A few of the bottles apparently floated 
southerly into the Gulf Stream and thence across the Atlantic to Portugal, 
France, England and Ireland. 

Salvage. There is a substantial amount of material of value in municipal 
refuse, as for example, paper, rags, bottles and cans. In rubbish dumps some 
of this material is commonly salvaged by individuals, occasionally operating 
under concessions from the municipality. Several municipalities have prac- 
ticed salvaging saleable material from rubbish prior t odumping or burning 
the unsaleable portion. In such cases the sorting is generally done on a travel- 
ing belt conveyor. Many cities have abandoned this practice but a few still 
carry it out, as for example, Washington, Baltimore and Rochester. Under 
recent market conditions salvage by American cities is of doubtful economy. 

6. Feeding Garbage to Hogs 

If properly carried out under suitable conditions, the feeding of garbage to 
hogs is a satisfactory method of partial disposal, particularly for the smaller 
communities. Under proper management and favorable market conditions, 
there may be an economic advantage arising from the conversion of garbage 
into pork. 

The selection of a suitable site for a piggery is of prime importance. It 
should be at such a distance from the nearest dwellings that there will be no 
ground for complaint from aerial nuisances. It should be situated on soil 
which drains readily at all seasons, preferably sand or gravel. There should 
be plenty of water available for washing and flushing, and good sewerage 
facilities. The location of piggeries is usually comparatively remote from the 
municipality in which the garbage is collected. On this account, long haul 
transportation problems are involved, and legal difficulties may be encoun- 
tered in transporting materials through municipalities other than that from 
which the garbage is obtained. It is important that the route traveled to the 
farm should be over good roads, but preferably ones without too much traffic. 

The buildings where hogs are kept should be of substantial construction, 
well lighted and ventilated, and they should preferably be located on a south- 
etn slope. 

The economical operation of a piggery requires that the number of hogs be 
‘aried with the seasonal production of garbage so that as large a proportion as 
possible of the garbage shall be eaten. This can be accomplished by regu- 
Jating the farrowing season, or by purchasing new stock from dealers who in 
some localities specialize in raising and selling suckling pigs. The following 
table gives data regarding the relation between quantity of garbage collected 
and number of hogs fed with garbage. 

Relation of Quantity of Garbage Collected to Number of Hogs Fed 

Average quantity 
collected per hog, 

Ib. per working day 
New stock 
obtained by 

Akrons. ot «fasera los leuslts.servutettioncs 1926 27 Breeding Bufial a, oe. nla stent Bin eee 1922 49 Purchase dos Angeles. se cee. cee ene 1924 22 Breeding Newton, Mass. ns, foe eee 1924 25 Breeding Worcester, Mass’ 8). Pine Dron es 1926 23 Breeding 
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The ratio of the number of men employed in operating piggeries to the 

number of hogs fed varies with the degree of cleanliness maintained. At 

Worcester one caretaker is employed to feed, bed and clean the pens for each 

250 to 300 hogs. 
Data in regard to the costs of construction and operation of piggeries are 

meager. In the great majority of cases such cost figures are probably lower 

than they should bé because the structures are too cheaply built and the 

premises are seldom maintained in a thoroughly clean and sanitary manner. 

The feeding of garbage ‘to hogs is’not a process of complete disposal. 

There are three products of a hog farm, the pork, the uneaten garbage, and 

the manure. Experience indicates that the quantity of uneaten garbage and 

manure or piggery refuse may be equivalent to from 30 to 50% of the quantity 

of garbage received. 

Disposal of Piggery Refuse is perhaps the most important sanitary problem 

connected with this method of garbage disposal. If not frequently and thor- 

oughly removed from pens and buildings and properly treated it decomposes 

rapidly and. produces offensive odors. Generally it is composted and then 

used on nearby farms. Compost heaps, unless properly cared for, give off 

offensive odors and are prolific breeders of flies. Furthermore, the material 

when spread upon land as a fertilizer disseminates odors broadly, at least 

until plowed under. Other methods of disposal of piggery refuse are burial, 

incineration and drying. With either of the latter two methods the total 

investment in the hog farm is greatly increased. Following is an analysis of 

dried piggery refuse from a test by the.authors in a commercial indirect steam 

dryer at Buffalo in March, 1922: 

Analysis of Dried Piggery Refuse 
Per cent 

WE GISEUT o.oo welsh tte aie elas walalece ote bie 2 /ole a Delavstersin gai 7.70 

Ammonia as NHg....-.-cesee cect eee e reece eterere 3.14 

Calcium phosphate as P205.....-- ee ee ee ee tect eens 2.28 

Potash as KoO... 0. eee eet e cece ects et te eebenes 1.15) 

Grease (ether-soluble matter). ,...6++-e+eeseeeereees 12.33 

Should epidemics of hoof and mouth disease, hog cholera or tuberculosis 

occur the whole process of garbage disposal will be interrupted for an indefinite 

period of time. Protective inoculations, however, will aid considerably in 

reducing the hazard of interrupted service from the common hog diseases. 

Foreign matter in garbage, such as phonograph needles, safety razor blades, 

nails and giass cause some casualties. 

If objectionable conditions are to be avoided, every precaution must be 

taken in design, in operation and in disposal of piggery refuse to prevent the 

breeding of rats, flies‘and crows, which abound at garbage piggeries where 

preventive measures are not taken. Where nuisances from piggeries have 

become sufficiently obnoxious, injunction proceedings by aggrieved property 

owners have seriously embarrassed the continuance of operation. 

7. Reduction of Garbage 

In general the process of reduction consists of cooking the garbage under 

steam pressure for a number of hours, after which the water and grease are 

removed and the solid matter dried. The grease is separated and used gen- 

erally for soap making, and the dry material, called “tankage,” is used as a 

base for fertilizers. Recently in some plants some of the finer tankage has 



Refuse Collection and Disposal Sect. 18 1764 

S
S
H
O
O
U
d
 

N
O
S
I
A
H
O
W
 

A
T
 

N
O
M
O
A
G
T
A
 

A
D
V
A
A
V
D
 

Low.oday unns0 A 

Paeay 

YS! 
m
o
o
y
 

Su
rr
mo
ay
 

aB
DQ

AD
D)

 
Ua
aL
) 

OS
DI
AL
D)
 

1
D
A
I
U
U
L
O
)
 

ab
.4

or
s 

4ua
nyo

, 

‘
3
1
a
 

SS490Ud ZHAW AT NOILONGTY ADVAXVI 

uo
oy
 

b
u
m
r
a
v
y
 

ab
0g

40
D 

U7
01

5)
 

S
S
G
I
0
U
d
 

N
I
V
T
I
A
T
A
W
 

V
H
D
 

A
W
 

N
O
I
L
I
N
G
T
Y
 

T
O
V
A
U
V
)
 

- 
qu

am
yo

aL
y 

4
o
d
v
A
 

t
 Vi

 
r
a
n
 

al
e G
u
a
n
e
s
 



Art.7 Reduction of Garbage 1765 

been separated and sold for stock feed. Considerable grease remains in the 

tankage after cooking and usually is extracted by a solvent such as gasoline. 

In some processes the material is not cooked but is dried by direct heat or 

steam in revolving steel drums and the grease is recovered by extraction. 

Fig. 2 is a diagramatic outline of various reduction processes. 

In the Arnold process the garbage is cooked in steel tanks for several hours, 

after which it is passed through a roller press to remove a portion of the grease 

and moisture. The liquor pressed out is known as “stick liquor.” It con- 

tains a substantial amount of fine solids and grease and has a foul odor. The 

grease and stick liquor then flow through a series of tanks in which the grease 

rises to the top and is separated. The stick liquor is then discharged into a 

sewer or adjacent water course, or in some cases is evaporated and the residue 

added to the tankage. The solid matter, after the stick liquor has been 

pressed out, is passed through a direct heat dryer to remove moisture. Addi- 

tional grease is then extracted by gasoline in a percolator. After extraction, 

the solvent remaining in the material is blown out with steam to avoid subse- 

quent explosion. Ina second direct heat dryer the tankage is given a final 

drying. The grease and solvent are separated by distillation and the solvent 

used again. Tankage is finished for market by screening and crushing and by 

the removal of metallic objects. The Arnold process has been in use for many 

years at Columbus and elsewhere. 

The Chamberlain process is essentially identical with the Arnold, the 

chief difference being that in the Chamberlain process the stick liquor is 

pressed out of the cooked tankage through openings in the bottom of the 

cooking tank by steam admitted through the top of the tank, while in the 

Arnold process this is performed in a rotary press. The Chamberlain process 

has been in use for many years at Cleveland and elsewhere. 

The Morrison process is similar to the Chamberlain process, the chief 

difference being that the steam for cooking is in a steam jacket on the outside 

of the tank, while in the Chamberlain process it is admitted directly to the 

tank. Some of the grease is removed by skimming from the top of the tank 

after cooking, some is drained off with the stick liquor and some extracted 

with solvent. Subsequent procedure is much the same in both processes. 

This method has been installed recently at Dayton and Indianapolis and a 

few other places. 

In the Cobwell process the drying and grease extraction are carried on in 

the same tank in which the cooking has been done. The moisture is vaporized 

in the tank by heat from an external steam jacket and is removed by vacuum 

pumps. All the grease is obtained by extraction with solvent and separation 

of the solvent and the grease is by distillation, This method of removal of 

water takes a longer time than that required by the processes already dis- 

cussed, and while two or sometimes three charges can be treated in a day ina 

single tank in the other processes, the Cobwell reducers can handle only one 

charge per day. The solvent loss with this process is considerably greater 

than with the other methods. The grease and tankage recoveries are, how- 

ever, somewhat greater than in, any of the other processes. The Cobwell 

process has been in use for many years at Rochester. 

A. modification of the Cobwell process which has been employed in some 

cities consists in removing a portion of the moisture in the raw garbage by 

direct heat drying in horizontal revolving drums prior to cooking in the Cob- 

well reducers. This method’ of moisture removal is more economical than 

that employed in the Cobwell process itself. This method is now in use at 

Syracuse, and is’ known as the Cobwell-Merz process. 
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“Drying Processes. Many methods of drying garbage without cooking 
have been practiced from time to time. In Chicago there is a large plant 
using the Merz process, which consists merely of drying the garbage in direct 
heat dryers and extracting the grease with a solvent in percolators. In direct 
heat dryers a portion of the material may be burned or scorched, in which case 
very foul odors are created. If a moderate quantity of moisture is retained, 
scorching may not be extensive, but in any event the vapors from this process 
must be deodorized before discharge to the atmosphere if complaints from 
odors are to be avoided. This deodorization is effected by scrubbing the 
vapors by water spray, followed by chlorination. 

Drying can be effected also by indirect heat dryers in which the heat is pro- 
vided by steam, either in a jacket around the outside of the tank containing 
the garbage or in a series of tubes within a horizontal revolving steel drum 
through which the material passes. Vapors from indirect heat drying also 
must be deodorized to prevent the escape of objectionable odors. 
Tankage is finished for market generally by screening, grinding or crushing 

and the removal of metallic objects by magnetic separators. In some cases, 
as at Indianapolis and Rochester, a portion of the finer material in the tankage 
is separated by suction and sold for stock feed. In Rochester the grease is 
extracted with solvent from that portion of the tankage sold as stock feed, but 
in other cities all the original grease remains in the stock feed except that which is removed by skimming or draining in the digestor. In-cases where the grease is not removed by solvent extraction from the stock feed all revenue derivable directly from that portion of the grease is lost; consequently, in such 
cases the relatively high price obtained for the stock feed does not necessarily indicate that production of feed brings a greater revenue than the production of ordinary tankage anda larger quantity of grease. 

Patents and Royalties. The older processes of reduction have been car- ried on for many years. F undamentally many of the cooking processes do not differ greatly from one another, and they are similar in many respects to the process of rendering animal matter which has been used for years in the 
packing industry. 

The Cobwell process is patented and royalties have been and are now being collected from municipalities for the use of this method. This royalty in some cases has amounted to about 25 to 30 cents per ton of garbage. Some items of equipment used in other processes have been patented, but in few cases is. any attempt made to charge a royalty for the use of the equipment, patentees. probably preferring to encourage the use of their devices by making a single: charge for purchase. Patents and royalties do not offer a serious problem. 
General Sanitation and Odors. Delay in unloading, with its consequent. line of standing garbage vehicles, is one of the chief causes for complaints at some reduction plants. Therefore, provision should be made in design for prompt unloading. 
During the reduction process the material should be handled with dispatch in closedequipment in so far as is practicable in order to minimize the liberation of objectionable odors. In design careful consideration should be given to. questions of ventilation, deodorization of foul air, the effective control of dust in the tankage finishing process, and to the treatment of stick liquor: and condensate. 
In most cases reduction plants have been built in outlying locations away from dwellings with a view to avoiding complaints from objectionable condi- tions and odors. At Rochester, however, the reduction plant is located within a few hundred feet of an important business street and within three-quarters. 
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of a mile of the geographical and business center of the city, and it is said that 

no complaint has ever been received. Remote location is not essential, pro- 

vided a plant is properly designed, is operated along sound engineering lines 

with the maintenance of rigid discipline and extreme cleanliness and provided 

adequate appropriations are made when required for operation and main- 

tenance. 

Explosion and Fire Hazard. Some reduction plants have been partially or 

completely destroyed by fires or explosions, in some cases accompanied by loss 

of life. Such accidents generally have been caused by solvent vapors coming 

in contact with flames in boiler plants or direct heat dryers. Careful design 

can reduce the probability of such accidents to a low point, but, even with a 

sound design, if maintenance is not taken care of and pipe lines and equip- 

ment containing solvent develop leaks, it may be possible for these fumes to 

form explosive mixtures with the air and become ignited. The explosion and 

fire hazard alone, however, need not be sufficiently serious to make it unwise 

for a city to adopt the reduction process. 

By-Products. As previously stated, the principal by-products recovered in 

the reduction process are grease and tankage. In some cases an attempt is 

made to salvage bones and foreign materials but the revenue derived from 

such sources is comparatively small. Where large carcasses are handled, a 

slight additional revenue can be obtained from the sale of hides. As stated 

elsewhere, some of the tankage can be made into stock feed. 

Recoveries of grease vary widely between the limits of 25 to 90 Jb. per ton of 

garbage. With a high grease market anda low solvent market, it will be 

economical to extract more grease than will be the case where market con- 

ditions are reversed. It is seldom, however, that more than 60 to 65 lb. of 

grease are recovered. 

The recovery of tankage also varies widely between limits of about 175 to 

450 lb. per ton of garbage, depending upon the process employed and the 

effort made to obtain high recoveries. 

Cost of Construction. So few reduction plants have been built in recent 

years that there is little available information on construction costs, and 

many of the existing plants apparently were designed with a view to minimiz- 

ing the construction cost without adequate provision for sanitation. 

The Rochester plant which was put in operation in 1921 has a maximum 

rated capacity of 180 tons per day. Its cost as reported by Mr. John V. 

Lewis, now Director of the Bureau of Maintenance and Operation, in his 

’ paper before the Sanitary Engineering Division of the American Society of 

Civil Engineers (Proceedings, October, 1926) was as follows: 

Cost per ton of 

Item Cost maximum capacity 
> 

TT catac espe, aco veye or Sh ecaparsas ac ken ou ans meio c
eseyainse “Fat? ACN $47 140 $262 

Buildings acer dope meres ets emir Saekl oR nest: ie 138 090 767 

Equipment....<+.. 202 lo seeesngsanre eit tty 568 960 3160 

Actual bids received by the city of Buffalo in 1925 on detailed specifications 

were $4940 and $4150 per ton for buildings and equipment for the Cobwell- 

Merz and Morrison processes respectively, to which additional items, to pro- 

vide a complete plant with all safeguards against fire and explosion hazards 

and with every provision for cleanliness and sanitation, amoun ted to 20 and 

25%, bringing the total figures up to $6060 and $5170 respectively. 
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The Indianapolis plant is reported to have cost in the neighborhood of 
$2300 per ton of capacity, not including equipment for grease extraction. 

Cost of Operation. The net cost of operation, or net profit from operation 
if there should be any, is dependent primarily upon the price received for 
grease and to a lesser extent on that for tankage, and consequently fluctuates 
widely. Not only are there uncertainties as to the trend of the tankage and 
grease markets, but there is doubt as to the permanence of the tankage market 
due to the advances being made in the chemical industry in the fixation of 
atmospheric nitrogen and the development of other sources of nitrogen. 
Activated sludge from the treatment of sewage also possibly may become a 
serious competitor. At several plants it has at times been impossible to: sell 
the tankage at any price and huge tankage dumps have been built up. 

The following table gives the cost of operating the Dayton plant: 

Year 1916 1917 1918 we 1919 1920 <a 

Tons of garbage..... 16 330 15 930 15 380 18 720 13 800 
Operation and main- 

tenance, 20) 22RD: $21 719.48 | 35429.87 | 50039.18 | 58 833.32 | 71 790.40 
Bond and interest... 4710.26 8 809.77 9 266.68 9 266.88 9 266.88 

$26 429.64 | 44239.64 | 59270.06 | 68 100.20 | 81057.28 Sale of products..... 31272.41 | 43 421.94 | 65 145.89 | 46 852.98 | 70 826.52 

INU COSEM Ges wn ce $4 842.77* 817.70 5 875.83*| 21 247.22 | 10 220.76 

New plant 
Year 1921 1922 1923 1924 

1925 1926 

Tons of garbage..... 17 100 18 750 17 550 16 100 16270 19 858 |Operation and main- 
RODADESS oi ow ea $49 763.79] 58 429.22|61 685.38] 61 658.58 | 66 800 74 500 Bond and interest. . . 9266.88} 9266.88! 9266.88] 9266.88 20000T| 20000+ 

$59 030.67 | 67 696.10/70 952.26) 70 925.46| 86 800 94 500 Sale of products..... 30 596.09} 46 828.69|61 774.97! 61 793.86 | 88 600 | 102 700 

Net [ EP 28 434.58] 20 867.41] 9 177.29) * * 
et cos is 7 9131.60} 1800 8 200 

Total tons reduced in all years... 022.000.0000. 005 185 988 
Total net cost of reduction in eleven years.......... $79 177.96) - Net cost per ton, average eleven WRATS 86). czarsthencx +». 42.5 cents 

* Profit. T Fixed charges. 

8. Incineration 

In most American cities mixed refuse, that is, rubbish and garbage, has sufficient heating value to evaporate its moisture and to actively and con- tinuously support combustion at a suitably high temperature to avoid objec- tionable odors. This generally is not practicable with garbage alone. If garbage is burned on a slow fire the odors developed are disagreeable. On this account, incineration cannot be considered as a satisfactory means of dis- posal of garbage unless fuel is provided to help burn the garbage; municipal rubbish is the only economically available fuel for general use although coal or oil may be advantageously used.in small quantities to meet emergencies, 
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The cost per ton of garbage of operating the plants at Columbus and 

Rochester has been as follows: 

Columbus, Rochester 

1911 to 1926 

inclusive 1924 1925 

|Operating cost..... $3.62* | $8.80 | $6.60 

|Revenue.....-...- Kiwi} 5.00 5.05 

F 

Net operating cost $0.167 $3.80 $1.55 

Fixed charges...... Sted: 2.50 2.40 

| Total net cost.... $0. 39 $6.30 | $3.95 

* Includes water furnished by city. 
+ Net operating revenue. 
t Interest on bonds only. 

The Columbus record covers the war period when prices received were abnormally 

inflated, and does not provide for adequate maintenance. 

Methods of Incineration. Municipal refuse incinerators have generally 

been developed and exploited by manufacturers. Most makers have patents 

upon methods or devices, but the validity of many of them is doubtful because 

similar devices have been used in steam engineering practice and otherwise for 

many years. In most cases the purchase of the equipment carries the right 

to use the patents, and the payment of royalties is not required. The patent 

situation offers no obstacle to the adoption of incineration. 

Most furnaces are charged from overhead by dumping through a hole in 

the arch. The refuse falls upon a grate or hearth on which it is burned or 

upon a drying hearth intended to evaporate some of its moisture before 

incineration begins. 

Some furnaces are arranged with one to four grates in series, placed side by 

side so that the path of the flame is across all the grates into a combustion 

chamber at the end whence the products of combustion pass through the flue 

to the stack. Each grate is fed through an individual charging opening in the 

arch above and has an individual ash pit. In this manner the charging and 

draft conditions of each grate or cell, as they are commonly called, can be 

controlled independently. In such a furnace, when slow combustion is taking 

place in one cell due to the recent admission of a charge of cold, wet material, 

the heat' and flame from the other cells and the radiant heat from the com- 

bustion chamber walls (provided the chamber is kept at a sufficiently high 

temperature) assist in raising the products of incomplete combustion from that 

cell to a deodorizing temperature. 

In order to facilitate combustion of wet material and produce higher tem- 

peratures some furnaces are designed to operate under forced draft. A further 

aid to combustion is the use of preheated air. The air heaters are devices for 

transferring some of the heat in the flue gases to the cold air prior to its delivery 

under the grates, and generally consist of a series of tubes with hot gases on 

one side and cold air on the other. Maintenance charges will be reduced if air 

heaters are shut off when not required to raise the products of combustion to 

adequate temperatures. 

Differences also exist in methods of charging. In some cases the entire 

contents of the collecting vehicle are dumped directly into the furnace, while 

in other cases small charges are admitted at frequent intervals. Under the 
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latter system it is usually possibfe to select the material, varying the relative 
quantities of wet and dry material. Where large volumes of wet refuse col- 

lected in rainy weather are dumped directly upon the fire, the cooling effect 
is marked, and if the temperature of the products of combustion is reduced to 
too low a point, odors may be created. 

There are furnaces having water-jacketed steel walls and a drying grate 
built in the-form of a basket of tubes through which water circulates. The 
material in the basket becomes partially dried and is raked out or falls upon 

the fire on a second grate below. Such furnaces of necessity generate steam, 
which is available for power about the plant if desired. Where it is not econ- 
omical to use the steam, it is discharged into the atmosphere. 

In Germany, England and formerly in Switzerland a few vertical furnaces 
somewhat similar to the blast furnaces of the steel industry are in use. 
In such furnaces the refuse is admitted at the top, air is supplied through 
tuyéres near the base of the furnace, and the residue is cut off by an 
hydraulic knife and discharged through the base. Waste heat from the top 
of these furnaces can be passed through waste heat boilers for the generation 
of steam. This is known as the Didier system. 

Design of Incinerators. In the general design of incineration plants sani- 
tary engineering principles should be rigidly followed, but the detailed design 
of the furnaces and auxiliary equipment are problems of mechanical and 
heat engineering. Draft provision, grate area, furnace volumes and com- 
bustion chambers should be adequate for proper combustion. Flue and stack 
areas shou!d be proportioned to give reasonable velocities for the deposition of 
dust, the prevention of erosion of brick work and in order to assure reasonable 
draft losses. It is particularly important that expansion and contraction 
joints in the furnaces. be properly located and designed due to the extreme 
Tange in temperatures encountered. There are of course many other details 
which should be carefully designed. 

Specifications frequently have required average temperatures of 1400° F. 
and minimum temperatures of 1250° F. but in working out the designs pro- 
vision should be made for the maximum temperatures which will be reached. 

The design should be based on the material to be burned, for example, if it 
is intended to burn rubbish without garbage the calorific value and moisture 
content will be so different from those of mixed refuse that a simpler design 
may be justified. In the table below are given a few results of calorimeter 
tests and proximate analyses of refuse. 

Average Results of Calorimeter Tests and Proximate Analysis of 
Refuse 

(From “ Municipal Refuse Disposal: An Investigation,” by J. T. Fetherston ¥*) 
| 

Garbage | Rubbish 

Calorific values, B.t.u. per Ib.: 
Original sample TE eT CT rt et eee 2 233 6832 DEY, SAM DIC ocr cds 6 rpmpies.i ae ee 8 8351 7251 
Combustible‘ portion... 5. s.. cee’ 10 338 8503 

| Proximate analyses, per cent: 
|"? Midiseared co. a Bion ey a Gy See ee ee Rant 73.26 5.78 

16.89 65.66 
4.71 14.69 
5.14 13.87 

* Trans. Am. Soc. C. E., 1908; 60, 345. 
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General Sanitation, Odors and Smoke. The primary consideration in the 
sanitary disposal of refuse by incineration is the continuous maintenance of 
sufficiently high temperatures to prevent any odor from incomplete combus- 
tion. If a furnace is so designed and operated that a sufficiently high tem- 
perature is maintained at all times, there will be no smoke or objectionable 
odor given off with the stack gases, which, under such conditions, will have a 
faint bluish-white color and be noticeable only a short distance. If, however, 
the temperature drops too low, objectionable odors, smoke and bits of charred 
paper may be given off through the stack. 

In some cases the ashes from incinerators have contained partly burned 
garbage which when placed on dumps has given rise to objectionable odors of 
decomposition, and attracted rats and flies. This condition will not obtain 
if the plant is properly designed and operated. 

As in the case of reduction plants, provision should be made at incinerators 
for the immediate dumping of garbage collection vehicles. Properly designed 
and operated incinerators can be built in thickly settled neighborhoods, but 
objections often result in injunctions which forbid their location where 
planned. Experience indicates that the temporary storage of mixed refuse 
prior to incineration need not be objectionable, provided due care is exer- 

cised in thoroughly cleaning the storage facilities at frequent intervals. 

Utilization of By-Products. With incineration the only possible by-products 

are heat, ashes and flue dust. 
Considerable dust is carried over the bridge wall with the products of com- 

bustion and is subseauently deposited in the combustion chamber, flues and 

at the base of the stack. This material‘is somewhat similar to wood ashes and: 

may contain sufficient potash to have some fertilizing value, although its 

utilization on a commercial scale is not practicable. 

The ashes produced by incineration in North America have no value except 

for filling low land. In Europe on account of the quantity of household ashes 

contained in the refuse the residue from incineration contains considerable 

hard clinker. Sometimes this is ground and used as an aggregate for making 

concrete tile or for paving walks. The sale of ground clinker produces a slight 

revenue. Under recent conditions, however, this was not a profitable opera- 

tion even in England. In this country ashes are seldom burned with mixed 

refuse, and consequently little hard clinker is obtained; and where ashes are 

burned there is no market for ground clinker. 

In some furnaces sufficiently high temperatures are maintained so that it 

would be possible, were boilers installed, to generate steam in considerable 

quantity. In water-jacketed furnaces generation of steam is of necessity a 

part of the process. In other furnaces, lower temperatures render it inadvisa- 

ble to attempt steam production. 

If there is a market for steam at the site, as for pumping sewage or for 

operating a garbage reduction plant, or a municipal asphalt plant, it may be 

economical to install steam generating equipment at an incinerator. At 

some plants where steam is generated, it has been found impossible to syn- 

chronize the production of and demand for steam and the installation and 

‘daily use of coal fired boilers have been required. If areduction plant is 

located outside the city, the additional cost of hauling the rubbish to an incin- 

erator at such a site may exceed the value of the rubbish as fuel. 

Steam can be used for heating the incinerator building in cold weather or for 

the generation of electricity for general use about the plant. Before pur- 

chasing equipment for this purpose, however, it is prudent to compare the 

additional fixed and operating charges due to such use, as for example, the 

employment of licensed firemen and engineers instead of unskilled labor, with 
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the cost of purchased electricity or coal for heating. It is wise to consider also 
that some or all of the furnaces will be shut down over holidays, Sundays and 
frequently for longer periods due to necessity for repairs, interruption of 
refuse deliveries, and for other reasons. 

Bids for incinerators with and without steam generating equipment received 
in Buffalo in 1925 indicated that in this case it would have been more expen- 
sive to generate electric current by the steam produced than to purchase 
the same current from the local power company. 

It is probably true with some types of incinerators that if steam generating 
equipment is installed the depreciation of the flue and stack linings and the 
air heaters will be less rapid than if the hot gases do not receive the cooling 

_ thus afforded. On the other hand, the cost of the air heater will be greatly 
“increased due to the much larger heating surface required on account of the 

‘ lower temperature of the gases, and as stated above, more expensive labor may 
be required for operation. 

Construction Cost. Bid prices for a few incinerators are given below. 
To estimate actual costs additions should be made for contingencies, such as 
paving at site, and water and sewerage facilities, and for engineering and 
other overhead costs. 

Cost of operation of mixed refuse incinerators varies widely. In large plants 
a low figure may be taken at $1.00 per ton and an average figure at about 
$1.50 per ton of refuse burned. 

Capacity | Cost per 
tons per day ton of Location Date | Make |, 75) Maxi- Maxi- Total cost average 

age | mum Capacity 

Buitalo: ss ee 1925 | Heenan | 400 500 | Equipment.$265 000 $665 
Building.... 194 000 485 

Total. . ..$459 000 | $1150 
Buffalo...... +++-{ 1925 | Sterling} 400 500 | Equipment. $360 000 $900 

Building.... 282 200 705 

Total. ...$642 200 | $1605 

Buffalo..........] 1925 | DeCarie! 400 500 | Equipment.$410 200 1030 
Building.... 228 500 570 

Total. .. .$638 700 | $1600 
Toronto: Welling-| 1924 | Sterling | 320 400 $550 000 $1560* 

ton St. 
New Bedford: \..\4/ 1005.) DeGarielit. cual ialaniecs Sgech nee a atl 1880 

BtOn tae epee ene ahh ee 2 be ee eee 1246 
Heéénan casi oso tlt eee Sere lene 1214 

PoledG FHI 22y , 1927 | Sterling 100 $119 700 1197 

* J. A. Burnett in Canadian Engineer, August 11, 1925. 
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HARBORS 

1. General Information 

A Harbor is a refuge for ships, a port or haven. From the very earliest 
understanding of the term, a harbor was a sheltered arm of the sea in which 
vessels could be built and launched, and taken for repair, or seek refuge in time 
of storm. One of the requisites was a good anchorage or holding ground. 
Such cargo as was carried by the vessel was transported to the shore by smaller 
craft or carried to the vessel by hand. Natural harbors are those which, in 
themselves, are usable without resort to engineering works of improvement. 
Primitive harbors were almost always of this character. With the increase 
in size and draft of vessels most of the so-called natural harbors have required 
works of extension and improvement. Asa distinctive term, a natural harbor 
may now be considered as one located on an estuary or an enclosed bay. Arti- 
ficial harbors, in a more restricted sense, are those requiring the construction 
of extensive engineering works, such as breakwaters for protection of the ship- 
ping from wave action, or harbors in which shallow or otherwise unsuitable 
areas have been excavated and deepened and other improvements made in 
order to make them available for the purpose intended. 

Prevailing usage fails to distinguish clearly between the term ‘“ harbor ” 
and “ port.’? When to a harbor are added terminal facilities, the harbor be- 
comes a port. A haven of refuge for shipping from storm and the elements 
would not be a port unless to the usage made of this shelter there are also 
added the facilities for loading and unloading the vessels and re-shipping or 
supplying the necessary cargo by land-drawn and water-borne supply lines 
and feeders. R.S. MacElwee suggests as a definition, ‘‘ The harbor may be 
defined as consisting of the waterways and channels as far as the pier head 
lines, the port to include everything on the landward side of those lines, that 
is, the piers, slips, wharves, sheds, tracks, handling equipment, etc.,”? and 
suggests that this distinction, while technical and novel, tends to mark off 
distinctly the lines of the jurisdiction of the federal government as against 
that of the state and municipal authorities. This technically restricted 
definition would appear to have advantages, but it is believed that the term 
port should be considered the general one and includes the harbor whereas the 
harbor does not include the port. 

Design. Harbors are usually located by force of circumstance over which 
the engineer has little or no control. This is especially so with natural harbors 
where the local geographical advantages and growth of population have re- 
sulted in the need for, and location of, harbors irrespective of the existence of 
better natural harbor facilities at points not far distant. The best natural 
harbors are probably, by reason of the very facilities they offer, often centers 
about which important interests and activities grow. In cases where the 
engineer has some voice in the selection, a thorough survey should be made of 
the neighborhood, including the foreshore and the depths of water in the 
vicinity. Borings and soundings should be taken to ascertain the character 
of the ground, both as to anchorage and as regards the readiness with which it 
will lend itself to economical dredging or deepening operations, should such be 
necessary. In an important harbor the depth of water should be sufficient 
to meet the requirements of the maximum draft of vessel likely to use the har- 
bor, allowance being made for over-depth for the pitching and surging of 
vessels under wave action and the drag or set of vessels when underway. 
Borings on land should also be made to indicate probable subsurface conditions 
with a view to future location of the necessary harbor works. Observations 
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should be made as to the meteorological phenomena, such as prevailing winds, 

frequency of storms, height and force of waves, establishment of mean high 

and low water and range of tide, direction and velocity of prevailing currents, 

evidence of silting and of littoral drift. 

The large ports and harbors of the world, especially the older ones, were 

undoubtedly located to afford shelter and protection not only from the ele- 

ments but from the enemy, and to protect the shipping, while laid up, from 

destruction and ravages of raids which were frequent in ancient, medieval and 

comparatively recent times., This condition was common in the Mediter- 

ranean and in the North Sea; consequently many old ports are located some 

distance up rivers, probably as far up as the vessels of those times could be 

navigated. The facility with which the river and its tributary branches could 

be used as a water highway by light draft craft for transporting cargo un- 

doubtedly had an important influence, as water transportation had many 

advantages over the possible land transportation conveniences available in 

those times. As a consequence, certain large European ports, such as London, 

Antwerp and Hamburg, were river ports and to them later, with the change 

in times and the increase in size of vessels, the sea had to be brought by con- 

tinuous expensive harbor and river work in order that they might retain their 

supremacy as ports; and there were also others which have disappeared or are 

no longer ports, as for example Paris. 

On account of the facility with which land transportation, especially rail, 

can now be handled, the newer ports, especially of the United States, are 

located on the seacoast or on estuaries. This same condition has caused the 

development and construction in European practice of wet docks together 

with those reasons given in Art. 24 of this Section. 

Tides. The tidal day is always of greater length than the solar day, two 

tides occurring, generally, in each day, high tide being on an average 50 min- 

utes later every day. Although the tides on the coast line are produced by 

the sun and moon, this is not due to their immediate effect on the waters of the 

sea adjacent to the coast line, but is due to secondary tidal waves, resulting 

from primary waves in the wide expanse of the oceans. It is calculated that 

the primary effect of the moon on rise of tide is 1.34 ft. and of the sun 0.61 ft.; 

so that with the two together it is 1.95 ft. or against each other 0.73 ft., the 

velocity of the primary tidal wave being from 50 to 60 miles an hour. The 

momentum of this mass moving around the earth, taken in connection with 

the shoaling of the ocean and configuration of the coast line, explains the very 

great variation in range of tide found at different localities. The atmospheric 

condition, by reason of the pressure on the surface of the water, affects the 

tidal range inversely as the height of the mercury in the barometer. Sudden 

variations of the height of mercury in the barometer will give a difference of 

about 0.35 in. for each foot of tidal range for each inch of variation in height 

of barometer. ‘Tidal range is affected considerably by wind, dependent upon 

location, and characteristics of the coast line, and the force, direction, and 

continuation of wind. In the open sea the tide is never slack, constantly 

changing its direction in a rotary movement, with varying velocity. When 

plotted the curve will be of elliptical shape. The fact that the directional 

change occurs clockwise in the Northern Hemisphere and counter clockwise 

in the Southern Hemisphere, shows very clearly the effect of the rotation of the 

earth. 
; 

Tidal Changes. Enginéering works of improvement in harbors or rivers 

may result in quite surprising changes in tidal conditions. In the location and 

construction of harbors and harbor works, it is of the greatest importance to 
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ascertain definitely the data of high and low water and range of tide, for which 
purpose automatic tide gages should be used. Elevation of mean high and 
mean low water at the various important parts of the United States can be 
readily secured from local authorities, or from the U. S. Coast and Geodetic 
Survey, but in important new harbor work it is advisable to establish these 
independently. Although the height to which the surface of the sea rises 
and falls at different points along the coast varies considerably, yet there is a 
mean level to which, at a certain stage of the tide, the water returns. This is 

known as mean sea level. Where possible, it is advisable to refer to this 
datum. 

Tidal Prism. This is the volume of water represented by the area of the bay, river 
or harbor affected by tidal changes multiplied by the range of tide which would gener- 
ally be the volume of water entering at the flood and leaving at the ebb. Harbor 
engineers are loath to permit the construction of any works that will serve to change 
materially this tidal prism, as a decrease in the tidal prism has a direct effect upon the 
quantity and velocity of the water of the ebb and flood tide and a consequent effect 
upon the channel depth and direction by reason of the resulting tidal scour. 

2. Waves 

Wave Height. In the location of harbors and the design of harbor works, 
it is necessary to ascertain the probable maximum wave action and forces likely 
to be encountered. The height of wave to which an exposed entrance may be 
subjected will depend upon the greatest fetch or reach of open sea from the 
windward shore; for open exposed locations 

H=15+/d 

where H is the height of the wave in feet, and d is the length of fetch in miles. 
For shorter lengths of exposure in bays, or harbors, this height is represented 
by 

H=15/d+ (25 — Wa) 
Extensive observations closely check the results obtained by the application 

of these two formulas, first proposed by T. Stevenson, and it is to be borne in 
mind that in the open sea the fetch is confined to the distance over which the 
wind acts continuously in one direction, the rotary character of ocean storms 
restricting the applicable fetch even in, the broadest expanses of the Pacific 
Ocean to a distance of not over 1000 miles. 

Formation of Waves. The direction of the wave crest in deep water is at 
right angles to that of the wind, but on approaching the shore it tends to 
become parallel to the shore line, due to the lagging effect, on the wave, of the 
rising bottom. Most waves are caused by the action of the wind, due to the 
wind blowing over the surface with varying velocity, acting by friction on 
the surface and by direct pressure on the rear of the wave crest. A confused 
sea existing during a heavy storm usually changes to a regular swell afterward, 
resulting in trochoidal seas. Waves formed in this manner in deep water are 
generally understood to be oscillatory waves, in which the particles of water 
forming the wave move through circular or elliptical orbits. This is not 
strictly correct, as, undoubtedly, all storm waves are to some extent waves 
of translation. Deep-water storm waves on reaching shallow water become 
waves of translation, the friction of the rising bottom on the lower portion of 
the wave tending to retard this portion to the point where the front of the crest 
of the wave becomes steeper and. steeper, and finally breaks and becomes a 
breaker or comber. 
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Wave Velocity in deep water is dependent upon, the velocity of the wind, 

taken together with its continuity, and the extent of the surface of the sea 

over which it acts, which in turn affects the height of the wave and the wave 

length. The velocity may be given by 

V = ~V/5.123 L for deep-water waves 

V =C /5.123.L for shallow-water waves 

in which the coefficient C is the square root of the ratio of the axes of surface 

orbits b/a, as it is recalled that the shoaling depth changes the orbits from 

circular to elliptical, V-being the velocity in feet per second, and L length of 

wave in feet. It is necessary to use the coefficient 'C only in cases where the 

depth of water is less than one-half the wave length. The following are values 

of C: s j 

a/L = 0.05 0.10 Beto vee 20., 0.25 0.30 0.35 0.40 0.45 

C = 0.552 0.746 0.858 0.922 0.958 0.977 0.988 0.994 0.997 

in which d = depth of water, or distance from the.center of the surface orbit to the 

bottom, and ZL = distance from a wave crest to the next. 

The relation between wave height and length is dependent upon wind, sea and other 

local complex influences; in general, the proportion between length and height may 

be taken as: 33 for moderate wind and light sea, 20 for strong wind and rough sea, 

18 for storm and heavy sea. 

The wave pressure varies greatly; pressures as high as 7840 Ib. per sq. ft. have been 

recorded. A series of observations at Skeeryvore Rocks and at Tyree gave these 

results: 6-ft: swell, 3041 Ib.; 10-ft. ground swell, 3041 lb.; 20-ft. heavy sea, 4562 lb.5 

strong gale, heavy sea, 6083 Ib. per sd. it. . 

Wave Energy of a wave of one unit width, with length ZL and height Z is 

In deep water, E =8 LH? (1 — 4.935 H2/L?) 

In shallow water, EB’ = 8 L A? (1 — 19.74 a2/L?), 

in which @ is the semi-major axis of surface orbits, H and ‘LZ are in feet, and E is in 

foot-pounds: ~ This energy is for salt-water waves; for fresh-water waves reduce 

amount by 2-1/2%. 

Values of a in Terms of Wave Height H 

d/L = 0.10 0.15 0.20 0.25 0.30 0.35 0.40 

a=0.91H 0.68H 0.59H 0.55H 0.52H 0.51 0,504 H 

When a wave enters a bay, or arm of the sea, between natural or artificial barriers 

its height tends to decrease on account of friction of the shoaling bottom and’ the 

retardation due to barriers; and on emerging into open, interior water, it, further 

decreases in height due to distribution and the tendency of the wave crests to difluse 

parallel to the shore line. 

Wave Action. The percentage of wave height above water level is impor- 

tant as indicating the height to which harbor structures may be subjected to 

direct wave action. Observations.indicate that, in general, about two-thirds 

of height of the wave is above mean water level, and about one-third below. 

Due to the action of high winds, opposing currents and further unknown 

causes, deep sea waves may break partially in water of sufficient depth for 

their free propagation, so that a barrier opposed to them in water of great 

depth may at times be subjected. to the direct action of breaking waves. It is 

known, however, that waves invariably break on reaching water of insufficient 

depth. Considering the height of the maximum wave as determined by actual 

observation, or by application of Stevenson’s formula, the ratio of depth of 

water to wave height in which waves may-break will vary from 1 to 2.71; or 

1.67 is a mean ratio taken from 134 observations, Where wave action is 

arrested by barriers, a portion, at least, of the wave energy will be exerted 

against this barrier. Tt is important in designing harbor works that such 
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artificial barriers shall be made strong enough to résist the successive attacks 
of maximum sized storm waves. Wave force is exerted and transmitted 
against such barriers in divers ways, some of which are: (a) The force may be 
static pressure due to the height of the column of water. (b) It may result 
from the effect of rapidly moving particles of the liquid. (c) It may be due 
to the impact of floating bodies on the surface of the water hurled by the wave 
against the barrier. (d) It may result from the rapid subsidence of masses 
of water thrown against the structure, producing a partial vacuum and causing 
‘sudden pressure to be exerted from within. (e) Destruction of the structure 
may result from the falling on it from above of large and heavy masses of 
water thrown up by the wave action. 

The interior of such barrier structures is also often affected by forces transmitted 
through joints or cracks, by hydraulic or pneumatic pressure. The most destructive 
effects of waves are exerted at or about sea level. The result of wave action may be 
apparent at considerable depths, although it diminishes considerably in force and 
extent. In the design of structures subjected to wave forces it should be considered 
that the material entering into the structure is at least partially submerged and that, 
therefore, the weight of the mass submerged must be considered. Consideration should 
also be given to the presence and movement of ice where harbor works are located 
in colder climates. 

3. Breakwaters 

Uses of Breakwaters. A breakwater is a work or barrier constructed 
around or in connection with artificially sheltered harbors in order to protect 
the interior water areas from the effect of heavy seas, and make it possible for 
this area to be used for the safe mooring, operating, handling, loading, and 
unloading of shipping. © Breakwaters are almost invariably a most prominent 
and essential feature of artificial harbors, and are employed to convert an open 
area or roadstead into a harbor or to render more secure and usable harbors 
that are enclosed and protected, excepting against the sweep of the sea with 
prevailing winds coming from certain directions. Breakwaters on a smaller 
and less important scale are sometimes constructed in the interior areas of large 
natural harbors to protect shipping from wave action under conditions of 
heavy storms from an unfavorable direction. A breakwater the protected 
side of which is used as a quay for wharfage is also known as a Mole. 

Design. There are three general types of breakwaters: 1, that in which 
the exposed face is vertical; 2, partially vertical and partially inclined; 3, in- 
clined. The type to be selected is dependent upon local conditions. Claims 
in favor of the vertical type of breakwater are that because the action of deep 
sea waves is purely oscillatory, the wave force encountered is due to water 
head pressure, dependent upon the height of waves. As has already been 
stated, nearly all waves are to some degree waves of translation, and since 
breakwaters are usually located and constructed in comparatively shallow 
waters, the wave forces to be encountered are more complicated than those 
due purely to hydrostatic pressure; therefore, vertical face breakwaters are 
undoubtedly subject to severe wave impact. The combination of the in- 
clined and vertical face often results in the throwing up, vertically, of large 
masses of water which, in turn, fall on the top of the breakwater directly be- 
hind the parapet. In crib breakwaters, with heavy timber decks, structures 
have often been seriously damaged by such action. In inclined breakwaters 
there is danger, if they are not carried high enough and surmounted by a ver- 
tical wall, with heavy storm waves, that the waves will sweep entirely over 
the breakwater, resulting in a disturbed effect and an appreciable secondary 
wave action behind the breakwater. When waves impinge obliquely in the 
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direction of the breakwater, they often accumulate size and energy as they 
travel along its front. In the design of harbor breakwaters, information 
should first be obtained concerning the direction and force of prevailing winds, 
character of coastal currents, probable maximum height of waves, character 
of bottom or foundation and cost and availability of materials to be employed 
in construction. 

Rubble-Mound Breakwaters are a more or less heterogeneous assemblage 
of rubble, riprap, or cobble, deposited without any particular regard to bond or 
bedding. This is the simplest form of-breakwater and is usually constructed 
by the dumping of material into the sea from barges or cars run out on trestles 
or staging. This operation is carried on until the mound or heap emerges 
from the water and is carried up a distance above the same, the action of sea 
and waves being depended upon to give the sides a natural stable slope. It 
is usual in constructing extensive works of this character to make some attempt 

at grading materials and to control the slopes, the interior being composed of 
cobble or smaller riprap and the sea side of the breakwater of heavier and more 
massive stone. As the force of the wave decreases with the depth, in deep 
water the slopes are often steeper and smaller stones are used. Such a struc- 
ture is often supplemented by placing heavy massive stone or concrete blocks 
on the sea side, whereas the slopes and faces above the sea level are roughly 
paved with blocks of stone or concrete. 

Fig. 1 
Rubble-Mound Breakwaters 

Figs. 1 and 2 show typical sections of rubble-mound breakwaters, Fig. 1 illustrating 
the first modification made in the Cleveland, Ohio, breakwater. The earlier break- 
water had a complete sand core or hearting; during heavy storms this hearting was 

washed out, resulting in the subsidence of the rubble top and eventual disruption. 

The work was finally built as shown in Fig. 2 with all sand omitted from the core 

and with rough instead of smooth stone covering. 

Timber Breakwaters may consist of timber cribs floated out to place and 

loaded and sunk by being filled with rubble, or may be built of close round 

piles or sheet-piles driven 
into the bottom, framed, 
braced and backed up with Lake 
rock or concrete blocks. Mean Lake Levele— 

Timber cribs of this charac- BT 

ter are sometimes super- 

imposed on rubble-mound _ twilt up to this grade along a portion 

breakwaters. Breakwaters a 
of timber are more or less 
temporary structures and 

are principally used in shal- Fig. 3. Timber Crib Breakwater 
low water for unimportant 

barriers. They have, however, been extensively used on the Great Lakes. 

Fig. 3 shows a typical timber crib breakwater built at Cleveland, Ohio. This work 

was damaged by storms, masses of water projected upward by storm waves fell on 



the top timber work, breaking the cross members and planking. . The work was rein- 

forced by backing the structure with riprap. { 
Fig. 4 shows a low-coursed stone wall breakwater surmounting a rubble-mound, at 

Dog Bar, Gloucester, Mass.; a somewhat similar breakwater at Sandy Bay, Cape 
Ann, Mass., was considerably 

A single line of rubble ~ (417.0) «104 strengthened by preventing 
stone weighing about 5 (+14.0) the large blocks from sliding 

tale he by inserting steel dowels into 
‘Yean Low Water the stones on the harbor side 

<= ae against the toe of the course 
directly above. 

Masonry Wall Break- 
waters are, in whole, or 

Fig. 4.. Mound Breakwater with Wall part, constructed Mnf Tee 
ular and systematic man- 

ner of coursed stone masonry or concrete with vertical or inclined faces. 
Such walls are constructed in cofferdam in the dry or under water by divers or 
diving bells. This character of breakwater is often built from the tide level 
up surmounting a rubble-mound substructure or capping a timber crib. 

Figs. 5 and 6 show typical sections of the mole breakwater at Harbor Beach, Mich., 
consisting of a timber crib, capped with concrete blocks, The section shown in Fig. 6 

r 
1 

Fig. 5 Fig. 6 

Timber Breakwaters Capped with Concrete 

was damaged by storm by having the concrete capping lifted and cracked. The cost 
of wall and composite wall breakwaters varies widely. 

Reinforced-concrete Breakwaters may be built by means of caissons built 
on shore, or in floating structures, launched or lowered into the sea and sunk to 
place, and settled, upon a prepared foundation of rubble or piles, the- break- 
water being formed by filling the compartments with stone or sand; or they 
may consist of reinforced-concrete piles and sheet-piling banked or filled with 
sand, riprap or rubble. . See Sect. 11, Art. 57, p. 1108. In the following exam- 
ples of breakwaters the numbers refer to Fig. 7. 

(1) Zeebriigge, Belgium, 1905: Breakwater or mole 6560 ft. long, lower course built 
of monoliths, set in floating caissons of structural steel and plating with concrete lining 
arches. Lower sections 82 ft. long, 24-1/2 to 29-1/2 ft. wide, 28 to 36 ft. deep. Built 
in graving dock and floated out. “Sills for setting 20 in. deep. Sections sunk at low 
water by flooding, and then filled with concrete. Blocks weigh 1500 to 1600 long tons 
light and 4000 to 5000 long tons when filled. 

(2). Barcelona, Spain, 1906. Section of floating caisson for monoliths for extending 
the breakwater. Blocks 39 ft. long divided into five pockets, which were filled with 
pre-molded blocks. 

(3) Touapsé, Russia, on Black Sea, breakwater 1400 ft. long, largest caissons 56 ft. 
long 21 ft. wide, and 21 ft. deep, divided into 21 divisions, 7 sets longitudinally. 
Caissons of reinforced concrete. Large boxes weighed 268 long tons when launched 
and 1600 long tons when filled. 
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(4) and (5). Talcahuano, Chili, 1908. Breakwater 1750 ft. long, section (5), dam 
(4), each caisson 33 ft. long, built of reinforced concrete and filled with sand and stone. 

Breakwaters have been constructed employing floating caissons at Bilboa, Bizerta, 
Algoma, Wis., and Welland Canal, Canada. (See Sect. 11, Art. 57.) 

co 
oe 
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Fig. 7. Reinforced-concrete Floating Caisson Breakwaters 

4. Bars. Sea Encroachment 

Littoral Drift: The coast line of all exposed foreshores indicates a gradual 

but continual’ change, in some locations in the direction of retrogression or 

washing away, and in other locations in deposition and accretion, the carrying 

away and depositing of materials being due to wave action in connection with 

current flow. The breaking of waves on a beach or foreshore serves to stir up 
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loose material and also to break up solid material by direct erosion or by the 
impact or wearing away, due to the carriage by the water of particles of sand 
and shingle; the lighter particles of such material remain in suspension long 
enough for them to be projected some distance along the shore by the resultant 
of combined wave. action and littoral currents. The heavier particles are 
rolled along the beach and partake of a zigzag movement, the principal action 
being generally confined to the reach between high and low water mark. Lit- 
toral drift is generally attributable to the prevailing wind direction, although 
it is modified by onshore currents. Breaking waves acting on a beach or fore- 
shore by reason of their velocity are carried some distance up the sloping 
beach, mixing with, and stirring up, the sand and shingle. The wave having 
spent itself, the water then runs back by gravity, but is met by the next on- 
coming wave, the returning water carrying in suspension and rolling down the 
beach some sand and shingle, the oncoming wave by reason of its greatest 
velocity being at the top or crest is carried over the returning water, building 
up a hydraulic head at the beach line which forces the returning water down 
and outward thus setting up what is known as the “‘ undertow.”’ The under- 
tow in’some instances becomes an outshore current of considerable importance, 
owing to peculiar local conditions which accentuate the effect. The material 
carried down, as the undertow loses its velocity, is in turn carried up again on 
the beach by returning waves moving backward and forward, as shown in 
Fig. 8. The quantity of sand in suspension near the bottom being greater 

the tendency of wave action 
is to move sand from the 
beach to deep water, al- 
though this may be retarded 

Under Tow charged with sand bE teversed by offshore gales 
Fig. 8 setting up surface offshore 

' currents. 

The general effect of the wind on the foreshore, as shown in Fig. 9, tends to 
carry this drift of sand and shingle up the beach in a zigzag line. The actual 
action, as can be readily understood, is far more complex, but the general 
principle illustrated obtains. The drift varies, being dependent upon the 
direction and force of the wind, but in general the result follows the direction 
of the prevailing winds of the locality. 

Bars. Bars at the entrances of harbors are of four general classes: (a) Nat- 
ural bars, consisting of hard material not affected by scour or current; (b) those 

Harbor Water 

Prevailiny 
Wing 

Fig. 9 Fig. 10 

due to the deposition of alluvial material brought down by river drainage; (c) 
casual bars occasionally and irregularly heaped up by storm wave action and 
afterwards dispersed by similar action, or by one or more currents; (d) bars 
consisting of sand or shingle of certain general features and permanent direc- 
tion, but constantly subjected to alteration by action of winds, waves and 
varying currents. It is generally concluded that the last-given type of bar is 
that most usually encountered at harbor entrances, and is due, principally, to 
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wave action and the littoral drift engaged in depositing material across the 
mouth of the outfall channel and the constant tendency of the ebb and flood 
currents to remove and disperse the drift. The result of such drift action 
and harbor ebb current is shown in Fig. 10, which is typical of the conditions 
that have affected the entrances to interior bodies of water on sandy coast 
lines. 

Influence of Coast Line on Formation of Bars. Where the bed of the sea 
decreases in depth rapidly, the drift moving along the coast line is less readily 
carried into the channel by ‘flood tide and is more readily transported by the 
ebb tide to deep water. Under such conditions bar formation is unlikely. 
Harbor entrances on precipitous foreshores of rock materials are not liable to 
bar formations. Prominent projections of the coast line on the side from 

which the flood tide sets in cause the current to run around it with velocity 
sufficient often to prevent depositing of drift and formation of bars at harbor 
entrances. 

5. Beach Erosion and Protection 

Sea Walls, Dikes or Bulkheads are constructed along the shore line to prevent 
encroachment of the sea by direct wave action, and, asin the case of break- 
waters, may consist of loose rubble-mounds or heaps, masonry wall work, 
usually, however, supplemented with timber, steel, or reinforced-concrete 
sheet-piling driven into the beach and strengthened by wales, guide and brace 
piles, fascines and mattress work held in place by piles and loaded with rock. 
The character or massiveness depends on the location and wave forces to which 
the work will be subject. In following notes of sea walls the numbers refer 

to Fig. 11. 

(1), (2), (3), (4), Coney Island, N. Y. Section of sea wall. ‘ 

(5) Governor’s Island, N. Y. Sea wall, 1901-1911. Average settlement 0.8 ft., 

maximum settlement 2.4 ft. 
(6) New York, Brooklyn Parkway, 1913. Masonry wall. 

(7) Atlantic City, N. J. 
(8) New Orleans, La., 2650-ft. wall, fill behind wall 8 to 12 ft. deep, piles 50 ft. long, 

expansion joint every 50 ft. 
(9) Ocean Beach Esplanade, San Francisco, California. Length 2066 ft.; width 

30 ft. 5 in. 

Effectiveness of Sea Walls. In many instances large sums of money have 
been expended on sea wall protection with entirely unsatisfactory results. In 
exposed locations subjected to high wave action, with a sea current along the 
beach, on which the sea wall is constructed, the action of the waves, together 
with the current, will gradually, but continually, carry the beach material away 
until the foundation is exposed and undermined and the work destroyed. The 
most carefully constructed massive works of this character will not endure 

under such conditions. 

The Board of Commerce and Navigation of New Jersey, through its Erosion Com- 

mittee and Engineering Advisory Board, after a painstaking study of the New Jersey 

coast conditions, concluded: 
(1) Neither bulkheads nor groins can be recommended for use separately except in 

special cases. 
(2) The use of concrete for bulkheads is not recommended except for those heavier 

and more permanent types which may be classed as sea walls. Its use is highly hazar- 

dous where any serious settlement may be expected. 

(3) Timber bulkheads should always be provided with rock protection. The rock 

should be of large size. 

(4) The construction of shore bulkheads and sea walls seaward of the ordinary high- 

water line is to be permitted only when absolutely necessary for the immediate protec- 



1784 Harbors Sect. 19 

tion of existing structures such as buildings, roadways, etc. When the construction 
of such bulkheads and sea walls is unavoidable they should be supplemented by suitable 
groins. Mees ; . 

(5) The distance between groins requires, for its determination, due consideration 
of many factors including the slope of the beach, height of waves, distance to offshore 
bar, proximity of ocean inlets, etc. If the space between groins is too great, the front- 

age to the leeward of the groins will be left without 
protection. If this space is insufficient, scour may 
result from back-wash and interference of the two 
groins. In general, groins should be spaced from 
one to one-and-one-half times their length. 

(6) Groins must always be securely and tightly 
connected to a bulkhead or must extend well in- = 

Bi © 1 Ba shore to points beyond the reach of the highest 
35 : | |Pedestat Pile : waves. Disaster will almost certainly follow if the 
= | tevk os Seabihl water is permitted to pass the inshore end of the 
Siz Rete brles groins. Any breach or poor connection between a 
333 \ t Ente groin and a bulkhead on a sandy beach is almost 
ort pel, Oe Cut-off Walls certain to nullify the effect of the structures. 

= Piling (7) In groins sheet piles should have a minimum 
Fig. 11. Sea Walls penetration of 10 ft. Even this will be inadequate 

in some situations. The groins must be of tight 
construction, preferably of tongued and grooved sheet piling well lined and braced by 
wales and piles. The piles must have a penetration of at least 25 ft., and the timber 
should generally be treated with creosote. All bolts, rods, spikes, etc., should be 
galvanized. 

The rock should be of large size. Stone less than 100 lb. should not be used. Even 
rock of such small units as 100 lb. is of very slight value. Where the exposure is severe, 
nothing less than one-half ton should be considered, and approximately. 75% of the 
rock should be of units weighing two to six tons or more. In general, rock should 
have a least dimension at least equal to one-third its largest dimension. 

The incorporation of a sandtight core:in groins is essential. This should be ordi- 
narily of timber piles and sheet piling. It may be of rock where sufficient material is 
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used, in the class of large structures such as in the Longport Eleventh Avenue jetty, 
which contains a very deep, wide foundation of rock and foundry slag. The core must 
bea substantial structure. If of timber it must be supported by piling or by rock or 

by both. 
(8) Groins or other structures designed to gather large areas of beach should be 

permitted only for special reasons and after careful study of the probable effect upon 
adjacent communities. What is to be sought is coast protection and not coast exten- 
sion. Extension at one place is likely to be accomplished by recession at points in 

the vicinity. 
(9) The height and slope of the groin with respect to the profile of the beach depend 

upon many factors. Structures of the typéfound to be necessary on the steep beaches 
of northern New Jersey would be needlessly expensive in many sections of the southern 

New Jersey beaches where the profile is much flatter and where greater fluctuation of 
the shore line may be permitted. 

If the beach has been seriously lowered and the slope permits, it may be most eco- 
nomical to build a low structure, that is, some 3 ft. above the normal profile of the 
beach, but so design the core as to permit the addition of wales and sheeting to obtain 
higher level of the beach when the low jetties attain their maximum effect. 

(10) The construction of curved groins should be permitted only after thorough 
investigation. There is no evidence that curved groins offer any greater promise of 

success than straight groins. 
(11) Coast protective works must be adequately maintained. The tendency has 

been to pay little or no attention to maintenance until serious damage occurs. Where 
state aid is given to protect the shores, provision should be made for the maintenance 
of such works in good repair. Municipalities fronting on the ocean should adopt and 
maintain general programs for the adequate protection of their ocean front. Perhaps 
the best means to accomplish this would be the establishment of a fund into which 
moneys would be paid every year, the expenditures to be made therefrom as required. 
The almost universal tendency is to view with indifference the inroads of the ocean, 
making no effort to hold the beach until valuable structures are actually attacked. 

(12) The growth of sand dunes along the coast should be encouraged and promoted. 
Unfortunately, in New Jersey the tendency has been to level the sand dunes as con- 
struction of roads and dwellings progresses. Public authorities should discourage the 
removal of sand from the beaches where this sand is used for construction purposes or 
for filling of low lands. The artificial removal of sand from the New Jersey beaches is 

a serious evil. 
The best means of encouraging the growth of sand dunes is to plant beach-building 

vegetation, such as sea oats, sea wheat and other beach plants. In some places, par- 
ticularly low spits, fences may be employed to gather the drifting sand. 

(13) There is no evidence to justify the contention that the protection of the beaches 
can be well attained by means of heavy key works of great extent and massiveness, 
such as heavy outshore breakwaters or current deflectors. 

(14) To control the location and navigable depth of inlets, tight jetties are necessary, 

and in the case of many inlets two parallel jetties are needed to carry the current into 

deep water. 
(15) Twin jetties at inlets possess a superiority over a single jetty, whether straight 

or curved, and may be used with more confidence of results. 

(16) In length jetties should always extend from high-water line, or form a proper 

bulkhead outward to such distances as may be required by the problem at hand. For 

navigation purposes they must necessarily extend out sufficiently far to obtain the low- 

water depth sought. For fixation of location of inlets and for beach protection pur- 

poses an extension to or only slightly beyond low-water mark is necessary. It should 

be borne in mind in all cases that long jetties may temporarily cut off from the lee- 

ward beach the supply of drifting sand upon which its maintenance in normal condi- 

tions depends. 
(17) The northern beaches of New Jersey, that is from the vicinity of Long Branch 

northward, are relatively steep. This is a situation which requires the application of 

substantial structures, that is, heavy rock breakwater jetties. Light wooden struc- 

tures, not adequately supported with heavy rock, will not serve on this frontage. 

The southern beaches are less steep, and here the construction of such heavy works 

is not ordinarily justified from the standpoint of economy, except in the vicinity of 

inlets. 
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(18) Every section of beach presents a problem with its own peculiarities. It is 
therefore impossible to give precise rules that can be applied offhand to particular 
localities, but the types of structures discussed and recommended in this report have 
proved their effectiveness as shown by the results obtained during the past few years, 

and consequently much of the confusion and uncertainty on this subject has been 

removed. 
(19 For breakwater jetties of magnitude the tight sheet pile core type surrounded 

by large rock is recommended. The dimensions of the jetty should be suitable for 
the location. 

(20) In extensive, or key construction of magnitude, as distinguished from loca] pro- 
tection on the beaches, no small stone should be used. Contracts should call for large 
stone, say 85% of three tons and upwards, with no stone of less than one ton. Im 
general, rock should have least dimension at least equal to one-third of its major 
dimension. 

(21) Preparations for jetty contracts where rock is to be used should include, in 
addition to soundings, boring to locate a hard bottom, if one exists. 

(22) Where hard or firm bottom exists, and a core wall is to be used, plans should 
call for piles and sheet piles to extend well into it. Where no hard bottom is found, 
then the longest piles and sheet piles should be used within reasonable expense. 

Groins are built out from the shore line perpendicular to, or making an 

angle with, the shore line. They are generally constructed perpendicular to 

Fig. 12. Groins and Spur Dikes 

the direction of the current or drift. Their object is to cut off and prevent the 
carrying of beach materials along the foreshore. They need not be of massive 
construction, and usually consist of close piling, or sheet-piling, driven between 
guide wales and piles, or horizontal courses of plank held between vertical 
timbers or piles driven into the beach. They should be built so as to offer the 

least resistance to wave action, follow closely at a few feet height the general 
slope of the beach, and extend from high to low water. When of more massive 

and stronger construction on a steep beach they should, if built out below low 
water, extend out into water of depth so that wave action will not seriously 
disturb bottom conditions, such as would result in scour and undermining and 
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the destruction of the outshore end. When built in this way they are also 
known as Spur Dikes or Jetties. Groins should cut off the lateral sweep of 
waves. The distance between groins should equal their length and may be 
one and one-half times the length. In following notes, the numbers refer to 

Fig. 12- 

(1) New York, N. Y., foot of Bay 22nd, Brooklyn. Wales 5 X 10, sheeting 4 in. 
(2) Bath Beach, N. ¥Y. Sheeting 3 in., 11 ft. long. Top wales, 6 X 6; lower wales, 

6 X 8 in. 
(3) Coney Island, N. Y. Wales 4 X 10, 4-in. sheeting 22 ft. long. 

(4) Telewana Park, N. Y.’ Horizontal planking 3 X 10, wales 4 X 8, sheeting 

3 in., 6 ft. long, piles 15 to 20 ft. long. 

(5) Atlantic City, N. J. Planking was put in, sand as littoral deposit, raised 

beach, all lumber creosoted. 
(6) Atlantic City, N..J. 

(7) Asbury Park, N. J. Placed 1908; successful up to 1914. Beach protected and 

extended. 

(8) Type of low groin adopted by E. Case on English coast with entire success. 

Groins of reinforced concrete have been extensively used on the English coast, con- 

sisting of grooved reinforced-concrete piles and horizontal slabs added as the beach 

rose in height. On the Holland coast spur dikes consisting of brush piles covered by 

pavement of stone have been successfully used, length about 350ft. 

Principle of Action of Groins. The object of groin construction is to con- 

fine the action of the breaking waves on the beach to moving the sand and 

shingle composing the beach up and down locally in the confined space, and at 

the same time prevent the current Littoral. Current 
along the beach from carrying this 
sand away to other locations, the beach 

current being compelled to seek a path ¥ ‘ 

outshore of the extremity of the groins 

at a depth where the wave action will 

be insufficient to stir up a sandy bot- us 

tom, so that it may be carried away . Mark 

by the beach current. On the other Fi 
- : ; ig. 13 

hand, this current will carry, in suspen- 

sion and along the bottom, sand or shingle from more distant points not pro- 

tected by groin construction, and deposit this in the pockets formed by the 

groins resulting in beach accretion, as indicated in Fig. 13. 

The windward accumulation will be more pronounced, the deposit on the 

leeward side being materially reduced by eddies caused by the lee side of the 

outer end of the groins; as the pockets between become filled up, it becomes 

necessary to raise the height and extend the groin seaward. In most instances 

it is possible by this method to add considerably to the foreshore where, pre- 

vious to the work, it was being steadily and continuously carried away. 

Groins are advantageously employed in connection with sea-wall protection. 

Offshore Breakwaters. In certain instances breakwaters constructed 

parallel with the beach and outshore have been effective in stopping beach 

erosion and have resulted in accretion behind the breakwater. See Transac- 

tions Am. Soc. C. E., Paper 1541 by H. C. Ripley, and discussion. 

Dunes. Besides the retrogression or deposition of materials by direct water 

action of breaking waves, coastal currents and littoral drift, the air currents 

or the winds frequently have a direct effect of considerable importance, as is 

evidenced by the erosion, carrying away and deposition of sandy beach mate- 

rials in the building up and constant movement of dunes. Such action may 

often become of so-important a character in connection with foreshore pro- 

tection as to require stabilizing. 
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On the Holland coast this is accomplished by resorting to planting of coarse 
grass and the placing of brush to protect the sand surface from wind action 
and also to catch the flying particles of sand and artificially build up dunes or 
embankments at predetermined places. 

The fixing of sand by the planting of grass, weeds, shrubbery, although an 
effective permanent method where applicable, requires time. For more im- 
mediate results and as a preliminary, fences are frequently employed; if they 
become buried in the sand deposit they may be built up and the height in- 
creased until protection is afforded by permanent artificially built-up dunes. 
It is important in channel construction between lagoons and the open sea to 
bear in mind the sand drift, inasmuch as frequently in the case of jetties built 
to the open water where the bottom is beyond the influence of wave action 
and where the littoral drift is not properly provided for, the wind-borne sand 
is carried over the jetty into the channel, obstructing it. 

6. Channel Regulation 

Variation in Channels. In bay or estuary harbors on coast lines subject to 
appreciable tidal ranges, it is quite frequently the case that the ebb current 
in finding its way to the sea has a tendency to scour out a channel for itself in 
the line of least resistance, water from the sea entering the harbor at flood tide, 
eroding for itself a different channel-way, sometimes aeross the channel-way of 
the ebb tide, with a consequent inclination to fill up this channel. The in- 
fluence of littoral current and drift at the entrance of such harbors, together 

with that of gales and storms at intervals, often seriously complicates the 
problem of maintaining navigable channels. However, there is a constant 

tendency toward an equalization of forces looking to the establishment of a 
more or less fixed channel-way. The navigable channel need not necessarily 
follow the natural channel eroded by the ebb or the flood tide, but may be 
established by crossing a series of deep pockets, availing itself, in whole or part, 
of either or both tidal channels. For methods of marking channels, see 
Arts id), 

Dredging. Such navigable channels are often established and maintained 
by excavating shoal reaches between natural channel-ways and deep holes, or 
by straightening out and making more direct the natural channels, by cuts 
through bends, and cross-bars. A description of the different processes of 
excavating under water will be found in Sect. 8, Art. 15. Dredging operations 
of this character are frequently sufficient in themselves although, to some 
extent necessary as a continuous operation for maintenance of channels. In 
other cases, dredging operations are necessary in conjunction with other works 
of channel control and regulation. 

Jetties. In cases where there is considerable littoral drift, resulting in the 
formation of bars across harbor entrances, or formation of bars from deposit 
of sediment, jetties are built out from the harbor entrance into deep water. 
In the construction of jetties, attention must be given to the natural condi- 
tions or inclination of the channel to establish itself in a certain direction, with 
@ view to not unnecessarily disturbing the equilibrium of forces. 

Single Curved Jetty. Where a heavy littoral drift is constantly forcing to 
leeward, the outflow of water should be directed into the sea by a curved chan- 
nel having its convex side presented to the direction from which gales are pre- 
vailing, a single jetty of curved section being used on the windward side of the 
channel. In such construction it will often be necessary to extend. the jetty 
seaward from time to time, as the foreshore is built up on the windward side 
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of the jetty; under some conditions such a jetty would be likely to carry the 

drift beyond the entrance into deep water, and not require seaward extension. 

Single Straight Jetties have been constructed but, unless designed for a 
special purpose to fit in with definite geographical conditions, are not likely 

to be efficient. 

Twin Curved Jetties. The jetties built by Eads at the South Pass of the 
Mississippi River are an example of this type. 

Twin Straight Jetties were built at the mouth of the Rhéne, France. These 

were built so slowly that the bar advariced more rapidly than the jetty exten- 

sion. The work was abandoned as a failure. Similar jetties were built at 

Tampico, Mexico. In this case, the extension seaward was rapidly per- 

formea and the work was successful. 

Jetties Open at the Shore End were built at Charleston, S. C., but were 

ineffective. 

High and Low Jetties. These two types have their advantages and disad- 

vantages. High jetties are carried up several feet above high tide, and cut 

off the sand drift. They are the type now generally adopted in American and 

English practice. 

Converging Jetties run parallel with the general direction of the ebb tide and 

are carried out from the land and converge, leaving a comparatively narrow 

opening. Jetties of this type tend to guide and restrict the outflowing tide, 

controlling and directing the scouring effect by increasing the velocity. The 

windward jetty serves to cut off the littoral drift, the leeward jetty assisting 

the windward jetty in directing the force of the ebb tide to scouring out the 

drift brought into the channel-way by flood tide. J etties of this character 

often, from time to time, require outshore extension into deep water or the 

assistance of dredging. 

Diverging jetties bring the entrance to a more natural condition, and afford 

a better approach for navigation, but have a tendency to scour out a deep hole 

in the inshore entrance-way. 

Design and Construction. Jetties are usually constructed of mounds or 

heaps of large rubble in a manner similar to that of the construction of mound 

OF, h cap spreakwaters, The Bs Section of Inner Portion 
terial is usually carried up gusia,— Tala asic pn Maaan 

slightly above the elevation of GA = =Elpoi 

high tide. In estimating the 

quantity of material to be used, 

it is to be borne in mind that con- 

siderable is lost through settle- 

ment in soft bottom, besides 

which an excess of material must 

be allowed as the action of the 

waves will tend to wash down the 

stone to flatter slopes than would 

ordinarily obtain. From time to 

time, after completion, stone will 

have to be added to insure high 

enough elevation to keep cross 

currents at high tide from sweeping beach drift over the jetty into the chan- 

nel. Fascine and mattress work with rubble loading is employed in jetty 

construction: © Jetties are also built of wall work and also of reinforced con- 

crete. : 

v 

Fig. 14, . South Pass, Mississippi River Jetties 
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A jetty built in 1913, at Shark River Inlet, N. J., consists of two practically parallel 
walls curved with concave side toward the south, the beach sands drifting toward the 
north. The jetties consist of a row of 16-in. reinforced-concrete sheet-piling, with 
counterforts at 10-ft. intervals, and with a braced reinforced-concrete superstructure; 
the pockets are filled with sand, the toe or apron is protected with riprap. Fig. 14 

GULF OF MEXICO 

Fig. 15. South West Pass, Mississippi River 

shows typical sections of jetties at the South Pass of the Mississippi River, and Fig. 15 
a general plan of the jetties at South West Pass of this river. 

RIVERS 

7. Character and Description 

Origin. Rivers owe their origin to the natural drainage or flow of water 
from the land to the sea, the development of their beds and their direction 
being due to the character of the soil, natural obstructions, inclination to 
follow the path of least resistance, and to certain modification in these char- 
acteristics due to influences, in some cases no longer existing, traceable to the 
breaking up of the Glacial Period. Their final formation and direction are the 
results of erosive action of the water, as balanced by soil resistance, resulting, 
in the cases of most older rivers, of an established equilibrium within certain 
limitations between the contending forces and the regimen as existing. 

Sources of River Waters are in all cases, derived from tidal or rain water, 
the tidal water entering at the lower end, or mouth, and being directly due to 
the great primary or secondary ocean tidal waves, which, at high tide, pass up 
the estuary and the river, raising the level of the water and causing a flow of 
water up the river, and during the period of low water the process is reversed. 
The quantity of water passing up the river, due to such tidal influences, is, of 
course, on the average the same as the quantity flowing out on the reverse 
tide. The supply of fresh or rain water coming into the river at its source and 
constantly augmented by smaller supplies from branches and rivulets and the drainage from the banks along its course, travels solely in one direction from the source to the mouth and is subject to considerable variation in quantity 
and duration. 

Tidal Rivers. Nearly all rivers emptying into a tidal sea are affected by tidal influences for some distance up from the mouth, depending principally upon the range of tide and the slope or fall of the river. At the crest of the tide, the salt water of the sea, by action of gravity, flows up the river; as the sea water is denser than the fresh river water, the flow has a tendency to take place by moving under the less dense fresh water and lifting this water up... On the trough of the tidal wave the flow is reversed, causing a continua] oscillation in 
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and out, the quantity of the ebb tide being augmented by the fresh water of 

the river. The volume of the ebb is under normal conditions always in excess 

of the volume of the flood, this condition being reversed at rare intervals by 

the occurrence of heavy onshore gales. The method of action of the tide is 

that, as the flood tide begins to make up the river, the current is at first slowed 

up, then entirely checked, and then reversed, banking up and preventing 

the flow and escape of the fresh river water into the sea. On the turn of the 

tide, the tidal water and the stored accumulated river water flow out into the 

sea, the greatest velocity occurring at about half flood or half ebb. At the 

periods of reversal, or of slack water, 4 short time elapses with no current 

existing. Contrary to the conditions generally prevailing directly on the 

coast line, the duration of ebb tide in rivers is longer than that of the flood 

tide, the difference depending upon the character of the river and the quan- 

tity of fresh water flowing down the river as compared with the volume of 

tidal water entering the stream. 

Non-Tidal Rivers are rivers emptying into tideless seas or lakes or the upper 

reaches of tidal rivers beyond the effect of tidal action. The rise and fall of 

such rivers are entirely dependent upon the precipitation of rain on the areas 

drained by such rivers and their tributaries, the melting of snow and ice in such 

ateas or as modified by the characteristics of the surface of the ground, growth 

of vegetation, and the peculiarities of the stream itself, such as depth, width, 

and slope. 

8. Flow of Water in Rivers 

Velocity of Current. The direction of flow and velocity of river water is 

due solely to the effect of gravity dependent upon the level of the surface of the 

water in the river. The difference in such level in any given length is termed 

“ slope” or “fall.” The particles of water at high level exert a pressure on 

those below them; these, being free to act in any direction, are pressed down- 

ward, forward, and upward toward the 

lower level, the whole mass being thus 

set in motion generally in the manner 

indicated in Fig. 16. 

The particles which come in contact 

with the bottom and banks of the stream Fig. 16 

are retarded by friction and do not move 

with the same freedom as the particles in the center of the stream section. 

Particles in contact with the bottom and sides are also deflected from their 

true course and cause disturbances in the stream action. As the stream 

moves forward, the particles describe orbits, varying in dimension with the 

section and depth of the stream; in large deep streams, the orbits being 

larger, the disturbing elements are less potent, the mean velocity being that 

obtaining in open channels as given in Sect. 13, Art. 15, and may be ob- 

tained more directly by 

—Horizontal. 

River Surface 

V=CV2R-F 

in which F equals the fall per mile in feet, R the hydraulic mean depth in feet, 

and C a coefficient of varying value, as follows: 

For smal] streams of about 50 cu. ft. per sec. C = 0.65 

For larger streams of from 200 to 300 cu. ft. per sec. C = 0.75 

For tidal rivers of - 1000 cu. ft. per sec. C = 0.85 

For tidal rivers of 10 000 cu. ft. per sec. C = 0.95 

For tidal rivers of 100.000 cu. ft. per sec. C = 1.00 

For tidal rivers of 1.000 000 cu. ft. per sec. C = 1.50 
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Transporting Capacity of Water. All rivers are charged with alluvial 
matter carried by them in suspension, the turbid conditions of many rivers 
during periods of heavy flow illustrating the extent of the work being carried 
‘on by them in the transporting of material. In addition to the materials actu- 
ally carried in suspension, heavier and larger particles are transported by being 
rolled along the bottom of the stream. The sources of materials carried in 
suspension are the disintegrating effect of frost, breaking up and loosening of 
soil materials, the wash and erosion of rain, and the scour or eroding effect of 
the stream upon its banks. Under normal conditions the sectional area of the 
river is sufficient to provide for a velocity which will not cause undue erosion, 
the natural bed remaining in a state of equilibrium. However, any agencies 
which tend to increase such velocity tend to cause erosion with increase of sec- 
tional area and eventual decrease of velocity to the point of equilibrium. 
With a constant variation of volume of water flowing in rivers, detritus 
brought down at one time and deposited, is again taken up and transported 
farther downstream and so on. See discussion of Experiments by Grove K. 
Gilbert in Professional Paper 86 of U.S. Geological Survey, 1914; abstract in 
Eng. News, Sept. 10, 1914. 

In a tidal river, the soil material carried by the stream is carried back and 
forth by the tide; the volume of ebb being greater than the flood, it is even- 
tually slowly carried out to sea, or is deposited on the shores of the river mouth 
or estuary forming salt marshes. In non-tidal rivers, as the velocity of the 
current slackens on approaching and emptying into the sea, the material car- 
ried in suspension is deposited at the mouth of the river, forming deltas. The 
delta of the Mississippi River is a prominent example. 

If a stream is loaded to its full carrying capacity it will tend to fow within 
the confines of its bank and the bed without further erosion; in some rivers 
more than 2% in weight of the total volume of water passing along the chan- 
nel is solid matter. The ability of a stream to carry material is dependent 
upon the sixth power of the velocity as modified by the depth. Refer to 
Sect. 13, Art. 18. 

Erosion and Scour. A non-tidal river with its flow constant in a down- 
stream direction has an inclination to flow in a sinuous or meandering course. 

The particles of water moving in 
circular orbits or paths tend to im- 
pinge against one bank or the other; 
and on account of the lack of. uni- 
formity of the character of soil ma- 
terials forming the banks, there is a 
constant tendency to erode or scour 
on one side or the other. A curved 
direction having once been assumed, 
the tendency is to increase the curv- 
ature, as illustrated in Fig. 17. 

The stream velocity is V. On account ¢ of the curved direction of the stream, the Fig. 17 centrifugal force will tend to increase the $ velocity near the concave bank to Vo, and to decrease the velocity on the convex bank to Vy; the increased velocity on the 
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rotation has a similar effect on both elevation and erosion. The right-hand bank in 

the Northern Hemisphere and the left-hand bank in the Southern Hemisphere clearly 

indicating by the bluff lines the small but continuous force directed against it. See 

Article in “‘ The Military Engineer,” Vol. XLX, No. 108, by G. T. Rude. Also Trans. 

Am. Soc. C. E., Paper 1599, by H, C. Ripley. The usual condition of a stream is illus- 

trated in Figs. 18 and 19, the first showing a slight reverse bend, and the second a more 

considerable one. 
The current, in each case, being close to the concave bank, has a tendency to scour 

out on this side deep channel-ways with consequent steep banks. Where material is 

Fig. 18 Fig. 19 

carried in suspension the decrease in velocity on the convex side permits the deposition 

of detritus and the formation of flats, as illustrated in Fig. 20, and, eventually, the 

growth of the meandering effect of marsh land. 

In some streams the bends become so great that the bights approach each other and 

2 natural cut-off occurs, the bends soon taking the form of crescent lakes. The inter- 

section having once occurred, the new 
channel is rapidly eroded as the 
shortest path and the one of least 
frictional resistance. This meander- 

ing effect is more prevalent in rivers 

with low velocity than in torrential = 

rivers in which the increment due to Fig. 20 

centrifugal force is proportionately 

less. As the navigable distance is often naturally shortened by such cut-offs, these 

have been made by dredging; this should be done only after careful investigation as 

to water height and the consequent velocity through the cut-off; experience has shown 

that the shortening of the river course by this means often results in scour and bank 

caving. 

Channels and Bars. In non-tidal streams, the flow being constantly in 

one direction, the regimen of the stream flow is closely fixed and the flow, 

quantity and velocity vary 
with the precipitation of rain 

so that, within reasonable 

limitations of time, the loca- 
tion and direction of channels 

and flats are likely not to vary 
greatly. In tidal streams the 
conditions are different and 
more complex, the variation 

in fresh water flow being ma- 

terially complicated by tidal 
flow as regulated and con- 
trolled by the extent and di- 

rection of storms. Fig. 21 illustrates the condition often obtaining at or near 

the mouth of tidal streams, the reversal of current due to the ebb and flood 

resulting in two or more variable channels with consequent formation of bars, 

very often shifting in character and extent. 

The width and sectional area of channels in non-tidal rivers and in the upper 

Fig. 21 
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reaches of tidal rivers bear a certain fixed relation to the drainage area and to 
the consequent quantity of water discharged. The width and depth of the 
tidal reaches of a tidal river do not appear to be so fixed, although the channels 
once fixed are usually maintained by the tidal flow. Any cause that tends to 
obstruct the free flow of tidal water and the propagation of the tidal wave is 
detrimental to the maintenance of the channel condition and frequently leads 
to shoaling.. It is important to observe this effect in the design and construc- 
tion of works of proposed improvement. F 

9. Training Works 

Dredging. As with harbor work, the improvement of rivers, though often 
attempted by dredging, is not always effective as a measure of permanent im- 
provement and usually entails eontinuous maintenance operations. Chan- 
nels may be straightened out by cuts across bars and flats and the navigable 
distances along rivers decreased by excavating between the bends of meander- 
ing rivers. Dredging for the improvement of tidal or non-tidal rivers is prin- 
cipally useful in connection with other improvement works for stream tegula- 
tion and control, and as a regular aperation to maintain adequate depth and 
width of channels, slips, and basins. 

Training Walls, also called dikes, are employed to direct the flow of the cur- 
rent in rivers with a view to the establishment of more favorable and fixed 
channels and often, also, to prevent scour and the erosion and carrying away of 
river banks. In the navigation of rivers it is important that the curvature of 
the channel should be of such radius as to permit the ready handling and move- 
ment of ships, this depending upon the depth of water and the size of ship to 
be considered. For large ships, if possible, it should be not less than 2500 ft. 
Single or double walls may be employed, the selection depending on the object 
to be accomplished. Two parallel walls may be used in a river flowing 
through a broad alluvial valley, in a wide bed and with an inclination to mean- 

der, the walls confining and di- 
recting the current flow, keep- 

@ ing the space between them 
open by sluicing and scour. 
The slack water area inshore of 
the training walls will tend to 
shoal and fill up. Such wait 
work in rivers is similar to and 
in many respects merely an in- 
terior continuation of jetty 
work at river mouths or harbor 
entrances. 

At Rangoon, India, 1907, the 
Rangoon River (Figs. 22 and 23) 
was cutting out the concave river 
bank just above the city, causing 

Fig. 22.. Training Wall, Rangoon River formation of sand bars and shoal- 
ing of water on the opposite side, 

and on being deflected by a prominent point opposite the city was scouring out and 
undermining the foundations of wharves and piers. The training wall built was 2 miles in length and consisted of brushwood mattress 3 ft. thick, covered with a weighting layer of rubble, a rubble-mound wall surmounted by a concrete wall filled with rubble. Range of tide 20 ft. with 5 to 7 mile river current. River has scoured out new channel along wall and area behind wall has filled up. 

In the case of the Mississippi River at Natchez, Miss.,'slides on the river banks were 

| geen area, verses | 
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undermining the railroad tracks above. To relieve the situation, sedimentation was 
brought about by the use of a mud cell dike and when this was secured, the banks were 
permanently protected with concrete slab paving. See Trans. Am. Soc. C. E., Paper 
1468, by W. C. Curd. : 

Construction of Training Walls or Dikes, as with jetties, may be of loose 
rubble-mound construction, with or without a surmounting masonry wall, or 
may be of timber, timber 
close piling, timber sheet- 
piling, steel sheet-piling, 
or reinforced concrete. In 
the employment of rubble- 

mound walls, considerable 2 Sergi rater Cross Section 

rs have to be Fig. 24. Stone Dikes, Arkansas River 
used that will afterward 

be buried in the bottom, for as the wall is built and extended the scour of the 

stream at its end will tend to deepen the channel at this point, leaving deep 

holes to be filled with stone as the wall work is carried forward. Training 

walls should be carried up to the elevation of high tide, and when curved 

should be given easy curves so as not to cause sudden changes in the direc- 

tion of channel currents. The area in back of the training wall eventually 

becomes filled up with sediment 

deposited by the stream in the 
slack water. A typical section of 
a loose, rubble-mound dike in use 

a Ed Pee “=r on Arkansas River is shown in 

evation : 1 Fig.24,the rubble being deposited 

pa ois hear re Ptaa Cross Section on fascines or brushwood mat- 
and covered with stone 

5 ts 

tress. Fig. 25 shows a typical 

Fig. 25. Solid Pile Dike, Arkansas River solid, pile brushwood and stone 

dike in use on Arkansas River. 

Spur Dikes, also called Spur Jetties, may be employed to regulate and 

direct the current of a river by contracting flow area and causing scour and lat- 

eral deposition of material behind or in between dikes. The influence of the 

spur dikes is similar to that of the groins employed in foreshore protection 

work, as described in Art. 5. Spur dikes are sometimes employed in connec- 

tion with longitudinal dikes or training walls, or such longitudinal walls 

or bulkheads may be constructed connecting the end of the spur dikes 

after the space between them 
has become filled up with de- 

posit. 

Fig. 26 illustrates the improve- ~s-y-,2 
ment of the Upper Mississippi 
River by the employment of spur 
dikes which are built out per- 
pendicular to or making an ob- 
lique angle with the direction of 
the current. 

Permeable Dikes, instead of entirely cutting off or diverting the current 

flow, merely slacken and retard it. They consist of open-work construction, 

usually of timber piles and cribbing with rubble weighted brushwood mattress 

work hurdles. The velocity of the current being retarded behind or between 

such dikes, material in suspension is deposited and the area is filled up, the 

dikes themselves eventually become buried in a hydraulic fill dam of their 

own creation. On account of the initial increase in velocity at the contracted 

Fig. 26. Spur Dikes, Upper Mississippi 
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area of the dike itself, the fascine or mattress work is built with an apron on 
each side of the work to prevent scouring and undermining. 

Fig. 27 illustrates the employment by the Chicago and Northwestern Ry. Co. of 
permeable dikes on the Missouri River at Blair Crossing. The river, as shown in (1), 

was following a cut-off and threatening 
the Blair bridge. The work was done in 
1913. Permeable dikes were constructed 
across this cut-off, forcing the river into 

the old channel. (2) shows asection of 
the 2-pile dike; the main dike employed 
a 5-pile section. 

Bank Revetment is effected; when 

practical, by sloping the banks to 
stable slopes, protecting them from 
scour by brush mattresses, riprap, or 
block paving, timber planking, piling 
and sheet-piling. Such work is neces- 
sary, not only on rivers to protect 
banks from erosion due to the flow 
and velocity of the current, but at 
tide level to protect against wave 
action and wash of passing vessels. 
See’Sect. 15, Art. 16. 

In Fig. 28, (1), (2), (3), (4), (5), (6), 
(7) show typical methods of revetment 
on the Arkansas River. (8) and (9), 
typical methods, Upper Mississippi Ri- 

‘ aA ce ver. (10), typical methods, the Missouri 
Fig. 27, Permeable Dikes, Missouri River River. 

The standard revetment consists now of grading the bank on a slope of 1 : 3, laying 
a woven willow mattress 86 ft. wide from 3 ft. above low water and over the river bed, 
ballasting and sinking it, and paving the bank from the inshore edge of mattress to 
the top of bank. If the paving (riprap) fails by erosion, a substantial reinforced-con- 
crete revetment is placed extending from the top to almost low water and from there 
a system of connected concrete flexible blocks about 24 in. square, extending beyond 
low water. This protects the bank and weak point of willow mattress. 

a 
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10. Flood Control 

Overflow. The causes which contribute to a river overflowing its banks 
are as a rule natural and seasonal in origin. In smaller rivers of limited drain- 
age area these causes are found in exceptionally heavy precipitations of rain 
and in the melting of snow and ice in the early spring over the watershed; 
heavy precipitations of warm rain accelerate such melting. Ina large river, 
with several tributaries discharging water from large drainage areas remote 
from each other and under different climatic, precipitation and other influ- 
ences, the annual variation of flood in the main river is liable to be very great. 
The floods in the various tributaries might readily occur in such succession 
as not to tax the capacity of the main river, but the possibility is always 
present of these flood waters all reaching the main river at the same time or 
when it is, itself, under maximum flood condition. . The Mississippi. River is 
an outstanding example of such a possibility. 

In most rivers draining a large alluvial valley, under normal conditions 
floods are to be expected annually. . In the natural condition of the river, 
the river valley acts as.a storage reservoir, the river overflowing its banks, the 
flat lands on either side being flooded and retaining the water, which is drained 

} 
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off and discharged at a later time. These annual floods have, in such cases 
as the Mississippi and the Nile, helped to enrich the flat agricultural lands 
along the stream by bringing down rich alluvial matter and depositing it as 
the water recedes after the flood period. This natural regimen has in some 

cases been upset by changes in these natural conditions through reclamation 
of the low 1ands on each side, by levees or dikes. Slowly but surely as this 

Low Water 
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Fig. 28. Revetments 

character of work advances, it confines the flooded river between these arti- 

ficial barriers with resulting reduction in cross-sectional area, increased 

velocity and raised elevation of the river. This in turn requires increased 

height of embankments to prevent their being overtopped. 

In addition to this cause of overflow or flood, it is frequently claimed that 

human inhabitation of the river valley results in a change in the character of 

the vegetation and various growth over the drainage area; the cutting of tim- 

ber, removal of forest underbrush, and the placing of land under cultivation 
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all serving to increase the rapidity of the runoff, with the result that periods 
of rainfall which would not ordinarily have caused serious floods will, under 
the change in the natural condition of the drainage area, have a tendency to 
hasten the drainage and outflow of rain water into the river. 

An understanding of the causes of overflow of any important river is neces- 
sarily difficult and complex and can come only after thorough study of the spe- 
cial conditions under consideration, such study involving a complete topo- 
graphical survey of the entire areas, rainfall and evaporation records over a 
long period of time, observation and gaging of stream velocity, cross-sectional 
areas, volume of discharge and various other features. _The very voluminous 
records and reports in connection with the question of flood control of the 
Mississippi River indicate the difficulty of ready solution of the problem. 

The conservation of forest growth, especially on the high lands where river 
tributaries have their source, has been advocated as a measure to reduce the 
rapidity of runoff and consequent flood, and at the same time by the retarding 
or storage effect to increase the flow at low stages. Forest growth undoubt- 

edly does exert some regulating effect on flow and resultant floods, but 
such effects are materially changed and even reversed by altitude and frost, 
especially by snow and ice. The effect of forestation on flood would appear 
to be a local problem, and it can hardly be asserted, as a general proposition, 
that changes in such forest areas produce noticeable effects on river floods. 

The control of floods by storage reservoirs has been found effective in certain 
cases hereafter referred to. Ina river draining a large area this method in- 
volves such complex questions as the cost of the work and value of the land 
taken over for storage reservoir purposes. Another means of flood control is 
through relief afforded by diverting part of the flood flow through artificial 
or partially artificial channels. This frequently requires the construction of 
expensive controllable diversion spillways. It is often the case that no one of 
the means of relief mentioned herein can be effectively resorted to, but that 
a combination of all may be necessary. 

Levees are embankments of earth built up on the sides of rivers to prevent 
the overflow of the banks. They should be built up 2 or 3 feet higher 
than the highest water recorded in the vicinity. In their design and construc- 
tion, consideration should be given to the fact that the confining of the stream 
between the side levees will serve to decrease the stream area during flood flow, 
and probably entail increase in velocity and in elevation of the highest water 
over and above that recorded before the construction of the levees. The side 
slopes are dependent upon the character of the soil and vary from 2: 1 to 4: 1. 
The top width of the levee should be sufficient so that in case of settlement 
or unusually high water, the crest of the levee may be raised by additional 
embankment or by placing of bag extensions. Refer to Sect. 8, Art. 25, Levee 
Construction, and Sect. 16, Art. 19. 

Fig. 29 shows typical sections for various heights of levees employed on the Missis- 
sippi River up to 1927; these are being increased in height and area as a result of the 
experiences of the 1927 flood. Revetment work is employed to protect levee slopes 
where river conditions are such as to indicate the necessity for such work. 

The dikes of Holland perform a duty somewhat similar to that imposed on river 
levees, protecting the low lands from inundation by the sea. This system of dikes con- 
sists of the natural sand dunes, artificially built up sand dunes, and embankments. 
The rivers outflowing along the coast line have levees constructed along their banks. 
These sand dunes are protected against wind erosion by a growth of coarse grass and 
reed, which also serves to retard and hold the blowing sand and build up the dunes, 
fresh grass being planted on top of this. Where subject to wave action, the slopes are 
protected by fascine and mattress work, weighted with basalt or concrete blocks; 
short timber piles are driven to pin and hold down the work and to help break the force 
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of the waves. In localities where lateral currents occur, spur dikes are built out per- 

pendicular to the main dike. 
Flood protection walls may be employed in connection with, or to replace, levee 

work. Such walls, consisting of two reinforced-concrete walls backfilled, were employed 

at Portsmouth, Ohio. The walls were fitted with flood gates which are closed when 

the elevation of the river reaches a dangerous height; the sewage discharge from the 

city must as a consequence be pumped instead of flowing through the wall. 
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Fig. 29. Mississippi River Levees 

Navigation. Most rivers at high stages usually afford the necessary facil- 

ities for navigation restricted within the known and expected local require- 

ments. The low stages of rivers often make navigation impossible without the 

assistance of engineering works. At such low stages with the decrease in 

stream velocity and in the quantity of water discharged, bars extend diagonally 

across the river, especially at bends, blocking the fairway and making the 

passage of vessels difficult or impossible. With sudden rises, new channels are 

eroded through such bars, varying much in direction and location. Formerly 

in the Mississippi, when this river carried a large local river traffic, it was cus- 

tomary at New Orleans to hold frequent conferences between pilots of ascend- 

ing and descending steamboats in order to ascertain the latest changes of 

channel. Rivers, especially during freshets, bring down large quantities of 

drift logs, developing snags or sawyers, which tend to obstruct navigation, 

raising barriers and sand bars and changing the channel conditions; it is im- 

portant that such snags shall be removed as soon as possible. 

Reserve Basins or Reservoirs. Under favorable conditions, river floods 

may be somewhat controlled by constructing in the upper reaches basins 

or reservoirs consisting of large areas with impounding dams as it is contem- 

plated to hold in reserve in these reservoirs the excess flood volume which is to 

be released during the periods of low stages, and thus to increase artificially 

such low stage flow with a view to establishing an average flow. The funda- 

mental principle involved is a sound one, but natural difficulties are generally 

encountered that render impracticable the obtaining of the desired results. 

The problem involved, for successful application for such works for flood con- 

trol, requiresspecial and careful study of local conditions, the areas available for 

reservoir sites, value of land likely to be submerged, and the existence ot suit- 

able sites for dam construction. The plan has been tried on the upper Mis- 

sissippi River, the region being remarkable for the number of small lakes. A 
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large Indian reservation presented conditions unusually favorable. Five 
reservoir lakes were immediately available and additional ones possible and in 
prospect. The watersheds of the five reservoirs constituted 11.8% of the 
whole area above St. Paul and 21.5% of that above Minneapolis. The actual 
result to navigation on the Upper Mississippi system was an average increase 
in low water depth at St. Paul of about 14in. When the release of water was 
specially regulated, 22-in. increase was obtained; these figures are based on 
a record of 20 years, during which period the total outlay, including construc- 
tion and operation, was about $1 500 000. From thisitis concluded that, asa 
general proposition, such reserve reservoir work, though instrumental in con- 
trolling flood discharge and assisting navigation, is of use principally in con- 
nection with other engineering work of improvement. The difficulty of regu- 
lating the discharge from such storage reservoirs can not be overestimated. 
The release of reservoir water may be necessary and beneficial to one section, 
and have quite the opposite effect on other sections served by tributaries or 
branches which, due to local severe precipitation, are experiencing local floods. 

Canalization or slackwatering is a method employed to afford a sufficient 
depth for navigation at all seasons of the year, and also to overcome rapids or 
falls that would otherwise make navigation impracticable. In this method 
a series of pools is formed by the construction of dams, and connected by 
locks. This method has been extensively employed in Europe on such rivers 
as the Fulda, Main, Oder, Elbe-Moldau and the Seine, and has been carried 
on extensively in the United States since 1840 on the Allegheny and Monon- 
gahela Rivers in Pennsylvania, the Ohio River, the Black Warrior and Tom- 
bigbee Rivers in Alabama, the Columbia River in Oregon, the Cumberland, 
Green and Kentucky Rivers in Kentucky, the Fox River in Wisconsin, the 
Hudson and Mohawk Rivers in New York, and the Kanawha River in West 
Virginia. 

Its application to the Ohio River comprises a series of 51 locks and dams, 
overcoming a total fall of 424 ft. from Pittsburgh to Cairo, of which 26 ft. are 
at the Falls at Louisville. This system of locks and dams planned for com- 
pletion in 1929 provides a minimum depth of 9 ft. for a distance of nearly 1000 miles during all seasons of the year. 

11. Signals. and Lighthouses 
Buoys. Buoys are employed for demarcation of entrances, interior channel- ways, and for the location of dangerous shoals. They are placed at intervals at either side of the chanmel-way, the port and starboard boundaries being indicated by the shape and color of the buoy. Buoys must be moored to heavy anchors, either cast iron, such as the mushroom, or frequently large blocks of concrete are used with heavy iron eyes cast therein, Dependent upon the range of tide, the buoy is secured to an anchor by a length of cable two or three times the maximum depth in which it is to float. In channel demarcation the distance between buoys varies with the character of the channel as to width and straightness. In the interior of harbors mooring buoys are frequently provided at various fixed locations to enable vessels to moor without resort to ship’s anchors. In harbors of restricted area, at times two buoys, one for bow and one for stern, are provided for mooring. Buoys are used for location of wrecks in outer harbors or in the open sea, also to indicate cable crossings. 

Beacons are fixed signals or structures used for means of alignment or for indicating changes of direction. F requently prominent objects or landmarks, natural topographical features, or prominent structures, are used as beacons, 
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Channel Lighting. The location of channels is often fixed for night use by 

luminous buoys lighted by means of oil or gas, or the range is fixed by two 

illuminated points, afloat on buoys or fixed on shore, or one afloat and the other 

ashore, the change in direction being shown by a similar line or range. 

Sound Signals. Light being impracticable and useless during heavy mists or 
fogs, resource is had to sound or warning signals, a bell or whistling buoy being 

used for this purpose. In deep water where there is always some wave mo- 

tion, bell buoys depend on this motion to actuate balls or pendent clappers. 

Whistling buoys depend on the taking in of air and its expulsion as the buoy 

rises and falls, or the bell may be struck or the whistle sounded by compressed 

air or gas carried in a tank that is regularly recharged. Sound transmitted 

through the air often gives a misleading idea of locality; resort is therefore had 

to submarine sound signals which can be heard a great distance and the direc- 

tion of which can be identified. 

Lightships. At locations where, on account of the natural conditions, it 

is impracticable to locate and maintain lighthouses, or at locations where 

luminous buoys would not be striking enough in character, necessary light for 

the assistance of navigation is placed on lightships. Signals of this character 

are more certain and reliable than are light buoys exposed to strong currents 

in heavy seas. The principal requirements are staunch construction and 

steadiness under severe storm conditions. 

Lighthouses. (Lighting and Design.) Dangerous promontories, points, and 

bars are marked by lighthouses, especially at entrance to bays and harbors. 

The lights are fixed, revolving, or flashing, for purposes of identification. When 

a navigator has identified a light and knows its height above sea level, the dis- 

tance at which it first becomes visible at sea is known. Let H be the height of 

light, # the height of the observer above sea level, both in feet, and D the dis- 

tance from the vessel to the light in statute miles. When the light is seen 

exactly on the horizon, then 

D = 132 (\/H + Vb) 
If the distance in nautical miles is required, 1.32 is to be replaced by 1.15. For 

example, if the height of the light is 100 ft. and the observer is 25 ft. above the 

water, he sees the light on the horizon when he is 19.8 statute miles or 17.2 

nautical miles from the lighthouse. 

The following statements regarding the lights of lighthouses and the struc- 

tures themselves have been kindly furnished by J. S. Conway, Deputy Com- 

missioner of the U. S, Lighthouse Service. 

(1) Intensity. Lights are of classes heretofore known as “ orders,’”’ based on the 

focal diameter of the lens, as “ first-order,” “ second-order,”’ etc., and miscellaneous 

smaller lights. Recent practice substitutes the candlepower of the light in place of the 

now more or less misleading term: “‘ order.” 

(2) Ranges of visibility, two classes: the geographical range of the light due to its 

height above sealevel,and the luminous range due to the intensity of the light emitted 

by the illuminating apparatus. 

(3) Character of the illuminating apparatus, three classes: catoptric or reflecting, 

dioptric or refracting, and catadioptric, in which the “lens Ha is provided with both 

reflecting and refracting media. The latter type is the most in use. 

(4) Characteristics of the light, such as Fixed, Flashing, Occulting, Fixed and 

Flashing, or other combinations for distinguishing purposes. Fixed lights are liable 

to be confused with neighboring private lights and should be avoided if practicable. 

Fixed, combined with flashing, and lights with prolonged flashes should be avoided for 

the reason that the “fixed” and “ prolonged ”’ rays emitted by the lens are weaker 

than those of the “ flashes,” giving a misleading characteristic at a distance. Multiple 

lights, except for minor lights, are now considered obsolete, because they largely 
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increase the cost and are less distinctive than flashing lights. Lights of alternating 
colors should be so designed that the white and colored rays are of equal intensity. 

(5) Arcs of visibility, two classes: single lights illuminating a large arc of the hori- 
zon and two lights in range illuminating a limited arc for purpose of marking narrow 
channels and passages. Often plates of red glass are introduced in the lantern so that 
the sector of rays passing through them will cover an outlying danger such as a reef, 
rock, or shoal, or to indicate the edge of a channel. 

(6) Attendance, two classes: Watched and Unwatched lights. 

(7) Fog-signals, four classes: the ordinary bell struck by hand or machinery and 
submarine bells struck by machinery, also whistles, reed horns, and sirens blown by 
compressed air. Some of the whistles and sirens are sounded by steam. 

(8) Materials. Almost all the usual materials of construction have been used in 
building lighthouses in the United States Lighthouse Service: stone masonry, brick- 
work, reinforced concrete, framed timber, structural cast iron, structural steel, cast- 
iron plates, steel plates and piping. 

(9) Arrangement. Light stations situated on land sites usually consist of the light 
tower, oil house, fog-signal building, keepers’ dwellings, workshop, water supply and 
drainage systems, boathouse and ways, barn, and the usual outbuildings, roads and 
walks, although, owing to the restricted area of some sites, one or more or all of the 
buildings may be combined in one. On submarine sites the whole station is practically 
confined to one structure. 

(10) Foundations. For land sites, the foundation for a closed tower of masonry, or 
metal work, is usually a single block of concrete resting upon the foundation soil. 
Occasionally these blocks are placed upon a timber grillage supported by piles for sites 
upon low or marshy land. In all cases the block is extended so as to bring the unit 
pressures within the bearing power of the soil. Occasionally a skeleton structure is 
placed upon a single foundation block, but usually each column or leg of the tower has 
its individual block. Where the site is subject to overflow, the buildings are sometimes 
grouped together, raised upon braced columns and connected by a system of galleries. 

For submarine sites, the foundation may consist of a cylindrical cast-iron or sheet- 
steel caisson filled with concrete, or a masonry pier. Cast-iron caissons are in general 
use on the Atlantic Coast. When placed upon a ledge of rock, the latter is usually 
leveled up with concrete bags if below low water, or with tools if exposed, and the 
ledge or rock is then heavily ragbolted to the concrete filling. For soft bottom, the 
best method of procedure is to float the caisson out and sink it by the pneumatic 
process. Both timber and metal working chambers have been used and the depths 
from the cutting edge to high water have varied from 19 to 85 ft. Other foundations, 
consisting of timber cribs and concrete blocks, used in fresh water, have been placed 
either directly on good existing bottom, or upon a layer of small rock usually 3 or 4 ft. 
thick deposited upon the soft or dredged bottom prior to floating the crib out. These 
timber cribs are usually filled with stone and terminate about 2 ft. below low water 
level; the concrete blocks are then placed to the height of the deck. 

(11) Forces. Structures upon land sites are exposed to wind Pressures, and occa- 
sionally to waves in addition. Those upon submarine sites are exposed to wind, wave, 
currents, and ice. The usual procedure in determining the stability of tower is to 
locate the common center of effort of all the forces acting upon the structure to over- 
turn it and so proportion the weights of the entire structure (the buoyancy of the water 
must be taken into account for submarine structures) that the resultant of the active 
forces and the net weight falls so far within the outer edge of the base that there is 
compression over its whole surface if the foundation soil is compressible. In seeking 
for this result it is proper to include the lateral resistance of the soil when the structure 
penetrates it for some distance for the reason that it is often heavily compressed by a 
large deposit of riprap and offers good support. The maximum unit pressures, both 
vertical and lateral, must not exceed the bearing power of the soil. In case the founda- 
tion is rock, the resultant must fall so far within the outer edge of the base that the 
maximum unit pressure does not exceed the compressive strength of the materials in 
contact. : 

The wind, wave, current, and ice pressures assumed should be the maximum in each 
instance, as lighthouses are commonly exposed to severe gales and flows of ice. It has 
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been the practice to assume wind pressure for flat surfaces at 60 lb. per sq. ft., allowing 

two-thirds of this figure for rotundity. Maximum wave pressures of 6000 lb. per 

sq. ft. on flat surfaces are assumed, based upon Stevenson’s experiments, the force of 

the wave being greatest at its crest and diminishing to zero at its base. The pressures 

exerted by currents vary with their rate of speed. The pressures due to ice have been 

assumed at 30 000 lb. per sa. ft. for a field of melting ice, 1 ft. thick, striking the pier 

and crushing its way past. 

(12) Superstructures. The superstructures of all towers, whether separate or com- 

bined with other buildings, have certain features incommon. There is a main entrance 

door at the base, a flight of winding stairs, broken by landings in high structures leading 

to the service room, which in the larger lights is usually separated by an airlock from 

the watchroom above, the latter supporting the lantern. Occasionally in large lights 

and usually in small ones the service and watchrooms are combined. The pedestal of 

the illuminating apparatus usually rests upon the watchroom floor, but in the small 

lights the lantern floor supports it. The clear glazed opening of the lantern is just 

sufficient to pass the horizontal rays from the illuminating apparatus, and if the latter 

is of a revolving type, showing flashes or occultations, the newel post of the tower 

serves as a weight shaft for the clock. There are railed galleries outside both lantern 

and watchroom. The tower should be thoroughly fireproof and isolated in this respect 

from the other buildings. For calculating the strength of closed and skeleton towers 

the manner prescribed for chimneys and viaduct bents is employed with the exception 

that great stiffness and rigidity must be provided, as vibrations are detrimental to the 

proper working of the lamps and clocks of the illuminating apparatus. 

QUAYS 

12. Design 

Definition. Wharves are landing places or platforms built out into, or on 

to the water for the berthing of vessels. Wharves parallel to the shore, mar- 

ginal wharves, are generally known as quays, and their protection walls as 

quay walls; wharves built into the stream or fairway perpendicular or oblique 

to the shore are generally known as piers. 

Quay Walls, or bulkheads, are used for wharfage for retaining and protecting 

embankments or retaining filling. Their proper design and cost are largely 

dependent upon local conditions and the use to which they are to be put. The 

character of the foundation and the depth of water to be provided are im- 

portant factors in the cost and design. Some data on design are given in Sect. 

10, Art. 28. 

Data on Design. It is important to observe the character of the foundation 

on which the wall is placed, whether the wall may be built directly on rock or 

hard-pan, or on a floating foundation on timber piling or grillage work. In the 

latter case, information must be secured as to the prevalence of marine wood; 

borers, and, if present and active, precautions must be taken to protect the ex. 

posed timber work by creosoting or other preservative or protective methods. 

Quay walls are designed in a similar manner to retaining walls with the differ- 

ence that on the water side they are sub ject to the water pressure varying with 

the height of the tide, and on the land side to the earth and contained water 

pressure with a proper allowance for surcharge. The contained water on the 

land side of the wall will usually stand higher than the tide water, especially at 

low tide. A rapidly falling tide may result in a considerable earth and water 

pressure tending to push out or overturn the wall. 

The Combined Pressure of water and earth upon a wall must be known in 

making a design. Let w be the weight of a cubic foot of water, we the weight 
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per cubic foot of the submerged earth, ¢ the angle of repose of that earth, and 
h the height of the vertical wall. Then, for one foot i= length of the wall, 

Water pressure =1/2hw, 
Earth pressure = 1/2 h? we tan® (45° — 1/2 ¢) 
Combined pressure = 1/2 h? (w; + we tan® (45° — 1/2 ¢)) 
or, Combined pressure = 1/2 h? W 

To find W the weight per cubic foot, w; of sea water is taken as 64 1b. and we 
may be found experimentally by taking samples of the earth as near as possible 
in its natural compacted state, and ascertaining its weight submerged in sea 
water, or may be fixed theoretically in approximate terms by taking the weight 
of the original material, such as limestone rock, granite, slate, and other mate- 

rials less the weight per cubic foot of water multiplied by the percentage of 
solid material per cubic foot, that is, 100% less the percentage of voids in the 
material. 

Combined Weight W of Sea Water and Earth, Lb. per Cu. Ft. 
(Equivalent Liquid Pressure) 

Slope of Weight we. of submerged earth, lb per cu. ft 
repose 
of earth 40 44 48 52 56 60 64 68 

| Veja | 66.2 66.4 66.7 66.9 67.1 67.3 67.6 67.8 
3/431 68.4 68.9 69.3 69.8 70.2 70.7 re Be | 71.6 
i Wo | 70.9 71.6 12.2 72.9 73.6 74.3 75.0 fei 

1-1/4:1 73.2 74.2 | 7524 76.0 76.9 77.9 78.8 79.7 
1-1/2: 1 75.4 76.6 VK fey 78.9 80.0 81.2 82.3 83.5 

1-3/4: 1 Yk a} 78.8 80.2 81.5 82.9 84.2 85.6 86.9 
Zed 79.3 80.8 82.3 83.9 85.4 86.9 88.4 90.0 

2-1/2 :1 82.3 84.2 86.0 87.8 89.7 9125: O33 95.2 
Sys k 84.8 86.9 88.9 91.0 93.1 95.2 97.2 99.3 

3-1/2: 1 86.8 89.0 91.3 93.6 95.9 98.2 | 100 102 
4:1 88.4 90.8 93.3 95.7 98.1 | 101 103 105 
Sy 90.9 93.6 96.3 99.0 | 102 104 107. 109 
654 104 108 112 116 120 124 128 132 

This table gives the combined weight W, or the values of wy, + we tan? (45° — 1/2 ¢), 
the weight w; being taken as 64 Ib. per cu. ft. for sea water. It should be noted that the 
submerged weight of the earth will be dependent both on character of original soil rock 
and on the extent to which the soil is compacted, the angle of repose becoming greater 
as the soil is more compacted. See table A, p. 914, for values of angles of repose 
corresponding to various slopes. ( 

It will be unusual in practice to find conditions where a combined weight W in excess 
of 90 1b. per cu. ft. should be used, although where a structure is built on soft mud, or 
is to be filled with, or retain, mud, especially if it is placed as a hydraulic fill, the com- 
bined pressure may reach or exceed 120 Ib. per cu. ft. The total pressure in pounds 
against a linear foot of a vertical wall h feet in height is found by multiplying W by 
1/2 h2, 

Some observations have been made at various depths on the weight “in situ” of 
soils immersed in sea water, and, as should be expected, they show wide variation. 

The Overturning Moment is the product of the total equivalent liquid pres- 
sure on the rear side of the wall, and one-third the height, less the product 
of the water pressure on the sea side of the wall, by one-third its depth. In 
drydocks, canal locks, masonry quaywalls or bulkheads, the height to be taken 
would be the distance from the top of the fill down, whereas in walls with tim- 
ber or other relieving platforms the height would be from the bottom®of the 
platform. When thé bulkhead or wall is founded on viscous or plastic soil, 
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the depth or height to be considered will not necessarily be the height of the 

wall, but may extend some distance below the depth of water at the sea face. 

Weight of Soils Immersed in Sea Water 

Pounds per cubic foot 

Material 
Maximum | Minimum | Average 

——— a ae 

Gravel and marl. ......... AUREUS IAT. ee we ee 42.0 62.9 

f iomivel and pand |. 555 Bo. oe yes ee pace ans - > eee: 42.0 62.4 

ede ae Se aera ses tes: | 66 42.0 58.3 

Gravel, sand and clay.... 5.2.05. 0.020 5.5 |» 80.9 Six 2 70.0 

jeer Clay 206. AL OLS IPE QUT Ie 64.8 38.4 47.8 

| Stiff'clay and gravelinn. 2.90. Gull. ..cnieese- 70.3 44.8 52.6 

Practice and Custom. It is too frequently the case in the design and con- 

struction of wharfage work that the designer is guided entirely by the accepted 

. custom of practical wharfbuilders. It should be remembered that the same 

fundamental principles apply here as to other engineering structures. If the 

wall is a gravity structure, the safe bearing capacity of the foundation soil must 

be considered, and it must be remembered that the submerged part of the 

structure loses dead weight to the extent of the buoyancy effect of the water 

displaced by it. 

Where piles are employed, their safe bearing capacity should be obtained by 

driving test piles and either applying a test load or making observations of 

weight and drop of hammer or penetration when bringing up, and these data 

are to be used in connection with one of the well-known piledriving formulas, 

the pile structure being examined as a column, and, if of timber, due allowance 

made for character of material used, the creosoting of timber reducing the 

strength and safe carrying capacity of the pile. If capped with timber, con- 

sideration should be given to the safe bearing power across the grain of the 

timber used. In wharf work under conditions generally obtaining, timber 

piles 14 in. in diameter at butts, with the usual framing, should not be counted 

on to give more than 18 tons carrying capacity per pile. If creosoted timber, 

not more than 15 tons. The safe bearing capacity of reinforced-concrete piles 

is frequently taken at twice this amount but is, of course, dependent on the pile 

section and the driving of the pile. In reinforced-concrete piling the bearing 

capacity at the top of the pile is reduced by the weight of the pile. Ina rein- 

forced-concrete pier built in Havana, Cuba, piles 20 in. square, and up to 85 ft. 

long, were used, and gross bearing capacity of 40 tons per pile allowed, or net 

capacity of 25 tons, 15 tons being allowed as the weight of pile. When 

employing batter, brace, or spur piles, this bearing capacity should be some- 

what reduced, as the driving effect of the piledriver hammer will be less effect- 

ive on account of the inclination and consequent friction on the leaders or 

guides. 

Expansion Joints. In long quay or sea walls or bulkheads, expansion joints 

at intervals of about 50 ft. are necessary in order to avoid unsightly shrinkage 

and settlement cracks. It is desirable to design these so as to permit irregular 

vertical movement in adjoining sections, but to lock these sections so as to pre- 

vent a horizontal break. A simple and effective joint of this character is made 

by casting one or more V’s or grooves in the end of one section, and coating 

this with pitch or tar, or the end of two adjoining sections may be built-in this 
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manner a few feet apart and the space 
filled up. The two methods are illus- 
trated in Fig. 30. 

For joint A tar is applied with brush to 
side first concreted. For joints B and C tar 
is applied with brush to body concrete after 
forms are removed and before key concrete 

Fig. 30. Expansion Joints is placed. 

13. Foundations 

Sheet Piling. When sheet piling is employed in quay walls or bulkheads in 
connection with or without relieving platforms, the sheet piling will act as a 
simple or partially fixed beam supported where driven into the bottom and at 
its anchorage or fastening at the platform. Due precautions should be taken 
to see that the sheet piling is driven deep enough into the bottom to secure a 
proper hold and to guard against being pushed out, for which purpose it must 
be driven to a depth so that the passive resistance of earth will take the bot- 
tom reaction. In reinforced-concrete sheet piling, steel can be placed accord- 

ingly, but in any case sufficient reinforcing steel must be placed on both faces 
so that the pile will be strong enough to be lifted and handled while being 
placed in the work. It is usually advisable to lift the piling at two points so 
that the negative and positive bending moments are equal, and to fix these 
points by casting gas pipe section or eyes in the piling. 

A too frequent cause of failure of walls or bulkheads is the pushing out of the 
bottom or toe of the sheet piling, or, in very soft material where sheet piling is 
not long enough, the running out or mudwave effect underneath the bottom 
of the sheet piling. 

Steel sheet piling is frequently used in place of timber or reinforced concrete, 
as it can be driven into and through materials that cannot be penetrated by 
either timber or reinforced-concrete sheet piling. Steel sheet piling has been 
driven into soft rock. The steel, although it rusts away where exposed to the 
air, or between tides, will nevertheless 
last a long time under water or where 
cut off from free oxygen. Steel sheet 
piling is now available with a small 
copper content in the steel. The effect- 
iveness of this alloy in preventing cor- 
rosion is questioned. 

Methods of Computing Depth to 
which Sheet Piling should be Driven, 
size of piles, struts or tension of tie 
backs. 

In Fig. 31 the problem is shown in 
its simplest form. 

AB is a sheet pile driven to depth x into the soil and a the known height 
above the soil to which it is retaining earth, assume it is held at A by a strut 
or tie T. P is the known active pressure above the outside soil. 1 the in- 
tensity at the level of the soil, » the increment of intensity per unit of depth 
for active pressure above or below outside soil. the increment of intensity 
per unit of depth for the passive pressure below the outside soil. P2 = pix; 
Py = 1/2 px?; Py = 1/2kpax?; Pi = 1/2 pa® or P= Py+ P2+P3= 
1/2 p (a + x)?. 

Taking moments around A, P X 2/3 (a+) = Py (a + 2/3 x). 
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This is an equation with one unknown quantity x Also Py + T= Por 
T tension in tie or compression in strut = P — P,. 

Fig. 31a shows the usual trench sheeting, the two struts at D and C take the 
place of the tie, JT, in Fig. 31 and under these conditions Py +S; + S, = P 
and from this the size of sheeting and depth to which sheet piling is to be driven 
can be determined, and also the dimensions of struts and wales. Sheet pile 

Fig. 31a. Length of Sheeting Fig. 315. Bending Moment and Shear on 
and Dimensions of Braces Sheet Pile 

AB is considered as a beam loaded as shown in ABF. The same analysis 

is applied to the general type of sheet pile bulkhead, Fig. 31b, where A B is the 

sheet pile, MN the elevation of water. The triangle ALM indicates the earth 

pressure above tide level and MLIB indicates the total active pressure of 

submerged earth and water below tide level on the land-side. WMHB indicates 

the total water pressure on the water side, and EGH_ the total active soil pres- 

sure on the water side and EHF the total passive pressure. Superimposing 

the active and passive 
pressure on the water side 

on the active pressure on 
the land side AMDKL 
represents the intensity of 
the forces outward. KIJ 
represents the intensity of 
the active and passive 
forces inward which with 
T equals the outward 

forces. From this may 
be constructed the mo- 
ment diagram and the 
size and details of the 
sheet piling actually de- 

sired. 
Fig. 31¢ is the general 

case of a platform wall with surcharge. The length and size of the sheet 

piling may be determined as follows: 

Find the known active force P: extending from the relieving platform to the 

level of the outside soil. Find the intensity #; at the level of the outside soil. 

Find p the increment of intensity per unit of depth for the active pressure 

below the outside soil. Find kp the increment of intensity per unit of depth 

for the passive pressure below the outside soil. Then P2 = pix, P3 = 1/2px* 
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and P, = 1/2kpx. Take the moment of all the forces below the platform 
about the point O, giving 

Ps (a + 2/3”) — P3 (a + 2/32) — Po (a + 1/2x) — Pb =O; 

1/2px? (a + 2/3x) (k — 1) — pix (a + 1/2x) — Pb = 0; 

1/3p (k — 1) #® + 1/2ap (k — 1) x* — 1/2p1x? — afix — Pib =O. 

The last is an equation with one unknown x. Solve forx. Then determine 
Po, P3 and Ps, and i Pi + Pot P3 — Py. 

In applying this method the table of equivalent liquid pressure in Art. 12 
may be.employed. kf the increment of intensity of passive pressure is de- 
pendent upon the character of soil bottom and must be obtained by experi- 
ment or experienced inspector. 

Brace Piles, when driven with opposite inclinations, are subjected to.a pull 
in one case, and a push in the other, and connection should be made accord- 
ingly. It is too frequently the case that brace piles, though provided for in 
ample number and of sufficient bearing capacity, have weakened and improper 
connections and that the full lateral effect is not secured from them. 
A quay wall or bulkhead can be anchored against the thrust or horizontal 

pressure by deadmen or anchors buried in the embankment some distance 
back and below the plane of rupture made by the angle of repose, or by anchors 
ef brace piles. Having determined the amount of this thrust, the anchorage 
can be readily designed. ; : 

Such anchorages are shown in Figs. 32, 32a and 33. In Figs. 32 and 32a, the 
amount of horizontal thrust is represented by A B, A D would be the push or 

ge Surface 

1D) (0) 

(32a) 

Figs. 32, 32a. Pile Anchorages Fig. 33. Pile Anchorage with Platform 

bearing on the brace pile, and A C the uplifting effect or pull on the vertical 
pile in Fig. 32, and inclined pile in Fig. 32a; Fig. 33 is'an anchorage in connec- 
tion with a relieving platform, or might be used separately as anchorage for a 
bulkhead or wall. 4 C is the uplifting effect, but the actual pull or uplift on the vertical pile shown is decreased by the weight of the soil or backfill sur- 
charge on the platform, represented by EFGH. 

: Effective and Ineffective Anchorage details of brace or anchorage connec- tions are shown in Figs. 34and 35. F ig. 34 shows five typical brace pile anchors 

3: 3", 1-& Dock Spike , 
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Fig. 34. Effective Pile Anchorage Fig. 35. Ineffective Pile Anchorage 
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for a quay wall or bulkhead. Fig. 35 also shows five typical cases of improper 
brace or spur, pile details or connections. Some of these have been taken 
from actual work, Fig. 35 (1) and (2) having been discovered and sketched only 
after the failure of the work by the outward movement and overturning of the 
wall. It will be noted that in these two cases the bearing or thrust in the 
brace pile is entirely taken by the bending in two 1-in. screw bolts and one 
3/4-in. dock spike. These, apparently, held for some time, but, being sub- 
merged, even this support was greatly weakened by the corrosion of fastenings. 
In Fig. 35 (3) and (4) depend entirely upon the strength in bending of one 
screw bolt, as does (5), except that the deck planking directly above the piles 

furnishes an additional bearing. In designing work that will be submerged, 

or kept partially so, if the work is to be considered permanent, it is important, 

in so far as possible, to avoid entire dependence upon iron or steel fastenings. 

Galvanizing has been attempted with indifferent success, and, in one or two 

instances, extruded brass has been used for fastenings. As far as possible, 

work of this character should be detailed for dependence upon the fitting of 

timber joints and the use of wedges, dowels, and treenails. The general prac- 

tice in engineering design should be applied to obtain dimension of caps and 

~ stringers, thickness of planking or decking, bearing surface in contact, and 

other details. Liberal allowance must be made, however, for the weakening 

of aged water-logged timber or the deterioration of timber, by rot, when ex- 

posed to successive wetting and drying out; and in. reinforced-concrete 

construction to the possible disintegrating effect of concrete when submerged 

in salt water, especially when subject to the action of frost. 

Safe Bearing Capacity of Groups of Piles. As stated in Sect. 8, Art. 10, 

the bearing capacity of piles is dependent upon the support at the bottom of 

the pile; if the pile penetrates a short distance to hardpan or rock, the strength 

of the pile as a column must be considered; when the pile penetrates some dis- 

tance into soft materials, the bearing capacity depends upon the skin frictional 

resistance. It would be well, however, to note that the skin frictional resist- 

ance is the means by which the load on the pile is transmitted through the pile 

and through a vertical cone of earth, of which the pile is the center, to the sub- 

soil at the plane of extreme penetration of the pile, the bearing capacity of 

the soil also being increased by being compacted by the driving of the pile. 

For this reason the safe bearing capacity of one pile is no criterion for fixing 

the safe bearing capacity of a number of piles driven closely together, as in 

the latter case the cones of resistance overlap and the bases of these cones at 

the bottom of the piles will, in cases of a group of piles driven closely together, 

each be required to.carry the load, at least in part, of several piles. Whereas 

the bearing capacity of the subsoil at some distance beneath the surface, as 

at the foot of long piles compacted by pile driving, will safely carry consider- 

ably higher loads than the same character of subsoil at or near the surface not 

compacted, there is, nevertheless, a limitation which can be readily exceeded 

by placing piles too close together, expecting them to carry considerable loads. 

It is inadvisable in pile foundations, for harbor work, to place piles closer 

together than 2-1/2 ft. to 3 ft. It will be seen that at 2-1/2-ft. centers, in 

carrying loads of 18 tons each the interior piles of a large group will subject 

the subsoil to a load of approximately 3 tons per sq. ft. The same principle 

applies with equal force to any surface or subsurface loading, such as by means 

of spread footings. 

Anchorage or Pull on Piles. Where brace piles are used for anchorage of 

quay walls or bulkheads, or in connection with pier work, as previously stated 

the bringing into play of these brace piles to resist lateral movements fre- 
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quently results in an upward pull on some inclined or vertical piles. Asa gen- 
eral rule, piles driven some distance into the soil and dependent upon skin 
friction for their carrying or bearing capacity can be safely counted on as giving 
an anchorage effect or resistance to pulling equal to the estimated bearing or 
carrying capacity, Experience in pulling up or attempting to pull up piles 
driven in harbor work fully confirms this statement. Observations made on 
piles 55 to 75 ft. in length, driven in 23 to 35 ft. of water, indicate that a pull 
of from 20 to 45 tons was necessary, in many. instances tops of piles pulling 
off before the piles were moved. This resistance to up-pull is dependent upon 
the skin friction of the pile or actual mechanical anchorage in the case of types 
of concrete piles with enlarged bases, which, in turn, is dependent upon the 
weight submerged in water, of the cones or pyramids of soil engaged by the 
pile and having their small ends or apex at the bottom or foot of the pile and 
the enlarged bases at the river or sea bed. Hence the anchorage effect in a 
group of piles driven closely together will be less than the sum of the anchor- 
age effect of a like number of single piles, because the anchorage is entirely 
dependent upon the weight of the mass of earth engaged by the group of piling 
and in no case should be expected to exceed the weight of the affected inverted 

prism of soil to the bottom of the piles of the group. The effective weight is, 
when below tide level, of course, the submerged weight of the soil, for which 
refer to Art. 12. 

Relieving Platform Type of Quay Walls are those in which a platform is 
constructed at about the water level, and takes the weight of the fill and the 
surcharge as vertical loads carried in turn by timber or reinforced-concrete 
foundation piles. Structures of this type may be built having a platform of 
timber or reinforced concrete, a wall above the platform of reinforced concrete 
or gravity section and with timber, reinforced-concrete or steel, sheet piling 

in front or in rear of the platform, or with no sheet piling if the wall is carried 
back far enough. 

The two types in general use are shown diagrammatically in Figs. 35a and 
356. Fig. 35a is the type generally employed on the sea coast in waters in 

Fig. 35a Fig. 35) 

which the marine wood-borers are prevalent, the earth fill around the founda- 
tion piles protecting them. P, represents the horizontal thrust of earth fill 
and the surcharge on top of the platform. P, represents the horizontal 
thrust of the fill below the platform. The earth being submerged loses a por- 
tion of its weight due to the buoyancy effect of the water. The water pressure 
on the outside is counterbalanced by the water pressure on the inside and P. 
is represented by the triangle BFG. The two horizontal thrusts, P; and P2, 
are resisted by Ri, platform tie, and Ro, the passive resistance of the earth at 
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the bottom. R; equals the horizontal component of S, the bearing capacity 
of the inclined brace pile. 

In Fig. 355, the sheet piling is at the rear. The outward, thrust, is repre- 
sented by P; above the platform, and P2 at the rear, below the platform level. 
Pj, representing the earth thrust and surcharge, P2, the earth thrust from the 
platform level down and the surcharge of the earth, etc., above the platform. 
These outward thrusts are resisted by Ri and Re. Rj is the platform tie and 
is the horizontal component of the bearing on the inclined brace pile S, Ro, 
the passive resistance of the earth. It is evident that in Fig. 350, if the natural 
slope of the bottom were steeper or the platform carried back further, no 
sheet piling at the rear would be required. 

14. Timber Quays or Bulkheads 

Inexpensive and Temporary Character. When work is to be of a more or 
less temporary character and of inexpensive type, timber is largely employed, 
often, where necessary, treated by one of the preservative processes. In har- 
bors where marine wood-borers do not exist or are not active, timber work 
below mean tide level, where always kept wet, will last indefinitely and can be 
employed in the foundation and other parts of permanent harbor work. 

Creosoted Timber. Available information shows that the life of creosoted 
timber, submerged in water where marine wood-borers are prevalent, varies a 

great deal and this is due to differences in quantity and quality of the oil used 

and to the method of treatment. A variation in quantity of 10 to 24 Ib. per 

cu. ft. is frequently employed. Short leaf pine and fir, on account of their 

structure, readily take more oil per cubic foot than pitch pine, and while nt 

possessing the same strength, are in many instances better materials to use 

where creosoted lumber is required. 

Yellow pine piles treated with 16 lb. of creosote per cubic foot, after being in 

place in Charleston harbor 12 years, showed no evidences of having been at- 

tacked by marine wood-borers. In some of the other South Atlantic and Gulf 

ports, where the marine wood-borer is very active, there are examples of 

creosoted timber piles that have not been seriously damaged by the marine 

wood-borers, and have been in place over 20 years. 

Examples of various timber quays are shown in Fig. 36, the numbers refer- 

ring to the brief descriptions given below. 

(1) Garrison Ave., Bronx River, New York City. Front close piling filled with 

riprap. 
(2) Harlem River, New York City. Three-inch sheet-piling backed with riprap 

Anchor bents 10-ft. centers. ; 

(3) Echo Bay, New Rochelle, New York. Close piling backed with riprap. Bents 

6 ft. 6 in. on centers. 
(4) Oak Point, New York. 

(5) Hudson River, New York. Riprap embankment. Bents of platform 10 ft. op 

centers. 

(6) Astoria, L. I., New York, Astoria Light and Power Co. Crib filled with rubble, 

pockets 8 ft. square formed by logs. 

(7) Hudson River, New York, Interborough Rapid Transit Co. Slope paved with 

riprap. Bents 5-ft. centers. 

(8) Harlem River, 171st Street, New York. Three-inch sheet piling, backfilled with 

riprap. Guide piles 5-ft. centers, two anchor piles every 10 ft. 

(9) Rockaway Inlet, New York, Barren Island. Bents 10-ft. centers, one brace pile 

to each. 
(10) San Pedro, Port of Los Angeles, California. Live load allowed 500 Ib. per sq. ft. 

Piles creosoted, bents 15-ft. centers. 
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(11) Missouri River, Kansas City, Mo. Timber and piles creosoted. 526 ft. long. 
(12) Chicago, Ill. Standard sheet pile bulkhead. Sanitary District. 
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Fig. 36. Timber Quays 

(13) Navy Yard, New York, 1912. 200 ft. long. Platform with 6-in. sheet piling. 
Bents 10-ft. centers. j i 3 F 
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15. Masonry, Concrete and Timber Quays 

Foundations. In the construction of quays or bulkheads of more permanent 
character where rock of hard unyielding foundation can not be readily secured, 
timber piling and grillage work are often employed for the foundations or may 
be carried up to mean tide level, the work being surmounted by a masonry or 
reinforced concrete structure. 

Riprap in locations where it can be secured in quantity and at a low cost is 
extremely valuable as a quay wall material, for the foundations of the wall, 
the protection of slopes, filling behind the wall, and for the underwater part of 
the wall itself. On account of the voids the material in mass submerged does 
not weigh more than earth fill and stands at a much steeper slope, less than 1 

on 1. 

Essential Details of various precedents are given in the following state- 
ments, the numbers referring to Fig. 37. 

(1) Savannah, Ga. Standard Fuel Supply Co. 1912. Twelve-inch reinforced-con- 

crete wall on timber piles, 15 ft. 6 in. on centers, reinforced-concrete deck slab. Live 

toad 600 Ib. 
(2) Brooklyn, N. Y. Gowanus Canal. Timber platform, with concrete wall on piles 

and riprap. 
(3) Chicago, Ill. Proposed plan for bulkhead wall alongside long pier. 

(4) San Diego, California. 1912. 2675 ft. long. Concrete incased piles on 7-ft. 

centers. 

(5) Iloilo, P. I. 1912. Cylinders on 12-ft. centers. Reinforced concrete on timber 

piles. 
(6) Chicago, Ill. Long pier bulkhead. 
(7) Charleston, S. C. 1911. 4000 ft. long. Untreated timber piles, sheet piling 

and concrete wall. Reinforced-concrete sheet piling, 3 ft. wide, to protect timber 

work from marine borers. 
(9) New York (South Brooklyn), N. Y.. One of several types of wall used by De- 

partment of Docks and Ferries. 
(10) Boston, Mass. Northern Avenue. 1911. At Commonwealth Pier. Length 

645 ft. 

(11) Schenectady, N. Y. N. Y. State Barge Canal. (12) Amsterdam, N. Y. N.Y. 

State Barge Canal. (13) Utica, N.Y. N. Y. State Barge Canal. 

(14) Providence, R. I. Fields Point. Bents 4 ft. centers, two brace piles to each 

bent. Sheet piling 6 in. and 8 in. 

(15) New York, N. Y. Central R. R. of New Jersey, Bronx Terminal. Bents 8-ft. 

centers, two brace piles to a bent, sheeting 6-in. 

(16) Boston, Mass. U.S. Navy Yard. (17) Norfolk, Va. U.S. Navy Yard. 1910. 

Timber platform, surmounted by concrete wall on reinforced-concrete sheet piling, 

55 ft. long. Similar wall faced with granite ashlar, built at New York Navy Yard, 

1912. Bents, 5-ft. centers. 

(18) Berlin, Germany. Spree Canal. (19) Neufahrwasser, Commercial Railroad, 

Germany. 

16. Masonry and Reinforced-concrete Quays 

Foundations. Where the foundation is of rock or unyielding material, quay 

walls built up of large stone blocks, concrete blocks, or concrete monoliths are 

permanent and effective. In localities where granite is readily procurable at 

4 reasonable price, this type of wall can not be improved upon both as to per- 

manency and cost. With less satisfactory foundation conditions, especially 

where marine wood-borers are prevalent, reinforced-concrete piles or columns 

are effectively used. In masonry walls the underwater work, if of blocks, is 

usually laid by divers to elevation of low water. Where monolithic concrete 
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blocks are used these may be premolded and lowered to place by heavy 
derricks, the foundation being prepared by the use of riprap and broken stone 
or concrete bag work. Concrete or stone masonry walls are also built in the 
dry in cofferdams, or use is made of reinforced-concrete or timber floating 
caissons or boxes, built on shore, launched, and sunk in place by filling. 

Essential Details of various precedents are given in the following state- 
ment, the numbers referring to Fig. 38. 

(1) Key West, Fla. U.S. Navy Yard. Reinforced-concrete piles and deck. Bents 
10-ft. centers. (2) Albany, N. Y. State Barge Canal. (3) Los Angeles, California, 
1914. Reinforced-concrete piles and deck. Bents 20-ft. centers; anchors, 4 vertical, 
4 brace timber piles. (4) Nantes, on Loire, France. Reinforced concrete. (5) Span- 
dau, Germany. Municipal Quay. (6) Nantes, France. (7) New York, N. Y. Port 
Morris, Bronx, N. Y.C. & H.R. R. (8) Oakland, California. 2005 ft.long. (9) Bos- 

ton, Mass. Fish Pier. Wall around Pier 6. (10) Baltimore, Md. Proposed design. 
(11) Portsmouth, N. H. Navy Yard. Loose coursed granite laid by diver. A type 
of wall used along New England Coast. 1907-1912. 320 ft. (12) New York, N. Y. 
116th Street, Department of Docks and Ferries. (13) New York, N. Y. Cedar Street. 
Department of Docks and Ferries. 

- The Department of Docks and Ferries of New York City has for many years em- 
ployed large premolded concrete blocks for quay wall construction. With rock founda- 
tion within 40 ft. of the surface, if material over rock is soft, it is dredged off and rock 
cleaned, and the wall based on bag concrete brought up to level by divers. Upon this 
successive tiers of concrete blocks are laid up to low tide level; above this, granite 
ashlar, backed with mass concrete, is used. The blocks weigh from 25 to 95 tons. 

Where the foundation is such that piles can be driven to clay, sand or other firm 
bottom, soft material is excavated to 30-ft. depth, piles driven and cut off 15 ft. below 
low water and given lateral resistance by an embankment of riprap and gravel brought 
up to tops of piles. Upon these piles a single tier of concrete blocks is laid, each weigh- 
ing 80 tons. A granite ashlar wall facing with concrete backing surmounts. the blocks. 
Where the bottom is soft, the wall is provided with a relieving platform. In some 
walls in soft bottom, settlements as great.as 4 ft. have occurred, which were remedied 
by adding courses of granite. The blocks are handled by scows and set in place by 
a 100-ton or a 40-ton crane. Cost has varied greatly from $100 to $750 per lin. ft. 

Quay walls, in which monoliths are employed consisting of floating caissons, in a 
similar manner to their use in breakwaters (see Art. 3), have been constructed at 
Zeebrugge, Belgium; Rotterdam, Holland; Norresundby, Denmark; Talcahuano, 
Chili; and hollow reinforced-concrete boxes at Passau on the Danube. At Antwerp, 
Belgium, a quay wall was constructed using caissons launched and floated to place 
and then sunk by fixing over their upper part a pneumatic caisson or diving-bell 
handled by two floats, the section being then filled with concrete. 

17. Failure of Quay Walls 

Movement and Settlement of quay walls and their eventual failure in whole 
or part are not uncommon, even in well-designed walls or bulkheads where 
ample provision has, apparently, been made for the outward thrust; it is not 
unusual to find after work has been started evidences of settlement at the toe 
and irregular outward movement at the top. This may, in some cases, be 
accounted for by the slight settlement of the foundation under the front of the 
wall on account of the concentration of load and the outward thrust at that 
place and also in walls where timber platforms or anchors, employing brace 
piles, are used, to the slight movement allowed in the bringing up of bearings 
and connections. In most instances, this will not continue to any great ex- 
tent, and may be corrected in so far as appearance goes, by resetting the 
coping. On walls or bulkheads having ornamental copings or balustrades, it 
is often advisable to postpone the placing of these until a short time after the 
wall or bulkhead has been built and has had an opportunity to take its set. 
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In gravity masonry walls, a not infrequent form of failure, or partial failure, 
is the moving or sliding out, in mass, of the wall on its base. It is customary, 
where possible, to lay the foundation and upper courses of masonry at an in- 

clination to overcome this. 

Examples of Failures and the corrective measures successfully applied in 

some instances: 

(a) An outward movement was observed during the construction of-the Fish Pier 
wall in Boston Harbor, the wall resting on an inclined riprap bed, laid on clay over- 
laying hardpan and rock. The movement 4vas arrested by driving piles directly in 
front of and at the toe of the wall and constructing in the rear of the wall a relieving 
platform. 400 ft. of wall were involved. 

(b) A section about 300 ft. long of a masonry and timber platform wall built at the 
New York Navy Yard failed by outward movement and overturning, the cause being, 
undoubtedly, improper brace pile connections, and as referred to in Art. 12. 

(c) A somewhat similar wall in Washington, D. C., built on a very narrow platform 
without brace pile ties, moved outward 10 ft. when the backfilling had been carried 
only to mean tide elevation. When repaired, by constructing a timber relieving plat- 
form with adequate brace piles, backfilling was carried to grade and no further move- 

ment of importance found. 

(d) A wall in Charleston, S. C., harbor, 4000 ft. long, was located ona salt marsh; 

the river silt of increasing compactness and density extended to a depth in excess of 

90 ft. below tide. The depth of water at face of wall varied from 0 to approximately 

8 ft. The support for the wall consisted of a timber platform and brace piles with sheet 

piling driven at an inclination. Filling of river silt was placed behind the wall by 

hydraulic dredging. In two locations the filling material blew out underneath the 

sheet piling, pushing out the bottom of the sheet piling. This was corrected by loading 

the toe of the wal] with riprap and, in some instances, by driving heavy vertical sheet 

piling inside and back of the wall platform. 

(e) A platform bulkhead built in New York Harbor, consisting of a timber platform 

with sheet piling on the inside with brace piles at 5-ft. intervals, with 15 ft. depth of 

water at the sheet piling, and 30 ft. depth along the face, gave evidences of outward 

movement when the depth of water was increased by dredging to 34 ft. This was 

corrected by placing 2-in. round steel anchors every 20 ft. and carrying these back 

40 ft. inshore of the sheet piling to anchors of timbers, dead-men and piles, and placing 

riprap along the slope, decreasing the depth of water at sheet piling to 12 ft. 

(f) A wall built at the Navy Yard in New York, about 1885, of gravity type, con- 

sisted of heavy granite blocks, with massive counterforts, laid by divers on a timber 

pile foundation, and of granite ashlar 
work above tidelevel. It was designed 
at a time when the draft of the vessels eee 

did not exceed 20 ft. With the increase 
in draft of vessel, the basin directly in 
front of this wall was dredged out, and, 
finally, to a depth slightly in excess of 
30 ft. A somewhat similar wall in an- 
other locality failed by outward move- 
ment and overturning. The wall in 
question moved outward and gave 

every indication of early failure. It J 

was repaired by the method indicated Fig. 39. Quay Wall Repair, New York 

in Fig. 39, the ashlar work being : me! 

stripped off to low water, sheet piling driven directly in front of the wall, and this tied 

back in turn by timber ties to a platform in back of the wall provided with vertical 

and brace piles, the space between the face of the wall and the sheet piling filled 

with riprap, and a new wall built directly on top of the sheet piling and the work 

backfilled. 
: 

(g) Acribin D., L. & W. RR. yard, Hoboken, N. J., the top of which had given 

way and needed renewal, was repaired as shown in Fig. 40. 
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(h) A seawall built on a timber platform, the protective face of which under water 

consisted of 3-lap, 2-in. yellow pine treated with creosote, began to fail on account of 

the destruction of the wood by the teredo. 
Eight-inch grooved and tongued reinforced- 
concrete sheet piles were driven and a re- 
inforced-concrete face put on top of this and 
the structure tied back by tie rods. 

Sound below this Level 

Fig. 40. Quay Crib Repair, Fig. 40a. Wall Repair, Hamp- 
Hoboken, N. J. ton Roads, Va. 

There are numerous other examples, especially of walls or bulkheads constructed to 

retain filling that have failed by the outward movement of sheet piling at the toe or 

bottom, or by outward movement at the top, and overturning on account of insecure 

and insufficient anchorage. 
The increase in the depth of harbors, due to the increased draft of vessels, has in 

some instances rendered insecure wall structures designed with sufficient strength and 
stability for the conditions existing when they were built. 

LANDING PIERS 

18. General Information 

Harbor Lines. In the United States the Secretary of War is authorized to 

fix harbor lines for the protection of the harbor and its navigation, beyond 

which lines no wharves, quays or piers are allowed to extend. See laws for 

the protection and preservation of the Navigable Waters of the United States. 
In the interior of harbors and on navigable rivers, two lines are usually estab- 

lished by the government, or, outside of this jurisdiction, by local port authori- 
ties. The bulkhead line is the line to which solid or solid filled structures may 
be built. The pier-head line is the line fixing the boundaries of the fairway 
to which wharf or pier structures may be built, but when so built, they must 
be of open construction, permitting the flow through them of the full sweep of 
the current or tide, such open contruction being in the nature of pile or column 
bents. It is usually permissible, if desired, to make the structure from mean- 

low-tide up continuous or solid. 

Length and Width of Piers. Piers should be of at least sufficient length to 
berth the longest ship likely to use them, and hence should project out into 
the stream a short distance beyond the bow or stern of the ship to protect the 
hull of the vessel from collision by passing navigation or floatingice. Piers are 
often built long enough for berthing two or more vessels on either side. Allow- 
ance should be made in determining the length of piers for the growth in dimen- 
sion of shipping. The width of piers is largely dependent upon the use to 
which they are to be put, although a safe minimum width, in order to secure 
lateral stability by bracing, would be fixed by the depth of water and the 
length of the pier and the character and size of the vessels to which it will be 
required to afford wharfage. Piers to be used for the berthing of vessels, but 
not to any extent for the discharge, handling, or storing of cargoes, should be 
not less than 40 to 50 ft. wide. For piers in shipbuilding and repair yards, 
carrying standard-gage railroad track, and for heavy crane track service, 
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requiring the handling of bulky material, the width is a local prablem. For 

commercial pier work and in an important port where the largest ships are 

likely to be berthed, and cargo handled and rehandled, the width should, where 

possible, bear a relation to the volume of cargo to be handled and the time 

allowed for this. For a freighter pier or quay handling 10 000-ton ships, 

about 150-ft. width should be allowed, or for two ships one on each side, twice 

this, or 300 ft. Where four ships are to be berthed two on each side, an addi- 

tional width of 50 ft. should be allowed for entrance and egress of cargo to the 

outer ships. No fixed rule can be given for the length of piers. Local condi- 

tions and the value of property must control. If piers are designed long 

enough for two or more vessels to lie alongside, the traffic congestion incident, 

to handling and rehandling cargo at the entrance to the pier must be con- 

sidered. As the width of piers, or transit shed erected on the pier, should 

afford storage space for at least one cargo outgoing or incoming, that is, con- 

sidering whether a one- or two-story shed is used, the cargo capacity of the 

vessel at the pier and the necessity for aisles or passage ways through the 

storage space, and for roadways and railroad tracks to take in and bring out 

cargo, must be considered. There has been a tendency to increase the width 

of piers at cargo handling terminals. : 

The width of piers for handling incoming and outgoing cargo is directly 

related to the quantity of cargo to be accumulated on the pier for loading or 

the quantity to be landed in unloading while awaiting transfer and distribu- 

tion. At a properly laid-out terminal vessels should be promptly loaded or 

unloaded. In determining the proper width the cargo carrying capacity and 

length of the largest vessel likely to use the pier should be taken. For man 

handling 5 ft. high would appear to be the highest economical height of stow- 

age; while 60 cu. ft. can be allowed for a cargo ton, or with passageway, etc., 

allow 15 sq. ft. of pier or wharf per cargo ton. With mechanical stacking and 

handling this could be decreased or the width of piers can be decreased by 

using two-decked transit sheds, although in that case one deck is generally 

employed for incoming and the other for accumulating outgoing. On account 

of the increase in sizes of vessels and the importance of space for accumulating 

cargo in advance and discharging without delaying vessels, the tendency is to 

construct wider piers. The New York City pier and waterfront congestion 

is undoubtedly due largely to too narrow piers for the size of vessels using 

them. 

Width of Slips. The berthing space or slip between two piers should be wide 

enough to accommodate two vessels readily, one lying at each pier, and also 

give room for the entry or departure of either. Sufficient space should also 

be provided for loading and unloading by barges or lighters on the off pier 

side of the vessel. The greatest beam of the largest ships is now about 100 ft., 

so that in slips where the largest vessels are to be accommodated the width 

should not be less than 300 ft., and it should preferably be more than this. 

Depth of Water at Wharves. In former years the amidship, hull section 

of wooden ships was such that the maximum draft required was not necessary 

directly in front of quays or piers, but with the advent of steel hulls of practi- 

cally rectangular amidship section, with bilge keels, the maximum draft is 

required directly in front of the wharf to be occupied, unless the vessel is kept 

off by spur shores, or floats, in which case there is a loss of space in the slip and 

inconvenience in the placing of gangways and the handling of cargo. 

At the first-class piers on the Atlantic Coast 40 ft. appears to have been 

recently fixed as the desired depth for port approach channels. Several nota- 

ble examples exist of transatlantic liners which have a depth of approximately ; 
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40 ft. at full load. It 
is doubtful if the tend- 
ency to increase full- 
load draft design of 
ocean-going vessels will 
continue beyond this 
40-ft. limitation. 

On the Atlantic Coast, 
in the important harbors, 
where possible, a usable 
depth of not less than 35 
ft. should be provided, as 
some of the larger vessels 
in commercial use, when 

G8 >+& fully loaded, have a draft 
in excess of this. Pro- 
vision should be made for 
this usable depth at ex- 
treme low water by allow- 
ing additional depth for 
silting up, and to provide 
for movement on account 
of wave action. 

Naval vessels seldom 
have a maximum displace- 
ment draft in excess of 32 
ft. An allowance, how- 
ever, must be made for 
over-draft, especially in 

case of injury, such as the 
flooding of compartments. 

©) 
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Width of Slips 

Direction of Piers. 
In the prevailing Amer- 
ican practice, piers are 
built out perpendicular 
to the shore line and to 
the direction of the 

i channel. Some  ad- 

vocate placing piers ob- 
liquely, urging that the 
task of bringing vessels 

I S into and out of slips is 
i : thereby rendered easier. 

bE This is, of course, de- 

pendent upon tidal and 
current conditions. In 
a tidal harbor with the 
ebb and flood of the 
tides, this would be 
so under one of the two 
conditions of the tide, 
but it would be more 
difficult, or impossible, 
to bring vessels in or out 
with the reversé condi- 
tion of current. 

Fig. 400. 

Army Base Piers—Brooklyn, N. Y. Army Base Piers—Philadelphia, Pa. 

Ton Ga 

z 

—— 143} 
12-6" MLW. BLO pres 

ig 
WY Sf SY. 

7 = vA Jp 
fe => m2 

® If i 

NT SUSUSUSY a=) 

~~? 

Pier cb BA R. Yard 

fi 225 | 12 Seely boners 
20! 

El. 14' 



Art. 19 Design 1821 

Laying Out of Wharf Work. The location of piles or columns in bents is 

usually fixed by batten ranges placed on shore, the spacing being laid off on 

two bases, a short distance apart, parallel with the bents, and the distance out 

to bents determined by similar ranges on adjoining structures, or by steel or 

cloth tape lines measuring out from a fixed base, the piles being held in place 

by stay-lathing or temporary braces below the cutoff or finished grade. The 

elevation of cutoff is given by level and carried from the given point by 

straight-edge and checked by instrument. Piles are cut off below water, by 

divers using a hand or power saw, or by using a horizontal circular saw oper- 

ated from the surface. : 4 

Piers in Deep Water. When piers are laid out so that for the entire length 

or at the outer extremity they are in water of considerable depth, resort is 

sometimes had to raising the bottom, into which the piles are to be driven by 

making embankments of riprap. In pile piers, if placed after the piles are 

driven, there is likely to be a settlement in the structure due to the weight of 

the riprap or cobble. This method of construction has been employed along 

the New York City waterfront, and in the case of the New York Central pier, 

at Watt Street, resulted in a settlement of nearly 2ft. Riprap embankments, 

- under water, are also used to give the pier lateral strength, where the piles can 

not be driven deep enough into the bottom to insure good holding. The rais- 

ing of the bottom by embankments of riprap or cobble is also resorted to to 

strengthen the pier laterally and especially to support the piling, which would 

otherwise involve consideration of the carrying capacity of such piles as an 

extremely long unsupported column. 

19. Design 

The Live Load carrying capacity of piers and quays depends largely on the 

use to which they are to be put, and ranges from 250 to 1200 lb. per sq. ft. 

The minimum should be used for piers intended solely for berthing light traffic 

and the support of oil and water mains, and the maximum for especially heavy 

work, such as-the handling and storage of ordnance, armor plate, and heavy 

machinery. In commercial wharves, 500 lb. per sq. ft. should be used for piers, 

and 750 lb. for quays. The foundations are to provide for this live load and 

dead load of the structure itself. The foundation for standard-gage railroad 

track, or heavy crane tracks, shed or building foundations, require special 

treatment as in other engineering structures. 

Prevailing Practice. In pier design it will be found that details frequently 

have to conform with established rules fixed by local authorities. Where this 

is not the case, the deck or slab should be designed to carry full live load and 

dead load, the stringers, rangers or beams to carry full live load and dead load; 

caps or girders, 80% of live load, and full dead load. Piles or columns 75% 

of live load and full dead load. For other structures such as sheds, railroad 

tracks, and special work, design in conformity with general building practice. ’ 

Timber Pier Framing is largely done by the methods used in ship framing. 

Pile caps, if not in one piece, are usually scarfed at such locations as to break 

joints in adjoining bents. In substantial work piles are usually tenoned and 

caps mortised. Frequently clamps are substituted for caps, these consisting 

of two timbers, the pile being shouldered out on each side to receive them. 

String pieces or rangers are either butted over caps and drifted, or spiked, to 

the cap, or if the joint occurs in the middle of the bay, the timbers being fish- 

plated. In heavy and important timber piers, the deck system usually con- 

sists of heavy planking with somewhat lighter wearing sheathing laid diagon- 
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ally to the direction of traffic over it. Outshore corners on piers are usually 
rounded and heavily reinforced. In harbors where floating ice is prevalent, 
especially in tidal rivers, the bays at the outer end of the pier are made of 
double width, and the pile or column bents at either side protected between 
tides: with steel or iron plates. The fastenings used are, in general, similar 
to those employed in timber, ship, and bridge work, and are frequently gal- 
vanized. Piers are often built with a slight crown at the center to facilitate 
drainage. 

Fender System. Wharves, when used for berthing, are protected by fenders 
fitted so as to be readily removed for repair and replacement. The fender 
system is made up of vertical fenders or fender spring piles and horizontal 
wearing ribbons. The outer ends or corners of piers are usually protected by 
heavy clusters of fender piles, or by separate pile clusters or dolphins. In: 
reinforced-concrete and masonry ‘piers the fender system is often arranged on 
an elastic system with: sufficient spring to save the main structure from the 
shock of vessels coming alongside. For this purpose the spring of the vertical 
and horizontal timbers is employed, or groups of heavy car springs are used. 
Frequently such fender systems are assisted or replaced by floating fenders, 
rolling logs or spars of single or made-up timbers sometimes served with old 
hemp line and fastened at the ends with lines or chains fixed to the side of the 
piers or quays. 

In addition to the fenders employed it is sometimes customary to construct dolphins 
or clusters of piles along the side of a pier to breast off vessels with. Such dolphins 
are also used without the pier for mooring purposes while vessels are awaiting for 
pier or berthing space or being loaded or unloaded by lighters. 

Moorings. Piers are provided with mooring posts or bollards, bitts, and 
cleats, one for each 50 ft. length of berth, the inshore and outshore moorings 
for bow and stern lines to be heavy bollards or posts fitted with horns or pins. 
Typical details of mooring fittings are shown in Fig. 41. When vessels are 
berthed alongside of quays, it often becomes necessary to spur them off so that 
at low tide the bilge keel will not rest on bottom slopes. Spur shores of heavy 
spars are used for this purpose, one end resting against the vessel’s side, and being supported from it by lines or chains, the other end resting on wheels or rollers on the wharf platform, and made fast by lines or chains to bitts or moor- ing posts. The same object is accomplished by placing floats in between the 
vessel and the wharf. 

Accessibility of Wharf Platforms. In harbors where the range of tide is only moderate in extent, the platform elevation of main piers and of second floors of pier sheds is usually so fixed that access may be had to cargo openings in sides of ships, for placing and transfer of cargo, by portable gangways. Where there is considerable range in tide, piers are sometimes built on two levels, the low one used at low tide, and the upper one at high tide, or inclines or ramps are built into the sides of the wharf, and sometimes these are pro- vided with drop or adjustable gangways. A detail of such a gangway, in use at Philadelphia, Pa., is shown in Fig. 42. 
Ocean Piers are generally built for passenger service, landings or recreation purposes. Ocean piers have been constructed for commercial purposes in locations where natural harbors were not available or convenient. Piers of the recreation type are found at resorts near populous cities, and are very often constructed of steel or iron piles or columns with steel and timber superstruc- ture. The piles or columns are made up of pipe, or structural shapes, iron or steel disks or sections of screws being fixed to the lower end. The piles are put into position with the aid of water jets, an attempt being made to place 
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them sufficiently deep so that the sand surrounding them will not be disturbed 

and washed away by wave action. These iron or steel piles or columns, when 
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Fig. 41. Mooring Fittings 

the requisite lateral 
made of pipe, offer a minimum resistance to wave action; 

Piers of this charac- 
stiffness is usually secured by cross bracing of steel rods. 
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ter have also been built employing reinforced-concrete piles surmounted by a 
reinforced-concrete deck system. “Ocean piers of the commercial type have 
been constructed on the southern coast of Cuba and in South America; in 

12 Shed Silt 

Fig. 42. Drop Gangway, Philadelphia 

some cases, instead of being continuous piers built out into the sea, they con- sist of a detached platform or pier in deep water, the cargo being handled to and from the shore by means of overhead cableways. 

20. Life and Cost of Piers 
The Life of Piers is entirely dependent upon the location of the work and character of construction employed. Timber piers built in harbors where marine wood-borers are not active will last indefinitely below mean tide, but above this are subject to rapid deterioration and decay. Under such circum- stances the life of a timber pier, in its entirety, could be probably fixed at 20 years. There are instances of work of this character requiring extensive Tepair, amounting to replacement, in 15 years, while in other cases piers after a life of 25 to 30 years are stillin use. C. W. Staniford gives the following facts in Trans. Am. Soc. C. E., Vol. 77, 1914: 
From the above it is derived that the average life of the entire pier is 21.6 years. The timber piles, however, below mean tide elevation, which are stil] in good condition, can be made use of by building a new superstructure above and resting on them. Climatic conditions, the care with which the construc- tion work is performed, and the character of timber employed will materially modify length of life. Timber piers, with creosoted piles, in ports where 

‘ 
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Percentage 
Description of total Renewal required 

| original cost 

SINE I eas Se ae cater 12 Every 6 years 
gore oy ee eer Bek oRlpgabed ha 1.8 Every 8 years 
| Fender chocks, including vertical sheathing 4 Every 10 years 
| Fender BRS FOS ROIS PPT 4.7 Every 12 years 
Denki: Sc 5h Pez wel. Ds ASE) Abi 1123 Every 15 years 
Bracingse od << asad. week. aver gels - Full 50% in every 20 years 
RANGES ANA CAanG.s Sen. barayse> signet > 24.4 50% in every 20 years 
Piles, above mean low water............ 34.7 33-1/3 % in every 20 years 

marine wood-borers are active, may have a length of life between 15 and 25 
years. In timber piers with reinforced-concrete decks, the length of life is 
dependent on the length of life of rangers and caps, and, when of substantial 

construction in a locality such as New York Harbor, can be taken as 30 years. 
Masonry, reinforced-concrete, masonry and reinforced-concrete on timber 
foundations or platforms where marine wood-borers are not prevalent or 

active, have practically an indefinite length of life, although under some con- 

ditions there is a possibility of deterioration of concrete work immersed in sea 

water requiring extensive repair and renewal. It seems safe, however, to fix 

the length of life of this character of structures at 60 years. Untreated, un- 

protected timber in harbors where marine wood-borers are prevalent and 

active, is destroyed rapidly, in some instances the piles being eaten away and 

destroyed in two or three years. 

Costs of Piers. The data available as to the cost of piers are likely to prove 

extremely misleading. These costs are, of course, dependent upon details of 

construction, character of foundations, live load carrying capacity for which 

designed, the character and cost in the particular location of the material em- 

ployed, availability and cost of labor and appliances. For general estimating 

purposes, for the cost per superficial foot of different types of pier work, in 

American ports, the following may be taken, the range between the maximum 

and minimum being dependent on location, foundations, and detail of design. 

These costs do not include auxiliary structures, shed foundations, railroad 

track foundations, subways, galleries, or other structures: 
Cost per sq. ft. 

Untreated pine timber piers..........-00eeeeesseeeees $1.25 to $2.00 

Creosoted pile untreated timber superstructure piers.... $1.50 to $2.50 

Untreated timber piers with reinforced-concrete deck... $1.30 to $2.25 

Creosoted timber with reinforced-concrete deck........ $1.65 to $2.75 

Untreated timber platform with concrete cross-walls or 

reinforced-concrete columns and deck........+-+-++: $1.75 to $3.00 

Creosoted timber piles with reinforced-concrete columns 

andi.deckstaayeaste the, Hyppealayeseeentaersties Leteeraey $2.00 to $3.25 

Reinforced-concrete piles and timber system and deck... $2.00 to $3.50 

Reinforced-concrete piles and deck and deck system..... $2.40 to $3.75 

Timber platform to low water and solid fill above....... $2.00 to $4.00 

On reinforced-concrete deck piers there should be added to the above figures, if 

asphalt wearing surface is to be placed, from 10 to 16 cents per sq. ft.; and if creosoted 

wood block wearing surface is to be placed, 20 to 28 cents per sq. ft. On filled piers, 

in addition to this, add 8 to 12 cents per sq. ft. for concrete base. It is to be noted that 

on the last type of filled platform pier, the enclosing wall structure representing the 

principal cost of the structure, the width of the pier would be a controlling feature in 

the cost. No cost can be given for solid filled piers, that is, piers enclosed by one 

of the various types of quay walls, as this cost will depend entirely on the cost of the 

wall and the width of the nier. 
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21. Timber and Timber Composite Piers 

The Temporary Character of timber piers which, apparently, serves as a 
reason against their extensive use, in many instances loses much of its force in 
view of their low first cost, simplicity in design, and short length of time in 
which they can be built. Furthermore, in localities or harbors where a com- 
prehensive and well-planned port improvement project has not been devel- 
oped, the wharf work is often laid out and constructed to serve the immediate 
purpose, to be later torn down and rebuilt on new lines. The growth in 
importance of many American ports has been so rapid, and unforeseen, that no 
attempt at port planning in the past could have adequately provided for the 
future. The unprecedented and unforeseen growth in the size of vessels has 
also made necessary far-reaching and sweeping changes in port facilities. For 
these reasons timber piers of temporary character were as serviceable as more 
permanent piers, as it was easier and less expensive to remove them to make 
way for other more extensive work. The timber pier has played a not unim- 
portant part in the rapid growth and expansion of American harbors. The 
engineer in planning pier work, when considering cost, is hardly justified in 
employing a permanent structure of a probable life of 50 or 60 years, when it is 
apparent that the wharf work will long before that time require extensions and 
improvements amounting to rebuilding. 

Although timber wharf construction in American ports has played the part 
indicated in the development of such ports, and has made it possible to rear- 
range and rebuild without excessive cost, this very condition has brought 
about a more haphazard construction with very little serious and comprehen- 
sive planning for port problems and construction of port facilities. It is to be 
regretted that pier or transit sheds are frequently used in American practice 
for long storage periods and cargo is not expeditiously brought to and taken 
away from vessels. Vessels frequently lie at and monopolize wharfage space 
when they might as well be at anchor in the stream or be laid up at dolphins 
and thus make the wharves available for other vessels awaiting for loading or 
unloading cargo. As an illustration the area devoted to wharves at the port of 
New York is several times that devoted to similar purposes at ports such as 
Hamburg, Liverpool and London, all of which ports have in recent years 
handled about the same quantity and value of incoming and outgoing cargo. 

Composite Piers, in localities where the under-water timber work will not 
be attacked by marine wood-borers, are practically permanent structures and, 
as a rule, are economical in first cost. 

Crib Work may be employed for pier construction on a yielding or rock 
foundation. The crib, consisting of round or square timbers, is built in 
courses with pockets filled with riprap or rubble, in soft ground the crib being 
sunk to place on a prepared foundation of piles cut off to grade, on a level bed 
of broken stone or gravel, or directly on the bottom. On rock the crib is built 
up to rest and fit on the ledge, the contours of which have been previously 
determined by soundigs. 

Essential Details of various precedents are given in the following state- 
ments, where the numbers refer to Fig. 43. 

(1) Philadelphia, Pa. 1912. Pier 5. 657 ft. long; bents 10-ft. centers. Live load 
500 Ib. inner 400 ft., 300 lb. outer. Supports 40-ton crane track and standard-gage 
track. Reinforced-concrete top on timber piles. 

(2) New York, N. Y. Navy Yard, Pier 3. 1905, 520 ft. long. Timber piles 
below water; 35 ft. depth of water. 
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(3) New York, N. Y. Department of Docks and Ferries, West 77th St. Timber piles 
and framing to mean tide elevation. Reinforced-concrete walls, 12 in. thick; 10-in. 

reinforced-concrete deck. 
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Fig. 43. Timber and Timber Composite Piers 

(4) Norfolk, Va. Proposed Old Dominion Terminal. Untreated timber piles. Sur- 

rounding wall with reinforced-concrete sheet piling 16-in. 45 ft. long. Wall bents, 

4-ft. centers; pier bents, 8-ft. centers. This type of construction to bulkhead line; 

open creosoted timber pile pier. to pier-head line. 

(5) Norfolk, Va. Proposed alternate plan, Old Dominion Terminal. 
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(6) New York, N.Y. Navy Yard, Pier 2. 1901. Timber low water platform, filled 
and banked with riprap, supports coaling plant. Length of pier 500 ft. 

(7) New York, N. Y. Navy Yard, Pier D. 1912. Timber pile platform to low 
water; 34 ft. of water. Piles 55 to 60 ft. long. Granite ashlar faced surrounding wall. 
Paved creosoted W. B. pavement. Two standard-gage and one 50-ton crane track 
entire length of pier 440 ft. long. Live load, 600 Ib. per sa. ft. 

(8) Hoboken, N. J. D., L. & W. R. R. Terminal, Pier 1. 1909. 958 ft. long. 
Bents 10-ft. centers; 12-in. caps; 6-in. deck. 

(9) and (10) New York, N. Y. Navy Yard. Alternate designs. (10) adopted. 
Two piers, each 500 ft. long. 1913. Timber piles and grillage below mean tide level. 
Piles 85 ft. long, depth of water 35 ft. Reinforced-concrete columns and deck system, 
columns premolded and set. Piers carry 2 lines of standard-gage track, subways, and 
piping. Paved in center, creosoted W. B. pavement. (9) Mushroom system, and 
(10) Beam system. 

(11) New York, N. Y. Department of Docks and Ferries. Typical construction 
at present in use. Untreated timber structure with 10-1/2-in. reinforced-concrete deck 
with 2-1/4-in. asphalt pavement. 

(12) Puget Sound, Wash. Navy Yard. Timber approach wharf. 

(13) Charleston, S.C. Navy Yard, Pier 4. 1905. 650 ft. long. Reinforced-con- 
crete piles, 16 in. square. Timber braces, clamps and deck system, 8 X 16 top clamp; 
6 X 10 low water clamps; 3-in. deck; bents 10-ft. centers. Live load 500 lb. per sq. ft. 
Creosoted timber pile fenders. Similar approach wharf 45 X 920. 18-in. reinforced- 
concrete piles 40 to 50 ft. long; 10-in. reinforced-concrete deck. Similar construction 
employed in Railroad terminal pier, Brunswick, Ga. 

(14) Philadelphia, Pa. Clyde Line. 1900. Pier 556 ft. long; bents 10 ft. Timber 
piling, bracing, deck system. 

22. Masonry and Reinforced-concrete Piers 
Filled-in Piers consist of walls similar to quay walls of masonry, or of the 

platform type, the interior being filled with earth; when properly built they 
are permanent and unyielding and require little or no repair work, other than 
that due to the settlement of the filling usually occurring only during the first 
few years of use. Such settlement prevents the pier from being paved or kept 
level during the period of settlement. They can only be employed inshore of 
the bulkhead line. On account of the cost of the surrounding wall work, nar- 
row filled piers are not economical, except possibly at times when pier work 
is located on flats, in shallow water, or on high land, and the approach channels, 
slips or berths alongside require excavation or dredging, so that this dredged 
material can be used for filling. 

Reinforced-concrete Piles and Cylinders are employed in pier construction 
where marine wood-borers are active, for economy in locations where the 
cost of timber piles is too high, or where the character of the pier foundation 
is such as to require the use of cylinders. 

Essential Details of various precedents are given in the following state- 
ment. The numbers refer to Fig. 44. 

(1) Balboa, Canal Zone. 1911. Lumber pier; live load, 400 Ib. per sq. ft.; length 706.6 ft.; bents 30-ft. centers. Hollow concrete cylinders built in 6-ft. sections of 1: 2:4 concrete, provided with steel cutting edge shoe; sunk to rock by jetting and interior excavation, filled with 1 : 3 : 5 concrete. 
(2) Olongapo, P. I. U.S. Navy Yard, Pier B, 332 ft. long; bents 12-ft. centers; reinforced-concrete cylinders, 6 ft.; reinforced-concrete deck. 
(3) Boston, Mass. Pier 6. 1912. 1200 ft. long; 300 ft. wide. Surrounding wall of courses of split granite 2 to 3 ft. high, laid by diver. 
(4) Puget Sound, Wash. U. S. Navy Yard, Pier 8: 397 ft. long;. bents 16-ft. 
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centers. Live load 400 1b. per sq. ft. Cylinders 3 ft. in diameter at top, 6 ft: at bottom, 

shell 4 in. thick, 23 to 52 ft. long; sunk to hardpan by interior excavation. Two stand- 

ard-gage tracks full length of pier. In the same location a similar designed pier, No, 4, 
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Fig. 44. Masonry and Reinforced-Concrete Piers 

490 ft. long; cylinders 42 in. in diameter, 11 ft. in diameter at bottom, 43 ft. long. 

This pier was constructed by placing wooden shells, sinking these by interior excava- 

tion, sealing bottom with tremie concrete and filling with concrete. 

(5) Havana, Cuba. Pier No. 1, 660 ft. long by 162 ft. wide, bents 20-ft. centers. A 

similar pier No. 2, 680 ft- long, was built, and a quay 800 ft. x 804t. Reinforced-con- 
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crete piles 16 in., 18 in., and 20 in. square. Water 20 to 40 ft. deep. Soft bottom. 
12-in. reinforced-concrete deck, deck live load 250 lb. per sq. ft. and shed load. 

(6) Halifax, N. S. Pier No. 2. 686 ft. long. 24-in. square reinforced-concrete 
piles, 45 to 77 ft. long; reinforced-concrete brace piles cambered 2 to 5-1/2 in. Special 
cement employed with minimum of aluminum to resist salt-water action. Bents 18-ft. 
centers; rock foundation 68 to 52 ft. below surface; area under pier filled by dredging 
to increase lateral stability. Piles loaded 80 to 90 tons each test load 170-142 4 
concrete. Piles protected against ice between tides by timber sheathing. Live load 
1000 Ib. per sq. ft. 

(7) San Francisco, Calif. Pier 28, 677 ft. long; bents 15-ft. centers. Creosoted 
W. B. pavement 31 ft. wide down center, remainder of pier asphalt. Car springs fender 
employed. Types of construction general in this harbor, which is best given by brief 
abstract of specification: ‘“ The excavation for the cylinders shall be made inside of 
steel caissons which shall be driven into the hard bottom and sealed. The steel caisson 
shall be of such strength and rigidity as to resist external pressure, and of such size that 
they may be withdrawn without injuring cylinder bases. The forms shall be wood- 
stave forms of the diameter indicated. After the steel caisson have been set in place 
and the excavation made, as hereinbefore specified, the wood stave forms and reinforce- 
ment shall be set in place in the exact location shown on the plans. The concrete shall 
then be deposited through a tube or bottom-dump bucket. Under no circumstances 
will the placing of any concrete be allowed in or under water.” Cylinders are sunk 
12 to 14 ft. below dredge line, and where bottom is soft, timber piles are driven to 
support the concrete. 

(8) Baltimore, Md. Broadway pier. Reinforced-concrete piles, 16 in. square; 
8-in. reinforced-concrete deck. Bents 10-ft. centers. 

(9) Baltimore, Md. Piers 4, 5, and 6; filled piers. Surrounding wall consists of 
flattened steel cylinders 25 ft. on centers, sunk, excavated and filled with concrete. 
Reinforced-concrete sheet piles between, achored by reinforced-concrete anchors 
and piles. Cylinders 27 ft. in length, built up in sections of 4 ft. Cylinders driven, 
excavation made by jet and pumping. j 

Two examples of piers of widely different types constructed during the period of the 
war in 1918 and 1919 are herewith shown. 
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Fig. 44a, Filling-out Pier, Portsmouth, Va. 

Fig. 44a shows Pier 4 at Portsmouth, Va., 1919, 1000 ft. long. Interior untreated pine piling, 4-ft. centers, live load 900 to 1200 lb. per sq. ft. 350-long ton fixed tower, revolving hammer head crane (see Fig. 91), inclosed space by 60-ft. reinforced- concrete sheet piles;@40-ft. depth of water at mean low water, range of tide 3 ft. 

Pama mal: 

Construction Similar to Pier No. 
Untreated Wood 

Fig. 446. Freight Terminal Piers, Norfolk, Va. 
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Fig. 445 shows two piers for general loading and unloading of cargo of miscellaneous 

character, built 1919, 1328 ft. long. Filled center surrounded with reinforced-concrete 

sheet piles, interior untreated piles, exterior concrete piles. 

23. Pier or Transit Sheds and Warehouses 

Shelter from the Weather is provided on piers or quays used for the loading 

and unloading of cargoes, by the construction on the piers of sheds, one or two 

stories in height, the floor azea covered, by the sheds being devoted to the 

handling and distribution of incoming and outgoing cargo requiring protection 

and used for the storage of this cargo for a short time. Warehouses are usually 

provided on shore or directly behind transit sheds for goods to be stored for 

periods of more or less lengthy duration. When such warehouses are for the 

purpose of storing dutiable articles, remaining under custom seal until called 

for, and the custom imposed paid, they are known as Bonded Warehouses. 

Sheds are constructed of timber framing and siding with roofing covering of 

appropriate roofing material; timber framing with corrugated sheet metal 

siding and roofing; structural steel framing with corrugated sheet metal siding 

and roofing; of reinforced-concrete and other combinations of materials. On 

open pier construction, lightness of construction within safe limits is essential 

and the tendency is to make such structures fire retarding or resisting, espe- 

cially where quantities of valuable cargo are handled. The width of the shed 

is, in most cases, fixed by the pier or quay width, allowing space in front for 

driveway or railroad tracks and a similar space in the center of piers, or rear 

of quays. An ideal arrangement on piers in general would be 25 ft. for drive- 

way and trackage, 60 ft. for transit shed and 50 ft. for uncovered central space. 

A storehouse in the center for storage longer than 48 hours would require addi- 

tional space and a greater pier width. Space must also be provided for open 

storage for cargo requiring no shelter such as steel rails, lumber, etc. The 

outshore end of piers is usually left open to permit ready handling of the bow 

and stern lines of incoming and outgoing ships. 

Pier or Transit Sheds are of one or two stories dependent upon local condi- 

tions and practice and the availability and value of waterfront. On account 

of the conditions, pier or transit sheds should be capable of affording floor 

space for the storage of the cargo of incoming vessel or the accumulation of 

cargo ready to be placed in an outgoing vessel. Two-story sheds permit a 

narrow pier width, or the second story is utilized for passenger traffic. 

Railroad Tracks, when carried out on piers, are as a rule run either directly 

through the center of the pier, at the sides of the pier, or in both places. 

Tracks are often laid in a depression, so that the level of the car platform will 

be at or about the level of the pier deck, or are laid on the deck level. When 

railroad tracks are run on the side, they are not usually covered by the main 

pier shed. 

Details of Construction of Sheds are generally the same as those followed 

in building construction and it is often customary to give the sides of the shed 

a slight inclination inwards or “tumble-home.” The second floor in two- 

story sheds is sometimes given a slight crown and the lower chords of roof 

trusses a camber. Openings should be provided at frequent intervals in the 

sides used for berthing, or should be made continuous so as to afford ready 

access to the various ship hatchways and side openings. Doors may either be 

swung from the top with counterweights employed to facilitate ready and 

rapid opening and closing, or slide horizontally on overhead trackways. 

(Various folding cargo doors and metal rolling shutters are also used.) When 
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continuous openings are provided, several lines of overhead tracks are placed, 
so that the door leaves may be rolled by one another. When the siding of the 
shed is of light sheet metal, on either structural steel or timber framing, it is 

advisable to protect this on the inside 
3 Z to a height of about 6 ft. by cargo bat- 
Dips ZI tens placed at a slight distance from 
Cn ee the inside of the siding. 
Sa =5| Lighting and Ventilation. In wide 
wn = 2 sheds the lighting arrangements are of 

considerable importance; natural light 
is provided by a continuous skylight 
or series of skylights, or by monitors 
constructed in the roof, or by both 
methods. The employment of moni- 
tors also affords opportunity for venti- 
lation, but is likely to permit leakage 

- in heavy driving rain storms. Circular 
sheet-metal ventilators of various types 
may be employed on the roof ridge 
spaced 50 to 100 ft. apart. As occa- 
sions frequently arise where the load- 
ing and unloading of: vessels and 
handling of cargo must be done at 
night, proper artificial lighting is im- 
portant, for which the practice is sim- 
ilar to that obtaining in general build- 
ing lighting. 

Miscellaneous Appliances. There 
have been many disastrous pier fires, 
therefore adequate fire protection and 
service systems are important adjuncts 

s to properly constructed pier sheds. 
S Piers, if of timber or timber composite, 
S being highly inflammable, the fire in- 

surance rate on the structure itself and 
on cargo stored is an item that can 

mm 

 (e-64 

WARVARNVAN, Sas 

Staten Island Piers 

Fig. 45 

Monorail System 
AV 

a 

= properly be fixed in the annual charge 
= and capitalized cost. Important com- 
g mercial structures should have in- 
& stalled modern fire alarm and indicator 

systems, automatic sprinkler systems, 8 s 8 preferably of the dry pipe type, and 
2 8 PES fire service mains, laterals, riders, con- 
Sat nections and fire hose on reels or racks ae @) readily accessible. If local fresh or salt & g water pressure lines are not available, 

elevated storage tanks, with pumps and overboard suction connections, must be included in the equipment of the pier shed. If water mains are carried out on piers, precautions should be taken to prevent freezing by means of proper insulation, or by draining the lines when not in use. 

Essential Details of various precedents are given in the following state- ments, where the numbers refer to Figs. 45, 45a, 45) and 45c. 
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Roadway 

Fig. 45c. Pier Sheds—Continued 

(1) Staten Island, N. Y. Pier 13. 

(2) Boston, Mass., Pier 5. Open aprons both sides; ground floor, by means of 

bridges, is made available for freight in transit. 

(3) Savannah, Ga. Construction is a combination of timber, reinforced-concrete 

and steel. Slip is a little too narrow for its length for loading and unloading large 

vessels. 
(4) Portland, Ore. Timber construction. 

(5) Seattle, Wash., Pier A, Smith Cove. Timber construction, combining open 

construction for the apron on each side of the fill confined behind sheet piling bulk- 

heads, for the center portion of the pier. 

(6) Philadelphia, Pa. Southwark Piers 38 and 40. Timber pile supports below 

permanent wet line. The two-story shed is of steel. 

(7) Jersey City, N.J., Pier 9, D., L. & W.R.R. Steelframe. Reinforced-concrete 

roof, siding and floor. 

(8) Manchester, England. Note grain subway. 

WET AND DRY DOCKS 

24. Wet Docks 

Definition. Docks may be divided into two general classes—harbor docks 

and repair docks. The former, sometimes known as Wet Docks, are enclosed, 

or partially enclosed basins, usually, in European practice, provided with locks 

and entrance gate, similar to canal locks. They are sheltered basins for the 

receiving of shipping, so arranged that the water in the dock may be kept at 

more or less constant level to facilitate the loading and unloading of cargo. 
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The general term Dock is applied to such basins whether closed or open, and 
through a misunderstanding of the word is often, in general parlance, applied 
to the surrounding or bordering structure such as the quay or pier. 

Use of Wet Docks. Their usefulness is apparent in harbors where there 
exists a considerable range of tide, and especially where under low tide condi- 
tions the approach to the harbor itself is not navigable for deep-draft vessels. 
They also have a special field of usefulness in harbors or rivers where consider- 
able silting up takes place, the dock area being kept free of such silting by 
keeping out turbid river or harbor water and often by supplying water to the 
dock basin from other sources. This type of structure, in its restricted sense, 
is rarely found in American practice, although it is employed in some South 
American ports. 

The reasons given for the use of wet docks are undoubtedly not the only ones that 
have occasioned their appearance in European practice, as otherwise they would un- 
doubtedly have before this been employed in American ports where a considerable 
range of tide is involved. They have undoubtedly been resorted to in order to attain 
the maritime commerce of river ports, where the increase in draft of vessels has become 
greater than the normal navigable depth of the river. The wet dock has been developed 
as the instrument by means of which Old World ports have retained maritime 
supremacy. 

Design of Wet Docks. It is apparent that in wet docks, where entirely en- 
closed and provided with entrance gates, as the surface of the water is to be 
kept at approximately a constant elevation, the’sides and bottom of such a 
basin must be practically impervious, or arrangements must be made to re- 
plenish the water lost by leakage. Thisis especially so in all seas having a con- 
siderable variation in tide, and a consequent appreciable difference at times in 
the height of water inside and outside of the wet dock. Where the basin is 
located in a practically impervious soil, such as clay or clay soils, and many 
kinds of rock, these conditions are generally provided for. For this reason, a 
thorough exploration of the subsoils in locations where wet docks are projected 
is of the greatest importance. In locations where the subsoil is readily water 
bearing, the bottom must be blanketed with clay puddle or a masonry lining 
placed. The dock walls can be treated in a manner similar to that described 
under Quay Walls, in Art. 12; the walls, however, of dock basins are at times 
subjected to external hydrostatic pressure in excess of that to which they 
would be subjected if located on open basins. This is, usually, not a serious 
matter, as the combined earth and contained water pressure, together with 
the passive resistance of the earth backfill, will be found sufficient to provide 
for this condition. 

Locks and Lock Gates. The condition governing the design and construc- 
tion of these is, in all respects, similar to that found in canal work. Informa- 
tion on this subject will be found under Canals, in Arts. 17 and 19, of Sect. 15. 

25. Marine Railways 

Definition and Description. Repair docks may be marine railways, lift 
docks, graving docks, or floating docks. Marine railways are inclined slips or 
ways, extending out some distance into and under the water, and running up. on the foreshore a sufficient distance so that the vessel when hauled out will be entirely clear of the water. A platform or cradle moves on these ways, usually 
on nests of rollers, and is hauled out of the water by means of chain or wire rope cable. Racking and pawls are usually provided, so that if the hauling device should break, the cradle and vessel will not slip back into the water. 
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It is apparent that even without considering the feature of range of tide, the 
application of this type of repair dock is limited to vessels of comparatively 
small size, as in long vessels of deep draft the ways would have to be carried 

out a great distance under water, ap- 

proximately twice the length of the 
vessel to be docked, making the en- 
tire length of the ways over 3 or 4 
times the length of the vessel to be 
docked. This condition is sometimes 
materially improved by use of a col- 
lapsible cradle. Although there is 
no reason why sufficient capacity of 
hauling device can not be designed, 
nevertheless important considera- 
tions would tend to limit this. This 
type of repair dock is, undoubtedly, 
valuable and economical for the 
docking of smaller vessels. Its ap- 

plication, however, appears to be 
limited. No marine railways have 
been built in excess of 5000 tons lift- 
ing capacity. Fig. 46 shows a ma- 
rine railway of 2000 tons capacity. 
Estimated cost, $100,000.00 in 1919. 

Marine Railways were designed in 

1918-1919 of 3100 tons capacity; 
the estimated cost $300,000 or nearly 
twice the cost per ton capacity as 

that given hereinbefore. 

The Foundation should, if possi- 
ble, be incompressible. In many 

Detait of Rotlers 

Bin of Cradle of eI 
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as Ordinary Docking Po 
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Fig. 46. Marine Railway ~ ARSE Section B-B ¢. (ibd 

larger and more important marine 7 / 

railways the ways are built on piling. = Li i: h\V 3 

The intensity of pressure, though not s hype 3 
great, is, nevertheless, in the form {= 
of a moving load, becoming greater im 

as the vessel hauled out loses its 
buoyancy. The ways are in many 

instances similar to the ways em- 
ployed in: shipbuilding work, which, 
however, do not go out under water ‘Rollers 

to the same extent, and besides this, es 

the weight of a vessel when launched co 2 

is usually considerably less than s 

would be the docking weight of the 3 

same vessel. 

Ways. The ways are laid at a 2 

gradient of between 1 on 13 and 1 on 

25, 1 on 20 being the usual slope for large marine railways. The ways consist 

of 2 to 4 rails of iron or steel securely fastened to longitudinal bearers which in 

turn rest on cross-ties bearing on the foundation. The racking to receive the 

cradle safety pawls is usually placed in the center of the ways between the 

two central rails, if 4 rails are used. The under-water work is either performed 
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in the dry by the construction of a-cofferdam around the site, or by divers. 
If no foundation piles are used, the grading must be carefully done, working 
from overt-water battens. If piles are used the under-water portion of the 
ways is built in sections, floated to place, lowered onto the foundation by 
weighting and fastened securely in place. 

The Cradle or Platform is usually constructed of timber or structural steel, 
and is provided with keel and bilge blocks. The cradle is constructed on 
longitudinal sleepers, placed directly over the longitudinal ways, and provided 
on the underside with an iron track. The cradle is moved on nests of rollers 
placed in between the upper and lower lines of track. The rollers are usually 
of cast iron, double flanged, and held in place by flat bars or links; sometimes 
the rollers are fixed on the cradle and run on tracks on the longitudinal way- 
sleepers. In large marine railways, the cradle is built with side frame work, 
which is used for working platforms. Frequently, cradles, instead of having 
the same inclination as the ways, are built with the platform horizontal, or 
nearly so, in order that the ship being docked will immediately come to a bear- 
ing and not be lifted first by the bow. 

Broadside Marine Railways. With a view to overcoming the difficulty as 
to length of marine railway, they are sometimes built so as to withdraw vessels 
from the water broadside on. 

Power Absorbed in Friction. The power required to raise a vessel is de- 
pendent upon the inclination of the ways and the force required to overcome 
friction. Experiments made on the power absorbed in friction indicates a 
variation from 3.3% to 7-1/2% of the weight lifted. On larger and well- 
designed marine railways, the percentage is in the neighborhood of 4%, to 
which should be added 5% for initial friction in starting from rest. Thusina 
marine railway having an inclination of 1 to 20, the hauling machinery would 
have to exert a pull of 14% of the weight of the vessel lifted. 

Lift Docks are platforms lowered into and raised from the water. This type 
of structure is of limited capacity and has fallen into disuse. Hydraulic power 
was generally employed, applied through a series of cylinders placed on both 
sides of the platform and connected together transversely by girders. 

26. Graving or Basin Dry Docks 

Definition. Basin dry docks, often called graving docks, are basins gener- 
ally made by excavation in the foreshore of the harbor, having entrance-ways 
closed with gates or portable caissons, and are usually of such dimensions as to 
be capable of receiving, with sufficient clearance, the maximum sized ship to 
be docked therein. After the ship is floated into the dry dock, the opening is 
closed! by means of a gate or caisson and the water in the interior is removed by 
pumping, the ships settling on blocks provided for that purpose. In some gra- 
ving docks advantage is taken of the fall of tide to reduce pumping or eliminate 
it entirely. In nearly all cases the graving dock must be pumped out twice 
for the docking of the vessel. The dock is usually left unwatered so that when 
word is received that a certain vessel is to use the dock, the blocking may be 
arranged to conform with the profile of the keel and the character of the vessel. 
The dock is then flooded and the vessel is floated in and centered and held in 
the proper position, the opening closed and the water removed. On com- 
pletion of the work on the ship, the dock is flooded and the ship removed, 
the opening again closed, and the water removed from the dock. 

Foundations. In large graving docks, water at considerable head must be 
excluded, and for that reason the character of the subsoil and foundations are 
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of considerable importance in locating structures of this type. A graving dock 
can, although at times at a prohibitive cost, be constructed in almost any loca- 
tion, but, where possible, it should be located at a site where sound bedrock 
will be encountered at some elevation not below the subgrade of the structure 
or in locations where marl, stiff clay, or mixtures of marl or stiff clay, sand and 
gravel are encountered. Suitable foundation conditions, other than rock, 
sometimes result in less expensive and more expeditious construction. F ig. 
47 shows a half transverse section at the entrance sill of a graving dock on pile 
foundations. : 4: 

Graving docks have been constructed in unstable water-bearing soils, but at 
high cost. With a view to securing a suitable site, or to enable proper precau- 
tions to be taken in design and in method of constructions, if selection of a site 
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Fig. 47. Section of Craving Dock with Pile Foundation 

is restricted, an important preliminary step is the taking of exploration bor- 
ings, operations for which are described in Sect. 15, Arts. 29 and 30. It is 
advisable, where possible to do so, to secure core borings showing the condition 
of the soil “ in situ ” and, in special cases, to supplement these with test pits. 
See Sect. 15, Art. 31. In water-bearing soils such test pits may have to be 
made by employing the pneumatic process. 

Masonry Graving Docks. In the design and construction of such docks, 
provision must be made for counterbalancing the hydrostatic pressure by suf- 
ficient weight of masonry or other anchorage effect. In porous water-bearing 
soils, the hydrostatic pressure to be considered will be at least the full hydro- 
static pressure due to maximum tide elevation, and under certain conditions, 
on account of the presence of ground, surface or artesian waters, a pressure in 
excess of this. Where the dock is located on a solid rock ledge without water- 
bearing fissures, this condition will not obtain, although ideal foundation con- 
ditions of this character are seldom, or never, encountered in practice, and it is 
therefore customary on this character of foundation to provide for relieving 
the water pressure by under-draining the floor of the structure. In some soils, 
such as tenacious marls or clays, or hardpan, the same precautions may be 
taken, the walls of the graving dock being designed as retaining or quay walls. 
In graving docks built in water-bearing soils, full hydrostatic pressure should 
be expected and provided for. A number of graving docks have been con- 
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structed in which the weight of the masonry mass is somewhat less than the 
uplifting force due to full hydrostatic pressure, their integrity depending upon 
the friction of the backfill on the back of the side-walls, and, in some cases, 
to anchorage or pull on foundation piles. In stable water-bearing soils where 
the uplifting forces are clearly defined, dependence can be placed on the an- 
chorage effect of the foundation piles, where such exist. This anchorage effect, 
however, should not exceed the submerged weight of the mass of subsoil en- 
gaged by piling, as stated in this section, Art. 12. The friction of the backfill 
on the rear of side-walls, being indeterminate at best, should not be given a 
definite value, and should be considered merely as a factor of safety. Ina dry 
dock completed at the New York Navy Yard in 1912 the anchorage effect 
against hydrostatic uplift was secured by deep piers with flared-out basis, 
secured into the floor by a system of anchor rods, the anchorage provided in 
each being in the neighborhood of 1 000 000 Ib., these piers being sunk to posi- 
tion by the pneumatic process. 

A masonry graving dock is subjected to three following conditions: 

(a) When empty: The bottom or floor is subjected to hydrostatic pressure, usually 
considerably in excess of the weight of the floor itself. This excess is transmitted to the 
heavy side-walls by actual or virtual inverted arch action, the abutments of the arch 
being furnished by the weight of the side-walls taken together with the thrust of the 
earth and water on the rear of the wall and the passive resistance of the earth itself. 
When this abutment action is insufficient, reinforcing steel should be provided in 
the floor. 

(b) The dry dock empty with a ship of maximum tonnage in the dock: The condi- 
tions are the same as (a), except that there is concentrated at the center line on keel 
blocks, and on the side blocking, the weight of the ship, for which concentration, where 
the foundation is somewhat yielding, special provision must be made by distribution 
of this load by reinforcing the masonry with steel, or the foundation directly under the 
blocking designed accordingly. 

The loading per running foot of dry dock is dependent on the length, depth, and 
width of the structure and the character of ships to be docked. For war vessels of the 
largest size weights as high as 90 long tons per running foot should be allowed, as the 
concentration under machinery and gun turret locations is liable to run this high. 
For commercial steamers the loads will be less. Under ordinary docking conditions 
5/8 of this load will come on the keel blocks and 3/16 on each side, docking keel or 
bilge block. In the work of bottom repair, as blocking is removed the concentrations 
are shifted, this, however, only occurring locally over small areas. 

(c) Dry dock full of water. Under this condition, the foundation, considered in its 
entirety, is subjected to the greatest load, consisting of the submerged weight of 
masonry to tide level, plus the weight of masonry above tide level, the conditions being 
somewhat altered with the presence of surface or artesian ground-water in the soil. 
Under this condition the thrust on the rear of the wall is due to submerged earth pres- 
sure to ground or tide water level, tide or ground water pressure and surcharge of earth 
pressure above tide or ground water level, and surcharge on wall, reduced by water 
pressure on the interior of the dry dock. It is often customary to use combined 
liquid pressure to the coping of the structure and neglect surcharge (Art. 12). Under 
this condition, very often little or no virtual or actual arch action can be counted on, 
and the foundations under the side-walls should provide for the weight directly above 
them, or provisions for distribution made by employing reinforcing steel. In yielding 
foundations, if this is not done, settlement at the side-walls will be in excess of the 
settlement under the center of the floor, causing cracks at the toe of the walls, and along 
the center line of the dry dock. It should be noted, as between Conditions (a) and (c), 
that there is likely to be a complete reversal of stresses in the floor. 

To these three conditions a fourth may be added, that is, of the dry dock while under 
construction. This should be given careful consideration and analysis, the omission of 
which has, in some instances, resulted in damage to the uncompleted structure. Many 
older masonry graving dry docks have been constructed of rubble or ashlar stonework, 
faced with ashlar work. Nearly all the the more modern graving decks are constructed 
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of concrete, unlined, or lined with granite ashlar work, or, as in the case of the graving 

dock built at the New York Navy Yard in 1912, vitrified brick, in either case caisson 

or gate seats consisting of granite stonework with radial joints for the bottom and lower 

parts of the side steps, the contact faces of which are fine cut work, or, at times rubbed. 

The beds and joints of caisson-seat stonework should not exceed 1/4 in., and, in some 

cases, are limited to 1/8 in. 

Examples of recent graving docks are shown as follows: 

Figs. 47a and 475 show a plan and a transverse section of a group of four dry docks 

at the Norfolk, Va., Navy Yard. Dry Dock 3 was built between 1903 and 1911 while 

Fig. 47a... Group of Four Dry Docks for Norfolk, Va. 

Dry Docks 4, 6 and 7 were completed in 1919, the larger for the Navy and the two 

smaller ones for the United States Shipping Board Emergency Fleet Corporation. 

No. 4 

Fig. 475. Transverse Section of Docks, Norfolk, Va. 

Details of all four dry docks as to dimensions and cost can be found in the tabulation 

in Art. 30. One pumping plant consisting of three 54-in. vertical volute pumps serves 

all three of these docks. Dry Dock 4 is provided with an intermediate caisson gate 

seat so that the inner end of the dry dock can be used for smaller vessels on long-time 

repair work and the outer portion continue available for docking larger vessels. This 

arrangement practically provides two docks in one. A similar arrangement is provided 

in the Philadelphia Navy Yard Dry Dock and in the Commonwealth Dry Dock at 

Boston, Mass. These arrangements entail the additional cost of the interior seat, two 

dry dock caisson gates and independent pumping for the two sections of the dock, 

The older dry dock of the group, No. 3, as will be noted in Fig. 47), is lined with 

granite ashlar masonry, but the three new docks are of concrete throughout without 

other facing or lining. A section of Dock 4 shown in Fig. 47) is at the pump well. 

igned that, the dock could be 

The half-section to the right of the center line is so desi 

constructed on the natural <table slope of the excavation which was made by drag line 

jn the dry. The floor invert is 20 ft. in thickness. The floor of the two smaller docks 

js 10-1/2 ft. thick. Excavation for these docks was also made in the dry. Water was 
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kept out of the excavation site by a cofferdam of steel sheet piling, wooden sheet 
piling and earth embankment. Dry Dock 4, the large dock, was completed in about 
2 years, Dry Docks 6 and 7 in1 year, indicating that this type of dry dock can, under 
favorable conditions, be constructed as expeditiously as floating docks of similar size. 

Fig. 47¢ is a half typical section of a graving dock constructed at the Philadelphia 
Navy Yard, and is similar in dimensions to that at the Norfolk Navy Yard. The 
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Fig. 47¢. Half Section Graving Dock, Philadelphia, Pa. 

steel sheet piling shown surrounds the entire site at the bottom and was placed to cut off the flow of water in the sand and gravel above the clay subsoil. 

27. Design of Graving Docks 

Data on Design. A graving dock should be designed having in mind the 
three conditions enumerated in the paragraph above, and consideration should 
also be given to the possible fourth condition. The necessary information 
having been obtained as to the character of the soil, its probable submerged 
weight and angle of repose and allowance made for the safe weight of masonry 
per cubic foot, stress diagrams should be drawn for all conditions. Fig. 48 is such a diagram for condition (a). In this case the hydrostatic pressure is just 
counterbalanced by the weight of masonry. The line of pressure does not pass through the middle-third at the base of the side-wall or in the center. If on analysis the maximum unit pressure in the virtual arch is not too high, the masonry at the center above the virtual arch may be considered inert, although it may be desirable to employ reinforcing metal to avoid unsightly longitudinal 
center line cracks. 

Under these conditions the vertical components of the downward forces would be in excess of the vertical components of the upward forces of hydro- static pressure, this excess being counterbalanced by, the soil pressure or passive resistance and would appear as a vertical closure in the polygon of forces 
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(Fig. 48). In analyzing the floor arch thrust in the same way it may be neces 

sary to consider not only the active earth and water forces on the rear of the 

retaining wall but also the soil pressure or passive resistance that would be 

afforded to this wall act- 
ing as an abutment for 
the inverted floor arch 
thrust, from which it 
will be seen that it is 
entirely probable in the 
preparation of the de- 
sign and in the analysis 

of the structure and in 
the making of the stress 

diagram to insert exter- 
ior soil resistance or pas- 

sive pressure forces. 

When the weight of the 
section is in excess of the 
hydrostatic pressure, the 
diagram would have to 
take into consideration the 

bearing of the structure . 

on fhe ieaadnton, or soil Figsdt: 

pressure, which could be considered as equally distributed over the entire area of 

the foundation. However, in a case such as that shown where the line of pressure ~ 

was outside of the middle-third at the center; in order to develop longitudinal cracks 

on the tension side, the floor at the center would have to lift slightly, relieving the soil 

directly beneath it of pressure and transferring the entire soil pressure to the sides, 

resulting in raising the line of pressure to within the middle-third as indicated by the 

dotted line. 

Masonry Graving Docks on Rock Foundations. The same considerations 

govern the design, excepting that provision can probably be made for relieving 

hydrostatic pressure 

Stress Diagram 

I 4. 

1+6{64¢@ 0- ima TET ET in whole or part; under 

we fe —a4'144" 5004-4 the most ideal condi- 

: <3 1 / tions the rock can be 

gs_ Bean Hi Tee Bells : — excavated out to the 

Se - S | rough dimensions of 

Sh = Heapthow Water |g Ele 23 | the graving dock, and 
then lined with ma- 
sonry, with or without 

relieving drains. A 
graving dock built at 

Hunter’s Point, San 
Francisco, Calif., was 
built in this way, 

Yj the excavation being 
% made in impervious 

A ; serpentine rock, and 

Fig. 49. Half Section Giaving Dock, Rock Foundation lined with a compara- 

tively thin layer of 

concrete. No provision was made for draining. In graving docks founded 

on ledge rock, the necessary stress diagram should be made for all conditions, 

Fig. 49 shows a half transverse section of a graving dock on rock foundation. 

Altars are‘provided in the side-walls at convenient heights, the first at eleva- 

I$ 
2 
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tion of about mean high tide and additional altars at intervals below this. 
They consist of steps or platforms 2 to 3 ft. wide, and are used for the placing 
of shores to hold upright the vessel being docked, and as a means of access 
from and to plank stages or working platforms placed alongside the hull. 

Stairways and Timber Slides. Stairways are provided for going into and 
coming out of the graving dock, two sets on either side of the entrance and at 
or on either side of the head with intermediate stairways to suit convenience. 
These are built directly into the altars or through the side-walls. Timber 
slides are used for letting down and hauling up material and are placed at 
convenient intervals in the side-walls on both sides of the structure. In order 
to simplify design and construction, portable stairways may be provided, 
leaving the altars clear and continuous. 

Drainage. The floor is drained by means of either open gutters at the sides 
or in the center of the floor, or by drainage culverts with drain connections, 
located at intervals. Where gutters or drains are used the floor must be 
graded transversely to these, the gutters or drains being given gradients to 
insure self-cleaning. 

Head. The inshore end of the graving dock is known as the Head, as dis- 
tinguished from the outshore end, or Entrance. Heads are built rectangular, 
trapezoidal or circular or elliptical, correspondingly, the walls are designed and 
figured as retaining walls, or are built as simple or compound, circular or ellip- 
tical arches. 

Timber Graving Docks have in the past been extensively employed in 
American practice, when vessels of smaller size with less draft and of different 
hull section were constructed for the merchant and naval service. They had 
the advantage of lower first cost and more expeditious construction and were 
especially suited for location in stable water-bearing subsoils. The principle 
of design and construction is different from that obtaining with respect to 
masonry graving docks and is based upon the partial, or entire, reduction of 
hydrostatic pressure on the bottom by drainage and the building of the side- 
walls at a slope approximating the natural slope of the soil, relieving this por- tion of the structure from the earth thrust. The flow of ground or tide water through these walls is cut off by a continuous and enclosing wall of sheet piling driven at the coping or some distance back from it, the timber altars of the side- wall being laid on inclined stringers supported on piles, a sloped wall of puddled clay being laid between the soil and the timber altars. The flow of water onto the floor is cut off or reduced by a continuous enclosure of sheet piling driven at the foot or toe of the wall or slope and 1 to 3 rows of timber sheet piling are driven across the entrance, the floor itself consisting of heavy timber planking, fastened to dimensioned caps bolted to the foundation piling, with which the bottom is studded at 3 to 4-ft. intervals, additional piles being driven in the center, where necessary, under the keel blocks, and under the probable posi- tion of bilge blocks, Three to 5 ft. of concrete is placed under the timber floor in between timber caps and piling. In this type of structure a certain amount of leakage or self-draining is expected and allowed for. Among the advan- tages claimed, are that the sloped sides give better light and ventilation. Although this argument, undoubtedly, is of importance as applied to the older types of vessels, it loses its force when steel vessels of rectangular amidship sections, with practically flat bottoms, are considered, as, in both masonry and timber graving docks, artificial light must be employed, under such ‘hulls. The disadvantage of this character of construction is that in order to secure necessary width of, graving dock at the height of the blocks, the width at the coping line becomes excessive. Thus, with a vessel of 100-ft. beam, and 30-ft. 
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draft, with allowance for clearance, the width of the timber graving dock at 
the coping line would have to be nearly 200 ft. as against 140 ft. fora masonry 
graving dock, entailing the requirement of a considerably larger area of land, 
and difficulty in handling materials for building or repair by side-wall cranes. 
Timber graving docks have a further disadvantage of not being a permanent 

structure and requiring continuous and expensive repair and replacement. 
The surface of the ground around the structure is in a continuous process of 
settlement due to the percolation of water through it and to the washing out 
by this water of the finer particles of soil. On account of the difficulty of ob- 
taining complete and intact sheet-pile water cutoff walls, frequently extensive 
washouts and undermining occur in this character-of structure. 

Blocking, Shores, and Fittings. Keel blocks are provided on the center line 
of the floor and consist of heavy dimensioned hardwood timbers. They 
should be so laid out as to afford suf- - 
ficient bearing to avoid undue crushing 
under the maximum weight likely to 
be brought upon them. In American 

practice they usually consist of three 
or more tiers, placed transversely of 
the dock on 4 to 2 ft. centers longitu- 
dinally. Heights of blocks above floor 
should not be less than 3-1/2 to 4-1/2 
ft. to give clearance for working under 

a ship. 
In. European practice the lower 

blocks are often of cast iron, sometimes 
wedge-shaped, to permit ready removal. 

The lower course is fastened to the 
floor by anchor bolts, and the upper 
course, if of timber, by iron dogs. In 
addition to these blocks, bilge blocks 
are provided on both sides of the keel 
blocks, but placed at longer intervals 
apart. Some of the larger modern 
ships, especially in the naval service, 
are provided with four docking keels, 
two on either side of the center line, so 
that in being docked the ship will come 
to a horizontal bearing on central keel 

and side docking keel blocks, avoiding the expense and delay of holding the 

gtaving dock while blocking is being rearranged to fit the hull of the particular 

ship to be docked. When docking, keel blocks are not employed, bilge blocks 

are used, consisting of several tiers of blocks, the upper one slightly inclined 

or hinged to the block below and provided with a wedge. These blocks slide 

on bilge block bearers placed transversely of the dock. They can be drawn 

in under the ship and against the bilge by means of hauling chains, cast-iron 

racking being placed ‘on the bearers and adjustable automatic pawls at- 

tached to the lower bilge block, holding the block in place when it has been 

drawn under the ship. These pawls are lifted and the block released when 

the hauling-back chain is employed. The docking keel and bilge-block 

bearers are sometimes made of reinforced-concrete, or entirely done away 

with, the cast-iron racking being fastened directly to the floor of the struc- 

ture. Fig. 50 shows a half cross-section and floor plan giving position and ar- 

rangement of blocking. 1 

3 
i 
: 

Fig. 50. Arrangement of Blocking 
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Shores are used with, or to replace bilge blocks, to hold a vessel upright 
when the graving dock is unwatered. They bear against the vessel’s side at 

<ef 

ES. 

AR 

Fig. 51. Electric Capstan 

frames and are wedged against the 
walls, rest on the altars, or are sus- 
pended from the coping by lines, for 
which purpose small cleats are placed 
at convenient distances. In order to 
assist in bringing and holding the ves- 
sel to alignment in position over the 
blocking, brest lines are employed, final 
adjustment often being made by block 
and tackle, for which small hand 
winches are installed at convenient in- 
tervals along the top of the dock wall. 

Capstans and Bollards. As it is 
impracticable to place ships in grav- 
ing docks under their main engine 
power or by tugs, power capstans are 

very often provided for this purpose. 
In smaller docks hand capstans are 
employed, assisted by windlasses on 
the ship being docked. On large grav- 
ing docks, power capstans should be 
provided at the head end of the dock 
on either side of the entrance and in 
long structures midway of the length. 
These should have two speeds, the 
maximum for slow hauling from 15 000 

to 35 000 Ib. at the capstan barrel, the minimum is used for overhauling lines 
so as not to permit too much slack and possible snarling. Bollards or moor- 
ing posts are placed 
on both sides at in- 
tervals of about 50 ft. 

Figs. 51 and Sta 
show an electric-mo- 
tor-driven capstan of 
the latest type. Fig. 

5ia is designed with 
barrel height so as to 
permit the passage 
over it of the heavy 
dry dock traveling 
cranes. 

28. Construction 
of Graving Docks 

As graving docks 
are always located on 
the foreshore of har- 
bors, the problem of 
construction has an 
important influence on 
design. With the in- Fig. 51a. Electric Capstan 
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_ crease in draft of vessels and the necessity for providing for overdraft in case 

of accident, the clearance depth over entrance sills of graving docks has in- 

creased greatly and with it the head of ground or sea water to be taken care of 

during the construction period. 

In certain locations it becomes impossible or impracticable, within the range 
of ready execution, to construct graving docks by any method involving the 
unwatering of the site. When such cases occur, recourse must be had to a 
method of construction that will make the unwatering of the site unnecessary. 
As the method of construction is an inrportant item in graving dock design, 
it is well worth while to illustrate various methods that have from time to 

time been employed. 

The usual course followed in the construction of timber graving docks is illustrated 
in Fig. 52 where (a) indicates the original conditions of the site. The entire site is sur- 

rounded by a wall of sheet 
piling, a portion of the 
round piling being driven 
previous to exeayation; (5) 
shows the excavation, in 
part completed; (c) illus- 
trates the driving of the 
round piling on the side 
slopes and in the bottom, 
and of the bottom enclos- 
ing sheet piling; and (d) 
shows the work completed. 
This method was generally 
followed in the construc- 
tion of two timber dry 
docks built in the New 
York Navy Yard, and two (c) ; (a) 

similar structures built in : A : 

South Brooklyn, N. Y. Fig. 52. Timber Graving Dock 

Dry dock for Port of Boston: The method of construction for this dock is illustrated 

in Fig. 53. The structure is located on ledge rock, covered with a blanket of soil under 

water. On either side and around the head of the dock double timber bulkheads were 

placed, filled in with excavated material. The steps of construction (a), (b), (c), (d), 
are shown, (b) with 
the space between 
bulkheads filled and 
excavation made to 

SLES ledgerock; (c) excava- 

| (b) tion in ledge rock; (d) 
completed structure 

| ala 66” backfilled. In this de- 
Hean High Water! zp ———— sign the side-walls are 

(a) 

, it o. 8 

p= as =a . All| retaining walls, the 

ST iterroxinat Su ic Bort x j floor or bottom is shal- 

—*\ Meeetea: occ of Hoch, | —¥ low, and is under- 

———— oe drained, so that the 

i underside of the floor 

- (¢) ] (d) is not subjected to 
Fig. 53. Graving Dock, Boston, Mass. hydrostatic pressure. 

Naval Dry Dock at Charleston, S. C., was located on a salt marsh, with underlying 

marl foundation. The entire site was surrounded with heavy sheet piling, held in 

place by timber trestle work, brace piles, and shoring, as illustrated in Fig. 54. The 

final excavation into the marl is shown in (c), and completed structure in (d). The 

method employed in making, the excavation for the structure was: the first 10 ft. 

were taken out by hydraulic dredging, the remainder of the excavation in the marl 
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being taken out by clamshell buckets opérated by cableways and by pick and shovel 
and blasting. Cofferdam around the entrance to the work is illustrated in (e). 

Fig. 54. Graving Dock, Charleston, S. C. 

The method of constructing the Naval Dry 
Dock at Mare Island, Calif., is as illustrated 
in Fig. 55. The excavation was made in 
water. Foundation piling was then driven in 

the bottom and the timber crib of the general dimensions of the structure, built up 
on the surface of the water, loaded, and lowered until it rested on certain of the 
foundation piling, as shown in (b). Timber sheet piling was then driven around the 
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Fig. 55. Graving Dock, Mare Island, Calif. 

crib work and then backed up with earth, as shown in (c). The interior of the crib 
was then pumped dry and the structure completed as illustrated in (d). 
The side-wall, or English plan, is illustrated in Fig: 56. ‘This method ’has' been used with success, in the construction of ‘some European graving docks, (a) illustrating the 
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preliminary step of driving sheathing and excavating a trench for the side-walls; (5) 
completion of this trench and driving of the side-wall foundation piles; (c¢) the com- 
pletion of the side-wall and the excavation of the interior or “ dumpling,”’ and the 
driving of the interior ) 
foundation piles; (d) 

completion of the 
work. In this method 
of construction there 
is a tendericy for the 
side-walls to be thrust 
or move inward when 
the interior of the 
“dumpling” is re- 
moved. The floor 
work should be con- 
structed in sections, or 
heavy bracing placed 
between the wall work 
pending completion of 
the bottom. A modi- 
fication of this method 
was employed in the 
preliminary attempts 
at construction of Dry 
Dock 4, Navy Yard, e i] 

gales te bering Fig. 56. Graving Dock pete ae English Trench 

walls being thrust in. Metho 
The dry dock at the New York Navy Yard was constructed by the method illustrated 

in Fig. 57. This dry dock was located in water-bearing quicksand soils. Open excava- 
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Fig. 57. Graving Dock, New York 

tion was made by steam shovel to the quicksand. The entire site was then surrounded 

by a reinforced-concrete cutoff wall, placed by pneumatic process. The excavation of 

the interior was then made, bracing being placed between cutoff walls, as illustrated in 

(b). Interior rectangular piers or anchors were placed by pneumatic process. The 
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Aoor was then built in 20-ft. sections, entirely across the structure, as shown in 
(c). Side-walls were then built up and the structure backfilled. F 

At Kobe, Japan, the character of the site was such that after an unsuccessful attempt 
to construct in cofferdam in the dry, it was decided to employ a method not requiring 
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Fig. 58. Graving Dock, Kobe, Japan 

the unwateting of the site. The plan followed is illustrated in Fig. 58. Excavation was 
made in water, as shown in (a), and piling then driven as shown in (6). Concrete was 
then deposited by skips and buckets under water, as illustrated in (c). Upon comple- 
tion of placing of the-underwater concrete up and above elevation of high water, the 
structure was pumped out and interior lining placed, as shown in (d). 
A somewhat different method of construction proposed in connection with another 

dry dock is illustrated in Fig. 59. Excavation made under water, foundation piling 

Fig. 59. Construction Employing Floating Caissons 



Art. 29 Gates and Pumping Plant 1851 

driven as shown in (a), the foundation piling then cut off under water to grade, and 

the graving dock structure built in sections by means of caissons lowered to place, as 

jllustrated in (c) and (d), in a somewhat similar manner to the method employed for 

breakwater and quay wall construction. See Arts. 3 and 15. 

The above method was proposed for the construction of the Pearl Harbor, Hawaii, 

Navy dry dock. In the construction of this dock the general principle was used, but 

the 16 sections were constructed on a floating dock, and then by lowering the floating 

dock a steel tank cofferdam was floated over a section and bolted to it. The floating 

dock was then lowered and the whole section floated to place, the tank cofferdam 

flooded and the section lowered, the side-walls and bottom of the section built complete 

in the cofferdam, the tank cofferdam then floated by removing water from the tank, 

and then floated away and placed on the next section and soon. Space between sec- 

tions was closed by concrete deposited in tremie. 

Tremie Concrete. In view of the difficulty, at times, encountered in un- 

watering to permit construction in the dry, it is sometimes desirable to place 

concrete under water. This may be accomplished by the use of bottom- 

dump buckets or tremies; care must be exercised that the cement is not washed 

away from the fine and coarse aggregate. This is best accomplished by con- 

fining the concrete within forms and depositing it within the form in one con- 

tinuous operation. In tremies, 12-in. pipes are found satisfactory. The 

operation is started by inserting a plug (usually a sack of straw) inside the 

tremie pipe and filling the tremie hopper above with concrete, the lower end of 

the tremie pipe resting on the bottom, being raised slowly as the concrete flows 

out. Care must be taken to exclude the outside water from entering or 

breaking through the flowing concrete. More than one pipe may be used in 

placing, but they should not be spaced more than 20 ft. apart, allowing a 

10-ft. radius for the flow of the concrete. . See Sect. 11, Arts. 9 and 10. 

29. Gates and Pumping Plant 

Caissons or Gates. Graving dock gates are, in many respects, similar to 

lock gates, description of which will be found in Sect. 15, Art: 19. In Ameri- 

can practice caissons are more often employed for closing entrance to graving 

docks, and are usually box- or ship-shaped structures which are flooded and 

sunk in place at the seat, the removal of water from the interior of the dock 

Canta ¢ . 

Sectional Plan 
At Girder At Bottom Transverse 

n 
Section 

Fig. 60. Entrance Caisson, Sliding Type 

drawing them up against theseat. When to be removed after the graving dock 

has been flooded, they are pumped out and hauled or towed to one side. The 

sliding types of caisson for which in connection with the dry dock structure a 

recess is provided at the entrance, is moved across the entrance by a hauling 

device, and returned to its recess in a similar manner, an illustration of which is 

shown in Fig. 60. This is the favorite type in English graving dock practice 
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and it is employed for the entrance of the Quebec graving dock. ’ The remov- 
able type of caisson is rectangular or ship-shaped, as shown in Fig. 61, or hy- 

drometer-shaped, as shown in Fig. 62, the second type having a contracted 
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Fig. 62. Hydrometer-shape Caisson Gate 

Side Elevation 

section for a depth of 6 to 12 ft. at the water line, to permit more rapid raising 
and lowering when being pumped out or flooded. Or the caisson may be of the rectangular or fin keel type. Where the caisson bears on the sill, water is 
excluded by either depending on the close fit of a timber meeting piece, or on rubber or hemp gaskets. ‘To resist water pressure the caissons are built and designed with a series of interior horizontal girders or a main horizontal girder at about low water elevation, with the frames acting as a vertical beam. When one of the types of ship-shaped caissons is in place and the graving dock pumped out, the lifting effect of the exterior water is only active on the surface of the caisson in contact with water, so that the buoyancy at such time is somewhat over half of that of the caisson when floating. However, in nearly all cases the dead weight without the water ballast is not sufficient to hold the caisson in place under these conditions. Where the proportion of the net uplift or buoyancy to the total horizontal water pressure on the gate does not 
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exceed 20%, the gate will not need special anchors. Hand- or power-driven 

capstans are usually installed on the caisson, at both ends, besides the pump- 

ing plant for raising the caisson. Caissons of this type being floating struc- 

tures, care must be taken in the design to assure proper stability under all con- 

ditions, and for that purpose it is necessary to make the calculations and curves 

transverse and longitudinal showing displacement, center of gravity, center of 

buoyancy, contained water, and metacentric heights under various conditions, 

especial attention being given to the effect of the contained free water during 

flooding and lowering. On completion of the caisson these calculations should 

be checked by inclining experiments. 

Modern practice in building caisson gates is departing somewhat from or- 

thodox ship construction and is instead more and more following bridge prac- 

tice. This tends toward economy, inasmuch as the trusses within the caisson 

are made to withstand primarily the water pressure, when the gate is in posi- 

tion, and the dry dock empty, whereas the ‘stresses encountered in the ship 

construction become secondary in the case of the caisson gate, as its sea- 

worthiness is a secondary consideration. Rivets in the shell plating need not 

be countersunk except on the outside to facilitate calking, and ordinary bridge 

~ practice of button heads is followed. 

Fig. 62a shows a caisson gate of rectangular box type. 
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Pumping Plant. A graving dock is freed of water by a power pumping 

plant, electricity or steam being generally used, the selection depending upon 

the special conditions obtaining in the locality. The plant should be divided / 

into two or more units, so that in case of a breakdown it would be still possible 

to operate the graving dock. The units employed have usually been vertical 

or horizontal centrifugal pumps and should be of such combined capacity and 

design that the dock without a ship in it will be unwatered by the entire pump- 

ing plant in from 1-1/2 to 2-1/2 hours. More recent practice in dry dock pump 

design, has employed pumps of screw or spiral type. The water head at the 

beginning of the pumping will be zero, the power being used up in friction and 

‘in velocity head, so that the pumping plant must be designed for the especial 

conditions in order to obtain overall efficiencies of over 50%. It is usually 

impossible to remove the last 2 ft. of water over the floor by these main pumps, 
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the blocking and block bearers holding back the water so as to result in a surg- 
ing effect in the drainage forebay. Where possible, main pumps should be 

Fig. 63. .Pumping Plant 
placed low enough and with intakes so arranged as to postpone as long as possi- ble this surging effect. For finally freeing the graving dock of water and for 

a regular drainage purposes, 
. cere smaller drainage pumps are 

provided. Fig. 63 shows a 
sectional elevation of the gTav- 
ing dock pumping plant for 
Dry Dock 4, at the New York 
Navy Yard; there are 3 main 
pumps and 2 drainage pumps. 

Fig. 63a shows a sectional view 
of the graving dock Pumping plant 
for the dry dock at the Navy 
Yard, Philadelphia, Pa. There 
are three 54-in. > electric-motor- 
driven pumps. The same general 
type of pumping plant is employed 
at the Navy Dry Dock in the 
Navy Yard, Norfolk, at the State 
Dry Dock at Boston, Mass., and 
the Balboa Dry Dock at Panama. 

Fig. 635 shows a transverse and 
longitudinal cross-section of a 
Pump well and plant. The well 
was built and placed as an open 
caisson. The main Pumps are PRESSES! PA Screw or spiral in type. Fig. 63a. Cross-section of Pumping Plant, In the design of the main Philadelphia, Pa., and Norfolk, Va. Pumping machinery, the work to 
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be done by the entire plant is obtained by the total volume and weight of water 
contained in the graving dock at high tide; the product of this weight by the dis- 
tance between its center of gravity and the elevation of water surface at high tide 
will give the work done. The required capacity of the pumping plant may then be 
obtained by dividing the product by the number of minutes in length of time allowed 
for pumping out the dock, and in the same way the required motor horsepower ob- 
tained by assuming a 50% efficiency. It is customary to employ constant-speed 
motors. 

Flooding of the structure is usually accomplished by flooding valves in- 
stalled in the entrance caisson or by sluiceways and gates making connection 
with the sea or by both. These should be designed so that the structure can 
be flooded within 1 hour. On account of the location of the flooding gates in 
thelower part of gate caissons, frequently undercertain conditions considerable 
sediment is carried into the dock by this method of flooding, so that sluiceways 
and gates, connecting to tide water ata higher elevation, are often more de- 
sirable. When of large area, they also make more rapid the final leveling of 
water in the interior and exterior of the graving dock, and make possible a 
more expeditious removal of the entrance caissons. 

30. Cost of Graving Docks 
The Cost of Graving Docks varies between wide limits, depending, as it does, upon the character of foundation, dimensions of the graving dock; partic- 

Masonry Graving Docks 

No. 
Per | Per ton, 

Total run- | max. 
ning ship 
foot | docked 

1 | Boston, Mass., N. Y. AS $1 100 000 |$1470 | $28.80 2 | Charleston, S. GEN.-Y. 1250000 | 2170 36.80 3 | Mare Island, Cali, N. 1 680000 | 2210 44.20 4 | New York, N. Y.,.N. Y. 2 450 000 | 3470 49.70 
5 | Norfolk, Va., N.Y.m 3. { 1730000 | 2360} 38.50 
6 Philadelphia, Pag. NFYoR2 1470000 | 1950 38.50 7 Portsmouth, N. Hs Bes 1125000 | 1500 29.70 8 | Puget*Souhd, # er 2100 000 | 2500 32.70 9 | Boston, Mass .b 2 oe 3 231000 | 2500 28.09 10 | Quebec, P. Q., Canada.... 3.000 000 | 2500 30.30 11 | Norfolk, Va., N. ¥.# 4... 4356000 | 4250 46.85 12 | Norfolk, Va., N. Y.* 6... 765.000 | 1625 63.75 13 | Norfolk, Va:, N. Y:#% 7... 714 000.| 1515 70.00 14 | Balboa, Panama........+ 2795000 | 2540 34.10 15 

5 356 675 | 5314 73.58 He 
6 300 000 | 6268 67.41 

Timber Graving Docks 

18 | New York, N. Y.# 3...., 1873 | 1897 668 555 000 835 23.30 19 | Norfolk, Va., N. Yi# 2... | 1887 1889 500 505 000 | 1010 38.30 20 | Philadelphia, Pa., N. Y.# 1] 1889 | 1891 500 549 000 | 1100 45.00 Puget Sound, W. N. Y.# 1 1892 | 1896 650 633 000 970 27.20 
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ularly the usable depth and the kind of material employed in its construction. 

In masonry dry docks the lining of the structure with stonework, particularly 

granite, will add considerably to the cost. Excluding land value, timber grav- 

ing docks have cost between $700 and $1200 per running foot of dock, and 

masonry graving docks between $1500 and $7000 per running foot of dock. 

The cost per ton of maximum size ship that can be docked was obtained by taking 

the product in feet of the usable length, allowing 5-ft. clearance; the width of entrance 

at 1 ft. above blocks, less 2-ft. clearance; and the depth to top of blocks or 6 in. over 

sill at high water, dividing this by 35 to obtain long tons and taking 0.7 of this as a 

probable block coefficient. The following numbers refer to the table just given: 

(1) Founded on blue clay and gravel and is built of concrete lined with granite. 

(2) Founded on stiff marl, is of concrete lined with granite. 

(3) Fornded on piles driven in soft clay. Built of concrete with granite sills and 

entrance. 
(4) Founded on reinforced-concrete surrounding walls and interior pedestals placed 

by pneumatic caissons in fine running mica sand and built of reinforced concrete lined 

with vitrified brick, granite sills and entrance. 

(5) Founded on piles in clay and marl. Built of concrete, granite lined. This dock, 

after completion, was extended in length. 

(6) Founded on piles driven in sand and gravel. Built of concrete, granite sills and 

entrance. 
(7) Founded on ledge rock, concrete lined with granite. 

(8). Founded on sand, gravel, clay; concrete and granite. 

(9) Founded on ledge rock, concrete, granite, entrance sills, coping and steps, inter- 

mediate seat dividing dock into two sections when desirable, side-walls lined with 

granite. Actual cost in excess of that given by perhaps $500 000 on account of war 

conditions. 

(10) Founded on rock, concrete with granite altars and entrance, sills, sliding 

caissons at entrance. 

(11), (12), (13) These docks founded on so-called marl containing much shell detritus 

at entrance and blue clay. Concrete laid directly on marl and clay except at entrance 

to Docks 6 and 7, founded on timber piling. 

(15) Cost and delay due to collapse of earlier work and fact structure was built in 

16 sections as floating caissons. Foundation, coral rock, mud lava. 

(16) Cost due in part to war construction, and also heavy water flow through open 

gravel on which the structure rested. 

(17) Replaced older dock on same site. Cut out of soft serpentine rock by hydraulic 

dredge and rock lined with concrete. 

The cost of graving dock appurtenances, although independent of foundation condi- 

tions, bears some relation to the character and size of the structure. Electric power 

capstans, including foundations, depending upon size, have varied from $7000 to 

$9000 each, and the pumping plant from $40 to $70 per motor or engine horsepower. 

Caisson gate costs will be a function of the width and depth of the entrance and, in 

general, will vary as the product of the square of the width and the square of the depth. 

The upkeep and maintenance cost of the body of masonry graving docks is small and 

should not exceed 0.25 % per annum. The upkeep cost of graving dock appurtenances 

varies with the character of the same, the cost of repair and replacing of blocking being 

high and, to some extent, dependent upon the frequency of use, and may be taken at 

from 10 to 15% of first cost, per annum. The upkeep cost of caisson gates is, in general, 

similar to that of the hulls of steel vessels and may be taken at from 3 to 5% per annum. 

31. Floating Dry Docks 

Definition. A floating dry dock is a structure of wood, wood and steel, 

steel, or reinforced concrete, capable of being submerged by the admission of 

water to its interior compartments, at which stage, if desired, a ship is floated 

into position; the structure is then raised by the removal of water from its 

interior compartments by pumping, or other means. 
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Relative Advantages. 
Lower first cost, less time to 
complete, less operating ex- 
pense in pumping, and the 
fact that it is a movable prop- 
erty, are claimed as advan- 

tages for floating docks as 
compared to graving docks. 

The comparative first cost 
is entirely dependent upon 

the type of the floating dock 
and the location of the site 
available for the graving 
dock. Under the most favyor- 
able conditions for graving 
dock construction, the time 
consumed in the construction 
of a floating dock is somewhat 
less than would be the case 
with a graving dock. - A grav- 
ing dock has the advantage of 
permanence, more rigidity, 
less danger of accident, less 
expensive maintenance and 
repair, and less annual charges 
on account of its greater 
length of life. The selection 
of the type of structure is 
entirely dependent upon local 

conditions and requirements. 

Types of Floating Docks are 
shown in Fig. 64: (1) The sim- 

plest type of floating dock is the 
solid trough type of timber or 
steel. It has the advantage of 
simplicity, of longitudinal Tigid- 
ity, with the disadvantage that 
it must be built in its entirety 
intact, and can not be self- 
docked for repairing, cleaning, 
and painting. 

(2) Sectional docks consist of 
a number of solid trough sect‘ons 
or slices of Type (1), and are 
constructed of such length that 
any one section can. be docked, 
as shown, by one or two other 
sections. The sections are con- 
nected together by locking logs 
which hold them in alinement, 
but are not intended to furnish 
longitudinal rigidity for the en- 
tire structure. The operation of 
the dock usually requires skill 
and care in order that each sec- 
tion may take the load directly 
above it, the buoyancy of  sec- 
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tions being adjusted by the amount of water pumped from them. This adjustment 

of weights, however, is not always necessary. With ocean-going vessels, the vessel 

itself is designed with sufficient longitudinal girder strength to distribute inequalities 

of load, unless the hull structure has been seriously injured, in which case the vessel 

should not be docked ona sectional type of floating dock. This type of structure is a 

favorite type in timber, especially for commercial use; on account of its low first cost 

and its flexibility, additional sections can be added, increasing the length of the dock. 

(3) The Rennie type consists of continuous. side-walls forming girders for longi- 

tudinal rigidity. These side walls rest on, and are fastened to a series of pontoons of 

such dimensions that one or more,pontoons may be removed from under the side-walis 

and lifted for repair by the remaining structuré. Docks of this character are built with 

steel walls and timber pontoons, or entirely of steel. 

(4) In the Clark and Stanfield type the side-walls are continuous and extend to 

practically the full depth of the structure, the pontoons being fastened between the 

side-walls, the fastening consisting of fish-plates and bolts. Pontoons can be self- 

docked; repair, cleaning and painting of side-walls being performed by careening of 

the entire structure. The side-walls being deeper than in the Rennie type, more rigidity 

is secured. Disconnection of pontoons for self-docking and repair ‘is complicated. 

This type of dry dock is usually constructed of steel. The Havana dock now in com- 

mercial use in New York harbor, and the Naval dock at Algiers, La., are constructed 

_ on this principle. 
(5) The Pola type is a sectional dock consisting of three sections.each a solid trough. 

The central section is of about the same size as the two end sections together. The 

sections are connected together for longitudinal rigidity, which connection, however, is 

complicated. The central section is locked by the two end sections by means of a 

projection on each. The end sections are docked by the center section. 

(6) The Cunningham Sectional type of dock is, in many respects, similar to Type (1) 

Sectional dock, but consists of larger sections, provision being made for joining the 

sections together by fish-plates and bolts. Self-docking is accomplished by raising 

one section with two other sections. 

(7) The Maryland Steel Company type consists of a main pontoon of solid trough 

section with side-walls extending beyond its length and carried on two shorter end 

pontoons having low independent side-walls for stability in self-docking operations. In 

self-docking the two end pontoons raise the central section and the two end pontoons 

are in turn raised by the center section. This type is constructed in steel. The Naval 

dock “ Dewey ” at Olongapo, P. L, is of this type. 

(8) The Single Side Wall type consists of one rectangular side-wall and pontoon or 

a series of sectional pontoons. On the other side of the wall is provided a shallow pon- 

toon with vertical members and series of two parallel members pin-connected to the 

vertical members and to the side-wall of the dock. The purpose of this pontoon is to 

afford stability and hold the structure upright when raising or lowering. 

(9) The Off-Shore type is similar to the Single Side Wall dock, but the vertical 

member is fixed directly on shore, the pontoon being done away with. 

Types (8) and (9) can both be constructed with openings between pontoons so that 

the vessel after being lifted can be deposited on a separate floating structure or fixed 

platform, so that while the ship is undergoing repair the dock is ready to lift another 

vessel and is then known as a Depositing Dock. Neither of these types is in extens- 

ive use. 
In the Burgess sectional dock the side-walls are replaced by an open framework in 

which slide ballast pontoons, which always remain on the surface and give stability to 

the structure. A structure of this character was built of timber in New York Harbor, 

but is not now in use. 
The Camel type, as shown in Fig. 64a, consists of a one-piece rigid trough, closed 

at one end and having a gate similar to lock gates at the other end. The ship enters 

the dock, is partially lifted by removing the interior water, the gates are then closed, 

and the water inside the trough removed by pumping. This dock has the advantage 

of longitudinal rigidity, but it cannot be self-docked for repairing, cleaning and 

painting. 

Location. Floating docks require considerable depth of water for their 

operation, this depth being fixed by the draft of the maximum ship to be 

docked, height of blocks, clearance of blocks to keel of ship, depth of floating 
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dock pontoons, and the allowance under the dock for clearance and for filling 
up. . The requisite depth must often be secured by dredging and the expense 
of dredging operations at such great depth is considerable. In many harbors, 

the excavation for deep 
floating docks will rapidly 
fill up. Provision must 
also be made for mooring 
the structure, which is 
usually done by placing it 
alongside a pier built for 
that purpose. When this 

ELEVATION is not done, approach piers 
S| to the floating dock must 

be constructed. A pier 
or quay is also necessary 
outside of the entrance to 
the floating dock to moor 

SECTION vessels while awaiting 
Fig. 64a docking, or to assist in 

guiding the vessel into the floating dock. Such a structure is also necessary in connection with the use of graving docks. Sheltered locations are desirable for floating docks, this being more necessary on account of the difficulty of handling the dock in a high wind. 

Data on Design. A floating dock must have sufficient transverse strength so that the excess buoyancy of the side-walls and the pontoons at the sides will be enabled to carry the concentrated weight of that portion of the ship sup- ported on the central keel and side bilge-blocking, and also when floated light to carry the excess weight at the sides of the side-walls and the pumping machinery. The floating dry dock, when fully sunk, ready to receive a ship, is usually flooded with water to within a small distance from the position of the outside water. Especially with timber floating docks is this done. To guard against accidental over-flooding in the sinking of the dock, safety decks are often provided in the side-walls, above which the dock can not be flooded. When a ship has been placed in the dock and the operation of raising is com- menced, the contained water is, as a rule, first removed from the side-walls. 

siderably less than the weight per foot of lift of the maximum-sized ship to be docked, the water is entirely removed from the side-walls when the ship has 

deck. In timber structures, as the timber is more or less constantly immersed, a reduction should be made in the allowable strength in tension, compression, 
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and bearing. In steel floating docks, the practice of structural steel and steel 

ship design should be followed, the plating being considered as a continuous 

beam and not a catenary. 

— Ship Entering 
\ ship lifted 6 feet 

Position of interior water ballast, 
ship entering dock. 

Position of water surface relative 
to dry dock,ship entering. 

Position of water 
VA surface relative to 

== aury dock,ship lifted 
6 feet. 

\, 
Position of interior 

\ water ballast,ship 

er = - E \ vifted 6 feet. 

pressure per 8qe 
ft. on bottom and 
deck. 

Fig. 65. Maximum Water Pressure on Doek 

‘Fig. 66 shows a typical cross-section of a self-docking steel floating dock, Maryland 

Steel Company type, having a gross lifting capacity of 18 000 long tons. 

Transverse Section 

Fig. 66. Steel Floating Dock 

Fig. 66a gives a plan, longitudinal section and cross-section, side and end elevation 

of a 45 000-ton steel floating dock of the bolted, three-section trough type (Cunning- 

ham) designed but not built. 

Fig. 67 shows a half cross-section through one of the sections of a sectional timber 

dry dock, a type favored in commercial use on account of its flexibility, that is, the 

possibility of increasing its length and sizes by adding additional sections. The 

floating dock in question consists of 6 sections, each 80 ft. long, having a combined 

maximum lifting capacity of 18 000 long tons. 

Fig. 67a gives a plan, longitudinal and cross-section and half end elevation of a 

42 000-ton timber sectional dry dock. 

Loading. The loading conditions to which a floating -dry dock is subjected 

are dependent upon the method employed in removing the contained water 

from the structure. It is desirable, to some extent, to pump water from 
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the various compartments so that the buoyancy or lifting effect will bear 
some relation to the load or weight of that part of the vessel directly above this 

Tia ee 

End Elevation 
Cross Section 

Fig. 66a. Cunningham 45 000-ton Dock 

section of the floating dry dock. In order to obtain the maximum lifting effect 
of a floating dry dock, it is necessary to remove all of the contained water 
from the structure, with the result that the bending strain 
must be taken by the dock structure or the ship being 
docked. Consequently the manner of Tegulating the | 
pumping and lifting dock and ship is of greatest impor- ia 
tance, as it might readily be so operated. as seriously to a 
strain both ship and dock. i 
The Bending Moment produced in the ship and dock is / 

shown graphically by Fig. 68: (a) showing the effect when 
lifting a long ship, (b) when lifting a short heavy ship, and 
(c) the method 
employed to de- 

crease the bending “KE SS - = 

sie ther ae i N 2 SN 

tion of the water 7 : PN 
from the end com- | q — 
partments. Fig. — — 
69 illustrates the 5 r transverse: loads Fig. 67. Timber Floating Dock 
to which a section of a floating timber dry dock is subjected. 

Effective Capacity. The effective lifting Capacity of a properly designed 
floating dry dock, whether of timber or steel, or a combination of them, 
will vary between 60 and 70% of the displacement of the pontoons. In gen- 
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eral, it may be taken that one-third of this displacement will represent the 

dead-weight of the structure and the contained water that can not be re- 

L 

6°20 Oreto—Out-ofPlan. 
Half, End Elevation 

Fig. 67¢. 12 000-ton Timber Dock 

ective maximum lifting capacity. 
moved, and two-thirds will represent the eff 

ffect of the timber must be coun- 
In timber floating dry docks the buoyancy ¢€ 

Fig. 68. Longitudinal Bending Moment 

r allowance must be made for thereduc- 

Ballast is not needed 

ary in floating dry docks 
teracted by ballast, in which case prope : 

tion in weight of this ballast by reason of its submersion. 

in steel floating dry docks and usually is not necess 

of steel and timber. 
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Costs of Floating Dry Docks of different types can be given only approxi- 
mately, as these are influenced by the varying costs of materials, size of struc- 

Ballast for 3 Ft. See, x Ballast for'3 Ft, See, 1050 Liaper Ft, 
1050. Lha,per Ft, 

—124.8_ 

Load on 3 Ft. Section.(One Frame) ‘ 
Load Diagram of Floating Dock, Light Condition, No Water in Dock. 

Ship's Weight, 255 wn. 
Net Bucyeney: — ee toa Lbs. 

Net Upward. 

Uniform Weof Wing 
550 Lhs,per FY, 

ES 

SS 
Load on 3 Ft. Section. (One Frame) 

Load Diagram of Floating Dock, Full Load, Ship on Dock. 

Fig. 69. Transverse Loads 

ture, and location in which it is to be built. Such approximate relative costs may be taken as follows: 

Sea te hea $50 to $75 per lift long ton 
A ee ee +++++ $48 to $70 per lift long ton 

+++ $60 to $80 per lift long ton 
Getter ees +++ $70 to $100 per lift long ton 

These costs are for the floating dry dock complete, but take no account of the cost of the necessary work required in connection with the operation of the structure, such as piers, approaches, dredging and other work. The variation given allows for differences in size and details and for location at which the floating dry dock is built, the higher figures for the steel structures being based on costs on the Pacific Coast of the United States. The upkeep and maintenance costs of floating dry docks depend on the location and the materials employed. All timber floating dry docks have been in continuous use for 60 years, with only slight repair to them. In waters in 
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which marine borers are prevalent, the exterior of timber pontoons must be 

protected by yellow metal, copper, tar felt covered with creosoted sheathing 

plank; or all planking must be creosoted. The interior of compartments will 

not require protection. The annual charge for upkeep of nine steel docks, as 

given by L. E. Clark, was 1.12% of first cost.» Experience with such docks in 

warm climates indicates that annual upkeep cost will, in instances, exceed 

3% of first cost. Steel structures in sea water require periodic painting to 

prevent undue corrosion. % 

32. Stability of Floating Docks 

Stability. In order to secure the requisite stability against overturning 

when light or when lifting a ship, provision must be made for longitudinal and 

transverse watertight compartments. Ina rectangular floating structure the 

general stability varies directly as the square of the number of watertight divi- 

sions. In timber floating dry docks, in most cases, the structure is divided 

into two transverse watertight compartments, additional longitudinal timber 

bulkheads being provided on either side of the central watertight bulkhead, 

but these bulkheads merely act as strengthening and swash bulkheads and do 

not materially affect the transverse stability. In steel floating dry docks four 

to six transverse watertight divisions are usually provided. The metacentric 

height is represented by 

om -1o SB XY == 

in which J is the moment of inertia of the water-plane of flotation, G B the dis- 

tance between center of buoyancy and center of gravity, V the volume of dis- 

placement in cubic feet, and > jis the summation of moment of inertias of in- 

terior contained water surfaces. Or the stability moment is 

sin 6 2 
M, = 35 (I — GB X V — Zi) 

This calculation should be made for both transverse and longitudinal condi- 

tions, and it should be remembered that with a ship on the dry dock the sta- 

bility of the ship must be taken into-consideration, J, G, B, V and D i of the 

formulas being the combined expressions for ship and floating dock. 

In order to apply the necessary formula, diagrams, or curves should be avail- 

able showing the characteristics of the floating dry dock under various con- 

ditions. 

Fig. 70 gives an example which shows the curves of displacement, center of 

buoyancy, center of gravity, weight of contained water, and moment of inertia 

of exterior and interior water planes. Employing this and information as to 

similar characteristics of the maximum sized ship to be dry docked, curves can 

be drawn showing the metacentric heights at various drafts of ship and dock as 

is shown in Fig. 71, which is a typical case for a 12 000 long ton capacity Tim- 

ber Sectional Floating Dock. 

Imprisoned Air. When sinking a floating dry dock it is necessary to afford 

means for the escape of the imprisoned air. This is done by providing piping 

for air escape with connections at the upper parts of compartments, or in tim- 

ber dry docks by providing air escapes directly through the deck. 
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Wind Effect. Sufficient stability should be provided so that with a maxi- 
mum sized ship on the dry dock there will be no undue heeling of the structure 
due to wind action. The angle or heel of inclination 0 is obtained from 

can DxXGM 

AXCL 

in which 4 is total pressure of wind in pounds, Dis the displacement in pounds, 
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Fig. 71. Transverse Stability Curves 

G M is the metacentric height, and C L is the distance between center of pres- sure and center of lateral resistance. A list in excess of 10 degrees is dan- gerous. 
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Pumping and Flooding Plant is so arranged that each watertight compart- 

ment can be controlled in pumping or flooding, independently of other com- 

partments. In a solid trough dock, one or two main pumping plants are usu- 

ally provided, on one or both sides of the dock, and connected to a pumping 

main, having a lateral connection to each compartment. Fig. 72 shows the 

general arrangement 

of such a pumping 

plant. Each section 
connection is con- 
trolled by direct-act- 
ing wedge-shaped 

valves, che valve rod 
being brought to one 

station by a system of 

bell crank levers, the 5 

dockmaster located at Fige 7? 

this station controlling the entire pumping of the dock. In sectional floating 

dry docks it is necessary to provide a separate pumping plant in each section. 

These may be driven individually or by means of continuous sectional shafting 

connected between sections by universal couplings, the operating power being 

either steam or electric. The most satisfactory system at present in use is 

electrically operated vertical shaft centrifugal pumps. In sectional docks, 

with two pumps in each section, one on each side of the structure, a cross-con- 

nection is often provided so that in case one pump should break down the sec- 

tion could still be operated by the other pump. This involves a longer time 

for pumping out and also serves to decrease the stability of the entire structure 

by decreasing the stability of one of its sections. The sinking by flooding is 

carried out by flooding valves or gates, leading to the various compartments, 

the dockmaster controlling this entire operation to insure even settlement 

without undue straining of dock or ship. Floating docks are often fitted with 

an indicator system to show in a central control station the depth of water in 

all compartments. An entirely satisfactory system has not as yet been 

successfully applied. 

It has been proposed to raise floating docks by compresse
d air, by removing 

the water from compartments by forcing air into them, and in a somewhat 

similar manner sinking by allowing this air to escape. While this has been 

tried experimentally on a small scale, it has not been successfully used in prac- 

tice. The general idea has had some success when applied to raising sunken 

vessels by pumping air into the hull by forcing it into submerged cylindrical 

pontoons, made fast to the hull by chains or wire 

cables. 

Power Required in Operating Floating Dry 

Dock. The work done in raising a floating dry 

dock with a ship is directly proportional to the 

weight of the dock light and weight or displace- 

ment of the ship: 
E=DxXc-D’x¢ 

4 in which, as shown in Fig. 73, D is the displace- 

Fig. 73 ment in pounds of ship and floating dock ready to 

lift; ¢ in depth in ft. below surface of water of center of buoyancy of D, 

D’ is displacement in pounds of dock or ship and dock wholly or partially 

raised, c’ is depth in feet below surface of water of center of buoyancy of D’, 

and E is the work in foot-pounds performed in raising the dock from posi- 

Arrangement of Pumping Plant 
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tion as shown by water line at 4 — B with respect to dock to position as 
shown by water line at X — Y with respect to the dock. 

The necessary data for application of the formulas can be obtained from 
curves showing displacement and position of center of buoyancy of the ship 

and displacement of dock, weight of 
| vial contained water and positions ‘of "1 Pee ery tH tit Limeet! center of gravity and center of buoy- 
Plan End Elevation ancy. The characteristics of the 
Fig. 74. Blocking pumping plant can then be obtained 
é by fixing on the time in which it is 

desired to raise the floating dry dock with a ship of maximum weight, usually 
taken at from 1 to 1-1/2 hours. The overall efficiency of an electrically driven 
centrifugal pump of the type herein described should be between 50 and 60%. 

Blocking. The arrangement of blocking on a floating dock is in many 
respects similar to that employed in graving docks, and is shown in Fig. 74. 

FERRIES AND SPECIAL WORKS 

33. Ferry Racks 

Ferry Racks. The landings or terminals for ferries consist of a slip with piles and fenders on each side called racks, transfer bridge, platform, and ferry shed. . The racks are usually built diverging outshore, the inshore ends closely fitting the guard rails of ferry-boats. The racks consist of one or more rows or banks of piles with upper, lower, and one or more intermediate string pieces or wales on which are fastened vertical fender planking of oak, yellow pine, or some other hard wood. Where the ferry-boats are small or light, and the traffic infrequent, a single row of piles is used, the piles being spaced about 3 ft. on centers. The rack is stiffened at the inshore end by additional piles or clusters of piles, as this portion of the rack receives the principal wear and shock. The height of the rack js dependent upon the range of tide, as it is evident that the fender system must be of sufficient height, or depth, so that the guard rail of the ferry-boat, when loaded or unloaded, will never be below or above the rack. The wales are made up of several thicknesses of heavy planking or dimensioned timber, so as to be readily fitted to the required curve and are bolted to the round piles. The vertical fender planking is fastened to the wales by drift bolts or dock spikes at the upper and lower extremity. Ribbon pieces are fastened to the wales and through the vertical fenders by countersunk-head screw bolts. The upper ends of fender planking are sawed off at a bevel to shed water, and the tops of piles are rounded for the same purpose and often covered with canvas or zinc for protection against the entry of water and consequent rot. F requently the fenders at the inner end of ferry racks are coated with heavy oil, or grease. In heavy ferry rack construction, two, three, or four rows of piles are employed, the piles in the rear rows being staggered, and the tops of rear rows are cut off at a lower elevation. In two- bank racks two or more wales are fastened to the back of the front high row and one or two heavy wales to the front of the second pile row, so as to trans- mit the shock of the incoming ferry-boat to the second row of piles, and if three rows of piles are used, the third row is also provided with wales of this type. The outshore ends or entrances of racks are usually constructed with a cluster of piles, driven a slight distance apart, and drawn together at thetop, and lashed with wire cable fastened: with staples, these dolphins or clusters 
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frequently Teceiving the first impact of the entering ferry-boat, guiding the 

ferry-boat into the slip. Fig. 75 shows general arrangement of various types. 

Fig. 75. Ferry Racks 

(1) Plan of three- and four-bank rack for Municipal Ferry, New York City, 39th 

Street, Brooklyn. 
(2) Typical section of (1). Front wales, two 6 X12-in. Rear wales, three 4 X 12- 

in. Fenders, 5 X 12-in. white oak. 

(3) Typical elevation, section, and plan of two-bank rack, D., L. & W. R. R. Pas- 

senger service. 
(4) Elevation, section, and plan of three-bank rack, D., L. & W.R.R. 

The work can be laid out by securing plans of the guard rails of various ferry-boats 

that are to use the slip, and from these making a plan showing maximum dimensions. 

Lay out the slip with racks fitting this plan and measure ordinates from and perpen- 

dicular to the center line to pile locations. Construct a light temporary platform along 

the slip and on this locate points on which batten ranges can be fastened, giving the 

transverse range of piles, the piles being located and driven by measuring out the proper 

distance on this range. All piles need not be so located, but piles every 10 or 12 ft. 

having been accurately located, intermediate piles can be driven in general conformity 

with the desired curve. The work can be laid out from a temporary platform or exist- 

ing adjoining pier or structure alongside of the site of the ferry slip. A ferry-boat can 

be moored in place and governing dimensions obtained by driving piles at intervals 

against the guard rail or the templet used. 

34. Transfer Bridges 

Ferry Transfer Bridges should be of such length that at extreme tides, with 

maximum and minimum loading of ferry-boat, the gradient will be possible for 

traffic, the range being from low tide with heavily loaded boat having little 

freeboard to high tide with light load and greater freeboard. The outshore end 

of the bridge, when light, is usually carried by a pontoon, so that it will; at all 

times, float to about the elevation of the ferry-boat deck. For this adjust- 

« 
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ment of height the buoyancy of the pontoon is employed, sometimes with the 
assistance of counterweights fastened to the bridge by wire or chain cables, 
and carried up over sheaves mounted on an overhead frame. The final adjust- 
ment of height is made by hand or power-operated windlass fastened to the 
end of the bridge. The outshore end of the bridge is usually curved to fit the 
bow or stern of the ferry-boat, and is provided with heavy hardwood or iron 
toggles which can be moved out to rest on the deck of the ferry-boat, so that 
when the weight of traffic leaves the ferry-boat and moves on to the bridge, 
this weight, in excess of the buoyancy effect of the pontoon, is carried by the 
ferry-boat and not by the overhead gear. The inshore end of the bridge is 
supported on rollers, in roller chocks, supported on the platform, or is carried 
on heavy hinges on a rolling or sliding bearing fitted with car springs or rubber 
buders to assist in taking up the shock of the incoming boat. The ferry-boat is 
secured to the bridge by means of two lines made fast to eyes or chocks on the 
deck of the ferry-boat, the slack in the lines being taken up by windlasses. 
The bridge itself usually consists of a platform suspended from two or four 
structural steel or timber trusses, a timber bowstring truss being frequently 
used. The overhead gear with counterweight should be of sufficient strength 
to support the outshore end of the bridge when unloaded, so that the pontoon 
may be removed when necessary for calking and repair. Fig. 76 shows a ferry 

wy ” ” ” 

ne {f5-8z14 OP, /L-6 34x17 Bolts 

Fig 76. General Traffic Transfer Bridge 

bridge and pontoon and is typical of this character of structure in general use. 
Where double-deck ferry-boats are employed, elevated adjustable gangways 
or bridges are provided for the upper-deck traffic. 

Ferry Houses or terminal sheds are, as regards materials employed and, 
details, similar to pier sheds, structural steel framing with metal siding and 
sheathing being largely employed. The shed is carried out over the transfer 
bridge and often projects out a distance over the slip to afford protection 
against the weather. 

Railroad Car Transfer slips are more rectangular than ferry slips for general 
traffic, and the racks are consequently built straighter or no rack used. 
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Fig. 77 is a section of a typical three-bank rack; the fender planking is hori- 
zontal, and this appears to be standard practice for car transfer racks. The 
transfer bridges must be of sufficient length to insure a reason- 
ably flat slope for variations in tide and freeboard of the car 
float. Where possible grades should not exceed 5%. It is not 
desirable to run locomotives on the float, and the transfer of cars 
is effected by using two or more pushers or empties to couple up 
with. When operating on a steep grade the locomotive re- 
mains on the level platform. The otiter end of the bridge is 

supported on a pontoon or by means of a counterweight. 

Fig.'78 shows a transfer bridge with pontoon and overhead gear. : 
The adjustment of the height of track is made by removing water from 
the compartments of the pontoon by means of a small power pump, or 

by filling it, the final adjustment being made by the overhead gear with 
hand-operated winches. 

Fig. 79 is a two-track transfer bridge, employed by the N. Y- Central 1/4”lg'o"" 
R. R.in Weehawken, N. J. In this the supporting pontoon is re- Fig. 77 
placed by two counterweights, each weighing 46 short tons, the adjust- 

ment of height being made by a power-operated vertical screw shaft. In this type the 

weight of cars is almost entirely carried by the overhead gear. The estimated weight 

of structural steel for one transfer is 740 000 lb. 

vor 
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Fig. 78. Railroad Car Transfer Bridge 

transfer in use often consists of a bridge made 
he general type of railroad and car ‘ : 

rai as 
ted, on a rolling log inshore, 

up of two or more timber Howe trusses hinged, or supported 

with the outshore extremity resting on a float or pontoon. Directly over the outer end, 

and supported on pile foundations, on either side, an overhead or gallows frame is 

provided; the bridge is connected to this by chain or wire cable tackle, and the final 

adjustment of height made by this means. 

River Car Transfers are employed in connection with ferrying railroad 

cars across rivers. When the range of tide is not very great, such transfers are 

similar to those used in harbors. However, when the elevation of tide fluctu- 

-ates to a considerable extent, asin the great interior rivers of the United States, 

it is customary to use a method of transfer similar to that shown in Fig. 80. 
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Fig. 80. Cradle, Illinois Central R. R., Mississippi River 
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This system has been in successful use for many years for transferring railroad cars 
from or to tracks from car floats. The arrangement is known asa “ cradle.’’ Standard- 
gage railroad track is laid on an incline, usually diagonally, along the bank or river 
levee slope. The cradle running on this track is hauled up and down the incline accord- 
ing to the stage of tide. Fig. 80 shows a cradle in use at Harahan and Baton Rouge 
by the Ill. Cent. R. R. for transferring cars across the Mississippi River. 

35. Coal, Ore, and Grain Plants 
? 

Coal Handling Plants are usually of two general types: (a) The wharf stor- 

age type, in which the coal is received by rail or otherwise from shore, by ship 

or barge from the water, and stored on the wharf itself for distribution and 

use; (b) the type where the coal is received by ship or barge cargo, and trans- 

ferred to, and stored on,shore, for shore consumption, or to be again distributed 

for ships’ use; or delivered to the pier from the shore by rail or otherwise, and 

distributed directly to ships or barges. The last-mentioned type is often 

provided with some pier storage as an auxiliary feature. 

Type (a) is, manifestly, somewhat limited in capacity, depending on the dimensions 

of the pier and the consequent storage-bin area, as it is inadvisable to store coal in bins 

to a greater depth than 20 ft., on account of the possibility of spontaneous combustion, 

and the consequent necessity for re-handling coal. The bins are usually given a bottom 

slope to permit ready self-discharging, with a minimum of man-handling, the dis- 

charging being effected by portable chutes, collapsible or fixed, for discharge into ships’ 

or barges’ holds, or for discharge on shore under the bins into carts or railroad cars, the 

loading of hoppers being : 

effected by fixed hoists 
with collapsible cantilever 
arms, on which the bucket 
or unloading device travels 

transversely on trolleys or 
carriages, the distribution 

in the length of the bin 
being performed by bucket 
or belt distribution; or the 
entire loading device may 
travel longitudinally of 
bins for the purpose of dis- 
tribution. Fig. 81 shows 
such a plant built in 1901, 
at the Navy Yard, New 

York. 
The arrangement of coal 

handling plants of Type 
(b) is multitudinous in 
character, and no attempt 

will be made to cover Pabsy ieetion 

this feature in this sec- i apictc eet A 
tion, other than to state Fig. 81. Coaling Plant, New York 

that for small plants the stationary or movable coal tipple is employed with great 

economy. In larger plants, a very satisfactory method appears to be a loading appa- 

ratus, cable-operated railroad dump cars, discharging to shore storage bins or piles. 

When coal is required for ship or barge cargo, cars are run out on the pier and dis- 

charged into smailer bins or hopper chutes convenient to ship or barge hatchways, cars 

being discharged directly over the bins by bottom or side-dump cars, or, in some 

cases, by tipping the car. 
f 

Fig. 8 shows a recent coal pier and plant of Norfolk & Western R. R., Lambert’s 

Point, Va. The method of operation is: Coal from mine arrives at yard and travels 

by gravity over automatic weighers, and is hauled up incline to pier by power hauling 

cable to tipping platform, where the car is inverted and contents of car dumped, the 

<< NJ 
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capacity being 30 cars per hour. Empty car, on being righted, returns to yard by 
gravity. Special electric trolley pier cars are raised to the top of the pier by elevators, 
discharging coal through hoppers and chutes. Empty pier cars are returned for new 

load. Capacity of this coal pier 
ranges between 3000 and 5400 
tons per hour. 

Fig. 83 shows the layout of a 
somewhat similar plant in use by 

the D., L.& W.R.R., Jersey City, 
N. J. 

Where a considerable amount 
of coal is to be stored, it may be 
placed in piles on shore in close 
proximity to the coaling pier by 
being dumped by cars from over- 

head tracks or trestles, or directly 
from grabs or buckets operating 

on travelers. When required, 
coal is re-loaded by means of grabs 
or buckets operated by travelers or 
locomotive cranes and placed in 

Trans. Section Detail of Cylinders cars. Vessels are loaded with coal 
from coal barges placed alongside 

by manhandling in bags, and hoisting by ship’s 
gear and winches. This method of loading is often 
found most economical, as the ship’s crew is em- 
ployed in the operation, and has other advantages 
where coal bunkers are small, widely distributed, and 
access to them is difficult, such conditions especially 
applying to naval vessels. Floating mechanical coal 
conveyors are also employed for loading coal on 
steam vessels. 

Side Elevation Coal is sometimes stored under water in compart- 
Fig. 82. Coaling Plant ments or enclosures for that purpose, as there is no 
Temberee Pont Ve . deterioration due to atmospheric action, no losses due 

othe é to dust blowing away, and the possibility of spon- 
taneous combustion and consequent expensive rehandling is avoided. Coal stored 
under water 14 years shows a deterioration of only 1-1/2%. 
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Fig. 83. Coaling Plant, Jersey City, N. J. 

Ore Handling Devices for loading and unloading are generally similar in 
layout to Type (b) Coal Handling Plants, except that the material is seldom 
moved back and forth, but is usually moved in-one direction either from the 
source to be loaded or from the ship to be unloaded. An important feature 
in the design is the considerably greater weight per cubic foot of the ore. 

Fig. 84 is a section showing an ore trough and pier at Cleveland, Ohio. Ore can be 
delivered'from the vessels directly to freight cars, to stock piles, or placed in the ore 
trough to be picked up for distribution by conveyors. The ore pier is provided with 
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loading and unloading traveler operating longitudinally of the pier. Fig. 85 shows an 
ore pier at Two Harbors, Minn. 

Grain Handling -; rT n erat 
Plants. When car- Z| ie ede / 2 

goes of grain are to J} “Ee a inf Conon Tio 

: ea)selscclceticetiseleclt. ness ay 
at i 

be handled in bulk, 
the grain is usually 
loaded and unloaded 
by means of grain ele- 

vators, the material 
being stored in bins. 
Grain elevators may 
be portable, mounted Fig. 84. Ore Pier, Cleveland, Ohio 
on barges, or con- 

structed on piers or quays. The material is handled by endless belts, by a 

succession of buckets on a continuous chain, by pneumatic power, or in 

lesser bulk by buckets or grabs. The pneumatic system of unloading 
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Fig. 85. Ore Pier, Two Harbors, Minn. 

has the advantage of extreme flexibility and can be applied in any position, 

saving the cost of hand trimming. Grain unloading plants for handling large 

cargoes are found on the Great Lakes, but not in other American ports where 

the plants are solely for loading into vessels. For unloading, floating equip- 

ment is most often employed, unloading the cargo of the vessel and loading 

barges for distribution and trans-shipment in the same operation. 

Fig. 86 shows the latest type of grain elevator constructed at Girard Point, Phila- 

delphia, Pa., Pennsylvania R. R., having a total capacity of over 1 000 000 bushels. 
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Grain comes in on cars on a descending grade, and is hauled to and from the unloading 
shed by cable. Unloading is performed by power shovels into receiving hoppers, dis- 
charging therefrom on receiving belts, and is raised to receiving garners and weighed, 
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Fig. 86. Grain-handling Pier, Philadelphia 

and thence by means of spouts distributed to the storage bins or to the pier shipping 
conveyor consisting of four 36-in. belts, from whence it is distributed by trippers 
through side pier spouts. 

36. Dumps and Landing Stages 

Dumps are constructed and set aside for the handling of refuse material. 
On account of securing and retaining ample depth for the purpose of naviga- 

tion, in most ports it 
is against the law to 
dump material within 
the navigable water 
area, whether the ma- 
terial is of such cha- 
racter as to sink to 
the bottom or float on 
the surface of the 
water and interfere 
with navigation or be 
unsanitary or obnox- 

and grooved boards 

1 

B. Sheathel wtth Wongued 
Oross-Section ‘\A-A" Cross Section *B.B” ‘SaaS In See of the Dirough platform and overhang. through Ramp larger cities public 

Fig. 87... City Dump dumps are provided ‘ : where excavated ma- terial or refuse may be dumped into barges for transhipment for local filling, or disposal at sea. Fig. 87 shows a dumping board at Pier 33, New 
York City. Fig. 88 is a typical example of a dumping board for distribution 
of excavated material. 
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Floating Landing Stages are provided where there is considerable range of 

tide and it is not desirable to incur the expense for the construction of a wet 
dock, or where, for a similar “ 
reason, it is inadvisable to = ae 
construct a fixed pier or 

quay with two or more plat- 
forms to be used at various 
stages of tide. Floating 
landing stages on a small 
scale are employed for 

small boat landings and = 
consist of a float or pontoon Heth fA teak + lee ebeglent 
with a gangway-from the Section uli, 

pontoon to the pier or quay Fig. 88. Railroad Car Dump 
platform. When con- 
structed, the deck is supported by its own buoyancy or on hollow pontoons, 
the buoyancy of which must be sufficient to carry the weight of passengers 
or cargo. The pontoon must be divided into two or more longitudinal and 

two or more transverse watertight compartments in order to insure stability 
against overturning when the compartments are partially full of water. The 

formula to be applied is given in Art. 32 under Stability of Floating Docks. 

The floating landing stage at Liverpool, England, consists of a deck supported on 
pontoons, and is 2500 ft. long by 80 ft. wide, and has eight gangways or bridges con- 
necting it with the shore. The maximum range of tide at this port is 30 ft. 

On many of the interior rivers of the United States, there is considerable freight and 

passenger traffic, loading and unloading taking place at various places along the bank 
where no regular landings are provided, the light-draft, stern-wheel steamboats 
employed running close to the bank and transferring traffic by platforms or gangways. 
At many of the more important ports where the elevation of the river varies greatly, 
and ordinary wharves are not available or advantageous, floats are employed. Figs. 
89 and 89a show how the problem is solved at Memphis, Tenn. 
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Fig. 89. Freight Transfer between Cars and River Barges, Memphis, Tenn. 

Fig. 89a. Coal Handling Equipment, Memphis, Tenn. 
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Where the river bank is steep, and bulky cargo is to be handled, landing stages or 
floats are employed in connection with in- 
clines, as shown in Fig. 90. This type of 
incline is usually double-tracked, with a 

AN ay platform on each track, the two platforms 
\ Table Tren LP Geass being connected together by a cable running 
\e, High Water E1218) over a drum of a hoisting engine which oper- 

; SS Wharf \= ates the mechanism. This particular type is 
= Boat Ps Sy ae el 

\ 5! in use on the Tennessee, Mississippi, and 
Ohio Rivers, used in connection with the 
handling of iron and steel products, coal, and 
cotton. The telferage systems are also ex- 

tensively employed for river landings, a typ- 
ical example of which is shown in Fig. 90a, 

employed by the Illinois Central R. R., South 
Memphis, Tenn. Fig. 90. Car Handling 

37. Shipbuilding Ways 

Although the construction and launching of ships come within the province 
of the naval architect, the design and construction of the platform or ways on 
which the vessel is built is a question of foundation design and one that will be 
dealt with briefly here. 

Shipbuilding Ways are in many respects similar to marine railways, and are, 
primarily, inclined slips on which a vessel is built, and which project far enough 
out into and under the Aa Tepher 
water so that when the 
vessel is ready to be 
launched it may pass 
down from the land to 
the water. As with 
marine railways, build- 

ing ways may be of the 
lengthwise or broad- 
sidetype. The broad- 
side type is resorted 
to where the basin or 
stream into which the 
vessel is launched is 
narrow and does not 
afford the requisite 
vidth for lengthwise 

ietaines cmdade Fig. 90a. Telferage Landing . 

ways are common on the Clyde River. Building ways consist of the fixed ways, 
which is the incline or platform fastened to the foundation, and the cradle or 
sliding ways. The vessel itself is built on the fixed ways or on blocking, and 
the fixed ways are frequently not placed until shortly before the vessel is ready 
for launching. Then the weight of the vessel is transferred to the cradle or 
sliding ways and in turn to the fixed ways by means of wedges. A lubricant 
is placed between the sliding and the fixed ways, usually a mixture of tallow 
and soap, and at the proper time, the vessel is released by sawing or by a trig- 
ger device. The gradient or inclination of the ways is fixed dependent on the 
type and launching weight of the vessel so that with the release, by whatever 
method secured, the sliding ways and vessel will move down to the water and 

==" Section A-A 

Mississippi River—~ 
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be launched into it. It is customary as a matter of precaution to place 
horizontal jacks to give the sliding ways and vessel a push or “ kick.” 

The fixed ways consists of two longitudinal strakes, one on each side of the 
center line of keel, and of sufficient width to carry the maximum moving load 
of the vessel and sliding ways, the safe bearing capacity of the timber used 
across the grain being considered. 

Inclination of Ways. Inclination or the gradient of the ways is dependent 
upon the length, type and probable launching weight of the ship to be built 
and is seldom greater than 7/8 in. to the foot run. Ways for moderate sized 
steel vessels with a launching weight of from 2000 to 4000 tons have a gradient 
of 5/8 to 3/4 in.; on larger heavier vessels 5/8 to 1/2 in. is used, and’ on'very 
large vessels of great length such as the largest transatlantic liners and battle 
cruisers 1/2 or 7/16 in. is employed. For the last two classes of ships the ways 
are often built with a varying gradient, that is, with a very flat circular profile, 
so that the ship when launched and moving down the ways moves on the arc 
of a great circle. This arrangement has the advantage of bringing less strain 
on the trigger or launching device, and the vessel once released and moving 
down the ways receives an increasing acceleration. With a vessel of con- 
siderable length this has the further advantage of decreasing the required 
length of the outboard or under-water portion of the ways; that is, the requisite 

depth of water at the end can be obtained in a shorter run. 

Foundations. The foundations of the blocking, or fixed ways, must, of 
course, be designed to carry the maximum weight of that section of the vessel 
built directly above it, and the lower or outboard portion must be designed 
with a view to the fact that as the vessel is launched the maximum weight 
section will move down, superimposing its load over the entire lower ways as 

it passes over it. 
As the vessel reaches the water and becomes submerged therein it is imme- 

diately in part water-borne, and the foundation directly under the stern be- 
comes relieved in increments of the superimposed weight, while the load under 
the bow or upper end of the vessel is increased by the upward force of the out- 

board vertical buoyancy effect. This change in condition continues until the 
stern or outboard end of the vessel is entirely water-borne, and about to be 
lifted from the ways when a pivoting action about the upper end of the bow 
occurs, and that portion of the weight of the vessel representing the upper 
end reaction is concentrated at the bow or upper end. This pivoting pressure 

is the maximum pressure brought to bear upon the ways foundation and has a 

decreasing effect continuing down the ways from the initial point of pivot until 

the vessel leaves the ways entirely. With 
larger vessels a pivot cradle is constructed 
under the bows detached from the sliding 
ways or cradle, the hull of the vessel at the 
bow end resting in a trunnion saddle (a) 
which sets in the pivoting cradle (b), all shown 
in Fig. 91. In designing ways it is imperative 
that all of the load and maximum weight pressure conditions be obtained. 
Fig. 91@ shows the buoyancy pivoting hogging curves and maximum way 
pressure curves for a 3500-ton dead weight cargo coal barge. The ways must 
be extended outboard sufficiently so that the depth of water at the end will be 

approximately the draft of the vessel at the bow, where the sliding ways ieave 

the fixed ways when the vessel is launched; otherwise the vessel would drop 

through a vertical distance represented by the excess in draft at this point. 
In practice, it is quite usual to launch expecting and providing for some drop, 

Fig. 91 
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the opening between the fixed ways at the outboard end being cleared suffi- 
ciently so that the hull of the vessel at the bow will not strike any obstruc- 

tion and cause damage to the hull or the ways. 
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Fig. 91a. Hogging Curves and Way Pressures 
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The type of foundation required is dependent entirely upon the location and 
can be treated similarly to other foundation conditions. However, due to the 
necessary restrictions of being located on some foreshore, timber or concrete 
piling is the general rule. When timber piling is employed it is, of course, 
subject to rot and decay above the wet line. Sometimes to avoid the neces- 
sity of constantly repairing this portion of the ways, the piling is cut off at 
mean tide or wet line and concrete or masonry cross-walls or concrete piles 
are built on the timber piles, or the necessity of such construction is avoided 
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by the use of reinforced-concrete piles of the precast or cast-in-place type, the 
relative advantage of the two types of construction being, as in other founda- 
tions, a question of the particular conditions and restrictions involved. It is 
impossible to lay down a rule as to the relative desirability or permanency in 
ways foundations as it so frequently happens that for reasons of development 
and change in ship dimensions and design or for other reasons it becomes 
necessary to change materially the carrying capacity of a ways if it is utilized 
during the life of that particular shipbpilding plant. Experience has rather 
demonstrated that changes in the foundation, usually with a view to increasing 
its carrying capacity, are called for whenever a new ship is to be laid down. 

The outboard end of the ways, as with the marine railway, must be con- 
structed below water level, and must be heavily braced longitudinally and 
transversely. A portion of the ways can be built by sawing off the foundation 
piles by an under-water saw arbor, or by employing divers, or the entire site 

can be enclosed by a cofferdam and the water then removed and the ways 
constructed in the dry. The last method is frequently resorted to in new 
ways, but as the under-water part of the ways is so subject to damage in the 

course of launching or damage by passing vessels, or floating objects, it is cus- 
tomary before launching to have divers carefully inspect this portion of the 
ways and to rebuild it also when needed by this method. Fig. 915 shows the 
plan and elevation of a typical building and launching ways for a 9000-ton 
dead weight cargo ship, the launching weight of which is assumed at 2850 tons. 
Attention is invited to the piling plan necessary at the outboard end where the 
foundation at CC and DD is greatly reinforced. This is to take care of the 
pivotal pressure hereinbefore referred to. 

In construction of merchant vessels frequently the launching weight is 
always the weight or displacement of the bare or light ship, the boilers, 
machinery and most of the accessories having been placed while the vessel is 
on the ways under construction. It is often desirable either for the purpose 
of rapidly clearing the ways and getting it ready for another ship, or by reason 
of the fact that the particular plant does not construct and install the ma- 
chinery and other ship’s gear, to launch the hull and place the machinery, etc., 
afterward, in which case the launching weight is to that extent so much less. 
In the construction of naval vessels, especially battleships and cruisers having 
heavy armor and armament, the exterior armor, turret armor and often 

turrets, together with much of the machinery and all of the guns, are placed 
after the vessel is launched, so that the launching weight is usually only 30% 

to 40% of the full load displacement. 

Types of Building Ways. The ways shown in Fig. 910 is of the simplest 
type, and that most generally used, and has the advantage of economy of 
first cost. As previously stated, a more permanent foundation is obtained 
by the use of concrete cross-walls or pillars. Ways of this character have the 

disadvantage that the outboard end is under water, not subject to visual in- 

spection, and when preparing to launch there is, of course, some difficulty in 
providing the proper lubricants under water. Such ways must always be 
extended some distance out to insure a depth for clearance. 

A twin set of ways was constructed by the Newport News Shipbuilding Co., 
a plan, section and side elevation of which are shown in Fig. 91d. In these 
ways the water is excluded from the lower end by means of floating caisson 
gates. These ways have the advantage of permanency, shorter length and 

less height required for overhead crane runway structure. They undoubtedly 
involve the element of a much higher first cost and entail drainage of the lower 
portion of the site during the process of building. 
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Description of these types of ways naturally lead to the consideration of the 

use of a shallow graving dock for shipbuilding purposes. Ships have in the 

past been built in a basin or graving dock, which results, of course, in tying up 

this important part of the 
repair plant and preventing 

its use for ship docking and 
repair work; such use would 
not be resorted to in ordinary 

circumstances unless tHere 

was assurance that the dock 
could not be profitably used 
for crdinary docking pur- 

poses. A shallow dock has 
been built at the Puget Sound 
Navy Yard especially for 

shipbuilding purposes. A 
shipbuilding ways of this type 

is particularly adaptable to 
this location on account of 
the extreme range of tide, 
nearly 20 ft., which would 
have made the length and 

cost of an ordinary building 

ways and the maintenance of pty Wurer| 

the under-water portion very 
expensive as compared to 
other locations. 

vy ui 
Bents spaced at4 0 Centers 

Longitudinal Section of Bents 

Fig. 91c. Timber Building Ways 

Shipbuilding Cranes. Because this matter begins to come within the scope 

of the shipbuilding plant layout and design, it will be very briefly dealt with as 

a matter of general information. A simple and very effective method of hand- 

ling the frames, shapes, plates, built-up bulkheads, etc., for a ship is the em- 

ployment of two or more aerial cable ways, usually arranged longitudinally, 

picking up material at the head of the slip and moving it longitudinally and 

transversely to the desired location. Such handling has been effectually 

employed in merchant shipbuilding, and is especially adaptable to certain 

types of work. 
An effective type of crane is the light, fixed-hammer-head tower crane. 

This usually has a lifting capacity of 5 to 15 tons, and must be so arranged as 

to cover the entire area of the vessel and be able to handle material from 

storage and assembly spaces alongside of the ways. The cranes are usually 

grouped on either side of the ways, three, five or seven being employed. The 

arms must be put at varying elevations in order to avoid interference and give 

the requisite clearance for the depth of hull, etc. 

A similar type crane is sometimes employed, on one or both, sides of the 

ways, but instead of being fixed travels on a standard-gage or special-gage 

track parallel with the ways and at one side, or cranes of this character may 

be of the jib or luffing type. 

When a large complicated passenger vessel such as the transatlantic liners 

or a battleship or battle cruiser is to be built it has often been considered de- 

sirable to resort to more complete and extensive weight-handling devices than 

can be afforded by the fixed or movable tower crane service. The building 

ways of several of the important shipbuilding plants are served by longitudi- 

nally traveling cranes; it will be noted in Fig.91d that the twin ways of the New- 
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port News Shipbuilding Co. are each served with one 75-ton and four 15-ton 

longitudinal cranes, which pick up material from the assembly and storage 

space at the head of the ways. Fig. 91c¢ isa plan and cross-section of typical 

building ways and overhead crane structure employed by the Navy for the 

shipbuilding ways at the New York, Philadelphia and Norfolk yards. The 

upper cranes each span one-half of the width of the ways, are of 15 tons capac- 

ese 
eS 
———— 

Plan of Portal 
and 

Ciroular Girder 

Fig. 91e. 350-ton Fitting-out Crane 

ity; the lower, larger crane is of 40 tons capacity. They handle material 

from the head of the ways and also are so arranged as to pick up material 

from cars running parallel with the ways. Fig. 91e is a side elevation and 

plan of a 350-ton fixed-hammer-head crane which is to be employed for 

placing of heavy weights on vessels after they are launched. It is designed 

to. be placed on a special fitting-out pier and vessels are brought to the pier 

and traversed longitudinally along its side so as to come within the reach of 

this appliance. 

38. Cargo Handling Cranes 

Cargo Handling Devices and Appliances are utilized dependent upon the 

character of merchandise and the special conditions affecting availability of 

ships’ gear and crew. Cargo ships are provided with masts, cargo booms, 

winches, etc. Modern freighters are usually provided with two to eight carge 

booms per hatch. To facilitate or replace such ship gear, piers or quays are 

provided with various apparatus, cargo hoists, cranes of various tyn¢s— 

gantry or portal or semi-portal cranes. elevators, conveyors, revolving cranes, 

straight line roof cranes; telfers. Besides this, various crawler types of cranes, 

electric motor trucks, sectional elevators or conveyors. 
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Numbers in the following examples refer to Fig. 92. 
(1) and (2) Antwerp, Belgium, on the Scheldt. Quay wall runs entire length of the 

city. Principal wharfage capacity is derived from interior wet docks. Range of tide 
is 16 ft. Open sheds con- 
structed some distance from 
quay wall. Portable crane 
spans outside railroad track; 
cranes handle cargo from the 
ship to cars, or to the face 
of the shed, in which it is 
handled by hand trucks for 
storage or transfer to cars 
in the rear for re-shipment. 
Shed is for transfer or tem- 
porary storage. Warehouses 
for permanent storage are 
usually found with railroad 
connections close by. 

(3) Hamburg, Germany, 
on the River Elbe. A greater 
amount of wharfage room is 
secured by interior basins. 
The plant of the Hamburg- 
American Line is the one 
illustrated. The sheds are 
about 2500 ft. long and 175 
ft. wide, and are from 30 to 
35 ft. from the face of the 
quay wall. In this space 
are operated electric cranes 
which span an outside rail- 
road track which handles 
the cargo from steamer to 
railroad track or to side of 
ship. In interior of shed 
cargo is handled by hand 
trucks through the shed for 
local storage or to carts or 
railroad tracks in the rear 
for direct delivery, or de- 
livery to warehouses. 

(4) Bremerhaven, mouth 
of the Weser on the North 
Sea. Tide has range of 8 bt hs 
but on account of insufficient 
depth of water wet docks are 
employed. Shows — typical 
section of the North German 
Lloyd terminal. Sheds are 
about 200 ft. wide, of cor- 
Tugated iron siding, with 
wooden roof trusses, tar and 
gravel roofs. Electric cranes 
are provided for loading and 
unloading; cranes operate 
by picking up cargo from 
the holds of steamers by cir- 
cular movement, swinging 
onto railroad cars on three 
lines of track, or to the sides 
of the shed. Loading and 
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unloading are accomplished by this 

system on the shore side, and by 

barges and ship’s boom and tackle 

on the waterside. 

(5) Havre, France, at the mouth 

of the Seine. Range of tide 25 ft. 

Wet docks employed. Coffee and 

cotton landings. Sheds are 300 ft. 

wide and 2600 ft. long. The sides 

are continuous rolling doors, rdof of 

tar and gravel, with glass skylights. 

Cargo is handled by crane from ship 

to side of shed or to railroad track. 

(6) Southampton, England, Amer- 

ican Line terminal. 

(7) London, England, shows sys- 

tem of handling at Albert Dock. 

Sheds are of light corrugated iron 

construction and run entire length 

of quays. 

(8) London, England, Tilbury 

docks. 
(9) Glasgow, Scotland. Typical 

arrangement of cargo handling. 

* Movable Shore Cranes for 

miscellaneous cargo handling, 

though not generally employed 

in American practice, are usually 

employed in connection with 

handling of homogeneous cargo 

jn bulk, various types of stand- 

ard-gage locomotive cranes being 

used for that purpose. Special 

cranes or traveling transporters ay a 

are extensively used, the following types being shown in Fig. 93. 

(1) One of four loading and unloading bridges at Rotterdam, Holland, 8 long tons 

capacity. 
‘ 

(2) One of two transporters, 10 long tons capacity. 

Fig. 93. Cargo Handling Travelers 

—_— - —— - ——- 

2 

oh) ts 

Kt @yose Tons) © 

Centery Line 
of Dry Doc 

Fig. 94. Traveling Dry Dock Crane 
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(3) Coal loading and unloading bridge. (4) Loading appliances, 

Fig. 94 shows type of heavy locomotive crane employed in connection with ship 
repair and dry dock work. The crane is of 50 long tons capacity at 68-ft. radius, of 
lesser capacities at greater reach and of 15 long tons capacity at 123-ft. reach, and 3 travels 120 ft. per minute, with a maximum lozdy \<—2’0 82 0—> Cranes of this type are in extensive usein various BIOTA U.S. sieved Yards. 

WX | Stationary Cranes. Fig. 95 shows types 
SZ i of fixed shore cranes for heavy lifting and for Jn Xe 

building or repair purposes. 
(1) 150-ton hammer-head crane at Bremen, 

Germany. Interior spindle is supported on base 
step bearing, the crane revolving in the 4-leg 
tower. 

(2) 150-ton revolving crane at Kiel, Germany. 
Crane of the hammer-head revolving type. In- 
terior spindle, stepped at the base, operating 
within the 3-leg support. 

(3) Bremen, Germany, capacity 100 tons, 
hammer-head type, revolving on circular track 
at the base. ; 

(4) Hamburg, Germany, 100 tons, stiffleg der- 
tick type of crane. . 

(5) Barrow-in-Furness, England, 120:ton’ jib 
crane, revolving on pedestal base. 

Cranes of the hammer-head type have been 
constructed of 250 long tons lifting capacity; 
Fig. 96 illustrates English practice, and shows 
a crane at Portsmouth Dock Yard. 

Fig. 97 illustrates German practice, and shows 
a 250-long ton capacity crane constructed for 
Blohm and Voss at Hamburg, Germany, in 1912. 
The crane is supported at a bearing on the top of 
the fixed spindle or tower; the enclosing struc- 
ture revolves with the crane and bears against a 
track at the base. 

Sheer legs are often used for heavy lifting, Fig, 
98 showing a 100-long ton sheer leg with luffing 
Jib device, the reach of the sheer leg being reg- 
ulated by power-operated horizontal screw, con- 
nected to the foot of the rear inclined member. 
This horizontal screw is sometimes replaced by 
a vertical quadrant with worm screw drive or 
pinion and racking. Sheer legs are also used for 
floating cranes. 

Floating Cranes are employed in connec- 
tion with shipbuilding and repair, for load- 
ing and unloading heavy weights, handling 
lock gates, and for wrecking purposes. Fig. 
99 shows the A-frame boom type in ex- 
tensive use in American practice. The A- 
frame may be held in position by back 
stays of structural material or by wire cables; 
or in smaller derricks the A-frame may be 
replaced by a mast. Cranes of this kind = from 10 tons to 250 tons capacity are in use, Fig. 95. Heavy Fixed Cranes the larger capacity being obtained in one 

NAS 
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crane by a lift directly over the bow, employing water ballast at the other 

end. 

Fig. 100 shows a revolving tower floating crane of 75 long tons capacity. A crane 

of this type is employed in New York by the Department of Docks and Ferries, 

fer placing quay wall concrete 

blocks. A similar crane is in use 

at the Navy Yard, Boston. The 1 = 

load moment is taken care of by ZTRY 

fixed ballast, water ballast, and NOG \ 

the stability of the structure. i 

The bridge type of floating i 

crane is shown in Fig. 101, the 

bridge or trolley running through 

the uprights so that the load 

may be transported from shore 

or vessel to the deck of the 

crane, or through the crane to 

be handled on barge or shore at 

the other end. This crane was constructed in 

1901, and rebuilt in 1910, and is at the Navy 

Yard, New York. A similar crane is at the 

Navy Yard at Bremerton, Wash. Two bridge 

cranes of 150 tons capacity at the Navy Yards, 

Boston, and Pearl Harbor in Hawaii, are similar. 

The joad moment is counterbalanced by power, 

automatically operated counterweights or by 

water ballast. 
. 

An Incline Bridge Crane is illustrated in aes. RS: sa e ane Ports- 

Fig. 102, and is in use by Schneider & Company, se ep 

Chalons, France, built in 1911, of 25 tons capacity. The revolving jib type crane 

is shown in Fig. 103. One of 250 long tons capacity is self-propelling and is in 

use at Wilhelmshaven, Ger- 
many. Two similar cranes of 
the same capacity, with less 
reach, are in use in the Isth- 
mian Cana] Zone, where they 
are to be employed for re- 
moving and placing lock 
gates, and for other pur- 

poses. These cranes can lift 

672 000 lbs. The pontoons 

are 150 ft. long, 88 ft. wide, 

BV /| and 15 ft. 9 in. deep. 

AE 

——) 

—o 

\ 

Fig. 97. 250-ton Crane, Hamburg, Germany Fig. 98. Sheer Legs 
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Fig. 99. A-Frame Boom Crane 

49! 3” 

Fig. 101. 
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Fig. 100. Revolving Tower Crane 

Bridge Type Floating Crane 
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1 

92 nl 
Length 98’ ~° 

Fig. 102. Incline Bridge Crane 
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Fig. 103. Revolving Jib Type 

39. Design of Cranes 

The Design of cranes involves the field of mechanical, electrical, and civil 

engineering, and for floating cranes, also naval architecture. For stationary 

or movable shore cranes, the structural features are analyzed and designed in 

accordance with prevailing structural steel practice, the operating machinery 

in accordance with electrical and mechanical machine design. Having de- 

cided on the required lifting capacity and the speed of lift, in order to obtain 

the horsepower of the power unit, allowance must be made for the loss in 

friction in hoisting blocks, gearing, bearings, and operating mechanism. 

Three to five per cent loss in friction should be allowed for each block sheave. 

The diameter of sheaves should preferably be 50 times the diameter of the 

wire cable and should not be le
ss than 30 diameters. Steam power is generally 

used, although on larger stationary or floating cranes electric motor operation 
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has come into general use, generated by central plants or by isolated plants 
installed on the crane. 

With the application of the maximum load moment, structural steel work must be 
designed to carry this and also the wind load, taken at 10 Ib. per square foot of exposed 
surface, or without load, 40 Ib. per sq. ft. For floating cranes the longitudinal and 
transverse stability is obtained, applying the formulas. 

= ae > 
GM = saa = Metacentric Height 

RM= “a (i —B GV — Si) = Righting Moment 

for which purpose the position of the center of gravity for the entire structure is 
secured. This calculation is made for the crane when light and when lifting the 
maximum load at maximum reach. The point of application of the lifted load will be at 
the center of the sheave pin on the jib or boom of the main structure. The overturning 
moment due to the lifting of this load is the product of the load by the horizontal dis- 
tance from the center of the load to the center of the float or pontoon, and the change 
of trim due to the application of such load may be obtained in approximate terms by 
dividing this overturning moment by the moment due to inch change of trim. 

DXxXGM 

wl 
Moment due to change of trim of 1 in. = 

where GM = metacentric height in feet; 
I = moment of inertia in feet of water plane of flotation; 

BG = vertical distance in feet from center of buoyancy to center of gravity; 
V = volume of displacement in cubic feet; 
D = displacement in tons or pounds; 
zi = summation of moment of inertia in feet of interior water planes; 
WI = length of waterline in inches. 

Half of the total change of trim will represent the reduction in freeboard at one end of a rectangular pontoon and the increase in freeboard at the other end. The heel or inclination due to wind pressure is given by 

DXGM 

AX CL 
in which A = total wind pressure in tons or pounds; and 

CL = distance in feet from center of pressure to center of lateral resistance. 

cot @ = 

40. Port Development 

A port was mentioned in Art..1 as one definition of a harbor. In the com- mercial sense a port is a harbor, improved or developed for commerce. Many improvements necessary for this purpose have been discussed in this and other sections. Breakwaters, channels, anchorages, buoys, lights, moorings, slips, basins, docks, wharves, piers, coal- and oil-burning plants, lighters, derricks and derrick barges, railroads, roads, transit or wharf sheds, warehouses for long-time storage, ship repair plants, inclusive of dry dock, cranes and trucks all have their place in the equipment of ports for water-borne cargo-carrying vessels. These are physical attributes of the port involving engineering design and construction. There are other necessary requirements of the first- class port. 
A port affords the means of interchange between land-borne and water- borne commerce. Ships are useful only in transporting the freight and passen- gers between ports. On an average only one-half of their total life is spent 

/ 
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in transit and in performing this useful purpose. The other half is spent in 

ports, loading and discharging cargo, repairing and fitting. It is therefore 

important that all of these port facilities shall be arranged to reduce the stay 

of the ship in port and consequently increase the time the ship is at sea per- 

forming her useful functions. This consideration is the all-important one to 

civil engineers in charge of port development and operation, and of equal im- 

portance to the nayal architect whose profession is concerned with the design, 

construction and operation of ships. Too frequently this is ignored and 

these two separate branches of the engineering profession work independently. 

In port development there should be more cooperation between these branches. 

Port Planning requires information other than physical characteristics of 

the harbor. Not only does the first-class port imply a neighboring city and the 

facilities above named but to plan and design successfully the engineer must 

first ascertain the nature and quantities of the commodities to be handled, 

which, in turn, involve the matters of bulk or package, nature and size of pack- 

ages, etc. The seasonal movements should also have consideration. 

Port Hinterland. To design the port, the territory back of the port city 

must be studied as to production of goods for export and absorption of im- 

ported commodities. This in turn requires consideration of railroad and road 

access. 

Port Details, Given the above-mentioned details, the port engineer is 

prepared to design the commercial port, Sea access must be provided for the 

deepest draft ships likely to use the port. No port today can be considered 

first-class which will not accommodate ships drawing 30 ft. of water and some 

cargo vessels, notably oil tankers and ore carriers, have a draft approaching 

35 ft. Some Atlantic liners draw over 40 ft. There must be several feet 

greater depth of channel and berth for safe ship operation, but when there is a 

‘considerable tidal variation this may be utilized to cheapen channels, though 

access at high tide only is a handicap to a port. 

Wharves and Piers may be narrow and of a temporary nature for the suc- 

cessful handling of certain commodities such as oil in bulk, which requires 

only a series of pile dolphins 50 ft. on centers for securing the ship, backed bya 

trestle or runway, only wide enough to support the oil pipes and furnish a foot- 

ing for handling lines; or they may be of permanent construction and wide 

enough to handle and classify miscellaneous cargo from a large ocean vessel. 

Where practicable, the design should fit the commodity. An ore ‘‘ dock ” 

at the head of the Great Lakes has filled a 12 000 ton Lake carrier in sixteen 

minutes. ‘The time of the ship is the most important element. One extra day 

4n port may cost the ship operator from $1000 to $3000, when direct and in- 

direct charges are considered. 

For Miscellaneous Cargo, the modern wharf, except for special instances, 

should have an apron wide enough to accommodate a standing railroad track 

and a running track in front of the transit shed, and the latter should be wide 

enough for the transit storage of the ship’s cargo in the space opposite to the 

ship for classification and storage as to marks of destination. This, for large 

ships, requires wide sheds. The width can be figured mathematically for a 

-ship of given capacity and size. The Dock Commission of New Orleans, La., 

builds its sheds 200 ft. wider for ships berths on one side only. Manchester, 

England, has a quay warehouse 134 ft. wide and five stories high, with two 

‘railroad tracks on the apron and two at the rear, all served by traveling 

‘cranes. This is for transit business only and was 
built after experience with its 
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Dock 9, which is lined with quay warehouses 110 ft. wide and four stories 
high. The normal movement of miscellaneous cargo requiring classification 
is from the ship, into the shed, through the shed to car or truck at the rear, 
A standing track and a running track at the rear platform are thus required. 
The platform should be the height of the car floor. 

Coordination of the water carrier with the land carrier is a prime object of 
proper terminal construction and for miscellaneous package, freight in particu- 
lar, is best attained through parallelism, the transit shed serving for classifica- 
tion and temporary storage, the time limit being fixed generally by port regula- 
tions to clear the sheds for a new set-up for the next ship. Whether by ship’s 
gear exclusively, by a combination of ship and shore hoisting equipment or 
by means of cranes, fixed or traveling upon the apron, miscellaneous cargo 
can be lifted in and out of the ship much faster than it can be broken down in 
the hold for removal or stored therein for shipment. Rate of break-down or 
storage of miscellaneous freight naturally varies between wide limits, due not 
alone to the skill of the particular gang of stevedores but also to the uniformity 
or the lack of uniformity of the packages. A fair average figure is 20 tons per 
hatch per hour. 

Necessary Berths. Even the small ports expecting to do a miscellaneous 
business should have berths for several ships, with sheds and equipment for 
loading and discharging them. Wharf front of 450 ft. should be provided for 
each 10 000-ton ship. In the absence of better data upon which to plan, 120 
tons of miscellaneous cargo may be figured per lineal foot of wharf front per 
annum, but capacity should be figured for the individual case and for the 
commodities of the particular port. 

Belt Lines. Port cities of the United States are in general served by several 
different railroad trunk lines. Proper service and proper coordination de- mand that every wharf shall be accessible to every trunk line. This is best accomplished through local terminal belt line railroads which intersect all of the trunk lines, take the freights of each at a terminal yard outside the con- gested district of the port and serve the water front and all industries. In populous port districts, there may be an inner belt line serving the industries and shipping berths and an outer belt for general interchange between rail- ways. For the port district of New York an inner belt, an intermediate belt and an outer belt are contemplated. At present the lighterage system of the port constitutes the inner belt. It is expensive as it involves an extra hand- 
ling of goods for each operation or shipment. 

Business of the Port will, for the first-class port, comprise exports and imports, but in planning a water terminal all classes of freight interchange must be studied. Coastwise business forms the largest percentage of the total of some of the most important communities. Others have a large river and intraport traffic. The individual community must be studied as to river rail, highway, and ocean possibilities and probabilities, and the terminal must be made convenient and capacious for the coordination of these agencies of transfer. 

Mechanical Applicances of standard or adapted design may be had for handling either bulk or package cargo. They should be provided whenever an engineering study indicates they can be used with economy, 
The Free Port has not been resorted to in American port policy. The nearest approach is in the bonded warehouse referred to in Art. 23. A free port is an area on the seacoast or on navigable water within the boundaries of. | 
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which imports or foreign cargoes may be brought, unloaded and stored without 

being required to pay the legal tax impost of the country in which a port is 

located. The advantages of a free port are that importers and foreign mer- 

chants can store and retain dutiable goods within the area without the addi- 

tional investment of the duty involved, and can retain such goods within the 

area of the free port until it is brought inland, when duty is collected at the 

boundaries of the port, or it may be transhipped without being subjected to 

the collection of duty or expense other than that of handling and storage. 

Raw materials may be worked into mariufactured articles within the confines 

of a free port, and such articles transhipped without payment of custom fees 

or if taken over the boundary of a free port are subject to the impost on these 

manufactured articles. The various advantages of the free port have greatly 

stimulated the growth of such ports, as is witnessed in the case of Hamburg, 

and this method of port legislation and regulation might with profit be fol- 

lowed in American port economics. 

41. Shipping Terms 

Tonnage. When displacement of a vessel or docking capacity of a dry dock 

is referred to the tons are always long tons of 2240 lb., and in all ship and dock 

computations 35 cu. ft. of sea water or 36 cu. ft. of fresh water are taken as 

weighing one ship ton. 

The gross tonnage of a vessel is the measure of her cubic capacity in terms 

of 100 cu. ft. and is the volume in cubic feet of all enclosed spaces inside of 

frames divided by 100 cu. ft. 

The net registered tonnage is in the same way the gross tonnage less the 

volume in 100 cu. ft. of certain machinery and other spaces not accessible to 

cargo, such as crew space, steering-gear house, chain lockers, stores, etc. 

The term. “ registered,’”’ as applied to net tonnage, refers to the measure- 

ments for that particular vessel as measured and registered by one of the na- 

tional registry agencies, such as British Lloyds, Bureau of Veritas of France, 

or the American Bureau of Shipping. The displacement of a vessel is the 

weight of the vessel or water displaced by the vessel under any particular con- 

ditions and varies with the draft of the vessel at any particular time. 

The dead weight tonnage of a vessel is the gross carrying capacity in tons 

and is the displacement of the vessel fully loaded, full draft to the Plimsoll 

mark, less the displacement of the vessel light and bare without coal, crew 

and ship’s or crews’ supplies. The cargo-carrying capacity of a vessel in tons 

is something less than her dead weight tonnage, being this dead weight ton- 

nage less the weight of bunker coal, crew, ship and crew supplies, etc. : 

The actual cargo-carrying capacity of any vessel is dependent on the spaces 

or cubage available for cargo loading and dead-weight tonnage exclusive of 

fuel. The ideal arrangements for which stevedores contend is to take advan- 

tage of full weight carrying capacity and completely fill volume of cargo- 

carrying holds. In general and for approximation purposes cargo-carrying 

steamers in the ocean trade will carry about two-thirds of the tons of freight 

represented by dead-weight tonnage or about the number of tons weight 

represented by the numerals in the term “ gross tonnage.” Forty cubic feet 

are generally considered as representing a cargo ton. 

In the design and construction of dry docks the weight to be lifted or the 

draft considered is that of the vessel light with no cargo and little coal. Dock- 

age and other tolls are usually based upon the registered gross tonnage; an 

entra charge is made for cargo or excess fuel, etc. The Plimsoll Mark is the 
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mark made on the sides of the hull amidship to indicate the depth to which the 
vessel may be safely loaded. 

The Block Coefficient is the ratio of the under-water volume of the ship to 
the volume of the circumscribing rectangular parallelopiped, namely, the 
rectangular solid of the same length as the load water line and with width 
equal to the beam of ship and depth equal to the ship’s draft. 

The Load Water Line Coefficient is the ratio of the area of the load water 
line to that of the circumscribing rectangle. 
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GENERAL DATA 

1. Preliminary Investigations 
Relocation of Existing Highways. A teport should be made, accompanied 

by maps and plans, covering the following: Climate, topography, soil, loca- 
tion, population, census of nearby cities, past and present traffic census, local 
materials of construction, labor supply, local industries, and a forecast of 
‘probable future growth of both population and traffié in the territory. 

Location of Proposed New Highways. A reconnaissance survey, similar to 
that for a railway, is necessary. In addition, the items above should be sup- 
plied insofar as is possible. All trustworthy information concerning stream 
flow, drainage and soil conditions must be furnished. The traffic forecast is a matter of uncertainty, and may be wholly a guess, but the guess should be toward a maximum rather than a minimum. 

Alignment. Changes in alignment of existing streets in the built-up sec- tions of cities and towns are costly. Except in extreme cases such changes are not attempted. Dangerous jogs at street intersections may often be improved or eliminated by suitable changes in the arrangement of the side- 
walks without making any expensive changes in the abutting structures. Sharp curves are usually not as dangerous as long tangents, if the curves are properly marked. Landscape architects should be restrained from making needless, and sometimes foolish, curves in suburban developments. These are always sources of danger. Curves that exist because of topographic con- ditions are generally satisfactory, and cause no trouble. However, long, sharp curves on steep grades should be avoided wherever possible, as fre- quently there is danger of cars and trucks getting out of control. 

For highways it is not necessary to lay out curves with the long radii usual in railway location. Yet, with speeds on the highways of 50 m.p.h. and more, it is undoubtedly necessary to keep the curves as flat as is economically pos- isble. Various state and county departments have adopted standards to which they try to adhere as far as may be.. During 1928 the minimum Tadius usually allowed on federal-aid projects was about 500 ft. 
The reprehensible practice of designing rural pavements with no supereleva- tion of the outer edge of curves should be prohibited. In 1929; nearly all the new designs of roads called for superelevation. The formula for super- elevation recommended by the American Association of State Highway Officials is: 

E E 0.067 R 

where E = maximum elevation in feet per foot of width; 
V = velocity in m.p.h. (35 recommended); 
R = radius of curve in feet. 

I 

Provision should be made wherever possible to give a line of sight at least 400 ft. ahead. This means that on sharp curves in cut, where buildings do not interfere, the embankment on the inside must be removed so as to give the needed vision. This is not always possible in mountainous country, but much can be done by simple relocation of the existing roadway. On new roads there is scant excuse for not providing sufficient sight ahead. With the slower speeds of yesterday it was found that simple curves were sufficient, but with speeds of over 30 m.p.h., curves on first-class highways should be spiraled. This is specially necessary where the radius is less than 
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400 ft. Any method of figuring spirals for railway alignment will be satis- 

factory for highway curves. Reverse curves are dangerous and should be 

avoided. Evena very short tangent introduced between two curves will make 

the road safer than none at all. If spirals are used their ends may be brought 

together instead of introducing a tangent. 

Grades. Horse-drawn traffic restricted grades to a greater extent than 

does motor traffic. The horse now may be eliminated from future considera- 

tion. The limiting factor is the heavy thotor truck. Contrary to prevalent 

opinion, it is not possible for loaded 5- and 7-ton trucks to climb any and all 

grades. Many hills that may be fairly easy for a passenger car are all but 

impossible for the heavy truck. Existing steep grades should be investigated, 

not alone from the standpoint of theory, but also from the standpoint of the 

truckman who operates over such grades. It is not possible to keep trucks in 

perfect condition the year round; it is not possible to keep the highway itself 

in perfect condition continuously; and the weather is another changeable 

factor. Hence in location or relocation these facts must be kept in mind. 

- Highway engineers will learn much that will be of benefit to the users of the 

highways if they will talk and drive with motor truckmen. 

Arbitrary grade limits are unsatisfactory. A short steep grade occasionally 

may be preferable to a longer route over a light grade. The average truck, 

when not overloaded, has no difficulty with 12% grades if such hills are not 

too long. It must not be forgotten that these trucks and even passenger cars 

frequently encounter more difficulty in descending than in ascending. A 

long, steep grade must be avoided because of danger from runaways. Burned- 

out brake bands and stripped gears 
may result in disastrous accidents. If pos- 

sible, a short up-grade should follow a long down-grade, so that runaways may 

have a chance to recover themselves. In spite of legislation to the contrary 

it is a matter of frequent occurrence to see motor trucks descending at 40 

m.p.h. It is possible to so design a highway that even a coasting truck may 

not exceed some safe limit. 

In general, the grade should be kept under 6%, not so much for economics 

as for safety. The grade established may determine the type of pavement 

to be selected. Ifa pavement is kept clean, then all types are reasonably safe 

on grades up to 7%. On steeper grades the following should be used: Stone 

block, hillside brick, concrete, bituminous macadam, or bituminous concrete 

with a cover of 3/4-in. stone chips rolled into the surface. Brick and the 

bituminous types may be unsafe on frosty mornings. 

Widths. For city, town and village streets the following widths are recom- 

mended by Harland Bartholomew: 

On country highways of the first class the width should never be less than 

18 ft., increased an additional 2 ft. when approaching cities. This permits 

safe passing at high speeds. Traffic lanes should be at least 8 ft. wide on roads 

wider than 18 ft. Thus, three-Jane traffic calls for a 24-ft. width, four-lane 

for 32-ft. and so on. These widths are minimum. A far better arrangement 

is the 10-ft. lane, which permits trucks to pass each other in safety. 

Traffic lanes should be identified by painted lines upon the surface of the 

roadway. 

On curves the width should be increased. The increase should be on the 

inside of the curve. Motor vehicles require a wider lane on curves than on 

tangents, but how to figure this amount exactly is a difficult problem. The 

longer the wheelbase the greater is the width required. Ifa transition curve 

is used the widening should begin at the point of curve of the spiral. If no 
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spiral is used the pavement should begin to increase in width at a point not 

less than 30 ft. before the P. C. 

The Extra Width. The extra width should be such that two motor buses 

may pass each other safely at a reasonable speed. The only way to ascertain 

the exact width required is actually to measure the path of moving motor 

vehicles of long wheelbase when rounding curves at high speed. In addition 

to extra width really needed to take care of the path of the car, there is an 

additional amount needed to make the road apparently safe. The average 

motorist finds it difficult to judge distances while driving on curves, so that 

an additional width must be supplied to aid him in his judgment. 

The width required, irrespective of the psychological effect on the driver, 

may be figured from the following formula: W = 12/2 R, where W is the 

extra width in feet of the traffic lane, l is the length of the vehicle in feet, from 

the rear axle to the extreme front (usually the bumper), and R is the radius 

of the curve in feet. To this must be added whatever may be considered 

necessary in order to make the curve appear safe to the motorists who are 

either careless or not too sure of their driving abilities. 

Local Materials. All sources of information concerning the location and 

possible use of suitable local materials should be tapped. The state geologist 

can frequently be of great help and should be consulted at the outset. Gov- 

ernment reports, and other reliable data should be searched out and used. 

Contractors and engineers interested in such work should be interviewed, 

and in this way much time may be saved, while a more intelligent estimate 

may be prepared. A most important matter that is often overlooked is that 

of freight rates and local transportation charges. Local statutes and ordi- 

nances should be looked up. Labor rates and union rules must be carefully 

investigated. The Bureau of Public Roads, Washington, D. C., and most 

state highway departments will test road-making materials free of charge, 

and report upon their suitability for use. For the foundation of a road or 

pavement it is frequently possible to use local materials that might be wholly 

unsuited for use in the wearing course. The use of local materials often modi- 

fies the original scheme, and if intelligence is mixed with the materials a much 

cheaper form of construction may be possible. 

Railroad Grade Crossing Eliminations. Railroad grade crossings may be 

eliminated by (1) relocating the highway, (2) relocating the railroad, (3) sep- 

arating the grades. All are expensive. Where grades are separated extreme 

care must be taken in the design so that no new element of danger is intro- 

duced, such as sharp turns on cuts and fills, restriction of sight distance, 

columns, piers or bents in subways, poor drainage, too little headroom, narrow 

highway bridges, no sidewalks on highway bridges or through highway sub- 

ways, and the like. 

Headroom. For highway under railroad, allow 14-ft. minimum clearance. 

For highway over railroad, allow 22-ft. clearance unless railroad permits less. 

This is governed by law in some states. Highway grades on approach should 

not be greater than 6%, using 200-ft. vertical curves at changes of grade. 

The width of pavement should be the same as that of the highway itself, and 

allowance must be made for ditches and sidewalks. Structures should be 

designed to take care of future traffic growth by subsequent additions as may 

be necessary. 
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2. Traffic Census 

“‘ The fundamental purpose of traffic or highway transportation research 
is to provide for the highway executive an accurate and reliable analysis of the 
demand for highway service. The demand for highway service can be meas- 
ured only by an accurate and comprehensive study of present traffic, its 
volume and type, leading to an estimate of the future volume and character of 
traffic on the highway system and the individual routes.” 

Data may cover the following items: Count of passenger cars, motor trucks, 
buses, motor cycles, bicycles, horse-drawn vehicles, pedestrians, and parked 
vehicles. Detailed information may be obtained for each of these items, and 
may assist in forming a complete picture. Passenger car data should show 
state of registration, place of ownership, purpose of trip, origin, destination 
and number of passengers carried. Motor truck data should show weight on 
front and rear axles, tire equipment, weight of truck, load capacity of truck, 
state of registration, place of ownership, origin of trip, destination, commodity 
on board, probable return routing. 

These data should be collected at such periods as will give the student of 
them a broad view of each case. In city districts data should be collected 
during 24-hour observation periods. This is true also of important through 
state routes which carry much night traffic. On the majority of roads, 
however, a 10-hour period is ample. Special observations must be taken 
to learn what hours this 10-hour period should cover, as in some localities 
heavy traffic begins at daybreak and is over early in the afternoon, whereas 
in others trafic may not begin until the middle of the morning. Observations 
must be made at different seasons, under various weather conditions, week 
days, Sundays, and holidays. The past history of the roads or streets should 
be looked up, and any pertinent facts recorded. United States census figures, 
school statistics, election returns, and any other available sources of informa- 
tion as to the contiguous population should be examined. A list of industries 
in nearby towns together with the number of employees should be compiled. 
All factors that make use of the highways should be studied. 

In most cases it is possible to predict with a fair degree of accuracy what the 
traffic may be in five years on any particular route. Occasionally something 
upsets all calculations, but always it will be found that the calculation in- 
volved showed too small an increase. There is no decreased traffic. Predic- 
tion of future traffic is based primarily on prediction of future registration 
of motor vehicles, and this is fairly simple. The United States Bureau of Pub- 
lic Roads has prepared curves which agree well with actual figures. For full 
information see Report of a Study of Highway Traffic and the Highway Sys- 
tem of Cook County, Illinois, Report of a Survey of Transportation of the 
State Highway System of Connecticut, and Report of a Survey of Transporta- 
tion on the State Highway System of Ohio. 

The writer suggests that the engineer or city official who undertakes to make a sur- 
vey for the first time, unaided by any who have had experience, will look over the area 
carefully, and will make up several different types of forms on which to tabulate data. 
These forms may be tried out and the one that is easiest to follow should be selected. 
In city work it is possible to place only one man at each intersection where traffic does 
not exceed 4000 vehicles per 10-hour day. The information obtainable would include 
type of vehicle, approximate load, direction traveling (including turns), state of regis- 
tration, hour, and weather. On such a busy intersection one man cannot count pedes- 
trians. If traffic is greater than 4000 vehicles per 10-hour day it will be necessary to 
place two observers at such intersections on opposite sides of the street. The form 
as illustrated in Fig. 2, on next page, was found to work well in practice, 
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3. Finance 

Money for road building is obtained by taxation. The forms of taxes are: 
Direct taxes, such as property taxes, poll tax, license fees, fuel tax, income 
taxes, special assessments, and tolls; and indirect taxes, such as import duties, 
excise taxes, and internal revenue. Direct taxation furnishes the revenues 
used by state and local units, whereas the federal government secures its funds 

largely from indirect taxes. 

Motor vehicle license fees are usually levied on the horsepower of passenger cars, 
and on the weight capacities of trucks. The S. A. E. or the N. A. C. C. formula for 

TRAFFIC COUNT 
SHEET FOR FIELD 
& OFFICE USE 

P= Passenger Cars 
B=Buses 
T =Trucks, etc. 

the former is: Hp. = 0.4 ND?, where N = number of cylinders, and D = diameter 

of bore in inches. The minimum fees and taxes in 1928 for a touring car varied in 

the United States from $5 to $15. 

A wheel tax is legal in some states. It is a license fee levied by a city. 

A gas tax or a fuel tax was levied in 1929 in all states. The rate varied from 2 to 5 

cents per gallon. Motor vehicle fees and gasoline revenues are divided between the 

construction and the maintenance of roads. 

There are two methods of financing a highway construction program: The 

pay-as-you-go method, and the plan of capitalizing annual taxation by the 

issuance of bonds. The former inflicts no direct financial burden on posterity, 

and the program may be changed at will to meet current conditions. Bond 

issues require that a definite program must be followed. This method assures 

a speedily constructed system and should be used when the present system 

is small and incomplete. When the system approaches completion the pay- 

as-you-go method may be successfully adopted. ‘ 

There are three types of bonds: Term, annuity, and serial. Of these the 

serial bond is the cheapest. Bonds should be sold in conformity with the prog- 

ress of the construction program. 

E. W. James points out that one detail is essential in determining a choice between 

the methods. The total cost of the same road varies according to the method cf 
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financing adopted. If the sum of $100 000 is to be spent in building 10 miles of high- 
way, the cost is $10 000 per mile if the funds are produced from annual revenues. 
But the total cost of a $100 000 bond issue, serial type, may, be $142 000, and the 
total cost of a mile of road paid for by this method would then be $14 200. 

Local assessments are frequently necessary in financing municipal improve- 
ments. The assessments may be spread by: (a) Frontage Method, in which 
the assessment on any lot is found by multiplying its frontage by the rate per 
front foot; (b) Area Method, where each lot is assessed in proportion to its 
area; (c) Area-Distance Method, in which the assessment is made directly 
proportional to the area and inversely proportional to the distance from the 
improvement; (d) Zone-area Method, in which zones of uniform depth parallel 
to the street lines are laid out, and to each zone a rate of assessment is arbi- 
trarily assigned, and (e) Benefit-factor Method, where the assessment de- 
creases as the distance from the improvement increases. 

4. Federal Aid 

The policy of federal aid for highway construction was initiated with the 
Federal Aid Road Act of July 11, 1916; under the provisions of this act and 
subsequent amendments a total of $840,000,000 (through the fiscal year 1929) 
has been apportioned to the states. 

All funds have been apportioned to the states in the following manner: 
One-third in the ratio which the area of each state bears to the area of all the 
states; one-third in the ratio which the population of each state bears to the 
total population of all the states; and one-third in the ratio which the mileage 
of rural delivery routes and star routes in each state bears to the total of such 
roads in all the states. 

Since the passage of the Federal Highway Act of November 9, 1921, amending 
the original federal-aid act, federal-aid funds have been available for expenditure 
only on a system which has been selected and is known as the federal-aid highway 
system, consisting of approximately 187000 miles of interstate and intercounty 
highways. Except in states where more than 5% of the area is unappropriated pub- 
lic land the amount of federal participation is limited to 50% of the cost. In those 
states having more than 5% of their area in unappropriated public land, the partici- 
pation at present is limited as follows: 

Arizona. 2...054 72.34 Nevada :..29% 87.72 South Dakota... 55.62 
Cahfornia. ss... 60,05 New Mexico.... 63.43 UTARG ates eit ty keke dt) 
Colorado....... 56.08 Oklahoma...... 55.47 Washington..... 54.38 
PadghGi er OY Sy, 59.75 Oregon........ sO2.25 Wyoming....... 64.20 
Montana....... 56.46 

Expenditures from appropriations of recent years have been limited to 
$15 000 per mile exclusive of bridges over 20 ft. in span, except in the public 
land states, where the amount is increased in the same proportion as the 
allowable federal participation. 

In the construction of federal-aid roads, all plans and specifications are prepared 
by the state highway departments, subject to the approval of the Secretary of Agri- 
culture, who acts through the Bureau of Public Roads.. Each state is permitted 
to select designs suitable for the particular conditions existing, and it is required only 
that such designs shall be adequate for the conditions.» A minimum width of 18 ft. 
is required unless particular conditions justify the approval of a lesser width. Con- 
tracts are let by the state highway departments and construction supervised by them, 
As a condition to receiving federal aid each state agrees to maintain the roads con- structed with such funds and should a state fail to comply with this agreement the federal government is authorized to perform such maintenance, paying the cost from 
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Alabama Sr Ae a $17 444 158.00 $1 547 220.00 
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ME OMSAS.. 5 wore me Bets ae ashes 14 165 485.00 1 277 896.00 
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11) a a ef 10 427 782.00 935 193.00 

TURRONS: .n- = Licie tix Sieee eet 21° 36 121 852.00 3 154 429.00 

REIS ts on iar oe eich ake 22 052 590.00 1926 772.00 

ow yd etait eapregachectthesth os 23 565 853.00 2 044 999.00 

IEE oes so ces e's lee os 5 Or 23 595 139.00 2 068 532.00 

MPEGS FART. OR FY 16 051 785.00 1417 947.00 

Eeyistana: «6. » «Ae See, 11 304 998.00 1 013 308.00 

a es Rp ere eee 7 827 053.00 680 794.00 

Maryland Ve es. « 7 195 082.00 635 119.00 

Massachusetts. ...........-- 12 286 634.00 1 089 100.00 

Michigans sou tobi. staL 24 766 652.00 2 214 691.00 

Minnesotans Aid. slenticsin- dis 23 825 116.00 2 120 741.00 

MASMSSIPDI, oe Seite aie piel oit 14 745 626.00 1 307 879.00 

WROS ROSSTT shai ig cnn esp tal eas 27 595 958.00 2 405 175.00 

WEIS cscs meee seas hashes 16 528 960.00 1551 499.00 

RIOT ee cn. ele cure car > 17 805 354.00 1585 138.00 

Meémada 0? BETS. LO, DPT 10 701 720.00 | 948 510.00 

New Hampshire............. 3 900 742.00 365 625.00 

New Jersey.......- geile ast 10 337 153.00 934 611.00 

Nhepy, Wherdcass) + isis iFere side’ >| «sie 13 348 510.00 1 186 763,00 

OMEN OF BE ig aim ni viee aeteit ais 41 310 291,00 3 635 217.00 

1 ag 1 Beh) (5. Pe eee 19 146 472.00 1 713 356.00 

MOR GS EE OU che, 9:00 ce Buk war ene 13 137 050.00 1 194 :951.00 

Sd Ce ROOT OGIO 31 251 969.00 2 762 209.00 

borer Ok a ae be ae 19 560 744.00 1751 891.00 

Oregon........ £83 Bh. sea LW 13 251 256.00 1 182 202.00 

Pennsylvania wis -e\seraciaale De 38 008 302.00 3 335 735.00 

Rhode: Island. 40.5081 0+ aa\e 3 398 819.00 365 625.00 

South Carolina..........-.+-- 11 916 045.00 1 054 988.00 

South Dakota.........+5-++. 13 610 835.00 1 220 064.00 

Tennessee... .. ae ablées aBeG 18 507 369.00 1 614 766.00 

ae ee 49 606 279.00 4497 272.00 | 

ee a ee Se 9 513 778.00 846 906.00 

WermnOutseyeinits dara» alee tele 2 3 999 757.00 365 625.00 

Virginia: .[5 514 025) sweets + ste 16 381 776.00 1442 714.00 

_ Washington........ eeeaae Sy 12 420 534.00 1 131 532.00 | 

West Virginia....... “pereier 8 939 943.00 793 636.00 

MU ISCOMSUM tr we Sect) oe © 21 173 482.00 1 870 455.00 

Ate eke tC tic OARS 10 440 190.00 934 369.00 
1 831 403.00 365 625.00 

| $817 625 000.00 187 034. $73 125 000.00 

* These states have completed or provided for completion of the 7% system and 

additions in excess of 7% have been authorized. 
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funds due to the particular state, and to withhold further federal-aid funds from the 
state until reimbursement has been made for such payments. In the administration 
of federal aid, the federal government deals only with state highway departments. 

In addition to the funds which have been provided for federal-aid road construction, 
a total of $77 000 000 has been provided for the construction of roads and trails in 
the national forests. This work is done either in cooperation with state or local au- 
thorities or independently by the federal government. 

5. Soils 

Classification. Soils are formed by the decomposition of mineral, animal, 
and vegetable matter. They may be designated as sedentary or transported. 
Sedentary soils are those which remain near their source of formation, while 
transported soils have been carried by some geological agency from the place 
where they were first formed to some other. Soil as far as its composition and 
properties are concerned is extremely variable. The principal constituents 
of any soil, however, whatever its source, are nearly always silica, with varying 
amounts of alumina, oxides of iron, lime, magnesia, and the alkalies. A 
small amount of organic matter is usually present also. Soils are generally 
classified as gravel, sand, clay, loam, marl, peat, and muck. 

Gravel consists of small pieces of rock, worn smooth by abrasive action, 
mixed with sands and clays in varying proportions. Gravels occur through- 
out the United States and Canada in those districts which were at one time 
covered with the glacier. Gravel should contain enough binding material, 
mixed with the stone particles, to bind the whole into a solid mass. Clay is 
the most common form of binder found in gravel in its natural state. If 
present in too large quantities, however, it is detrimental. If gravel does not 
have sufficient binding material, this can be remedied by adding some cement- 
ing material such as clay, shale, marl, loam, or stone screenings. Some 
gravels contain so much earthy material that it is necessary to screen them 
before they are suitable for road-making purposes. — An indication of the bind- 
ing qualities for pit gravel may be obtained by noticing the gravel in the pit. 
If the bank faces are vertical and the gravel breaks off into chunks, good bind- 
ing qualities may be expected. River gravel generally contains less clay and 
more silica than the pit gravel of the same locality. Soil classified as hardpan 
may mean either a very:compact clay, or a gravel which is cemented with clay 
or an iron oxide. 

Sand is largely the result of the breaking-down of sandstone rocks, and a 
sandy soil so-called probably contains over 80% of pure sand. A sandy soil 
is hard to compact, and possesses little binding power unless wet or mixed with 
some cementing material such as clay. Quicksand is sand saturated with 
water, and possesses no stability. F 

Clay results from the decomposition of feldspar, oligoclase, and. micaceous 
rocks. A clayey soil might be termed such when containing at least 60% of 
clay. Clay when wet will swell and puddle with water, becoming very plastic: 
When mixed in the proper proportions with sand or gravel, it makes a very 
satisfactory road material in localities where stone is unobtainable. Clays 
used for fire clays in the manufacture of brick, besides being plastic, must 
possess certain refractory qualities which enable them to withstand long 

' periods of heat at high temperatures without fusing. Shales have chemically 
the same composition as clays, but they have a laminated structure, and are 
similar in appearance to slates. Shales, however, will rapidly disintegrate 
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on exposure to the atmosphere. In the southwestern states a clay of which 

mud bricks might be made is called “‘ adobe.” 

Loams may be any soil between sand and clay. They contain more or less 

of each of these two materials. They may be classified as heavy clay loams 

clay loams, sandy loams, and light sandy loams, depending upon the qudntity 

of the sand or clay content. In the Middle West a black loam which contains 

so much clay as to be sticky when wet is known as “* gumbo.” : 

Marl is a term which applies to all calcareous clays containing as a minimum 

15% of carbonate of lime, and as a maximum 75% of clay. 

Peat and Muck are generally distinguished from other soils by the presence 

of hums or vegetable matter. They are formed by the decomposition of 

vegetable matter under water, and are undesirable materials for road building. 

DRAINAGE AND FOUNDATIONS 

6. Drainage 

Subdrainage 

Object. It is of the utmost importance that the natural foundation of a 

road should be kept dry in order to provide a firm and unyielding support. 

This can in certain instances be accomplished by subdrainage only. If the 

subdrainage system is correctly designed it may serve to lower the level of the 

ground-water and thus allow the ground to dry out; to remove water which is 

prevented from flowing off by an impervious stratum which underlies the road 

surface; to remove water which is always present in a road when the latter is 

thawing; to reduce the injurious action of frost by removing the moisture 

from the road; and to intercept water before it reaches the roadbed. Tile 

drains do not prevent nor remove capillary moisture. But capillary moisture 

itself may not be harmful unless it leads to saturation of the soil. Some soils 

do not respond to any method of drainage. 

Methods in use for improvement of drainage conditions are: Placing a 

thick layer of sand, cinders, or similar materials on top of the soil and working 

this layer in by harrowing, or else leaving it in place without mixing. Tile | 

drains, deep side ditches, and blind drains are advocated for certain con- 

ditions. 

Porous Tile and Vitrified Pipe. The pipes are cylindrical in shape and are 

manufactured in 1-ft., 2-ft., or 2-1/2-ft. lengths with varying diameters. 

The porous tile pipe is made with plain ends, whereas the vitrified pipe is 

provided with a bell end. It is good practice, not to use a size smaller than 4 

or 5 in. in diameter. Where a large quantity of water is expected, if its 

amount is known, the size of pipe may be determined by one of the well- 

known formulas for flow of water through pipes. 

The pipes should be laid in a properly constructed trench. The bottom of 

the trench should be covered with a layer of small-sized gravel or broken 

stone passing a 1/2-in. screen. The pipe is laid in the trench with open joints, 

or with the joints protected with small strips of burlap, and is then covered 

for a depth of about 1 ft. with a material of a size similar to that used in the 

bottom. The rest of the trench is then filled with large size broken stone. 

The filling should be carefully tamped around the pipe. Where a pipe with a 

bell end is used, the bell is placed toward the high end of the trench. On 

macadam roads it is customary to lay the side drains at a distance of from 

1 to 2 ft. beyond the edge of the stone. The pipes are generally placed at a 
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depth of from 2-1/2 to 4 ft. and are usually laid to the grade of the road, but 
with 2 minimum of 2 in. in 100 ft. The outlet end of the pipe should be pro- 
tected by a small headwall of boulders to prevent the washing out of the pipe 
at thisend. Whether a line of pipe is needed on one or both sides of the road 
isa matter of judgment. On side-hill work one line of pipe on the uphill side 
will generally serve. In constructing a road through broad, flat, wet places, 
one line of pipe at the side of the road may not be sufficient, and a line on each 
side of the road will be necessary. Through cuts, two lines are sometimes 
specified. In streets, tile drains should be laid under grass parkings, or, if 
such do not exist, under the gutters. For sizes of tile pipe under street pave- 
ments seeFolwell’s Sewerage, pp. 147-171. 

Capacity of Tile Drains in Cubic Feet per Minute 
From Spalding’s Roads and Pavements, p. 36 

Diameter of pipe in inches 

oon “a aon “ao COOUNCMMOO SoOouUUMNoS NO SVOOUGUON PUN SSS SSsS88nSa5 SESRBoComN 

Box Drains may be used in place of pipe in localities where stone is available. 
They should never be built of wood. 

Blind Drains. Subdrainage is sometimes accomplished by digging trenches 
either across or alongside the road, afterward filling them with stone. The 
depth and distance apart of the trenches will depend upon the conditions 
encountered. 

The V-Drain Foundation of the Massachusetts Highway Commission has 
given very good satisfaction on poor subsoils. It is built by excavating the 
full width of the surfaced roadway from 6 to 8 in. deeper at the sides and from 
12 to 18 in. deeper at the center than usual, thus producing a flattened V- 
shaped trough. This trench is filled with stone varying in size from 1/2 in. 
to 12 in. in longest dimensions. The large stones are placed at the bottom 
of the trench. The grade of the trench is parallel to the finished grade of the 
road. The water follows the trench to the low points, where it is led to the 
sides of the road by a culvert across the road. 

Soil Treatment. In places where the soil is very poor and is a hindrance to 
drainage, an improvement can be made by excavating the soil for a certain depth, depending upon conditions, and refilling with field stone, broken stone, 
or a good gravel. 

Surface Drainage 

Surface drainage is accomplished by giving the road or pavement surface a crown or transverse slope, which sheds the water to the side ditches or gutters. The ditches or gutters have a longitudinal grade which generally corresponds to the grade of the center of the road and the water is carried by them to the point where it is discharged. In this manner the flow of water is confined to a small area. 
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The Crown of the road or pavement is formed by the intersection of two 
planes or asa parabolic curve. At street intersections, the crown will have to 
be modified to fit the grades of the intersecting streets. On curves of main 
trunk highways the crown should consist of one plane sloping up from the in- 
side edge of the curve. On streets that are bordered with curbs the elevations 

STONE TILE TILE TILE 
UNDER- UNDER- FOUNDATION OUTLETS FOR 
DRAIN DRAIN * UNDERDRAIN UNDERDRAIN 

Earth Top of Curb, Ground Earth 

Pipe ‘Joint to be Covered with “STS 4’d 
Fwo (2) Ply Tar Paper not = 12” 
leas than Siz (6) Inches in 
Wath; 24 Inches Long 

Variable Depth of Variable Depth of Outlet End to be 
Excavation in Excess Excavation in Excess Protected 
of Twenty One (21) of Thirty (30) with End Wall. 

Inches below the Surface Inches -below the Surface Joints to be Cemented 
of the Ground at Point of the Ground at Point with 1:2 Mortar 
where Drain is placed where Drain is placed 

to be Paid for as to be Paid for as 
**Excavation”’ ““Ezcavation’’ 

UNDERDRAINS 

Fig. 3 

of which cannot be changed, a uniform slope both ways from the center of the 

road can be obtained in some cases by making one gutter deeper than the 

other. Frequently, however, it is necessary to use a different slope each side 

of the center. 

Amount of Crown. The Special Committee on “ Materials for Road Construc- 

tion,’ Am. Soc. C. E., in 1918, recommended the following crowns: 

Inch to the foot Inch to the foot 

Kind of roadway Maxiiict Minix Kind of roadway Maxi- | Mini- 

mum mum mum mum 

Asphalt block....... 1/4 1/8 Cement-concrete... 3/8 1/4 

Bituminous surfaces. 1/2 1/4 NGUAY El caste Nae gras 1 1/2 

Bituminous concrete. 1/2 1/4 Sheet-asphalt...... 1/4 1/8 

Bituminous macadam 1/2 1/4 Stone block.......- 1/2 1/4 

3/8 1/8 Wood block......-. 1/4 1/8 

3/4 1/2 

Crown Formulas. The following formulas, originated by Mr. Andrew Rose- 

water, M. Am. Soc. C. E., give the crown for brick, stone-block and sheet 

asphalt pavements. Let C = crown of pavement in feet, W = distance be- 

tween curbs in feet, and f = grade of street in feet per 100. Hees rai as 

block, wood-block, and compressed European rock-asphalt, C = ~ GOOG: 

For American sheet asphalt composed of sand and asphalt, or of compressed 
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natural sand rock, C = see The formulas are based on the laws 

of the parabola, and the crown C is the total rise at the center above the paye- 
ment at the curb. The crown can be found for any other point by deducting 
from C an amount equal to C times the square of the distance, expressed as a 
fractional part of the half width, from the center to the point in question. 

Ditches for country roads are made by either cutting out a trapezoidal- 
shaped section at the edge of the shoulder, or by a more gradual rounding off 
of the road at this point, giving a flatter and shallower ditch. The latter is 
preferable particularly if a road-scraper is used to any extent in the main- 
tenance of the road. Ditches to be effective should be given a good bottom 
slope and should be kept clean. The slope of the ditch is made the same as the 
grade of the road surface, except in some cases where the grade of the road 
surface is very slight. 

Gutters. Cobblestone, brick, concrete and stone-block gutters are laid on 
steep grades where water may wash out the sides of the road. Gutters are 
made from 1-1/2 to 6 ft. in width, and have the same slope as the road surface. 
It is better, however, to drop the center so as to form a trough section. 

The Minimum Longitudinal Grade recommended by some engineers is 
0.5%. If the road surface is kept in good repair and the water has a chance 
to run off at the sides. a flatter grade than 0.5% can be used. 

Methods of Construction. During construction the shape of the surface 
may be obtained in four ways: by measuring from a string at grade which is 
stretched across and along the road at intervals; by blocks placed on the sub- 
grade and each course; by using a board templet corresponding to the curva- 
ture of the cross-section; and by a series of stakes set at intervals across the 
roadway. Where the cross-section is composed of two planes the string 
method is rapid and accurate. Where the cross-section is a parabolic arc, the 
board templet or stakes are preferable. 

Pipe Culverts 
Capacity. The size of opening may be determined by formulas or an esti- 

mate of the runoff of water may be made and a size of pipe designed to take 
care of this amount. If the required area calls for a size of pipe that either 
is too large to be used, or cannot be obtained, two or three lines of smaller pipes 
may be substituted forit. It is, however, inadvisable to use a pipe less than 12 
in. in diameter because a smaller pipe than this is liable to become choked. 

Construction. Pipe culverts of all types should be laid on a firm bedding. 
If the soil furnishes a poor support, the pipes should be bedded in a layer 
of concrete or broken stone. This is more essential for culverts of vitrified pipe 
than for those made of the other materials. The trench should be excavated 
to the grade of the pipe. After the pipe is laid in the trench, good earth or 
small stone should be filled in around it and carefully tamped so that the pipe 
will be supported throughout its length. Concrete makes the best headwalls, 
since it is cheap, durable, and can be molded in any form desired. The head- 
walls for small culverts are generally built parallel to the center line of the road, 
with a thickness of at least 12in. The bottom of the headwall should be 18 in. 
or more below the bottom of the pipe to prevent the water from flowing around 
the outside of the pipe and thus washing it out. The headwalls must be made 
long enough to keep the earth away from the pipe. 

Vitrified Pipes used for culverts should be the best quality salt-glazed sewer pipe of the double strength type, with socket joints. This pipe is made in 



Artz Foundations 1911 

2-1/2-ft. lengths with diameters from 12 to 36 in. The pipes are laid in the 
trench with the socket end toward the inlet, so as to have at least 15 in. of 
material over the top of the pipe. The joints are sometimes filled with cement. 
Under conditions ordinarily encountered in highway work vitrified pipe makes 
a very satisfactory as well as a cheap culvert. 

Cast-Iron Water Pipe with bell and spigot joints has been used in culvert 

construction for a long time. It is manufactured in 6-ft. and 12-ft. lengths, 
and hence is not so easily adaptable for use. It is very strong and will last for 
many years. This kind of pipe can be placed within 6 in. of the road surface 

without danger of breaking. The principal objection to cast-iron pipe, out- 

side of its cost, is its weight, which makes it expensive to handle. The weight 

per foot of heavy-weight pipe for some of the sizes from 12 to 72 in. in diameter 

is: 12-in., 85 lb.; 18-in., 200 lb.; 24-in., 300 lb.; 36-in. 500 Ib.; 48-in., 850 Ib.; 

60-in., 1250 lb.; 72-in., 1750 lb. 

Corrugated Metal Pipe is made in any length desired, ranging by multiples 

of 2 ft. up to 36 ft., or is made in nest sections that are later bolted together in 

the field. The pipe may be laid to within 6 in. of the road surface. ‘Since it 

weighs about one-twentieth as much as cast-iron it is much more easily trans- 

ported. The nest sections are of a particular advantage in this respect. Care 

should be taken to select pipes made of the proper kind of metal. Wrought 

iron is superior to steel as far as its non-corrosive properties are concerned, and 

hence pipes made of iron generally have a longer life. The non-uniformity of 

results obtained with metal culverts of different makes has been due almost 

entirely to the different kinds of material used in the manufacture. 

Concrete Pipes may be cast and laid as any other form of pipe. The joints 

are made tapering, or with some form of socket. The pipes are built in lengths 

of from 2-1/2 to 8 ft., with thicknesses varying from 2 to 6 in., depending upon 

the diameter. Concrete pipes weigh more than cast-iron pipes, but may be 

constructed so as to cost about one-fourth as much. In the case of concrete 

pipes constructed in place, the use of reinforcement will not be economical 

until they exceed 4 ft. in diameter. 

7. Foundations 

The loads due to traffic are transmitted by the wearing surface to the foundation. 

Tf the foundation fails, the pavement or surface above it will fail. The kind of founda- 

tion and its thickness depend upon the amount of traffic and the nature of the under- 

lying subsoil. 

The Different Materials Used as a foundation are the subsoil encountered, 

gravel, broken stone, slag, broken brick, hydraulic cement concrete, bitumin- 

ous macadam and bituminous concrete, and old pavements. When a poor 

subsoil is encountered, the poor material should be excavated for a depth of 

several inches and refilled with a good gravel. Sandy subsoils may be im- 

proved by the addition of clay, and clayey soils by the addition of sand. 

Broken Stone. The lower course of a macadam road, when the latter is 

built in two courses, is the foundation for the upper or wearing course. Or- 

dinarily this course is about 6 in. in depth after compaction. Where the sub- 

soil is poor or the road is subjected to heavy traffic, or it is desired to aid the 

subdrainage of the road, the lower course should be increased in thickness, or 

an additional layer of broken stone should be used. This extra layer varies 

from 3 to 10 in. in thickness, and is composed of the larger-sized products of 

the crusher. Instead of this layer of broken stone, a telford base is sometimes 

constructed, which consists of placing by hand stones broken into sizes 6 to 8 
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in. deep, 3 to 8 wide, and 6 to 15 long. The stones are placed on edge with 

their longest dimensions at right angles to the axis of the road. The spaces 
between the stones are filled with spalls, after which the whole surface is 
thoroughly rolled. Large stones laid flat instead of on edge are sometimes 
substituted for telford. The cost of either a broken stone or a telford base de- 
pends upon the amount of stone used. Slag and brickbats, where available, 

can be used in place of broken stone. Gravel foundations are usually laid 6 to 
8 in, in thickness. 

Cement-Concrete foundations should ordinarily be used under all types of 
stone block, wood block, brick, sheet asphalt, and bituminous concrete pave- 
ments. » The thickness of the concrete foundation varies from 4 to 11-in., 6 in. 
usually being employed. An 11-in. foundation is necessary when the traffic is 
exceptionally heavy. The usual proportions of the cement, fine aggregate and 
coarse aggregate vary from 1:2:5 to 1:3-1/2:7. Whenever a concrete 
foundation is constructed, trafic should be kept from it for 7 to.10 days in order 
to allow it to set up thoroughly. The processes of proportioning, mixing and 
placing are identical with those of the concrete pavement, Center joints are 
rarely used. Transverse joints are seldom necessary and are liable to cause 
difficulties with the wearing course. 

Black Base. Bituminous-bound foundations are often termed “‘ Black 
Bases.’? Many have been in use for a half century. The old black bases in 

Washington, D..C., were built of gravel bound with coal tar. Later, crushed 
stone was used instead of gravel, and either may be used. Either a mixed 

base or a penetration base may be laid. Coal tar or asphalt may be the 
binder; both have been successful. If the penetration method is used, the 
manner of construction is similar to that for the bituminous macadam except 
that the seal coat is omitted together with the cover. If a mixed base is de- 
sired then the method is that of bituminous concrete. 

For details of construction and materials see Asphalt Base Pavements, Brochure 
No. 12, published by The Asphalt Association. Also, “Black Base,” by Hugh W. 
Skidmore, published by The Asphalt Association. 

New Tops for Old Pavements. Many old pavements are admirably suited 
for new tops, and such pavements should not be torn up until it is certain that 
they will not serve. 

Slag. Crushed slag filled with granulated slag makes an excellent founda- 
tion. In the course of time such a base sets up like concrete. It should be 
about 8 in. thick, or more. It is a suitable base for bituminous tops, brick, 
and other block pavements. 

MATERIALS 

8. Non-Bituminous Materials: Stone, Brick, Wood 

Rocks used for road-building purposes are trap, granite, limestone, sand- 
stone, chert, slate, and field stones. 

Diabases and Basalts, which are dark-colored igneous rocks, are commonly known 
astrap. Trap is extremely hard and tough, and its excellent wearing qualities have 
caused its widespread use throughout those sections of the country where it is found. 
When used in the construction of broken-stone roads subjected to a light | traffic, 
the wear on the stones will not be sufficient to make enough binder to hold the stones 
together. To prevent the surface from raveling, more binder of a bituminous mate- 
rial must be applied. 

Granite is made up chiefly of quartz and feldspar. In trade, gneiss, syenite and por+ 
phyry are commonly known as granite, although not so ina geological sense. If the 
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structure is close, even and granular, these stones make excellent road material for 
broken-stone roads. If of a coarse structure, they are not so desirable. Granite and 
syenite are more largely employed for paving stones than other materials, the latter 
being one of the best materials for this purpose. Stone blocks made of porphyry 
have been found to wear slippery, and in Europe their use is being discontinued. 

Limestone possesses excellent binding qualities, but much of it is neither hard nor 
tough, and such stone is therefore only suitable for roads taking a light traffic. Some 
limestones are as hard and tough as trap. 

Sandstone, due to the fact that it easily breaks up under the action of traffic, and is 
lacking in binding qualities, is generally considered as only a fair material for broken- 
stone roads. Stone blocks, however, made of Medina, Potsdam, and Colorado sand- 
stone have been used to a considerable extent with excellent results. 

Quartzites, which are metamorphosed sandstones, give better results when used for 
broken-stone roads than sandstones, as they are harder. 

Chert is a variety of quartz of a flinty structure. It occurs in certain parts of 
the country either as a solid mass or ina broken-up state, mixed with clay similar to 
gravel. 

Field Stones are boulders which have been carried along by the glacier and are found 
mainly in those districts which were covered by the glacier. They are composed of a 
variety of different kinds of rocks, some of which make good road-building materials. 
Those stones which show signs of weathering and decomposition should not be used. 
Cobblestones used for paving gutters and streets are small boulders which have been 
selected from field stones, 

Slate, an indurated or hardened clay, is of little value as a road-building stone 
on account of its fracture and low cementing value. 

Chats is a term used to denote the tailings of lead mines. It is a dolomitic lime- 
stone, and considered good for use in road construction. 

Tests for Broken Stone. By making petrographic and chemical analyses, 

a rock can be identified and its constituents ascertained. For the purpose 
of determining the value of a rock as a road-building material, several tests 
have been devised. The usual tests made of broken’ stone are for abrasion, 
toughness, absorption of water, specific gravity, hardness, and cementing 

power. 

The Abrasion Test as adopted by the American Society for Testing Mate- 

rials, is made by means of the Deval machine, and consists of placing 50 pieces 

of stone approximately the same size and having a total weight of 5000 

g, + 10, in one of the cylinders, the cylinder being rotated for 10 000 revolu- 

tions, at the rate of between 30 and 33 to the minute. The weight of the 

detritus that will pass a sieve of 1/16-in. mesh is determined, and the percent- 

age of wear computed. The coefficient of wear, also known as the French 

coefficient, equals 400/W, in which W is the weight in grams of the detritus 

passing the above sieve, obtained per kilogram of rock used. In interpreting 

results of this test a coefficient of wear below 8 is called low; from 8 to 12, 

medium; over 12, high. (See A. S. T. M. D2-26.) 

The Test for Toughness, as adopted by the American Society for Testing 

Materials, is made on rock cylinders, 25 mm. in diameter by 25 mm. in height, 

which have been bored out of the rock by a diamond core drill. These cylin- 

ders are placed in an impact machine underneath a plunger 1 kg. in weight, 

and the latter is subjected to the blow of a 2-kg. hammer. The hammer falls 

14cm. for the first blow, and the fall is increased 1 cm. for each succeeding blow. 

The number of blows required to destroy the test piece is used to represent the 

toughness. The average of three specimens is used. Results of this test are 
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interpreted so that rocks which run below 8 are called low; from 8 to 12, 

medium; and above 12, high. 

Common Commercial Sizes of broken stone are screenings, 3/8-in chips, 

1/2, 3/4, 1, 1-1/4, 1-1/2, 2, 2-1/4, 2-1/2, and3in. The size of the crushed stone 

depends upon the kind of stone, the crusher, and the screen, and the details of 

operation. The inclination of the screen and, if a rotary screen, the weather, 

the speed at which it is run, will make a variation in the separation of the sizes 

of the screened product. 

Specifications for Stone Blocks (A. S. T. M. D59-26) should call for a close, 

medium-grained, homogeneous material, durable, sound and uniform, with no 

outcrop, soft, brittle or laminated stone. The stone is tested for crushing, 

abrasion, and toughness. Cobble should be sound, durable and uniform 

stone, 4 to 8 in. in diameter. 

Clays for Making Vitrified Bricks are not often found in a natural state. 

A clay for this purpose should be fusible, plastic, and be able to be heated to a 

high temperature without losing its shape. Vitrification is obtained by sub- 

jecting the clay to heat, which changes the chemical properties of its con- 

stituents, making them coalesce with each other into a new and homogeneous 

solid. All clays are composed mainly of silica and alumina and certain im- 

purities such as quartz, lime, magnesia, potash, and soda. The impurities, 

with the exception of quartz, act mainly as fluxes. An excess of silica will 

cause a weak and brittle specimen, and an excess of alumina will cause shrink- 

age, cracking, and warping. An excess of lime and magnesia hastens disinte- 

gration upon exposure. Shales are also used for the manufacture of paving- 

bricks. They produce a harder and more brittle brick than one of fire-clay. 

Paving-bricks are manufactured by crushing and screening the properly 

mixed clays or shales. This material is then mixed with water in a pug-mill 

to the right state of consistency, and is then pushed through a mold, the clay 

being fed to the mold by means of anaugur. The bar of clay as it comes from 

the mold is cut by machines into the size of brick desired. Paving-bricks are 

made with plane faces and also with some projections on the faces so that, 

when laid, there will always be a space between the faces which will later be 

filled with the joint filler. Some machines are designed so as to cut the brick 

with lugs on one side and grooves on the other. Other bricks are repressed 

after being cut, and lugs or grooves, together with the curved edges, are formed 

by the die used in repressing. The raised letters on the brick serve this same 

purpose. After being cut or repressed, the bricks are dried and then burned 

for from seven to ten days at temperatures varying from 1500 to 2300 deg. F. 

The bricks are slowly cooled in the kiln after the fire is withdrawn, which 

serves to anneal and toughen them. 

The recognized sizes and varieties of paving brick manufactured in 1928 

are: Plain wire cut (no lugs), 2-1/2 X 4 X 8-1/2 in., 3X4 X 8-1/2 in., 

3-1/2 X 4 X 8-1/2 in. Repressed lug, 3-1/2 X 4X 8-1/2 in. Wire cut lug, 

3-1/2 X 4 X 8-1/2 in. 

Tests for Paving Brick (A. S. T. M., C7-15). Visual inspection may result 

in rejection of bricks for being broken, chipped, off size, misshapen, bent, 

twisted, or badly kiln marked; obviously too soft or too poorly vitrified to 

endure street wear; so badly off color as to give the pavement a mottled ap- 

pearance, The rattler test shows the percentage of loss of weight due to 

abrasion and wear in the rattler. The following scale of average losses 

represents what may be expected: . 
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| General Maximum 
average | permissible 

loss, loss, 

per cent per cent 

For brick suitable for heavy traffic...........0-.+00-- 22 24 

For brick suitable for medium traffic.............0265 24 26 

For brick suitable for light traffic.........2.e6 eet eee 26 28 

Which of these grades should be specified in any given district and for any 

given purpose is a matter wholly within the province of the buyer. 

Wood Blocks that have not been treated by some preservative process have 

given unsatisfactory results. Rectangular-faced blocks of Southern long-leafed 

yellow pine, Norway pine, and tamarack are usually specified, only one kind 

of wood, however, to be used on any one contract. Black gum and short-leaf 

pine may be satisfactory under certain conditions, but require a different 

treatment than the woods first mentioned. The Australian hard woods, 

Jarri and Karrah, are slippery, and are considered too costly for use in this 

country. 

The common method of preserving wood blocks is to treat them with some 

preservative fluid, the most common being a pure creosote oil or a water-gas 

ora coal-tar product. In the United States the yellow pine blocks are impreg- 

nated with the oil under a pressure of from 50 to 150 lb. per sq. in. The 

amount of oil absorbed by the wood varies from 10 to 22 Ib. per cu. ft. 

Timber (A. S. T. M., D52-20). The wood which shall be treated shall be 

Southern yellow pine, Douglas fir, tamarack, Norway pine, hemlock, or black 

gum. Only one kind of wood shall be used in any one contract. The blocks 

shall be sound, well manufactured, square butted, square edged, free from un- 

sound, loose, or hollow knots, knot holes, worm holes, and other defects such 

as shakes, checks, etc., that would be detrimental to the blocks. No one 

block shall be accepted that contains less than 50% of heart wood. 

It is recommended that blocks 4 in. in depth, shall be used for streets with 

very heavy traffic, and blocks 3-1/2 in. in depth for streets with moderate 

traffic. Wood blocks should not be used on light traffic streets. 

9. Bituminous Materials 

The Bituminous Materials used in the United States may be classified as 

follows: asphalts, asphaltic and semi-asphaltic oils, coke oven tars, coal-gas 

tars, water-gas tars, combinations of coal-gas and water-gas tars, combinations 

of asphaltic materials and tars, rock asphalts. 

Nomenclature of Bituminous Materials and Their Uses. Definitions 

adopted by the Special Committee on ‘“ Materials for Road Construction ” of 

Am. Soc. C. E. are noted thus, T; others adopted by the A. S. T. M. are desig- 

nated thus, * and others proposed by the Committee on “ Standard Tests for 

Road Materials ” (Committee D-4) of the A. S. T. M. have been indicated 

thus, f. 

Asphalt.7* Solid or semi-solid native bitumens, solid or semi-solid bitumens ob- 

tained by refining petroleum, or solid or semi-solid bitumens which are combinations 

of the bitumens mentioned with petroleums or derivatives thereof, which melt on the 

application of heat, and which consist of a mixture of hydrocarbons and their deriva- 

tives of complex structure, largely cyclic and bridge compounds. 

Asphalt Block Pavement.t One having a wearing course of previously prepared 

blocks of asphaltic concrete. 
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Asphalt Cement.t A fluxed or unfluxed asphalt, especially prepared as to quality 
and consistency, for direct use in the manufacture of asphaltic pavements, and having 
a penetration at 25° C. under a load of 100 g. applied for 5 sec. of between 5 and 250. 

Asphaltenes.t* The components of the bitumen in petroleum, petroleum products, 
malthas, asphalt cements and solid native bitumens, which are soluble in carbon disul- 
phide, but insoluble in paraffin naphthas. 

Bitumens.*+ Mixtures of native or pyrogenous hydrocarbons and their non- 
metallic derivatives, which may be gases, liquids, viscous liquids, or solids, and which 
are soluble in carbon disulphide. 

Bituminous Concrete Pavement.t One composed of broken stone, broken slag, 
gravel, or shell, with or without sand, portland cement, fine inert material, or combina- 
tions thereof, and a bituminous cement incorporated together by a mixing method. 

Bituminous Macadam Pavement.t One having a wearing course of macadam 
with the interstices filled by a penetration method with a bituminous binder. 

Bituminous Material.f Material containing bitumen as an essential constituent. 

Liquid Bituminous Material.t Bituminous material showing a penetration at 
25° C. under a load of 50 g. applied for 1 sec. of more than 350. 

Semi-solid Bituminous Material. Bituminous material showing a penetration at 
25° C. under a load of 100g. applied for 5 sec. of more than 10, and under a load of 50 
g. applied for 1 sec. of not more than 350. 

Solid Bituminous Material.t Bituminous material showing a penetration at 25° 
C. under a load of 100 g. applied for 5 sec. of not more than 10. 

Bituminous Pavement.t One composed of broken stone, broken slag, gravel, 
shell, sand or fine inert material, or combinations thereof, and bituminous cement in- 
corporated together. 

Bituminous Surface.j A superficial coat of bituminous material with or without 
the addition of stone or slag chips, gravel, sand, or material of similar character. 

Blown Petroleums.* Semi-solid or solid products produced primarily by the action 
of air upon liquid native bitumen which are heated during the blowing process. 

Carbenes.t* The components of the bitumen in petroleums, petroleum products, 
malthas, asphalt cements, and solid native bitumens, which are soluble in carbon disul- 
phide, but insoluble in carbon tetrachloride. 

Coal-tar.}* The mixture of hydrocarbon distillates, mostly unsaturated ring com- 
pounds, produced in the destructive distillation of coal. 

Coke Oven Tar.}* Coal-tar produced in by-product coke ovens in the manufac- 
ture of coke from bituminous coal. 

Consistency. The degree of solidity or fluidity of bituminous materials. 
Cut-Back Products.* Petroleum, or tar residuums, which have been fluxed with 

distillates. 

Dead Oils.}* Oils, with a density greater than water, which are distilled from tars. 
Dehydrated Tars.j* Tars from which all water has been removed. 
Emulsion.t A combination of water and oily material made miscible with water 

through the action of a saponifying or other agent. 

Fixed Carbon.{* The organic matter of the residual coke obtained upon burning 
hydrocarbon products in a covered vessel in the absence of free oxygen. 

Flux.{* Bitumens, generally liquid, used in combination with harder bitumens for 
the purpose of softening the latter. 

Free Carbon.j* In tars, organic matter which is insoluble in carbon disulphide. 
Gas-House Coal-Tar.t* Coal-tar produced in gas-house retorts in the manufac- 

ture of illuminating gas from bituminous coal. 

Native Asphalt.t* Asphalt occurring as such in nature. 
Normal Temperature.t{ As applied to laboratory observations of the physical 

characteristics of bituminous materials, is 25° C. (77° F.). 
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Oil-Gas Tars.j* Tars produced by cracking oil vapors at high temperatures in 
the manufacture of oil-gas. 

Penetration. See penetration test. 

Petroleum.{ Liquid bitumen occurring as such in nature. 

Topped Petroleum. Petroleum deprived of its more volatile constituents. 

Pitch.j* Solid residue produced in the evaporation or distillation of bitumens, 
the term being usually applied to residue obtained from tar. 

Hard Pitch. Pitch showing a penetration of not more than ten. 

Soft Pitch.t Pitch showing a penetration of more than ten. 

Refined Tar.j* A tar freed from water by evaporation or distillation which is con- 
tinued until the residue is of desired consistency, or a product produced by, fluxing 
tar residuum with tar distillate. ' 

Rock Asphalt.j{ Sandstone or limestone naturally impregnated with asphalt. 

Rock Asphalt Pavement.+ A wearing course composed of broken or pulverized 

rock asphalt with or without the addition of other bituminous materials. 

Sheet Asphalt Pavement.t One having a wearing course composed of asphalt ce- 
ment and sand of predetermined grading, with or without the addition of fine material, 
incorporated together by a mixing method. 

Straight-Run Pitch.* A pitch run to the consistency desired, in the initial process 
of distillation, without subsequent fluxing. 

Tar.t* Bitumen which yields pitch upon fractional distillation and which is pro- 
duced as a distillate by the destructive distillation of bitumens, pyro-bitumens, or 
organic material. { 

Viscosity. The measure of the resistance to flow of a bituminous material, usually 

stated as the time of flow of a given amount of the material through a given orifice. 

Water-Gas Tars.{* Tars produced by cracking oil vapors at high temperatures in 

the manufacture of carburetted water-gas. 

Tests and Specifications for Physical and Chemical Properties. Various 
tests have been devised in order to determine the physical and chemical 
properties of bituminous materials. Tests are made for control of the manu- 
facture of bituminous materials, to obtain a record of the properties of mate- 
rials used, and are employed in specifications to secure the materials desired 
for use in the construction and maintenance of roads and pavements. 

Asphalt Cements. Specific gravity at 25° C.; flash and fire points; solubility in 
CS; solubility of bitumen in CCl4; solubility of bitumen in petroleum naphtha; pene- 
tration at 0° C., 200 g., 60 sec.; penetration at 25° C., 100 g., 5 sec.; penetration at 
46° C., 50 g., 5 sec.; float test; melting point by ring and ball method; ductility at 
25° C.; fixed carbon content; paraffin content; loss on evaporation at 163° C., 5 hours; 
penetration of residue (same as for asphalt cement); melting point of residue, by ring 
and ball method, float test on residue; ductility of residue at 4° C.; ductility of residue 

BESO: 

Road Oils. Specific gravity; specific viscosity; total bitumen; proportion of total 

bitumen insoluble in paraffin naphtha; flash point; residue at 100 penetration. 

Tar Cements. Water; specific gravity at 25° C.; solubility in CS»; specific viscos- 
ity, Engler; melting point, by cube method; softening point, ring and ball; float test; 
distillation by weight and by volume; specific gravity of total distillate at 25° C.; 
softening point of residue by ring and ball method. 

The tests used in a given specification depend upon the kind of bituminous material 
employed and the method used. 

For the purposes of this section it is not necessary to describe tests of which the name 

itself gives an indication of the method of performing the test. Such tests include 
specific gravity, solubility in carbon disulphide, carbon tetrachloride, petroleum 
naphtha, evaporation, and distillation. For detailed descriptions of methods of con- 

ducting all of the tests for tars and asphaltic materials, see A. S. T. M. standards and 

tentative standards. 
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Flash and Fire Points (open-cup). The material is placed ina Cleveland open 
cup apparatus and the temperature is raised at approximately 10 deg. F. per minute: 

A test flame of 5/32-in. diameter is passed across the center of the cup as the tempera- 
ture read on a thermometer inserted in the material reaches each successive 5° F. 
mark. The flash point is taken as the temperature read when a flash appears at 
any point on the surface of the oil. The fire point is taken as the temperature at 
which the oil ignites and continues to burn for at least 5 seconds. 

Softening Point (ring and ball). The material is melted and run into a brass ring 
5/8 in. in inside diameter and 1/4 in. deep. It is allowed to cool in the air, and is 
then suspended in a beaker of water maintained at 5° C. for 15 minutes. A 3/8-in. 
steel ball is immersed at the same time. The ball is then placed in the center of the 
upper surface of the bitumen in the ring and heat is applied in such manner that the 
temperature of the water is raised 5° C. each minute. The temperature of the water 
recorded at the instant that the material touches the bottom of the beaker is known as 
the softening point. 

Consistency. The consistency of bituminous materials is determined by the Engler 
viscosimeter, the New York Testing Laboratory flat apparatus, or the penetrometer. 

With the Engler Viscosimeter the viscosity of liquid bituminous materials is de- 
termined by noting the time which is required for a given amount of the material, 
having a given temperature, to flow through a very small orifice. The result of the 
test should be expressed as specific viscosity, which equals the ratio of the number of 
seconds required for the passage of 50 cc. of the bituminous material at the tempera- 
ture used divided by the number of seconds required for the passage of the same volume 
of water at 25° C. 

The New York Testing Laboratory Float Apparatus consists of an aluminum float 
and a brass collar. The collar is filled with bituminous material and screwed into the 
bottom of the aluminum float and the apparatus placed on the surface of a water bath. 
As the plug of bituminous material in the collar becomes warm and fluid, due to the 
heat from the water bath which is maintained at any temperature desired for the test, 
it is gradually forced upward and out of the collar until water gains entrance to the 
saucer and causes it tosink. The time in seconds between placing the apparatus on the 
water and when the water breaks through the material is taken as the measure of con- 
sistence. 

The Penetration Test is made by measuring the distance a weighted standard 
needle will penetrate into the material at a given temperature in a given period of time. 
The temperatures, weights, and periods of time which are employed to a considerable 
extent are as follows: Penetration at 0° C. with a weight of 200 g. for 1 minute; pene- 
tration at 25° C. with a weight of 100 g. for 5 seconds; penetration at 46° C. with a 
weight of 50 g. for S seconds. When the penetration of a material is mentioned with- 
out reference to temperature, weight of the load, or time, it is understood that reference 
is made to the penetration at temperature of 25° C. with a weight of 100 g. for 5 sec- 
onds. The unit of penetration is 0.1 mm. In literature and specifications the pene- 
tration is referred to in terms of the above unit either as a penetration of 6.4 mm. or 64. 

Ductility. In the ductility test a briquet of the material is formed in a standard 
briquet mold. The briquet with clips attached is placed in a ductility testing machine 
filled with water at a temperature of 4° C. or 25°C. The briquet is then pulled apart 
at a uniform rate and the distance in centimeters registered at the time of rupture of 
the thread of bituminous material is taken as the measure of ductility. 

Fixed Carbon. Fixed carbon is the organic matter of the residual coke obtained 
upon burning hydrocarbon products in a covered vessel in the absence of free oxygen. 

Paraffin. One hundred grams of the material is distilled rapidly in a retort toa dry 
coke. Five grams of the distillate is then thoroughly mixed in a 60-cc. flask with 25 cc. of Squibbs’ absolute either. Then 25 cc. of Squibbs’ absolute alcohol is added 
and the flask packed closely in a freezing mixture of finely crushed ice and salt for at least 30 minutes. The precipitate is filtered out quickly with a suction pump, using a No. 575 C. S. and S. 9-cm. hardened filter paper. The flask and precipitate is then rinsed and washed with a mixture of equal parts of Squibbs’ alcohol and either cooled to — 17° C. (1° F.) until free from oil. When sucked dry, the filter paper is removed and the waxy precipitate transferred to a small glass disk and evaporated on a steam 
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bath. The residue (paraffin) remaining on the disk is weighed, and from this weight 

the percentage on the original 5-g. sample is calculated. 

Extraction of Bitumen from Bituminous Aggregates. The aggregate is prepared 

for analysis by heating it in an enamel-ware pan on a hot plate until it is sufficiently 

soft to be thoroughly disintegrated by means of a large spoon. The disintegrated 

aggregate is then allowed to cool, after which a sufficient amount is taken to yield on 

extraction from 50 to 60 g. of bitumen. It is then placed ina mechanical extractor 

and carbon disulphide is poured into the receptacle containing the aggregate. After 

allowing the material to digest for a few minutes, the machine is started, slowly at 

first in order to permit the aggregate to distribute uniformly. The speed is then in- 

creased sufficiently to cause the dissolved bitumen to flow from the receptacle. When 

the first charge has drained, the machine is stopped and a fresh portion of disulphide 

is added. This operation is repeated from four to six times until the liquid flowing 

from the receptacle is clear. After the aggregate is thoroughly dried, it is weighed. 

The difference between this weight and the original weight taken shows the amount of 

bitumen extracted. 

ROADS 

10. Earth Roads 

Since earth roads may be constructed out of any kind of soil it is difficult 

to compare their characteristics. Soils act differently under different condi- 

tions. A sand road is good in wet weather whereas one of clay is impassable. 

A clay road is good in dry weather whereas sand makes hard traveling. If 

these two materials can be so mixed that their good characteristics predom- 

inate, then a road good in any weather is possible. Earth roads are cheap to 

construct, and, if traffic is not unduly heavy, their maintenance cost is low. 

Of the 3 000 000 miles of road in the United States (1928) 85% are unsur- 

faced, 10% are a low type surfacing such as sand-clay, gravel or untreated 

stone; 4% are an intermediate type, and less than 2% are high type. Hence 

the earth road for years to come must be the predominating type. With 

this in mind many experiments have been tried for the purpose of improving 

earth roads at low cost. Surface treatments with a number of different mate- 

rials have been tried with varying degrees of success. On the whole the 

bituminous materials have been the most successful. C. N. Conner cites 

three general methods of treatment: (1) The skin surface treatment or pene- 

tration method, hot or cold; (2) the mixed-in-place treatment, cold; (3) the 

premixed method, hot or cold. Treatments (1) and (2) are discussed under 

“ Gravel Roads,” p. 1925, and (3) is discussed under ‘‘ Asphalt,” p. 1942. 

One point of utmost importance is often lost sight of by those who are new 

to the practice of treating low type roads, and that is that each road, and even 

certain stretches of each road, may be a problem in itself. A material or a 

method that may be satisfactory on one stretch of road may be unsatisfactory 

on the next stretch. Soils may change in character within a few feet, and all 

materials are not equally suited for use on all soils. The man who wants to be 

successful must experiment for himself, and he must watch developments with 

an all-seeing eye. Failure to realize this has retarded the art in many locali- 

ties. Tars, asphalts, and road oils are not identical materials. Maintenance 

men have wasted great sums because they have used incorrect methods and 

wrong materials. 

Earth roads may be improved sometimes by the admixture of small amounts 

of such materials as pea-gravel, granulated slag, portland cement, stamp sand, 

lime, steam coal ashes, chats, and similar hard particles. A layer is usually 

spread over the earth road and then is harrowed into the surface; or traffic 

is supposed to work in the materials. Asa rule a layer an inch thick is about 
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as.much as can be handled easily. Sometimes no harrowing should be at- 
tempted, and traffic will compact the surface. Again, it may be neces- 
sary to blade or drag the road, and some roads respond well to rolling, while 
others do not. If you have no experience you must experiment; if you have 
experience you will experiment. Experiments on earth roads in Iowa seemed 
for a while to indicate that admixtures of portland cement might be of great 
value; later, these roads so treated were not as good as untreated sections, and the cost was considerable. Yet it is possible that the same method might be eminently successful with some other earth road. A light tar may be useful with some soil roads, but if there is much clay present it will surely be a failure. In general, the maintenance engineer should buy two or three barrels each of several different bituminous materials and try them out on the same road where conditions and soil are the same. After a year’s trial much should have been learned. 
The bituminous materials suitable for earth road treatments are road oils, cut-back asphalt, water-gas tar, and coal tar. As a rule the road oils are cheaper than the tars, and the tars are cheaper than cut-back asphalt. 
See specifications Road Oil, Tilinois, and Pennsylvania specifications for cold appli- cation (cut back). 

In some instances it has been found that earth roads should be given a prime coat of light tar (Pennsylvania Specification C2) followed by a seal coat of cut-back asphalt. A cover of pea-gravel, stone chips, or coarse sand often helps make a tougher surface that is capable of carrying more traffic. A method of making soft earth roads passable is to spread three layers of ordinary 1-1/2-in. chicken wire for wheel tracks. Heavy trucks will not cut through a road so reinforced. Another device is a longitudinal section of a corrugated metal pipe laid across mud holes, the pipe thus forming a rut for the wheels. The device has been trade-marked under the name of “ Metal- rut.” 

Construction of Earth Roads. Good drainage is an absolute necessity. Proper subdrainage and surface drainage must be provided. In providing for surface drainage the slopes from the center to the sides should not be made too steep; a slope of from 3/4 in. to 1 in. per foot is used, the latter being a maxi- mum. The surface of the road may be made to conform to the arc of @ circle or be made up of two planes meeting at the center and sloping to the ditches. Care should be taken in constructing the ditches to see that they have suffi- cient fall to carry the water away. In places where the: country is flat and the work involved is smply that of giving a crown to the road, earth roads 

deep. Where much grading is involved, the bulk of the work will have to be done by the common methods of earth excavation, the road grader being used to finish the road to the desired surface. 
Sand-Clay Roads are constructed somewhat differently, depending upon whether the subsoil is of sand or of clay. The amount of clay necessary is that amount which will just fill the voids in the sand. It will also depend 
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upon the character of both the sand and the clay. It may be approximately 

determined by finding the quantity of water which is contained in a known 

volume of sand, the amount of water representing the percentage of voids. 

Proper drainage must always be provided. The construction of a sand-clay 

road is a slow process, and the best results can be obtained only by giving 

the road constant attention for some time after it is first finished. 

The Maintenance of Earth Roads consists principally in keeping the surface 

shaped up and the ditches cleaned out so that the water will not have any 

chance to stand either in the road or at thé sides. Water, if it has a chance to 

soak into the road, soon softens it to such an extent that it is easily cut up by 

the action of traffic and is soon destroyed. Two of the most useful tools for 

the maincenance of earth roads are the road scraper and road drag. There: 

are many different types of these machines. The road drag, which is the 

simplest, consists of two blades about 7 to 9 ft. long set parallel to each other 

about 30 in. apart. The blades may be made of steel, of plank, or of split 

logs. This device is so hitched to the team that it may be dragged along the 

road at an angle at about 45 degrees with the axis of the road. Work with 

the drag scraper is done in a similar manner as with the road scraper; namely, 

starting in at the side of the road, and working up toward the center. Drag- 

ging may be done at all seasons, but should be carried on only after a rain when 

the road is in 2 moist condition. If the road is properly drained it will be: 

found that the surface can be kept in excellent condition by the use of the road. 

drag or road scraper at frequent intervals. 

Summary of Specifications for Road Oil of the Illinois Division of 

Highways 

El is a light asphaltic oil. 
E2 is a light semi-asphaltic oil. 
E3 is a heavy semi-asphaltic oil. 

F4 is an extra heavy semi-asphaltic oil. 

E5 is a heavy asphaltic oil. 

The road oil shall be homogeneous and shall contain not to exceed 1% by volume of 

water. It shall meet the following requirements: 

E3 E4 E5 

Specific gravity 15.5°/15.5° C... 9.91 | 0.92 | 0.93 | 0.95-0.98 

8-16 | 16-28 | 28-42 16-28 
Specific viscosity, 60° C......-. 

Total bitumen, per cent, mini- 
99.5 | 99.5 99.5 99.5 

max. | max, max. min. 
Bitumen insoluble in 86° Be. 

8 9 10 12 
paraffin naphtha, per cent.... 

Flash point, deg. C., minimum. 80 80 

When 50 g. of the oil are evap- 

orated at 250-260° C. until 

the residue has a penetra- 

tion at 25° C., 100 g.,5 sec., 

of 90-110, the residue shall 

have a ductility at 25° C. of 

MGhless thin cil... ccm | OU fee tees hey uae SEY 

| eg be santos Sis 
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Asphalt Cut-Back. Asphalt for Cold Patching 
Specification Pennsylvania Highway Department 

This material shall be a cut-back asphalt prepared by compounding a suitable 
volatile naphtha with an asphalt meeting the requirements of the Department’s Speci- 
fications for Penetration Asphalt. 

Spetiicrviscosity, 25°. 7c i etc oe. soe OD. SONS 80 to 120 
Residue at 100 penetration, per cent by weight............. 65 min. 
Lass'at 1639 C.,.20 ¢25: hr ipereent. 2. soeec dds nck olives 25 min. 
Penetration of residue, 100 g., 25° C., 5 sec... ...-ecececece 30 to 75 
actiuity Of residue, 29" C., GR eee cee. ome eee ate 30 min. 
Bitumen insoluble in 86° Bé. paraffin naphtha, per cent..... 12 min. 

11. Gravel Roads 
Dust Palliatives, Surface Treatments 

Gravel roads are easy to construct, repair and maintain, offer ease of trac- 
tion and resilience, are cheap in first cost if the material is at hand, and main- 
tenance charges may be kept at a figure less than the interest on investment 
in a high-class pavement. Many more miles of gtavel roadway would be 
built if its worth were realized. Every state has gravel that is available for 
toad use. Only a relatively small percentage of the highways of the country 
can ever be built with high cost roads. The gravel road is the happy mean 
between the earth road and the expensive pavement. When mileage in a 
district is large with small assessed valuation, gtavel is the material to be used 
rather than the more expensive crushed stone. But freight rates are the 
same on gravel as on stone, therefore if the material must be brought from a distance it may be cheaper in the long run to pay more for stone, if it is of good quality. 

‘ 
Many roads carry scarcely any traffic except in summer. Such roads 

should be built and maintained cheaply. Usually an earth road is unsatis- factory in these cases, but a gravel road serves to advantage. Where traffic is local and is fairly heavy throughout the year, a more expensive form of construction should be used, or, if it can be satisfactorily done, the gravel road should be surface treated with a bitumen. 

Gravel consists of small pebbles, stones, or fragments of stone intermixed with powdered rock, sand, loam, clay, marl, flints, iron oxide, silicon, etc., formed by the action of water upon disintegrated portions of rock. 
Good results in road work will be obtained with a graded gravel that con- sists of 80% small pebbles or fragments of stone that pass a 1-1/2-in. Ting and are retained on a 1/4-in. mesh sieve, and 20% of sand and clay (or similar materials) in such proportions that they act as a binder which does not become objectionably dusty when dry nor unduly muddy when wet. A gravel that will stand for some time with a vertical face in the pit or bank will ordinarily be satisfactory. 
Angular pebbles are better than those that are round; the pebbles of sea- beach and shore gravels are generally too round. By careful grading, a gravel may be produced of which the particles key well, thus Teducing voids to a minimum, and the quantity of binder needed. Since the wearing surface depends on the hardness and toughness of the stone, the less binder necessary the better the surface will be, and the less mud and dust will be formed. The best binder is that formed from the dust of tocks high in cementing value. Trap rock gravels are therefore better than granite gravels, since they possess both durability and fair cementing qualities. Limestone and sand- 
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stone gravels are not so durable. If the binder does not naturally possess 

enough cementing value, then clay must be added. 

Bank-run, or pit gravel, is often too earthy, and should be screened. The 

larger pebbles may be crushed, or may be raked into the foundation course. 

Construction 

1, Drainage. Thoroughly drain the subgrade. Gravel free from excess 

binder may be used to advantage for filling draining ditches. 

2. Subgrade. Shoulders on each side of the road may be constructed (a) as 

shown, and gravel deposited in 

the trench. (See Fig. 4). 8” 

(b) Or, on a flat subgrade 
the gravel is spread, deeper in 

the centerthan at the sides. 18 

(See Fig. 5.) The center takes FigeA 

most of the traffic and a gravel 

road always flattens under traffic. The depth of gravel may vary at the 

center from 8 to 15 in. 

3. Grading of Gravel. Grade gravel so as to key well; it will then require 

less binder, and give a more durable wearing course. Where sea-beach 
or shore gravel is used it 
should be run through a 
crusher to give angularity 

to the pebbles; otherwise 
they do not key well and 
the road ravels. 

4. Bottom Course. De- 

posit gravel, and any binder needed in excess, on dumping boards; mix, and 

rake into place. Rake large pebbles to form foundation of bottom course. 

Fig. 5 

Character. Pebbles retained on 1/4-in. and passing 2-1/2-in. screens. 

5. Depth of Course. Do not spread more than 4 in. deep for any one course 

at atime. Satisfactory rolling is impossible with greater thicknesses. 

6. Rolling. Roll each course with a roller weighing at least 2 tons. A 

grooved roller is better than a smooth one as it gives more uniform com- 

paction. 

7. Second Course. Not more than 4 in. deep. 

Character. Retained on a 1/4-in. and passing a 1-1/4-in. screen. 

8. Rolling. Roll so as to obtain a crown of 3/4 in. to the foot, and until the 

road is thoroughly compacted. If water is to be obtained cheaply, the gravel 

should be moderately sprinkled while it is being rolled. Too much water will 

float off the binder. Inasmuch as a gravel road is built for the sake of econ- 

omy, watering may be too expensive, and rain must be depended on to make 

the materials bind. 

If no roller is available, then traffic must compact the gravel after each 

course is put on, in which event a patrolman should be retained to fill up the 

ruts for at least 30 days after the apparent completion of the road. He should 

shape up the road with a blader or a drag, and endeavor to keep traffic spread 

out over the entire graveled width. 

Gravel roads are sometimes constructed in two courses, leaving off the top- 

ping of fine material. 
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Repairing 

1. If badly rutted and worn, break up the surface to make the new material 
bond with the old, raking the large pebbles to the bottom. 

2. Remove all vegetation from the roadbed. 
3. If necessary, scarify and harrow the old surface. Then reshape with a 

gtader and hand rakes. If a grader is not available use a log drag. 
4. Apply sufficient graded gravel to make a good wearing course. A roadin 

very bad condition may require up to 6 in. of new material. Apply new 
gravel in thin layers, adding a little clay, if necessary, to make the old and the 
new materials bond. Or, if the old road has an excess of sand and binder, use 
clean gravel free from fines. 

5. If water is handy sprinkle moderately while rolling in dry weather. 
6. Roll, always beginning at the side of the road and working toward the 

center. 

7. Form a crown as in a new road of not more than 3/4 in. to the foot. A 
higher crown will force vehicles to keep to the center of the toad, soon forming 
Tuts. 

Maintenance 

1. Install a Patrol System, and furnish the patrol man with a complete kit 
of tools. 

2. Place piles of gravel at convenient intervals along the road. They should 
be at least as close as 1/8 of a mile. 

3. Rake new gravel into the ruts, raking the large pebbles from the surface. 
4. Use a grader, or a drag, or both, to keep the road in shape. Proper 

dragging helps preserve the crown. 

Gravel Roads Treated with Bituminous Materials 

All gravel roads are not susceptible to successful treatment with bituminous 
materials. In most cases, however, careful study of the materials at hand 
will indicate what method should be tried. Sometimes it is wise to try out 
more than one method on any given road or in a definite locality, and then 
select that one which promises the best results over a period of time. Some 
gravels will respond well to any of the usual treatments, whereas others 
require a particular method. It is sometimes impossible to tell from a 
laboratory examination of the gravel what the results will be, and in such 
cases only experiments with the gravel in place on the road will tell the story. 

There are two general methods of treatment, but these may be modified to 
suit individual cases. These methods are (a) surface treatment by the super- 
ficial spraying of tar or asphaltic oil over the finished gravel road, and (b) the 
mulch method. In general, a well bound gravel road, that is free from loose 
particles, that does not contain over 20% of clay, and that presents a firm 
surface to traffic will take a surface treatment of bitumen satisfactorily. If the gravel in the road is loosely bound, is dusty, and does not tend to set up well after a rain, then the mulch method will probably be. the better one 
to try. 

Highway engineers and the general public must realize that a gravel road is a cheap type, and that although bituminous treatments may improve such roads to an almost unbelievable extent, still, a gravel road is a gravel road. Too much must not be expected of it. It will not carry an unlimited tonnage 
of heavy, fast truck traffic, although it will carry an endless procession of 
passenger cars with no apparent damage the year round unless such cars use 
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chains in the winter months. A treated gravel road is rapidly destroyed by 

chains in a surprisingly brief time. Pot holes and long ruts are formed in 

such profusion that economical repairs are impossible. 

Having determined upon the kind of treatment, it then becomes necessary 

to continue the maintenance of these roads by successive applications year 

after year. No gravel road should be treated unless provision is made cer- 

tain to continue until such time as a better type of road is built. A treated 

gravel road that is allowed to deteriorate soon ‘becomes almost impassable. 

it is far worse than an untreated surface, which, though it may become 

corrugated and full of holes, is still serviceable. 

Maintenance of Gravel Roads with Tar or Asphaltic Oil 

Method (a) 

1. Put the surface of the road in good condition some time before the 

bitumen is to be applied, by blading, dragging, rolling, and thus thoroughly 

filling all ruts and depressions and removing ‘‘ wash board.” 

2. Immediately before spraying sweep off all loose dust and dirt. 

3. Do not treat a wet road. 

4. Apply two coats of bitumen (cold application) of 1/4 gal. per square yard. 

Applications should be at least 24 hours apart. 

5. Let first application sink into the road without applying cover. (If 

possible keep traffic off that section of the road.) 

6. After the second application apply sufficient fine gravel or clean sand 

to prevent traffic from picking up the surface. 

7. In case a thicker, heavier crust is desired omit the second coat of cold 

application and substitute a hot treatment (tar, p. 1929, or asphalt, p. 1928) 

at the rate of 1/4 to 1/3 gal. per square yard, and cover with 3/4-in. screened 

gravel, rolled in. 

Note. There are many variations of the above outline, but this is the basis of 

them all. 
Method (b) 

The second method has been variously known as the mulch method, the 

Wisconsin method, the Minnesota method, and several others. It resembles 

the old Cape Cod method of treatment of sand roads, and under proper con- 

ditions it is highly successful. Though many twists and kinks are put in it, 

essentially it is as follows: 

1. Clean off manure and other filth, but do not sweep the road. 

2. Apply a cold surface treatment of tar or asphaltic oil over the entire road 

surface at the rate of 1/4 gal. per square yard. 

3. With a heavy grader drawn by a tractor push the upper inch to inch and 

a half of treated gravel from one-half the width of the road onto the other 

half. 
4. Apply 0.2 gal. per square yard to the fresh surface thus exposed. 

5. With the grader push all the loose material from the other half of the 

road onto the freshly treated side, making a cut with the blade such that the 

second half resembles the first, after operation (3) above. 

6. Apply 0.2 gal. per square yard to the fresh surface of the other half, 

identical with operation (4) above. 

7, With the grader push one-half the loose material back onto the surface 

just treated. The whole road has now had two treatments, of which the orig- 

inal has been pushed back and forth so that the bitumen has intimately mixed 

with the gravel. The loose gravel on top is then ready for the next operation. 
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8. Work the road with bladers, scrapers or drags until a smooth, waveless, 
rippleless, non-corrugated surface is obtained. 

9. When traffic has thoroughly compacted the road, apply from 0.15 to 0.2 
gal. per square yard of bitumen. 

10. After 2 hours apply a cover of fine gravel sufficient to take up any excess 
of bitumen. In some localities the cover is applied immediately after the 
distributor has applied the bitumen. 

The tar to be used should conform to specification D-104 or D-105, 27-T. 
The asphalt should be a cut-back conforming to specification for cold surface 
treatment. 

Note. LEither tar or asphaltic oil may be used, but in this work tar has been more 
successful, on the whole, than asphaltic oil. 

Maintenance 

1. Clean out ruts and holes that may have formed. 

2. Make up a batch of sand and gravel mixed with tar (for cold applica- 
tion) or asphalt cut-back in the proportion of 17 gal. of bitumen to one cubic 
yard of aggregate. The gravel used should contain no pebbles over 3/4 in. 
Sand should be free from earth. 

3. Fill the ruts and holes with the mix. 
4. Let traffic consolidate the patches. It is sometimes advantageous to 

spread the mix freely over the old surface and drag until the mix has set up in 
the low spots. 

5. Apply cold application of bitumen, 1/4 gal. or less per square yard. 
6. Sand the surface after 24 hours. Some states require sanding within 

two hours, but this does not allow sufficient time for the bitumen to penetrate. 
By treating only half the width at a time traffic will not be unduly incon- 
venienced. 

A word of caution should be given here concerning hot surface treatments 
with either tar or asphalt. Experience has demonstrated that there is great 
danger of these causing rolls and waves in the road surface if they are persisted 
in year after year. The cold treatments are far less liable to wave. Some of 
the rolling can be avoided if the covering material is of large size, that is, 
over 1/2 in. and less than 1-1/4 in. If gravel of such sizes is used it must be 
rolled into the surface to prevent its being thrown off by traffic. Crushed 
stone is not so liable to be whisked out of place. 

Sometimes, after repeated treatments, a gravel road presents a surface that 
resembles a huge washboard. When this is such that cars are disagreeably 
shaken, there is no way to make the road smooth again short of scarifying it, 
shaping, rolling and the application of a light surface treatment. 

In some sections of the country the existing gravel roads break up badly in 
springtime. When this is the case it is usually cheaper to scarify the entire 
area that is broken up, let it dry out, and then retreat it as in the beginning. 

It will be noted above that initial treatments consist of a total of 1/2 gal. 
per square yard. Subsequent treatments, for the most part, must be reduced 
to 1/4 gal. or less. It is a great mistake to continue to treat these roads with 
1/2 gal. applications yearly, as a wavy surface is almost certain to form. 

Cost of Treatments with Tar or Asphalt 

Costs vary with location, labor rates, freight charges, and similar items. 
The initial cost for treating a gravel road that isin fair condition will be from 
$1500 to $2000 per mile of 18-ft. road or, 14 to 20 cents per square yard. Sub- 
sequent treatments including maintenance should not average more than 
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$1000 per mile per year, and with care may be somewhat less (1927 prices). 

Maintenance throughout the year is absolutely essential. By repairing small 

breaks promptly it is possible to keep the annual maintenance charges low. 

Dust Palliatives 

Many materials have been tried to alleviate the dust nuisance on gravel 

roads. Light asphaltic oils have been moderately successful in some localities 

and unsuccessful in others. On the whole, calcium chloride has proved to be 

a better dust layer than other materials. It is customary to make two 

applications per season, the first being at the rate of about 1-1/2 Ib. per square 

yard, followed by 1/2 Ib. to 1 lb.. Spreading machines are used to insure 

uniform distribution. 

Calcium chloride is not successful in climates where there is either too much 

or not enough moisture. As it is a hydroscopic and deliquescent salt it re- 

quires some moisture in the atmosphere, but an excess will make a muddy, 

dirty road that is more objectionable than a dusty gravel, whereas a deficiency 

will make it necessary to sprinkle the road occasionally. 

Sea water has been tried where available, but the salt thrown upon the 

vehicles ruins the finish, and it injures horses’ hoofs. 

Roads in the Southwest 

The attention of engineers and contractors unfamiliar with the arid area of the 

United States is drawn to the fact’that it is cheaper in many instances to build a 

bituminous-bound road than one of the water-bound type. Water in Oklahoma, 

Arizona, New Mexico, and parts of Texas, southern California, Colorado, and Nevada, 

jis more expensive to use than tar or asphalt. Hence certain types of bituminous- 

bound or treated roads are particularly suited to these localities. 

Gravel, of one kind or another, is to be found in most of the inhabited portions of 

these states, and often rock of good quality as well. Adobe gravel and caliche are 

best built and maintained by a double bituminous treatment, as follows: 

Adobe and Caliche. i. Shape up, and roll to cross-section. 

2. Spread 1/2 gal. of tar or asphaltic oil per square yard. (Spec. tar for cold appli- 

cation for surface treatment and oil for cold application.) 

3. Let this dry in for 12 hours or more and follow with: 

4. A seal coat of 1/2 gal. of tar applied hot (spec. for hot surface treatment), or a 

seal coat of 1/2 gal. of asphaltic oil (spec. for hot application). 

5. Cover with stone chips, or pea gravel. ; 

As a rule a tar priming coat is superior to one of asphalt. This priming coat alone 

will not suffice. It must be followed by the seal coat. 

Maintenance must be most thorough, or the road will rapidly go to pieces. Six 

barrels of seal coat should be kept along each mile of road for patching purposes, and 

the road must be carefully watched for any breaks in the surface. Eternal vigilance 

will accomplish wonders with this simply constructed road. Many of the southwest 

gravels can be turned to good account by the following: 

1. Spread gravel evenly 6 in. deep. 

2. Apply 1-1/2 to 2 gal. of hot asphaltic oil in several applications, harrowing the 

road with a disc harrow after each application. 

3. When the oil is thoroughly mixed with the gravel, shape up the road and roll it. 

4. Apply a seal coat of 1/4 gal. 

Eastern and northern contractors should remember that gasoline rollers and trac- 

tors must be used in this waterless country. 

Asphaltic Surfacing Material for Gravel Roads 

1. Free from water. 

2. The gravity at a temperature of 60° F. shall be between 15 and 19° Baumé 

(0.94 to 0.966 specific). 
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“3. The asphalt contents of 100 penetration using a No. 2 needle for 5 sec. at 77° F 
after evaporation in the open air at a temperature not exceeding 500° F. shall be not 
less than 55%. 

4. Specific viscosity (Engler) at 50° C. for 50 cc. from 17 to 29. 
5. 20 g. upon being maintained at uniform temperature of 325° F. for 5 hours ina 

cylindrical vessel 2-3/8 in. in diameter by 1 in. high shall lose not less than 15% by 
weight. 

6. Soluble in CSp = 99.5%. 
7. It shall not flash below 130° F. (Cleveland tester). 

Specifications 

Pennsylvania Department of Highways 

Asphalts. A hot and a cold application asphalt are specified. 
The cold application material must be prepared by fluxing an asphalt cement of 120 

to 150 penetration (100 g., 5 sec., 25° C.) with naphtha. The naphtha used when dis- 
tilled in accordance with the A.S.T.M. tentative method, D 86-24T, shall have an 
over point of not greater than 250° F. and the dry point shall not exceed 450° F., and 
the naphtha shall show a continuous distillate between these points. 

The mixture must conform to the specification listed in the table below, in which 
the viscosity will be subject to variation within the limits designated. 

The hot application must be the properly prepared residuum from an asphaltic base 
petroleum and must meet the requirements for it listed in the table below. 

Summary Specification Requirements for Cold and Hot Application 
Asphalts for Surface Treatment 

Specifications of Pennsylvania Highway Department 

Cl 
Cold Application 

Hi 
Hot Application 

ft. Specific viscosity, 40°C... cmcnscs on oe ee ed cn oe he ee j 
ic) Bloat. test; 50° C.sec., mipimum. |. a. .tac 4 
3. Residue at 100 penetration, per cent.. 68 min. 
4. Ductility of residue, 25° C., cm...... 30 min, 

| 5. Evaporation loss, per cent: 
(a) 20\g., Sohrs 00a et ee 22min sly ree Meee MOEN (b) 20g., 5 hr. 163°C........... 25 min. } 

6. Penetration of residue (5b) 

100 gr., 5 sec., 25° C., per cent... . 
7. Total bitumen, per cent, minimum... 

60-100 
99 

The following notes refer to the table on page 1929. 
1 All tests shall be made on the sample as received including distillation test, and 

the results reported on a dry basis. 
2 Within the viscosity limits designated, a material should be chosen to meet local conditions of temperature, road conditions and climate. It is recommended that 

materials be called for under the following range and headings: Light 8-13, medium 
13-18, heavy 18-25, extra heavy 25-35. 

3 It is recommended that materials be called for under the following range and head- ings: Light 35-60, heavy 60-80. The heavy material may require heating before use and care should be taken to avoid foaming on account of the possible water content. 4 The specification range for total bitumen covers a wide variety of materials. If products from vertical retort or low carbon coke-oven tars are desired, a range 88-95 %, should be specified. If high-carbon coke-oven or mixtures of coke-oven and gas-house tars are desired, a range of 78 to 88% should be specified. 
5 If desired, a float test may be substituted for the softening point test, in which case the requirements shall be as follows: Float test at 50° C. (122° F.) 100 to 220 sec. 
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The specification range for softening point, within the above limits, should be 5° C. 
for any given locality, for example, 30 to 35° C. for cold climates, equivalent to a 
float test at 50° C. of 100 to 160 sec.; 35 to 40° C. for warm climates, equivalent to a 

float test at 50° C. of 160 to 220 sec. 

6 The softening point (cube-in-water method) specified should have a range of 
not over 10° F. within the above limits. The range, within the limits of 115 to 135° F., 
should vary with the use of the material, for example, if used in a mixture with sand, 
in a northern locality or a southern locality. The softening point range, within the 
above limits, should also vary according to the character of the paving. 

Summary Specification Requirements for Tars for Surface 
Treatment 

Specifications of Pennsylvania Highway Department 

Base 

Flux 

Mixture 

Base 

Flux 

Mixture 

Base 

Flux 

Mixture 

Base 

Flux 

Mixture 

Distillation, per Base 
cent by weight, | 0-270° C.| Flux 
maximum. ... Mixture 

Base 

0-300° C.} Flux 

Mixture 

Softening point, residue from Base 
distillation test, ring and | Flux 
ball,° C., maximum Mixture 

Refined Tar for Use in Repair Work 
Cold-Patch 

General Requirements. The refined tar shall be homogeneous. 
Properties. The refined tar shall meet the following requirements: 
1. Specific gravity at 25° C. (77° F.) 1.140 to 1.190. 
2. Specific viscosity, Engler, 50 cc. at 40° C. (104° F.) 35.0 to 60.0. 
3. Total distillate, per cent by weight, 

To 170° C, (338° F.) 2.0 to 8.0. 
To 235° C. (455° F.) 10.0 to 18.0. 

To 270° C. (518° F.) not more than 26.0. 
To 300° C. (572° F.) not more than 30.0. 

(a) Softening point of residue (ring and ball), not more than 65° C. (149° F.), 
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4, Bitumen (soluble in carbon disulphide), per cent by weight, 80.0 to 88.0. 

5. Water, per cent by volume, not more than 2.0. 

oy Methods of Testing. Tests of the properties of the refined tar shall be made 

in accordance with the following methods: 

1. Specific gravity: A. S. T. M. Tentative Method D 70-26 T; Proc. A. S. T. M. 

1926, Part I, p. 869. : 

7m Specific viscosity: U. S. Department of Agriculture Bulletin 1216, p. 59. 

3. Distillation test: A. S. T. M. Tentative Method D 20-26 T;. Proc. WNBA bas 

1926, Part I, p. 881. ’ 

(a) Softening point: A. S. T. M. Standard Method D 36-26; A. S. T. M. Standards 

adopted in 1926, p. 93. 

4. Bitumen (soluble in carbon disulphide): A. S. T. M. Tentative Method D 4-26 T; 

Proc. A. S. T. M. 1926, Part I, p. 876. 

es Water: A. S. T. M. Standard Method D 95-24; A. S. T. M. Standards, 1924, 

p. 901. 

12. Broken Stone Roads 

Characteristics. An ordinary macadam road, if properly built of the right 

_ kind of stone, is a very economical and satisfactory surface for light traffic. 

It affords an excellent foothold, is noiseless, does not offer much resistance to 

traffic, and is comfortable to use. In dry weather, however, a macadam sur- 

_ face is extremely dusty unless the surface is treated with a palliative or coated 

with bituminous material. 

% To be Surface Treated 

BROKEN STONE BASE TELFORD BASE 

BITUMINOUS SURFACE TREATED MACADAM 

Fig. 6 

Foundation and Subgrade. The lower or foundation course of a macadam 

road may be strengthened by a telford base, a V-drain foundation, or by in- 

creasing its thickness. The construction of telford and \-drain foundations 

has been described in Art. 7. When traffic and soil conditions are favorable, 

however, it is customary to build the foundation course directly upon the sub- 

grade. The subgrade is a shallow trench composed of two or more planes or a 

curved surface sloping from the center to the sides of the road. The trench is 

the same width as the broken stone surface. The sides of the trench are 

formed by the earth shoulders, generally 3 to 5 ft. wide. The subgrade should 

be brought to true line and grade and be thoroughly compacted with a steam 

roller. Any low spots which appear during compaction should be brought 

up to grade with good material and rerolled. 

Size of Stone. Broken stone roads are ordinarily built in three courses. 

The sizes of stone and the materials used vary in different specifications. For 

the first or foundation course the size of the stone is often from 1 to 3 in. in 

longest dimensions, while sometimes it is specified as from 1-1/4 to 2-1/2 in. 

Gravel and slag are sometimes substituted for broken stone in the foundation 

course. The second course is composed of stone ranging from 1 to 2 in., or 
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from 1/2 to 1-1/4 in. in longest dimensions. The top course consists of screen- 
ings varying from 1/2 in. down to dust. Since nearly all of the broken stone 
used for road construction is screened through a rotary screen, it should be 

noted that the speed at which the screen is revolved, the pitch, the length and 
the size of holes in the screen all influence the grading of the stone into differ- 
ent sizes. 

Sizes of Crushed Stone for Water-Bound Macadam 

Stone for Screenings | Screenings 
base Top course (small) 

Product of soft rock... | 2-1/2—3/1/2 in. | 1-1/4-2-1/2 in. in. 0-1/4 in. 
Product of hard rock..} 1-1/4—2-1/2 im. | 1-1/4~2-1/2 in. }........... 0-1/4 in. 

Laying the Stone. Some engineers advocate laying the larger stone on top 
of the smaller in cases where the stone is low in hardriess and toughness and is 
liable to be crushed during rolling. Large stones in the surface wear longer 
than smaller ones, but more rolling is required to secure a smooth surface. 
To gage the thickness of a layer, wood cubes of a depth equal to the thickness 
of the layer are sometimes placed at intervals in the roadway and the stone is 
filled in to the tops of them. Another method of obtaining the same result is 

to set longitudinal strings at the proper elevation at the sides and center of the 
roadway. Stone for the foundation course, if brought in bottom-dump 
wagons, may be dumped directly upon the subgrade and spread with stone 
forks or with a stone spreading machine. Stone brought to the work for the 
second course should be dumped on boards and shoveled from thereto the 
road to prevent the segregation of sizes which might occur if the stone was 
dumped directly upon the road from the wagons. 

Rolling. The first and second courses are each laid to the required thick- 
ness and separately rolled, being sprinkled with water to aid compaction if 
necessary before the next course is placed. The roller used in compacting this 
material should be at least 10 short tons in weight. The process of tolling 
should be to begin at one edge of the roadway, roll longitudinally, and work 
toward the center. After reaching the middle of the road, the roller should 
pass to the other side, again roll longitudinally, and work toward the center 
This manner of rolling keeps the road in shape and prevents either pushing 
the crown out of line or flattening it. Careful rolling is absolutely necessary 
in order to obtain a good shape to the road surface. Steam or gasoline rollers 
always should be used as horse-driven rollers are not sufficiently heavy’ to 
properly compact broken stone. Usually 12 to 18-ton rollers should be used 
for hard, tough rock, and 10 to 12-ton rollers for soft stone. 

Applying Screenings. Having finished and rolled the second course as 
above described, the surface is covered with a layer of stone screenings and 
thoroughly sprinkled with water in order to fill the voids in the stone with the 
screenings. More screenings are added as desired and rolling is continued, 
the surface being sprinkled in front of the roller. When the proper amount 
of water and screenings have been used, a wave of grout will be pushed along 
in front of the roller A coating of screenings should be left over the entire 
surface, no more being used than is necessary to cover the stone. The stone 
screenings resulting from the crushing of the rock with which the first two 
courses are built are generally used for the binder. When this material is 
unsuitable for this purpose, clay, loam, sand, or screenings of a different rock 
are substituted for it. 
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The Thickness of the Courses varies in different specifications, and is 

governed by the amount of traffic which the road is to receive and the condition 

of the subgrade. Common values are 4, 6, and 8 in the total thickness after 

rolling, where the subgrade furnishes a good support. The upper course is 

from 2 to 3 in. in thickness after rolling. In some states the stone surfacing is 

the same thickness throughout the width, while in others the thickness is re< 

duced at the sides from 1 to 2 in. 

Maintenance. Water, if allowed to stand on a macadam surface, will soften ' 

the macadam and cause it to wear out rapidly. Also when the frost is coming 

out of the ground the surface will be in a soft condition and require attention. 

Thorough surface and under drainage is just as essential as it is in the case of 

an earth cr gravel surface. 

Slag Roads. Blast furnace slags are produced in the manufacture of iron 

and steel, and, in some cases, are very similar in appearance to close-grained 

igneous rocks. In some cases, blast furnace slag may be excavated from slag 

banks by means of a steam shovel, which serves te break of the material suffi- 

ciently so that it may be screened. The slag from the open-hearth process is 

generally run into molds. Usually it is broken up in a rock crusher into sizes 

suitable for road work. The methods used in building slag roads are similar 

to those described for the construction of broken stone roads. 

Shell Roads. ‘The state of Maryland has built many miles of oyster shell 

roads along the eastern shore of Chesapeake Bay. 

Maryland State Roads Commission Specifications stipulate that the subgrade shall 

be firm and well rolled. The depth of the first.course of shells is either 5 in. or 5 in. at 

the center and 3 in. at the sides. The depth of the second course is either 3 in., or 5 in. 

at the center and 3in.at thesides. The shells are spread upon the roadbed with shov- 

els from piles along the road or from a dumping board. They are rolled with an 8-ton 

roller and are sprinkled with water or pound with sand during the process of rolling 

until the surface is firmly compacted. The third course is composed of clean, sharp 

sand, spread just thick enough to cover the second course after the latter has been 

thoroughly compacted. 

Surface Treatments 

A macadam properly built of good materials and well maintained with 

bituminous surface treatments will last indefinitely under medium traffic, 

and the cost of maintenance is far less than the interest at 6% on a pavement 

of the first class. It may be safely said that a bituminous treated macadam 

will stand up for many years under unlimited pleasure car traffic. Heavy 

truck traffic causes internal wear. 

Surface treatments may be divided into: (a) cold surface, and (b) hot sur- 

face treatments. On the whole the former have been the more successful. 

Hot treatments have resulted all too frequently in wavy or “ wash-board ”” 

surfaces. Once such surfaces form it is almost impossible to eradicate them 

short of scarifying the entire road. Cold treatments rarely wave unless too 

much bitumen is applied. Hot treatments suit the traveling public better 

than cold treatments because as soon as the bitumen is cool it sets up, whereas. 

the cold treatments splash traffic until the bitumens harden, often taking 

nearly a week. Asphaitic oils and tars are used. Location of the job, mate- 

rials of construction, weather conditions, and price are factors to be considered. 

Materials with high viscosity are used in hot weather or in the southern states, 

and the lighter materials are used in cool weather or in the northern states and 

Canada. As a rule the asphaltic oils are cheaper than the tars. In general 

tars have been more successful for cold surface treatments, and asphaltic oils 

have been successful for hot treatments. Asphalt cut-backs have been the 
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Bituminous Materials for Cold and Hot Surface Applications 
Suggested by the U. S. Bureau of Public Roads 

Material 

Asphaltic road 
oil for cold 
application 

Specific gravity 
25° ]Z5" es Flash point 

Specific vis- 
cosity 

0.935 to 0.970.... 

Oil for hot ap- 

Not more than 
50° C. 

At 25° C., 80 
to 120 

Float test 

Notless than 0.980} Not less than | Not morethan | At 32° C., 
plication 80° C. 60 at 100° not less 

Cc. than 60 
sec. 

Tardtor cold ap-).4 10 £0,414. .clewwilap since pe fete Fat BOP Moi lD decease eee 
plication to 35 

(Tar for‘hot’ ap>:|-Not less thaw i 13ahe. 0s fo. de i eS A SOs AEIS22503 
plication 60 to 150 

Per cent of 
Total bitumen | bitumen 

Material Loss at 163°C. | Float test of soluble in insoluble 
in 5 hours residue 2 S 

CS in 85 

B naphtha 

Asphaltic road | Not more than | Not less than | Not less than| Not less 
oil for cold 30% 90 sec. at 99.5% than 6% 
application SOACS 

Oil for hot ap- | Not more: than | Not less than] Not less than | Not less 
plication 158% 110 sec. at 99.5% than 6% 

SOG 

Lar tor conmap=i|2 wuss cic c os test ont canine: ceo mete 95 ta TOO Si, Se eee 
plication 

Pango ROtAD=h te. coe ir decane Ate By Not less than |..... wee ets 
plication 85% 

s Total distillate Temperature | Quantity per | Cover per 
Material by weight when applied sq. yd. sq. yd. in lb. 

Asphaltig "roadt | 30.), UR. etek ote AGT 5 nilita, seaweed 1/3 to 1/2 gal. | 28 to 35 
oil for cold 
application 

Oil for hot ap- 
plication 

Tar for cold ap- 
plication 

Tar for hot ap- 
plication 

Not more than 
To 170° C—2% 

270° C.—25% 
300° C.—35% 

To 170° C—1% 
270° C—15% 
300° C—25% 

200° F, to 250° 
BE 

At least 50° F. 

200° F. to 250° 

1/3 to 1/2 gal. 

1/S:galint.. 6% 

1/3 to 1/2 gal. 

—————$$—$____ 

30 to 40 

25 to 30 

30 to 40 
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most successful asphaltic materials used for cold applications. They set up 
quickly but their cost is greater than for the road oils. 

If it is desired to lay the dust only, and not to form a wearing surface, then a 

cheap road oil may be spread which will waterproof the surface for a season. 
Initial treatments will approximate 1/2 gal. per square yard. Such oil can 

be bought for about 6 cents per gallon delivered at siding. No cover is put 
on such treatments, but the oil is permitted to penetrate the surface. It 
is a mistake to waste money on oils which merely lay the dust. 

Method for Surface Treatment 

1. Sweep macadam thoroughly, removing all loose material, and make 
sure that manure and other filth are wholly removed. 

2. Patch holes, using either hot-patches or cold-patches. Be sure that no 

dust pockets are left. If at this time it is observed that the old macadam is 

rough and will not be helped much by patching, then it must be scarified and 

rolled. In this case use new stone where necessary. 

3. When macadam is dry apply bitumen. For an initial treatment with 

cold material use about 1/2 gal. per square yard. Puddles of bitumen must 

- be broomed out or fat spots will result. If the road has been treated before, a 

treatment of from 0.1 to 0.3 gal. is all that is required. Asa rule, if as much 

as 1/2 gal. is necessary it will be best to spread it in two applications of 1/4 

gal. each. 
4. Two hours or more after the last application cover the bitumen with 

_pea-gravel, clean stone chips, or slag chips. It is a mistake to use sand for a 

cover. With tars the amount of cover for initial treatment will be about. 

25 lb. per square yard. With asphaltic oils use about 35 lb. Use less cover 

on subsequent treatments. If a hot treatment is given the bitumen may’ be 

immediately covered. 

On hills it will be found advisable to use 3/4-in. stone for cover, rolling the 

stone into the treatment. This will prevent skidding, and will also keep the 

treatment from pushing or waving. 

If holes form no time should be lost in repairing them. Chains on motor 

cars form ruts during the winter. These must be repaired at the first 

opportunity. 

The important point to remember is that in all gurface treatment work on 

whatever type of road or pavement the amount of bitumen used must be kept 

ata minimum. Too much is worse than none at all. 

For specifications see A. S. T. M. specifications for tars and asphalts and U.S. B. 

P. R. specifications for cold and hot applications. 

13. Retread 

There are many milesof old roads that are not satisfactory for modern traffic 

and yet are too good to tear up and replace with something else. Such roads 

are old gravel, shale, badly worn macadam, shell, caliche, and similar types. 

A method known as Retread has been devised to salvage these roads and to 

make them into good roads at low cost. The method is also called mixing-in- 

place. The operations necessary are extremely simple; the machinery actually 

called for is only a blade grader, although a roller is desirable; the cost is very 

low; the method seems to be wrong in principle, but the results are surprisingly 

good. Any road other than an earth road may be retreaded. Materials used 

are clean 3/4 in. crushed stone, and either tar or asphalt of the proper consist- 

ency. To date (1929) the tars have been more successful for this type of 

work. 

* Trade mark registered, The Barrett Co. 
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Construction 

1. Prepare old road by filling up ruts, removing bumps, and making the 

surface smooth and firm. This work can all be done with the blader, letting 

traffic compact the old road. It is essential that waves and depressions 

shall be taken out before the new topisput on. It is sometimes wise to wait a 

week or so to see if a smooth riding surface has been produced by the grading 

operations. 
2. Spread clean 3/4-in. stone over the road to a depth of about 2 in. 

Blade it. 
3. Apply tar (spec. ‘Retread ”) at the rate of 3/4 gal. per square yard. 
4, Use road grader, blading until the tarred stones show a tendency to ball 

up under the grader. This may take three to four days. Ruts and waves 

must be bladed out before the tar sets up. 
5. If a roller is available, roll until solid. 
6. When road has set up, apply i/4 gal. per square yard of the same grade of 

tar. 
7. Cover with stone chips or pea gravel. Roll. 

Traffic is not kept off during construction. In fact, if no roller is to be had, 
traffic will satisfactorily compact this type of road. 

Maintenance 

A retreaded road is maintained either by surface treatments, usually an- 
nually, or by an additional retread top which, of course, will add additional 
depth and strength to the road. For surface treatments the amount of bi- 
tuminous material applied will vary from 0.2 to 0.5 gal. per square yard. 

These treatments should be covered with pea-gravel or stone chips, although it 
is a wise plan to let the bitumen soak into the road for a few hours to liven up 
the old material. Then apply the cover. 

Refined Tar for Retread 

General Requirements. The refined tar shall be homogeneous. 

Properties. The refined tar shall meet the following requirements: 

1. Specific gravity at 25° C. (77° F.), not less than 1.120. 

2. Specific viscosity, Engler, 50 cc. at 40° C. (104° F.), 25.0 to 40.0. 
3. Total distillate, per cent by weight: 

To 170° C. (338° F.), not more than. 3.0. 
To 270° C. (518° F.), not more than 30.0. 
To 300° C. (572° F.), not more than 40.0. 

(a) Softening point of residue (ring and ball), not more than 60° C. 
(140° F.). 

4. Bitumen (soluble in carbon disulphide); per cent by weight, 88.0 to 
97.0. 

5. Water, per cent by volume, not more than 3.0! 
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PAVEMENTS 

14. Bituminous Macadam Pavements 

A bituminous macadam differs from other types of bituminous pavements 
in that the bitumen is added to the aggregate after the latter is in place on the 
road. All the materials for sheet asphalt, asphaltic concrete, tar concrete, 
and asphalt block are mixed.in a central plant or roadside plant. But a 
bituminous macadam is constructed in place by placing a layer of aggregate 

on the foundation and, after rolling, pouring or spraying binder over it. This 

is often called the “ penetration method.” 

When built with the same care and attention to detail that is accorded 

higher types of construction the penetration pavement is an excellent one, and 

it will stand up under all but the heaviest truck traffic. Failures of this type 

can always be traced to one or more of the following: insufficient founda- 

tion, poor aggregate, carelessness in construction and inspection, and bad 

weather at the time of construction. 

The equipment required by the contractor is less than that for any other 

bituminous type except asphalt block. Ordinary day labor is sufficient for 

the most part. Yardage possible per day is large. Cost is low. Results are 

good, Usually the cost should be about 20% lower than bituminous concrete. 

A number of variations from the general method of construction have been 

devised. It is doubtful if any of these show any real points of superiority 

whereas every one of them increases the cost. These will be briefly com- 

mented on after the general method has been explained. 

Foundations. It is assumed that the subgrade has been drained and shaped. 

to correct cross-section, and that ditches and shoulders have been built. Time 

for the subgrade to settle must elapse before the foundation is placed. Satis- 

factory types of foundation are concrete, black base, broken stone or slag, and 

8-0"or 9'-0" 8:0"or 9-0" 
16-0"or 18-0" 
26:0'or 28'-0" 

BROKEN STONE BASE TELFORD BASE 

BITUMINOUS PENETRATION SURFACE COURSE 

Fig. 7 

gravel. Broken stone bases should be at least 6 in. deep, and may be 12 in. 

where heavy traffic is expected or the character of the soil demands such a 

depth. Gravel should be at least 9 in. deep. 

Existing macadam or gravel roads make good bases for new tops if they are 

really thick enough. There is but one way to determine this and that is to dig 

test holes here and there, indiscriminately, and thus learn exactly how much 

stone is in the road. If less than 6-in. is found more stone must be added or 

the old road must be rebuilt as a foundation for the new top. One item of 

the utmost importance is: All holes, waves and irregularities in the old road 

must be removed before the new top is built, otherwise these will show up in 

time in the top. 



2 Remeve- at this time any ditty stone, and with dean stone, 
Roll with a three-wheel ttea, or heavier, until stene is Keyed in 

mace. Great care must be used here if soft stone is being rolled te prevent 
tee muck relling with consequent pulverizing of the stone Roll enough to 
true up the surface, Dut de net injure stone ner Ml veld, 
4. Spray oe peur binder aver the relled tone As a rule use YE gal. 

sect quantity that these chips fi the woids of the wearing course 
Gs Rodt with Swheet reller. Continue relling untif the surface is perfect. 

De nerell faster than a walk. Om extremely het days it may be necessary 
te step reiing at the hettest part of the day and wait until the sun is aif the 
pavement. Great care must be taken not te develop waves in the pavement 
ab thin Gime See it is almest imapessible te reil them out. Diagenal rolling 
iINadvartageeux, " 

Ty Sweep off all loose material that isnot held by the binder. 
SN ee ET Se eee 

weecaaees 
iene wine This may de stone chips, pea-gravel, or 

cease Saad. Phere Qowic: be ai excess: over thee which will be held by the 
seaicead, This excess tends te find its way inte voids and helps make a tight 
fee 

LQ. Roll te a fimist, A tandem roller may be used here, but roll sewly, 
Fast reliing is certaim te develop waves 

Li. Li the binder used was tan, them within 60 days a second seal coat should 
beapplied using abeut 1/2 gal. persquare yard, Use a celd application tar 

Repairs: 

i, Dig-out area that failed and examine base carefully for failure, If base 
bas aie a be rebut with materials. 

2. Om repaited base build up the macadam patch in identically the same 
way ac ia-onginal construction. 

Hinitiociness’ 

Freat thne te time penetration pavements require surface treatments with 
seme Ditumineussmatenal, There is:no rule for determining this. The only 
quid is the condition of the pavement: Tf the.mosaic surface of the aggre 
sate is plainly visible them it is time-te treat without delay. Ags a rule tar 
deund macadamsrequire treatment sooner and more frequently than where 
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asphalt is used. There are numerous instances of asphalt macadams that 
have not needed treatment over a period of 8 to 10 years. The essential] 

thing is to watch the pavement and treat it before it begins to go to pieces. 
Treatments may be either hot or cold. The hot treatments have the ad- 

vantage of drying immediately so that they do nof cause traffic to be spattered 
with bitumen, although they have the disadvantage of sometimes causing 
waves to form. This disagreeable feature can be largely overcome by cover- 

ing the treatment with 3/4-in. stone chips which are rolled into the road sur- 

face. A sand cover should never be used With a hot treatment because waves 

are almost certain. 
Cold treatments take longer to dry, but they have the decided advantage 

of finding the tiny cracks and filling them, thus waterproofing the pavement 

far better than the hot treatments. They rarely cause pushing or waving of 

the wearing course. The cover for the cold treatments should be either chips 

or washed pea gravel, rolled in. ; 

Do not form a thick mat. Keep the amount of surface treating material to 

the minimum, otherwise a bump will form, followed by other bumps, and soon 

_ the entire surface will be a succession of bumps or waves. These may some- 

times be removed by cutting them off with a hot shovel. 

It is possible to treat an asphalt macadam satisfactorily with a tar surface 

treatment, and vice versa. Some engineers prefer to surface treat tar mac- 

adam with a hot asphalt, and it is probably true that such a treatment lasts 

longer than a like application of tar. 

So long as maintenance is continued and truck traffic does not become too 

intense, there is no reason why a bituminous macadam, properly built, should 

not last indefinitely. 

Maintenance Methods 

1. After repairs have been made, thoroughly sweep and clean the pavement. 

Tf a fire hose or a water sprinkler wagon is available the pavement may be 

scrubbed. 
2. Apply a treatment of asphalt ( specifications for hot application, surface 

treatment, or cut-back), or tar (specifications for cold surface treatment, or 

hot surface treatment) at the rate of from 0.1 to 0.5 gal. per square yard, 

depending on the condition of the surface. 

3. (a) If hot application or cut-back asphalt is used, cover immediately 

with 1/2-in. stone chips or pea-gravel, using from 20% to 60 lb. 

per square yard, depending on amount of bitumen used. Tars 

require 35% less cover than asphalts. 

(b) If cold surface treatment of tar is used allow at least two hours to 

elapse before cover is applied. In some cases, where the pavement 

shows signs of being brittle it is best to close the road, applying 

no cover, and let the old surface absorb the fresh tar. 

4, Roll the cover into the surface. 

One of the most successful variations of the method outlined above is that 

known as “ pitch grouting,” or “ asphalt grouting.” It is similar in most 

respects to the usual method except that, instead of using asphalt cement or 

tar binder alone, these materials, in either case, are mixed with an equal volume 

of hot sand, and the resulting mastic is flushed over the stone. Results have 

been excellent, but the cost is about that of asphaltic concrete. 

Another successful variation is to lay a mastic course directly on the base 

and spread the wearing course stone therein. This forms a waterproof bed 
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and securely binds the wearing course stone in place, and it also prevents 
the escape to the base of any binder from the wearing course. 

Another scheme is to spray the base with binder, spread a layer of stone 
and roll it into the binder; then spray more binder and cover with stone, and 
toll; and so on until the desired depth is obtained. This is an inverted type. 
A number of other variations have been tried with some success. Some have 
been patented. 

Specification for Asphalt 

Suitable for asphaltic macadam 

The bituminous material, which shall be oil asphalt, or fluxed Bermudez 
asphalt, shall meet the following requirements: 

Oilasphalt Bermudez 
1. Specific gravity at 25° C., not less than......... . 1.000 1.040 
2. Flash point, not less than... scccck«aaimeisie.s ete cn’ igen Oo Tio tee 
3. Penetration at 25° C., 100 g., 5sec.............. 100 to 120 100 to 120 
4. Ductility at 25° C., not less than................ 30 30 
5. Per cent of total bitumen soluble in carbon tetra- 

chloride; not less than, 4 and ad thw len onesies « 99 99 
6. Per cent loss.at 163° C., 50 g., 5 hr., not more than. 1 3 

Penetration of residue at 25° C., 100 g., 5 sec., as 
per cent of original penetration, not less than... 60 50 

7. Total bitumen percentage, soluble in carbon disul- 
hides not less than. 2%... <ic te ueemress wed 19 JU 99.5 94 

Specification for Refined Tar for Tar Macadam 

General Requirements. The refined tar shall be homogeneous and free from water. 

Properties. The refined tar shall meet the following requirements: 

1. Specific gravity 25° C..(77° F.), 1.220 to 1.280. 
2. Float test at 50° C. (122° F.), seconds, 130 to 190. 
3. Total distillate, per cent by weight: 

To 170° C. (338° F.), not more than 1.0. 
To 270° C. (518° F.), not more than 10.0. 
To 300° C. (572° F.), not more than 20.0. 

(a) Softening point of residue (ring and ball), not more than 65° C. (149° F.) 

4. Bitumen (soluble in carbon disulphide) per cent by weight, 75.0 to 85.0, 

15. Bituminous Concrete Pavements 

A bituminous concrete pavement is one composed of broken stone, broken 
slag, gravel, or shell, with or without sand, portland cement, fine inert mate- 
rial, or combinations thereof, and a bituminous cement incorporated together 
by a mixing method. The reader’s attention is called here to the difference 
between bituminous concrete and bituminous macadam pavements. In the 
former the ingredients are combined in a mixing plant from which they are 
then taken and spread on the foundation. In the latter the aggregate is 
spread over the foundation to the required depth and it is then coated in 
place with bitumen which is either poured or sprayed. Bituminous concrete 
is ecinente spoken of as a “mixed job,’’ while bituminous macadam is 
known as a *‘ penetration job.” 

Bituminous concrete pavements occupy a place between sheet asphalt dri 
bituminous macadam. Materials that may be unsuitable for either of these 
types may often be used to advantage. Thus, a sand which would not pro- 
duce a good sheet asphalt pavement might be incorporated with other aggre- 
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gate to form a good concrete. It is possible to use gravel and obtain satis- 
factory results. The combinations that are possible are numerous. Some 
of these have been patented, but the basic patent for the best of these combi- 

nations, namely Warren Brothers’ Bitulithic pavement, has expired. The 
basic patents of Amiestite pavement have expired. 

The fundamental idea of all concrete mixtures is that of stability. If, 
therefore, a mix can be made of which the particles are so formed and the 
percentages of each size so proportioned that a minimum of cement is required 
to bind the whole into a solid, the result will be good concrete. Following this 
reasoning it will be seen that stability will be arrived at if the individual pieces 
of aggregate interlock. And those bituminous concretes which are made of a 

graded aggregate such that the percentage of voids is a minimum while the 
stability, due to interlocking, is greatest, are the best. 

Due to the fact that it is not always possible to secure ideal materials 
several types of bituminous concrete have been developed. Under careful 
supervision these have proved themselves to be satisfactory. In general, 
asphaltic concrete is a very serviceable pavement. Tar concrete, as a rule, 
is not as good, although the early Bitulithic pavements were for the most 
part built with tar binder and many of them are in excellent condition at 
the present date (1929). 

The Asphalt Association’s Brochure 10 divides asphaltic concrete into three 
classes: Class 1 — Mixtures in which practically all of the mineral aggregate 
is retained on the 10-mesh sieve. Class 2 — Mixtures containing substantial 
quantities of both coarse and fine aggregate with a preponderance of particles 
retained on the 10-mesh sieve. Class 3— Mixtures containing substantial 

quantities of both coarse and fine aggregate with a preponderance of particles 

passing the 10-mesh sieve. 
The advantages of asphalticconcrete are: Resistance to impact and abrasion 

of traffic, low tractive resistance, freedom from producing dust, easy cleaning, 

the fact that it may be opened to traffic as soon as it has cooled after final 
rolling, maintenance cost low, easy repair, and the fact that local materials 

possibly unsuitable for other types may be used. The disadvantages are that: 

A mixing plant is required, experienced inspectors are necessary, the utmost 

care must be used in proportioning and mixing to secure uniformity, frequent 

tests must be run on the materials and the mix, the pavement sometimes be- 

comes more slippery than other types after use, and the surface may become 

unduly wavy until it resembles a washboard if the proportions of aggregate 

and consistency of the asphaltic concrete are not correct. 

Foundations. For all classes of bituminous concrete pavements, founda- 

tions of gravel, broken stone, slag, old macadam, bituminous concrete, bitu- 

minous macadam, concrete, old brick, and stone block pavements have been 

used. The foundation must be strong enough to carry the traffic to which 

the pavement is to be subjected. Weak foundations mean failure. 

Mixing Plants. There are three types: Permanent, railway, and portable 

or semiportable. A permanent plant is economical only in cities whose paving 

programs call for considerable amounts of asphaltic concrete over a period of 

years. The other types are suitable for occasional city work and for rural 

road work. For detailed description of paving plants and their operation see 

Brochure 13 of The Asphalt Association, and booklets of the various manu- 

facturers. 

Mixtures. Class 1— Broken stone, or slag, or crushed gravel may be 

used. The aggregate should be hard, tough, and clean. All fragments 

should pass a 1-1/4-in. screen, and at least 85% should be retained on a 1/4-in. 
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screen. Stone should have a percentage of wear of not less than 5, and a 

toughness of not less than 8. Usually this class is referred to as one-size stone 

asphaltic cement. Since there is practically nothing passing the 10-mesh 

sieve the resulting mix will be full of voids. It has been found in practice 

that from 5 to 7% of asphaltic'cement produces a good mix. It sometimes 
happens that an inexperienced inspector, noting the open character of the mix, 
endeavors to fill the voids by adding asphaltic cement. This will insure fail- 
ure, as the pavement will be so “‘ fat ” that it will shove and become wavy. 
If too soft an asphaltic cement is used the same effect is produced. If too 
hard, the pavement cracks and disintegrates. The surface voids are sealed 
against moisture by the application of a seal coat and cover. The proper 
penetration limits of asphaltic cement for Class 1 mixtures are tabulated 

herewith. 

Temperature 

Traffic Se eee eo 
Low Moderate High 

MAD Cree Care's oe cree clatere a tie orl et auavarateintaeeraee 100-120 100-120 60-70 | 

ModerktEers SP aHPaR, FA RV SR AR 85-100 85-100 60-70 
Bleavyecccctek. 0 a calee veie the h'o:e.ele stoke 85-100 60-70 60-70 | 

Class 2. If to the aggregate of Class 1 is added enough fine aggregate 
and filler to make a dense, almost voidless mix when the proper amount of 
asphaltic cement is introduced, the resulting mixture is Class 2. It frequently 
happens that crusher run makes an ideal mix. The fine aggregate, if not the 
product of the crusher, should be a clean, hard sand. Not too much attention 
need be paid to the grading. Asa matter of fact it will be found that a com- 

bination of coarse and fine aggregates that is satisfactory for the production 

of a portland cement concrete will be satisfactory for asphaltic concrete. 
What is of prime importance is that the aggregate shall be of such size, shape, 
and proportion that perfect interlocking takes place during the rolling of the 
pavement. When this is attained and a suitable grade of asphalt cement is 
added in sufficient quantity to bind all particles together then an excellent 
pavement is certain. The penetration limits of asphaltic cement for Class 2 
mixtures are 

Temperature 

Moderate 

PARRA T BLT NE RIE ate, 5 CEM Goolwi Reais ore 50-60 
Las Cece one eile aap sih iS onthe Sree 50-60 

fe Syste png chordie erp ey ere bee Steg vyebemeete kd 40-50 

Grading of Aggregate for Class 2 
Per cent 

Passing» 1/4-in. screen oi 2 hcl cise: be cele biviaipis eatloiee i seme Or 25 
Passing; 1/2-iny seseen?t;.../.sicop or eee cil od ras coeam tena 25— 75 
Passing’ 3/4-in. Screen, <i.) As: «, Soba hes sia\/e1sie a celeladesele Keales picasa 95-100 

A seal coat is advocated. It should be applied after the final rolling. 

Class 3. ‘‘ Topeka’ is the representative of this class. As this mix was 
evolved to evade the Bitulithic patent, and as this patent has now expired 
there is no good reason why anyone should lay Topeka. It is an inferior mix. 
The grading of the aggregate and penetration limits for asphaltic cement are: 
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Temperature 

Traffic 
Moderate 

eck avsce. Sods cl rc se... «2 secured 50-60 

Moderate: v).i5.s%. Siem piikal= Fleledimiilers she,$i0 50-60 
40-50 

: ewe > Per cent 
Mineral aggregate passing 200-mesh screen..........+.+-+- 5-11 
Mineral aggregate passing 40-meshiscreen.............. 18-30 
Mineral aggregate passing 10-mesh screen.............. 25-55 
Mineral aggregate passing 4-mesh screen.............- 8-22 
Mineral aggregate passing 2-mesh screen...........+-. less than 10 

Bitemeth weit epodimeth -Leiepennss Rasen ye -b 7-11 

The tendency of this mix is to roll, push and form waves. In order to 

give stability to such a mix there should be added a quantity of crushed stone 

that will pass a 1-1/4-in. ring and be retained on a 3/4-in. ring. The exact 

- amount should be determined by laboratory experiment. 

Analysis of a Coarse Graded Aggregate for Bituminous Concrete 

Coarse Aggregate Per cent 
Passing 1-in. screen, not less than... .....seeeeceeeeeenoes 2 95 
Total passing 3/4-in. Screen... 2... 2. ec ee snorceccseecerccscs 25 
Retained on 1/4-in. screen, not less than........02eeeeeeeees rs 85 

Chips for Seal Coat 
Passing 1/2-in. screen, not less than.........+ssseees waagemefe A 95 
Retained on 1/4-in. screen, not less than......++++sseseeees ny 85 

Fine Aggregate 
Passing 1/4-in. screen. .....--sececccecccedcercecsves wea 6 100 

Total passing 40-mesh sieve.......-..+++s+eee- islaiee pisveieteiste 30-70 

Retained on 200-mesh sieve, not less than. ......++eeeeeevees 90 

Penetration of Bituminous Material............sseeeeeees ed oe 00-50 

Composition of the Mixture 
Coarse aggregate...... see e cee cc cer re rereneneeene Be IPA E 45-60 

Fine aggregate... ...csccccccccccccrcressccececesessssences 25-40 

Mineral filler . ovr ppmmetene 010 winsewwicieie civieisiaie.e.cisiaveoieeisiescseese 3- 5 

Asphaltic cement.......+ceeececreccscecserereecere ai iiaiee 6- 8 

Analysis of Typical Bitulithic Pavement 

Aggregate 

Passing 1-1/4-in. retained on 1/2-in. screen....++.+++ 5 ennai ts ed OU 

Passing 1/4-in. retained on 4-mesh screen... ++-seeseerrrrrers 15-25 

Passing 4-mesh, retained on 10-mesh screen....-++++++++++++- 5-15 

Passing 1O-mesi aerctte ack seks dyeieiapsieieio'ei oie « 0.0.e oer siniereieieie 20-35 

Analysis of that part passing the 10-mesh sieve: 

Passing 10-mesh, retained on 40-mesh sieve....-.++++++++e+0* 15-40 

Passing 40-mesh, retained on 80-mesh Si€Ve...+.+++++eerer ees 22-53 

Passing 80-mesh, retained on 200-mesh sieve....----++-++++++ 15-40 

1 PACCHa aA.) ted Br NIIP ee RICO NI CRC ORICA EC 10-15 

Asphaltic Cement.......-..--- OAL TS bine Oe Re byeiclg ape rule 8-12 

Hot Mix, Laid Cold. There is a large field for a bituminous concrete that 

can be laid cold. Several have been developed; to date Amiesite and Tarvia- 

lithic are most representative. The methods of manufacture in all are similar. 

Briefly, the aggregate is cleaned, heated and dried. It is mixed with a suitable 

bitumen, loaded into cars or trucks and shipped to its destination. Some 
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trouble has been experienced in unloading these mixes from railroad cars, but 
if a clamshell bucket is used it is fairly easy. In both of these pavements two 
mixes are used, a coarse mix for the lower course of the pavement and a fine 
mix forte top. The coarse mix is laid about 2 in., or more, thick and spread 
uniformly and rolled with a 10 to 12-ton roller. The top is then spread from 
1/2 in. to 1 in. thick, and rolled until a smooth pavement results. In cold 
weather it is customary with Amiesite to follow with spreading a thin layer 
of sand which has been treated with asphaltic oil and to roll this into the pave- 
ment, thus sealing it. In hot weather these pavements seal themselves, but 
in the late fall they are liable to remain unsealed unless some such method 
is employed. When carefully made and laid either of these pavements will 

carry heavy trunk line traffic. 
The hot-mix-laid-cold type is specially suited to the small town which has no 

asphalt plant, and where an occasional bituminous job is indicated. This 
type has been successfully laid over old, worn-out pavements such as brick, 
concrete, water-bound macadam, stone block, and even wood block. There 

are a few tricks to be learned by the novice who has never laid this type but 
who may have had experience with hot mixes. He should consult the manu- 
facturers before he attempts to lay his first job. 

It isa mistake to attempt to lay one of these pavements with a total thick- 
ness of less than 2 in. 

Analysis of Amiesite 

Coarse Aggregate in Lower Course Per cent 
Passing 1/4-An sieves cen. co vee Cee eines bes Cn cle ne or eerie: oO 5 
Passing S/S-inesereen Sek AAG Be ees wo va oe et esos bare Q- 25 
Passing 11/28 scrbent sis Io eee casas Se Live cs aide ae eels . 75- 95 
Passing 221i} Seréeils 5. So We Gia stent oe Soke ote Siles Cm teiaiele 100 

The top course contains coarse aggregate and filler. The filler consists of clean 
rock screenings, all passing a 1/8-in. screen. The coarse aggregate for the top is: 

Per cent 
Passing. 1/4-tn« Screens d00ks a Cuca gine ee 0- 20 
‘Passing. S/8-in. Sereeh't <2. Sho 5 3. coer ccns Seen. tem aesie 95-100 

Lime is added after the asphaltic cement has been mixed with the aggregate. 
The percentage of the materials used is: 

Lower Top 
course course 

Mareral BY ePepave..« smos ccc emcee cece tie 86 -90 85 -89 
Biller (..8o5 Saisges sees as <p glen nimeniaite Seog, ae vO 5 -8 
Asphaltic contentvo7vk 3 Se PORTS, 4 -6 5 =" 
MTR G. aeck wiv carers iosnieecy crave el eia Ve Eaten sea teia eicicalensce ne teks .5- 1 .5- 1 

The aggregate is supposed to be washed, before mixing, with petroleum naphtha. 
The Amiesite aggregate is mixed with asphaltic cement. The Tarvialithic aggregate 

is mixed with a special grade of Tarvia. 

16. Asphalt 

Sheet Asphalt 

Characteristics. Sheet asphalt pavements are those in which the wearing 
course is composed of a mechanical mixture of asphalt cement with a carefully 
graded sand, passing a 10-mesh sieve, and mineral filler. A sheet asphalt 
pavement is waterproof, smooth, noiseless, easily cleaned, and non-productive 
of dust. It is ot slippery when wet unless it is dirty, and that is not the fault 
of the pavement. Repairs and maintenance are simple and inexpensive, 
with no inconvenience to the traveling public. It wears away uniformly. It 
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will carry the heaviest traffic of the largest cities, and yet it is well suited to 
residential districts. As itis a black pavement it absorbs heat. Unless care- 

fully constructed of proper materials it may become wavy or rutted in hot 

Header Curbing P 

1:2:3 Concrete Rise 2"Crown to Conform to the.Arc of a Circle ee 

& Depth 24," 14' Surface Course 9 Radius 134" Depth 
1" Binder Course ¥% Radius 

summer weather. Gas leaks may ruin it. Lubricating oil dropped from 

motor cars tends to cut back, or soften, the asphalt cement. 
The wearing course mixture is usually laid over a binder course which is laid 

directly on the foundation. 

Foundations. Sheet asphalt pavements have been successfully laid and 
maintained over the following foundations: cement concrete, black base; 

Slope - same as Roadway 
Paint with Y"Radius approx Y4"to 1'-0" 

thin Coating of 
Asphaltic Cement %4" Radius 

For Depth 
of h see the 
‘able below 

a Bituminous Pavement Spec. D- E 

4'Vitrified Brick or Wood Block 
5"Stone Block Pavement - Sand Bed 
5"Stone Block Pavement -Cem. Sand Bed 

HEADER CURBING 
Fig. 9 

old brick, stone block and concrete pavements; old macadam; and gravel 

roads. If an old pavement is to be used, run a heavy roller over it to ascer- 

tain the weak spots. Repair such areas. Loose blocks will roll even after the 

sheet pavement has been laid, and this will cause a failure at such a point. 
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Depressions in the old pavements must first be filled with some binder course 

material and the entire surface of the old pavement should be made fairly 

true. If the old road is widened, then sufficient time must be allowed to let 

the new stone or gravel consolidate and pack. Six to eight weeks is not too 

much. 

Binder Course. The binder is an intermediate course between the foun- 

dation and the wearing course. It is composed of a mixture of asphalt cement, 

or coal tar binder, with broken stone, slag, or crushed gravel. Whatever the 

material it should be strong and tough. A soft stone will cause a failure of 

the wearing course. Binder stone should all pass a 1 in. to 1-1/2 in. ring, 

depending on the depth of the binder stone. There are two classes of binder 

course: open binder, and close binder. Open binder consists of stone or 

slag aggregate from 1/4 in. to 1-1/2 in. in size, with practically no fine material. 

There should be enough variation in sizes between these limits that the mixture 

will interlock under rolling. No attempt is made to fill the voids as the sheet 

mixture serves this purpose. Close binder is really an asphaltic concrete 

the aggregate of which consists of broken stone and sand. The grading of 

these materials is as follows: 

Total Mineral Aggregate Per cent 

Passing largest screen specified and retained on 1/2-in. screen.... 15-65 

Passing 1/2-in. screen and retained on 10-mesh sieve........--- 20-50 

Passing 10-mesh SieVe.... +. eee eeeeeee cece ees etreerecereee 15-35 

Of asphalt cement 4.5% to 6% is added, the exact percentage being found 

by trial. Each particle should be thoroughly and uniformly coated with 

asphaltic cement. Too much asphaltic cement causes fat spots to develop 

in the wearing course. Too little makes for a brittle binder course. The mix 

should be delivered on the job at between 200° F. and 350° F., and if it is be- 

tween these limits it should crawl when dumped from the truck. 

Wearing Course. The aggregate consists of a hard, durable, finely graded 

sand and a fine filler, such as limestone dust, slate dust, or portland cement. 

The amount of asphaltic cement varies from 9% to 13%. These materials 

are mixed in a central plant and brought to the job in trucks. The tempera- 

ture of the mix should be between 250° F. and 350° F. Stiff mixes require 

the higher range. Also, when hauling long distances the higher temperatures 

are necessary, and the truck load should be covered to keep in the heat. 

When the mix is dumped, it is raked over the binder course to a depth (loose 

measurement) of about an inch greater than that desired for the finished 

depth. The rakes are hot, the men work rapidly, and the greatest care must 

be exercised to see that the spreading is done uniformly, so that no high or low 

spots may develop under rolling. Absolute uniformity of mix is essential. 

Variations that are noticed should be reported immediately. 

Sand for the wearing course should be hard, tough, clean, and fairly sharp. 

The Asphalt Association recommends the gradings shown in table at top of 

next page. 

The mineral filler aids in filling voids, and it also seems to increase the 

stability of the mix. The most satisfactory materials have been found to be 

limestone dust and portland cement. Both of these are very finely ground 

and yet they do not tend to make the mix ball up. Other materials are some- 

times used. The amount of filler varies from 10% to 20% of the total mineral 

aggregate. 

Asphalt Cement. Satisfactory asphalt cements, as shown by service tests, 

have been made from California, Mexican and Texas asphaltic oils, gilsonite 

and asphaltic oil, and “ Bermudez ” and “ Trinidad ” refined asphalts. 
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Standard Sand Gradings 

Heavy Light 
Sieves traffic, traffic, 

per cent per cent 

Passing 10-mesh, retained on 20-mesh..............-- 5 10 
Passing 20-mesh, retained on 30-mesh................ 8 } 23 10 | 35 
Passing 30-mesh, retained on 40-mesh..............-. 10 15 
Passing 40-mesh, retained on 50-mesh. «.........+-.. 13 has 15 \4s 
Passing 50-mesh, retained on 80-mesh.............+4- 30 30 
Passing 80-mesh, retained on 100-mesh..............-+ 17 \ 34 1B} 20 
Passing 100-mesh, retained on 200-mesh..............-- 17 10 

Passing 200-mesh...... 2.0200 2eeeeeee cece ereeeneenees 0 0 

100 100 

The following is from Brochure 9 of the Asphalt Association: 

The most desirable consistency of asphalt cement for sheet asphalt construction 

will be governed largely by climatic and traffic conditions. Stability of the topping 

mix in particular depends to a considerable extent upon the consistency of the asphalt 

which binds the sand grains together, as the most carefully graded and compacted sand 

exhibits but little resistance to displacement by itself. A very soft asphalt cement 

will not hold the sand grains together in their original position with sufficient tenacity 

and its use will therefore result in undue deformation of the surface under traffic. 

On the other hand, too hard an asphalt cement will produce a brittle mixture in cold 

weather which is not sufficiently malleable to prevent the formation of contraction 

cracks in the pavement. The following table will serve as a general guide in selecting 

suitable ranges of penetration for asphalt cements to be used under various climatic 

and traffic conditions: 

Penetration Limits of Asphalt Cement 

Temperatures 

Low Moderate High 

j Gas eto 2 ORR RPG HAD Te 50-60 50-60 40-50 

Se a iynb pact specie) Lougyeih oles: muatieazesay ve 50-60 50-60 40-50 

40-50 40-50 30-40 

Inspection of Sheet Asphalt. Competent inspection of both plant operation and 

street work are very necessary to successful sheet asphalt construction. This will 

ordinarily necessitate the services of two inspectors who have acquired sufficient ex- 

perience to suggest modifications in proportions or methods of manipulation, within 

specification limits, which from time to time may be desirable. These plant and 

street inspectors should work in harmony and keep in close touch with one another. 

The former should occasionally visit the street in order to observe how the mixtures 

behave during laying. 

The plant inspector should carefully observe all details of plant operation, particu- 

larly in connection with the heating of individual constituents, their measuring and 

proportioning, the period of mixing, and the condition of the mix upon leaving the 

plant. He should keep a record of the témperatures to which the asphalt, sand and 

stone are heated prior to mixing and the temperature of the finished mixture when 

discharged. He should also record the number of loads sent out. He should test and 

record the consistency of the asphalt cement particularly if fluxing is carried on at the 

plant, in which case he should see that the proper proportions of refined asphalt and 

flux are used and that a uniform product is obtained. He should make grading tests 

of the mineral aggregate constituents and see that at all times proper proportions of 

asphalt cement and aggregate are used. He should check measurements from time 
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to time and should make occasional pat tests of the surface mix as it is being prepared. 
He should be provided with the necessary equipment for plant testing and a room in 
which such tests may be made. In addition to his own tests he should, however, for- 
ward to a testing laboratory samples of the various constituents and of the mix itself 
for check and control tests. The testing equipment of the plant inspector will ordi- 
narily include the following: 

An armored thermometer of suitable range for recording temperatures of the hot 
aggregates and mixes. 

A set of standard screens and sieves, as may be called for in specification require- 
ments. 

A stiff brush for cleaning sieves. 
A large balance of 10 lb. pan capacity and a set of decimal weights for broken 

stone weighings. 

A small sand balance with pan capacity of 200 g. for weighing sand. 
A complete penetration test outfit for determining the consistency of asphalt 

cement. 

A pat test outfit. 
A supply of report forms. 

The room assigned to plant testing should contain a short workbench for testing 
apparatus, shelves for samples, a chair anda table. For sampling, the inspector should 
be provided with suitable cans, gum labels, pans and a long-handled metal dipper. 

The street inspector should carefully observe all details of the laying of the pave- 
ment. He should take and record the temperature of the various loads of hot mix 
received on the work and for this purpose should be provided with an armored ther- 
mometer. He should see that the loads are so distributed as to give the specified 
thickness of pavement and that they are properly raked and compacted. He should 
take occasional check samples of the mix as received and should forward these to the 
testing laboratory and in some cases it may be advisable for him to take samples of 
the finished pavement for laboratory analysis and density determinations. 

Construction 

(a) Binder Course. 1. Thoroughly clean base. Remove any standing 
water. Let base dry. 

2. Deliver binder at a temperature of at least 225° F. and not more than 
350° F. 

3. Dump binder outside area where it is to be spread, although it may be 
dumped on the base in advance of the actual spreading area. 

4. Use hot rakes and spread binder course in a uniform layer of such depth 
that when compressed it will be of correct thickness. 

5. Roll. Use a roller of at least 10 tons weight. Roll longitudinally, be- 
ginning at sides and rolling gradually toward center. Roll slowly. 

6. Do not stop the roller except at the beginning and end of area to be rolled. 
Once the roller starts let it continue until the end is reached. 

7. Use hot tamper at places that the roller cannot reach. 
8. If fat spots develop, cut them out and fill in with fresh, hot binder. 
9. Do not roll over the unprotected end of the binder course unless no more 

is to be laid for the present. In that event the rolled-out ends are trimmed 
off when new binder is placed. 

(b) Wearing Course. 1. Be certain that the binder-course is clean. 
2. Deliver wearing course at a temperature of at least 250° F. and not over 

350° F. Do not attempt to work when the air temperature is below 45° F, 
3. Dump mix outside of area on which it is to be spread. Spread with 

hot shovels, and rake with hot rakes. Rake to uniform depth such that after 
compression the wearing course will be of correct thickness. 

4. Paint contact surfaces of gutters, manholes, and curbing with a thin coat 
of hot asphaltic concrete or cut-back asphaltic concrete. 
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5. Work rapidly, and have no delays of any kind. Keep moving. 

6. Roll. Use a tandem roller 10 tons or more in weight. Do not usea light 

roller for the initial rolling. A 15- to '18-ton roller is best. Always start 

rolling along the sides and gradually work to the center. Then roll diagonally. 

On wide streets roll perpendicular to first rolling. Keep on rolling until 

certain that no more compression is possible. If mix sticks to roller wheels 

moisten them with water or oil. 

7. Correct for high or low spots before final rolling by raking or addition of 

fresh mix. Test surface with i0-ft. straight-edge. 

8. Do not let roller man reverse except at ends of fresh mix when rolling 

longitudinally on initial compression. Waves are almost certain to be formed 

if he does. 
9. Use hot tampers where roller cannot compact the mix. 

10. Before roller finishes, spread a light coating of limestone dust or port- 

land cement over the surface of the fresh mix, sweeping it and then rolling 

it. A light tandem roller can be used for finishing. 

11. The roller should stop just before it reaches the unprotected end of the 

fresh mix. On the end where the fresh mix joins that part of the wearing 

course that has already been rolled the roller should continue onto the com- 

pacted area. If there is a delay or work is stopped for the day the roller may 

run over the unprotected end, but that portion must be cut away and the 

edge trimmed up vertical and painted with hot asphaltic concrete before the 

next load of mix is spread. 

12. Keep traffic off until pavement has cooled to air temperature. A 

minimum of six hours is desirable; 24 hours is better. 

Repairs 

1. Cut out damaged area, making sides of cut vertical. 

2. Examine base thoroughly to see if it has failed. If a gas leak is suspected, 

use your nose. If that fails, a lighted match may reveal the leak. 

3. If base is at fault cut out the poor section and replace with new material. 

If it is a concrete base and traffic on the street is heavy the substitution of 

black base for the concrete will speed up repairs. 

4. On the base, spread binder course; tamp or roll it thoroughly. 

5. Paint the vertical edges of the old pavement with hot asphaltic concrete. 

6. Spread wearing course and proceed as under “ Construction.” 

Maintenance 

The essential item needed to keep a correctly designed sheet asphalt pave- 

ment in first-class condition (assuming it has been properly mixed and laid) 

is: traffic. All bituminous pavements need traffic to “iron them out ” and 

keep them fresh and lively. If the sheet pavement is right in the first place 

then the more traffic it gets the better it is. And traffic is its best source of 

maintenance. 

Failures 

There have been numerous failures of sheep asphalt, but these are attribu- 

table to faulty materials, poor construction methods, poor design, weak bases, 

underground gas leaks, and so on, and they are not attributable to the type 

of pavement itself. 

Heavy motor truck traffic has caused the failure of many old sheet pave- 

ments which were built long before such traffic was anticipated. Similar fail- 

ures are to be found for every type of pavement. There will be no failures 

4 
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| 

of the wearing course if asphaltic cement of the proper penetration is used 
and if sand of the standard grading only is permitted. | 

A sheet asphalt pavement is a high-class pavement; it requires high-class | 
workmanship and expert supervision, together with first-class materials. | 
Sloppy, careless work will positively show up later. If those responsible for 
a pavement achieve a failure the fault is theirs, and not the pavement’s. | 

South American oils are replacing to some extent the oils from the Mexican 
field. The asphalts obtained from these South American oils may differ 

from those which have been used, and it is possible that considerable experi- 
mentation must be carried on to insure satisfactory results. 

A start has been made toward producing mechanical spreaders and rakes. 
Since sheet asphalt pavements are usually laid in city areas, it seems unlikely 
that machines similar to concrete finishing machines will be used to any great 
extent, since such machines are seldom used within city limits for finishing 
concrete pavements. 

A Typical Sheet Asphalt 
Binder Course: Per cent 

Passing 1-in. and retained on 1/2-in. screen. .... Sate Srey og SLSTOS: 
Passing 1/2-in. and retained on 10-mesh screen....:......% 20-50 
Passing. O-mesh Seve z.u'c'a oo «PRES <6 Sa bees Gate ee . 15-35 

Sand for Wearing Course 
‘Total’ passing 10-mesh sieve-o. sprees anes oc ce oe bee oe 100 
Total passing 10-mesh sieve and retained on 40-mesh...... 12-50 
Passing 10-mesh, retained on 20-mesh.................... 2-15 
Passing 20-mesh, retained on 30-mesh............0e0c0008 5-15 
Passing 30-mesh, retained on 40-mesh.............-.000- 5-25 
Passing 40-mesh, retained on 50-mesh............. eee 5-30 
Passing 50-mesh, retained on 80 mesh.............---05- 5-40 
Total passing 80-mesh, retained on 200-mesh.............. 20-40 
Passing 80-mesh, retained on 100-mesh..............00005 6-20 
Passing 100-mesh, retained on 200-mesh...........0.0.0-- 10-25 
Total passing 200-mesh!. L600 (ue. Paes 6 aliad ied) . OS 
‘Mineralitler’. 9222027 S298 ep ase OG ee Jo Teal 6-20 
Asphaltie-cementy 400.2) Ja0de A 0. met Age aed , 9-1/2-13-1/2 

Specifications Various Kinds of Asphalt 
American Society for Testing Materials 

The asphalt cement shall be homogeneous and free from water. It shall meet the 
following requirements: 

Type of pavement Asphalt macadam eareng tee 
A. S. T.. M. serial D103 D135 

designation 24T 23T 
Penetration 25° C., 

LOO YS secs tai. 100-120 | 120-150 
Flash point® C., open 

cup, over 175 
Loss at 163° C., 50 

g., 5hr., maximum. 2 
Penetration of resi- 

due loss at 163° C., 

per cent original... 60 
Ductility centimeters 

not less than 30 
Bitumen soluble in 

carbon tetrachlor- | 
ide A) CS 9G Tees 99 

D92-23T 

D43-22T 

D165-23T 
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Type of pavement Sheet asphalt and asphaltic concrete pe 
ie} ‘ 

A. S. T. M. serial D163 D164 D99 D100 | D101 

designation } 
Penetration 25° C., 

23T 23T 23T 23T 23T 

25-30 30-40 40-50 50-60 | 60-70 DS 

D92-23T 

Loss, at 163° C., 50 
g., Shr., maximum. D6 

Penetration of resi- 
due loss at 163° C. 

Per cent original. . D5 

Ductility centimeter 

not less than D43-22T 

Bitumen soluble in 
carbon tetrachlor- 

D165-23T 

Note. When less than 99% of asphalt cement is soluble tetrachloride, the percent- 

age of bitumen (solubility in carbon disulfide) shall be separated. 

Asphalt Block Pavement 

“ An asphalt block pavement is one having a wearing surface composed 

of a properly proportioned mixture of asphalt cement, crushed rock and in- 

organic dust, heated to a proper temperature and molded into uniform blocks 

under heavy pressure.” Blocks are made in the following sizes: 

* This size is commonly used. 
+ For special work requiring light 

weight. 

Moderate 

15-45 
15-40 
10-35 

10-35 
10-30 

A large yardage of this type of pavement has been laid in and around some 

of the large cities. Some of these pavements have been very successful; others 

have been disappointing. Undoubtedly the failures can be traced to inferior 

blocks. If the asphaltic concrete is too soft the blocks get out of shape, 

causing the pavement to wave. If too hard, then the blocks break off at the 

edges and a rough surface develops. On grades of over 3% considerable 

trouble has been experienced from the blocks dragging under traffic. The cost 

of an asphalt block pavement is almost always higher than that of a sheet © 

asphalt pavement in those localities where there is a sheet plant or where 

there is enough business to warrant setting up a portable plant. The logical 

place for asphalt block pavements is in those towns where a yardage is laid 
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that does not attract a contractor who owns a sheet asphalt plant. If the © | 
blocks are honestly made, of the proper materials, and well laid, the resulting | 
pavement is excellent and will carry very heavy city traffic. Cuts in such a 
pavement are easily made and repair accomplished. Maintenance consists 
in surface treating the blocks with a hot asphaltic oil, and covering with 
coarse sand. Screenings passing a 3/8-in. mesh are sometimes used for cover, 

but if they are of limestone the pavement is liable to become dusty for a while. © 

Foundations. Best results are obtained where a new cement concrete 
foundation is laid. It is not economy to use old macadam, brick, or other old 
roads, as this pavement is expensive and a good base is required. In Florida 
the natural sand base has been used with varying degrees of success. Using a 
concrete base the blocks are laid in a mortar cushion or bedding course about 
an inch or less thick. Since a variation in depth of block is allowed of from 
1/8 in. to 1/4 in. it is not possible to lay them directly on a smoothly finished 
foundation as is done with wood block. The mortar bed is made of sand and 
cement in the proportion of one part cement to four parts sand, and enough 
water to make a workable mortar. Care must be taken to strike this bedding 
course to a true and even surface, otherwise unevenness in the resulting paye- 
ment will be most apparent. As in brick and stone block construction, the 
pavers stand on the blocks already laid and must not step into the bedding. 
Joints are broken, and the blocks are laid at right angles with the curb. 

It is customary in most cases to sweep sand into the joints. A far better 

method would be to give the blocks a surface treatment with a hot asphaltic 
oil which will fill every joint. A waterproof pavement is then secured imme- 
diately. A sand cover should be applied over the surface treatment. 

Rock Asphalt 

Rock asphalt is sandstone or limestone naturally impregnated with asphalt. 
There are a number of deposits throughout the world. In the United States 

rock asphalt is found in Kentucky, Alabama, Missouri, Oklahoma, Texas, 
California, and in unimportant deposits elsewhere. ‘The materials found in 
the various deposits vary greatly in character, and but few of them, as found, 
are suitable for road work. There is no uniformity of asphalt content. In 
1928 most specifications required that there be about 6-1/2% of asphalt 
present. -This was based on the assumption that because the Kentucky rock 
asphalts that had given good service contained approximately that amount, 
therefore all rock asphalts should contain a similar amount. It is reasonable, 
however, to suppose that the size of sand particles will have much to do with 
the amount of asphalt necessary. Investigation of this was begun in 1928. 

Rock asphalt is mined, loaded into cars and shipped by rail to a convenient 
unloading point. Difficulty is frequently experienced in unloading, especially 
if the rail haul has been far and long, and if the weather is cold when unloading 
is attempted. Sometimes it has been necessary to use dynamite to loosen the 
material. Steam pipes are sometimes introduced into the mass to liven it.The 
cost of unloading may be a serious item and must be included in all estimates. 
While pick and shovel unloading is customary, it is sometimes possible to use 
a clamshell shovel. In this case the men in the car may have to hang onto 
the bucket to give enough weight to force it into the rock asphalt. 

Under favorable conditions the material is fairly easy to handle. It is 
_ unloaded from the car and loaded into trucks and taken to the job where it 

is spread cold on the foundation, which maybe a concrete base, or an old 
pavement. It is spread to such depth that when finished the rock asphalt 
will be 2 in. thick, minimum. Itisa great mistake to try to skimp. 
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Rolling is very essential. Best results are obtained with a corrugated 
roller, but a regular roller will do. Much of the European work is hand-rolled. 

If the material is of uniform consistency, is carefully spread and well rolled, 
the resulting pavement is good. Most failures have been due to non-uniform 
asphalt content, resulting in fat spots and lean spots, poor foundations, and 

faulty rolling. 
The cost will vary with the length of haul, and the difficulty experienced in 

unloading. Cost at the mines in Kentucky is about $6.50 per ton, f.o.b. cars. 
Rock asphalt has been successfully used as a cold patching material in other 

types of pavement. It is also a good material to use at highway-railway 

crossings. It may be laid in the rain. 
It has been found advantageous to give the foundations a prime coat of 

asphaltic oil about 24 hours before the rock asphalt is laid. Some of the 
rock asphalts work better when heated, notably those from Texas and Ala- 

bama. 

17. Concrete Pavements 

Characteristics. A portland cement concrete pavement furnishes a smooth 

surface, is easy to clean, and produces practically no dust. The resistance to 

traffic is low. When clean it is not slippery. The white glare is tiring on 

the eyes. Under horse-drawn traffic concrete paving is noisy. Grades of 8 

to 10% are common in a number of instances from 15 to 18% grades have been 

used. Cracks can be easily repaired, but depressions and disintegrated spots 

are difficult to repair satisfactorily without cutting away the old concrete. 

Worn-out concrete pavements are often topped with bituminous wearing cours? 

or, occasionally, with new concrete or brick. With well built and carefully 

designed pavements there is almost no cost for repairs for the first five years. 

After that the costs may become somewhat heavy. 

Subgrade. A concrete pavement should be laid on a well compacted and 

well drained subgrade. If the subgrade is of clay or other heavy soil, it should 

be replaced with clinker, broken stone, cinders, gravel, or some other suitable 

material. Although this is desirable it is not always possible. The general 

practice is to require that the subgrade be of uniform density. Rolling should 

be reduced to a minimum on heavy soils. Prior to placing the concrete the 

subgrade should be thoroughly wet, otherwise the subgrade will absorb water 

from the concrete. It should not be so wet as to be muddy. 

Ingredients and Proportioning. The materials used for the fine aggregate 

of a cement concrete pavement are generally sand or stone screenings, and for 

the coarse aggregate either broken stone or gravel. The broken stone em- 

ployed should be obtained by crushing hard, tough rock. Preferably the 

stone should be composed of naturally graded sizes and free from dust or dirt. 

What has been said relative to broken stone applies as well to gravel. The 

sand used should be clean, sharp and coarse, free from loam, clay, and vege- 

table or organic matter. The cement should be a first-class portland cement 

that will meet the standard specifications of the A.S.T.M. Care should be 

taken to use clean water. The proportions which are used in connection with 

the construction of concrete foundations are not rich enough in either cement 

or mortar to make satisfactory concrete which is to be subjected to the abrasive 

and impact forces of highway and street traffic. The proportions used for 

the best class of one-course concrete pavements are about 1: 1-1/2 : 2. For 

two-course pavements the base may be 1 : 2-1/2 : 4, and the top, 1:1: 1-1/2. 

Materials may be proportioned either by volume measurement or by 

weighing. When volume measurement is used it is important to use devices 
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Longitudinal Joint 
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TYPICAL CROSS-SECTION - NEW JERSEY 

Fig. 10 
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2200 Cu. Yds. per Mile. Area of Cross Section 11.25 Sq. Ft. 

End Bar Deformed 15-0" Long Construction Joint 
hal 

ra) yr Seas ak 7 bs —— OS 
: ele Straight Line Foot” +16" 

Mesh Reinforcement 40 Lbs. per 100 Sq, Ft, j 
| or Bar Mat Reinforcement 48 Lhs. per 100 Sq. Ft. 

mac ew here | 

Edg.. Bar Deformed Minimum T Uniform. 
3 per Slab- each Usual Section T Center 

14-2" Long 8" Edge 

FYPICAL CROSS-SECTION- NEW YORK 

Additional Bars Placed gt 0" from each Side of an Expansion Joint 

$% Dowel Bars Spaced 5-0"e. toc. t 

TYPICAL CROSS - SECTION - PENNSYLVANIA 

CONSTRUCTION FOR CAR TRACK ROADS 
I’ Batter to 

Rise to Crown Typical Cross Section 

Ui"per Foot for Double Track 
R. C. Pavement 

TYPICAL CROSS-SECTION - PENNSYLVANIA 

Fig. 10—Continued 

that will give fairly accurate results. Measurement by shovels or wheelbar- 

rows is poor practice. In volume measurement compensation should be 

made for the bulking of the aggregate due to moisture. Proportioning by 

weight is probably the most satisfactory method. It automatically compen- 

sates for aggregate bulking, and in addition furnishes a close check on the 

quantity of materials used. 

Design. In 1929 there were as many designs for concrete highways as 

there were states; and the cities and towns within the individual states 
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had, in many cases, designs of their own which differed from the state designs. 

Fig. 11 shows the 1927 cross-sections for the several states noted. There 

was no uniformity of opinion of highway engineers as to standard cross- 

sections, transverse joints, longitudinal joints, joint fillers, methods of curing, 

reinforcement, crown, proportioning the mix, materials, nor waterproofing. 

In general the slab with the thickened edge was more popular than the slab 

of uniform thickness. - For theory of plain and reinforced concrete see Sect. 11. 

Reinforced Pavements. Reinforcing is usually placed about 2 in. below 

the surface of the pavement. The concrete is first struck off to the approxi- 

mate depth, the reinforcing is placed, and then the top 2 in. of concrete is 

placed and finished as in unreinforced construction. The materials and their 

proportions in the base are usually the same as in the top. The top course 

should be placed as soon as possible after the base course is laid to secure a 

monolithic slab. The reinforcement usually consists of woven wire or ex- 

panded metal, although a mesh work of small round bars is sometimes used. 

The economic value of reinforcing has not been definitely determined. It is 

valuable from an esthetic standpoint, since it reduces cracking.* 

Construction. Mixers should be equipped with timing and locking devices 

so that the mixing time is accurately controlled. The length of time for 

proper mixing should not be less than one minute after all of the materials 

including the water are in the drum. Concrete should be delivered from the 

mixer to the subgrade by a boom and bucket rather.than by a chute. The 

amount of water used in the mix should be reduced to the minimum consistent 
with workability. The tendency is always to use too much water, which 
results in loss of strength, more work to get a smooth surface, and sometimes 
in a weak wearing surface. Scaling of the surface is probably due in part 

to excess water. 

Concrete is deposited in one or two layers. The finished thickness varies 
from 5 in. to 10 in. The usual crown for highways is 1/4 in. per foot. The 
use of templets to strike the surface of the concrete, and of bridges which 
span it, thus enabling the laborers to work over the surface without standing 
on it, should be insisted upon. 

Finishing the pavement is most important. When a finishing machine is 
used, proper methods will produce a smooth surface. The following is recom- 
mended by the Portland Cement Association: 

1. Strike off and compact the newly placed concrete with a mechanical finisher. 
Under ordinary conditions three times over the surface will suffice. 

2. Belt the surface. The belt should be applied by working it backward and for- 
ward transversely and at the same time pulling it forward longitudinally. 

3. Straight-edge the surface for high and low places. Use a 10-ft. straight-edge. 
All such places should be removed by adding or taking away concrete. Use a wooden 
float on all such disturbed places. 

4. Allow the concrete to stand for an appreciable time to let the excess water come 
to the surface. (10 to 20 minutes). With a wooden float or a wooden straight-edge 
remove the excess water, laitance, or inert matter by lightly scraping the surface. 
These tools should have a working edge of from 6 ft. to 10 ft., and long handles. 

5. Again test the surface for irregularities and remove them with the float as in 
operation 3. 

6. After the surface water has evaporated the final belt is applied. Apply it at such 
time and in such manner as to produce a coarse, gritty surface texture. 

‘It should be noted that finishing machines are adapted to pavements of constant 
widths, and are not suitable for many locations in city work. 

* The Portland Cement Association says: ‘‘ Reinforcement is put in concrete pave- 
ments for one purpose only — to hold together any cracks that form.” 
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When hand finishing methods are used the procedure is precisely the same as in the 
machine method, except that a heavy hand templet should be used to strike off the 
concrete to the proper contour. It should then be tamped, using a heavy tool resting 
on the forms. The tamping face should be about 4 in. wide. After tamping, the en- 
tire surface should be floated with a wooden float. From this point on the procedure 
is the same as given in operations 2 to 6 above. 

Joints. Longitudinal joints should be used when the width of pavement is 
greater than 14 in. This central joint should be of the tongue and groove 
type. Tie bars should be used to prevent the adjoining parts of the pavement 
from separating one from the other, thus destroying the ability of the joint to 
transmit loads. In city construction only one joint will usually be necessary 
up to widths of 40 ft. For greater widths two or more joints will be neces- 
sary. In rural roads the number of joints will depend on the method of con- 
struction, the total width of the pavement, and the relation of pavement 
width to traffic lanes. In general, the width between any two joints or any 
joint and the edges of the pavement should not be less than 9 ft., nor more 
than 20 ft. Each longitudinal joint should be built to coincide with a traffic 
lane marker. : 

Transverse joints always should be provided. There will be more or less 
contraction and expansion of the concrete due to changes of temperature, 
variation in the moisture content of concrete, and variation in the condition 
and character of the subgrade. If expansion joints are not present, when 
the concrete contracts, the tensile strength will be exceeded and the pave- 
ment will crack; when it expands it will tend to crush, spall or bulge. The 
edges of the joints will need protection from the abrasive action of traffic; a 

bituminous filler should be used. The width of the transverse joints depends 

on the distance between them. This distance varied in 1928 specifications 
from 15 ft. to 202 ft., with 30 ft. as an average. 

Curing. Cement concrete pavements must be cured. If the water present 

at the time of placing the concrete can be retained in it, then that amount is 

sufficient to produce maximum strength. Therefore it is possible to cure 

concrete pavements in one of several ways and secure satisfactory results. 

All of the following methods are in use: 

Earth Cover. As soon as the concrete has attained its final set it is covered 

with earth to a thickness of about 2in. This earth is immediately sprinkled 

and must be kept moist until curing is effected, usually from 14 to 28 days. 

The earth is removed before traffic is admitted. Instead of earth, straw or 

hay may be used. In cold weather manure is sometimes used. 

Ponding. On level roads the slabs may be kept wet by throwing up earth 

dams or dikes along the edges and across the pavement at suitable intervals, 

and keeping the areas so formed covered with water. This is rather expensive, 

especially if water is scarce. 

Burlap. As soon as possible after the concrete has set it is sprinkled and 

covered with two layers of burlap which is then kept wet by frequent sprin- 

klings. After 14 days it may be removed. 

Calcium Chloride. Soon after the final set of the pavement CaCl is scat- 

tered over the surface at the rate of 1-1/2 to 2-1/2 lb. per square yard. This 

method has been satisfactory, and it has the advantage over those preceding 

that there is no cleaning up to be done. After the curing period traffic may 

be admitted. 

Water Glass. Sodium silicate may be sprinkled over the pavement as soon 

as the initial or the final set has taken place. 
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Bitumens. ars and asphalts are used. To be effective they must be 
applied immediately after the final set. Cold or hot application materials 
have been satisfactory, applied at the rate of from 1/4 to 1/2 gal. per square 
yard. They may be applied successfully on any grade, and are especially 

useful in hot, dry climates. 

Water. Contractor and engineer alike must make certain that the water 

supply is adequate. Water supplies that fail in midsummer may cause con- 
tractors to fail in the fall. Inquiry should be made locally as to the certainty 
of supply. If ponding is attempted in hot weather then large gallonage is 
necessary. 

Early Strength. It is often inconvenient to keep traffic off a finished road 
for from 14 to 28 days. Numerous schemes have been tried, other than using 

special cements, to attain a strength at 3 days equal to that normally produced 
at 28 days. The Universal Portland Cement Co. suggests the following: 

. Decrease the amount of mixing water. 

. Increase the mixing time up to 5 minutes. 

. Increase the amount of cement. 

Place the concrete at a temperature of at least 70° F. 
Keep concrete at 70° F. for at least 3 days. 
Keep concrete damp for 3 days. 

. Use CaCl where tests show it increases strength. (Note: Some cements 
do not show increased strength when CaCl is added.) 

The temperature of materials and of the weather plays a very important 
part in attaining strength. Pavements built in hot July and August weather 
of 1: 1-1/2 :3 mix, standard cement, properly cured, should be of such 
strength as to be usable after three or four days. 

The amount of CaCl» is 2 lb. per sack of cement. It is customary to mix 
100 Ib. of it with 50 gal. of water, and then substitute 1 gal. of the solution for 
1 gal. of mixing water. 

Early Strength Cements. There are a number of such materials on the 
market. Some are excellent and some are simply standard cement with CaCl 
mixed in them. Lumnite cement attains normal 28-day strength in 24 hours 
or less. Its manipulation is different from portland cement, and the user is 
cautioned to observe most carefully the directions for its use. Such brands 

as Incor and Velow are used in the ordinary manner and attain 28-day 
strength, or better, in about 3 days. 

Hydrated lime, infusorial earth, and similar materials are sometimes used 
to insure a more workable mix. Their value is as yet undetermined. 

Waterproofing. Changes in moisture content cause serious deformation, 
and stresses that lead to disintegration. Experiments are under way in 
which the endeavor has been made to waterproof concrete road slabs on all 
sides. The subgrade has been covered with roofing paper which is then 
mopped with coal tar pitch. The slab is cast thereon. Tar is sprayed over 
the top surface, and along the edges, immediately after the final set. Experi- 
ments which the author has conducted lead him to believe that if the concrete 
is cured with water, is then allowed to dry for a week, and is then treated to 
refusal with a very light water-gas tar, such slabs will be made waterproof on 
the upper surface, and that abrasion and wear will be greatly reduced. Rat- 
tler tests showed 9.2% wear on treated cubes of concrete, and 14.4% on un- 
treated. The bottom of the slabs must be waterproofed by some such means 
as is noted above. The same grade of water-gas tar saves concrete from the 
disintegrating effect of seawater, alkali water, and water containing other 
deleterious substances. 
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Reinforcement. Reinforcement consists of steel mesh or steel bars. Mesh 

and light bars probably do not add to the strength of the concrete, but if 

cracks appear then such reinforcement holds the slab together and prevents 

the cracks from opening. Bar reinforcement, when properly placed, and if 

the bars are 1/2 in. or more in thickness, will increase the load capacity. The 

cost of a concrete pavement is measurably increased when steel is introduced. 

There is a wide variation of ideas on the subject. For weights and areas of 

steel bars see the table on page 680. For gages of iron wire and sheets see the 

tables on pages 688 and 699. 2 

Reinforcement in city street pavements is very undesirable if there is reason 

to believe that there will be many service cuts. made. It is extremely costly 

to cut through heavy steel, and much damage to the contiguous concrete may 

result. It is much better in such locations to add an inch depth of concrete 

and leave out the reinforcement. 

Doweling. In order to prevent slabs from rising or sinking to elevations 

different from their neighbors, recourse has been made to steel dowels which 

are so inserted that they extend from one slab into the next. This method 

is apparently efficacious in some cases and disastrous in others. Experience 

shows that the steel must be of such size that bending is eliminated, and that 

the ends of the dowels must be free. Since the slabs will expand and contract 

there must be room in the dowel hole to take care of this. Various forms of 

caps and tubes have been tried. One simple method is to insert the dowel 

in a length of gas pipe about 2 in. longer than the dowel, and grease the dowel. 

Tin, paper and cardboard tubes have been tried. There is no standard. 

If the dowels are 3/4-in. bars, or larger, and the spacing is 3 ft. or less, it is 

probable that part of the moving load will be carried across the joint to the 

adjoining slab. But if the dowel is placed in alarge dowel hole this is not 

true. 

Blow-ups. Doweling may help to prevent blow-ups. But, if the blow-up 

does occur and is bad, the dowels may help shatter the ends of the slabs. 

Warping. There is often a great difference in temperature between the 

top and the bottom of a slab. This causes the slab to change shape. With 

a cool subgrade and a hot sun the slab will arch along the center line. At 

night the opposite effect will be observed. Therefore, at times the edges 

are supporting the load, whereas at other times the edges are clear of the sub- 

grade. Corners of the slab are sometimes unsupported; corner breaks are 

commonest. In order to compute the thickness necessary for a concrete road 

slab, Clifford Older assumed that a load is applied at an unsupported corner, 

and that rupture takes place in a plane at right angles to the bisector of the 

corner. 

Let S = unit stress in tension in pounds per square inch, which should not 

exceed one-half of the modulus of rupture of the concrete. 

W = load. 

: t = thickness of slab at edge in inches. 

Then t = V3 W/S. 
Let te = thickness of slab at center = 0.7t = 0.7 V3 W/S = V15 W/S. 

Tf a continuous dowel is used, then half the load is carried across the joint, 

and te = V/1.5 W/S. 
If four corners carry the load, then ts = 0.75 W/S. 

Scaling. Scaling is caused by too much rolling, tamping, belting, or other 

manipulation which brings the fines to the surface. Frost may also cause 
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scaling. This layer of material seems to have, frequently, no real bond with 
the aggregate below it, and in time a peeling or scaling begins which some- 
times continues until from 1/4 in. to 3/4 in. of the surface has peeled off. The 
large size aggregate is then exposed to the elements and to traffic, and unless 
a bituminous surface treatment is applied to seal the surface there may be 
serious disintegration. A bituminous surface treatment should not be at- 
temped until the pavement has stopped scaling, as the treatment will peel off 
with the scale. 

Joint Filler. Numerous fillers are on the market. There are two classes, 
premolded and poured. The former is made of roofing felt impregnated with 
asphalt. It is easy to handle, is made in convenient lengths, and of various 
thicknesses. The 1/2-in. thickness is common. At transverse joints the 
practice is to let the material extend 1/2 in. above the concrete, and it must 
extend through the slab to the subgrade. If a poured filler is used the form is 
removed at the joint, the joint is cleaned and the filler is poured so as. to fill 
the joint completely. A bitumen which will positively adhere to the con- 
crete should be used. A new form of filler is applied from a pressure gun, 
similar to grease guns for automobile lubrication. 

Repair 

Corner breaks, shattered edges, and blow-ups are the most frequent causes 
of trouble. If the broken corner or edge seems to have settled firmly into the 

subgrade it is often possible to make a satisfactory bituminous patch that sets 
up quickly and lasts as long as the pavement itself. But if the broken por- 
tions have no firm foundation they must be removed and fresh concrete patches 

must be built. For this purpose an early strength cement is imperative. 
Curing must be effected by CaCls, bituminous cover, or water glass. Barri- 
cades must be put around the patches and must be lighted at night. If the 
original slab was reinforced then it is well to cut away the old concrete in 
the broken area, leaving the reinforcement in place in the new patch. 

Trenches and service cuts should have the edges of the old concrete beveled 
so that the patch will be supported if the backfill settles. It is well to place 
extra steel reinforcement in such areas. It is fairly easy to introduce heavy 
steel reinforcement across such cuts. 

Maintenance 

Cracks form in the best built concrete pavements. The most satisfactory 
material yet found (1929) for filling them, to keep out water and dirt, is 
coal tar (specification D-110-27-T). 

. Clean cut crack with an iron hook or poker. 

. Sweep out dirt. 

. Be sure the crack is dry. 

. Fill it with coal tar which has not been overheated. 

. Wait for tar to settle and shrink. 

. Repour joint until it is full to overflowing. It is not desirable nor is it 
economical to smear the concrete surrounding the crack. 

The pavement should be examined twice a year at least, and all cracks 
should be poured. If wide cracks are to be filled a mastic of sand and tar 
is better than tar alone. 

Concrete pavements that show signs of disintegration can often be saved 
by surface treatments with bituminous materials. Both tars and asphalts 
are suitable. Frequently it will be found that the material applied does 
not adhere well to the concrete. In such cases a priming coat of water-gas 

DAnPwWhe 
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tar applied at the rate of 1/6 gal. per square yard will tooth into the concrete 

and_-the surface treating material will then adhere firmly. On the whole, hot 

surface treatments are superior to cold. Emulsions of asphalt have been 

satisfactory, but are somewhat more expensive. It is most necessary to clean 

the concrete thoroughly before treatment. A cool day is preferable to hot 

weather as the hot treatment will then chill and remain in place on the con- 

crete. Too heavy a treatment must be avoided, or a wavy surface will be 

produced. Tar (specification D-108 or D-109), or asphalt (specification 

Pennsylvania H1), are suitable. 2 

1. Thoroughly clean the concrete with push brooms and water. 

2. Let pavement dry thoroughly, 

. Apply tar or asphalt at the rate of 0.3 to 0.5 gal. per square yard. 

. Immediately cover with clean 3/4-in. stone chips, or washed pea-gravel. 

- Roll the cover into the bitumen with a light roller. 

. Touch up any spots that failed to be covered. 

Some engineers claim that they find that such a treatment fills all cracks 

and that it is unnecessary to pour open cracks before treatment. A treat- 

ment should last for about two years under ordinary trafic. The subsequent 

treatments should be lighter. As little as 1/8 gal. per square yard has been 

satisfactory for second treatments. 

In the autumn all holes should be patched with coal tar. 

From time to time specialties in concrete pavement design and construction 

have appeared. The most successful have been Hassam, and Vibrolithic. 

Hassam is, in reality, what may be termed a penetration type. Crushed 

stone is laid on the prepared subgrade, shaped and lightly rolled or brought to 

crown by any suitable means. Cement grout is then poured over the stone, 

and the pavement is then finished as a regular concrete pavement except that 

it is rolled. 

Vibrolithic is a concrete pavement that has been pounded or vibrated with 

a machine which consists of a gasoline engine whose flywheel is slightly off 

center. After the concrete has been poured and struck, a layer of hard, 

tough, dense, clean stone is spread, and then platforms are placed over it 

and the machine is run back and forth over the platforms. The pounding 

effect pushes the new stone into the mix and tends to make the concrete 

denser. The platforms are removed and the surface is belted or floated as 

usual. If care is used in the selection of the top layer of stone so that only 

excellent material is allowed, then the resulting pavement is superior in 

wearing qualities to ordinary concrete. This method practically assures a 

drier mix, and a denser and more durable pavement. The only question is 

whether.or not the extra expense is justified. On rural highways it probably 

is not; on city streets it probably is justified. 

DU ie & 

18. Brick Pavements 

Vitrified bricks are used for pavements. They are made in a few sizes only. 

There are two styles: wire-cut, and repressed. Both styles may or may not 

be furnished with lugs, according to the preference of the buyer. Wire-cut, 

either plain or with lugs, have largely supplanted repressed, though the latter 

are used for special forms. “ Vertical fiber brick ” are plain wire-cut brick. 

They are no better than other wire-cut brick. 

A brick pavement is durable, easy to clean, offers slight resistance to trac- 

tion, is not slippery, does not create dust, is expensive in first cost but may be 

cheap over a term of years, and properly laid it will carry the heaviest modern 

traffic successfully. 
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Paving bricks must be hard, tough, evenly burned, thoroughly annealed, 
and uniform in texture. They are made uniformly 8-1/2 in. long; their per- 
missible variation from this may not exceed 1/2 in. Transverse dimensions 
vary, but are usually 2-1/2 X’4in., or 3 X 4 in., or 3-1/2 X 4in. A brick 
2 in. in depth has been tried but it has not sufficient strength to stand up under 
heavy truck traffic. Brick are sold as No. 1 pavers, No. 2 pavers, and culls. 

Foundations. If the character of the soil is sandy and firm, and the traffic 
that is expected on the road is not excessively heavy, it may be possible to laya 
good pavement directly on such soil. Many brick pavements of this kind 
have been laid in Florida and elsewhere where similar conditions exist. Such 
pavements last for years with little maintenance cost. The soil, in any case, 
ultimately carries the load, and if the soil is firm and well drained there is no 
reason why a brick pavement should not be laid directly on it, provided that 
heavy truck traffic, such as is met with close to large cities, is not encountered. 
In all cases where the soil is the foundation it is necessary to provide a curb 
flush with the top of the pavement. This should be of either stone or concrete. 
The old method of using a wooden form or curb is worthless now, if it is ex- 
pected that such a form will hold the brick in place. 

If the soil does not drain rapidly and thoroughly, then some other form of 
foundation must be used. 

Rolled Stone Base. A brick pavement laid on a firm macadam base with a 
1-in. bedding course is a good form of construction where drainage is good 
and the soil is firm. The macadam should be at least 6-in. deep, but a greater 
depth is desirable. Such a base is usually much cheaper than one of concrete. 

Black Base. This type of foundation has been used but little, although it 
has many points of excellence. 

Slag Base. A crushed air-cooled ‘blast furnace slag foundation is good. 
The particles of slag should all pass a 2-1/2-in. ring and be retained on a 1/4-in. 
screen. The filler should be granulated slag. If water is used, as in macadam 
construction, it will be found that these slag bases set up in a few months so 
that they resemble concrete. A slag base should be at least 6 in. in depth, 
and somewhat thicker if very heavy truck traffic is expected. Vitrified slag 
does not set up, and this material does not make a first-class base. 

Cement Concrete Base. This is at once the most popular and the most ex- 
pensive foundation for brick. It has been used so extensively that many 
people are not aware that a brick pavement may be laid on any other type. 
It has one distinct advantage over other forms of base which is that it bridges 
over soft spots in a poorly drained subsoil. Another merit is that its greater 
supporting strength, inch for inch of depth, makes it possible to construct a 
thinner concrete foundation than any other type with consequent saving in 
materials and excavations. Concrete bases should be mesh reinforced, since it 
is imperative to keep at their minimum width such cracks as may form in it. 
Cracks in a base permit a sand bedding course to find its way into them with 
consequent damage to the brick top. F urther, every crack in a concrete base sooner of later tends to show up in the brick. Hence the necessity for re- 
ducing the possible number of cracks, and keeping those that form at their least width. Old concrete pavements are sometimes resurfaced with brick. 

Bedding Course, or Cushion. No matter what type of foundation is used it is necessary to overlay it with a bedding course on which to lay the brick. The bedding course, or cushion, as it is often called, takes up any inequalities in the surface of the foundation. Many materials have been used, but the 
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most successful have been sand, granulated slag, sand-tar, sand-asphalt and 

sand-cement. Of these sand is the poorest and sand-tar the best. 

Sand. Sand has the property of bulking when moist, and therefore, if 

moisture finds its way to the bedding course, the sand may tend to push out 

of place. When dry, sand will run, so that if there is a crack in the founda- 

tion the sand cushion may run through the crack and thus leave an empty 

space under the brick. Sand may shift its position and so may cause a similar 

shift to take place in the brick surface above it. Yet, in the tests of U. S. 

Bureau of Public Roads at Arlington, Va., those sections of brick pavement 

that were laid on a sand bedding course withstood the tests better than those 

on sand-cement. 

Granulated Slag. This material has been very satisfactory. In the course 

of time it sets up; this may take a number of months, but in the interim be- 

tween laying the brick and the setting of the cushion the former have had 

ample opportunity to find a perfect bed which thereafter does not change. 

It is good practice to sprinkle the slag before the brick are laid in order to 

assist slightly the setting up tendency. The depth of the bedding course 

when laid is usually 3/4 in. to 1 in. 

Sand-Cement. This has not been uniformly successful. The idea of using 

these two materials, mixed in the proportion of 1 part cement to 4 parts sand, 

is that the mix will overcome the deficiencies of plain sand. Usually the mate- 

rials are mixed dry in a concrete mixer and spread just ahead of the pavers. 

Unfortunately there is a tendency to skimp on the quantity of cement, and to 

mix the materials inadequately. In theory this bedding course should set up, 

but in practice there are numerous instances where it never does so. In such 

cases it is no better than sand. 

Bitumen-Sand. The best type of bedding course is one composed of sand 

mixed with either tar or asphalt. Light tar, or a cut-back asphalt, is mixed 

cold with clean sand in the proportion of about 7% of bitumen to 93% of sand, 

by weight. This mix is spread in advance of the pavers and struck true to 

cross-section and grade. The brick thus are embedded in a waterproof 

cushion that will not shift. If, then, an asphalt filler is used the pavement will 

be quiet, easy riding, and repairs are simple. 

If an old pavement is used as the base for a new 

expedient to use a bitumen-sand bedding course. 

Fillers. A filler is used in block pavements (1) to prevent movement of the 

blocks, (2) to waterproof the joints, (3) to facilitate easy cleaning of the pave- 

ment, (4) to prevent entrance of filth into the joints. 

Sand, as a filler, fulfils none of these functions. 

Cement Grout Filler. This is a mixture of 1 part cement and 1 part sand, 

and enough water to make a paint-like consistency. Grout fulfils all of the 

requirements, and in addition it protects the edges of the bricks from spalling, 

provided it is well made grout and properly applied. — A curb is not necessary 

when grout is the filler except to hold the cushion in place. A 1:1 grout 

is liable to cause cracks to form; experience has shown that a 1: 4 grout 

preserves the pavement better, although there is difficulty in making such a 

mix because segregation tends to take place. The disadvantages of using 

grout are: (1) The pavement may not be used until the filler has set 

sufficiently, usually 10 days to 2 weeks; (2) the pavement may not be cat 

to gain access to pipes and underground wires without breaking the bricks 

so badly that they cannot be used again; (3) after the pavement has been 

cut and repaired, time must be given for the grout to set 1n the patched area, 

brick top it will be found 
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thus shutting off the patch to traffic; (4) if the brick are not of uniform 
quality, or the grouting is not good, the surface of the brick is liable to shat- 
ter, the shattered areas later becoming holes and ruts; (5) unless extreme 
care is used longitudinal and transverse cracks will be formed; (6). arching 
of the pavement occurs in hot weather and the pavement becomes noisy; 
(7) power sprinklers will wash out poor grout, thus opening the joints; and, 
(8) under extremely hot weather conditions grouted pavements may buckle, 
heave, or blow up. When this occurs the shattered bricks should be 
removed and replaced with new ones of the same make and size and color. In 
cutting out the shattered areas care should be taken to tooth out the old 
bricks, leaving only whole bricks in place, so that there will be an adequate 
bonding area for the new ones. Pneumatic chisels for this work greatly 
reduce labor costs. 

Blow-ups usually are caused by the grout having been so poorly distributed 
that only the top portions of the joints are filled. Hot weather causes expan- 
sion, and as the bottom of the joints is partially or wholly empty, the pavement 
bulges upward. If a sufficient number of joints are in this condition, and the 
expansion is great enough, there is an explosion. Sometimes the bricks are 

thrown a considerable distance. If only a few joints are poorly filled a shat- 
tering or spalling of the contiguous bricks may result. 

Asphalt Filler. A suitable asphalt filler fulfils all of the requirements, and 
has none of the disadvantages of grout. The National Paving Brick Manu- 
facturers Association advocates its use in preference to any other, For 

successful work the brick must be clean, dry and warm, and the application 
of the filler should be made on a warm day if possible. Care must be taken 
not to overheat the asphalt before application. A suitable asphalt for filler 
purposes is given under specification “‘Oil Asphalt Filler — Squeegee 
Method.” 

Coal Tar Paving Pitch. Many of the most successful brick pavements ever 
laid were filled with coal tar pitch. This material is easier to use than as- 
phalt, but its drawbacks are that it is liable to run in summer and be brittle in 
winter. Asphalt has largely supplanted it. 

Protection of Edges. Truck traffic is liable to damage the edges of brick 
pavements unless they are protected by curbs. In an endeavor to reduce 
costs, engineers often omit curbs, but this, in the end, is an expensive omission. 
On rural highways the curb should be set flush with the surface of the brick, 
and it should preferably be of hard, tough stone. If concrete is used it should 
be heavily reinforced. A concrete curb may well be built integral with the 
base, making the curb of a somewhat richer mix than the base, to resist wear. 

Shoulders. Gravel, stone, or slag shoulders should be built along the 
edges or curbs. These may be water-bound, but preferably should be bi- 
tuminous-bound, using either hot or cold binder. 

Construction: On Natural Base 

. Prepare base by removing all objectionable material. 

. Drain. 

. Set curbs. 

. Grade to proper line and cross-section. 
- Roll soil with three-wheel roller until thoroughly compacted. . Water 

may be used on some soils to assist compaction. Don’t over-compact clay 
soils. 

6. Test line and cross-section with straight-edge and templet. Fill in low 
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spots and trim off high spots. Roll again. The natural base should be the 
depth of the brick below curbs and headers. 

7. Lay brick with better face uppermost. Lugs, if any, must be turned in 
one direction only. Begin alternate courses with a half brick. Bricklayers 
must stay on the brick already laid, and in no case step onto the prepared 
base. 

8. Inspect for culls and remove them from the work. 

9. Roll brick with a light tandem roller (3 tons maximum), beginning at 
edges and working to center. Then roll diagonally. 

10. Test surface with straight-edge and templet. Correct: depressions of 
over 1/4 in. by removing bricks and adding sand to the cushion. Replace 
bricks aad re-roll. 

11. Apply filler. If bituminous filler is used on a very cold day the surface 
of the bricks should be heated first with a blow torch. 

Rise 2"Crown to Conform 
to the Arc of a Circle 

a" - 
Radius 

Cement - Sand 
Bed 1:4 Miz 

+" Radius 
+" Radius 

5" Sand 
Bed 1 Header Curbing 

1:2:3 Concrete 

Sand Bed Cement - Sand Bed 122" 

VITRIFIED BRICK 

Fig. 11. Pennsylvania Highway Department Standard Brick Pavement 

Construction on Old Concrete Base or Pavement 

. Replace shattered areas of concrete with new concrete. 

. Clean out cracks and fill with tar or tar mastic (specification D112-27T). 
. Spread bedding course 1 in. thick. 
. Roll with light tandem roller. 
. Test rolled bedding course with templet and straight-edge. Add enough 

cushion to level up any depressions. Roll again, and test again. Then 
repeat these operations until the bedding course is true to line and cross- 
section. 

6. Lay brick as noted in the following section. 

OP WH re 

Construction on New Base 

1. On the prepared base spread a 1-in. layer of bedding course, and spread 
to line and cross-section. Bedding course should not be spread too far in 

advance of paving. 
2. Roll bedding course with a light tandem roller, and test frequently with 

straight-edge and templet, adding extra material where necessary. 

3. On the bedding course lay the brick with the better face or wire-cut side 
upward. Lugs must be kept in one direction. Begin alternate courses 
with a half brick, turning fractured end inward. Joints across the course 
should be broken by at least 3 in. Each course is laid at right angles to 

traffic, except that it is possible to lay the brick longitudinally on curves that 
are not too sharp. Brick layers must keep on the brick, and must not step 

on the bedding course. 
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4. Inspect the brick laid, and cull defective ones, substituting good bricks. 

5. Roll with a light tandem roller. Begin rolling at edges and work toward 

center. Then roll diagonally. 

6. Test surface with straight-edge and templet. Correct depressions of 

over 1/4 in. in 10 ft. by removing bricks and adding extra bedding course. 

Replace bricks and re-roll. Test and retest until a smooth surface is assured. 

7. Apply filler: (a) cement grout, (b) asphalt, (c) coal tar paving pitch. 

(a) Mix 1 part portland cement with 1 part of sand, and then add enough 

water to make a thin mortar, about the consistency of paint. Do not mix 

too much at one time. Of the mix 2 cu. ft. will be enough. Mix the in- 

gredients very thoroughly. When the water has been added, sweep the 

grout into the joints until they are full. A settling soon takes place, after 

which make a second application of grout, this time using a thicker paste. 

Push grout into joints with rubber-edged squeegees. On hot, dry days it 

is advantageous to sprinkle the surface of the bricks before beginning grouting. 

After the grout has been applied close the pavement to traffic for at least 10 

days. Keep wet and cure like concrete. 

(b) Use an asphalt filler which meets specification for Oil Asphalt Filler. 

Heat the asphalt in a suitable kettle, preferably of over 2 bbl. capacity. Do 

not heat over 400° F., nor try to apply it at less than 350° F. While asphalt 

is heating, clean surface of brick. Do not apply filler to a wet or damp paye- 

ment. Do not attempt to apply filler if temperature of brick and air is less 

than 55° F., as will not penetrate the joints. _ Quickly pour hot filler onto the 

surface of the brick and push it into the joints with squeegees. Best results 
are obtained by pushing always in the same direction and at an angle with the 
courses. Keep applying filler and using squeegee until certain that the joints 
will hold no more. A thin asphalt surface now covers the brick. Cover 
this with a light application of sand, pea-gravel, granulated slag, or fine stone 

chips. Roll with a light roller. The street may be immediately thrown open 

to traffic. 

(c) Use a coal tar pitch which meets specification D-112. The method is 

identical with (b) above, except that the pitch must not be heated more than 
300° F., nor less than 225° F. 

Repair 

1. Cut out and remove all defective, shattered, or soft bricks, removing 

each damaged brick completely. 
2. Add enough bedding course to assure correct bedding of new brick. 
3. Lay new brick as above; fill joints. 
Tf an area of a grouted pavement has shattered it will be best to use an 

asphalt filler for the new bricks, as an expansion joint will thereby be placed 
about each individual brick. 

Maintenance 

Clean out thoroughly every crack and fill them when they are dry and 
warm with either asphalt or tar pitch. 

If the pavement is badly cobbled, with numerous rough spots, it may some- 
times be maintained in a reasonable state of repair by bituminous surface 
treatments given at yearly or bi-yearly intervals. The method is as follows: 

1. Thoroughly clean the old pavement by flushing and scrubbing. All 
dirt must be removed, as bituminous materials will not stick to the bricks un- 
less they are absolutely clean. 

2. Patch all depressions. Hot patch is best for this work. 
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3. When patches have set up and the bricks are dry apply a hot surface 
treatment of tar II, or asphalt at the rate of 1/3 to 1/2 gal. per square yard. 

4. Cover immediately with a heavy application of 1/4 in, to 3/4 in. hard, 
tough stone chips. Use about 60 lb. per square yard. 

5. Roll with a light tandem roller. 
6. Keep a close watch on these treatments and if a break appears it must 

be patched immediately. A uniform surface is then assured. 

Specification 

Oil Asphalt Filler — Squeegee Method 

Description: Asphalt filler shall be homogeneous, free from water, and shall not foam 
when heated to 200° C. (392° F.). It shall meet the following requirements: 

(a) Flash point: Not less than 200° C. (392° F.). 
(b) Melting point: Ring and ball. 65° C. (149° F.) to 110° C. (230° F.). 

(c) Penetration: At 0° C. (32° F.) 200 gms., 1 min., not less than 10. 

At 25° C. (77° F.) 100 gms., 5 sec., 30 to 50. 
At 46° C. (115° F.) 50 gms., 5 sec., not more than 110. 

(d) Loss on evaporation: 163° C. (325° F.) 5 hr., less than 1.0%. 

(e) Ductility: Not less than 3. 

(f) Total bitumen: (Soluble in carbon disulphide) not less than 99%. 

(g) Per cent of total bitumen: (Soluble in carbon tetrachloride) not less than 99%. 

(h) Reduction in penetration: At 25° C. (77° F.), due to heating specified under 

Loss on Evaporation, not more than 50%. 

19. Stone Block Pavements 

In the United States, stone block for pavements usually are made from 

granites and sandstones. Limestone and trap blocks are used to a limited 

extent. Durax, a special type of stone pavement developed in Europe, was 

first used in America in 1913. Square blocks and rectangular blocks of a 

smaller size than is common in this country are also used in some parts of 

Europe. 

Characteristics. The chief advantage of a stone block pavement is its 

durability. Motor traffic on rubber tires has eliminated the noise, and the 

granite block manufacturers are cutting improved blocks, such as the “ Man- 

hattan,” so that the modern granite block pavement is no longer rough. It 

is adaptable to use on grades up to 15% if the joints are filled with bituminous 

materials, and on grades up to 10% if cement grouted joints are used. Some 

blocks become slippery from wear. Unless properly constructed and main- 

tained, a block pavement is unsanitary. 

Belgian Block pavements were constructed with blocks approximately 6 in. 

square on the upper face, with a bottom face smaller than the top, and of vari- 

able depths. Confusion as to the meaning of the name Belgian block is caused 

by the fact that many rectangular block pavements constructed with trap 

rock are now so named. A square yard of pavement required about 27 

blocks. 

Size of Blocks. Pavements are built usually of blocks having rectangular 

faces. From 1910 to 1918, the depth was reduced from 8 to 5 in. in many 

localities, thus saving in the cost of the blocks. The blocks should be dressed 

50 as to be rectangular on the faces, having parallel sides and ends, with right- 

angle corners. Some specifications do not allow bunches or depressions on a 

face exceeding 1/4 in. If the faces are not free from bulges and hollows, it is 

impossible to get close and even joints in laying the blocks. Blocks are from 

4-3/4 to 5-1/4 in. deep, 3-1/2 to 4-1/2 in. or 4-1/2 to 5-1/2 in. wide, and from 
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to 12 in. long. The blocks shall be so dressed that the joints shall not exceed 
1/2 in. in width at the top and for 1 in. downward and not more than 1 in. in 

width at any other part of the joint. 
Physical properties: 

For moder- 
ately heavy 

traffic 

Percentage of wear, not more than 

French coefficient of wear, not less than 
Toughness, not Jess than 

Laying the Blocks. The subgrade should be rolled hard with a 10-ton roller, 
and should be shaped with the same crown as the finished surface. The con- 
crete foundation is then laid as described in Art. 17. The thickness of the 
foundation is variable, depending upon the traffic conditions, 6 in. being an 
average value. After the concrete has set, it is covered with a layer of sand 
2 to 2-1/2 in. deep, which forms a cushion for the blocks to rest on and allows 
for any variation in the depths of the blocks. The blocks are placed by hand 
as closely together as possible, usually in straight parallel courses with the 
Jong dimensions perpendicular to the curbs. The blocks in one row should 
break joints with the blocks in another row by at least 3in. At street inter- 
sections, in order to prevent the traffic of the cross streets from traveling paral- 
lel to the long joints and thus forming grooves, the blocks are laid with their 

long.dimensions parallel to one or both of the diagonals of the square formed 
by the.intersecting streets. The work of laying the blocks is started from the 
curb lines at either side and progresses toward the center of the street. The 
crown of a stone block pavement is usually parabolicin shape, and the amount 

of crown can be obtained by formula. The blocks may be laid to the desired 
crown by the use of strings, cross-section stakes or a board templet. After 
placing the blocks to the proper lines, they are thoroughly tamped with a 
tamper weighing from 60 to 70 lb. until no further settlement occurs. The 
blocks should all lie perpendicular to the sand bed. If any blocks settle more 
than others, they should be taken out and relaid. The joints should be filled 
with a suitable material. 

Tar-Gravel Filler. The gravel should be of such a size that it will all pass 
a sieve of 1/2-in. mesh and be retained on a 1/4-in. mesh. A 3/4-in. joint is 
necessary for this type of filler. The gravel should be heated and swept into, 
the joints until they are filled to within 3 in. of the top. Enough bituminous 
material is poured to fill the joints to the top of the gravel. The joints are 
then filled to the top with gravel and poured again with the bituminous mate- 
rial until entirely filled. 

Specifications for Asphalt Filler for Stone Block Pavements 
(To be applied as grout when mixed with sand) 

General 

The asphalt filler shall be homogeneous, free from water and shall not foam when 
heated in 175° C. (347° F.).. It shall meet the following requirements: 

Physical and Chemical Properties 
1, Specific: gravity 25°/25°. Cy (779/77° FB.) 3% and not less than.......-. 1.000 
2. Flash pot. oak aie) not less than 175° C. (347° F.). 
3. Penetration at 25° C. (77° F.), 100 g., 5 sec * to “2 
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4. Ductility at 25° C. (77° F.) not less than...... sraps BOL, 
5. Loss at 163° C. (325° F.), 5 hours, not more than..... wens Bge 

Penetration of residue at 25° C. (77° F.) 100 g., 5 sec. as per cent of original penetra- 
tion, not less than......... 50%. 

6. Per cent of total bitumen soluble in carbon tetrachloride.........not less than 

* Note. The exact penetration limits should be inserted by the engineer with a 
20-point limit. It is suggested that for low temperature conditions a penetration of 
from 70 to 100 be specified and for high temperature conditions a penetration of from 
50 to 70 be specified. 

Methods of Testing 

Tests of the physical and chemical characteristics of the asphalt filler shall 
be made in accordance with the following methods: 

. Specific gravity, U. S. Dept. of Agriculture Bulletin 314, p. 5. 

. Flash point (open cup), U. S. Dept. of Agriculture Bulletin 314, p. 17. 
. Penetration, A. S. T. M. Standard Test D-5-16. 
. Ductility, Trans. A. S. C. E., Vol. LX XXTI, 1918, p. 1460. 

5. Volatilization Test, U. S. Dept. of Agriculture Bulletin 314, p. 19 using 50 gram 
sample. 
“6. Bitumen soluble in carbon tetrachloride, U. S. Dept. of Agriculture Bulletin 314, 
p. 30. 

The asphalt grout or mastic is prepared by mixing the melted asphalt filler with as 
much of the hot dry sand as it will carry without making a mixture that is too stiff 
to flow into the joints. In no case, however, should the volume of sand exceed that 
of the asphalt and in general volume proportions approaching 3 parts of asphalt to 2 
parts of sand will be found most satisfactory. Both asphalt and sand should be heated 
to between 300° F. and 400° F. but the Jatter temperature should never be exceeded 
for fear of injuring the asphalt. Portable kettles and sand heaters are used for this 
purpose and the mixture is usually made in large steel wheelbarrows or concrete carrier 
push carts. A measured quantity of the hot asphalt should first be run into the mix- 
ing receptacle and a measured quantity of hot sand then added. The contents should 
be thoroughly mixed with a rake or hoe and immediately flooded over the surface and 
pushed or squeegeed into the joints. Once the proper proportions are fixed they should 

be rigidly adhered to throughout the work. 
It is very important that the asphalt grout be worked into the joints as fast as pos- 

sible after the mixture has been made. A second application is almost always re- 

quired over a considerable proportion of the area flooded by each batch in order to fill 

the joints flush with the surface. Bringing the joints flush by the addition of sand 

or other material is very bad practice and will ultimately result in a surface which is 

rough and cobbly in places. 

Approximately 2.5 gal. of asphalt is required for filling each square yard of standard 

5-in. granite block pavement, this amount being, of course, subject to variation with 

the width of joints. 

Cement Grout composed of one part of portland cement and one part of 

clean sand is also used as a filler. The blocks are laid with thin joints and 

poured with grout. Traffic should be kept off the pavement for a period of 

7 days, or until the cement has set up. This type of filler makes a smooth 

and durable pavement. The surface, however, will be- more slippery than 

where the other types of fillers are used. Repair work will also be more 

costly; since in removing the blocks more will be broken due to the bond fur- 

nished by the cement. 

The Maintenance of a stone block pavement, if properly constructed, is 

practically nothing for the first few years. The life of a granite block pave- 

ment constructed on a concrete foundation and with joints well maintained 

is almost limitless. 

Poh we 
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The Number of Blocks used per square yard will depend upon the size of the 

block and the width of the joints. Using the ordinary-sized blocks laid with 

1/2-in. joints, the number per square yard will vary from 25 to 32. 

Durax 

A form of stone block pavement called Durax, or Kleinplfaster, has been 

laid to considerable extent in Europe, and to lesser extent in the Americas. 

Small cubes of granite cut by hand or machine, are laid on a dry mortar bed 

over a concrete base. The joints are filled with grout, or an asphalt filler. 

The cubes may be laid in straight courses or in concentric interlocking seg- 

ments, with close joints. The dimensions of the blocks are 3 to 4 in. for length, 
‘ width and depth. Owing to their small size these blocks should make for a 
cheaper pavement in first cost than that laid with regular granite blocks. 
Durax is suitable for medium-traffic streets. When grout filled it is noisy. 
A straight coal tar pitch is unsuitable as a filler. An asphaltic filler suitable 
for brick gives good results. A bituminous mastic has been satisfactory. 
In an 8-hour day a man can lay from 25 to 30 sq. yd. 

20. Wood Block Pavement 

There are three types of wood blocks in general use: the plain rectangular, 
the lug, and the hexagonal. By far the greatest yardage has been laid with 
the plain block. The lug block, being a patented product, has had a more 
limited sale, although it possesses several advantages over the plain block. 

Long ago it was recognized that one of the causes of the bleeding of blocks 
was the pressure on them due to expansion. This pressure forces the pre- 
servative out of the blocks and onto the surface. If lugs take up the pressure, 
instead of the body of the block, then there will be less bleeding. The lug also 
forms a space around the blocks so that the filler which is applied readily finds 
‘its way to the bottom of the joints. A strip of corrugated cardboard inserted 
between the rows of blocks accomplishes all that lugs do. 

Hexagonal blocks are cut from small trees, and the center of the tree is 
the center of the block. The blocks are not truly hexagonal and hence, when 
laid in a pavement, they do not fit close to each other, thus permitting space 
around the sides for the filler. 

In 1928 there was but little wood block pavement laid in highway work as 
compared with factory floor construction. 

Construction: Method A 

For all types of blocks 

1. Prepare, drain, and roll the subgrade. 
2. Lay a concrete base, not leaner than 1:3:6, minimum thickness of 

6 in. 

3. Bring concrete to true and fairly smooth, even surface. 
4. Let concrete cure for at least 7 days. 

5. Spread a dry mortar cushion 1 in. thick on the base; 1 : 2. 
6. Just before laying the blocks, sprinkle the cushion with water from a 

watering can. Donotuseahose. Do not soak, but just dampen the cushion. 

7. Lay the blocks on the mortar cushion as soon as possible, being sure the 

joints are broken, and permitting no one to step on the cushion. Keep all 
workmen,.on the paved area. 

8. Roll, with light tandem roller, 
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9. Cull inferior blocks. 
10. Apply filler. 

11. If sand or bituminous fillers are used the street may be immediately 
opened to traffic. ; 

Method B 

For plain rectangular blocks 
1. As above. 
2. As above. : 
3. Finish the concrete carefully, giving it a very smooth, true surface, 

free from any irregularities, depressions, or protuberances. 
4, Let concrete cure for at least 7 days. 

5. Spread a mop coat of coal tar pitch on the base using about 10 Ib. of 
150° F. melting point (cube in water) coal tar pitch per square yard. Spread 
this directly in advance of paving. Pitch may be sprayed on. 

6. Dip one end and one side of each block in hot paving pitch and lay them 
on the pitch coated base. No defective blocks should be laid, as it is difficult 
to remove culls. 

7. Fill any unfilled joints by pouring paving pitch into them. 
8. Cover pavement with sand. 
9. Open street to traffic. 

Just as good results may be obtained by laying the blocks at right angles 
with the curb as at any other angle, and at far less trouble and expense. 

Fillers 

The question of fillers for creosoted wood blocks is a troublesome one. 
Cresote softens pitch, and ultimately destroys asphalt. It is for this reason 
that a hard pitch should always be specified, since a pitch of 150° F. melting 
point is softened in a year’s time to 125°, or less. The cutting-back action of 
the creosote after this time is slight. Asphalt, under like conditions, often 

becomes a greasy mass that cleaves from the blocks and may be swept up by 
the street cleaners. Asphalt frequently does not waterproof the joints. It is 

undoubtedly true that pitch-filled wood block pavements sometimes give 
trouble and annoyance by bleeding through two summer seasons, yet if sand 
is strewn on the surface at the first sign of bleeding most of the annoyance 
will be avoided. 

Cement grout has been used as a filler to some extent, but it is not recom- 
mended. Better results for far less money may be obtained with clean sand. 

Application of Filler. The proper procedure for Method A is to flush pitch 
onto the blocks and force it into the joints with squeegees. A coating of pitch 
remains on top, and if the work is done in the summer it becomes a nuisance 
for the rest of the season. Plenty of sand should be used to take up this excess 
of pitch. If the joints are poured instead of flushed, the nuisance will be just 
as great and the expense of pouring will be much in excess of the flushing, 
while the joints will not be so well filled. If the paving is done in the late fall 
no trouble from this source will be experienced as the pitch on the surface will 
chip off during cold weather. 

Method of Application of Pitch Filler 

1. Heat pitch to not more than 300° F. 

2. Pour or flush on the pavement only as much as the squeegee men can 
push into the joints with a minimum on the surface. 

3. Use squeegees made of two pieces of wood about 5/8 in. thick, 4 in. wide, 
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and 16 in. long, fastened together with screws, and with a piece of old belting 

between them and projecting about 3/4 in. from the lower edge. Do not use 

rubber as the hot pitch will destroy it. 

4. Work rapidly with small quantities. 

5. Spread hot sand immediately over the tarred surface. 

6. If the work is done in the late fall or the early spring when the weather 

and the blocks are cold, fill the joints only three-quarters full. Expansion will 

bring pitch to top of blocks. 

7. If lug blocks are being used it is advisable to brush a little sand into the 

joints before applying pitch. This forms a dam around the bottom of the 

blocks and prevents the pitch from running underneath them in hot weather. 

Tf the blocks seem to have a tendency to float this should always be done- 

Dried Out Old Pavements 

Often trouble is experienced with old pavements that swell badly after 

rainy or damp weather. It will be found that the oil in the blocks has 

evaporated, leaving the pores open. Treat the pavement with a cold appli- 

cation of light tar, using from 1/4 to 1/2 gal. per square yard. After the pave- 

ment has absorbed all of the tar that it will, cover it with sand. The tar seals 

the pores and is absorbed by the wood. Of course this should be undertaken 

only after a long hot, dry spell when the pavement is in condition to receive 

the tar. 

Bridge Floors 

On bridges of the lift type wood block floors have been successfully used, 

though some means must be employed to keep the blocks in place. On some 

bridges this has been accomplished by placing metal fasteners every few rows. 

Probably the best method is to use the hexagonal block, and spike each; block 

down with a heavy nail driven through the center. On other types of bridges 

the plain or the lug block has given excellent service. Care must be taken, 

however, to provide adequate expansion joints longitudinally. 

Street Car Track Area 

Much trouble has been experienced with wood blocks laid in the car track 

area. This has been due almost entirely to the faulty methods of laying the 

blocks. Often the blocks are laid as close as possible, so that if they swell 

they press unduly against the rails. Either the rails must spread, or the 

blocks must give. In modern track construction there is little chance for the 

rails to spread, so the blocks bulge or arch over the foundation. Under heavy 

truck traffic the arch is soon broken down, the blocks splintering off where 

the break occurs, and the area has to be relaid. It is very important that 

the blocks be suitably treated and that the joints be filled with coal tar pitch 

so that they may be made as nearly waterproof as possible. 

1. Lay the blocks with sufficient space on all sides. to permit expansion. 

Lug blocks, or plain blocks with corrugated cardboard spacer should be used. 

2. Thoroughly fill all joints, especially along the rail, with pitch. 

Factory Floors 

Wood block makes the ideal factory floor. But common sense must be 

used to obtain good results. Pitch or asphalt on top of blocks in a factory is 

objectionable. A sand filler is unsatisfactory in many factories because the 

floors are cleaned by flushing with water, and the sand is washed out. Where 
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edged tools-are being made or used, or where painting is bemg done, sand 
is objectionable. Pitch is useless where heat is high and continuous, as in 
paint-drying and finishing rooms. If untreated or kyanized blocks are used, 
a low penetration asphalt may be successfully applied for the filler. If cement. 
grout is used the blocks are certain to shrink, leaving a thin partition of grout, 

_ between each block, which soon breaks down into sand and cement, and 
the joints are not as well filled as if sand had been used in the first place. The 
author suggests that responsible representatives of wood block manufacturing 
companies be consulted in every case before the plans and specifications are 

approved. 
Space should be left around columns, walls, and fixtures so that if the 

blocks sw2ll from moisture such swelling will not damage the structure. Such 

space should be filled with pitch or asphalt filler. 

21. Sidewalks, Curbs and Gutters 

Sidewalks in business districts usually extend from property line to curb 

- but in residential districts it is common to find a grass plat and. a row of trees 

placed between the walk and the curb. The widths of the walk vary from 4 to 

6 ft. in residential sections, 8 to 20 ft. in business districts.. The usual width 

for each walk is from one-fifth to one-sixth of the total width between prop- 

erty lines. “The business district. sidewalk is built with a slope toward the 

curb of from 1/8 to 1/2 in. per foot, depending on the material of which the 

sidewalk is made. The residential district walk is sometimes built with a 

crown, like that of the roadway. This is objectionable if a driveway to a 

garage is built across the walk. Sidewalks are built of planks, cinders, gravel, 

crushed stone, brick, flagstones, tar concrete, asphaltic concrete, and portland 

cement. Where the grade is over 15 to 20% it is advisable to substitute 

steps with 7-in. risers and at least 5 ft. wide. Short sections of walk may be 

introduced between the steps. On steep grades the pavement should be made 

somewhat rough to afford good foothold. At intersections the streets’ names 

may be stamped into concrete walks, or tile or metal letters may be inserted 

They should he placed so as to be easily read by the pedestrian as he ap- 

proaches the curb before he crosses the street. Names may be similarly 

placed on the curbs. 

Concrete Sidewalks may be laid directly on the soil, if it is not continually 

wet. If it is, then a 6-in. layer of cinders, gravel, broken stone or slag must 

be used for a foundation. In this event a tile drain must be used as well in 

order to lead away any water that would ordinarily be retained in such foun- 

dation. ‘The total thickness of the concrete is usually 5 in. in residential dis- 

tricts (with an extra inch or two at driveways) and 6 to 8 in, in business 

districts. If the walk extends to the curb, a 1-1/2 to 2-in. expansion joint 

must be left to be filled with bitumen, so that neither the sidewalk nor the 

curb may be damaged. Transverse joints which are filled with bitumen must 

be placed about 50 ft. apart; these may be 1 to 1-1/2 in. wide, and must extend 

downward through the concrete to the base. 

Either a one-course or a two-course pavement may be laid. The one- 

course costs no more, and, if it is laid with care, is better than and just as 

attractive looking as the two-course. The one-course mix is1:2:3. The 

two-course walk consists of the lower course 4-1/4 in. thick, of 1 :2-1/2 :5 

mix, topped with a 3/4-in. course of 1:2 mortar. Coarse aggregate for the 

one-course walk may have a maximum size of 1 in.; for the two-course up to 

1-1/2 in. The joints that mark off the slabs should extend through the con- 
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crete, otherwise unsightly cracks may develop. The wearing surface is fin- 
ished by troweling or with a wood float. 

Brick Sidewalks are laid either on a concrete base or on a bedding course 
of sand or gravel over the soil. The joints are usually filled with sand, which 
later gives vegetation a chance to grow therein. It would be better to fill the 
joints with cement grout or witha bituminous filler. But few brick pavements 
are now laid except where the decorative scheme calls for them. 

Flags of Blue Sandstone or Granite are laid on a 3-in. to 4-in. foundation 
of sand or other suitable material. The joints are filled with cement mortar. 
Granite walks wear smooth and become dangerous due to their slipperiness. 
Limestone walks are not as good as sandstone. 
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Some very successful walks have been laid in parks, cemeteries, play- 

grounds, and similar localities, composed of either tar cut-back, or asphalt 

cut-back and 3/4-in. stone chips. Such walks are easy to build, and their cost 

is extremely low. 

Curbs and Gutters. Stone curbs are usually composed of granite, blue- 

stone, limestone or sandstone. Plain concrete curbs are of a 1:2:3 or 

1:2: 3-1/2 mix with a 1:2 mortar face. In size curbstones are 4 to 12 in. 

wide, 16 to 24 in. deep, and 4 to 12 ft. long. Concrete curbs should have 

expansion joints corresponding with those of the pavement. 

The stone and the plain concrete curbs are usually known as separate 

curbs. There are two other types: integral, and combined curb and gutter. 

SIGNALS, MARKING, PLANTING, SNOW 

REMOVAL, ETC. 

22. Street Traffic Control 

Accidents. Nearly 27 000 people were killed in automobile accidents in 

1928 in the United States. This means that one out of four accidental deaths 

was caused by the automobile. The accompanying charts indicate clearly 

the types of accidents, direction of vehicle, action of driver, action of pedes- 

trian, condition of vehicle, and condition of pedestrian at the time-of the acci- 

dent. (From Accident Facts, 1928.) 
An analysis of fatalities at railroad and highway grade crossings shows that 

in 1926 31% occurred in urban areas, and 69% in rural areas. Also, rural 

gradé crossings were responsible for 16% of all rural highway fatalities. 

Pedestrians are hit by automobiles at street intersections more frequently 

than at other locations. And collisions of cars occur more often at intersec- 

tions than elsewhere.. Unfavorable weather and light conditions do not play 

a very important part, since 75% of all accidents occurred on dry roads in 

clear weather. 

Intersections. Control of traffic at intersections has been attempted by 
installing at such points: (a) STOP signs, (b) traffic officers, (c) signals. The 

Boulevard STOP sign is very useful, works well, and causes little annoyance 
to the driving public. It is installed on-the cross streets where they intersect 
a Through or Boulevard route. Cross street traffic stops before entering 
the Through street or Boulevard. But little policing is necessary as drivers 
readily obey the sign. : 

At rush hours it is often wisest to place traffic officers at'the busiest corners 
to direct traffic. This method is often far better than that of installing traffic 
lights, as in most cities under 100 000 population traffic can take care of itself 
very well without-signals or policemen save at rush hours. 

The Committee on Street Traffic Signs, Signals and Markings, of the 
American Engineering Council, says in its 1929 report that the reason “ why 
signals to control, street traffic should be installed are: (a) To increase the 
safety of pedestrians and vehicles at congested intersections; (b) to facilitate 
the movement of traffic with a minimum of delay at congested intersections; 
(c) to provide for the continuous movement of traffic throughout a heavy 

route; (d) to interrupt a heavy traffic stream at intervals so as to afford an 
opportunity for cross trafiic to move.” 

A Signal is defined as comprising all signal lights that are operated together 
to control traffic at an intersection, whether the signal is mounted in one unit 
orin more. ‘Traffic control systems are classified according to the character 
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TYPES OF ACCIDENTS CAUSING 
MOTOR VEHICLE DEATHS 

Percent of Total Motor 
Types of Accidents Vehicle Deaths 

Motor-vehicle vs. Pedestrian 6&5 

Motor-vehicie vs. Motor-vehicle 13 

Non-collision Accidents 7 

Motor-vehicle vs. Fixed Object 5 

Motor-vehicle vs. RR. Train = 4 

Motor-vehiclé vs. Street Car 2 

4 
00 

DIRECTION OF VEHICLE AT TIME 
OF ACCIDENT OCCURRENCE 

Direction of Vehicle Number of Accidents 
Going Straight Through 91,581 

Tuming Left 8,877 

Skidding 6,835 Other Motor-vehicle Accidents 
TOTAL 1 

Parked or Standing Still 5,175 

Backing _ 3,137 

Turning Right f 3,137 

“slowing Down or Stopping 2,572 

ACTION OF DRIVER AT TIME 
OF ACCIDENT OCCURRENCE 

Action. of Driver” Number of Accidents 
Did not hava Right of Way 19,728 

Excéeding the Speed Umit 7,451 

On Wrong Side of Road 7,247 

ieee ea so DEFECTIVE CONDITION OF VEHICLE AT 
Drove off Roadway 3,859 TIME OF ACCIDENT OCCURRENCE 
Through Strset - Failed to Stop 1,750 
Passing Standing Street Car 1218 

— Ped =< = Defective Condition Number of Accidents 

rae aber 631 Defective Brakes 1,826 
Disregarded Officer or Signat 574 

Drove Through Safety Zone Bt 
Improper Lights 

Defect in Steering Mechanism 669 

Double or Prohibited Parking us aed 

Other Defects 1,052 

ACTION OF PEDESTRIAN AT TIME 
OF ACCIDENT OCCURRENCE 

Action of Pedestrian © Number of Accidents 
Crossing st Intersection — no Signal 20,184 

Crossing between Intersections 18,765 

Playing in Street 14,721 

Crossing at Intersection - against Signal 4,105 
Crossing at Intersection - with Signal 2,199 

Not In Roadway 1,7% 
At Work in Roadway 1,638 
Riding or Hitching on Vehicle 1,476 

Ssfety Zone 1,120 

CONDITION OF PEDESTRIAN AT TIME 
OF ACCIDENT OCCURRENCE 

Condition of Pedestrian Number of Accidents 

Was Confused by Traffic 5,824 

Crossing at Intersection- Diagonaily 

Other Actions 

View Obstructed 5,364 

Pedestrian was intoxicated 2,261 

Pedestrian had Physical Defect 454 

* Note that these Pedestrian ‘‘Condilions'’ Number only 13,903 - Covering a 
Fig. 13 small Percentage of all Pedestrians Involved in Accidents 
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of the traffic movement resulting from the system. The types of systems 

are: (a) Independent; the operation of the signal is not related to the operation 

of any other. (b) Synchronized; all signals show the same color in the same 

direction simultaneously. (c) Limited progressive; the signals are grouped, 

the alternate groups showing opposite colors in a given direction and all signals 

changing simultaneously. (d) Flexible Progressive; a form of progressive 

system in which the operation of each signal is determined by the traffic 

requirements of the intersection and which, in addition, provides for the con- 

tinuous movement of traffic. 

Use of Colors. Three colors are recommended in the Model Municipal 

Traffic Ordinance, but many cities use only two. If three colors are used the 

order in which they should be displayed is red, green, yellow, Yellow is not 

recommended to be used to govern the turning of vehicles nor the movement 

of pedestrians. If a two-color system is used the colors are red and green, 

and the red is displayed simultaneously in all directions for the change period. 

Experience shows that, in general, right and left turns should be made only 

while green is shown, although some of the large cities permit right turns on 

red and green. 

Signals should not be operated at times when the volume
 of traffic is too light 

to justify their operation. 

Cycle Lengths. The length of time that one color should be shown must 

be determined by trial. Usually this lies between 40 to 80 seconds. At cer- 

tain periods of the day it may be necessary to change the length of cycle to 

meet the demands of traffic. 

Guard Fences may be stone walls, timber fences, concrete fences, wire 

cables, or wire fabric. Cables and fabric have been the most satisfactory 

types. The visibility of these should be increased by suitable painting of 

them. In snow country they should be painted yellow, with black spots for 

contrast. The posts may be wood or reinforced concrete. The steel-wire 

fabric type is most in favor in many parts of the country. 

: Drop Forged Eyebolt 

80° 8Y4'for 6';, | As Specified “A's or Double Rope same as 
see Post 45.| _1'% Galvanized Rope Upper Cable with 

: : Two (2) Clips 
Permissible 

al pe 
& 1/' to Y-0" 

pe 
1 tol’ 12"Black Paint Clips 

Area of Face of Concrete ‘‘Dead Man” 
to be not Less than Four (4) Sq. Ft. 

Thickness to be not Less than Siz (6) In. 

Fig. 14. Pennsylvania State Highway Type 

Parking of vehicles in municipalities is controlled iy local ordinances. 

Vehicles may be parked parallel with the curb, or at angles of 30, 45 and 90 

degrees. A lane at least 7 ft. wide must be provided for parallel parking, but 

motor cars parked at an angle require a lane at least 14 ft. and often 18 ft. 

wide. Theoretically the number of cars that may be conveniently parked 

on a block 250 ft. long on each side of the street is: parallel, 14; 30 deg., 17; 
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45 deg., 24; 90 deg., 32. Practically, however, this is impossible, due to loca- 
tion of hydrants, alley intersections, and “ no parking ” areas. It must be 
noted that whereas 32 cars may be parked at 90 deg. in the same curb length 
that 14 cars may be parked parallel, yet a lane 18 ft. wide is required for 
the former as against a 7-ft. lane for the latter. In general only parallel park- 
ing should be allowed, except on very wide streets. 

Parking areas supplied by the municipality are gaining in favor. 
, ? 

23. Road Markers and Signs 

The Arnerican Association of State Highway Officials adopted a system of 
standardized signs and markers which was developed by the Bureau of Public 
Roads. This set of designs is based on definite principles calculated to pro- 
duce uniformity of significance in the signs, and make familiarity with them 
easy to acquire on the part of the most casual driver. 

Shape. The octagonal sign is used to indicate STOP. The diamond signs 
- indicate SLOW and CAUTION. The circular sign is used as an advance 
warning at railroad grade crossings only. The square signs are used to in- 
dicate any condition requiring caution that is not inherent in the road itself, 
but which is due to contiguous or adjacent conditions which also are often 
intermittent. Rectangular shaped signs of various dimensions are used to 
carry directions, information and restrictions of use or benefit to the driver. 
The arrow direction sign may be substituted for the rectangular direction 
sign. Route markers are of various distinctive designs. 

Color. All signs of a precautionary character, including the circular rail- 
road sign, the octagonal STOP, the diamond SLOW, and the square caution 
signs have black designs on a yellow background. All direction, information 
and restriction signs are black on a white background, except that the Rest 
Station sign is white on a green background. 

Erection and Display of Markers and Signs 

The standard markers are erected to direct traffic over a specified route. 
They should be so located as to be conspicuously visible day and night. They 
should be set facing and on the right-hand side of approaching traffic. Care 
should be taken to avoid placing them on the inside of curves, in sags and 
behind objects. 

Type of Support. Markers should be mounted on standardized posts. 
Bolt holes in signs are punched on a multiple of 6 in. If posts are punched 
or bored similarly there will be no need for drilling in the field. Wooden, 
metal, and concrete posts are used. Leather or fiber washers should be used 
against the face and back of all metal signs. Where signs are described as 
being set at right angles to traffic, the angle should not be exact, but in order 
to avoid glare reflected back to the driver the sign should be turned away 

slightly from the road. 

Height of Markers. Under ordinary conditions the center of the marker 
should be placed approximately 3-1/2 ft. above the crown of the pavement or 
traveled way. On ascending of descending grades this may be varied so that 
the rays from the headlights may properly illuminate the marker. On city 
streets where the standard marker is used and where street lights furnish 

adequate illumination, markers should be placed with the lower edge not less 
than 7 ft. above the gutter grade in order to clear parked cars. 
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Lateral Distance. Markers should be erected not less than 5 ft. nor more 

than 7 ft. from the edge of surfacing on improved roads, except that where a 

raised curb exists they may be set as close as 3 it. to the edge of the curb. On 

unimproved roads there is no rule. 

Location. . At important cross roads and side roads, markers should be set 

from 50 to 125 ft. beyond or around the intersection in order to “ pull ” traffic 

past the intersection. At intersections or forks where the marked route turns, 

the marker should be erected 200 to 300 ft. in advance of the fork or turn with 

proper directional letter “R » or “L” immediately under the marker. 

Overlapping Routes. Where two or more routes follow the same road, 

markers for all routes should generally be erected and carried on the same 

support. Two or more Route Markers should not be carried on the same 

post immediately in advance of a turn when only one route turns. If two or 

more overlapping routes turn at the same intersection, each individual marker 

should be accompanied by its own directional letters just beneath it. 

Markers in Cities. Through towns and cities markers should be erected or 

placed at relatively short intervals so that one or more will be in view at all 

times. Where a stenciled marker is used on poles, a white band 20 in. high 

should first be painted around the pole at the required height fromthe ground. 

Ifa marker and a directional letter are to be stenciled the white. band should 

be 30 in. high. 

Standard Detour Marking. A detour should be made fool proof, therefore 

it is advisable to erect markers at EV ERY intersecting road. Advance 

warning of a detour should be provided. Similarly, as the end ‘of the detour, 

and consequently the main route, is approached the traveler should be warned. 

Caution, Slow and Warning Signs 

The color scheme for these signs is yellow background with a black design. 

The yellow shade is known as Federal Yellow. Two signs for different pur- 

poses should not be placed closer than 100 ft. if possible. The warning sign 

should precede the marker. al 

Longitudinal Location 

Stop Sign. This sign is for use at places on a highway where traffic is re- 

‘quired to stop. The STOP sign should not be set back’ from the point of 

danger in an effort to save a SLOW sign, because the stop should be made at a 

point where the cause of danger is visible and the driver can see and «under- 

stand the reason why he has been made to stop. A SLOW sign should be set 

about 350 ft. in advance of STOP if there is reason to believe that traffic 

should be warned, in order to slow down for the stop. : 

Railroad. The railroad crossing signs should be erected 350 to 450 ft. from 

the crossing. Ifa stop sign is required as well it should be placed from 25 to 

50 ft. from the tracks. 

Turn and Curve Signs. A TURN sign is used where the curve has a radius 

of less than 200 ft. A CURVE sign is used where the curve has a radius of 

between 200 and 600 ft. The DOUBLE TURN sign is used in advance of 

two turns less than 350 ft. apart. 

HILL Sign. A HILL sign should ordinarily be used only on descending 

grades steeper than 7% and longer than 200 ft., and on 6% grades if longer 

than 300 ft. A HILL SHIFT GEAR sign should be used on descending 

grades under the following conditions: 
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Hill shift gear sign 
On grade, per cent used if descending 

grade is more than 
Wu chs oseta tarda bate Slates sue clsseistainiels 6.5 cjarelarprereia eyshs 2000 ft. long 
5 Nigel Mee ea. ss Sa, Cia aaa ia aie aN ee, 1000 ft. long 
EES SS Se ne er eee oe 750 ft. long 

Orr sets CS Seba Ese hice os cci 7G 2... Ra 500 ft. long 
Tiycaesis-tele &- betes eves > denies -p «fesoonrer 400 ft. Jong 
ee ee ea he — (233 ee iti n eet at ene ees 300 ft. long 
St ee Ne rete Na Ti is 9s ps Shs 015s lols ne BE 200 ft. long 
Bisa ore TEs ae “STH obaie os rargad Bye «i Any length 

This sign should be used where the per cent or length of grade is less than 
above indicated, if the grade is also on a sharp curve. 

Not less 
than 6' 0" 

Fig. 15. Height and Location of Signs 

Height of L Ps Height of nS iA 6 

ll 

24’x 24" Outsidi Be CELE Delia Dehags ESE Outside 

Fig. 16 

SLOW Sign. The Slow sign should be used only where for safety, careful 

driving at a reduced speed is necessary. The use of the SLOW sign in con- 

junction with other signs is not recommended. It may be used as a prewarn- 

ing for a STOP sign or to call attention to RAILROAD signs. The SLOW 

sign is a warning sign only; its use as an attempt to regulate the speed of traf- 

fic entering towns is not appropriate. 

Direction and Information Signs 

This series is intended to furnish the traveler with directional and general 

information, but involves nothing of a precautionary nature. The signs are 

generally rectangular, and the color scheme is black on a white background. 
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The list includes City and Village signs, Physical Feature, Camp Sites, 

Potable Water Signs. 

Rest Station Signs. A REST STATION sign is provided for the use of 

garages, filling stations, merchants and others desiring them for appropriate 

display. 

General Directional Signs. For indicating direction and distance to a place 

two types of signs are provided; a solid design and a slat design. A sign is 

clearer to read if not over four place names are on it. Directional signs 

should be placed at cross roads, forks and other points where signs of the 

numbering system are unavailable. They should be so placed that they may 

be read at night with the aid of headlights. 

24. City and Roadside Planting 

Shade Trees in Cities. Great care should be taken to select trees that will 

do well under the conditions in which they are expected to grow and thrive. 

The following points should be kept in mind in selecting the best trees for the 

prevailing conditions: (a) Form; (b) shade; (c) hardiness; (d) freedom from 

insect attack; (e) climate; (f) cleanliness; (g) ease of transplanting; (h) lon- 

gevity. The following are recommended for northern cities in the United 
States: Elms, oaks, American and European lindens, Norway maples, black 
walnut, red gum, tulip (on wide streets only), oriental plane, and white ash 
(near smoky factories). The following are to be avoided: Poplars, willows, 
silver maples, birches, beeches, and American plane. The following are 
recommended for southern states: Pecan, laurel, magnolia, live oak, water 
oak, willow oak, laurel oak, camphor and palmetto trees. 

Trees should be planted from 30 to 50 ft. apart. They should not be placed 
next the curb, but rather inside the sidewalk line and with turf or sod around 
them. When planted between the sidewalk and the curb they do not thrive 
as well, and they may also move the curb out of line. “Trees should not be 
located within 25 ft. of a corner, and they should not be close to lamp-posts 
nor hydrants. Gas*mains should be kept as far away as possible from rows 
of trees, as the leakage of gas will kill the trees in time. 

Shade Trees on Rural Highways. Some trees that are undesirable in city 
streets may be permitted along country highways. The Lombardy poplar 
and the cottonwood are such. It is difficult, sometimes, to say where trees 
should be planted. If the pavement is 20 ft. wide, with two 8-ft. shoulders, 
and two ditches each of 8 ft. width, then, if the right-of-way is 66 ft., there 
would be a 7-ft. strip between the ditch line and the property line in which to 
plant roadside trees, but this may cause undue shade to be cast on the adjoin- 
ing farm land. If the right-of-way is wider than 66 ft. no trouble from the 
farmers along the way should be experienced. 

Erosion on cuts and fills may often be prevented by proper planting of 
shrubs and grass; see Bulletin 816, U. S. Department of Agriculture. Dor- 
othy Perkins roses have done well in many localities on cuts and fills. 

25. Snow Removal 

Economical snow removal is dependent on prompt action. This is true alike 
of rural and urban districts. Action must start with the snowstorm and must 
continue without interruption, if the highways are to be kept open continu- 
ously. Experience has shown that fast moving trucks equipped with snow 

plows (stubble plow type) are, in general, better than tractors. The latter, 
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either equipped with stubble plows, rotary plows, or blades, are necessary in 

deep drifts. 

Snow Removal in Urban Districts. There are several methods: (1) Plow 
the snow to either the center or the sides of the street, after which it is loaded 
in trucks and hauled to a suitable dump. (2) Push the snow into sewer man- 

holes. (3) Flush the snow into inlets and manholes, using fire hose and street 

flushing machines. 

Snow Removal in Rural Districts. When the storm breaks the plows should 
be sent out. The equipment should consist of 3-ton or heavier trucks with 

the plows securely attached, and wing wideners to assist the plows. The 
trucks work best when equipped with pneumatic tires and very heavy tire 

chains. he chains should be as heavy as logging chains. If there is a very 

high wind blowing it is usually useless to begin to plow. Wait until the wind © 

drops. The trucks should be able to travel at the rate of 25 miles per hour. 

There should be caterpillar tractors equipped with rotary plows to take care 

of heavy drifts. These may accompany the trucks. Trucks built specially 

for this work should have a differential lock so that one driving wheel will not 

-spin while the other is stuck fast. A high speed truck equipped with a rotary 

plow is sometimes better than the caterpillar rotary as it can reach drifts 

more speedily. 

It is important to widen cuts to accommodate snow of succeeding storms. 

The caterpillar rotary is frequently needed for this work. As much as possi- 

ble the tractors should be kept off of bituminous pavements as the cleats are 

liable to cut into the surface and thus start disintegration. 

Equipment. Powerful trucks in first-class condition are essential. Plows, 

blades and scrapers should be stocked to suit Jocal conditions. As night work 

is common it is important that the trucks be equipped with special head-lights 

which can be turned, and it is well to also provide colored lights similar to those 

on a boat so that oncoming traffic will know that snow-fighting equipment is 

on the road and will not run into it. The tire chains should be examined fre- 

quently, and new ones substituted for old ones before trouble happens. In 

severe storms when the operators are working 24 or more hours at a stretch 

provision must be made for feeding them. 

Costs. V-plow attachments complete cost about $2000. Rotary plows, 

complete for mounting, cost about $3000. Suitable 3-ton trucks cost $4000, 

whereas 5-ton trucks may cost as much as $6000. The cost of removing snow 

from rural highways is indeterminate. The average cost per mile in 1926-7 

was $43.50 in the United States. No reliable data are to be found for cost 

per inch of snowfall, since much depends on the wind. 

Snow Fences. The wooden fence of the collapsible type is satisfactory but 

it is too expensive. Lighter fences are on the market which are quite as 

effective and one-tenth as expensive. These light fences may be rolled into 

bundles and stored in convenient barns along the highways during the sum- 

mer. 

26. Distributors 

A motor truck for distributing road oils, asphalts and tars must be sub- 

stantially built of the best materials; it must have adequate power to propel 

the vehicle and work the pumps; it should be simple in operation and in con- 

struction, so that ordinary repairs can be readily made at any garage; it 

should have the gears arranged so that constant uniform speed may be main- 

tained; its weight when loaded should not exceed the legal limits of the locali- 

ties where it is to operate. 
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Trucks may be separated into two classes: those for hauling light loads 

for short distances over nearly level ground, and those for hauling heavy 

loads for long distances over hilly territory. 

The type of bituminous material to be applied makes considerable difference 

in the equipment to be placed on the truck. For light oils and light tars to be 

applied cold, the truck needs simply a tank of suitable size connected to a 

pump or a compressed air supply which forces the material onto the road 
through a distributor, manifold, or spray bar equipped with suitable. nozzles. 
For heavy oils and binders, applied hot, the tank should be lagged with a heat 
non-conductor, and fitted with an oil-burning heater which can rapidly raise 
the temperature of the material to the required degree. 

Nozzles are made to throw sprays of different capacities. Many nozzles 
are made to throw a fish-tail spray. Two jets impinge and thus form the 
spray... The size of the holes that the jets emerge from determines the capacity 
of the nozzle. Nozzles are known by the size of these holes, which are regular 
standard steel drill sizes. The larger the size number, the smaller is the jet or 

spray. 
Nozzles are liable to clog. When this occurs the truck must be stopped and 

the nozzle cleaned out before proceeding. 
In place of the fish-tail nozzle a plain slotted nozzle may be used. Light 

materials have been distributed satisfactorily from a pipe having a slot sawed 
its entire length on the under side. The ends of the pipe are capped. An- 
other type of nozzle throws a cone-shaped spray. This nozzle is very simple 

in construction and operation. 
A motor truck usually spreads the material at some other speed than high. 

It is possible to control the speed closely and therefore the amount of material 
applied. Although the speed of the pump is supposed to vary with the speed 
of the truck this is not always so, and there is a limit to the capacity of the 
pump which cannot be exceeded. If the speed of the truck is known and the 
amount the pump delivers a minute, the amount spread per square yard may 
be found. In high, it is very difficult to control the speed of the truck, but 
most trucks are made to travel at a certain speed in each gear when the engine 
is running normally. No truck should spread binder at a greater speed than 
a good walk, or about 4 miles per hour. Good work of this class cannot be 

done at greater speed. Furthermore, if anything goes wrong with the nozzles 
it should be possible for the rear man who may be trailing the truck to be 
close enough to signal the chauffeur to stop. 

On a grade the spreading should be done coming down the hill, thus giving 
sufficient power to the pumps by taking the load off the engine. But the truck 
should never coast. There are many trucks on the market that have not 

enough reserve power to operate and pump at the same time when going up 
hill. There are also trucks that cannot ascend a 10% grade when fully loaded. 
The prospective purchaser should study carefully the actual demonstrations 
of the trucks he may be interested in. Some trucks that give the best of 
service in some parts of the country are worthless in other localities where the 
topography is different, or the service demanded is dissimilar. 

Some distributors are equipped with air pressure instead of pumps. Air 
pressure is handy, and has some advantages over pumps and some decided 
disadvantages. Of the latter, two are outstanding. First, it is necessary to 

have an extra engine on the truck to supply pressure, and this adds to the 

weight of the outfit, besides making just that much more machinery to keep in 

order. Second, since the air equipment is entirely independent of the truck’s 
motor there is no definite control of the amount of material applied per square 
yard. Thus, a truck may run fast down a hill and labor slowly up hill, while 
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Data on Kinney Road Oil Spraying Trucks 
Giving gallons per square yard at speed of 1 mile per hour. To get actual 
delivery divide by speed of truck spray 8 ft. wide X 5280 = 42 240 sq. 
ft. = 4683 sq. yd. per hour or 78.2 sq. yd. per minute. 

Size ae ae Total gallons Gallons a 
af square yard at Grade 

nO0z-| 95 
zle | ip 

#48 | 5825) 4,22)... 26 
$40. 11-71..|).2. 24) bes 
oni tae OL ot Pe 1 Ore. es 

#34 |2.37 | 3.10)..... 

#30 |3.23 
#26 |4.35 } 5.80)..... 
#22.|4.77 | 6.45)..-.. 

6. 

*K » 

ODP W 

i n 

i Boal 

Spraying Data 
Light Application—Speed, Six Miles per Hour 

No. 1 No. 05 
nozzle nozzle Rowasice 

Pres- Pies- Standard Oil 

No. | sure,| No. | sure, No. 4 

| Ib Ib. 

PR. stl eke Ae ee Width of spray | 

16 eC Rea eae etre 8 ft. 

16 Zin Mbt pacha! 
32 26 

32 34 32 |22app.| Average tem-| 

32 53 32 29 perature 80° 

5 | eee 32 aT Ie 
Oe Be) dota 32 45 

hh ae 32 | 47-1/2 

mea Ne | PES | 32 53 

the air pressure distributor is applying material at very different rates per 

square yard. The total amount distributed over a stretch of up-and-down 

hill road may be correct, while the actual amount applied per square yard may 

vary greatly, according to the speed of the truck. Air equipment is handy 

for blowing out pipe lines and for use in emptying tank cars. With experi- 

enced drivers it is equally as good as pumps. 

There are but few makes of distributors on the market that are fully 

equipped. The smaller sized communities would do well to purchase one of 
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Heavy Application—Speed, Two Miles per Hour 

Gallons Nozzle 
per required 

square f Standard Oil No. 4 
yard ? 

1/2 85° Width of spray 8 ft. 
3/4 85° 

1 85° 
1-1/3 85° 

1-1/2 85° 

2 85° Above pump capacity at this 
speed. 

these at the outset, and then, after a year or two a chassis may be bought and 
equipped to meet the particular needs of the purchaser. But to try to do this 
at the start means unwarranted expense, delays, and constant trouble. It is 
often advantageous to buy a chassis, and then purchase the tank and parts 
complete on skids. The chassis may be used then for other purposes during 
the year, while the distributor equipment may be slid onto the chassis in a few 
moments’ time. 

Purchasers should look carefully into the matter of total weight. Not 
only is it desirable to have a distributor that is within the legal weight limit, 
but it is often impossible to send very heavy distributors away from home 
because the bridges encountered will not support them safely. It may be 
a better bargain to buy a smaller outfit that can be used everywhere than to 
have a heavy machine on hand and not be able to use it except at home. 

Quantity of Bitumen Required per Mile at Various Rates of 
Application 

(From Tarvia Road Book) 

1/5 1/4 | 3/10 4/10 3/4 
gal. gal. gal. gal. gal. 

2112 | 2640 | 3168 | 3520 | 4224 | 5280 | 7920 
1995 | 2493 | 2992 | 3324 | 3989 | 4987 | 7479 
1877 | 2347 | 2816 | 3129 | 3754 | 4693 | 7041 
1760 | 2200 | 2640 | 2933 | 3520 | 4400 | 6600 
1643 | 2053 | 2464 | 2738 | 3285 | 4107 | 6159 
1525 | 1907 | 2288 | 2542 | 3050 | 3813 | 5721 
1408 | 1760. | 2112 | 2346 | 2816 | 3520 | 5280 
1291 | 1613 | 1936 | 2151 | 2581 | 3227 | 4839 
1173 | 1467 | 1760 | 1955 | 2346 | 2933 | 4401 
1056 | 1320 | 1584 | 1760 | 2112 | 2640 | 3960 

Width 1 1-1/4 1-1/2 1-3/4 2 2-1/4 2-1/2 

ft. gal. gal. gal. gal. gal. gal. gal. 

18 10 560 13 200 15 840 18 480 21 120 23 760 26 400 

17 9974 12 465 14 958 17 453 19 948 22 440 24 935 

16 9 387 ri’ 735 14 082 16429 | 18774 21 120 23 467 

15 8 800 11 000 13 200 15 400 17 600 19 800 22 000 

14 8 213 10 265 12 318 14 371 16 426 18 480 20 533 

13 7 627 9 535 11 442 13 349 15 254 17 160 19 067 

12 7 040 8 800 10 560 12 320 14 080 15 840 17 600 

11 6 454 8 065 9 678 11 293 12 908 14 521 16 133 

10 5 867 7 335 8 802 10 269 11.734 13 200 14 667 

9 5 280 6 600 7920 9 240 10 560 11 880 13 200 
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Distance in Linear Feet Covered by Various Tank Capacities at 
Specified Quantities per Square Yard 

9 Feet Wide 

(From Tarvia Road Book) 

Pounds of Covering Material per Square Yard Necessary per Rate 

of Application 

(From Tarvia Road Book) 

Gals. per sq. yd. 

1/3 

Construction 

1/4 
——$—$—$——— 

Tar for cold surface 
treatment. 

Covering material: 
Water-bound and 

bituminous macadam 

Tar for hot surface treat- 
ment. 

Covering material: 
PEs ci ejaaerete 15 18-20 22-25 Macadam. 

BEA oi ocaiisrberaneone 16-18 22-24 25-28 Macadam. 

Fae a cet 6 16-18 18 28-30 Bituminous macadam. 

Siete too SOR TE 16-18 18-20 28-30 Concrete. 
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27. Tables 
Table of Highway Quantities 

Cubic yards per various depths loose spread 

2 in. 3 in. 4in. 5 in. 

6.17 9.26 127.35 15.43 

325.9 488.9 651.9 814.8 

7.41 131% 14.81 18.52 

391.1 586.7 782.2 977.8 

8.64 12.96 ns fet) Tis 21.60 

456.3 684.4 912.6 1140.7 

9.26 13.89 18.52 He pee =) 

_ a 

an om ho oi eo ot en 

Proper rolling will reduce loose spread about 25%. 
For 1000 ft. quantities multiply 100 ft. quantities by 10. 
For road 5 ft. wide take half of 10 ft. quantities. 
For road 6 ft. wide take half of 12 ft. quantities. 
For road 8 ft. wide take half of 16 ft. quantities. 
For road 22 ft. wide take 10 ft. plus 12 ft. quantities. 
For road 24 ft: wide take twice 12 ft. quantities. 
For road 26 ft. wide take 12 ft. plus 14 ft. quantities. 
For road 28 ft. wide take twice 14 ft. quantities. 
For road 30 ft. wide take twice 15 ft. quantities. 

” 
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Approximate Weights per Cubic Yard Loose Measurement 

Pounds 

DIARY po ante Hetane = 23 gpa SE she ode 2000 

PARES TOES enn gmiaters vie c's oa vise se siviebrsis slan 0 2400 

"TTA BOCK: hace massac ett 820200.00.0s00.0.cieieh ns = 20s 2600 

SAT eT ee 2 a Snr Se ee 2700 

POE, Aas SRE REE SRRRR wobace ee ot 2HbO 
Washed gravel. ....gervecccccnnececewee APE RS ccs cer eOOe 

road | 

in feet; 8 | 10 12 | 14 16 18 20 22 25 28 30 32 ; 35 

| 24 7 ee 
, 

8 18.8 23.5'28.1/32.9 37.6| 42.2| 47 51.6} 58.8] 65.8] 70.4 75.1) 82.1 

9 1.126.4131.736.9| 42.2) 47.5 52.8) 58.1} 66. 73.9) 79.2 84.5] 92.4 

70 |23.529.4/35.241.1 46.9| 52.9| 58.8] 64.6| 73.3} (82.2 88.2| 93.8]102.7 

11 125.832. 3/38.745.2 51.6] 58.1| 64.6] 71. 80.7| 90.4] 96.8]103.2)112.9 

12 8.235. 2/42.249.3 56.3| 63.4| 70.4] 77.4] 88. 198.6 105.6|112.6]123.2 

TS 0.5338. 145.7/53.4 61. 68.6| 76.2| 83.9] 95.3)106.8 114.3]122. 1133.5 

14 32. 9/41. 149. 2/57.5 65.7|. 73.9| 82.2 90.3|102.7|114.9|123.3]131. 4/143 7 

15° |35.244. [52.7 61.6 70.4| 79,2) 88. 96.8|110. |123.2|132. |140. 8/154 

16 |37.646.956.365 7| 75.1) 84.4) 93.8|103.2 117.3|131.4|140.7|150. 2/164. 2 

18 |42.3)52.8'63.4/73.9| 84.5 95 £05.6|116.2|132. |147.8 158.4/169. /184.8 

20 46.9 58.870.482 2| 93.8|105. 6|117.6|129.2 146.6 164.4 176. 187.6/205.4 

22 51.664. 6/77.490.4 103.2|116. 2|129.2|142. 161. 4|180.'8]193. 6/206. 4)225.8 

24 156.370.484.498. 6|112.6 126. 7|140.8|154.8]176. 197. 2/211. 2|225.2|246.4 

1 | 
f 

Tons of Stone per Mile Required to Build Bituminous Macadam 

Finished depths and widths based on stone weighing 2500 lb. per cu. yd. 

Width, 12 ft. Width, 14 ft. 
Width, 10 ft. 

Tons, Tons, Tons, Tons, Tons, Tons, 

coarse chips coarse chips coarse | chips 

2-1/2 587 176 704 210 8211 / 246 

a 704 176 844 210 986 246 

3-1/2 821 176 Us ten ele os 1150 246 

Width, 16 ft. Width, 18 ft. Width, 20 ft. 

Tons, Tons, 
coarse 
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Table of Ready Computation of Stone Costs in Road Building 

One cubic yard will lay number of square yards of the 
thickness (loose) indicated, and at the cost 

d stated Weight | Cost per square yard state 

of per 
cubic | ton Fy 
yards, | (2000 |. 
pounds | lbs.), 

$ 

2 in. deep 3 in. deep 4 in. deep 5 in. deep 

Num-| Cost |Num-j| Cost |Num-/| Cost |Num-| Cost 
ber per ber per ber per ber per 
of j|square| of jsquare) of jsquare| of |square 

square} yard, |square| yard, |square! yard, |square! yard, 
yards $ | yards $ yards $ yards $ 

2800 
2800 
2800 

3 18 233 12 «350 
2.75 
2.50 

2800 | 2.25 
2.00 
1.75 
1 
1 
1 

18 .214 12 wok 
18 .194 12 . 292 
18 «ld 12 - 263 
18 . 156 12 +233 

-467 | 7-1/5 | .583 
-428 | 7-1/5 | .535. 
-389 | 7-1/5 | .486 
-350 |.7-1/5 | .438 

2800 +311 | 7-1/5 | .389 

woowononononnTno7o”wo 

nn ~ nN 2800 + 18 - 136 12 - 204 7-1/5 | .340 
2800 - 50 18 -117 12 2t¥S - 233, | 7-1/5} .202 | 
2800 -25 18 -097 12 - 146 -194 | 7-1/5 | .243 
2800 -00 18 -078 12 -117 -156 | 7-1/5 | .194 
2800 «75 18 -058 12 - 088 -117 | 7-1/5} .146 
2800 - 50 18 -039 12 -058 +078 | 7-1/5 | .097 

2600 | 3.00 18 -217 12 «325 9 -433 | 7-1/5] .542 
2600 | 2.75 18 . 199 12 +298 9 -398 | 7-1/5 | .497 
2600 | 2.50 18 +181 12 271 8 -361 | 7-1/5 | .451 
2600 | 2.25 18 - 163 12 ~244 9 -326 | 7-1/5 | .407 
2600 | 2.00 18 144 12 «217 9 +289 | 7-1/5] .361 
2600 | 1.75 18 ape 4 12 .190 9 -253, |,.7-1/5| .317 
2600 | 1.50 18 - 108 12 - 163 9 o217>| 7-1/5 |) 2271 
2600 | 1.25 18 - 091 12 - 136 9 -181 | 7-1/5 | .226 
2600 | 1.00 18 -072 12 - 108 9 -144 | 7-1/5] .181 
2600 ork) 18 - 054 12 - 082 9 -109 | 7-1/5] .136 
2600 -50 18 - 036 12 -054 a +072 | 7-1/5 | .090 

3.00 - 60 18 - 200 12 - 300 9 -400 | 7-1/5 | .500 
2.75 -30 18 - 183 12 “PX fs) 9 -367 | 7-1/5 | -.458 
2.50 -00 18 +167 12 -250 9 -333 | 7-1/5 | .417 
[2625 .70 18 +150 12 » 225 9 +300 | 7-1/5 | .375 
2.00 -40 18 133 12 200 9 -267 | 7-1/5 | .333 
1.75 -10 18 117 12 175 9 +233.) 7-1/2 | .292 
1.50 . 80 18 100 12 150 9 -200 | 7-1/5 | .250 

083 12 125 9 +167 | 7-1/5] .208 
- 067 12 100 9 -133 | 7-1/5 | .167 
+050 12 075 9 -100 | 7-1/5} .125 
- 033 12 050 9 -067 | 7-1/5 | .083 
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Table of Ready Computation of Stone Costs in Road Building—Cont. 

One cubic yard will lay number of square yards of the 

thickness (loose) indicated, and at the cost 

per square yard stated 

6 in. deep 7 in. deep 8 in. deep 9 in. deep 

iS} 8 

Be Ree NN Dw WwW 

6 eee iis ee. At aah Fee ee Sle aye ieee LIS cale 2 

ADWndnounsd 

meee ND Dd & WW 
PLP LEE PS 

DANDADNDAAAAA ou 

wuobuns omouon 

RRR NNN Ww WW 

DAAADAADAAAAN 
PLL LEE EPP PS 

meee DDH DH WH WW 

PPLE LLL EEE S 
ANDNAADADAADAAAN 
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Length of Road in Linear Feet Which a Load of Stone of Given © 
Size will Cover to the Given Loose Depths 

(From Report of Wisconsin Highway Commission) 

Width Size of load in cubic yards 
ie) 

road depth 1 1-1/4 | 1-1/2 | 1-3/4 2 2-1/4 | 2-1/2 | 2-3/4 3 

Ft. In. Ft. Ft. Ft. Ft. Ft. Ft. Ft. Ft. Ft. 
8 3 13.5 | 16.9 |. 20.2 | 23.6 | 27 30.4 | 33.7 | 37.1 | 40.5 

4 10.1} 12.6 | 15.2 4.17.7 | 20.2 |.22.8 | 25.3 | 27.8 | 30.3 

5 8.1 bFROeA | 22.1) beds | 26.2) be 8.2) |) 20.2) 4 22-3) 2463 
6 6.75} 8.4 | 10.1 | 11.8 | 13.5 | 15.2 | 16.9 | 18.5 | 20.3 

9 3 12 15 18 21 24 27 30 33 36 
4 9 11.25) 13.5 | 15.75] 18 20.25] 22.5 | 24.75] 27 

5 v 9 10.8 | 12.6 | 14.4 | 16.2 |.18 19.8 | 21.6 

6 6 a5 9 10.5 | 12 $3.5! [945 16.5 | 18 

10 3 10.8 | 13.5 | 16.2 | 18:9 | 21.6 | 24.3 | 27 29.7 | 32.4 

4 8.1 £. YO.L jo42.2) fF 2422) (36.2) | $8.2) 122052 |. 22.3 | 242 
5 6.5 8.1 9,7) diss [038 14.6 |, 16.2 | 17.8] 19.4 

6 5.4 6.75) 8.1 9.45) 10.8 | 42.1 |. 13.5 |.14.8 | 16.2 

12 3 9 11.2) | 13.5) | 15.8] 18 O.2b) 2255) 1) 247 | DV 

4 6.7 8.4 | 10.1 f 21.8 }943.5 | 15.2 | 16.9 |, 18.5 | 20.2 

5 $.4 6.7 8.1 9.5 |°10.8 | $2.1 | 13.5 |.14.8 | 16 

6 4.5 5.6 6.7 7.8 9 HO. [dle 2 Pazer | AS 5 

Square Yards per 100 Feet and per Mile for Different Widths of 
Surface 

Number of square yards 

Per 100 ft. Per mile Per mile 

8 . 4 693 15 253 
10 111.111 5 867 16 427 
12 133.333 7 040 17 600 
14 155.556 8 213 18 773 
15 8 800 19 947 

16 9 387 21 120 
18 200.000 10 560 22 293 
20 222 222 11 733 23 466 
22 244.444 12 907 24 640 
24 14 080 25 813 
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Costs per Mile at Price per Square Yard 

(From Report of Commissioner of Public Roads of New Jersey) 

To arrive at any price per yard higher than that given, add to price under cents 

column the sum or multiple of the sum in the yard column, i-e., 16 ft. at $1.65 would 

be 9386 + 6101 = 15 487. 

Cubic Yards of Loose Gravel Required to Make One Mile of Road 

of Different Widths and Thicknesses 

(From Report of Commissioner of Public Roads of New Jersey) 

Thickness of road after consolidation, inches 

6 7 8 9 10 11 12 

880 1027 1173 1320 1467 1613 1760 

1027 1198 1369 1540 1711 1882 2054 

1173 1369 1564 1760 1956 2151 2346 

1320 1540 1760 1980 2200 2420 2640 

1467 1711 1956 2200 2444 2689 2934 

1613 1882 2151 2420 2689 2958 3226 

1760 2053 2346 2640 2933 3227 3520 

1907 2224 2542 2860 3178 3496 3814 

2054 2396 2738 3080 3422 3764 4107 

2200 2567 2933 3300 3667 4033 4400 

2346 2738 3128 3520 3912 4302 4692 

2493 2909 3324 3740 4156 4571 4986 

2640 3080 3520 3960 4400 4840 5280 

2787 3250 3716 4180 4644 5109 5574 

2933 3422 3911 4400 4888 5378 5866 
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Number of Tons of Stone per Mile Required to Build the Following 
Finished Depths and Widths, Based on Stone Weighing 2650 
Lb. per Cu. Yd. 

(From Report of Commissioner of Public Roads of New Jersey) 

Width, 12 ft. | Width, 14 ft. | Width, 16 ft. | Width, 18ft. | Width, 20 ft. 

Deptht| Tons |Depth| Tons 

Gage of Cylindrical Tanks 

(From Tarvia Road Book) 

Percent Percent Percent Percent 
depth Per cent depth Per cent depth Per cent depth Per cent 

fillea | C@P@city || gitea | c@Pacity || giteq | capacity || gieg | capacity 

50 50. 63 é 76 - 50 
51 Sl. 64 by 77 -60 
$2 $2. 65 : 78 - 68 
53 53. 66 ¢ 79 .74 
54 5S. 67 ; 80 aK! 
55 : 68 : 81 77 
56 4 69 : 82 -76 
57 4 70 : 83 73 
58 . 71 : 84 - 68 
59 ‘ 72 - 85 -60 
60 73 ‘ 86 -50 
61 F 74 2 87 36 
62 $ 75 ‘ 88 -20 

Areas 

Square Yards per Mile 
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Volumes 

Cubic Yards per Mile 

Thickness, Thickness, 
in. i Cu. yd. iat 

293 
367 
440 
587 
880 

1027 
1173 
1320 

' = =) 
, ee ae S 

WONIA PwWHNDY 

2 
2 
3 
4 
6 
vf 
8 
9 

489 
611 
733 
978 

1467 
1711 
1956 
2200 

' cn ~~ NS 
, _ ~ iS) 

COON DA SP WHHL WO OIDAPWH tL 

Weights of Materials 

Broken Stone 

Pounds per Cubic Yard 

Compacted 
30% voids 

Loose spread - 
45 % voids 

Specific 
gravity 

2590 
2680 
2770 
2870 

3300 
3420 
3540 
3650 

2400 
2500 
2590 

3060 
3180 
3300 

GIAMItC rie u.00.0 cca0.00 delalesivis eee sis 

2400 
2500 
2590 

3060 
3180 
3300 

Limestoneé....cccccccccccsecsses 

Ran ASLONE ico siere dceieie slalelete ies s c's 2220 2830 
2310 2940 

2400 3060 

2500 3180 
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Gravel and Sand 

Approximate Number of Pounds per Cubic Yard 

Asphalt 

Pounds per Gallon 

Specific gravity 

Approximate Quantities of Materials Required for Asphalt Wearing 
Courses and Foundations 

Asphalt Macadam Wearing Course 

2-1/2 In. Thick 

A Tons per mile 
Materials Ltt: aide 

| Coarse stone........4. 4 eee Oh Teen | eee 6 
Intermediate stone........... Saks Beets 1 

Coarse Graded Aggregate Asphaltic Concrete 

2 In. Thick, Excluding Seal Coat 

Pounds Tons per mile Materials per sq. yd. 1 ft. wide 

43. 
17. 
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Fine Graded Aggregate Asphaltic Concrete e 

2 In. Thick 

Pounds Tons per mile 
per sq. yd. 1 ft. wide Materials 

53 15. 
123 36. 
18 
18 

Sheet Asphalt 

Binder 1-1/2 In. Thick, Wearing Course 1-1/2 In. Thick 

Tons per mile | 
Materials et Side 

Mineral filler... nos cs-vcaccais vies ccidispe tonniie 22 
§ Top... cece cece ec ceee eee ree eters 

oo pas) 5 gg aietreyie lanka | Eeeren 9 

Asphalt Macadam Base 

6 In. Thick 

‘ Pounds Tons per mile 
Materials per sq. yd. 1 ft. wide 

Coarse stone § 159.8 

Intermediate stone (optional) 13.2 

Asphalt 6.5 

Asphaltic Concrete Base 

3 In. Thick 

x Pounds Tons per mile 

Materials per sq. yd. 1 ft. wide 

a ee eee 

dice salalts fetetoiaveradistacerewiere estes) 8's) O(c 6 216 63.4 

oe ee SRB EIROERAD Ooi CURR TORO CL. iat arian 106 29.3 
18 5.3 
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Mile 

Conversion Table, Linear Feet to Miles 

10 000 to 90 000 

Feet Feet | Mile |Feet| Mile 

1 0.00019} 10 | 0.00189 

2 0.00038} 20 | 0.00379 

5: 0.00057; 30 | 0.00568 

4 0.00076} 40 | 0.00758 

5 0.00095 | 50 | 0.00947 

6 0.00114} 60 | 0.01136 

7 0.00133} 70 | 0.01326 

8 0.00152} 80 | 0.01515 

9 0.00170} 90 | 0.01705 

470 
364 

152 
ooossosess —~——ee ee OOCOSO ST We OD I UI Go 

0.18939 
0.37879 
0.56818 
0.75758 
0.94697 
1.13636 
1.32576 
1.51515 
1.70455 

10 000 
20 000 
30 000 
40 000 
50 000 
60 000 
70 000 
80 000 
90 000 

Miles 

1.8939 
3.7879 
5.6818 
7.5758 
9.4697 
11.3636 
13.2576 
15.1515 
17.0455 

Specific Gravities, Degrees Baumé, Weight in Pounds per Gallon 
and Volume in Gallons per Pound of Materials at 60° F. Having 
Specific Gravities Exceeding 1.00 

Specific |Degrees| Lb. per | Gal. per || Specific | Degrees | Lb. per 
gravity | Baumé gal. Ib. - gravity | Baumé gal. 

1.00 0.00 8.328 0.1201 +15 18.91 9.577 

1.01 1.44 8.411 0.1189 1.16 20.00 9.660 

1.02 2.84 8.495 0.1177 1.17 21.07 9.744 

1.03 4.22 8.578 0.1165 1.18 P22 AZ 9.827 

1.04 5.58 8.661 0.1154 1.19 23.15 9.910 

1.05 6.91 8.744 0.1144 1.20 24.17 9.994 

1.06 8.2! 8.828 0.1132 1.23 25.16 10.077 

1.07 9.49 8.911 0.1122 ¥. 22 26.15 10. 160 

1.08 10.74 8.994 0.1112 1.23 27,14 10. 243 

1.09 11.97 9.078 0.1102 1.24 28.06 10.327 

1.10 13.18 9.161 0.1091 Teo 29.00 10.410 

1.11 14.37 9.244 0.1082 1.26 29.92 10.494 

1.12 15.54 9.327 0.1072 ee 30.83 10.577 

1-13 16.68 9.411 0.1062 1.28 = 5 Way + 10. 660 

1.14 17.81 9.494 0.1053 229) 32.60 10.743 

Gal. per 
Ib. 

eeoooooooosossoS 
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STEAM RAILROAD ROADWAY 

1. Right-of-Way 

For single-track the usual width of right-of-way for the older eastern rail- 

roads is 4 rods or 66 ft., whereas western roads have generally taken a width 

of 100ft. ‘The necessary width on ground level transversely is: w = b +2:sd, 

in which b is the width of roadbed, s the side slope (horizontal to vertical) 

and d the depth of fill, or cut. For ground sloping transversely the total width 

is greater and more land must be taken on the lower side than on the upper if 

the total is to be kept at a minimum. These are for minimum widths to 

accommodate the fills. In cuts, additional width is required for the side 

ditches, and possibly also an intercepting ditch at the top of the bank to keep 

surface water out of the cut; and some allowance should be made in all cases 

to give room for fencing, etc. For a Class A roadbed of the minimum width, 

20 ft., a 25-ft. fill with side slopes of 1.5 to 1 requires a width of: w = 

20 + 2X 1.5 X 25 = 95 ft. Areas of land for different widths are given 

in the following table: 

Area of Right-of-Way 

Width | Acres 
in per 

Feet Mile | 

16.5 oo \ 2.00 
ivi 2.06 
18 2.18 

19. ) 2.30 

20 2.42 

21 2.55 

22 2.67 

23 219 

24 PRED 

24.75 
1.5 aa 3.00 

23 3.03 

26 Sako 

For greater widths use sums or multiples; thus, for 87 ft. take the sum of the 
acres for 43 and 44 ft. 

2. Cross-Sections of Railroads 

For Railroad Roadbeds the specifications adopted by the American Rail- 
way Engineering Association call for flat subgrades having minimum widths of 
20 ft., 16 ft., and 14 ft., Classes A, B, and C, respectively, see Art. 7. These 
are for depths of ballast shown in Fig. 14 for Classes B and C, Art. 9, and 
must be increased for the deeper ballast recommended for Class A as shown 
in Fig. 13. They apply to both cut and fill, but in cuts the total width of sub- 
grade must be increased by the width of the two ditches. 

Side Slopes of Excavations should ordinarily be 1.5 to 1. Firm earth will 

usually retain its slope permanently at 1:1. Loose rock will-stand at 0.5 to 
i, and solid rock at 0.25 to 1. Very soft earth, such as quicksand, may 

require a slope as flat as 4 to 1. Such earth as is proper to use for embank- 
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ments will stand permanently when made with 1.5 to 1 slope. Loose-rock 
embankments will stand with 1 to 1 slopes. 

Sodding the side slopes of embankments and excavations was formerly considered 
extravagant landscape gardening, but it is now realized that the protection from ero- 
sion makes the practice worth while. The shoulders and toes of embankments should 
be rounded off to circles of about 4-ft. radius rather than left with sharp edges, which 
are not easily maintained. 

an Clearing, Grubbing and Grading 

Clearing is defined by the American Railway Engineering Association (Man- 

ual, 1929 Edition), as ‘““ Removing natural and artificial perishable obstruc- 
tions to grading,’’ and Grubbing as, “‘ Removing the stumps and roots.” 

The specifications adopted by the association require the clearing of right- 
of-way and station grounds, except portions that may be reserved, and require 
that the clearing shall be kept at least 1000 ft. in advance of the grading. 
Grubbing is required wherever excavations occur, including borrow pits, etc., 

_and also between slope stakes of all embankments that are to be less than 
2-1/2 ft. high. It must be kept at least 300 ft. in advance of the grading. 

On power shovel work it is more economical to allow the stumps to be un- 
dermined in the process of excavation, but they must not be placed in shallow 
fills and the specifications should require the tops of stumps under embank- 
ments to be at least 2-1/2 ft. below subgrade. 

Grading includes all excavations and embankments for the formation of 
the roadbed, ditching, diversions of roads and streams, foundation pits and 
all similar works pertaining to the construction of the railway, its sidetracks 
and station grounds. 

The specifications of the association require the Classification of all excavated 
material as ‘‘ Solid Rock,” ‘‘ Loose Rock,” ‘‘ Common Excavyation,’”’ and 
such other classes as may be established before the award of the contract. 

Solid Rock is defined as rock in solid beds or masses in its original position 
, which may best be removed by blasting, and boulders or detached rock meas- 
uring 1 cu. yd. or over. 

Loose. Rock comprises all detached masses of rock or stone of more than 
1 cu. ft. and less than 1 cu. yd., and all other rock which can be properly 
removed by pick and bar and without blasting; although power shovel or 
blasting may be resorted to in order to facilitate the work. 

Common Excavation includes all materials that do not come under the classi- 
fications ‘“ Solid Rock,” “ Loose Rock,” or such other classes as may be estab- 

lished before the award of the contract. 

For methods of clearing, grubbing, and grading and discussion of shrinkage and 
settlement, see Sect. 8 

4. Fences 

Wire Fences with wood, metal or concrete posts are recommended by the 
A.R.E.A. for right-of-way fences. The height is generally about 4, ft. 6 
in., but it and other features must conform to the statutory requirements, 
if any. Four classes are provided, with the longitudinal wires spaced as 
follows: 

Class A: *5 in. above ground, 4, 4-1/2, 5, 5-1/2, 6, 7, 8 and 9 in. 
Class B: 7 in. above ground, 6-1/2, 7, 7-1/2, 8, 8-1/2 and 9 in. 

* A barbed wire is stretched in the middle of the space to make a fence “ hog-tight.”” 
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Class C: 2 in. above ground, 3, 3-1/2, 4, 4-1/2, 5, 5-1/2 for woven 
wire (25-1/2 in.) with 3 strands of barbed wire above 
spaced 4-1/2, 10 and 12 in. 

Class D: 10 in. above ground, 10, 10, 12 and 12 in. 

Smooth, round wire of No. 9 gage is specified for Classes A, B and the woven 

part of C, except that for the top and bottom strands of a Class A fence No. 

7 wire is required. Ribbon, smooth, round or barbed wire may be used for 

Class D fences, the smooth wire being preferred, although barbed wire is still 

quite generally used, Vertical stay wires of No. 9 gage are specified for 
classes A, Band C, spaced 12 in. apart. These must be attached to the longi- 
tudinal wires with a mechanical lock or fastening which will prevent slipping 
either longitudinally or vertically, or they may be electrically welded. Woven 
wire fencing, giving the same effect or any combination of spacing, both longi- 
tidinal and vertical, or a combination of materials, is increasingly used. It is 
preferably fabricated in the shop if the ground is fairly level, but if desired may 
be woven in the field to fit rough ground better. In any case, all longitudinal 
wires should be provided with tension curves or “ spring coiled’ to take up 
expansion and contraction. Wires should be placed on the side of the post 
away from the track. Staples should be of No. 9 wire, 1 in. long for hard- 

wood and 1-1/2 in. forsoft wood. They should be set diagonally with the 
grain of the wood and driven home. The top wire should be double stapled. 

Wire for fencing and staples should be steel galvanized with an even coating 
of zinc, and the fence should be so fabricated as not to remove the galvanizing 
or impair the tensile strength of the wire. The minimum ultimate tensile 
strength should be as follows: Line wire No. 7, 2200 lb.; line wire No.9, 1500 
lb.; stay wire No.9, 1100 1b. If the fencing is electrically welded the galvan- 
izing should be applied after fabrication. The galvanizing must stand one- 
minute immersion tests in a solution of commercial sulphate of copper crystals 
and water, the specific gravity of which is 1.185 and temperature between 60° 
and 70° F. The sample should be washed with water and wiped dry after 
each immersion, and if the zinc is removed or a copper-colored deposit formed 
after the fourth immersion, the lot from which the sample was taken is re- 
jected. 

Wooden Posts should be straight and free from splits, rot or other defects. 
They may be made of cedar, locust, chestnut, Bois d’Arc, white oak, mul- 
berry, catalpa, or other durable wood native to the locality, or of treated tim- 
ber. The dimensions of sawed or split posts should at least equal those given 
below for round ones. End, corner, anchor and gate posts should be at least 
8 ft. long, 8 in. in diameter at small end, and set 3 ft. 4 in. in the ground; 
intermediate posts should be at least 7 ft. long, not less than 4 in. in diameter 

at small end, and set 2 ft. 4 in. in the ground. The posts should be set with 
the large end down. The spacing of posts should be not more than 20 ft. and 
the first line post from any corner, anchor or gate post should be only 10 ft. 
from it, center to center. Holes should be dug to full depth, even if blasting 
is necessary. To avoid blasting holes in solid rock, intermediate posts may 
be set on 6 by 6-in. sills, 4 ft. long, braced on both sides by 2 by 6-in. braces, 
3 ft. long. Not more than two such posts should be placed consecutively. 
After the fence is erected, the tops of the posts should be sawed off on a one- 
fourth pitch, the high side being that on which the wire is fastened and 
2 in. above it. Intermediate posts in hollows or sags should be anchored 
down by gaining and spiking two cleats near the bottom. End and corner 
posts should be anchored by cleats set one near the bottom and the other just 
below the ground surface, and also braced by braces to adjacent posts. The 
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cleats should be made of 2 by 6-in. common lumber, 3 ft. long. The braces 
should be 4 by 4-in. common lumber. Wire braces made of a double strand 
of No. 9 wire should be used where bracing by tension is needed. 

Concrete Posts are recommended as practical, economical, and a suitable 
substitute for wood. The cross-section is preferably a square or a circle, 
the latter having the most extended use, whereas square or nearly square 
sections are slightly more efficient in resisting the forces that ordinarily cause 

- failure. This may be offset by greater resistance to deterioration and better 
methods of manufacture. Corners should be rounded off to a radius of not 
less than 5/8 in., and posts should taper from base to top. End, corner, an- 
chor and gate posts should be at least 8 ft. long, 8 in. at base and 6 in. at top, 
set 3 ft. 4 in. in the ground and reinforced with four 3/8-in. rods. Intermediate 
posts should be at least 7 ft. long, 5 in. at base and 3-1/2 in. at top for round 
posts, and 4-1/2 in. at base and 3 in. at top for square ones. 

Reinforcement must be held rigidly 5/8 in. from surface by at least four 
spacers per post, and consists of a No. 7 wire or 3/16-in. bar in each corner of 
the square posts and of six No. 8 wires or 3/16-in. bars, evenly spaced, for the 

~ round ones. Bars are preferably deformed, and all reinforcement should be 
of hard steel. Before being placed in the mold, it should be thoroughly 
cleaned of mill and rust scale, and of coatings that will destroy or reduce the 
bond. The proportions of cement, water and aggregate should be such as to 
produce a concrete having a compressive strength at 28 days of 2500 Ib. per 
sq. in.; using a screen analysis as a guide in the proportioning of fine and cogrse 
aggregates and the slump test to govern the consistency. The maximum 
slump should not exceed 5 in. The fine aggregate should consist of clean, 

hard sand, or stone screenings, or.a mixture of the two, of which not less than 
90% shall pass a No. 4 sieve nor more than 30% a No. 50 sieve, and not more 
than 3% by weight shall be removed by decantation. Sand should be tested 
for organic impurities and not used if it fails to meet the standard unless actual 
tests show that the concrete made with it is of the desired strength. The 

coarse aggregate should consist of crushed stone, or gravel, or a mixture of the 
two, ranging in size from fine to coarse within the following limits: 

For line posts: 

Passing 1/2-in. screen not less than 95%. 
Passing No. 4 screen not more than 15%. 

Passing No. 8 screen not more than 5%. 

For corner and end posts: 

Passing 3/4-in screen not less than 95%. 
Passing No. 4 screen not more than 15%. 
Passing No. 8 screen not more than 5%. 

Clean, hard bank gravel, a natural mixture of fine and coarse aggregate, 
may be used if of suitable screen analysis, and if it meets the test for organic 

matter; or it may be modified by the addition of fine or coarse aggregate to 

produce the desired result. Concrete should be mixed in a batch mixer of 

approved type for at least 2 minutes, and no retempering of concrete should 

be permitted. Metal molds are preferred as more substantial and rigid than 

wooden ones, and all molds should be thoroughly cleaned and coated with a 

non-staining mineral oil or approved substitute just before being filled. Con- 

crete should be thoroughly compacted into the molds and around the rein- 

forcing, preferably by jogging or vibrating the molds during filling. Posts 

should remain in the molds at least 24 hours after being poured and should 

be carefully handled and protected from shock until thoroughly cured. They 
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are preferably stacked in a vertical position where they are protected from 

direct sunlight. They should be kept thoroughly wet for 8 to 10 days and 

cured for 90 days before being shipped or set if cured naturally.. Posts should 

not be cured out of doors during freezing weather. 

Fencing may be attached to the posts by means of Western Union ties, 

molded holes through post, loops of galvanized wire projecting from. the post, 

or other suitable device. 

Steel Posts are increasingly used, the higher first cost being more than offset 

by the reduced Jabor costs since they may be driven, either by hand or the one- 

man post driver. Special types of fences from picket to solid board, sometimes 

surmounted by one or two strands of barbed wire, in wooden construction and 

from ornamental iron to woven wire on steel posts, also with barbed wire at the 

top, in metal construction, are used around yards and shops. 

Farm Gates should be of all-metal construction and from 12 to 16 ft. wide, 
depending on the width of agricultural implements used in the vicinity or 
on legal requirements. The height should be at least 4ft.6in. They should 
swing away from the track and, if hinged as is desirable, should shut by gravity 
and overlap the post so as not to swing toward track. 

The First Cost of fencing depends on prices of material and labor and effi- 
ciency of the latter and should be estimated in each case from quotations on 
material and estimated output of labor. The Annual Cost involves also the 
estimated life and interest rate and should be used in making comparisons. 
Data collected in 1915 by a Committee of the A. R. E. A. showed the average 
life of wood posts to be as follows: Bois d’Arc, 26 years; catalpa, 12; cedar, 15; 
chestnut, 11; cypress, 11; locust, 17; oak, 9; and pine, 8. Pine posts treated 
with cresote are now widely used, having a life of 15 to 20 years and presenting 
a better appearance than many of the other kinds of wood. They are also 
much less subject to damage by fire. 
A rough comparison of costs may be illustrated as follows, the quotations 

on materials and estimates of output of labor should be used for actual com- 
parisons: 

Annual costs 

Material 

Materials Required for Board Fences 
Per Mile of Fence One Board High 

Lumber in feet B. M. 

1X4 in. | 1X6 in. | 1 X8 in. |1 X10 in.|1 X12 in. 

1760 2640 3520 4400 5280 
1760 | 2640 3520 4400 | 5280) 
1760 2640 3520 4400 5280 
1760 2640 3520 4400. | 5280 
1760 2640 3530 4400 5280 
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The quantity of nails is figured on the basis of two nails to a board to each 
post and an allowance of 5% is made for loss. Where posts are 8 ft. apart it 
figured that 16-ft. boards will be used. 

For Wire Fences the 16-1/2-ft. spacing, if used, will require 320 posts per 
mile. Barbed wire varies in weight with the type, but may be estimated 
roughly at 1 lb. per rod, or 320 1b. per mile, whereas No. 7 and No. 9 wire weigh 

439 and 306 Ib. per mile, respectively. 

Materials, Except Posts, Required for Wire Fences. 
A.R.E.A. Standards 

Per Mile of Fence 

Class Longitudinals 

No. 7 | No.9 | Barbed 

One inch extra was allowed at each end of vertical or stay wires and'5 % was allowed 

for loss of staples. Nothing was allowed for loss of locks or ties, as, if fabricated in the 

field, some of the stay wires would be omitted at posts. 

Staples are put up in 100-1b. kegs, the number per keg if of No. 9 wire being 

approximately as follows: 1-in., 10 800; 1-1/4-in., 8700; 1-1/2-in., 7200 and 

2-in., 5800. For posts 20 ft. apart use 83% of weights given in table for 

staples. Locks are of various types, the weight may be estimated at 25 Ib. 

per 1000. 

Prices of both materials and labor are high (1929) and subject to wide varia- 

tions in different sections of the country. Barbed wire costs from 5 to 7 cents 

per pound and smooth from 8 to 10. Staples cost about the same per pound 

as the wire and locks 50 to 75% more. 

The Output of Labor is affected by topography of site, presence of trees 

or brush, and. kind of soil as well as experience and efficiency of workmen. 

Assuming that one man will dig the holes and carry and set 35 posts per 

day, Campestimates the labor per mile for various types of fences as follows: 

Four-board fence, 16-ft. boards, posts 8 ft. apart, without battens...... 29-1/2 days 

Same, with battens». syh.< ore 707s 0.0 + fncn.mseisinn.ci0/s 0/4.0;0)0i0ieitet.0/0i0inie) #100. 050)h.° 36 days 

Barbed wire fence, 4 strands, posts 16 ft. apart......++e+ererersresers 13 days 

Same, with posts 12 ft, apart... .....ceseecrersrercnsscrrserecerers 16 days 

Same, with top board and three wires, posts 12 LSB BEA TORSTEN T PEROT IE 17 days 

Same, with top board and four wires, posts 12 HE1Apart dS. lhc eae 18 days 

He allows about one day’s labor, more or less, for each strand. Other data 

indicate that inexperienced men, particularly on short jobs, will take from 25 

to 50% more time than stated above, and cost of foreman, whose time may be 

estimated at one-sixth that of men, and of clearing brush and distributing 

material must also be considered. Holes may be dug with an auger or digger 

at about half the cost with bar and shovel or 100 holes may be dug by one 

man in a day instead of about fifty. 

Due to the shorter working day and the decreased efficiency of labor it is 

not likely that the outputs estimated by Camp could be duplicated at the 
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present time; and the following estimates of labor in man-days per mile for 
the standard fences of the A.R.E.A. are based on more recent data. Values 

are based on a fence with posts 20 ft. apart. 

Labor in Man-Days per Mile of Fence 

Wooden posts Concrete posts 
Steel posts 
Driven 

Class 
Auger Bar and shovel Auger Bar and shovel 

A 42 48 44 50 
B 35 41 37 43 
Cc 40 46 42 48 
D 26 28 28 34 

Snow Fences. A snow fence is a structure erected for the purpose of 
accumulating drifting snow. Snow is carried by the wind close to the surface 
of the ground and is deposited in railway cuts on account of the eddies and 
diminution of wind velocities caused by these cuts. A snow fence is so 
placed that artificial eddies will form on the windward side of a cut at a suffi- 
cient distance to cause the snow to be deposited between the snow fence and 
the cut. A tight fence of sufficient height will cause snow to accumulate 
on its windward side. An open fence causes snow to accumulate principally 
on the leeward side. Frequently the best type of fence and its proper loca- 
tion may be determined only by experiment, therefore portable snow fences 
are used. When practicable a permanent snow fence located on the right- 
of-way line is the most economical. Where this line is 50 ft. or less from the 

center of the track, the boards should be close. For greater distances space 
may be left between the boards. . When the distance is 100 ft. 50% of the 
fence should be open space. The height of the fence should not exceed 10 ft. 
Hedges of California privet, Armour Barberry, evergreens, spruce, and locust 
have been planted in recent years for this purpose. Their economical. effi- 
ciency is still doubtful. Stone walls have been used effectually where field 
stone are plentiful. 

1x 616/05 

Fig. 1. Portable Snow Fence 

A specification, quoted from Orrock’s ‘“ Railroad Structures and Estimates,” calls 
for cedar posts 8 in. in diameter, 12 ft. long set 3 ft. 6 in. in the ground and spaced 8 ft. 
oncenters. The boards are 7/8 in. X 6 in. X 16 ft., and are nailed on with 6-in. clear 
spaces. This requires eight boards, four breaking joints at each post. A portable 
fence is made in panels 16 ft. long. Six boards 1 in. X 6 in. X 16 ft., spaced 6 in. 
clear, are fastened onto three pieces 2 in. X 6 in. X 9 ft., spaced 7 ft. apart. Two 
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Pieces 1 in. X 6 in. X 10 ft. act as stiffeners. Three other pieces, also2 in X 6 in. X 
9 ft., are bolted, using 1/2 in. X 4-3/4 in. carriage bolts, with plate washers, scissor- 
wise to the other three similar pieces. Two more boards are fastened to the tops of 
the second set of pieces. These sections may be folded up flat for storage. When in 
use, the scissors are opened until the lower ends are spread about 6 ft. 6 in. apart, and 
are fastened to stakes, 3 in. X 3 in. X 2 ft., driven into the ground. On hard, rocky 
ground a tie-board, 2 in. X 6in. ™ 7 ft., may be nailed to the lower ends of the scissors 

and weighted down with old ties, stones, etc. This construction is estimated to cost 
$22 per panel of 16 ft. . 2 

Another type of portable snow fence is made by weaving wooden laths 
4 to 6 ft. long with five to seven double strands of smooth galvanized wire, 
making a sort of picket fence. By varying the widths of the lath and the 
number of turns of wire between them considerable difference in the percent- 
age of area shut off may be obtained. This fence is made in rolls up to one 

Fig. 2. Slide Fall, Northern Pacific Ry. Fig. 3. Slide Fall, Northern Pacific Ry. 

hundred feet long and is set up by fastening it at intervals to posts set or 

driven into the ground. By keeping the laths well painted and using wire 

heavily galvanized the fence may be made quite durable; and it is easier to 

handle than the other type. 

Snowsheds are expensive to build and to maintain. Their probable neces- 

sity and the possibility of avoiding them should have its influence in deciding 

on the location of the road. There are two types of construction: (1) those to 

protect the track against slides, the track being on a side hill or at the base of 

a hill, and (2) those to prevent the filling of cuts or to protect the track from an 

excessive level fall. Although the detail varies somewhat with nearly every 

location, typical designs for timber sheds are shown in Figs. 2 to pale 

Sheds cut off the view considerably and are disagreeable to operate; hence 

a “summer track ” is sometimes laid outside. To partially open up level 

fall sheds and to localize fires, movable sections 100 ft. long are provided which 

Fig. 4. Level Fall, Southern Pacific Ry. Fig. 5. Lower Fall, Canadian Pacific Ry. 

are mounted on wheels and telescope into enlarged adjacent sections. The 

cost of maintaining the extremely heavy avalanche sheds, particularly those 

for double track, and the great fire risk have led some roads to build combina- 
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tion concrete and timber sheds and reinforced-concrete sheds. See Eng. 

News, Dec. 15, 1910. 

Highway Grade Crossings. Three-inch planks, spiked to blocks on the 
ties on either side of each rail, the outer planks tight against the heads of the 
rails and the inner allowing a flangeway of 2-1/4* in., are commonly used for 
unimportant country roads and farm crossings. The space between the inside 
planks should be filled in flush with ballast. An old rail laid on its side with its 
head against the web of the track rail, or standing with separators between it 
and the track rail, is often used for the flangeway. The ends of such rails 
should be bent inward to give an opening of at least 4in. On more important 
crossings the planking should entirely fill the space between the rails and the 
ends of the planking should be beveled both between and outside the rails 
to a thickness of 1 in., commencing at a point 10 in. from the end. On im- 
proved roads and paved streets the macadam or pavement is continued be- 
tween the rails leaving flangeways asabove. The width of the crossing should 
be not less than 18 ft. The width of a farm or private road crossing should not 
be less than 12 ft. 

For specifications for bituminous grade crossings see Manual of American 
Railway Engineering Association, 1929 Edition. 

5. Drainage and Waterway for Culverts 

Longitudinal Drains are of three kinds: (a) intercepting ditches which 
protect the slopes of cuts, and intercepting ditches or tile drains which simi- 
larly protect embankments on saturated soil; (b) side ditches in cuts; (c) sub- 
surface drains, which are usually made of 6-in. tile pipes and are located about 
2 ft. underneath those of class (b). The slope must ordinarily conform to the 
natural slope of the ground for class (a) and of the roadbed for class (b) Since 
tile pipes will carry water on a flatter slope than mere earth ditches, drains of 

(a) 

——KQ(S -—" 
--- 

CA 3) 
Fig. 6. Longitudinal Drains 

type (c) are particularly necessary when the grade of the road is level or very 
flat, and especially if the soil is retentive and impermeable. Care should be 
taken that all such drains have a free and unobstructed outfall. 

Cross Drains are used only when it is necessary, on account of the lack of 
a proper outfall, to conduct the water through the roadbed. When lumber is 

cheap, they may be made of boards so as to give an interior cross-section of 
6 by 8in. 6-in. cast-iron pipes are far better. 

The Area of Waterway, or size of opening, of a culvert should be sufficient 
to care for the flow resulting from all ordinary floods but, unless the probability 
of loss of life or damages from interruption of traffic are very great, it is not 
considered necessary to provide for those phenomenal floods which occur at 

* Increase to 2-1/2 in. on curves of 8 deg. and over. 
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very long intervals, because it is more economical to repair such damages once 
in fifty to seventy-five years than to tie up additional capital in construction 
for such long periods. It should be noted, however, that cost does not increase 
in proportion to capacity, this fact together with the impossibility of accurately 
determining required sizes and the advantages of standards in estimating and 
construction, have led most roads to adopt a few standard sizes for small 
openings rather than try to fit each case accurately. 

The Maximum Rate of Flow or Runoff at a given point depends upon the 
following factors: i 

(a} Rate of rainfall, not necessarily the maximum, which is likely to be of such short 
duration as not to give time for the water to reach the culvert from any considerable 
portion of the area unless the watershed is very small. 

(b) Area of the watershed. 
(c) Permeability of surface and vegetation. Saturation by long continued raing 

makes most soils more or less impervious, also freezing. Vegetation retards flow. 
(d) Shape and slope of the watershed, which affect the time required for the water 

to reach the culvert from different points. See (a). 

The Form of Entrance Slope and Smoothness of a culvert affect somewhat 
its carrying capacity, although these factors are not usually considered in 
determining sizes but are simply made as favorable as local conditions and 
type of structure permit. 

A Theoretical Determination of the proper area of waterway being impos- 
sible on account of the unknown influence of the factors affecting the runoff, 

recourse is had to observation and the use of empirical formulas. Consensus 
of opinion seems to favor “‘ careful field observation and the use of intelligent 
judgment,” particularly in settled country where other culverts and bridges 
exist over the same stream, thus giving opportunity for a study of their suffi- 
ciency at times of high water. In new country, high water marks, preferably 
at points where the stream has a well-defined channel, will furnish valuable 
evidence. Where there are no such guides the safest plan is to build a tem- 

porary trestle, which will not only provide an ample waterway for all floods 

during its life, but which will permit the construction of a culvert of proper 

dimensions under the trestle. The life of such a trestle should be sufficient 

to determine the area with all-sufficient accuracy. 

Empirical Formulas are useful as a guide where only general information is 

available, but their use in other cases is warranted only to the extent that the 

formulas and the constants used therein are known, from long usage and ob- 

servation of results, to fit local conditions. All of the above conditions should 

be considered in estimating the value of the constant to be used in a particular 

case in applying any empirical formula, of which some are quoted below... Let 

a = area of waterway in square feet and A = drainage area in acres. 

E. T. D. Myer’s formula, a = C /A, in which C is a coefficient varying 

from 1 for flat country to 4 for mountainous country and rocky ground. 

A. N. Talbot’s formula, a = C 07 B?. ‘For steep and rocky ground C 

varies from 2/3 to 1. For rolling agricultural country, subject to floods at 

times of melting snow, and with the length of the valley three or four times its 

width, C is about 1/3; and if the stream is longer in proportion to the area, de- 

crease C. In districts not affected by accumulated snow, and where the length 

of the valley is several times the width, 1/5 or 1/6 or even less may be used. 

C should be increased for steep side slopes, especially if the upper part of the 

valley has a much greater fall than the channel at the culvert.” 

J. T. Fanning’s formula, a = 0.23 x/ A®, in which no allowance is made for 

variations in conditions which affect the flow. 

? 
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R. McMath’s formula, a = 0.5908 a/. A‘, which was designed primarily for 

application to sewers. Like Fanning’s, it makes no allowance for variations 

in conditions. 

C. B. & Q. formula, a = 0.46875 A/(3 + 0.079 V/A). 
Fanning’s formula and the C. B. & Q. formula agree very closely, and also 

agree with Talbot’s for a mean value of C. But Talbot’s has the advantage 
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Fig. 7. Required Culvert Areas by Different Formulas 
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of flexibility. Curves for these formulas are plotted in Fig. 7, from which 
values of a may be readily found. 

As a check on the waterway area found by the above methods, the rules for the 
proper size of a sewer to carry the storm flow of a watershed may be used. See 
peet. 17, Art:2. 

The table on p. 2010 will be useful in selecting an arch culvert of the desired 
area. 

Pipes of standard sizes are extensively used for small openings, and the fol- 
lowing table, based on Talbot’s formula, probably more used than any other 
given above, will be found convenient. For example, if the drainage area is 
14 acres, a 16-in. pipe culvert might answer under the most favorable condi- 
tions, but the size should be increased, up to 36 in., according to the coefficient 

deemed proper for the locality. 

Drainage Area in Acres Drained by Standard Culvert Pipes, for 
Various Coefficients in Talbot’s Formula 

Formula: Drainage area = (culvert area)’3/C73 

Talbot’s formula: C = 

1.0 

0.35 * 

10 0.55 * 

12 0.79 * 

16 1.40 2 

18 1.77 2 
20 2.18 3 

24 3.14 5 

30 4.91 8 

36 7.07 14 
48 12.57 29 

* Indicates less than one acre. 

Circular Pipes for Culvert Openings 

Diameter...... 

Area, sq. ft.... 

Weight of 12-ft. 
sections of cast- 

iron pipe 8038 | 12 500] 18 500 

Thickness- of 
cast-iron pipe, 

inches3*. 2%: 

Cast-iron pipe of other thicknesses and weights can also be had in the market. See 

Sect. 14, Art. 20, p. 1499. Sewer, corrugated iron and concrete, both plain and 

reinforced, pipes are also used. 

6. Designs for Culverts 

The Length of the barrel of a culvert between the inside faces of the head 

wallsisL = 2sd + b, in whichs = slope ratio of the embankment (horizontal 

to vertical), d = depth to top of culvert, b = width of roadbed. (Fig. 8.) 
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End or Wing Walls. These act as retaining walls for the lower part of the 
embankment and are of three types (see Fig. 9): 

Ir et |e 
Fig. 8 \ Fig. 9. Types of End Walls 

Type A is the simplest form, but the volume of masonry is usually greater 
than that required by the other types except in narrow gorges. It is generally 
used for pipe and other low and small culverts. 

Type B requires less masonry and is more commonly used for large culverts. 
Type C is liable to the objection that the water may work its way behind 

the wing walls, scour them out and endanger the embankment and culvert. 
When this can be unquestionably prevented, the type has the advantage of 
simplicity and economy of construction. 

The Length of an end wall of type A should be a little more than sufficient 
to keep the earth of the embankment spilling around its ends from reaching 
the opening or more than twice the slope ratio times the height under coping 
plus the width of opening minus twice the thickness of the wall. Type B is 
tapered down to a height of from 2 to 4 ft. and type C to practically nothing. 

The types are often combined for culverts on a skew in order better to guide 
the stream into the culvert. 

Standard Designs. Many railroads have prepared sets of standard plans 
for culverts and other structures, track work, signs, etc. These usually give 
quantities and are convenient for both estimating and construction as the men 
become accustomed to their use. Some examples are given below. 

Pipe Culverts should be well bedded in firm earth or have plank, concrete 
or even piling foundation in soft soils. If slope is light they should be laid 
with a small camber, and ends should usually be protected with end walls. 
Sewer pipe should have a cover of at least 3 ft. of earth and no stones should be 
allowed in contact with it. Joints should be at least partially filled to smooth 
surface by centering spigots in hubs and prevent scour. 

Stone Box Culverts. The thickness of the roof slabs for stone culverts 
usually varies from 10 in. for a 2-ft. span to 15 in. for a 4-ft. span. Fig. 10 

Fig. 10. Typical Stone Box Culvert 

represents what may be considered a typical design. Such aculvert requires 
7.0:cu..ydiof masonry for each of the end walls and 1.41 cu. yd. of masonry for 
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each foot of length between the inside faces of the coping stones. This esti- 

mate does not include the volume of the paving. Dry masonry culverts 

should not be used on soft soil due to the danger of being undermined; for 

these conditions concrete is practically always used at the present time. 

Wooden Box Culverts similar in design to the stone box, are used to save 

time and expense during construction, where timber is cheap. They are made 

large enough to allow a pipe culvert to be put through them before the timber 

gives out. The sides are of 12 by 12-in. timbers, laid up solid, and the top 

varies in thickness from 8 in. for 3-ft. span to 12 in. for 5 ft. The bottom 

should be planked and the ends protected from undercutting. 

Masonry Arch Culverts. These usually are built as full semicircular arches 

- unless the span is very great and the rise would be objectionably high. Designs 

are various, with resulting variations in quantities. Those for stone masonry 

and plain concrete are similar; Fig. 11 gives data for Erie Railroad standards 

for concrete. The subscripts to the dimensions (Ai, Ao, etc.) indicate that 

all of the dimensions are of the same general character. The plans illustrate 

a culvert of type B for the upstream end and of type C for the downstream end. 

~ Tf there are two or more tracks, let Z = distance between track centers of the 

outer tracks and other notation as in Fig. 11; then 

For single track L = 2 (siy +T+T7: + T2). 

For two or more tracks L = Z +2 (siy + T+T, + T:). 

The neat line is supposed to be U inches below the surface of the ground® 

Carry foundations as deep as conditions may require. Minimum depth 

inches except on rock bottom. 

The volume of one of these culverts may be easily computed by the use of the 

quantities found in the accompanying table. These tables can also be used to com- 

pute the volumes of stone culverts if the quality of masonry is fairly good and joints 

thin. For rough rubble the thickness of walls and arch should be increased. 

Volume of Standard Plain Concrete Arch Culverts, Erie Railroad 

Condensed from several tables in Bulletin 105, Am. Ry. Eng. & M. W. Assoc. 

Per lin. ft. 
——— 

Paving under 

Paving Curtain | Two portals, 

between walls, wing walls 

wing walls | 1ft.deep | and parapet 

eoosoosoesesse 

0. 
£; 
1. 
1. 
2. 
3. 
4. 
5. 
6. 
be 

MIADAMWNHNHOOOSO AoVwwnunvnwaono 

For example, if a fill for a single-rack road is 30 ft. deep and an 8-ft. culvert is to 

be used, since H = 12 ft. 1in.,» = 17 ft. 11 in. = 17.92, 

L= 20.5 X17 ft. J1-in. + 9 ft. 6 in. + 10-1/2 in. + 2 ft. 6 in.) = 79 ft. 6 in. 

Vol. = 79.5 (2.784 + 0.260) + 12.7 4+2.0 + 48.2 = 304.9 cu. yd. 
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Reinforced-Concrete Culverts. The ability to resist stress, which permits 
the use of flat slabs, both in top and bottom, makes this construction of espe- 
cial value. In general, any soil which is firm enough to support an embank- 
ment will support a reinforced-concrete box culvert, with a slab bottom, with 
almost any span, without resorting to piling. Spread footings, unless very 
narrow, are less economical and less effective than the slab bottom. The de- 
sign of culverts for railroad work permits the adoption of standard designs, 
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Fig. 12. 

Longitudinal Section 

using standard forms which may be removed and used several times with great 
economy. ‘The forms may be standardized regardless of the use of a slab 
bottom, which in any case must be laid first. Excavation in the gully or 
stream bed will frequently expose a rocky bottom into which trenches may be 
dug which will not only give a sufficient footing but will also- furnish sufficient 
resistance against any lateral thrust of the side walls. In each case it becomes 
a question of judgment whether to use a slab bottom or perhaps to dig-a little 
deeper and make the side walls a little higher in order to set the side walls in 
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firm soil. In either case the upper corners should be. filled out and suitably 
reinforced in order to resist any unbalanced thrust perpendicular to the barrel 
of the culvert. When a bottom slab is used the thrust at the bottom of the 
side walls may be taken up by shallow trenches in the top of the slab, imme. 
diately under the side walls, but it is cheaper and sufficiently effective to place 
greased plugs in the slab at the proper places for the vertical bars of the side 
walls, These plugs are afterward removed and the bars grouted in. . Short 
pieces of scrap reinforcement may also be used as dowels by inserting. them for 
half their length i in the slab while still soft, Typical plans and data for them 

are here given. Some roads use longer spans, but reinforced-concrete girders 
are commonly used for spans of 15 to 30 ft. and arches for greater spans. 

The longitudinal reinforcement is of 1/2-in. bars, the lower spaced 12 in. on centers 
for all spans, the upper used on 8- and 10-ft. spans only, and spaced 10 and 12 in., 
respectively. The transverse reinforcement varies with span from 9/16 to 19/16 in. 
and is spaced 3 in. on centers for the center section and 8 in. for the end sections. 
One-third the bars are straight, one-third bent up near the side walls, and one-third 
nearer the center as shown on the half section. Other designs carry reinforcing in 
the side walls and bottom as shown in Sect. 11, which see also for retaining walls and 
other structures. 

Data for Standard Reinforced-Concrete Culverts, N: ashwite, 
Chattanooga and St. Louis Railroad 

Condensed from Vol. 10, Proc. Amer. Ry. Eng. & M. W. Assoc. (1909) 

Span by height 

6x4 6X6 8X6 8x8 10X10 

ft. in. ft. in. ft. in. ft. in. ft. isi; ft. in. 

19 2 6 2 6 3°10 1939'S bat 
3.9 5.0 50 6F 0164 60D 7 6 
0 10 011 011 702: 4 At 2 114 
Lo ae 1 6 dies KGieet wld Gi 1-6 
2 0 5 9 (ile 8: 8,.410; 4. |131 3 
MEE, WS3AN, 2 3-1]2| 2, Byeded, 2-0/4| 224,314 
5 0 410 7 10 S Sait 3h (lta 
19 2 0 20 BG HAIG 2 0 
0-0 011 011 {22191024 29 142 

24 36 48 64 991° | 
Barrel (a).... . : 1.497] 1.829] 2.258| 2.628] 3.790 
Barrel (5)... 66 56 100 100 190 

16.4 28.4 Sp lpe) 47.1 112.9, 

Barrel (a) gives cubic yards of concrete and (6) pounds of steel per lineal foot of 

barrel. 

STEAM RAILROAD TRACK 

7. Classification 

The following classification of railways, based on tonnage and on maximum 
speed of passenger trains, is that used by the American Railway Engineering 

Association as the basis for recommended practice in the construction of road- 
bed, dimensions and quality of ballast, cross-sections, etc. 

Class “(A ” shall include all districts of a railway having more than one 
main track, or those districts of a railway having a single main track with a 

traffic that equals or exceeds the following: Freight car mileage passing over 

district per year per mile, 150,000; or, Passenger car mileage per year per 
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mile of district, 10,000; with maximum speed of passenger trains of 50 miles 

per hour. 

Class “‘B” shall include all districts of a railway having a single main 
track with a traffic that is less than the minimum prescribed for Class “ A,” 
and that equals or exceeds the following: Freight car mileage passing over 
district per year per mile, 50,000; or, Passenger car mileage per year per mile 
of district, 5000; with maximum speed of passenger trains of 40 miles per hour. 

Class “‘C” shall include all districts of a railway not meeting the traffic 
requirements of Classes ‘‘ A” or “ B.” 

8. Ballast 

The following definitions and specifications have been officially adopted 
by the American Railway Engineering Association, and are therefore quoted 
as desirable standards for the classification and selection of ballast. 

Ballast. Selected material placed on the roadbed for the purpose of holding 
the track in line and surface. Broken or Crushed Stone: Stone broken by 
artificial means into small fragments of specified sizes. Chats: Tailings 
from mills in which zinc, lead, silver and other ores are separated from the 
rocks in which they occur. Gravel: (a) Pit Run. — Worn fragments of rock 
and sand occurring in natural deposits. (b) Screen. — Worn fragments of 
rock occurring in natural deposits that will pass through a 2-1/2-in. ring and 
be retained on a No. 10 screen. (c) Washed. — A gravel from which foreign 
matter has been washed and the relative proportions of gravel and sand have 
been determined. Sand: Any hard, granular, comminuted rock which will 
pass through a No. 10 screen and be retained upon a No. 50 screen. Chert: 
An impure flint or hornstone, occurring in natural deposits. Cinders: The 
residue from the coal used in locomotives and other furnaces. Slag: The 
waste product, in a more or less vitrified form, of furnaces for the reduction 
of ore; usually the product of a blast furnace. Burned Clay: A clay or gumbo 
which has been burned into material for ballast. Gumbo: A term commonly 
denoting a peculiarly tenacious clay, containing no sand. Disintegrated 
Granite: A natural deposit of granite formation, which, on removal from its 
bed by blasting or otherwise, breaks into particles of size suitable for ballast. 

Stone Ballast. Stone shall be durable enough to resist the disintegrating 
influences of the climate where it is used; it shall be hard enough to resist 

pulverizing under the treatment to which it is subjected; it shall break in 
angular pieces when crushed. The maximum size of ballast shall not exceed 
pieces which will pass in any position through a 2-1/2-in. ring; the minimum 
size shall not pass through a 1/2-in. ring and the gradations between shall be 
fairly uniform. It should be free from dirt, dust or rubbish. 

Gravel Ballast. Atleast 15% of sand is essential in gravel ballast to prevent 
the stones from shifting under their load. For Class A roads bank gravel con- 
taining more than 2% of dust (material finer than sand) or 40% of sand must 
be washed or screened and the product should contain between 15 and 20% 
of sand. For Class B roads bank gravel containing more than 3% of dust or 
60% of sand should be washed or screened and the product should contain 
from 25 to 50% of sand. For Class C roads any material which makes better 
track than the natural soil may be used. 

Cinders. The use of cinders as ballast is recommended for the following 
situations: On branch lines with a light traffic;‘on sidings and yard tracks 
near point of production; as sub-ballast in wet, spongy places; as sub-ballast 
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on new work where embankments are settling, and at places where the track 
heaves ‘from frost. It is recommended that provision be made for wetting 
down cinders immediately after being drawn. 

Burned Clay. The material should be black gumbo or other suitable clay 
free from sand or silt. The suitability of the material should be determined by 
thorough testing in a small test kiln before establishing a ballast kiln. The 
material should be burned hard and thoroughly. The fuel used should be 
fresh and clean enough to burn with a clean fire. It is important that a suffi- 
cient supply be kept on hand to prevent interruption of the process of burning. 
Burning should be done under the supervision of an experienced and competent 
burner. Ballast should be allowed to cool before it is loaded out of the pit. 
Absorption of water should not exceed 15% by weight. 

9. Standard Ballast Sections 

The Ballast Sections in Figs. 13a and } are those officially adopted and. 
recommended as good practice by the American Railway Engineering Associa- 

~11-144.—_—>.—_—11-1% 
5-7 40> 4-0" 14 e. 

r+" Fre 2A 2-44" — 4-0" 

' *to| 0" t | 

ohne (aN 
‘ ~~ GRAVEL 

Fig. 13¢. Standard Ballast Sections, Class A Roadbeds 

f 
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tion; and, on account of the care used to obtain the consensus of opinion of the 

best officials of the country, they may be considered as the most authoritative 

designs obtainable. 

The Quantity of Ballast required in cubic yards per mile for the standard 
sections shown in Fig. 13a is as follows: 

Single track Double track 

Kind of ballast 
Sub-ballast | Top-ballast | Sub-ballast | Top-ballast 

80 3 
ta ca to the foot 

; 2 Sembee SEP Slope 3.to 1 ff 

Sod~ we eee 24 ~ PEW ‘ . TE 5} S . if Riess 

OS XX NS WWW 

Cementing gravel and chert, Class B Railways 

Sod SEE SE 
\ 

XM QA QE GG NA 
Gravels, nae, chats, etc., Class C Railways 

rm | ae to the foot 

a sea eS ERTS Slope 3,to1 
SRS 

WN DLA NSEQX Ways 

Cementing pace and chats, Class C Railways 

Fig. 13b. Standard Ballast Sections, Class B and C Roadbeds 

Nore. : Slag is broken and similar in character to stone. 
same section as for gravel, cinders, etc., should be used. 

eS 

For granulated slag the 
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The Quantity of Ballast required in cubic yards per mile for the standard 
sections shown in Fig. 136 is as follows: 

Kind of Ballast Class B Class C 

SEGHO GhAGM SO Ae OT SST Sh ORIG QU 2195 Pee 
Grevel welders; chatsyetetni)s is. occdey. cult. od. nes 2284 1695 
Cementing gravéLand: chert ic 6506006 T. oo cers vais 1882 1309 

These computed volumes are based off the use of 6 in. by 8 in. by 8-ft. cross 
ties, spaced 24 in. on centers, for both classifications. The use of wider ties 
(same depth) would slightly decrease the required volume of ballast; the use 
of deeper ties (same width) would increase the volume; wider spacing would 
increase the volume; the use of longer ties would decrease the volume slightly, 
except for cementing gravel and chert. 

Shrinkage of Ballast. ‘‘ Shrinkage of ballast ” is the decrease in volume 
from that as loaded at the pit and measured as dumped loosely in the car to 

that as measured in the track after the ballast has been tamped and com- 
pressed by the passage of trains, This ‘‘ shrinkage’ is not a loss of ballast; 

and the “ pay quantities,” usually measured as dumped loosely in the car 
at the pit, must be increased sufficiently to allow for the shrinkage. 

The following table from Bulletin 277, A.R.E.A., p. 84, gives results of 
actual measurements of this shrinkage: 

Shrinkage for Various Kinds of Ballast 

Yards of material 
Number of |-——___________ | Per cent or 

Kind of ballast ; M d hrinka projects easure Ss. ge 
Purchased ia track 

2 113-117 1 812 020 16.62 
222 936 205 450 8.50 

381 586 313 295 21.80 

74 910 65 484 14.39 
195 159 157 234 24.12 

Altoona test 27.00 

Cleaning Ballast. Ballast becomes fouled or ‘“‘ dead,” in from 2 to 7 years, 

‘depending largely on its hardness and durability but also on account of cinders 

.and other dirt dropped into it. It then does not drain readily and must be 

‘cleaned. The hand method, still much used, is to throw it out from between 

-the ties with shovels and return it with ballast forks, thus leaving the dirt out- 

«side the track. This method is slow, laborious and costly; but no very satis- 

factory machine has been developed for getting the ballast out of the “ cribs.” 

“Machines of the vacuum-cleaner type have been tried, and on mountain roads 

-where the amount of cinders is large a machine similar to a street sweeper, but 

-with pan and conveyor, to dispose of the dirt, is sometimes used. 

For dirty ballast alongside single track or in the intertrack spaces on mul- 

-tiple-track roads, several types of machine are used. The first was the loco- 

motive crane rigged with a clamshell bucket, which deposited the dirty ballast 

-on screens. They are most effective if. operated ,in pairs, or multiples, and the 

-screens should be of the vibrating type. The same principle is followed in a 

-self-contained ballast-cleaning machine recently put on the market. An- 

-other.type of machine is the mechanical mole which digs its way through the 

- material cleaning the ballast as it goes. Cleaning ballast by machine is faster 
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and cheaper than by hand, but conditions vary so widely that cost data are 
conflicting. One large eastern road reports savings of about $1500 per mile 
of double track using four cranes and only about $870 per mile if only one 
is used. 

Cost. The total cost is made up of three items: the cost of the material 
on the cars, the cost of hauling to the place of distribution, and the cost of 
placing and tamping under the track. The cost of loading gravel at a gravel 

pit is quoted at 7 cents per cu. yd. Another quotation, which included 
“washing ” the gravel, was 18 cents; still other quotations ranged from 5.62 
cents to 13.9 cents. The cost of crushed limestone at the crusher is quoted 

at 53.5 cents; other quotations for “‘ crushed stone ”’ were 48 cents, 59 cents, 
and 61.5 cents. The cost of hauling 50 miles is quoted as 5.5 cents; on 
another road, hauling 50 miles and unloading, 10.7 cents; on another road the 
cost of hauling combined with unloading and placing in track was given as 40 
cents. The cost of placing in track is about 12 to 15 cents for cinders, a 
little more for gravel, and up to 30 cents for broken stone; the cost of placing 
stone ballast is given in one case as 31.9 cents, and the cost of placing gravel 
under the same conditions was 11.8 cents. The cost of digging out all worn- 
out gravel ballast was given as 15 cents per cu. yd. The tie renewals in 
stone ballast cost more than in gravel ballast; the relative cost (to quote one 
case) was 16.8 cents per tie for stone and 10.3 cents per tie for gravel. 

These costs were all obtained before the present era of high prices and 
should be increased from 50 to 100% for the same methods. The increasing 
use of labor-saving machinery on many operations serves to partially neutralize 
these increases, but conditions are so variable that it is impossible to cover 
them. 

10. Ties 

Wooden Ties. For heavy traffic the minimum thickness should be 7 in., 
the width 9 to 12 in. and the length at least 8 ft. 6 in. 

The following sizes are listed by the A.R.E.A., but the first two are not accepted 
for standard-gage track. 

Sawed or hewed on top, 
bottom and sides 

Sawed or hewed on top, 
and bottom 

Size 

Inches thick bey i Aiba Inches thick Hache , wats 

0 5 4) 

1 6 6 

2 6 7 
3 6 8 

4 7 7 
5 7 8 
6 7 9 

“f 10 

Durability. Durability depends on the weight and amount of the traffic, 
the character and drainage of subsoil and ballast, the use of tie plates, the 
climate, the time of year of cutting the timber, the age of the timber, and 
the amount of its seasoning before being placed in the track, and chiefly on 
the kind of wood. Therefore, any figures are necessarily subject to wide 
variations. A quoted consensus of opinion as to the life of untreated ties, 
which may be considered very reliable, is as follows: white oak, 7 to 12 years; 
pine, 5 to 8 years; chestnut, 8-1/2 years; cypress, 7 to 9 years; cedar, 15 years;, 
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tamarack, 5 to 6 years; hemlock, 5 years. From 75 to 98% of white oak ties 
fail from decay, the remainder failing from rail cutting and spike cutting. 
For pine, chestnut, cedar, cypress, gum and similar timber, the corresponding 

figures for failures from decay are from 25 to 80%. The softer the wood, the 
greater is its liability to fail from rail cutting or spike cutting. Failures from 
these causes are practically eliminated by the use of tie plates. The dura- 
bility of chemically treated ties depends on the kind of chemical treatment 
and on the protection of the ties against mechanical injury, such as rail cut- 
ting and spike cutting. It is possible tg treat ties chemically so that they will 
resist decay for 30 years, but it is useless to do so unless they are adequately 
protected against mechanical destruction by the use of tie plates. Even with 
tie plates ties sometimes fail from wear under them, and it is now considered 

good practice to fasten the plates to the tie. 

Spacing. The usual maximum spacing is 2 ft. on centers. An open space 

of 10 in. between ties is sufficient for tamping, and maximum bearing area on 

ballast is obtained by the use of the wider and longer ties with this spacing. 

The number of ties per mile for various spacings is as follows: 

Average spacing, 
inches 

The Effect of Chemical Treatment on the strength of cross-tie woods has 

been especially investigated by the U. S. Government, and the final conclu- 

sions are: (a) A high degree of steaming is injurious; (b) the presence of zinc 

chloride does not decrease the static strength, but it renders the wood brittle 

and therefore more liable to fracture under impact; (c) cresote is not injurious. 

Cost of Treatment. Neglecting the variable items of royalties on patents, 

profit, interest or depreciation, the cost of three of the common types of treat- 

ment will average about as follows, for a tie containing 3 cu. ft.: Zinc chloride, 

16 cents; zinc chloride and creosote, 27 cents; creosote, 10 lb. to the cubic foot, 

55 cents. The cost of the full creosote process is so great that many roads 

are now using a mixture in various proportions of creosote and petroleum as 

shown by the statistics in the following table. Approximately three-fourths 

of all the ties now used in the United States are treated. 

Economics of Treated Ties. The durability of ties treated by various 

methods and with various amounts of chemicals is approximately propor- 

tional to the expense incurred in treating them. It is possible to waste money 

in extra cresote so that the tie will be worn out mechanically long before any 

appreciable decay has set in. The method of treatment should correspond 

to the other elements of deterioration. The true relative value of two ties, 

one of which is long-lived but costly, and the other is cheaper but less durable, 

may be readily determined from the table showing annual charge against a 

tie when the cost of each in the track and the expected life of each in years is 

known. For example, assume that a cheap untreated hemlock tie costs 35 

cents, that the cost of placing it in the track is 20 cents, and that the tie will 

last 5 years. Assume that a yellow-pine tie is bought for 35 cents, is treated 

thoroughly with cresote at a cost of 60 cents, and that, as before, the cost of 

placing it in the track is 20 cents. The cheap tie costs 55 cents in the track 
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Number of Treated Ties — 1927 

Preservative 

Kinds of 
wood Creo- Zinc- 

sote * chloride 

Od knncht: taelts 21 467 239 

Yellow pine, ..| 14 020 828 
Douglas fir... 80 834 
Guim, ores > 3790 881 
Beech... ....: 1 494 203 

Ma pled «i Fe% 1419 133 

Lodgepole pine 95 000 
RIC RS Je osx olsen 730 331 

Westernyellow 
1 C= eee 340 

Hemlock..... 997 
Tamarack... . 9712 
Pim). Sot Ser. 319 442 

Others.......] 384957 

Totals...... 
Per cent....] 59.02 21.27 

* Creosote includes distillate coal-tar creosote, creosote coal-tar. solution, refined 
water-gas tar, and water-gas tar solution. Creosote-tar mixtures are more used 
soméwhat than mixtures of creosote and petroleum. 

Annual Charge against a Tie, Based on Original Cost and Assumed 
Life of Tie; Interest Compounded at 5% 

From Webb’s Railroad Construction 

Original cost of tie in cents 

40 50 

3 7.34} 11.02] 14.69] 18.36] 22.03} 25.70} 29.38] 33.05] 36.72 
4 5.64) 8.46] 11.28} 14.10} 16.92] 19.74] 22.56} 25.38] 28.20 
5 4.62] 6.93) 9.24) 11.55} 13.86] 16.17] 18.48] 20.79] 23.10 
6 3.94] 5.91} 7.88) 9.85} 11.82} 13.79] 15.76] 17.73) 19:70 
7 3.46) 5.18} 6.91) 8.64) 10.37) 12.10} 13.83] 15.55] 17.28 
8 3.09} 4.64] 6.19} 7.74] 9.28] 10.83} 12.38] 13.92] 15.47 
9 2.81} 4.22] 5.63} 7.03] 8.44) 9.85] 11.25} 12.66} 14.07 

10 2.59] 3.89) 5.18} 6.48} 7.77) 9.07) 10.36} 11.66] 12.95 
ll 2.41) 3.61} 4.81) 6.02} 7.22] 8.43] 9.63} 10.84] 12.04 
12 2.26) 3.38) 4.51) 5.64} 6.67) 7.90} 9.03] 10.15] 11.28 
13 2.13) 3.19) 4.26) 5.32] 6.39) 7.45] 8.52] 9.58] 10.65 
14 2.02]. 3.03) 4.04) 5.05} 6.06} 7.07] 8.08} 9.09} 10.10 
15 1,93], 2.89) 3.85] 4.82) 5.78) 6.74] 7.71] 8.67] 9.63 
16 1.85} 2.77) 3.79) 4.61) 5.54) 6.46] 7.38] 8.30] 9.23 
17 L771 ~ 2566) 3255|" 4 435P" 5.32)" 6.21) “7 1619 FoR MReRy 
18 1.71) 2.57) 3.42) 4.28) 5:13) 5.99) 6.84) ° 7.70) 8.55 
19 1.65) 2.48) 3.31] 4.14) 4.96) 5.79) 6.62] 7.45) 8.27 
20 1.60) 2.41) 3.21] 4.01) > 4.81) 5.62) 6.42}. 7.22] 8.02 

and will last 5 years. By the table, the annual charge against it is 11.55 + 
1.15 = 12.70 cents. The other tie costs $1.15, and is assumed to last 20 years, 



Art. 11 Rails 2025 

hence from the table the annual charge against it is (8.02 +3 X 0.401) = 
9.223 cents. Even if the treated tie lasted only 15 years, the annual charge 
would be only 11.076 cents. Reducing the rate of interest from 5% to, say, 
4% of course reduces the annual charge against any tie; it also makes the 
longer-lived ties relatively more valuable, or with a smaller relative annual 
charge. 

11. Rails 
F - 

Standard Length. The standard length is 39 ft. Shorter lengths, varying 
by single feet down to 25 ft. are permissible up to 11% of the entire order. 

Expension. The allowance for expansion should be 0.000006 5 of the 
length per degree Fahrenheit change in temperature. For a 39-ft. rail and 
a change of temperature of 25 deg., the expansion would be 0.00624 ft. = 
0.0075 in. nearly. The following allowances are recommended by the Ameri- 
can Railway Engineering Association. 

Temperature Expansion for Laying Rails 

- 160 joints per mile,|135 joints per mile,|117 joints per mile 
Rail temperature, | 33 ft. rails, 39-ft. rails, 45-ft. rails, 

deg. F. Inch Inch Inch 

—20 to 0 5/16 3/8 7/16 
0 to 25 1/4 9/32 11/32 

25 to 50 3/16 7/32 1/4 

50 to 75 1/8 1/8 5/32 
75 to 100 1/16 1/16 1/16 

Over 100 laid close laid close laid close 

Weight of Rail. The old rule of the Baldwin Locomotive Works, requir- 
ing 10 lb. per yard for each 3000 lb. of wheel load is now generally exceeded 

by the practice of first-class roads, partly because of higher speeds, although 

these have been made less destructive by improved counterbalancing, but 

largely because the use of heavier rails is economical, reducing both main- 

fenance and operating expenses. The following table shows the trend 
toward the use of heavier sections. 

Production of Rails by Weight per Yard 

Under 50 to 85 to 100 to 120 Ib. Total, 
Year 50 Ib. 85 Ib. 100 Ib. | 120 Ib. | and over | gross tons 

1914 238423 | 309 865 868 104 528 703 1945 095 
1915 254101 | 518 292 742 816 688 995 2 204 203 
1916 295 535. | 566791 | 1225 341 766 851 2 854 518 
1917 308 258 | 882 673 989 704 763 526 2944 161 
1918 395124 | 665 165 888 141 592 462 2 540 892 
1919 263 803 | 495577 965 571 478 892 2203 843 
1920 439 043 | 433 333 952 622 729 118 2 604 116 
1921 211 568 | 214 936 902 748 849 566 2 178 818 
1922 265541 | 274731 728 604 902 900 2171 776 
1923 272794 | 300907 864 965 1 465 850 2904 516 
1924 191046 | 213274 853 431 1175 581 2 433 332 
1925. | 163607 | 219 648 765 371 1 636 631 2 785 257 
1926 197260 | 256287 797 662 1 966 440 3217 649 
1927 161740 | 173257 539465 | 1314424 | 617524 | 2806 390 

a EE RE ee 
The gross tons per mile of rails of any weight is readily found by multiplying 

the weight per yard by 11/7. For example 70 X 11/7 = 110, the gross tons 
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of 70-Ib. rails per mile of track. The rule is theoretically exact, but in ordering 

an allowance of about 2% should be made for rail cutting. 

Curving. An approximate but practical rule for the middle ordinate m 

(Fig. 14) is that it is equal to the square of the length divided by 8 times the 

radius of the curve. Applying the approximate 

rule that radius of curve = 5730/D, where D is 
the degree of the curve, the rule becomes, for a 
standard 39-ft. rail, m (ininches) = 0.395 D; or 

for any length rail, m (in inches) = 0.00026 L?D, 

= where L = length in feet. 
Fig. '14 For ordinary curvature and lengths up to 33 

ft. there is no practical error in this rule, the maximum error below for a 30- 

deg. curve being 1/8 in. and that for even a 50-deg. curve being only 1 /2 in. 

The following table was computed byits use. For greater lengths the error 

varies practically as the square of the distance. For curves of less than 8 to 10 
degrees it is not generally considered necessary to curve the rails before laying. 

Middle Ordinates for Curving Rails, in Inches 

Length of rail in feet 

20 | 24 30 31 32 

1/4] 1/4] 3/8] 3/ 1/2) 1/2) 1/2 
3/8| 1/2) 1/2 3/4] 3/4| 3/4 
3/8| 5/8| 5/8 1 1-1/8 
1/2| 3/4| 7/8]. 7/ 3) 1-1/8] 1-1/4] 1-3/8 
5/8} 7/8|1  |t 1-3/8] 1-1/2] 1-5/8 
3/4]1_ |1-1/8|1-1/4]1-3/8 1-5/8] 1-3/4] 1-7/8 
7/8| 1-1/4) 1-1/4] 1-3/8 1-7/8 2-1/8 

1 |1-3/8|1-1/2| 1-5/8 2-1/8] 2-1/4| 2-3/8 
1 |1-1/2/1-5/8}1-3/4 2-3/8} 2-1/2] 2-5/8 

3/4|1-1/4|1-3/4|1-3/4|2-1/8 2-7/8| 3 3-1/4 
7/8|1-1/2|2 . |2-1/4|2-1/2 3-1/4| 3-1/2] 3-3/4 

1-5/8|2-3/8|2-5/8|2-7/8 : 3-3/4| 4 4-1/4 
1-7/8|2-3/4|2-7/8|3-1/8 4-1/4| 4-1/2] 4-7/8 

1/2|1-1/8)2 {3  |3-1/4|3-1/2|3-7/ 4-3/4] 5 5-3/8 
5/8|1-1/2|2-5/8|3-3/4|4-1/8|4-3/8 5-7/8| 6-1/4] 6-3/4 
3/4|1-3/4|3-1/8|4-1/2|4-7/8|5-1/4 7-1/8| 7-1/2 
7/8|2 |3-5/8|S-1/4|5-3/4]6-1/4 / 8-1/4| 8-3/4 

1 }2-3/8}4-1/8|6 — |6-1/2|7-1/8 /4| 9-3/8|10 — |10-3/4]11-3/8 
1-1/8]2-5/8|4-3/4|6-3/4|7-3/8| 8 9-7/8|10-5-8| 11-5/8]12-1/8|12-7/8 
1-1/4|3 |5-1/4]7-1/2]8-1/8]8-7/8|9-1/2|10-1/4|11  |11-3/4]12-3/8]13-3/8|14-1/4 

Failures are classified by the American Railway Engineering Association 
under the following heads: 

. Broken Rail. (A) Transverse Fissure. (B) Oridinary Break. 
. Flowed Head. 
. Crushed Head. 
. Split Head. 
. Split Web. 
. Broken Base. 
. Damaged. 

Complete reports are required of all failures classified as above, and must give com- 
plete data regarding characteristics, manufacture, location and condition of rail, ties 
and ballast, alignment, weather, etc. These reports are collected and summarized for 
study on various bases such as length of service, kind of steel, mills, etc. 

The total average failures per 100 track-miles (32 000 rails, 33 ft.) classified 
on basis of length of service up to five years are given in the table below. 

NAMP WNP 
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The steady improvement up to 1916 indicated by these statistics was due 
principally to the improvement in the metal used for rails, the adoption of 
heavier rails better adapted to the increased loads and the gradual replacement 
of Bessemer by open-hearth rails. Disturbance of manufacturing conditions 
and under-maintenance during the war are blamed for the poorer and more 
erratic record after 1916 or 1917, but there are doubtless other factors con- 
tributing to the failure to return to the best record, such factors being increased 
speed and weight of rolling stock and especially increased density of traffic, as 
well as increased trouble from transverse fissures in recent years. It should 
be noted, however, that less than one rail per thousand fails each year on the 
average for the first five years and that the failures per year increase with the 
life of tae rail, which is as it should be and just the reverse of common experi- 
ence some twenty-five to thirty years ago when the inferior quality of rails 
resulted in very heavy replacements from defects during the first two or 
three years of use. 

Number of Rail Failures per 100 Track-Miles 
From Bull. 315, March, 1929, American Railway Engineering Association. 

Years of service 
Year 
rolled 1 2 3 4 5 

Pe [een eS EE SCL Ee ces oles Tes apiece ee oh rore 398.1 
een a ten eee EI SOY. Ue ne 224.1 277.8 

MR Gino soya Oe ane Bee Sn 124.0 152.7 198.5 

BOUT TIA oo oire stares 77.0 104.4 LER Pe] 176.3 

1912 28.9 S21 49.3 78.9 107.1 

1913 12.5 25.8 44.8 69.5 91.9 

1914 8.2 19.8 32.9 50.9 74.0 
1915 8.9 19.0 34.2 53.0 82.4 

1916 11.8 29.2 47.7 70.6 105.4 

1917 21.6 38.9 66.0 110.5 137.0 

1918 8.9 27.6 54.0 92.8 125.4 

1919 14.8 39.4 73.7 104.8 115.7 

1920 14.2 32.4 63.1 84.5 119.6 

1921 10.9 34.9 56.9 70.9 98.9 

1922 15.9 34.8 5527, 80.4 110.0 

1923 14.3 38.2 57.6 OM UBaaedld Petey Pare ccs 

1924 14.0 33.4 Fe iB, on Aw ache be tarde saan acta ANA sang s 

1925 155 Oe OC. Gee ulate @ Piste aes ae ete cheat, een lig 80 Sie wap uae ole 

| 1926 ALE HAs SOREN UAC bs Fe cliraes + | sino Stee tema eerie tiaga eee a 

Life. Rails not replaced on account of failure wear out in service unless 
replaced by heavier sections and the life depends on the rate of wear and the 

total wear permitted before renewal, each road fixing its limit of wear to suit 

its own conditions. Wear is usually considered proportional to tonnage, 
although heavy axle loads and high speeds undoubtedly increase the destruc- 
tive effect of traffic. Grade also increases wear 50 to 100% due to the slipping 
of drivers and use of sand. The excess wear on curves may be taken at 1/6 
that on tangents per degree of curve, or, the wear on a 6-deg. curve will be 
double that on tangents. The normal wear of rails may be estimated at 1/16 
in. per 25 000 000 to 35 000 000 tons of traffic. Assuming the allowable depth 
of wear for main track at 3/8 in. gives, say, 200 000 000 tons as its total tonnage 
life in main track. It may then be used on branch lines or sidings, with or 

without rerolling. Since the quality of the metal inside the rail is inferior to 
that on the surface, some roads remove rail from main track early and reroll it, 



2028 Steam Railroad Track Sect. 21 

thus again securing a better wearing surface but, of course, a reduced section. 

The tonnage treated in this way and the practical displacement of Bessemer 

steel rails by open-hearth steel rails are shown by the table given below. 

Séctions. The section in common use originated in the so-called * flat bot- 

tom” pattern designed by Col. Robert L. Stevens, Chief Engineer of the 

Camden and Amboy Railroad, in 1830. It was reinvented in England in 1836 

by Charles Vignoles and is used as the “ Vignoles ” rail in Europe and to some 

extant in England, although the standard in the latter country is the double- 

headed or “bull head ” rail which requires chairs for its support. The early 

rails had pear-shaped heads, being designed for the use of iron, on account of 

the danger of the side of the head breaking down with that material. After 

the introduction of steel in 1865, many modifications were made by the vari- 

Production of Rails by Processes, in Gross Tons 

Total Open hearth| Bessemer 

6 029 DOSS S9n) Anmmitisine asl sas 2 947 933 
45 054 2 DAGTSG of eee alee eens 2 992 477 

145 883 Zest d im suentys 0 'si9 34 orev aversta 2284711 
183 264 BRU Shee RRA Se ise ise 3 375 929 
186 413 SITOTASE es obs oe sed «oes be 3 977 887 
252 704 31380 O25? Feet pis ct + show es hee 3 633 654 
571 791 pa SER Eee So Re Sars geet “Se 1921015 

1256 674 WVG2 ail hanes Sesh oo te faeehas oe 3 023 845 
1751 359 1/884 442 6). ka eens 3 636 031 
1 676 923 1053 420 2 822 790 
2105 144 1099926. | 119390 | 3455 |........ 3 S2s,915 
2 527 710 817951. | 155 043, J. 24356 |........ 3 502 780 
1525 851 323 897..} 95169 | 78 |.....%.. 1945 095 

1915 1775 168 3269521 “EG2 08S. Aa. orbs chen es 2 204 203 
1916 2 269 600 440 092.) 144826 Jn...... Je eseeees 2 854 518 
1917 2 292 197 S33 3250} TESIGSoS dee. ease oe 2944 161 
1918 1 945 443 Che. Be Us Ul ae [6 ey i IS es ry Scie 2 540 892 
1919 1 893 250 214121. 96422 4- SO }...,,.-. 2 203 843 
1920 2 334 222 1428098) 12669 ae ZIYI 2 604 116 
1921 2 027 215 55 559 i) Ae iy eh ce 2178 818 
1922 2 033 000 22°32 Tox] VUNG SOT Te ee ie ne oes 2171776 
1923 2 738 779 25 877 Ka ea ais 0 Pi rare 2904 516 
1924 2 307 $33 16.069,- | 109.730) 7. wea tre See oes) 2.433.332 
1925 2 691 823 OST Ve wes aie ds seen bs ewe n ee 2 785.527 
1926 3 107 992 TSS SSi eo 2a Vote Rb. al ety h eran coe 3217 649 

2 717 865 PSO. POCO Doe Nm. 28 sero | ars eeceene 2 806 390 

* Small tonnages rolled but included with Bessemer and open-hearth. Rerolled 
rails were also ‘included 1902 to 1910. There were also rerolled from new, second 
quality, and defective rails 22 010 tons in 1911; 42 586 in 1912; 43793 in 1913; 
26 772 in 1914; 9 129 in 1915; 3 860 in 1916 and 9 007 in 1917. The totals show that 
the practice of rerolling has decreased markedly since 1913, but total production has 
also decreased somewhat. 

In addition to the above tonnages, alloy-treated steel rails have been produced by 
the open-hearth and electric processes in the quantities given in gross tons in the 
table on the next page. 

ous roads using rails until in 1891 nearly 300 different patterns were in use 
with 27 different weights per yard practically all 80 lb. and less... This caused 
needless expense and higher prices due to the large stock of rolls which the 
eleven Bessemer steel rail mills had to carry on hand; and in 1893 the American 

Society of Civil Engineers, having studied the subject exhaustively through 
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Production of Alloy-Treated Steel Rails, in Gross Tons 

Alloys Weights per yard 

Year | Tita- | Other | Under| 50to | 85 to | 100 to | 120 1b. | Total 
nium | alloys | 50 Ib. | 85 Ib. | 1001b.| 120 Ib. Jand over 

1918 2 891 @20io}}....... 47 | 2640 424 3111 
1919 6 207 269 5b he. 3920 2556 6 476 | 
1920 |- 11-652 | 4257 |.J...-. 514” | 5069 7 326 12 909 
1921 | eee ed | ae 74. | 14277 1928 6 276 
1922 2 493 OTOCME oes: 321 835 2 007 3 163 
1923 SA6 |] PING YW. . AL... 56 317 1769 2142 
1924 1696.) SATS RAS. 847 4 320 5 167 
1925 1616 | 2393 70 ATs ieee See 3 892 4009 } 
1926 1099 |-3117 |....... 42 1.027 3147 4216 
oe | ae ee | eerie | ere! 374 | 391 500 1 265 

various committees since 1873, adopted standard sections the use of which 
was recommended. These sections were extensively adopted, as at one time 
about 75% of the output conformed to those standards, but when the heavier 
rails came into common use much difficulty was experienced. Although 
much of this was due to poor quality of metal and poor methods of manufac- 
ture, a change in section was also necessary and the American Railway Asso- 

ciation in 1905 appointed a committee to consider the matter. This com- 
mittee made its final report in 1909, recommending the adoption of two types 
of sections, A and B, the first with shallower head and greater height than the 
second. The association concurred and referred the sections to the American 
Railway Engineering Association whose 
Committee on Rail reported in 1915 in 
favor of the “ A ”’ section for a single type 
for the 90-Ib. rail and in favor of sections 
of their own design for 100-, 110- and 
120-Ib. rails, thus leaving the Am. Soc. 
C. E. sections standard for weights under 
90 lb. per yard. These recommenda- 
tions were adopted. Considerable ton- 
nage of both sections A and B has been 
rolled, however, and they are likely to 
continue in use to some extent, as the A 
section satisfies those who believe that 
the head should be thin and the moment 
of inertia as great as possible and the B 

section satisfies those who believe that 
the head should be narrow and deep and 
that the moment of inertia is compara- 
tively unimportant. The A section is used on the comparatively straight 
prairie roads of the Central West, whereas the B section has been adopted by 
some of the crooked, heavy-traffic, coal roads through the mountains in the 
East. Standards for heavier sections have been adopted by the American 
Railway Engineering Association as follows: 130- and 140-lb. in 1920 and 
150-lb. in 1924. 

In Fig. 15 is given a diagram showing the dimensions which are common 
to all designs and indicating by letters the dimensions which vary. The 
Am. Soc. designs included thirteen different weights of rails, but these were 
later reduced to five designs varying by 10 lb. increments from 60 to 100 Ib. 
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Angles and Dimensions of Standard 

Radii, in. Angles 

U Bottom Yee 

Standard pper | Fillet | Top of | Side of | of head | Side of | 1, per 
Corner |corners*| head web | andtop| head ~ 
of head 

Ri Re R3 Rg 

Am. Soc. C.E.| 5/16 1/4 12 12 

A 3/8 3/8 14 14 

A.R.A. 

B| 3/8 5/16 12 12 

3/8 

3/8 5/8 
A.R.E. A. 14 14 

1/2 3/4 
9/16 20 

Penn. R. R. 7/16 5/16 10 10 
1/2 12 16 

L.V.R.R. 7/16 1/2 10 14 

Dudley 5/16 1/2 14 14 
18 

* Fillet at bottom of web differs from that at top, Re, in following sections: A.R.E.A. 
100-Ib., 110-Ib., and 120-Ib., 5/8 in.; 130-lb., 140-lb., and 150-lb., 3/4 in.; Penn. R. R. 

130-lb., 1/2 in; L. V. R. R. 136-lb., 3/4 in.; Dudley 105-lb., 1 in., 115-lb, 

per yard. One dimension only is common to all standards and all weights o! 
rails, the radii of the upper and lower corners of the flanges and the lower cor- 
ners of the head being almost invariably 1/16 in. Some other dimensions anc 

angles are constant for a set of standards as shown ih the table given above 

Specifications. The following are the standard specifications of th 
American Railway Engineering Association for open-hearth carbon-stee 
rails: 

Inspection. 1. Inspection and tests shall be made at the works of the manufacture 
before shipment, and the works management shall afford all reasonable facilities fo: 
determining the satisfactory quality of the rails accepted. 



et 4 Rails 

Designs for Rails (see Fig. 15) 

Dimensions, in. 

2031 

A Ay B c D E F G H K 

{ - 

iy bee 31/64] 4-1/4 | 4-1/4 | °49/64) 2-17/64]' 127/32 }....0 0/0002 
24 bl Re 33/64 | 4-5/8 | 4-5/8 13/16} 2215/3211 1792| oe ae es 
rs | pail RA 35/64| 5 5 TA tsa ey (Sones 3 aig Os oh 
ro 9/16 | 5-3/8 | 5-3/8 59/64] 2-55/64| 1-19/32|...... 2-7/8 
BGA ske Sees 9/16 | 5-3/4 | 5-3/4 | 31/32] 3-5/64 | 1-45/64|...... 3-1/32 
ie teal 24 behead 
2-1/4. |. +++») 15/32 | 4 4-1/2 13/16] 2 29/64] 1-15/64] 5/16] 2.37 
Ong mace 1/2 | 4-1/4 | 4-3/4 | 29/32] 2-1/2 | 1-11/32]. 3/8 2.55 
D2 al eae 33/64 | 4-5/8 | 5-1/8 | 31/32| 2-23/32] 1-7/16 | 3/8 2.81 
7 Cy hy 9/16| 5-1/8 | 5-5/8 |1 3-5/32 | 1-15/32] 3/8 3.08 
1h eae 9/16 | 5-1/2 | 6 1-1/16 | 3-3/8 | 1-9/16 | 3/8 3.25 

2-1/8 | 2-1/16 | 31/64 | 3-11/16 4-3/16 | 7/8 | 2-1/16 | 1-1/4 | 29/64 | 2-15/64 
2-3/8 | 2-5/16 | 33/64 | 4-3/64 | 4-35/64 59/64| 2-17/64| 1-23/64| 29/64 | 2-25/64 
2-7/16 | 2-11/32| 35/64 | 4-7/16 | 4-15/16| 1 2-15/32] 1-15/32| 31/64 | 2-85/128 
2-9/16 | 2-15/32} 9/16 | 4-49/64| 5-17/64| 1-1/32°| 2-5/8 | 1-39/64] 31/64 | 2-105/128 
2-21/32| 2-9/16 | 9/16 | 5-9/64 | 5-41/64| 1-5/64 | 2-55/64 31/64 | 3-1/64 

Pojie ts ke 9/16 | 5-1/8 | 5-5/8 | 1 345/32! | 1415/32] 9 3.08 
DERG sca 9/16 | 5-3/8 | 6 {1/16 320/32 NA-21 fale oe 3.25 
POT i woah. 19325 SA LOLs | 1-1/8) |.3-15/32) 1-95/32| 2. oe 3.42 
RIS oe. 5/8 | 5-3/4 | 6-1/2’ | 1-3/16 |'3-17/32| 1-25/32|...... 3.51 
DABIIG 4:14 aoc 21/32 | 6 63/4, | IoIfB2 1 3-11 /16) 1-272 « «5.05 3.72 
co eae ae 11/16] 6-1/4 |7 1-1/4. | 3-27/32| 1-29/32]...... 3.86 
Bate tall cain 11/16 | 6-3/4 | 7-3/4 | 1-9/32 | 4-9/16 | 1/29/32|...... 4.30 

PBGU| sees 17/32 | 5 5 T/8 =| 2-8/8 yAcleB/44e uae h 2-9/16 
De83 [64 5, cise 9/16 | 5 5-11/16] 1-3/32 | 2-25/32| 1-13/16]...... 3-7/128 
Seen kal> anes PA/SON Shel G-S/Sehi2743) 13-4S/32\12.4 ad oth, 3-3/8 

PETS Glace cissi 21/32 | 6-1/2 | 7 1-1/4 | 3-7/8 7/16| 3.94 

Sele All ahah 5/8 | 5-1/2 | 6 31/32] 3-13/32] 1-5/8 |...... 3-5/32 
a aN rere ds 5/8 | 5-1/2 | 6-1/2 | 1-1/16 | 3-3/4 | 1-11/16]...... 3-1/2 
Src ied ofera2 21/32 | 6-1/4, |7 1-5/32.,| 4-5/32 | 1-11/16|...... 3-115/128 

and 127-lb., 3/4 in. Another variation is that the radii of the lower corners 
of the head of the L. V.R.R. standard are 1/8 in. instead of 1/16 as given in 
Fig. 15. 

Chemical Composition. 
prescribed hereafter, shall be within the following limits: 

2. The chemical composition of the steel, determined as 

Weight in pounds per yard 

Constituents 
70-84 85-100 101-120 121-140 

(SAL D OTs yateiatsicisgzo.0 sivjaicis'eieivhs 0.53-0.70 | 0.62-0.77 | 0.67-0.83 | 0.72-6.89 

IVER SATESE «oo. cho 2 epeletereireie ean 0.60—-0.90 | 0.60-0.90 | 0.50-0.90 | 0.50-0.90 
Phosphorus, not to exceed..., 0.04 0.04 0.04 0.04 
Silicon, minimum............ 0.15 0.15 0.15 0.15 
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Average Carbon. 3. (a) In any rolling, it is desired that the number of heats above: 

the mean carbon percentage of the specified range shall be at least equal to the number 

of heats below the mean, and that the average carbon shall be as high as the mean. 

(b) For information only, the manufacturer shall furnish the carbon and man- 

ganese analysis on drillings taken from both the “O” and “ M ” positions of the head 

at the top end of the “A ” rail of the last full ingot rolled on each tenth heat. 

Analyses. 4. Separate analyses shall be made from drillings taken from test 

ingots representing the second and one of the last full ingots of the heat to determine 

the percentage of carbon and manganese. The percentage of phosphorus, sulphur, 

and silicon shall be determined on equally mixed drillings from the test ingots. The 

average analysis of the ladle test ingots shall conform to the chemical requirements. 

A portion of the drillings shall be furnished to the inspector upon request for check 

analysis. 

Physical Requirements. 5. Ductility and resistance to impact will be determined 

by the standard A.R.E.A. drop testing machine, with test specimens from 4 ft. to 

6 ft. long cut from the top of the “A” rails from the second, middle; and last full 

ingots of each heat. The distance between supports shall be 3 ft. for sections under 

106 lb. . For sections 106 and over it shall be 4 ft. 
Temperature of the test pieces must not exceed 100° F. 

Drop Test. 6. The test specimens shall be placed base upward on the supports 

and subjected to one blow from the tup, falling free from the following heights: 

FOC SOG b> reales) i PER. hires sores Sotsts op an ieate 18 ft. 
OT—POO A: TAM Se bo onc Seee wee tentlepe qe ste 19 ft. 

LO%—t20Ths frail Siero. § Se Saas tee otise oe LOPE 20°%t. 
429 F40-4B- sade SS Sse b. SESS ee 8 eS ieee 22 ft. 

If all these specimens endure the above tests without fracture, all the rails of the heat 

will be accepted, subject to final inspection for surface, section and finish. 

Tf one of the three specimens fail, all the “A” rails of the heat will be rejected. 

Specimens shall then be cut from the bottom end of the same “A” rails or the top 

end of the “ B”’ rails and tested. If any of these tests fail, the “ B ” rails of the heat 

will be rejected. Three additional specimens shall then be taken from the bottom 

end of the “B” rails or the top end of the “‘ C” rails. If all these tests stand, the 

balance of the heat will be accepted. If any of these tests fail, the entire heat shall 

be rejected. : 

Elongation and Permanent Set. 7. (a) One of the three test specimens shall be 

given a sufficient number of blows to determine, for information only, the exhausted 

ductility, reported inch by inch over the entire 6 in. gaged. No ductility readings 

will be taken between blows. The other specimens shall be nicked and broken. The 

fracture of each specimen shall be examined to determine the requirements of 

Section 8. 
(b) For information only, the permanent set measured by middle ordinate in inches 

in a length of 3 ft. shall be recorded after the first blow on all test specimens. 
(c) For information only, one of the three test specimens shall be tested by Brinell 

indentation upon the head of the rail, and the diameter of the indentation shall be 
entered up on the test record. The ball shall be 19 millimeters,in diameter and the 
pressure 100,000 Ib. 

Interior Condition. 8. If the fracture on any test specimen exhibits seams, lamina- 
tions, cavities, interposed foreign matter, or a distinctly bright or fine-grained struc- 
ture, all top rails represented shall be classified as “ X-Rayls.” 

Classification. 9. No.1 rails. No. 1 rails shall be free from injurious defects and 
flaws of all kinds. 

X-Rayls. Rails as described in Sections 8 and 15 (c). 
No. 2 Rails. Rails which conform to the following requirements will be accepted as 

No. 2 rails. 
(a) Rails which do not contain surface imperfections in such number or of such 

character as will in the judgment of the inspector render them unfit for recognized uses. 
(b) Rails arriving at the straightening presses with sharp kinks or greater camber 

than that indicated by a middle ordinate of 6 in. in 39 ft. 
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Discard. 10. Sufficient discard shall be taken from the ingot to insure freedom 

from injurious segregation and pipe. 

Lengths. 11. Standard length of rails shall be 39 ft. at a temperature of 60° F. 
Eleven per cent of the entire order will be accepted in shorter lengths varying by 1 ft. 
from 38 ft. to 25 ft. A variation of 3/8 in. from the specified length will be allowed, 
except that on 15% of the order a variation of 7/16 in. will be allowed. 

Section. 12. Section of rails shall conform as accurately as possible to the templets 
furnished by the purchaser. A variation of 1/64 in. less or 1/32 in. greater than the 
specified height will be permitted. A variation of 1/16 in. in the length of either 
flange will be permitted, but the variation zm total width of base must not exceed 
1/16 im. No variation will be allowed in dimensions affecting the fit of the joint bars, 
except that the fishing templet approved by the purchaser may stand out not to 
exceed 1/16 in. laterally. 

Weight. 13. A variation of one-half of 1% from the calculated weight of section 
as applied to the entire order will be allowed. 

\ 

Drilling. 14. Circular holes for joint bolts shall be drilled to conform to the 
drawings and dimensions furnished by the purchaser. A variation of 1-32 in. in the 
size and location of bolt holes will be allowed. 

Finishing. 15. (a) All rails shall be smooth on the heads, straight in line and with- 
out twists, waves or kinks. The supports for rail in the straightening presses shall 
have flat surfaces and be free from hollow places, bends or crooks, and shall be spaced 
not less than 60 in. When placed head up on a horizontal surface, rails that, are 
slightly higher at the ends than the middle will be accepted, provided they contain a 
uniform sweep, the middle ordinate of which does not exceed 1-1/4 in. in 39 ft. They 
shall be sawed square at the ends, a variation of not more than 1/32 in. being allowed 
and burrs shall be entirely removed. : 

(b) Rails presented for inspection which do not conform to the requirements, of 
Section 14 or Section 15 (a) may be reconditioned by the mill, provided they can be 
made to meet the requirements fully. 

(c) When any finished rail shows conditions as described in Section 8 at either end 
or at any drilled hole, it shall be cut back to sound metal, and accepted as an “ K-Ray].” 

Branding. 16. Brands made so plain and sharp that they may be read as long as 
the rails are in service shall be rolled on or hot-stamped into the side of the web of 
each rail in accordance with the following requirements and to indicate: 

(a) Name of the manufacturer, month and year of manufacture, and weight and 
type of section of rail as rolled. 

(b) The heat number and the ingot number as rolled shall be stamped in the web 
of each rail where it will not be covered by the joint bars. 

(c) The top rails shall normally be lettered “A” and succeeding ones “ B,”’ “ C,” 
“DD,” “E,” etc., consecutively, but in case top discard is greater than normal, the 
rail lettering shall conform to the amount of discard, the top rail becoming ‘‘ B ” or 
other succeeding letter to suit the condition. 

(d) All rails shall be branded ‘‘ O-H ” in addition to other marks. 

Classification Markings. 17. (a) Rails accepted as No. 2 rails shall have the ends 
painted white and shall be stamped with the figure 2 on both end faces. 

(b) Rails accepted as “ X-Rayls ” shall have the ends painted brown and shall be 
stamped with the letter “ X ’’ on both end faces. 

(c) “A” rails shall have both ends painted yellow. 
(d) No. 1 rails less than 39 ft. long shall have both ends painted green. 
(e) All rails of heats whose carbon content exceeds the mean carbon percentage of 

specific range shall have both ends painted blue. 
Individual rails shall be painted only one color, according to the order of precedence 

listed above. 

Loading. 18. Rails shall be carefully handled in such manner as to avoid injury, 
and shall be loaded as follows: 

(a) No. 1 low-carbon rails shall be loaded in separate cars. 
(b) No. 1 high-carbon rails shall be loaded in separate cars. 
(c) No. 2 rails shall be loaded in separate cars. 
(d) “‘X-Rayls ” shall be loaded in separate cars. 
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(e) No. 1 “A” rails shall be loaded in separate cars. 
(f£) No. 1 short rails shall be loaded in separate cars. 

No subdivision by classification markings other than listed above is necessary for 

separate loading. 

Milling Practices. 19. The entire process of manufacture shall be in accordance 

with the best current state of the art. It is expected that thoroughly deoxidized dead- 

setting steel will be furnished and that in every stage of manufacture strict adherence 

to the standards of best practice of the individual mill will be observed. 

Shall anything occur in the process of manufacture which, in the judgment of the 

inspector, varies detrimentally from regular care and practice, the inspector will 

immediately notify the chief inspector and the general superintendent of the mill, con- 

firming such report in writing. If after full investigaton the inspector is not satisfied 

as to the good quality of the rails in question, and the rails, complying in other respects 

to this specification, be loaded for shipment, the inspector will immediately forward 

a copy of this report to the purchaser. 

Acceptance and Payment. 20. (a) In order to be accepted, the rails offered must 

fulfill all the requirements of this specification. 

(b) No. 2 rails to the extent of 8% of the whole order will be accepted. 

(c) Rails accepted will be paid for according to actual weights. 

12. Elevation of Outer Rail on Curves 

(See also Sect. 6, Art. 61.) The theoretic formula is e = dV?/gR, where 

d = distance between centers of rails, V = speed of train, g = acceleration 

of gravity, and R = radius-of curve, or, very closely for standard gage, e = 

0.00069 DV2, where D is degree of curve, V is speed in miles per hour, and ¢ 

is elevation of outer rail in inches. The elevation to be chosen evidently de- 

pends on the speed, which should be that of the fastest passenger trains unless 

their speed is reduced on curves. The Lehigh Valley R. R. has successfully 

used a superelevation of 10 in.; 8 in. is generally considered the limit, while 

some roads limit it to 6 in. Whatever the limit, the speed of trains on sharp 

curves should be reduced, if necessary, to that corresponding to the limiting 

elevation. A common rule for level grade is one inch for each degree of curve 

which agrees with the above formula for a speed of 38 miles per hour. Ar 

extension of this rule is that if the grade is over 2%, the elevation is 3/4 in 

Superelevation of Outer Rail in Inches, Standard Gage 
(Elevation of center of outer rail above center of inner rail) 

Velocity in miles per hour 

° =n 
50 | 55 | 60 | 65 | 70 

1-3/4| 2-1/8] 2-1/2| 2-7/8] 3-3/8 
3-1/2] 4-1/8] 5 5-7/8] 6-3/4 
5-1/8| 6-1/4] 7-1/2] 8-3/4] 10-1/8 
6627/8) :829/8]( 40: athe.” AEs Geb. 

OCONAUR WN 
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for each degree, which is the equivalent of saying that on the 2% grade the 
speed up the grade would not be greater than 33 m.p.h. and that the speed 
down the grade should be limited to that. 

Standard Gage of Track is 4 ft. 8-1/2 in. on tangents and on curves of 8 deg. 
and less. For sharper curves gage is widened 1/8 in. for each 2 deg. of curve 
up to a maximum of 4 ft. 9-1/4 in. for tracks of standard gage. Gage should 
not be widened unless the locomotive wheels bind in going around the curve. 
The gage of a track is the distance between the heads of the rails, measured at 
right angles thereto at a point 5/8 in. bélow the top of the rail. Gage, includ- 

ing widening due to wear, should never exceed 4 ft. 9-1/2 in. Gage of track 
at a frog should be standard even when on a curve, although the flangeway 
may be widened to compensate for the increase in gage in this case. 

13. Rail Fastenings 

General Requirements. The ideal rail joint should have the same strength, 
stiffness and elasticity, no more and no less, both laterally and vertically, as 
the rails which it joins. Such a joint therefore would not be deformed or take 
a permanent set under any load which the rail can support without yielding. 
The joint must also permit longitudinal slipping of the rail to allow for expan- 
sion and contraction. It is impossible that any form of scarfed joint should 
have, at the same time, the same strength, stiffness and elasticity as the 

original rail. Only a perfect butt welding would accomplish this, but welding 
would not permit expansion and contraction. Therefore the above conflicting 
requirements must be filled as perfectly as possible by a compromise design 
whose cost is not prohibitive. 

Designs. The old-fashioned fish-plate design (see Fig. 16a) proved so ineffi- 

cient, especially in lateral strength, that its use has been abandoned except in 

e. Bonzano joint Ni Continuous joint with 
‘head-free”’ rail 

Fig. 16. Various Types of Rail Joints 

connection with the very light rails used in industrial railways or the light 
temporary track used by contractors. A typical modern design for the or- 
dinary angle plate is given in Fig. 16b. Among the multitidinous designs 
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which have been brought out the following have com
e into more common use: 

the Continuous, Fig. 16c; and the Wolhaupter, Fig. 16d. The last two de- 

signs furnish a plate which runs under the rail between the two joint ties and 

which keeps the ends of the rails absolutely in line vertically as well as later- 

ally. The Bonzano rail joint, illustrated in Fig. 16¢, is a development of the 

angle-plate joint with an extended flange which is bent down between the 

two joint, ties thus giving a stiffer joint. This can be used only in suspended 

joints or those in which the rail gap is midway between two ties and the two 

base joints shown above are also intended for such use. The supported joint, 

with the rail gap directly over a tie, is very little used and then generally in 

the so-called three-tie joint. The Bonzano bars are usually heavier and 

therefore more expensive than the common angle bars and the base joints are 

not only subject to this disadvantage but also require adzing of the joint ties 

or setting them on an angle, thus being more expensive to install. The con- 

sensus of opinion seems to be that their advantages over the angle bar are not 

commensurate with the extra cost and many roads have returned to the use 

of angle bars, sometimes heavily ribbed to furnish additional stiffness. On 

the other hand, some roads are using the continuous joint with the “‘ head- 

free” rail shown in Fig. 16f. This is che standard RE 130-Ib. rail with lower 

corners of the head chamfered off and the metal thus saved added to the 

top of the head, giving a stiffer rail and additional metal for wear. The 

Reading Railway has adopted this as standard and, after several years’ ex- 

perience with it, claims less rail battering and longer life of rail. 

Specifications. Bessemer steel is no longer specified for joint bars, high- 

carbon steel or quenched carbon steel (both open-hearth) and quenched alloy 

steel being the materials covered by the present (1924) specifications of the 

American Railway Engineering Association. The principal requirements are: 

Quenched 

Carbon Alloy 

Carbon, per cents... e sees ee ees Ee (ARS 0.42 to 0.55 

Manganese, per cent, maximum... +-++-J-+++0e2e5 se: RO Vl ie aioe 

Phosphorus, per cent, maximum........ 

Tensile strength, lb. per sq. in......-+-- 

1 600 000 

Tensile strength 

Minimum, per cent.....-- ujat +: < 12 

Reduction in area, per Cent... 0. vs. ee fee eee ee ees 6%, CULO 
Tensile strength 

Minimum, per cent... sss ee ee eee fortes eetees 25 

Cold bending without sign of fracture on 
outside of bent portion through arc of 

06 wi uleie tae 014) Mfatabahnana Kincpa Wie tio 90 deg: with diameter 3 times the thick-| 

ness of the test specimen. 

* Nickel and chromium to the extent of 1.0% and 0.35%, respectively, are con- 

sidered equivalent to 0.07 % carbon. 

All test specimens must be cut from finished bars and all bars must be punched, 

slotted and shaped at a temperature of not less than 800° C. (1470° F.). 

“ Quenched ” bars must be quenched in oil, or water if so specified, from a tem- 

perature of about 810° C. (1490° F.) and kept in the bath until cold enough to handle. 
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Material requiring quenching in water but otherwise meeting specifications may be 
accepted at the option of the purchaser. All bars must be finished smooth and true 
with no variation in fishing angle and height, which factors affect the fit of the bar to 
the rail. Branding indicating manufacturer, year, design, material and treatment, 
if any, is required and the number of the melt must be stenciled on the bars. 

Splice Bars, Bolts and Spikes for Various Weights of Rails 

Proper size of | Proper size of 
per foot i track bolt, in. spikes, in. 

4.0 -6 2-1/2 XX 5/8 4 1/2 

4.6 1 2-3/4X 5/8 | 4-1/2X1/2 
5.0 24] 3 er5/8,_ 1/2 
5.8 ih 3 X 5/8 | 5-1/2 9/16 
6.6 5 3-1/2X% 3/4 5-1/2 X9/16 

Le} 9 3-3/4XK% 3/4 5-1/2 X9/16 

8.4 4 3-3/4 K 3/4 5-1/2 K9/16 

9.2 5 4X 3/4 | 5-1/2X9/16 
10.0 -6 4 x 3/4 5-1/2 X9/16 

10.7 .0 4 X 3/4 | 5-1/2 X9/16 
11.5 -6 4-1/2% 7/8 5-1/2 K9/16 

12.4 2 4-1/2X 7/8 | 5-1/2 X9/16 or 5/8 
16.6 3 43/41 5-1/2 X9/16 or 5/8 
18.8 Ab) 4-3/4 X1 5-1/2 X5/8 
20.8 A 5-1/2 X1 5-1/2 X5/8 

22.6 Bh 5-1/2 1-1/8 | 6 «5/8 
24.4 rs 6 1-1/8 | 6 «5/8 
26.2 .0 6 1-1/8 6 «5/8 

27.9 i5: 6-1/4 1-1/8 6 x5/8 

Two hundred and seventy pairs of splice bars will be required per mile of single 
track, using 39-ft. rails. The maximum number permitted by the rail specification 
governing short-length rails is 278. Allowing individually for switches and sidings, 
the number per mile should not exceed 275. 

Bolt Holes, The standard spacing for bolt holes recommended by the 

American Railway Engineering Association is 5-1/2 in., giving lengths of about 
24 in. and 34 in., respectively, for the 4-bolt and 6-bolt splices. The hole in 
the rail should be 1/16 in. larger than the bolt used and the centers of the end 

holes should be 2-11/16 in. from the end of the rail to allow’for expansion and 
contraction. This combination of measurements permits a total relative 
motion of the rail ends of 1/8 in. The holes in the bars are made oval, fitting 

the bolt and preventing it from turning. 

Dimensions of Angle Bars. Although the dimensions and weight per linear 

foot of angle bars, even for the same weight of rail, vary with different manu- 

facturers, the above table gives average figures. The net weight of the 

bars is from 2.5% to 4% less than their weight unpunched. 

Spikes. It has been demonstrated that of all the various forms of driven 

spikes which have been proposed, the plain spike of uniform section has the 

greatest holding power. Making the spike jagged, twisting the spike, or even 

swelling the spike at about the middle of its length, actually reduces its hold- 

ing power. The holding power, however, is increased by having a cutting 

edge at the lower end which cuts rather than crushes the fibers, and by having 

a beveled wedge whose length is about twice the width of the spike rather than 

a short blunt point. The sizes of spikes recommended for different weights 

of rail are given in the table on the next page. 
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Railroad Spikes 

Ties 24 in. between centers, 

Size measured | Average num- 4 spikes per tie, quantity 
under head ber per keg per mile 

in. of 200 Ib. 

Suitable rail, 
lb. per yd. 

6 X5/8 < 120 to 150 

5-1/2 X5/8 
5-1/2 X9/16 
5 -X9/16 
5rexd72 
4-1/2 X1/2 
hc SAY2 
4-1/2 X7/16 

The specifications of the A.R.E.A. require the steel to made by the Bessemer or 

open-hearth process. The required properties are: 

Ultimate strength, not less than 55 000 Ib. per sq. in. 
Elastic limit, not less than 50% of ultimate strength. 

Elongation, not less than 25% in 2 in. 

Bending, the finished spike when bent back upon itself 180° shall show no signs of 
fracture. When the head of the spike is bent backward cold it shall show no signs 
of fracture. 

Other requirements cover workmanship, finish, inspection, etc. 
For soft steel spikes, the requirements are: 

Carbon not under 0.06% for Bessemer process or 0.12% for open-hearth. 
Bending tests as above, also workmanship, finish, inspection, etc. 

The Driving of Spikes should be by blows in line with the spike. Eccentric 
or glancing blows tend to enlarge the spike hole and reduce the holding power 
of the spike. The spikes should not be driven directly opposite each other, 
but should be staggered. The staggering should be reversed for the two rails 
on one tie; that is, the spikes on the inner side of the two rails should be 

near the same side of the tie. 

Screw Spikes. The advantages of screw spikes are: (1) The increase in the life of 
the tie by the avoidance of spike killing; (2) The decreased cost of maintenance 

(although this is denied), and (3) 

their greater holding power. It 
se : = is said, as an objection to their 
SP ‘ —.\\ use, that when they are rusted 

or the head broken off by acci- 
dent, it is difficult or impossible 
to extract thestump. They were 
adopted as standard by the D. L. 
& W.R.R. (Fig. 17), after ex- 

Fig. 17b2:Senew, Spike tensive trials and are reported 
; as continuing to give satisfac- 

tory service on that and other roads.. The Pennsylvania Railroad, on the other 
hand, rejected them in 1918 after nine years of trial and careful observation in 
two sections of track carrying very heavy traffic. The figures in this case showed 
them to be more costly, both in first cost and maintenance, than drive spikes and the 
reported stated that they were unsatisfactory and less efficient than the ordinary spike. 
One strong objection was the entire loss of holding power when the wood fiber between 
the threads became worn as it did under the action of the extremely heavy traffic. 
The screws cost considerably more than common spikes, and require more work to 
put them in place. The screwing must be done with a track wrench. The auger 
hole should have the same diameter as that of the screw at the base of the thread, or 
perhaps 1/16 in. larger. The A. R.E. A. specifications require them to be made of 
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open-hearth steel, having not more than 0.05% of either phosphorus or sulfur. The 
minimum allowable figures for the finished spike are ultimate strength 60 000 lb., 

elastic limit 50 % of ultimate strength, elongation 22% in 2 in., reduction of area 40%. 
The material must be capable of being bent 180 deg. and hammered down flat and the 
finished spike bent 90 deg. without sign of fracture. 

Track Bolts. The length of track bolts necessarily depends on the distance 
between the outer faces of the angle plate, and to this must be added the thick- 
ness of the nut lock, if used, and the thickness of the nut. Sometimes there is 

Track Bolts 

Average number in a keg of 200 lb. 

Hex- | Suitable 
agonal rail, 
nut {lb. per yd. 

Suitable 
rail, bolt, 

i Ib. per yd. in. 

2-1 ZX5/8 | 390 + 425°) ~~ 30° i 323/4 XK F/8 hin 165 As ATS 2s bet ctaclaclawry ‘ 
2-3/4 X5/8 Soha gos 
3 K5(Si 4 366)-q 395004 -D40! Lor T] 4-1/4 XK. 7/8 Wi AST en d65e Poodle oe). 
3 MK SfAih 250 fe 270 wAlnsg iow. o 
SAYS KS 4) 2243) fF 261 facet eff 3 4K) F/B 49S Pe ASO) ieee 
3-1/2 K3/4>4 1236 wh 2530 J SO. Pp 4-3/AX Le deoow. 
3-3/4 X3/4 |} 229. 4 244 | 55-60 |} 5-1/2X1 ) Ji...... 
4 X3/4 5-1/2 K1-1/8 |....... 
4-1 4K 3/44) 32151) F228 Whe ee 6 KIEL BA ee F 
SA 2067/8! b ATO fF 2180 whores. 6-1/4 K1-1/8 |....... 

a slight margin beyond this, but any unnecessary 
length is objectionable. The heads of track bolts 
are usually hemispherical. Directly under the head 
the bolt has an oval form which fits loosely in a corre- 
sponding oval hole in the angle plate. This prevents 
the bolt from turning. The table gives proper sizes 
of track bolts for various weights of rail and their 
corresponding angle bars. A typical design for a 
track bolt is shown in Fig. 18. 

On the basis of 275 joints per mile, the number of bolts 
per mile of single track is 1100 for 4-bolt splices and 1650 
per mile for 6-bolt splices. Divide 1100 (or 1650) by the 
number per keg to obtain the number of kegs per mile. 

The specifications of the A.R.E.A. call for medium steel made by the Bessemer or 
open-hearth process and permit heat treatment if necessary to secure the desired 

properties which are: 

Ultimate Elongation 
ial tensile in 2 in. Reduction 

Materia strength; inten, in area, 
per cent per cent 

Carbon steel, untreated *... 55 000 20 
Carbon steel, treated....... 100 000 10 
Alloy steel, treated........ 110 000 12 

* Phosphorus not over 0.10% for Bessemer steel or 0.05% for open-hearth. For 

treated steels carbon must not be under 0.30% and phosphorus not over 0.04%. 

The material for untreated bolts must bend cold through 180 deg. and flatten on 

itself without fracture; and treated bolts must bend cold through 45 deg. around a 

pin of the same diameter as the bolt, without cracking. Other requirements cover 

workmanship, finish, inspection, etc. Soft steel is required for the nuts. 
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Wut Locks to keep the nuts from working loose are not always effective and 

their use has been discontinued on some roads, notably the Lehigh Valley. It 
is claimed that the joints are easily kept tight by the trackwalkers without 
much additional vigilance or work, and of course costs of locks and their in- 
stallation are eliminated. The most common kind of lock is essentially an 

J open ring made of spring steel, the ends of the 

es) ring being bent outward. Screwing up the nut 
‘item aaa compresses the spring and makes the sharp edges 

“ 3 bite into the nut and thereby prevents its turning 
rem {cee backward. Another form combines a nut and nut 

Fig. 19. Nut Locks lock, the nut being slightly open on one side. The 
hole is drilled through the nut and thethreadis cut slightly smaller than thebolt. 
When the nut is screwed up, it is forced slightly open, which makes such a 
pressure on the screw threads that vibration cannot jar it loose. Other types 
use slightly different threads on the bolts from those of the nuts, but it is 
doubtful if the extra expense is justifiable. 

The specifications of the A.R.E.A. cover “ rail joint spring washers ” of two types: 
elliptical springs exerting tensions on two bolts, and helical springs for individual bolts. 
There are two classes of the latter type, high-spring pressure and low-spring pressure. 
Carbon steel or an.acceptable alloy steel manufactured by either basic or acid open- 
hearth, electric furnace or crucible process is required, with not more than 0.05% 
phosphorus or 0.04% sulfur. Elliptical springs are tested by subjecting them to ten 
applications of a load of 30 000 lb. and then to a load of 20000 lb., under which the 
distance between platens must be at least 1/32 in. greater than under the last applica- 
tion of the 30 000-lb. load. Their hardness under the Brinnell scale must be between 
321 and 418. Helical springs are tested in a similar manner in accordance with the 
accompanying table: 

For diameter of bolt : F 
tel inctlea Low-spring pressure High-spring pressure 

Preliminary |Test load,| Preliminary |Test load 
Body | Thread | ~ joa4, ib. load, lb. , 

3/4 13/16 | down to solid | 15 000 
12/16 7/8 down to solid 17 500 
7/8 15/16 down to solid 20 000 
15/16 :! down to solid 25 000 

1 1-1/16 down to solid 28 000 
1-1/16 1-1/8 down to solid 36 000. 
1-1/4 1-1/4 down to solid 45 000 

Distance between platens under tenth and eleventh applications of the preliminary 
load must not differ by more than 0.001 in. Washer is then removed from machine 
and maximum thickness of material measured by micrometer to 0.001 in. This thick- 
ness plus a reserve factor of 0:02 in. is called the test height and must be equaled or 
exceeded when the washer is subjected to the test load. The Brinnell hardness of 
helical washers must be from 402 to 477. All tests must be made with the specimen 
between 60° and 110° F. 2 

Tie Plates reduce the unit pressure of the rail on the tie, and prevent it 
from cutting the tie. They relieve the lateral pressure of the rail against a 
spike, since the tie plate distributes the pressure between the two spikes. The 
pressure against the spikes is still further relieved by the lugs or corrugations 
which are found on the under side of some forms of plates, or if the plates are 
fastened to the tie by an independent fastening.. The wear of spikes called 
“necking,” which is caused by the vertical vibration of the rail against the 
spike, is very much reduced. 
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Design of Tie Plates. The Manual of the American Railwa: i i Sigt : ] f. y Engineerin 
Association gives the following data for designing tie plates. 7 : 

aWAK 

Fig. 20. Tie Plate Dimensions—A.R.E.A. 

Dimensions for Tie Plates in Inches 
American Railway Engineering Association 

Same for 
a mee flat and canted 1 in 20 

plate | rail bases 
D E 

9 4-3/4—5-1/2 9/16 7/16 3/4 15/32 

9-1/2 | 4-3/4-5-1/8 5/8 1/2 3/4 15/32 

10 4-7/8-5-1/2 5/8 15/32 3/4 | 15/32 

10-1/2 | 5-1/8-5-3/4 11/16 | 17/32 | 13/16 | 17/32 

11 5-3/8-6 11/16 + 17/32 | 13/16| 1/2 

11-1/2 | 5-3/4-6-1/4 19/32 | 13/16 1/2 
6-6-1/2 19/32 | 13/16] 1/2 

Ribs not exceeding 1/4 in. deep on the bottom of plates are recommended, but the 
thicknesses given are exclusive of such ribs, if used. For extra heavy service D and E 
should be increased 1/8 in. Widths of 7 or 7-1/2 in. are recommended for hardwood 
ties. Spike holes should be made the size of the spike plus 1/8 in., and if splice bars 
are slotted, holes should be located accordingly. Plates may be rolled with a camber 
or crown of 1/16 in. if desired, the height of the shoulder then being measured from 

the center of the plate. 
The specifications of the American Railway Engineering Association provide for 

steel, both Bessemer and open-hearth, of two grades, soft and medium, the soft to be 

used unless otherwise specified; and also for wrought iron and malleable iron. 

The chemical requirements are that the steel shall not contain more than 0.10% 

phosphorus if made by the Bessemer process or more than 0.05 % for the open-hearth. 

Carbon must be not less than 0.08 % for soft steel or 0.12 % for medium for the Bessemer 

process, not less than 0.15% and 0.20 %, respectively, for open-hearth steel. 

Bend test specimens taken from the finished plates or from rolled bars and longi- 

tudinally with the rolling must bend cold for 180 deg. around a pin the diameter of 

which is equal to the thickness of the specimen for the soft grade of steel and for 

wrought iron and to twice the thickness of the specimen for the medium grade of steel, 

without cracking on the outside of the bent portion. 

An Order for Tie Plates should include the following items of information: (a) 

width of rail base; (b) size of spike under head; (c) number of spike holes, two, three 

or four; (d) spacing, lengthwise of rail, of slots in opposite angle bars on one tie; 

(e) net width, measured perpendicular to rail, between such slots. The proportion of 

joint plates to intermediates will depend on the number of ties per rail, on whether the 

joints are supported, suspended, or are three-tie joints. In the latter case there will 

be no slots in the angle bars over the middle joint tie, and the spacing of the holes must 

be a little wider than the extreme width, out to out, of the angle plates as assembled. 

Setting Tie Plates. The efficiency depends largely on proper setting. Plates may 

be set on soft-wood ties by merely raising the rail, setting the plate squarely in place 

and driving the spikes. The first train passing over will force any corrugations or claws 

into the tie. The spikes should at once be driven home. Plates must be set in hard- 

wood ties by direct driving. A follower plate of steel about 3/4 to 7/8 in. thick and 

/ 



2042 Steam Railroad Track Sect. 21 

about the size of the tie plate, will protect the tie plate from the direct blows of the 
swages used in driving. A still better method is to use a maul or-beetle to strike a 
straddler which just straddles the rail and rests on the ends of the plate. A hand car 
carrying a hammer similar to a small-scale piledriver is far better and more effective 
thanahand maul. They are most economically and efficiently set in large numbers by 
means of a tie-plating machine. 

'14.- Switches 
Mechanical Features. At switches the flanges on the wheels make it 

necessary either to lift each wheel so that the flange may pass over the rail 
or else to make a break in the rail so that the flange may pass through the 
head of the rail. The latter method is virtually always used. The two types 
of switches are sketched in Figs. 21 and 22. Both use a frog at the intersec- 
tion of the main rail and outer turnout rail, F, to provide flangeways. In 
the stub switch both of the main rails are cut at H and K (Fig. 21). The rails 

Cc 

Trailing 

Fig. 21. Stub Switch 

from S’ to H and from S$ to K are not fastened to the ties, but are tied to each 
other by four or more tie-rods. The gaps at H and K are always sufficient to 
cause a considerable jar to the rolling stock. When operated as a trailing 
switch, a derailment is inevitable if the switch is incorrectly set. Their use is 
now confined to switches running from side tracks; they should never be usea 
in main tracks. In the point switch one main rail is unbroken. The point 

rail S’’ H varies in length 
from 11 to 30 ft. and is 
planed and bent to give a 
straight gage line with a 
thickness of 1/4 in. at the 
point. The point is after- 
ward ground toathickness 
of 1/8 in. beginning at a 
point 2 ft. from the end. 
The angle of the switch 
point varies from about 0 
deg. 45 min. to about 2 

deg. 30 min. according to the dimensions and frog angle of the switch. Thereis 
an abrupt bend in the main rail at the point S’, equal to the angle of the point 
rail. The point rails, S’H and SK, are tied together with tie-rods. They 
are held in place by a very stiff spring (see Fig. 23) which will yield sufficiently 
to permit the wheels to remain on the rails if a train trails through with the 
switch incorrectly set. The switch points should fit the stock rail throughout 
the planing. The planing must be such that the point is 1/2 in. below the top 
of stock-rail at the end, rising to 1/4 in. above it in about 40% of length of point 
in order to care for hollow treads on car wheels: The rails of the frog are 

Fig. 22. Point Switch 
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always made straight; therefore the lead rails between the switch point and 
the frog must be curved to a circular arc which is tangent to both the switch 
rail and the wing rail. : 

Frogs. A diagrammatic design of a frog is given in Fig. 24. The frogs are 
always built up of four pieces of rail, which are usually of the cross-section and 

Fig. 23. Section of Main and Switch Rails about 2 ft. back of Point 

weight used on the main track. The actual point of the frog is rounded off as 

shown. Fixed frog; are made either by riveting the four rails to a base plate, 

The Po 
A Po 

Fig. 24. Diagrammatic Design of Frogs 

or else by placing cast-iron fillers between the rails and bolting or clamping 

the rails and fillers together or by a combination of riveting and bolting. 
A 

Section on AB IB 

Fig. 25. Stiff Frog 

Spring rail frogs usually have one wing rail (the one connecting with the 

main rail) movable (both may be made so) and yet normally pressing against 
z 

Fig. 26. Spring Rail Frog 

the frog point so that there is no gap to be passed over by the wheels running 

on the main track. When wheels are running through the frog onto the 

switch, the guard rail opposite the frog forces the opposite wheel to run in its 

proper line, and this causes the inside of the flange of the wheel running 

through the frog to press against the wing rail and force it back so as to leave 

a sufficient opening between the wing rail and the frog point for the wheel 
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flange to pass through. Movable point frogs operated with and in the same 

manner as switches controlling routes through them are used at slip switches. 

in yards to avoid breaks in rail for high-speed traffic. The frog number (n) 

may be determined by dividing CH by AB (Fig. 24), or SH by (AB + DE). 

When no tape or scale is available, use any unit of measure about 4 in. long, 

such as a stick or piece of paper, and find by trial two points on the frog where 

the distance between the gage lines (as at A B and DE) just equals the assumed 

unit of length. Then step off that unit of length between the points H and S 

and note the number of times the unit is contained in the distance HS. The 

result is twice the frog number. 

Unbroken Main Rails. A switch which permits the use of unbroken main 

rails necessarily lifts the train a vertical height somewhat greater than the 

depth of the wheel flange, and as this must be accomplished in a distance of a 

very few feet, it is impossible to operate such switches at high speed. Al- 

though there are undoubted advantages in having an unbroken main rail, 

these devices have not come into common use. 

The Dimensions of Stub Switches are usually computed on the basis that 

the lead rails are circular from the switch point to the frog point. For blunt 

frog angles such a theory may be practically applied, and the computations 

Trigonometrical Functions of the Frog Angles 

Frog 
angle F m 9 

14° 15’ 00” 
12° 40’ 49” 
11° 25F362 
102.23” 20>)... - : ‘ 

9°. 310.380 |e 5 A. 5 5 

So A7/ S12 - | 

8° 10’ 16” 
7° 37’ 41” 
7° 097 10” 
Ae 43’ 59” 

6° 217 35” 
6° 01’ 32” 
Da saes 
Sope 09” 
iS? 127 18% 
4° 58’ 45” 
4° 46’ 19” 
4°°05" 27” 
3° 49” 06” 
3° 34’ 47” 
3° 10’ 56” 
BP Sdiiodtt 
D° 257-A3ee 

DOWMWWMDAIIAANNP 

are very simple. Let 2 = the lead or the distance SF in Fig. 21, 7 = mean 

radius of the switch rails, 2 = number of the frog, g = gage of track. Then 

1=2egn andr =nl=2gn% The length of switch rails (S’H = SK in 

Fig. 21) must be such that the offset to the curve at the point Q shall equal the 

required switch-throw. If ¢ = the switch-throw, then é/r = vers of the angle 

(ez) subtended by the switch rails; then length of switch rails =r sina. The 

above theory ignores the fact that the wing rail between the frog point and its 

junction with the switch rails is straight rather than curved. 
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A Point Switch has straight point rails also, Fig. 27.. The effect of these 

two details, straight wing and switch rails, is to shorten the lead and therefore 

decrease the radius of the switch rails. 

Let a=angle of point rails; 
F=angle of frog=¢ in Fig. 27; 
g=gage of track; 
n=frog number; 
w=length of wing rail=FH; 
c=chord of switch rail are=H Mt 
#’ =thickness of switch point; 
s=length of switch rail=MD; 
L=length of lead= BF; 
y=radius of center line of lead 

curve =OT =OV; 
h=heel distance =MQ; 
f=distance FF’, 
t=thickness of frog point. 

: Then 

pz) oe oo ein ue 
sin 1/2 (F +a) 

c 

'=7miz2e—ay Ve 
g—wsinF—h 4 

Ob: Bit Oey egg 4S Fig. 27. Point Switch 

L = (g — wsinF — h) cot 1/2 

( +a)+weoosF+scosa +f 

or L=(r+1/2g) (sinF — sina) + wceosF +scosa+f 

sin 1/2 (F — a) 

sin 1/2 (F + a) 

a =sin-1 asad 
s 

The dimensions of a point switch for a given frog number, as computed from the 

above equations, depend on the values of w, s, ¢’ and hk, all of which may be chosen 

at pleasure with certain narrow limitations. The length of the wing rail (w = FH), 

as well as other frog dimensions, depends (within narrow limitations) on the switch 

manufacturer. The A-R.E.A. recommends as standard practice for standard gage 

(¢ = 4 ft. 8-1/2 in.), 6-1/4 in. for 4 and 1/4 in. for ¢’ (for computation purposes, actual 

thickness is 1/8 in. as already given) and values of s and w for the various frog numbers 

as given in the table on page 2046. 

The lead (L) is measured from the point of the switch to the actual blunt point of 

the frog \(F’). This distance is greater than the distance to the theoretical point of 

the frog by the amount of the “frog bluntness (f)2’? On the basis that the actual 

width of the blunt point is 1/2 in. as recommended the frog bluntness equals the frog 

number times 1/2 in. or times 0.0417 ft. and is given in the second column in the table, 

The-closure is the distance from the heel of the switch rail, or “‘ point,” to the toe of 

the frog and equals, for the straight rail, L—(s +.w +f) and, for the curved rail, 

2n(R+ 1/2 g) X (F — a)/360, or, approximately (F — a)/D. 

The lengths and closures given in the table are the theoretical ones for the 

dimensions given, those for other values of s, ’, h and w are easily computed 

or L=(s—w) + (g —t’/) cot 1/2 (F +a) +f 
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by means of the formulas. The theoretical closures are usually modified in . 
practice to avoid, if possible, cutting more than one rail per turnout, giving 
“ practical ”’ closures and “ practical ” leads (or lengths) as given in the table 

below. 

Switch and Frog Dimensions 
(Condensed from Manual of A.R.E.A., 1921 Ed.) 

Switch rail Switch dimensions 

Frog | Frog 
num-} blunt Degree|; .. ages Closure 
ber rail length Length Angle | Radius| of lead ey 

. curve = |Straight|Curved 
n w HE s a r D BF’ rail rail 

ReMi ipeaas ett. foo Pe ote] eee tees ft. rt 
5 | 0. 34 90/11 2 36 19) 185.59)3115 28) 43.15] 28.61 | 28.96 

6 | 0. 36] 100/11 2 36 19) 280.48|20 32 14) 48.66) 33.91 | 34.18 
7 | 0. 45 | 12 O | 16-1/2]/1 44 11) 364.88]15 47 19) 62.23) 41.02 | 41.24 

8 | 0. 49 | 13 0 | 16-1/2]1 44 11) 488.71|11 4440] 67.80) 46.22 | 46.42 

9 | 0. 60] 16 O | 16-1/2}1 44 11) 616.27) 91827] 72.61) 49.64 | 49.92 

10 | 0. 6 0 | 16 6 | 16-1/2]1 44 11) 790.25) 71518] 77.93] 55.01 | 55.17 
Mm | 0. 60] 17 0|22 1 18 08) 940.21} 605 48) 92.52] 64.06 | 64.20 

#2 | 0. 6 5 | 18 6 | 22 1 18 08/1136.34} 502 38] 97.75] 68.83 | 68.96 
14/0. 73 | 21 6 | 22 1 18 08)1600.73) 3 3448/107.74) 77.91 | 78.03 
1$\}0. 7 8 | 22 6 | 30 0 57 18|1764.69| 3 14.50/126.49| 88.20 | 88.31 

16 | 0. 8 0 | 24 0 | 30 0 57 18)2032.74] 249 08/131.82} 93.15 | 93.25 
18 | 0. 8 10] 26 6 | 30 0 57 18|2632.76| 2 10 35/141.93]110.35 |110.44 
20 | 0. 9 8 | 29 0 | 30 0 57 18/3334. 16 143 06/151.60/120.10 |120.18 

Practical Leads and Closures and Ordinates for Curving Lead Rails 
For.Standard Turnouts of A.R.E.A. 

Closures Ordinates 

J Quarter 
Curved rail Genter points 

1-28.31 0.55 6-5/8 | 0. 
1-33 0.51 6-1/8 | 0.38 4-1/2 

1-26 1-15.12 | 0.58 7 0.43 5-1/8 
1-30 1-16.58 | 0.55 6-5/8 | 0.41 4-7/8 
1-33 1-16.58 | 6.50 6 0.38 4-1/2 

2-28 0.48 5-3/4 | 0.36 4-3/8 
2-33 0.55 6-5/8 | 0.41 4-7/8 
3-24 0.52 6-1/4 | 0.39 4-3/4 

2-30 «1-16.56 | 0.47 5-5/8 |.0.35 4-1/4 
1-28 0.55 6-5/8 |.0.41 4-7/8 
1-33 0.53 6-3/8 | 0.40 4-3/4 

2-33 °° I-32), 92 3-33 0.50 6 0.38 4-1/2 
2-33 1-30 1-14, 96|2-33 1-30 1-15.04] 0.47 5-5/8 | 0.35 4-1/4 

Rails shorter than 12 or 13 ft. should not be used. The maximum modifi- 
cation from the theoretical leads is slightly over 3%, but modifications up to 
6 to 8% in either direction may be made without'seriously affecting the riding 
qualities of the turnout. 
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Turnouts from Curved Tracks. (a) Stub Switch, lead rails considered to be 

curved with uniform curvature from switch point to frog point. 

1. Dimensions for turnout from the inner side of a curved track; see Fig. 28. 

in 0 
tan 1/20 = gn Pg oN oe (8 A) re R G+12s)=R-12O erp 

Lead = BF =2(R — 1/2 g) sin 1/20 

Fig. 28 Fig. 29 

2. Dimensions for turnout from the outer side of a curved track; see Fig. 29. 

sin 0 
tan 1/26 = r+1/2g) = 2 / emf/R (r+ 1/2g)=(R+ 1/28) ew 

If the curvature of the main track is very sharp, 9 may be greater than F and 

then the center of curvature C will be on the concave side of the curved main 

track. Figure 28 may then be used for this case by merely transposing O and 

C, ¢ and 6, and “ main track ” and “ siding.”’ The equation for r then be- 

comes 

(¢ —1/2g) = R +129) Lead = BF =2(R +1/2g)sin 1/20. 

The lead is practically the same as for straight track and is most easily found 

from the formula, Lead = BF =2gn. Then# =2 gnD where D is degree of 

main track curve. The degree of the turnout curve is also approximately that 

of the main track curve plus or minus that of the turnout curve from straight 

track for the same frog number according to whether the turnout is from the 

inner or outer side of the main track curve. 

(b) Stub Switch, with straight frog. Frogs are usually made straight, with 

the result on straight track of shortening each tangent to the turnout. curve, 

and therefore the lead, by the length of the leg of the frog. The radius and 

degree of the new turnout curve are easily computed for the new tangent 

length. For curved track the effect on lead may be assumed the same as on 

straight track and the new degree of curve used as above. 

(c) Point Switch. The gage lines of the switch rails have the curvature 

of the track so that the turnout at the heel of the switch rail makes the angle 

s with the main track the same as for straight track. The precise mathe- 

matical computations are quite complicated and it will be sufficient to assume 

the same difference in lead between stub and point switches as obtains on 

straight track, that is, use the table for leads, and to find the degree of the 

turnout curve in the manner described above for the stub switch. 

Double Turnout from Straight Track. The computations are quite simple 

when it is assumed that all of the frog rails as well as the switch rails are cir- 

cular throughout. As may be seen from Fig. 30, the dimensions would be 

considerably changed by assuming the frog rails to be straight, and much de- 

pends on the length of the straight rails. In any case, the sections of curved 
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rails would be very short. Only the equations for curved lead rails will here 

be given. 

g 
en 1/2 tn = MFm = — SERA ESO 5 Gee) a aiies 

in which my is the frog number corresponding to the middle frog Fy. The 
above equations also depend on the assumption that Fz; and F; are equal. 
Their values are obtained from the relation that vers 1/2 Fy, = 1/2 vers Fy = 
1/2 vers F;. Although approximate, there is no sensible error in the relation 
Mm = 0.707 n between the frog numbers, in which mm is the frog number of 
Fm, and n is the frog number of Fy and F;. 

Fig. 31 

If both turnouts run to the same side as indicated in Fig. 31, the relation of the frogs 
will be practically identical with those in the previous paragraph, since the inner 
3witch may be regarded merely as a curved main track, and since, as previously shown, 
the dimensions of switches are but little altered by a moderate curvature of the main 
track. 

Connecting Curves from Turnouts. The following solutions for connect- 
ing curves and crossovers between straight parallel tracks are based on the use 
of straight frog rails beyond the frog point. Let d = distance between track 
centers, g = gage, F = frog angle, w’ = length of wing rail back of theo- 
retical frog point = (HK — w) of the Switch Table = DF in the figures, 

Fig. 32 Fig. 33 

R = radius of main curved track, r = radius of connecting curved track, 
n = {.og number corresponding to frog angle F, y = central angle, measured 
at center C of main curved track, required for connecting curve, ¢ = cen- 
tral angle, required for connecting curve, measured at center O of connecting 
curve. 

For a connecting curve from a straight track, see Fig. 32. 

d—g-—w’sinF 

igi hi ke vers F 

Although the distance from F to the “ fouling point ”’ (which is on the line 
ab) may be shortened somewhat by using a sharper curve and using.a short 

tangent at each end, the method indicated in Fig. 32 is preferable. Under 
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Connecting Curve from Turnout, Straight Main Track 

| Frog | Distance, Frog | Distance,| Radius, |Degree of 
number ft. number ft. ft. curve 

° , iA 

5 85.06 3 13 29 04 12 186.93 2102.35 | 2 43 32 

6 93.41 ; 10 54 16 14 217.91 2855.30 | 2 00 24 

7 108.87 : 8 02 25 15 234.04 3292.44 | 1 44 25 

8 124.68 : 6 07 37 16 248.45 Shas 27 0 | 1 eS 2e20 

9 139.38 4 4 54 16 18 281.30 4749.75} 1 12 23 

10 156.55 2 3 54 47 20 312.23 5863.15 | 0 58 38 
11 171.38 4 3 14 25 

such conditions, using the standard dimensions given in the Switch Table, the 
distance from F to the “‘ fouling point ”’ measured along the main track, is a 
definite quantity for any frog number, and is as given in the accompanying 
table for d = 13, g = 4,708. 

For a connecting curve on the outside of a main curved track, see Fig. 33. 
2n (d — g — w’ sin F) 

tan 1/2 Y = —— 
pay 2R+d+4+w’ sinF 

(1/2) = R+1/2g+w'sinF OY _ 
sin (F + y) 

DS = 2 (r — 1/2g) sin 1/2 (F + y) 
For a connecting curve on the inside of a main curved track, see Fig. 34. 

2n(d — g — w’ sin F) 

co lca dle RC 
isi ) cin RR) Siw (r+1/2g) =(R-1/2g-—w 8) pr) 

Fig. 34 Fig. 35 

In case the frog angle F is larger than y, the center of curvature of the con- 
necting curve rails will be on the other side of the main track as shown in 
Fig. 35. Then 

B Ai/de—w sian) 2 @ —1/2\¢) = ¢ g a 

In case W should exactly equal F, the connecting rails would be straight and 
r = infinity. This is true when 

2R —d—w’sinF = 4n? (d — g — w’ sin F) 

The solution of this equation will show the value of R which makes this case 
possible for any given values of n, d, g and w’. 
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Crossover between Straight Parallel Tracks. With straight connecting 
track, the length between the frog wing rails 

2 
sin F 

The distance between frog points measured along either track 

VZ = —2w’ —gocotF. 

g 
FLY = (d = g) cot F — —— 2 ( g) an'k 

The distance (measured along either track) from the switch point on one 
track to the switch point on the other track equals F2Y plus twice the theo- 

retical, or practical, lead minus twice the frog bluntness. 

Distance between Switch Points, Crossover between Straight 
Parallel Tracks, with 13 Ft. between Track Centers 

Total distance, ft. 

Practical 

243.33 
261.33 
304.68 
318.93 
339.82 
372.76 

With reversed curve connecting track, but with FP) = F2z = F, wm = we = w’, 
and r, = 72 = 7, an indefinite number of combinations of r and @ may be 
selected by choosing some reasonable value of r in the following equation and 
solving the equation for @, which is the only remaining unknown quantity, 

Fig. 36 Fig. 37 

provided the frog angles are equal. (Similar to Fig. 37.) In this case the 
point M is midway between the tracks and between the frogs. The use of 
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reversed curves saves distance measured along the main track, as shown in the 

illustration. 

1/2 (d — g) = w’ sin F + 1/2 gcos F +r [vers (F + 8) — vers F] 

and F2Y = 2 [w’ cos F + 1/2 gsin F +7 [sin (F + 6) — sin F]] 

In case it is desired to make the crossing with two unequal frogs it may be done 
within limitations as shown in Fig. 37. The following equation may be de- 

rived: 
d—g=msinF, + 1/2g (cos Fi + cos F2) +71 [vers (Fo + 91) — vers Fi] + 

ro [vers (F2 + 62) > vers Fo] + we sin Fo. 

But since (F; + 6;) must always equal (F2 + 62) above equation becomes 

vers (F: + 41) 

ae — w sin Fy — wesin F2 — 1/2 g(cosF: + cosF2) +riversFi +7r2versF2 

n+t+re 
All of the quantities in the right-hand side of the above equation are known 
exceptriandrz. Their values may be selected at pleasure (within limitations) 
and may be equal or unequal. The distance along the track 

F2Y = w cos Fy — 1/2 gsin Fi + 1 [sin (Fi + (1) — sin Fi] + 
we cos Fz — 1/2 gsin Fz +72 [sin (F2 + 02) — sin Fo] 

Ties for Turnouts and Crossovers. The following table gives the number of 

ties of various lengths for typical turnouts and crossovers given in the book 

of “ Track Plans’ of the Amer. Rwy. Eng. Assoc. These are believed suffi- 

cient to give the necessary flexibility but others may be easily worked up on 

the same basis, “‘ Practical ’’ leads with corresponding closures are used 

throughout. Standard ties are 7 X 9 in., 8 ft. 6 in. long and distance between 

track centers is 13 ft. 

Number and Lengths of Ties in Turnouts and Crossovers 

A.R.E.A. “ Track Plans ” 

| | Turnouts Crossovers 

Length Frog number Frog number 

6 | 7 | s8P10 1} m\460-\520 | o | 7 | 8 | 10) 11 | 16 20 

ft. in. 
9 0| 6 | 9 | 9 | 9 | 13 | 17 | 17 | 12 | 18 | 18 | 18 | 26 | 34°) 34 
o 6) € 26-1 Oe Ee Hiaials\9 4-12 Siisi) 12 iz pdb) 22 |3 18 | 24 
TONG iS al cA ah weak Sythe a9) [1201 66 |, 8 10s On te ee eee 
MOOG Shs, fete Sd eer be ates tn7O Ihr eal 78) LON LOS Tass.) 16 
Mimi: | 3, ase ee eee| 7 8 | 4 |, | OSM ee a RE eS 
fie Geigy BE Veil Pears. |nigeinvers oA fo Aso tsB Hs Boia) | 016 
4Fnon| Dei leer|a3y Sabah Sia! sBowedote 4 Cron cB adayeh 16 
12 6| 2.| 2}e3f 414 06 | Bf 44) 4) 6) Gf Bf 12 fl 
13.0} 2 | 3 | 2-b4 ]3-| 5 ]6 | 4], 6] 4 |eaes|tereteees fee eee 
13. <6.) 2 | 2. [13 4.85) 4.1,8.) 7 leeeele-es|ereherceteeealee cc tturet: 
14 0) 2 | 2.| 21-3 | 4] 5 | 6 Jose cde ce s[eeelees s[eceeeteees [nsec 
ie if 1 VE De ke lai ea “leh lc eae PEGI 
Se Oe Fk SN Set ay ANU Cea le oe 

Sr HON me? |S [S| 3. | 5 | 6 5. SIAR ral arate rerio 

6-0 oD 12 2 [2222 [OB OP Bich Af Oe lees recede orga aeninfeneine eile p44 

16nvoll ted 3 | Sak | 4 1M ORR A) ie ee. ee oo oh oes 

Oty 6. | edeclec apn ice geal te oracles pe ale ap es+sfi 15.) 18 ),19 1-31, | 32 45 | 53 

ee 2617| 3203| 3523| 4407| 4925] 6967| 8393)4880160596507/8157/9282 |1316015191 

Die } 19.5422.04|26.13|35.71|37.50|54.57|73.42) 5.96 6.97| 7.97| 9.97/10.98) 15.98) 19.99 
ance 

| 
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These standards show a maximum spacing of 21 in. and a minimum of 17 in., the 
detailed spacing being arranged to give increased support to switch points and frogs 
ana to give suspended joints with the arrangement of lead rails recommended. The 
two ties for the switch block are 15 ft. long and the maximum length for turnouts is 
6 in. less than double the standard. For crossovers the long ties (21 ft. 6 in.) are used 
for the entire distance between the toes of the frogs. 

Total B.M. is in feet, board measure, on the basis of 7 X 9-in. ties and the distance 
given in the last line for turnouts is from the actual frog point to the center of the 
Jast. tie provided for in the table. Beyond that point standard ties are used. For 

crossovers the distance is the change in distance between frog points measured along 
either track due to change of 1 ft. in distance between track centers. 

Fig. 38 Fig. 39 

Crossover between Curved Parallel Tracks. (a) Using a straight connecting 
track: There are two cases as illustrated in Figs. 38 and 39, depending on 
whether F» is greater or less than 62. The following equations apply to both 
figures. One frog (say Fi) may be chosen at pleasure within narrow limita- 
tions, then the relation between F; and Fy is given by 

R+1/2d —1/2g —gsecF, 

R—1i1/2d+i/2g 

The distance between the frogs measured along the inner rail of the outer 
track is 

cos Fz = cos F; 

GF, =2(R+1/2d — 1/2 g) sin 1/2 i — F2) 

F, will not in general equal the angle of any standard frog, even though 
the frog F; is standard. 

(b) Using a reverse curve for the connecting curve: In Fig. 40 the lead rails 
are assumed to be circular throughout, and the lead rail curves are assumed 
to have been continued until they meet at the point of reverse curve. Within 
narrow limitations F; and F2 may be selected at pleasure, and will of course be 
made of standard numbers. The problem should be solved on this basis, 
which will determine the dimensions of the connecting curve, and then the 
switch rails may be altered if desired. 

3 d (rn +72 — 1/2 d) As > F R+1/2d—17;, 
vers ¥ = (R4/2didero) TENE bared ae oe ee ee 

0:01D = yy + 01020; NF2 = 2 (R — 1/2 d + 1/2 g) sin 1/2 (W — 6; — 62). 

Crossings. For two straight tracks the frog angles are the angle (and its 
supplement) made by the two alignments. For one straight and one curved 
track, Fig. 41 applies with these equations: 
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R M 1/2 pity ae cos M + 1/ g Fey pt css ee ae | 

R—1/2¢ R+ 1/2 g 
Rcos M — 1/28 Rcos M — 1/2 g 

cos F3 = ——__. = 
rath Lope Nap eek inegeelciy Reding 
F3F, =(R+ 1/2 g) sin F3 — (R — 1/2 g) sin Fy 

HF, = (R — 1/2 g) (sin Fg — sin Fi) 

F\F, = (R + 1/2 g) sin F; — (R — 1/2 g) sin Fi 
- 

Fig. 40 

For two curved tracks all four frogs are unequal, see Fig. 42. The radii of the 

two tracks are of course known and also the angle of intersection of their tan- 

gents (M). Then r1, 72, rz, and rs become known by adding (or subtracting) 

1/2 g to the known track center radii. In the triangle CiMC2, 

1/2 (C1 + C2) = 90° — 1/2 M 

Ro =— Ri 
112" (Ce — Co)e= cot 12M. tan 1/2 (C1 2) = cot 1/ Rik 

From these equations C; and C2 become known. 

in M 
Then pe Cige =. 

sin Cy 

For abbreviation s; = 1/2 (¢ +71 + 74); 52 = } 

1/2 (c-+ratro; so = 1/2 +n+rs). and oe-—~ 
$4.5 1/2 (¢ +12 +72)- Fig. 42 

guggice oy 2 (So PY Gp 
Then vers Fy = aed shai ithe’ vers Fp = lb sa ct saat 2) (sa ~ 44) 

Ti" 4 1 or4 

2 (sg — 11) (sz — 73) 2 (s4 — 72) (sa = 73) 
versP; vers Fy SS 

VI73 1273 

sin CyC2F4 = sin 4 ef sin CiCoF2=sin F2 a FoCok’4 = CiCoks— CiCoks 

sin F,C1C2 =sin Fi = sin F2C1C2 =sin F2 5 Fi\CyFs = FiCiC; + F2CiCa 

From these equations the chords F:F2 and F2F, are readily computed. 

15. Stock Guards 

Essential Features. A stock guard consists essentially of wing fences ex- 

tending from the right-of-way fences to aprons which are short sections of 

fence, usually flaring, set parallel with the track at the track end of the wing 
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fences; and a pit or a rough surface, on which stock will not walk, which ex- 
tends the entire width of the track between the outer ends of the ties. A pit 
is about 3 ft. deep, 5 ft. long (parallel with track) and as wide as necessary; 
it has vertical walls of masonry or wood; the rails are supported on two wooden 

stringers spanning the pit. A surface guard covers the ties for a distance of 
about 8 ft. with some one of a variety of wooden or metal slats or tiles. 

Recommended Practice. The American Railway Engineering Association 
recommends surface guards in preference to pit guards, chiefly on account of 
the disastrous consequences of derailment at the guard or a failure of the pit 
structure. A surface guard should be so designed that it will not catch drag- 
ging brake chains or other rigging; it should not endanger employees who must 
walk over it; it should not rattle during the passage of trains; it should be 
reasonable in first cost, durable and easily applied or removed for track 
repairs: finally, it should be effective to deter all kinds of livestock from at- 
tempting to cross and yet should not catch and hold such as should make the 
attempt. 

Surface Guards. Home-made wooden guards consist of slats about 8 ft. 
long, 2-1/2 in. wide, 4 in. high, spaced 4-1/2 in. c.c. using 2-in. fillers and tied 
together with three 3/8-in. round rods running through slats and fillers. The 
slats are chamfered on the upper corners. Metal guards are usually patented 
and consist of rods (replacing the slats), or some one of a variety of designs in 
stamped sheet metal which, by bending out lugs, make a rough surface, or of 
rollers. A surface may also be made by a combination of interlocking tiles 
about 4 in. wide, 15 ft, long, and with their upper surface forming Tidges. 
This type is free from rust or decay but is more liable to breakage. 

16. Yards and Terminals 

(Condensed from Definitions and Recommended Practice of the American Railway 
Engineering Association, as published in its “ Manual.’’) 

A Yard is a system of tracks within defined limits for receiving, separating 
and making up trains, storing cars and other purposes. A large yard will have 
some or all of the following features. An incoming train leaves the main track 
and enters a receiving yard where the train may wait temporarily until the 
separation of the cars begins or may be moved to a separate holding yard if 
not ready for the separating yard (or classification yard). The train runs 
from the receiving yard to the separating yard, in which the cars are separated 
according to district, commodity or other required order. Some cars will be 
run to a classification yard in which cars are classified or grouped in accordance 
with requirements preliminary to forwarding in trains although sometimes 
a sorting yard, in which cars are classified in greater detail, is provided be- 
tween the classification and departure yards. Some cars may be sent to a 
storage yard, awaiting further disposition. Others will be sent to special 
tracks referred to later. The cars which are to be sent out of the yard are 
then sent to the departure or forwarding yard, where they are assembled into 
trains. The distribution of separate cars onto various tracks is often accom- 
plished by pushing them over a summit, beyond which they run by gravity. 
Such a yard is called a summit or hump yard. In rare cases natural grades 
are such that cars will run down them onto classification tracks, giving a true 
gravity yard. A yard in which the classification is accomplished by the use 
of a pole operated by an engine on an adjacent parallel track is called a poling 
yard. A yard, usually small or cramped for room, in which movement of 
cars is accomplished entirely by engines, is called a tail-switching or ‘‘ push 
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and pull” yard. Tracks in a group or a set of parallel tracks all used for some 

one purpose are called body tracks. They should be spaced from 13 to 14 ft. 

c.c. A group of such tracks all lead into a ladder track which should be not 

less than 15 ft. c.c. from any parallel track. No. 8 is the minimum frog num- 

ber which should be used on such tracks. The track connecting either end 

of the yard with the main line is called a lead track, which should be inter- 

locked with the main line. Running tracks and open tracks are provided so 

as to permit the free movement of cars and switching éngines from any portion 

of the yard to any other. When riders are used to control cars on classifica- 

tion tracks a rider track may be used“for the gasoline car which takes them 

back to the hump or they may be required to walk back. Many large yards 

are now equipped with car retarders which control the speed of cars by pressing 

against the sides of the wheels. These, together with switches, and “ skates q 

for stopping cars quickly, are operated from towers by one man in each tower, 

thus eliminating riders and switch tenders. Caboose tracks should be located 

between the receiving and forwarding yards, and are preferably so constructed 

that a caboose may be readily pushed thereon from a receiving track and then 

dropped by gravity to the train departing in the direction from which the 

caboose has arrived. Scale tracks should be located between the receiving 

and separating yards. Coaling, ash-pit, sand and engine tracks should be 

located on the route to and from the engine house; they should be so arranged 

that water, coal and sand may be taken and ashes disposed of in convenient 

rotation and also provide that switching engines may clean fires, take coal, 

water and sand and pass around the waiting engines. Bad-order tracks 

should be convenient to the classification yard, so that bad-order cars may 

be set off and easily run to the repair tracks. The repair tracks should have a 

maximum capacity of about 15 cars each and should be spaced alternately 

16 and 24 ft. apart c.c.. Fifty linear feet of track should be estimated in 

rating the capacity of freight-car repair tracks, in order to provide working 

room about each car. Parts of the yards should be provided with air and 

water pipes with outlets 50 ft. apart for testing cars. A materials supply track 

should be placed in the space between each pair of repair tracks. Heavy 

freight car repairs should be made under cover in a shop provided with over- 

head traveling cranes to facilitate heavy lifting. Icing tracks should be 

located between the receiving and separating yards so that the cars to be iced 

may readily be moved from the receiving to the icing tracks and thence to the 

separating yard. A coach-cleaning yard should be located for ready and 

quick access to and from the station. The tracks should be long enough to 

accommodate trains without cutting, and should preferably be stub-ended, 

with a car cleaners’ repair supply building located at right angles at their ends. 

Yard track capacity is estimated by allowing 42 linear ft. of track to each car. 

Team delivery yards should be located convenient to the freight house so 

that the receipt and shipment of freight may be easily under the control of 

the freight agent’s force. The tracks should be stub tracks in parallel pairs, 

the tracks of each pair 12’ ft, between centers and the pairs 52 ft. between 

centers. For convenience of shifting, the tracks should have a capacity of 

about 20 cars each. A crane for handling heavy freight should be provided. 

Tf possible, ingress and egress for teams should be provided for at each end of 

each teamway. Wagon scales should be provided near the team entrance of 

the yard, and track scales should be provided and located for convenient 

switching. 

A Hump Yard should have receiving, classification and departure tracks. 

Trains may be handled through it faster and at less cost than through any 
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other form of yard. The receiving tracks should be of sufficient length to 
hold a maximum train, and should be sufficient in number to hold as many 
trains, arriving in quick succession, as the character of the traffic renders 

mmit of Hump 

probable. If possible the grades of the receiving tracks should be such that one engine can push the maximum train over the hump. The length and 
number of the classification tracks depend on the number of classifications 
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required, number of cars in each classification, whether or not a’sorting yard 

is used, etc. Classification of through traffic may often be shifted from one 

yard to another with advantage. The departure tracks should be of full train 

length and sufficient in number to provide ample standing room for trains 

while being tested for air and while waiting for engines. An air hose and an 

air brake testing plant shall be provided conveniently near the departure 

tracks. The grades recommended for hump yards by the American Railway 

Engineering Association are shown in Fig. 43, a being for cold, b for moderate 

and c for warm climate. _These are for mixed traffic; empty cars require 

somewhat steeper grades and loaded cars lighter ones. Where the traffic and 

climatic conditions require it, the grades should be made steeper in winter and 

restored again in the spring. When required, scales should be located as 

shown so that when the car to be weighed reaches the scales it will be properly 

spaced from the following cars and running slowly enough to render correct 

weighing easy. For average conditions it is recommended that a No. 8 frog 

be the sharpest used for classification yards. 

Freight Houses. For an inbound-freight house 50 ft. is recommended as good 

average width. Platforms should be provided beside the tracks and continuous doors 

so as to obviate the necessity*for spotting cars. For an outbound freight house the 

recommended width is 30 ft. It is not advisable to load through more than four to 

six cars. For a very great number of cars there should be stub tracks in pairs with 

covered platforms between the pairs, the platforms leading to the freight house at the 

ends of the tracks. For a roadway between freight house on one side and wall on the 

other, minimum width 30: #t.; with team track or another freight house on the other 

side, minimum clear width 40 ft. ; 

Stock Yards for receiving cattle vary from a small pen at a way station to a series 

of large pens at a terminal. They include arrangements for feeding and watering, as 

well as loading and unloading. 

STEAM RAILROAD EQUIPMENT 

17. Water Stations 

Chemical Treatment is necessary when the water contains objectionable 

amounts of incrusting or corrosive matter or of alkali salts and is desirable for 

practically all natural waters, especially those containing even a fraction of a 

grain of calcium or magnesium sulfate. When water is boiled at a pressure 

of over 60 Ib. the carbonates of lime and magnesia will precipitate and form 

mud or soft scale whose presence in the boiler is objectionable. It may be 

blown off but this wastes water and more or less heat. The sulfates of lime 

and magnesia when boiled form a hard scale which adheres to the tubes and 

is only removed with difficulty. Treatment with lime in a tank will precipi- 

tate the carbonates, which are thus easily removed. The cost of this treat- 

ment is very moderate. The use of sodium carbonate (or soda ash) in a water 

containing sulfate of lime will produce carbonate of lime, which precipitates 

forming soft scale and also sulfate of soda which is objectionable because of 

its effect on “ foaming.” Foaming is primarily due to suspended matter in 

the water but is aggravated by the alkali salts, sulfate, carbonate or chloride 

of sodium, and is objectionable because it is difficult to maintain the proper 

amount of water in the boiler and keep wet steam out of the cylinders. If the 

sulfate hardness is very great the water is practically worthless, since too much 

alkali salts would be developed by treatment. Even when the sulfate hard- 

ness is very low hard scale and corrosion will result unless a little soda-ash is 

used and boilers blown down frequently, Filters of various types have been 

tried in connection with water softening plants with varying results. They 

are more used for purifying water for drinking purposes. 
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The Quantity of pure reagents required to remove 1 lb. of various scaling 
and corroding substances is given in the following table. These should be 
increased to give equivalent quantities of pure reagents in case commercial 

products are used. The pounds of matter per 1000 gal. may be found by 
dividing parts per 100 000 by 12 or grains per gal. by 7. The total amount 
of lime must be sufficient to take care of the free carbonic acid as well as the 
solids. 

Reagents Required for Water Softening. Per Pound of Substance 
American Railway Engineering Association 

Foaming 
Matter 

Increased 

Substance Reagent and amount 

SE Fe - 1.45 lb. 
eS eae ‘ * SAO ie ct ics Bee Cote) 
ek a MIME: Sau cick com tts . ahah? None 

fuk EAIezE Sst] E J elele wow SRO TEAE ox dike UE abe 
US ehdest. Saks 3 3 oso Paid bak'as aoe Ee a een OD EOF 

Calcium nitrate. ............ 1.04 Ib. 
Magnesium carbonate........]| 1.33 Ib. lime........... ote wee a None 
Magnesium sulfate........... 0.47 lb. lime and 0.88 Ib. soda ash..,.| 1.18 Ib. 
Magnesium chloride......... 0.59 lb. lime and 1.11 1b. soda ash,..] 1.22 Ib. 
Magnesium nitrate.......... 0.38 Ib. lime and 0.72 Ib. soda ash...} 1.15 Ib. 
Calcium carbonate........... 3.15 Ib. barium hydrate............. None 
Magnesium carbonate........ . barium hydrate.........-.. None 
Magnesium sulfate.......... a » barium hydrates, oo de's0 «g<,0.6 None 
*Calcium sulfate............ A ~ partum hydratejs <9. meen os None 

*In precipitating the calcium sulfate, there would also be precipitated 0.74 lb. of 
calcium carbonate or 0.31 1b. of magnesium carbonate, the 2.32 Ib. of barium hydrate 
performing the work of 0.41 lb. of lime and 0.78 Ib. of soda ash, or for reacting on either 
magnesium or calcium sulfate, 1 lb. of barium hydrate performs the work of 0.18 lb. 
of lime and 0.34 lb. of soda ash, and the lime treatment can be correspondingly reduced. 

These data will enable one to determine the quantities of reagents necessary 
to treat a given water and local quotations will supply data for a cost estimate. 
The cost of operation (aside from chemicals) will depend largely on the method 
used and local conditions and may be very little in addition to the cost of 
operating a water plant. 

Concentration of foaming solids reaches the critical point between 100 and 
200 grains per gal., depending on the character of the alkali salts and the 
amount of suspended matter in the water. Systematic and frequent blowing 
off and occasional complete blowing down and washing out at terminals are 
the best means for keeping below this limit. 

The cost equals the cost of pumping, treating and heating to boiler tempera- 
ture the amount of water blown off, plus cost of washing out boiler. With the 
limit 100 gr. per gallon the percentage of wastage equals the number of grains 
per gallon in the water supplied, for other limits the per cent varies inversely 
as the limit. 

A committee of the American Railway Master Mechanics Association estimated in 
1873 that the use of hard or muddy water in parts of the country cost $750 per loco- 
motive per year. The Committee on Water Service and Sanitation of the A. R.E. A, 
estimated the cost at $4000 to $6000 per year per locomotive for present locomotives 
at present prices. This cost is made up of extra Tepairs, extra fuel, boiler washing, 
time out of service, etc. 

As a further illustration of the importance of the subject, the El Paso and Southern 



Art.17 Water Stations 2059 

Railway found that even after chemical treatment of the hard-water supply on a divi- 

sion 128 miles long, the engine tonnage was reduced 25% and the cost of locomotive 

maintenance was increased $1000 per year per engine over the normal amount. To 

avoid this a waterworks system from a supply of pure mountain water 130 miles distant 

was construeted at a cost of $1300000. Even this expenditure was proven to be 

amply justified. 

Tests have proven that for a scale thickness of, say, 1/8 in. the loss of heat trans- 

mission may amount to 10 or 12%. A porous scale increases the heat loss even more 

than a solid scale. The chemical composition has no practical effect except as it may 

produce a porous scale. The heat loss increases as the thickness of the scale. 

In 1928 there were nearly 900 lime-soda plants treating about 120 million gallons 

daily, 650 plants using soda-ash, or sodium aluminate, only, treating 45 million gallons 

daily, 330 plants mixing anti-scale compound with 39 million gallons of water daily in 

wayside tanks and 35 zeolite plants softening 8 million gallons daily, while anti-scale 

compounds were used with 40 million gallons daily in boilers. 

Supply. The American Railway Engineering Association recommends the 

purchase of water where it can be obtained in sufficient quantity and of suit- 

able quality at a reasonable price. Otherwise the source may be springs, 

lakes, ponds, creeks, rivers or wells and it may be possible to supply the tanks 

by gravity, although usually pumping will be necessary. The quantity and 

quality of the water should be investigated for a sufficient time to give accu- 

rate results, future increased demands and possible necessity for treatment 

being taken into account. Ordinarily the quantity should be sufficient if 

economically possible, to give a 24-hour supply in 7 hours at terminal stations 

and 4 hours at intermediate stations, except for large stations when one may 

figure on 10-hour or even, 20-hour pumping service. 

Pumping. The American Railway Engineering Association recommends 

the use of the following table for determining the size of pumping plants. 

Terminal stations Intermediate stations 

Quantity per 
24 hours, | Time pump | Gallons Time pump | Gallons 

gallons to run in per to run in per 

24 hours Minute 24 hours Minute 

Hours 

2 000 000 20 1 666 20 1 666 

1 750 000 20 20 1 458 

1 500 000 20 20 1 250 

1 250 000 20 20 1 042 

1 000 000 20 20 833 

900 000 20 20 733 

800 000 20 20 666 

700 000 20 20 583 

600 000 20 10 1 000 

500 000 4} 10 833 

450 000 if 10 750 

400 000 7 10 666 

350 000 7 10 583 

300 000 7 10 500 

250 000 7 4 1 041 

200 000 7 4 833 

150 000 7 4 625 

100 000 7 4 416 

50 000 7 4 208 

25 000 7 4 104 
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The effective horsepower 

Gallons per minute X (static head + 1.5 friction head) 

= 3960 
The friction head should be determined from tables and the 50% added is to 
allow for ageing of the pipes. Heads are in feet. é 

With QO = the quantity pumped in 24 hours in 1000 gallon units and H = 
friction head in feet per 1 ft. of pipe for the given flow, the sizes recommended 
for discharge pipe are given herewith. 

Cast-iron pipe, Discharge when 
diameter, in. - 9Q is most nearly 

4 0.355 

6 0.437 

8 0.519 

10 0,656 

12 0.820 

14 1.162 

The Committee on Water Service of the A. R. E. A. stated in its report of 
October, 1927, that steam plants will usually prove most economical at points 
where it is necessary to maintain a steam plant for other purposes, as at en- 
gine terminals or where track pans are maintained in cold climates. Other- 
wise the medium pressure oil engine, or so-called semi-Diesel type, is generally 
the most economical and practicable power unit for all intermittent power 

service, except where the economies of automatic or remote control make the 
use of electricity advisable. The relative costs should be computed in detail 
for each case. 

Tanks of ordinary size are commonly built of wood, redwood, cypress, white 
pine or other approved species. Steel is also used especially for the larger sizes 
and permanent installations, and a few reinforced-concrete tanks have been 
constructed with varying results. No doubt these will be more used in the 
future as they should be permanent and satisfactory if properly constructed. 
The construction of wooden and steel tanks is now a specialized business which 
may be left to the builders under general specifications. See Manual of the 
American Railway Engineering Association. Their capacity usually varies 
from 10 000 to 80 000 gal. Two or even three smaller tanks are preferable to 
one excessively large tank. 

Capacity, in U. S. Gallons, of Tanks of Various Inside Dimensions 

Di 
Gallons Gallons 

8 460 21 057 
SLYA!) 26 650 

11 515 32 901 
13 219 39 810 

13 817 30 457 
15 863 37 601 
18 049 é 45 498 
22 843 54 146 

The total cost of wooden tanks per 1000 gal. capacity may be roughly estimated at 
from $30 to $35 for 100 000-gal. tanks, $45 to $50 for 30 000-gal. tanks, $70 to $75 
for 15 000-gal. tanks, to $130 to $140 for 5000-gal. tanks. Steel tanks will cost from 25% to 50% more. : 
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Track Tanks, or Pans, are used to give a supply of water while the train is in 

motion. A scoop, lowered from under the tender, is attached to a pipe leading 

to the tender tank. The rapid motion forces the water up the pipe from the 

long shallow pan between the rails. The height of the top of the tender tank 

above the track pan is usually about 9 ft. and this means that water will not 

flow into the tank unless the speed of the engine is more than 16 miles per hour. 

Even at 20 miles an hour more water is wasted by slopping over the sides than 

reaches the tender. The minimum wastage is about 12-1/2% and occurs at a 

speed of 45 to 50 miles per hour, although with a properly designed pan the 

wastage is fairly constant at speeds frdém 25 to 60 miles per hour. 

The track tank is commonly nfade of 3-16-in. plate, is 19 in. wide, 6 in. deep, bottom 

rounded to 1-1/2-in. radius, plates are 15 ft. long, riveted with 7/16-in. rivets, 20 rivets 

per joint; on each side is riveted an angle 1-1/8 by 2-1/4 in.; the edges are stiffened by 

a molding of 1-1/8 by 1/2-in. bariron. The Pennsylvania R. R. uses 25-ft. flange sec- 

tions with special lead joints, thus avoiding the use of rivets. Sides as high as practi- 

cable and lips along the sides reduce wastage. For two engines, ‘‘ double-headers,”’ 

it is better to increase length of pan rather than to provide storage by increased 

width. The ties are dapped 1-1/2 in. deep so as to lower the tank a little. At the 

center of its length it is rigidly attached to the ties. Ordinary track spikes are driven 

beside the angles, thus holding the tank in place laterally and vertically, but permit- 

ting longitudinal expansion with changes of temperature. There are inclined planes 

at each end, both inside and outside the tank, which will automatically raise the scoop 

in case the fireman neglects to raise it or lowers it too soon. About 1200 ft. is an ordi- 

nary length, although double this is sometimes used where trains are frequent, and the 

track must be absolutely level, which frequently requires reconstruction of the roadbed. 

Track tanks are usually placed on tangents but are successfully used on flat curves. 

when necessary. To prevent freezing in winter, steam pipes having 1/8-in. nozzles 

are inserted every 40 to 50 ft. throughout the length of the tank, and jets of live steam 

are forced through them from the boiler in the pump house in the “ direct ” system. 

In the “ circulatory ” the water is kept in circulation and steam is fed in with it at the 

inlets. The size of the required boilers depends on the amount of pumping required 

and on the severity of the climate, as it affects the demand for steam to prevent 

freezing. Although 25 hp. would generally suffice for warm-weather pumping, 150 

hp. might be required to prevent freezing. The cost of installation may amount to 

$10 000 and the cost of maintenance may be $125 to $150 per month. 

18. Miscellaneous Structures 

Coaling Stations. These are located at division terminals and in general 

near engine houses. Hand shoveling of coal from a gondola car directly to 

engine tender involves delay of car until coal is required. A trestle costing 

$250 to $500, or a convenient natural embankment which lifts the car about 

5 ft, above the locomotive track, facilitates the work of shoveling. The 

shoveling has been done for about 17 cents per ton. To save delaying the cars 

the coal is sometimes shoveled onto a platform, or bin with low sides, and again 

shoveled into the tender, This doubles the cost of shoveling and with bitu- 

minous coal produces more slack. Asan improvement a jib crane is set on a 

platform, which lifts buckets of about one ton capacity and stores them on 

the platform from which they are again lifted and dumped in the tender when 

needed. Two quoted costs for this method are 23.2 and 32.0 cents per ton, 

but in these cases the plants handled only 12 and 13 tons per day. The use 

of small dump cars rather than buckets at a plant handling 235 tons a day 

reduced the cost to 17.8 cents perton. Thenext step in reduction of operating 

costs by increase in cost of plant is to construct a trestle with coal-car track 

30 to 40 ft. above the engine track, the grade of approach not exceeding 5%. 

Self-dumping cars, dumping the coal directly into bins, eliminate the cost of 

shoveling and reduce breakage of the coal. The cost of coal handling for 26 



. 2 = \ ; 

2062 Steam Railroad Equipment Sect. 21 

such plants varied from 9 to 12 cents per ton. When space for a 5% approach 
is not available, the grade may be increased to 20%, and the cars hauled up 
the grade by the use of cable and hoisting engine. Another type is a locomo- 
tive crane, which is essentially a jib crane mounted on a self-moving car. 
Such a crane, costing about $7500, can load 70 engines per day. It loads 
directly from the cars to the locomotive tender and can handle cinders and 
ashes as well as coal. It is also particularly useful when self-dumping cars 
are not regularly obtainable, especially since flat-bottom cars are almost use- 
less for many types of coal-handling plants. The average cost of operating 
seven locomotive crane plants, each handling 106 to 230 tons of coal per day, 
was 7.3 cents per ton. Another crane handling only 45 tons per day cost 14.0 
cents per ton. An added advantage in it is that such a crane may be trans- 
ported and can be utilized for temporary emergencies, especially where per- 
manent construction is for any reason inadvisable. The bucket conveyor 
type has the advantage of minimum ground space and indefinite flexibility 
to suit local conditions, provided the amount of coal to be handled is very large. 
The advantage and economy are in these particulars. The cost of handling 
coal in nine plants varied from 9.4 cents to 14.3 cents per ton. Storage bins 
should be constructed with hopper bottoms so as to facilitate the movement of 
the coal and also to prevent the accumulation of slack coal which sometimes 
ignites spontaneously. Coal is sometimes weighed by passing it through 
auxiliary bins holding 5 to 10 tons and mounted on scales. Sometimes the 
scales are omitted, and the measuring is done by volume. When sand and 
cinders are handled in the same plant, the handling machinery should be 
separate, since sand and cinders produce excessive wear on moving parts. 
The growing scarcity of lumber is constantly increasing the relative ultimate 
economy of plants of reinforced concrete and fireproof construction is desirable. 

Ash-Pits. The simplest form of ash-pit is made by laying the rails on 
12-in. by 14-in. wooden stringers, which rest on cross-ties leaving a net space 
4 ft. wide. The stringers and ties are covered with old boiler plate to protect 
them from the hot ashes. Water service with hose to quench burning cinders 
and suitable drainage are essential. Although such a pit is justifiable for a 
road doing small business, mechanical means of handling ashes are recom- 
mended for pits serving 25 or more engines per 24 hours. The next step is to 
construct a pit with concrete walls and bottom and with a clear depth of about 
3 ft. Light all-metal cars may be provided in the bottom of such a pit for 
the prompt removal of the ashes. Another method makes the pit wider and 
runs one rail on one side wall and the other rail on a series of cast-iron or con- 
crete columns. This affords greater freedom in the removal of the ashes. A 
variety of designs agree in dumping the ashes from the locomotive into a hop- per or car directly under the locomotive. The hopper or car is then drawn out sidewise, or, after the locomotive has passed on, the car is lifted vertically by some form of mechanical hoist and dumped into a gondola car on a storage track. Ashes are also handled by the belt type of conveyor, the same as coal. For large terminals the pits are often filled with water and the ashes removed by a grab bucket operated from a gantry, traveling, or locomotive crane. 

Sand Houses. A sand house consists essentially of a wet sand storage bin and a sand drier and screen. The dried sand may be stored in buckets from which it may be dumped by hand into the sand boxes on the engine. A more elaborate and economical plan uses compressed air to pump the dry sand into an elevated storage tank from which it falls by gtavity through a pipe to the engine. 
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Oil Houses. The essential features are a fireproof place of economical 
construction for the storage of oil, combined with conveniences for its dis- 
tribution. The oil should be stored in tanks located in the basement, the 
basement having masonry walls and the floor above being made preferably 
of reinforced concrete. A trap door of fireproof materials should be the only 
opening into the vault beside the pipes. No illumination except electric lights 
should be permitted. The vault is surmounted by a house. which may be of 
wood, and which is used for pumping the oil from the tanks into small cans 

for distribution. Since the oil is put in and removed entirely by pumping, 

the vault need not be opened exceptor occasional inspection and repairs. 

Track Scales for freight-car service have a capacity of from 100 to 150 tons. 

The platform is generally from 36 to 46 ft. long, but the length is sometimes 

increased to 60 ft., which permits the weighing of cars without stopping them 

as they cross the scales on a gravity track. Scales 100 ft. long have been 

built, but their use is diminishing on account of greater unreliability. To 

economize yard room and yet not subject the scale mechanism to needless 

wear, a pair of through rails is run about 10 to 12 in. from the weighing 

rails. One of these through rails rests on the wall of the scale pit and the 

other rests on iron posts which extend through the platform and are separate 

from it. The weighing rails switch into the through rails by means of point 

rails at about one rail length each side of the scales. The cost varies from 

about $35 to $45 per ton capacity, according to capacity and style, the lower 

prices applying to the larger-capacity scales. 

Turntables. Length for modern locomotives must be from 60 up to 100 

ft., the most common length being about 80 ft. The pivot pier foundation 

must be designed for a load of perhaps 300 tons. The depth of the pit de- 

pends on whether a deck table or one made of two pony girders is used. The 

circular walls of the pit should be made of masonry, but are sometimes made of 

wood. They must support the circular rail on which the end of the table 

runs when unbalanced. The pit floor should be paved. A drain pipe with 

suitable outfall should be provided. The cost of an 80-ft. steel turntable will 

vary from $4500 to $8000 according to the details of depth of foundation, 

lining of pit, etc. Temporary structures which will serve the purpose for 

light-weight engines may be built for $700 to $800 where timber is cheap. 

19. Signaling and Interlocking 

(The following has been condensed by permission from the Manual of the American 

Railway Engineering Association. It is largely a statement of ‘“ recommended 

practice.”’) 

Signals, if practicable, should be placed either over (on a signal bridge) 

or upon the right of and adjoining the track to which they refer. Semaphore 

arms which govern should be displayed to the right of the signal mast, as seen 

from an approaching train. A mast may havea crosspiece on: which two up- 

rights (no more) may be mounted on which to place signals. One upright 

may be a stub to indicate that the corresponding track has no governing 

signals. Not more than one track should intervene between a bracket signal 

mast and the track for which its left upright carries a signal arm. There 

should be a definite place for flags and hand lanterns when used for signals; 

they should be fixed by a flag socket and lantern hook on the side of the signal 

station toward the direction of an approaching train and convenient for the 

operator to reach from one of the windows. The common semaphore for either 
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train order, interlocking or automatic block signal is as shown in Fig. 44 for 
indications in the lower quadrant, the upper quadrant is now recommended 
and many roads are discarding the semaphore signal entirely in favor of 
color-light or position-light indications. The greater simplicity and elimina- 
tion of moving parts tend toward greater reliability. Light signals are 
usually mounted in a circular box much like the older “ banjo ’’ signals. The 
arm should have a sweep of 90 deg. The design may be used for either 
a two-position or a three-position signal. When the lamp is on the side (as in 
figure) spectacle A is always blank. Spectacle B has red glass. Spectacle C 
is red for a two-position signal and yellow or green (whichever color is used 
for “ caution ’’) in a three-position signal. Spectacle D is white or green, 
whichever color is used for ‘‘ clear.” The American Railway Association 

recommends use of red for stop, 

yellow for caution and green for 
clear. Sometimes for economy on 
a single-track road the post is cut 
off so that the lantern is placed on 
top of the post directly back of (A) 
in the figure and another arm and 
spectacle casting is swung on the 
other side of the pole. In such a 
case spectacle A is red; B is red for 
two-position and yellow or green 
for three-position signal (like spec- 
tacle C in other design); spectacle 
C is white or greem and spectacle 
D is blank. It is recommended 
that the “‘ electric slot,’ an appli- 
ance for automatically disengaging 
the signal arm connection from its 
actuating lever and returning signal, 
arm to “ stop,’ as a train passes, 

Fig. 44. Semaphore should be utilized. High-speed 
movements should be governed by 

high signals and low-speed movements by low signals. Not more than two, 
high-speed signals should be displayed on one mast, the top arm to govern un- 
restricted speed and the lower arm to govern all other high speeds. All low- 
speed movements should be governed by one-arm low signals of dwarf con- 
struction. A distant signal should be provided for each high-speed route. 
“Red” should be the “ color ’” stop indication, and the “ horizontal ”’ posi- 
tion of the arm should be the “ position ” stop indication for all home signals. 
A mark of distinction should be made between automatic block signals and 
all other home signals, whether interlocking, train-order or manually operated 
block signals. Home block signals should be provided at all interlocking 
plants used as block stations. All mechanically operated high-speed sema- 
phore signals should be pipe-connected. Low-speed signals may be wire- 
connected. One distant signal only should be provided for a high-speed 
route, and when “clear” it should mean that all high-speed home signals 
along that route through the interlocking plant, including the home block 
signal, are “‘ clear.” Every movement within the limits of an interlocking 
plant should be governed by an interlocked signal. 

The decrease in 1928 was due to the hesitancy of the roads to proceed with 

signaling programs while the question of the adequacy of existing train con- 
trol and signaling installations was before the Interstate Commerce Commis- 
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Miles of Road Equipped with Automatic Signals, 1908-1928 

sion. ~The increasing preference for light signals is indicated by the installa- 

tion of 3601 light signals out of a total of 5536 automatic signals installed 

in 1928; of these 3226 were color-light and 375 position-light. 

The trend in interlocking practice as indicated by construction in 1928 is as 

follows: 88 new plants were constructed of which 24 were mechanical, 33 elec- 

trical, 8 electro-pneumatic and 23,electro-mechanical. The 382-lever electric 

plant installed at Buffalo, N. Y., by the New York Central is said to have 

the largest number of levers of any one plant in the world. 

Automatic Train Control installations in 1928 were virtually limited to the 

completion of projects already under way and voluntary extensions by some 

roads of existing installations, as the Interstate Commerce Commission, be- 

lieving that afar greater measure of safety will result from vigorous efforts to 

curtail the large number of accidents arising from other causes than disregard 

of signals, issued no new orders. The use of cab signal indications, however, 

increased rapidly and it is believed that future development will be in this 

direction without automatic brake control. The substitution of remote con- 

trol of switches and signals for train orders and manual operation of switches 

is another important development which is being used to effect economies 

both in dispatching and operation of trains, since they do not have to stop to 

throw switches or for signals if the block is clear. Spring switches are also 

being used increasingly to eliminate stops at the ends of double track, at yard 

leads and at certain sidings where movements in one direction predominate, 

20. Locomotives 

Classification, according to wheel arrangement, is now usually indicated by 

three numbers, of which the first is the number of pilot-truck wheels, the sec- 

ond the number of drivers and the third the number of trailing wheels 

Classification of Locomotives 

Switching........+.----| 0-8-0 ||} Ten-Wheel.,.........--+ 

Switching.....----+-.--| O-6-O || Mogul....,..-..+----++- 

Switching..,.:....,.+.-| 0-4-0. ‘|| Mastodon............... 

Consolidation...........| 2-8-0 || Mountasm..........--+-- 
ADAMO 2... FIR des 
American,...... } recess. 

% A and C are truck wheels, usually 2 or 0, and B are drivers, usually 6 or 8. There 

may be three sets of drivers, as 2-8-8-8-2 for the large Mallett mentioned below, the 

third set being under the tender in this case. 
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although originally each type was givena name. All three numbers are given 
even though one, or two, of themis zero. For example, the common American 
type having four pilot wheels, four drivers and no trailing wheels is indicated 
by 4-4-0; the six-wheel switching engine, having neither pilot nor trailing 
wheels, by 0-6-0. “ 

Steam Locomotives Built Each Year, 1896 to 1928 
From “ The Railway Age” 

Year 5 ©S-'| Foreign | Total Th. €S- | Foreign | Total ic ic 

1896 866 309 1176 4561 771 §332 

1897 865 386 1251 1962 273 2235 

1898 1321 554 1875 1250 835 2035 

1899 1951 514 2475 2708 1367 4075 

1900 2648 505 3153 2585 2861 5446 

1901 RRO GLO) Oc 3384 3668 2807 6475 

19020) ONG FETT S184 4070 2162 1110 3272 

1903 gale'sle s oklhd Cee ocak 5152 2002 1650 3672 

1904 BRR - ee aS 3441 1185 638 1823 

1905* 4896 595 5491 1303 231 1534 

1906* 6232 720 6952 3505 280 3795 

1907* 6564 798 7362 1810 226 2036 

1908* 1886 456 2342 994 291 1285 

1909* 2596 291 2887 1585 185 1770 

1910* 4441 314 4755 1009 167 1176 

1911* 3143 387 3530 636 lil 747 

1912f 4403 512 4915 

* Includes Canadian output. 

t Includes Canadian output and those built in railroad shops. 

Taken year by year the numbers are rather erratic but reflect in a general 
way economic conditions, modified of course by estimates of railroad officials 
of probable trafic requirements. Just prior to 1918 the rapid increase in 
traffic stimulated buying, but since that time passenger traffic has decreased 
approximately one-third and the rate of increase of freight traffic has been 
slower. These decreases together with the better utilization of equipment 
have made possible the storing of about 5000 serviceable locomotives for the 
past two years and naturally purchases have been low with this amount of 
power in reserve. 

The trend as to types as indicated by the locomotives ordered in 1928 is 
definitely toward the heavier types with trailing trucks, probably influenced 
greatly by the increasing use of boosters to assist in starting and at low speeds 
though 58 tenders with auxiliary engine for booster service were ordered also. 

The Mountain type, 4-8-2, seems to have the preference with a total of 
146, although 100 of these were ordered by one road, the New York Central. 
Excluding this large order, several other types had nearly ‘the same. number 
as follows: 2-10-4, 46; 4-8-4, 41; 2-8-4, 39; 4-6-4, 35; 2-8-2: 30'and 4-12-2, 
23. Of the older types there were: 4-6-0, 11; 4-6-2, 9; 2-8-0, 7; 2-6-0, 2 
and 4-4-0, 1. Eighty-six switching locomotives were ordered, a majority of 
them of the heavy 0-8-0 type, also 31 Malletts, 25 geared, 5 of the 4-6-6 
type and 2 of the 2-6-2. Besides these steam locomotives 13 oil-electric and 
50 electric locomotives were ordered for domestic use, all with all the weight 
on drivers except 25 electrics of the 2-6 + 6-2 type and one electric of the 
2-8-2 type. On Dec. 31, 1927, there were 449 electric locomotives in use 
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on Class 1 railways, about one-third in freight service and two-thirds in 
passenger. 

Number and Average Tractive Force — Steam Locomotives Class 1 
Railways 1916-1927 

Average Average 
tractive Number tractive 
effort ; effort 

a. 
33 188 64 140 37 441 
33 932 64 939 39 177 
34 995 65 006 39 891 
35 789 63 612 40 666 
36 365 62 342 41 886 
36 935 60 895 42 798 

The steady and fairly uniform increase in the average tractive force of the 

locomotives operated on Class I railways is shown in the statistics of the 
Interstate Commerce Commission given in the above table. That this in- 
crease is likely to continue is indicated by the fact that the average tractive 
force for the 322 locomotives ordered in 1928 for which data are given was 
64372 pounds. The average tractive force for the 13 oil-electric locomotives 
was 41 923 Ib. and for the 13 electric locomotives for which data are given was . 

24 426 lb. 

Weights. These vary from about 25 tons for a 4-4-0 type of narrow-gage 
locomotive to that of a Mallett standard-gage locomotive weighing 853 050 lb. 

with 63 466 lb. on each of twelve driving axles. Between these limits there are 

locomotives of any total weight and any reasonable ratio of driving weight to 

total weight though the limits in any given type would of course be smaller. 

Some general data for typical recent locomotives are given in the following 

table. All are simple engines except the Norfolk & Western Mallett (see 

cylinder dimensions). The largest locomotive built in 1928 was a single-ex- 

pansion articulated, one of the 2-8-8-4 type weighing with tender 1 116 000 

lb. It is exceeded in weight on drivers 554 000 lb. and tractive force (with 

booster) 153 000 lb. only by the Erie Triplex locomotive built in 1914 and the 

Virginian Triplex built in 1916. It was built by the American Locomotive 

Co. for the Northern Pacific Railway and was designed to burn lignite of 

relatively low heating value. Hence it has the largest combined heating 

surface, 10 892’sq. ft., and by far the largest grate area, 182 sq. ft., of any 

locomotive in existence. The stoker is designed to deliver a maximum of 

20 tons of fuel per hour and the maximum evaporating capacity of the boiler 

is 14 400 gal. of water per hour. 

The Tractive Force of a locomotive may be limited by any one of three 

factors: 

(a) Frictional force or “ adhesion” between drivers and rail, a function of the 

weight on the drivers. 
3 

(b) Capacity of the boiler to produce steam, depending on design of boiler, fuel, 

water and stoking. 
j ; 

(c) Capacity of the mechanism to convert the energy of steam into motion, depend- 

ing on size of cylinders and drivers. 

At low speeds, adhesion is usually the limiting factor as most locomotives 

are “ over-cylindered ” and the rate of steam consumption is low; hence they 

are able to “ slip their drivers ’ and the tractive force using sand may be as 

much as one-third the weight on the drivers, although it is not usual to count 
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General Data for Some Recent Steam Locomotives 

1928 1928 1928 

OO Mbit to teeine a echt uae e BL.& A. N. & W. 
Bye Dyce dinlalitiel ds clciecie saan Oe eaS ae 4-6-6* 2-8-8-2 

AA SALI? CARICA wT Suburban Switching 
Weights, Ib.: 

Ontdrivers. J... PEeTAR TS . 34. <n gene 

B. & O. 
4-6-2 

Passenger 

180 000 478 000 203 500 
“ABBEY: BAR OOO) = SE 352 000 531 000 329 500 

AROS. CUA SOE KO oO ise oo 264 040 240 000 

Cylittders: invgo2e8 22 ix =. Ve aamene 23-1/2 X26 25 X39 X32 27X28 
Diameter of drivers, in............-- 80 

Wheel bases, ft. and in.: 
DIVING... doe che Rte on den Freee 14 0 

SAREE BHR cone ute 2 a7 6D 1 
Be US. BSI loud oe crete ee Lote sees «.| 78 2-7/16 

Steam pressure, Ib. per sq. in.......- 215 240 230 
Grate“area, sqs P8073. 740297 A OLLIE. 60.8 96.3 70 
Heating surfaces, sq. ft.: , 

Evaporative . ad clés}. isan es osld. se- eh a MS apn Sees 9 4 595 
Stiperde atin Gor. n clo gyri oanint asthe aca aa bee oat ne Achebe <2 ie 1 188 

Fi EE PPTL, 2H =~ 5 783 

Buel capacity: (ODS. sec. sas 2 oe ee 

Water capacity, gal..........1 LS 5 000 12 000 
Tractive force, lb,: 

PLC OrS tA ere do Da dad one deen 41 600 107 373 
3 ase diel Cig ae She cit Go a I ea TRIS 7S oes aos ocene 

1929 

1 EWR Es been tomlin Arent niles 8 oe oe Ga. Northern Can! Pac: Cent. Vt. 
ALY oF de Reng teting ater s ey bradenctel cramer 2-8-2 4-8-4 2-10-4 

Dervices si SOR AOU TR Ss 20 Freight Passenger Freight 
Weights, lb.: 

Onl dkiversasd. sist. -wekrimiiw. osyer. 136 260 250 000 285 000 
ash oS FER LTH 15 dye st Ciel bee 423 000 419 000 

hh shh Wis ok mabey e kai 286 000 269 600 

ROSTALOYS (onc 1 ee poy O peng See So 20X28 25-1/2 X30 27 X32 
Diameter of drivers, in...>.......... 57 75 60 
Wheel bases, ft. and in.: 

Driving sete? eee e. aus Ee. 1Si9S 19 9 22, 0 
Brging. e202, G38. 9] e359. eat 45 9-1/2 44 2 
Engine and tender... 2... b.eoue0.. 65 S-1/2 87 82 2-1/4 

+ Steam pressure, lb. per sq. in......-. 200 250 
Grate “area; "sql ft.V Sere h eee tabs 41.5 84.4 
Heating surfaces, sq. ft.: ‘ 

Evaporative: s. W. ise otk BAR 2 482 4703 
SUPEHMCAHN Gs cayas...< dorctered.s «i wonvats 603 2 208 

6 911 

Pullicapachtys tONSax. acid maak oon: 12 
Water Capacity, galece asco ees we 7 000 

Tractive force, lb.: 
Drivers je <cnhe cones © Coe RE 33 400 

* Double end locomotive, 6 trailing wheels are under tank. 
t Rigid, 15 ft. 9 in. 
} Two auxiliary engines on tender. ~ 
§ Franklin trailer booster. 
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on more than one-fourth as a maximum. As the speed increases a point is 
reached where the boiler is no longer able to furnish steam at full cut-off and 
maintain its normal pressure. So the cut-off is reduced and the “ Mean 
Effective Pressure’? becomes smaller and smaller as the speed increases. 
Hence boiler capacity limits tractive force at speeds beyond the point men- 
tioned above as could be expected, since weight on drivers and size of cylinders 
can be increased easily while the size of the boiler is limited. 

Determination of Tractive Force. The tractive force of a locomotive may 
be determined by actual measurement with a dynamometer car or at a loco- 
motive testing plant or by computation. With a dynamometer car, speeds, 
alignment and grades must be accurately known in order to make the proper 
allowances. The American Railway Engineering Association recommends that 
speeds be determined to the nearest 0.1 mile per hour. Cylinder power may 
be determined by means of indicator cards and used to find tractive force. By 
computation: for low speeds (or maximum tractive force) one may simply 
take one-fifth to one-fourth the weight on the drivers, assuming reasonably 
good design. For higher speeds, recourse must be had to the theoretical 
formula with empirical coefficients or to empirical methods. Let P = the 
boiler pressure in pounds per square inch; S, the length of stroke in inches; 
d, the diameter of piston for simple engines; dy and dj, the diameters of high- 
pressure and low-pressure pistons respectively for compound engines; R, the 
ratio of the area of the low-pressure to the high-pressure cylinders; D, the 
diameter of drivers; and T.F. the tractive force at the circumference of the 
drivers. In a simple engine the work done by both cylinders during a .com- 
plete revolution of the drivers = piston area X effective average cylinder 
pressure X stroke X 2 X 2. But the work also equals the tractive adhesion 
developed at the circumference of the drivers X the distance traveled by the 
drivers during one revolution, which of course equals the circumference of 
the drivers. Therefore, for simple engines, 

Theoretical | _ Piston area x effective cylinder pressure X stroke X 2 X 2 

tractive force | — circumference of drivers 
The effective area of the piston is reduced about 1.5% on account of the area 
ofthe pistonrod. The effective energy at the wheel rim is reduced on account 
of friction of the piston, piston rod, crosshead and the various bearings. ‘The 

effective steam pressure in the cylinder is always considerably less than that 
in the boiler, even at low speed and full cut-off. These reductions may be 
allowed for by figuring the steam pressure (effective at the drivers) to be 80 to 
85% of the boiler pressure. Therefore, dividing both numerator and denomi- 

nator by 7(3.1416) we have 

T.F. = 0.8 Pd?S/D (for simple engines) 

To prevent racking the engine frame, two-cylinder compounds or four-cylinder 

compounds of the Baldwin type are designed with R at such a ratio that the 

work done by the high- and low-pressure cylinders is approximately equal. 

Although there is not such necessity for balancing with a tandem compound, 

the same ratio is used, which averages 2.81. The formula is 

PS for Baldwin compounds and ee 2 2 
eT D Oem, Taeodr) ( tandem compounds ) 

Even greater power may be temporarily obtained when starting a train, or, 

jn an emergency, on a grade (if not limited by poor adhesion) by exhausting 

from the high-pressure cylinder directly to the atmosphere and by admitting 

high-pressure steam directly into the Jow-pressure cylinders. Of course all 

economy due to compounding is lost while this is done. 
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The Tractive Force of a Two-Cylinder Compound, when the work is equal 

in both cylinders, and when working compound, is 
2 

T.F. = a (for two-cylinder compounds) 

‘As before, the tractive force may be increased when starting by exhausting 
the high-pressure cylinder directly into the atmosphere and by admitting 
boiler steam to the low-pressure cylinder through a special valve which pro- 
portionately reducesits pressure. Here the T. F. is the same as that of a simple 
engine with both cylinders of the same diameter as the high-pressure cylinder. 

The Equivalent Diameter of Simple Cylinders which, with the same boiler 
pressure, diameter of drivers, and stroke, will have the same tractive force, 

may be expressed as follows, when all cylinders perform the same work: 

di*dn? : 
= a tae (for two-cylinder compounds) 

di?dn? 
d = 1.41 4) aad (for four-cylinder compounds) 

The Tractive Force as a Function of the Velocity is expressed by the follow- 
ing formula by Isaacs and Adams (Bulletin 112, Am. Ry. Eng. and M. W. 
Assoc.); the notation being somewhat revised to correspond with that given 
above, and in which V = train speed in miles per hour, 

HL of 392 S 
TE. =d PS (095 71000 3Y) 

The reduction of tractive force with increase in velocity is shown in the table 
(computed on the basis of the above formula) in which is given the ratio of 
tractive force at speeds between 10 and 30 miles per hour to the tractive force 
at 10 miles per hour for engines with five combinations of ratio of stroke to 
diameter of drivers. 

Ratio of Tractive Force at Various Speeds to Tractive Force at 10 
Miles per Hour 

Stroke 
Drivers 

Ratio S/D 

Velocity, 
miles per hour 
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Average Evaporation in Locomotive Boilers in Pounds of Steam per 
Pound of Coal 

Pounds of coal fired per hour per sq. ft. of heating surface 
Thermal value 

of coal 
B.t.u. 

10 000 

12 000 

Feed water at 60° F. boiler pressure 200 lb. per sq-in. In bad water districts deduct 
10% for each 1/16 in. accumulated scale and 1% for each grain per gal. of foaming 
salts. Heating surface does not include superheater if used but is water evaporating 
surface only. The quantities of steam evaporated for intermediate quantities or 
qualities of fuel may be found by interpolation. 

Weight of Steam Used in One Foot of Stroke in Locomotive 
Cylinders 

For Locomotives Using Saturated Steam 

Gage pressures 
Diameter of 

Cylinder | 1601p. | 170 1b. | 180 1b. | 190 1b. | 200 1b. | 210 Ib. | 220 Ib. 

in. Ib. Ib. Ib. lb. Ib. Ib. Ib. 
12 0.304 | 0.321 | 0.337 | 0.354 | 0.370 | 0.389 | 0.405 
13 0.357 | 0.376 | 0.396 | 0.415 | 0.435 | 0.456 | 0.475 
14 0.414 | 0.436 | 0.459 | 0.482 | 0.504 | 0.529 | 0.551 
15 0.476 | 0.501 | 0.527 | 0.553 | 0.579 | 0.607,.| 0.633 
15-1/2 | 0.508 | 0.535 | 0.562 | 0.590 | 0.618 | 0.649 | 0,675 
16 0.541 | 0.570 | 0.599 | 0.629 | 0.658 | 0.691 | 0.720 

| 17 0.611 | 0.643 | 0.676 | 0.710 | 0.744 | 0.780 | 0.812 
18 0.685 | 0.722 |, 0.759 | 0.796 | 0.834 | 0.875 | 0.911 
18-1/2 | 0.724 | 0.762 | 0.801 | 0.841 | 0.881 | 0,924 | 0,962 
19 0.763 | 0.804 | 0.845 | 0.887 | 0.928 | 0.975 | 1.015 
19-1/2 | 0.804 | 0.847 | 0.890 | 0.934 | 0.978 | 1.027 | 1.069 
20 0.846 | 0.891 | 0.936 | 0.983 | 1.029 | 1.080 | 1.125 
20-1/2 | 0.888 | 0.936 | 0.984 | 1.032 | 1.081 | 1.134] 1,181 
21 0.932 | 0.982 | 1.032 | 1.083 | 1.134 | 1.191 | 1.240 
22 1.023 | 1.078 | 1.133 | 1.189 | 1.245 | 1.307 | 1.361 
23 11118 | 1.178 | 1.238 | 1.300 | 1.361 | 1.428 | 1.487 
28 1.657 | 1.745 | 1.835 | 1.926 | 2.017 | 2.117 | 2.204 

For simple locomotives using superheated steam 

reer OSSDOOOS mre ee OSOOOOS mrreesosssoss Mee RODOOOOSOSOS mere SOOOSDOOSCSO Bree OoSSDOODOSDOSO 

Cylinder diameter is for high-pressure cylinders in compounds. Superheat of 

200° F, and drop of 5 Ib. per sq. in. between boilers and cylinders are assumed. 
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The American Railway Engineering Association recommends the following 

method of determining tractive force. Assuming that the maximum amount 

of coal that can be fired is 4000 Jb. per hour for hand-fired locomotives and 

6000 lb. per hour for stoker-fired locomotives with grates of less than 70 sq. 

ft. and 8000 lb. per hour for stoker-fired locomotives with grates of more than 

70 sq. ft., find the rate of steam production from the first table on p. 2071. 

The steam used per revolution at full cut-off equals the quantity given in the 

second table on p. 2071 multiplied by four times the length of the stroke in feet 

for simple and four-cylinder compounds and by twice the length of stroke in 

feet for two-cylinder compounds. The weight of steam produced by the boiler 

per minute divided by the weight used per revolution will give the maximum 

number of revolutions per minute at which full cut-off can be maintained. 

The corresponding train speed is found by multiplying by the diameter of the 

driver in inches and dividing by 336.13 and this speed is called M. 

The pounds.of steam used per i. hp.-hr. at speed M are: 

For Locomotives Using Saturated Steam 

Gage pressure... 160 170 180 190 200 210 220 

Sons G4 taeeaeae 39.45 39.10 38.80 38.53 38.30 38.11 37.99 

Compound..... 26.57 26.34 26.14 25.95 25.80 25.67 25.59 

For Locomotives Using Superheated Steam 

Simple). $. <=. 24.72 24.50 24.31 24.14 24.00 23.88 23.81 

The steam produced per hour, divided by the amount used per i. hp.-hr. will 
give the i. hp. at speed M and the corresponding tractive force = 375 times 
i. hp. divided by M (in miles per hour). The tractive force at other speeds 

may then be found by use of the preceding tables. 

The cylinder tractive force must be reduced by the engine resistance (see 
p. 2074) to give draw-bar pull and the tractive force between drivers and rail 
found by the theoretical method should be reduced by items “b ” and “c” 
of those resistances, although the uncertainty in the value of the coefficients 
makes it useless to attempt refinements. 

The Horsepower Developed by a Locomotive equals the actual tractive 
force developed, multiplied by the speed in miles per hour, and divided by 
375; if the speed is given in feet per second, divide by 550 instead of 375. An 
actual test of the draw-bar pull of a locomotive measured with a dynamometer 
shows that at very low velocities the pull was about 30.000 !b., which corre- 
sponded to an adhesion ratio of about 22%. At a velocity of 10 miles per 
hour the pull had decreased to 26 500 Ib. which indicated a development of 
706 hp. At 20 miles per hour the tractive force had dropped to 17 000 lb., in 
spite of the fact that owing to the greater velocity the horsepower developed 
had-increased to 906. At 30 miles per hour the tractive force had dropped to 
10'500 1b., which indicated 840 hp. Since the above figures represented draw- 
bar pulls at the rear of the tender, the actual power developed at the drivers 
was greater, and the actual horsepower developed by the cylinders was still 
greater in each case. At low velocities the horsepower increases almost 
directly as the velocity.’ At velocities above 13 miles per hour, the horse- 
power. increases very slowly, and at high speeds it decreases as the velocity 
increases. 

Fuel Consumption. Wood is used only where it is comparatively cheap 
and coal is comparatively expensive. Green wood contains about 50% of 
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Per cent of Cylinder Tractive Force for Various Multiples of M 
For Locomotives Using Saturated Steam 

conn Simple 
per cent 
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* Operated as simple engine. 

For Simple Locomotives Using Superheated Steam 
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moisture and has far less calorific value than dry wood. About 2.5 Ib. of 

dry wood are required to produce the same heat as 1 lb. of average soft coal. 

One cord of dry hickory will weigh about 4500 lb. and in calorific value equals 

about 1800 Ib. of average soft coal. One cord of average pine will weigh 

only 2000 Ib. and is the equivalent of 800 Ib. of coal. Oil is used for locomo- 

tive fuel where crude petroleum is cheap. One pound has a heat value of 

about 21000 B.t.u., or 1.5 times that of the best coal. Less weight to be 

carried in the tender, ease of handling and firing, more uniform heat, less 

repairs to firebox and no expenses for ash handling are additional advantages 

to be considered in comparing relative economy. On Dec. 31, 1927, 7415 

locomotives out of a total of 60 895, or over 12%, burned oil for fuel. Its use 

is constantly increasing. Anthracite coal is used on a few railroads passing 

through the anthracite regions. Its calorific value is no higher than that of 

the best grades of bituminous and it costs considerably more, but it makes less 

smoke and soot and for passenger traffic this has its advantage. Wood, oil 

and anthracite may be considered the exceptions. Bituminous coal is the 

standard locomotive fuel. The average cost of fuel per train-mile in the 
U. S. increased from 16.8 cents in 1907 to 31.6 cents in 1927. This is chiefly 
due to the large increase in weight of locomotives and in the weight of trains 

hauled. 

Steam Locomotive Resistances. The American Railway Engineering As- 
sociation gives (Manual, 1929 Ed.) the following formulas for steam locomo- 

tive resistances: (a) Cylinder to rim of drivers: resistance = 18.7 (tons 
weight on drivers) + 80 (number of driving axles); (b) Engine and tender 
trucks: resistance = 2.6 (tons weight on trucks) + 20 (number of truck 
axles); (c) Head end or “air” resistance = 0.02 V?A, in which V = velocity 
in miles per hour and A = end area (average for locomotives, 125 sq. ft., when 
resistance = 0.25 V2). Total resistance equals the sum. For example, a 
consolidation engine weighs, engine and tender, 330 000 lb., with 170 000 lb. 
(= 85 short tons) on the four driving axles. The resistance between the 
cylinders and the rims of the drivers = 18.7 X 85 + 80 X 4 = 1910 lb.; the 
truck resistance = 2.6 X (165 — 85) +20 X 5 = 308; air resistance at say 
20 m. p. h. = 0.02 X 400 X 125 = 100; the total resistance is therefore 2318. 
At the assumed velocity of 20 m. p. h. the horsepower consumed would be 
2318 X 29.33/550 = 123, which must be subtracted from the total indicated 
horsepower to determine the effective power at the draw bar. The above 

does not include the effect of grade. Ona1% grade there is an additional tax 
on the engine, merely on account of the weight of the engine and tender of 
3300 X 29.33/550 = 176 hp. which must also be deducted. It has been found 
that the resistance between cylinders and rims of drivers is practically con- 
stant, regardless of speed, after the bearings have become warmed up. 

Rail Motor Cars and Trailers. The use of motor cars on branch and light 
traffic lines is steadily increasing, the number on Class I Railways powered by 
self-contained units other than storage batteries having increased from 314 
to 502. in the two years, end of 1925 to end of 1927. Over 80% of these are 
passenger-carrying cars, the remainder being about equally distributed between 

:** company service ’’ and other passenger-train cars. During the same period 
(1925-27) the number of trailers increased from 447 to 803, nearly all being 
passenger-cars, 153 motor cars and 22 trailers were ordered in 1928. | Most 
of the rail motor cars built in 1928 have power plant capacities of from 200 to 
400 hp., although some have run as high as 800 hp., and weights of from 
100 000 to 150 000 lb. Somewhat more than half of the rail motor cars in use 
have electric transmission, i.e., are gas-electric or oil-electric. 
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21. Cars 

The Total Number of Cars in Service on the roads of the United States on 
Dec. 31, 1927, was 2 578 535, of which 2.2% were in passenger service; 4.4% 
were in company service, and the remaining 93.4% were in freight service. 
There were 9.6 freight cars per mile of line, but only 0.22 passenger cars per 
miles of line, or one passenger car for 4.6 miles of line. The above figures 
for the number of cars do hot include288 446 cars, privately owned, largely 
tank and refrigerator cars. A very large proportion of the sleeping cars in use 
are “leased.” The cars in “ the company’s service ”’ include chiefly cabooses 
and gravel cars, together with derrick cars, officers’ and pay cars, and other 
road cars such as maintenance-of-way cars. 

The average capacity of all freight cars in 1927 was 45.5 tons. In 1916 it 
was 40.5 tons and in 1904 it was only 30 tons; this illustrates the growth in 
average capacity from about 15 tons, which was once the standard. 

Only 46 060 freight cars were built for domestic use in 1928, the number 
each year having steadily decreased from a peak of 175 748 in 1923, this peak 
having followed 5 years of fairly uniform production averaging about 66 000 
per year. The decrease is partly due to better utilization of equipment and 
partly to the use of steel or steel under-frame construction, which is not only 
more durable than wood construction but also lends itself better to rebuilding. 

General Data for Some Recent Freight Cars 

Width 
Type Capacity| Length 

Outside | Inside 

lb. ft. in. ikon 10. 1) Ls 
Furniture. ... 80000 | 50 6 9 6 9 0 
275s Be cede as IOS BOOM DG Wiwece 00s 9 0 

Refrigerator». 80 000 | 33 2-3/4]........ 8 2-3/4 
SOCK ersten’ 80 000 | 40 0 Te: Ve) ie ed EE rio 

Gondola..... 100 000 | 40 6-1/2}........ 8 
PYaGs oa oss. sc 100 000 | 52 8 Dhan. ML tv gio syle Aad ot bgltn end ns Re 

Bhat os awa) ¢ £52 O00; PSG 6S, 2 DeBrenehayo oi bile oitcoare. aby | Shevags Soret Mcnaiaes elias oo 

el rhet 140 000 | 29 6 Se oe oR sista! abe ial BW ‘aul iduay sndatn too au cote aaa ORE 

Usual Dimensions of Passenger Cars are: length, 50 to 80 ft.; width 10 ft.; 

height above the rail, 14 ft. The width and height above the rail are approxi- 

matcly constant, the variations being chiefly in the length. The weight varies 

from 25 to 70 tons. The all-stee] passenger car weighs about 65 tons. The 

nominal capacity of an ordinary passenger coach varies from 50 to 80 passen- 

gers. At 125 lb. per passenger, the total live load will vary from 6250 lb. to 

10 000 Ib., which is only 8 or 10% of the dead load. On the other hand, a 

freight car with 100 000 lb. capacity will weigh about 50 000 lb., and the live 

load is therefore twice the dead load. The proportion of paying load to dead 

load is therefore many times greater in freight service than in passenger service, 

which is one reason for the disparity in rates. Practically all passenger cars 

ordered are now all-steel, and the number averages about 1500 per year. The 

total number in service in 1928 was about 57 000. All-steel cars weigh from 

2 to 4. tons more than wooden cars of the same dimensions but their life is 

greater and they are superior from the standpoints of safety and sanitation. 

Car Maintenance. The relative economy of steel and wooden cars. is 

indicated from a report made on the question of retiring from service 4600 
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wooden coal cars with a capacity of from 40 000 to 60 000 lb. and with ages 

varying from 9 to 23 years. It was shown that the annual cost of repairs per 

wooden car was $95.98 or 37.8% of their present value, whereas 3000 steel 

cars would have 20% greater capacity than 4600 wooden cars. The amount 

actually spent on the maintenance of the wooden cars would pay 6% on the 

cost of the steel cars and leave an annual surplus of $215 000. Experience on 

the Harriman lines has shown that the average cost of repairs on steel and 

wooden cars was in the ratio of 100 to 161, respectively. 

22. Stations 

Essential Requirements of a railroad station, given approximately in the 

order.of their importance, are (1) platform; (2) shelter, developing from shed 

to waiting room; (3) station agent’s office; (4) toilet facilities, developing 

from a mere privy to modern toilet room; (5) separate waiting room for ladies; 

(6) baggage and express room. In addition there is the legal requirement 

in many states that separate waiting rooms shall be provided for colored 

people... The policy of adding a freight room and agent’s living quarters to the 

station building is debatable. For small stations there are advantages in the 

method. 

The Cost of stations may, when necessary or advisable, be reduced to a 

very few hundred dollars, which will build a “ shelter.” As facilities and 

size are added the cost increases indefinitely. The reader is referred to 

Orrock’s “Railroad Structures and Estimates,” Berg’s ‘“‘ Buildings and 

Structures of American Railroads,” and similar works for detailed plans, ac- 

companied by estimates of cost, of various types of structures. For use in 

preliminary estimates the following approximate costs of wooden frame 

structures, compiled from Orrock’s “ Railroad Structures,” will be found use- 

ful, though costs should be modified to take into account differences in prices 

of materials and labor. 

(1) Shelter: platform, 50 X 6 ft.; house, 22 X 12 ft..+.......-.... $125 to $200 
(2) Station: platform, 250 X 8 ft.; waiting room, 10 X 20 ft.; office, 

10 X 10 ft.; baggage and express room, 10 ft. X 10 ft. 6 in.... $1000 to $1500 
(3) Station: same as (2) but with four rooms in second story for 

AvEneS Uwellines -s. t de ore cies melee e Fue arene tuscan arte $1500 to $2000 
(4) Station: same as (2) but with freight room 16 X 20 ft.......... $1400 to $1800 

(5) Station: waiting room, 16 X 16 ft.; ladies’ waiting room, 10 X 20 
ft.; office, 12 X 10 ft.; baggage and express room, 16 X 16 ft.; 
corridor between ladies’ room and waiting room and two lava- 
tories; platform 8 X 300 ft. broadened and surrounding the sta- 
tiomexcéeptiatcrean! sMiwstss pep Ghanete indds~\i cai tes eek $2000 to $2600 

(6) Station: similar, to (5) but with four rooms in second story for 
agent sudwellinges p> 28 Usts <4.) ti CERIN -pavele ease arch el att $2500 to $3500 

The following unit costs per square foot of ground covered are taken from Gillette’s 
“ Hand Book of Cost Data ” as being applicable to station buildings in the Mississippi 
Valley region. The unit costs are somewhat lower than Orrock’s estimates. These 
figures do not include the cost of platform. 

Per square foot 
Station, frame, with living rooms, on piles.............++e00: eA pein PhS) 
Station, frame, with living rooms, stone foundation. ............... 1.50 
Station, passenger and freight, frame on piles..........0..... PONT ALS: 
Station, passenger and freight, brick.......--.....0. 004: ad. Settniz ROL. 80. 
Station, modern passenger, brick and stone, slate roof, hardwood finish 3.50 

Another method is to allow from 7 to 10 cents per cubic foot for the cost of aframe 
structure with shingle roof, and from 10 to 12 cents per cubic foot for a brick building. 



Art. 23 Engine Houses and Shops 2077 

Add 1/2 cent per cubic foot for slate or metal roof rather than shingle. The higher 

asd apply to smaller buildings and the figures only apply to plain, unpretentious 

gs. 

23. Engine Houses and Shops 

(Condensed from recommendations in Manual of American Railway Engineering 

Association) 

The Circular Form is preferable ‘although a rectangular house may be de- 

sirable when not more than three or four engines are to be housed, or when it 

is more economical to provide a ¥Y than a turntable, or where engines need not 

be turned, or at shops where a transfer table is available which may serve 

engine house also. 

A Round House implies a turntable located at its center. The turntable, 

preferably of the deck type, should be long enough to balance the engine 

when tender is empty and should be operated by power, preferably electric 

except where only a few light engines are turned. The turntable pit should 

be well drained and paved, with side walls of brick or concrete, Pivot ma- 

sonry of concrete with stone cap. Ties under the circular rail should be sup- 

ported on concrete walls. The distance from center of turntable to inner 

line of roundhouse is determined by number of stalls required in a full circle. 

The angle between consecutive stall tracks should be an even divisor of 180 

deg. so that tracks at opposite ends of the turntable will simultaneously line 

up with it. The clear stall length should not be less than 15 ft. greater than 

the over-all length of the locomotive. The interior arrangement is designed 

on the basis that the locomotive is always run-in with the tender toward the 

turntable. The entrance doorways should be 13 ft. by 16 ft. clear. The 

doors should be made of non-corrosive material, fit snugly, operate easily and 

permit the use of small doors. The walls and roof should be made of non- 

corrosive material unless protected against corrosion. Security against in- 

terruption to traffic from fire warrants the serious. consideration of fire-proof 

construction. Engine pits should be not less than 60 ft. long, with convex 

floor and drainage toward the turntable. Walls and floors may be of concrete. 

Supports for jacking timbers should be provided. Smoke jacks with flues not 

less than 7 sq. ft. in area should be fixed, should have dampers and large hoods 

and be made of non-corrosive and non-combustible material, The bottom 

of the jack should be as low as the height of the locomotive stacks will permit, 

at least 42 in. wide and long enough to receive smoke from stack at its limiting 

positions, due to adjustments of the driving wheels to bring the side rods at 

proper position for repairs. The floor should be permanent and be crowned 

between'pits. Drop pits should be provided for truck wheels, driving wheels 

and tender wheels. When hot-air heating is used, the air should be led 

through ducts under the floor to the pits under the engine portion of the loco- 

motive. Ducts should be provided with dampers so that air can be turned off 

when workmen are in the pit. A general temperature of 50° F. to 60° F. is 

recommended. Air should be heated by exhaust steam in so far as possible. 

The supply should be taken from the external air and no recirculation allowed. 

Light should be obtained from the exterior as far as possible and from windows 

rather than skylights. General illumination, avoiding shadows, should be 

obtained by using a number of lights between stalls and a plug for incandescent 

lights should be placed in each alternate space between stalls. Provision 

should be made for a few necessary machine tools, preferably electrically 

driven. Piping for air, steam and water supply should be provided. 
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STEAM RAILROAD OPERATION 
24. Statistics of U. S. Railroads 

Mileage 1917 1927 
Wotalllineyiseres. vr. se asc e oes ooo ee eelpelage ve 253 626 249 131 
Average increase for previous ten years.............. 2 367 450* 
Per 100 square miles of territory. ......--s.eeeecees 8.38 8.23 
Per 10,000 inhabitants... «<j. tesiee ait Meine alee «sare 24.28 21.00 
Motal{tracks soem: “cislepeors g3555 <n peeeeaeide oom bis wpa 379 254 399 214 
Average increase for_previous ten years............- 5 128 1 996 

Net Capitalization 

Potal ME MU. AIGA sek. OS = We thousands $16 401 786 $18 136 691 
Pers nale Ol JIMEs y/5 she visiqe 6 on Wie 5s CE nS lap $64 669 $72 800 

Passenger Traffic 

sDfainsMiles. sm syed arf «yh eharsieie toe haae s thousands 593 338 578 355 
PASSCRETS fi a5. a isue Scyeeel oven iain. eR amines thousands 1 109 943 840 030 

RASSRN ETM ES oo atc io choens noha uamsian eine millions 40 100 33 798 
Average number of passengers per train............. 66 58 
Average journey per passenger...............-. miles 36.13 40.23 

Freight Traffic 

SRT OED -SOCSE ccm Farad chaloems hbevaor een sean thousands 646 402 598 435 
BELONG: eters Siok isha sca Spur ara ed fot ...cckc aioe thousands 2 453 423 2 510 454 
LON=DANES Ss 01. ohh teres ors tine chs voce canes millions 398 263 432 014 
‘Ton-miles*per mile of roud? CP2 4 lee eae 1 538 211 1 668 800 
Haul per ton. FT i, AES, Sea Oe A miles 288.18 314.75 
Revenue tons peritrainvita 2airsiml ol. . cevdiowiss 588.29 689.68 
Revenue tons per loaded car... 2... . cece cence beeee 24.75 24.60 

Revenues 

OPeraeway rise. ee cals teres Pee et Sone Ce thousands $4 115 413 $6 245 715 
Non-operating 329.0 ee OPE RR thousands $350 745 $466 770 

Grossearhings ti 2o7 Uist Lina thousands $4 466 158 $6 712 485 
Gross earnings per mile of line... .........0..--005 $13 666 $26 943 
Gross earnings per inhabitant, ...../......0.-20000> $42.76 $56.58 
Gross earnings per train-mile............ 00.0000 e eee $3.60 $5.70 
Passenger earnings per passenger mile.,........ cents 2.097 2.901 

Freight earnings per ton-mile................-. cents 0.728 1.095 
Passenger earnings per passenger train-mile.......... $1.42 $1.69 

- Freight earnings per freight train-mile.............. $4.48 S772 

Expenses 

Oneratingveint jac ten alsie Une bike.< Cea thousands $2 906 283 $4 662 521 
Per train-mile. all trains... 3. oe <tyieerake tebe een Mine ee $2.34 $3.96 
Maintenance of way and structures........ thousands $442 110 $868 581 
Maintenance of equipment................ thousands $685 429 $1 219 052 

Employees, Class I Railroads 

ALOt al ee Seid coielaliie Nchale wip Sigs oseiete oe RET eoteeeee nee ktnete 1 732 876 1 735 105 
Per mile of line ‘operated o..3'0 sce conti seems tee ee 7.46 Pig7 

* Decrease. 

25. Cost of Operation 

The Average Cost of a Train Mile for the whole United States in the year 
1890 was 96.0 cents. It decreased to 91.8 cents in 1895, and steadily increased 
to nearly $5.00 in 1920, decreasing again to nearly $4.00 in 1922 since which 
time it has been fairly constant. Although the variations from these figures 
are large in many cases for individual roads, the average for individual trunk 
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lines is seldom very different from the general average. Whereas the averages 

for the individual short lines with light traffic will vary considerably from the 

general average, the average for any group of short lines is, usually but little 

different from the general average, which means that there is no general tend- 

ency for the average figure for a short light-traffic line to be either less or 

greater than the general average. 

Classes of Railways. For the purpose of analyzing costs of operation, etc., 

the Interstate Commerce Commission has divided the railroads into three 

classes on the basis of ‘the gross annual operating revenue: Class I, over 

Average Cost, for United States, of Operating a Train One Mile 

Year Cents Year Cents Year Cents Year 

1890 96.006 1900 107.288 1910 148. 865 1919 

1891 95.707 1901 112.282 1911 154.338 1920 

1892 96.580 1902 117.960 1912 159.077 1921 

1893 97.272 1903 126.604 1913 170.375 1922 

1894 93.478 1904 131.375 1914 176.917 1923 

1895 91.829 1905 132.140 1915 177.641 1924 

1896 93.838 1906 137.060 1916 183.279 1925 

1897 92.918 1907 146.993 1917 234.427 1926 

1898 95.635 1908 147.340 1918 347.175 1927 

1899 98.390 1909 143.370 

A comparison of the various classes is given in the following table: 

Comparison of Classes I, II, and III Railroads 

Year Ending Dec. 31, 1927 

Class I Class II | Class III Total 

Number of companies.......- 167 265 334 766 

hessorh Sei - Rese sade 332 21 18 371 

Total operated #20)... <5 +a 499 286 352 PAS? 

Miles, owned... 25 Aint + «0.0.0.6 174 108 13 365 5 263 192 736 

A ee ti ee Oe 40 267 532 166 40 965 

Miles operatéd........---.4. 238 634 15 302 5 703 259 639 

Pocomotives fi. 0537-02565 61 363 1 544 590 63 497 

Passenger cars T...-... ++ 2's 53 822 1 242 578 55 642 

Preight cars fs. >. 0S viele os oo 2 354 884 34 133 4 792 239 809 

Ton-miles. i) s2i% ¢ thousands | 428 736 962 | 3.019 091 257 926 .|'432 013 979 

Percents oceceee leah. be sap 99.24 0.70 0.06 100 

Passenger-miles ¢..thousands | 33 649 706 132 848 15 200 | 33 797 754 

Pee Cog. assy ele see tee 2 99.57 0.39 0.04 100 

Operating revenues,f thou- 

SAME ee) onsiviniain ie wie eta d $6 136 360 $92 923 $16 492 $6 245 715 

PRE CONE. adc soiree ss 6 ac elela pee 98.24 1.49 0.27 100 

Operating | expenses,f thou- 

SATIS: cle terrae lates rela ala ch aha $4 574 178 $72 679 $15 664 $4 662 521 

Pep Gen. ond Galan ty ee ness 4 98.11 st) 0.33 100 

Investmentf....... thousands | $18 976 654 | $543 655 | $99 155 |...+-.+.-++> 

Lessors..caci ee lee thousands | $3 896 406 $13 609 S520 kbar aeast kere neee 

Total....sGe #002 2 thousands .|.$22 873 060 | $557 254 $104 452 | $23 534 766 

Per cent... 2005 FONG oe e eroer 97.19 2.37 0.44 100 

* Excludes switching and terminal, proprietary, circular and unofficial companies, 

not assigned to one of the classes. 

+ Excludes switching and terminal companies. 
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$1 000 000; Class II, $1 000 000 to $100 000; Class III, less than $100 000. 
About 90% of the mileage comes under Class I. 

Classification of Revenues and Expenses. The classification of accounts 
required of Class I Railways by the Interstate Commerce Commission is quite 
detailed as will be seen from the following list giving principal groups and 
number of accounts in each, as well as total amount for the year 1927 and 
percentage for each group. 

Railway Operating Revenues 

Trans portation— Rail line, Accounts, 1-16, 
inclusive 

No. Totals Per cent 
17 Total rail-line transportation revenue......... $5987 603165 97.58 

Trans portation—W ater line, Accounts 18-25, 
inclusive 

26 Total water-line transportation revenue. ..... R $14 314 408 0.23 

Incidental, Accounts 27-39, inclusive 

40 Total incidental operating revenue........... - $124 792 868 2.03 

Joint Facility, Accounts 41 and 42 

43 Total joint facility operating revenue..... Pa dake $9 589 829 0.16 

44 Total railway operating revenues............. $6136 300270 100 

Rail-line transportation of freight brought in $4 632 321 165 and of passengers, 
$974 950 863, the same items for water-line transportation were $11 195 846 and 
$1 226 773, respectively. Rail-line mail was $143 364 766 and water-line, $12 911. 
The largest incidental item was dining and buffet, $33 804 372, while revenue from 

. demurrage was $18 472 560. 

Railway Operating Expenses 

Maintenance of way and structures, Accounts 
1-106, inclusive 

No. Totals Per cent 
107 Total maintenance of way and structures ex- 

PENSE eos ede ee he ee i ele wralaterate alae eters «» $868 581 432 18.91 

Maintenance of equipment, Accounts 108-146, - 
inclusive 

147 Total maintenance of equipment expenses...... $1 219051528 26.51 

Traffic, Accounts 148-156, inclusive 
157. | Total traffic expenses: 4!) 0). eed. ++» $120 349 440 2.63 

Trans portation—Rail line, Accounts 158-207, 
inclusive 

208 | Total transportation—Rail-line expenses..... -- $2127505968 46.31 

Trans portation—W ater line, Accounts 209-211, 
inclusive 

212 Total transportation—Water-line expenses ..... $9 481 244 0.21 

Miscellaneous operations, Accounts 213-2 18, 
inclusive 

219 Total miscellaneous operations expenses..... ae $55 766 966 2 ley 

General, Accounts 220-231, inclusive 
232 Total general expenses.............. soccceses $191 081 367 4.18 
233 Transportation for investment, Cr...... 32 tee $17 640124 = ...., 

234 Total railway operating expenses............ oo QE'S74 £77 82129 ory, 
235 Ratio of operating expenses to operating revenues (per cent)..... 74.54 



Art. 26 Taxes on Steam Railroads 2081 

The accounts for Class II and Class III railways are successively simplified into a 
much smaller number, giving less detail. 

Some selected major items in the various groups are as follows: Maintenance of 
way and structures: Superintendence, $57 694 596; roadway maintenance (other 
than yard), $80 622 921; bridges, trestles and culverts (other than yard), $39 931 216; 
ties (other than yard), $102.900 409; rails (other than yard), $46 098 032; track 
laying and surfacing (other than yard), $193 650 381; station and office. buildings, 
$33 451 157 and signals and interlockers, $32 847 323. Maintenance of equipment: 
Superintendence, $45 858 746; steam locomotives — repairs, $435 564 729; steam 
locomotives — depreciation, $56 187 354; steam locomotives — retirements, 
$4 612 516; freight-train cars —repairs, $340 695 795-depreciation, $114 126 553, 
and-retirements, $17 393 635; and passenger-train cars —repairs, $81 219 354,— 
depreciation, $18 178 446 and-retirements, $1 603 544. Transportation — rail line: 
Superintendence, $69 020 593; station employees, $304 859 956; yard conductors and 
brakemen, $154 362 250; yard enginemen, $90 005 177; train enginemen, $224 609 355; 
fuel for train locomotives, $321 442 975; fuel for yard locomotives, $64 213 939; 
trainmen, $265 024 707; and loss and damage — freight, $33 976 470. Miscellaneous 
operations: Dining and buffet service, $41 365 319 and hotels and restaurants, 
$7 432 294. General: Salaries and expenses of general officers, $19 720 910; same 
for clerks and attendants, $93 539 620 and pensions, $24 637 019. 

Compensation of Employees increased moderately in the last five years, as 
shown by the following table, compared with the large increases during the 
war period with which comparison is difficult due to changes in classification. 

Average Number and Compensation of Employees 

Group 

Executives, officials and staff 
ABIStAGhS...... L145 diag oe 

Professional, clerical and gen- 
eral 

Maintenance of way and 
structures 

Maintenance of equipment 
and stores 

[Transportation (other than 
train, engine and yard) 

Transportation (yardmasters, 
switch tenders and hostlers) 

Transportation (train and 
engine service) 

All employees.......... 

-970 
739 

- 566 
875 
418 
929 
602 

- 238 
533 
466 
614 SCHOUNANHKUWION SWROWSOHOWODAN eoewmouwnowuouwuon is 

.791 | 315 143 
-541 123 048 
.588 }1 612 057 

302 082 
116 376 

1528 857 ono PND 

D 
D 
H 
D 
H 
D 
H 
D 
H 
D 
H 

H 
D 
H 

D indicates daily basis and H indicates hourly basis. 

26. Taxes on Steam Railroads 

From Interstate Commerce Commission Reports for 1907, 1917, and 1927 

The table on p. 2082 gives the total taxes paid per mile of line in the various 

States during the fiscal years ending June 30, 1907, 1917, and 1927. The fig- 

ures are given for the three years so as to indicate the increase and its rate. 

The table is useful to give some idea of the probable taxes on some existing 
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road or a new project, for a few years in the near future. Although all of the 
increase in some States is undoubtedly due to a proportionate increase, 
through betterments, in the real value of the roads, in many cases the increase 
is undoubtedly due to a modification in the method of assessment. 

No figures are given to show the relation between the taxes per mile in any 
State and the capitalization (or any other measure of value) of the roads in 
that State. The total taxes paid during 1927 amounted to $399 005 000, 
which is 1.79% of the total capitalization, $24 302 008 000. 

Taxes on Class I Railroads in the United States 

Taxes per mile Taxes per mile 

State TM, tts Grol  aoee 
1907 | 1917-| 1927 1907 | 1917 | 1927 

218 419 714 || New Hampshire..| 358 571 985 
142 621 | 1370 || New Jersey...... 2047 | 3945 | 8259 
224 431 642 || New Mexico..... 139 591 866 
390 780} 1911 New York. ...... 686-} 1593 | 3072 
287 446 880 || North Carolina...} 177 445 | 1444 

1339 [1311 | 2101 North Dakota.../| 265 563 833 
391 451 ye) RGLO! conte mmo oft $69 | 1347 | 2356 
176 407 | 1105 || Oklahoma....... 114 659 896 
166 383 668 || Oregon. . 32. 02.0. 228 678 | 1291 
233 727 | 1185 || Pennsylvania..... 510 924 | 1319 
472 893 | 1898 || Rhode Island..... 1100 | 2262 | 3750 
481 824 | 1727 || South Carolina...] 176 410 | 1052 
243 410 712 South Dakota. ... 101 385 629 
296 576 966 || Tennessee........ 267 542 880 
366 615 }-4419-1})-Texas. |: sd osrees 153 375 481 
218 622 | 12191) Utah... . JRate be 320 606 | 1047. 
292 558 | 1054 |} Vermont......... 172 542 593 
620 991 | 1823 || Virginia. .......] 376 793 | 1899 

1525 | 1199 | 2096 Washington...... 415 906 | 1462 
398 500 | 1273 || West Virginia...-| 413 79211755 
429 710 925 || Wisconsin........ 414 750 937 
214 591 | 1283 |} Wyoming. .:..0., 141 741 11005 
206 339 SOS || Dist. of Columbia.| 1480 | 1687 | 3578 
271 601 91701 
429 499 837 Average....... 367 972 | 1666 
265 706 | 1006 

27. Territorial Subdivisions of the United States 

In order to compare results in different sections of the country the Inter- state Commerce Commission at one time divided it into ten districts, later teducing the number to three, the Eastern, Southern, and Western. Find- ing these rather large for some purposes, the commission divided them as shown in Fig. 45. Some data are now given by Region, others by District. 
The following tables make possible interesting comparisons between the various territories. Note for instance the heavy freight traffic and consequent high earnings in the Pocahontas Region and the reverse in the Northwestern and Southwestern Regions with sparse traffic, both passenger and freight, 
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Mileage and Traffic by Regions, Class I Railways, 1927 

District and 
region 

Eastern: 

New England.. 27317 17989 9 843 
Great Lakes.... 88513 | 94237 79 822 
Central Eastern 120377 | 114478 108 808 

Southern: 

Pocahontas.... 12823 | 26717 39 685 
Southern 88 047 | 100 669 65 534 

Western: 

Northwestern. . 72 627 73 526 56076 

Central Western 108 008 | 105 551 REE 
Southwestern.. . 50755 | 59915 38 671 | 

Total United 

States 568538 | 588081 |1 184455] 471 793 

* Including mixed and special. 

Revenues, Expenses and Traffic per Mile of Road 
Class I Railways by Regions, 1927 

vate Car-miles 
District and Revenues | Expenses 

acenwn Freight 

Eastern: 
New England. ..... $36 839 $27 897 23 924 96 583 
Great Lakes. ..4... 44 616 33 896 27 461 205 545 
Central Eastern. ... 51 354 39 062 30 318 207 247 

Southern: 
Pocahontas... 49 747 32 150 14715 288 589 
SGUBREMM.). < csges GS 20 499 15 595 14 363 104 491 

Western: 
Northwestern...... 14 744 11 065 9 544 71 988 
Central Western.... 19 736 14 000 15 323 97 659 
Southwestern. ..... 15 988 12 101 9512 81 058 

$19 159 16355 119 309 

Total 

United States 
PESUICt. ce Sah Eastern 

Products Ton- | Per 
nage cent 

thou- 
sands 

Agriculture..0os. «<< 72-361] 5.85 
Animalserswsterrr: 
Min esha: ate hc bhort de 
ONEStS AS, oo Seah ke 

Manufactures *. 
BCs TLbes BAe... 

|__Total United States|1 237 668 

* Includes miscellaneous. 
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Operating Data by Regions, Class I Railways, 1927 

District and 
region 

Eastern: 
New England 

Great Lakes 
Central Eastern... 

Southern: 
Pocahontas 

Southern 
Western: 

Northwestern 
Central Western... 

2 Southwestern 

Total United States 

28. Accidents 

During the year 1928, 6509 persons were killed, about 80% of whom were 

neither passengers nor employees but “others,” mainly trespassers. Only 

85 of the killed were passengers while 1243 were employees, of whom 824 were 

Railroad Accidents in the United States 

Passengers Employees Total 

Killed | Injured | Killed Killed Killed | Injured 

3.929 6 330 10 618 | 97 706 

4534 6 695 11 839 | 111016 

3 405 6 402 10 188 | 104 230 

2 610 5 859 8722 | 95 626 

3 382 5 976 9 682 | 119 507 

3 602 6 438 10 396 | 150 159 

3 635 6 632 10 585 | 169 538 

3175 6 846 10 964 | 200 308 

3 259 6778 10 302 | 192 662 

2 1352 6 247 8 621 | 162 040 

2 687 6 394 9 364 | 180 375 

6 587 10 087 | 194 805 
5 396 9 286 | 174 575 
4 567 6978 | 149 053 
4151 6958 | 168 309 
4345 5 996 | 120 685 
4477 6 325 | 134 871 
§ 221 7385 |171 712 
4874 6 617 | 143 739 

5 067 6766 | 137 435 

5 348 7090 | 130 235 
5 408 6992 | 104 816 
5 181 6509 | 85 561 

* Non-train accidents included in totals only. 
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killed in train service accidents, 138 in train accidents, and 281 in non-train 

accidents. As about 800 000 000 passengers were carried during that year, 
only one in about nine and one-half million was killed; similarly, the total pas- 
senger mileage was’ 31500 000000, which means one passenger killed per 
370 million passenger miles. Of courses the chances of injury are much 
greater, as indicated by the table at bottom of preceding page. 

Accidents are more or less fortuitous and hence the data are somewhat 
erratic, but those for passengers and employees give some indication of results 
from the “‘ safety first ’’ movement, since accidents to both have decreased 

markedly, especially in the last decade, a period of fairly constant total 
traffic in train-miles. Nearly one-half of those killed in 1928 (2968) were 
killed in grade-crossing accidents, and 6667 were injured. 

29. Cost of Railroads 

The following items of cost are inserted as a catalog of the expenses which are 
usually met with and also to give an approximate idea of average costs per mile of 
track, which may be utilized in approximate preliminary calculations. Except where 
definite unit costs are given, the estimates are frequently subject to wide variations. 

Right-of-way. Land for railroad purposes is valued at a higher rate than 
for farm purposes on account of consequential damages and injury to adjoining 
property. Even State Commissions for appraising railroads make an allow- 
ance. The Minnesota Commission generally allowed three times the ordinary 
farm value forfarm lands. In cities from 1.25 to 1.75 times the ordinary mar- 
ket value was allowed. In Michigan from 2 to 2.25 times the ordinary market 
value is allowed. 

Clearing. Usually $25 to $100 per acre. 

Grubbing. Usually $100 to $200 per acre where required. 

Earthwork.. When the grading is. light, fills are frequently made from 
borrow pits and the material in cuts is wasted, and then the price per cubic 
yard applies to the sum of the yardage of cut, and fill plus shrinkage. This 
price is usually 25 to 60 cents per cubic yard for earth; about 90 cents to $1.50 
for loose rock and $1.50 to $3.00 for solid rock. When earthwork is heavy, 
care is taken to make the fills from the material in the cuts. The disposition 
of material is directed by the railroad engineer, and the contractor is paid ac- 
cording to the amount excavated. Borrowing is reduced to a minimum, and 
the contractor is often allowed extra for overhaul, usually 1 to 3 cents per cubic 
yard per 100 ft., for material hauled in excess of some limit, say 500 to 1000 ft. 
When only the yardage excavated is paid for and the contractor must make 
the embankments without extra pay, the price per yard for earth is nearly 
double the price given above unless machine methods are used when the cost 
may be about the same as above or even less. Much depends on haul and on 
local conditions. The prices for loose rock and solid rock will be but little more 
than the values given above, since the extra work is chiefly due to the loosen- 
ing. Work in and near cities and on lines under traffic will usually cost more. 
The grading on all the railroads of Wisconsin was estimated to average $5098 ~ 
per mile of main line, those in Michigan, $2778 per mile; those in Minnesota, 
$7372. The variations in this item are evidently very large. 

Tunnels. This item is so exceedingly variable that general figures are 
worthless except those of unit cost. The average of a large number of cases 
is shown in the following tabular form, condensed from Drinker’s Tunneling: 
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Cost per cubi d per cubic yar Cost per lineal 
foot 

Excavation Masonry 
Material 

Single | Double | Single | Double Single | Double 

Ses Oe $5.89 $5.45 | $12.00 $8.25 | $69.76 | $142.82 

Shas ote S = 9.07 10.41 80.61 119.26 

«hbase nes wile ty iis - 15.00 10.50 | 135.31 174.42 

Bridges, Trestles and Culverts. The price per mile of road is evidently 

very variable. The average for the railroads of Minnesota was computed at 

$2576 per mile; those of Michigan, $1027 per mile. Trestle timber in place 

is worth approximately $85 per M feet; trestle piling in place, 75 cents per 

lineal foot of pile; pile trestling from $12.00 to $18.00 per foot of trestle; vitri- 

fied culvert pipe in place, $2.00 per lineal foot for 18-in., $3.50 for 24-in., cast- 

iron pipe culverts in place about 8 cents per pound. 

Rails. Tons 2240 lb. per mile of track equals 11/7 weight of rail per yard 

in pounds. Allow 2% for cutting and waste. The freight from mill to delivery 

point is frequently a considerable gross item. The present price for standard 

rails is $34 f. o. b. at the mills, while light and rerolled rails are quoted at 

$34 to $36. Prices of rail fastenings at Pittsburgh are: steel splice bars 2.75 

cents per pound; spikes 2.8 cents per pound; track bolts 3.8 cents per pound, 

Prices at Chicago and Birmingham. are 0.65 to 0.75 cent higher and at St. 

Louis and San Francisco about 1 cent higher than at Pittsburgh. Tieplates 

are 2.15 cents per pound at the Pittsburgh and Chicago mills. 

Cross Ties. 75 cents to $1.10 per tie, untreated, depending on kind of wood 

and locality. Treated ties cost 40 to 90 cents more, depending on process 

used. 

Frogs, Switches and Crossings. Switches in place will cost from $380 to 

$750 per switch. The cost of a crossing of two railroads will depend on the 

angle of intersection, and will cost from $200 up. 

Ballast. Quantities and unit costs are given under the heading of ballasting 

under track. The cost may run from $1500 to $5000 per mile for the best of 

broken stone. An ordinary average is $2000 per mile of track. 

Track Laying and Surfacing. This really includes the three items of track 

laying, surfacing and the train service of hauling track materials from the 

point of delivery to the places where used. The train service is frequently 

furnished by the railroad company, but its actual cost is from $125 to $200 

per mile. The contract price for track laying alone is frequently $450 per 

mile at present prices for labor, but there are many records of track laying by 

means of special track-laying cars for as little as $150 per mile. Sometimes 

pallasting is deferred until the road is in operation, at least for construction 

trains. The surfacing may then be a separate contract at about $400 per 

mile. Allowing an average figure of $175 per mile for the train service, the 

total cost to the company for this item will average about $900 per mile. 

Fencing will average about $250 per mile of fence, or about $500 per mile 

of road when both sides are completely fenced. Often only a small fraction 

of the total length is fenced. ‘ 

Buildings and Miscellaneous Structures. Station buildings and fixtures 

in Wisconsin averaged $476 per mile; those in Minnesota, $771; those in 

Michigan, $526. Unit allowance in valuation of a Texas railroad for small 
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frame passenger stations, $1 per square foot; for platforms, 16 cents per square 
foot. The analyzed cost of-six section and tool houses averaged 30.7 cents 
per square foot of area. The cost of water stations of ordinary capacity will 
vary from 3 to 4 cents per gallon of capacity. Sign boards, $10 to $15 each. 
Whistle posts, mile posts and rail rests, about $2 each. Road crossings re- 
quire about 260 ft. b. m., which at an average price in place of $70 per M will 
$18.20 each. ~A pair of stock guards is usually required for each crossing, 
which may cost about $75 per pair, including the short fences from the right- 
of-way lines to the ends of the ties. A Y can take the place of a turntable 
providing that land is available at no special cost. Using a radius of 300 ft., 
with 100 ft. of track for the engine at the tail of the Y, about 1050 ft. of track 
will be required together with three switches. The tail of the Y will require 
land for 400 ft. from the main track. 

Turntables may cost anywhere from $2000 to $4000. The turntable itself 

is made of cast iron or of structural steel, or sometimes of a combination of 
structural steel trusses with a cast-iron center. 

Coaling Stations may vary from a mere platform or bunker from which the 
coal is shoveled into the tender (although at a considerable cost per ton) to the 
very elaborate and costly coal pockets in which coal is deposited by coal con- 
veyors or dumped from cars drawn up an incline, and from which the coal 
slides through chutes to the tender. The cost must evidently be computed for 
individual cases. Ash pits likewise vary from a mere pit between the rails 
to an elaborate adjunct of a coaling station by which the ashes are immediately 
transported on a “‘ conveyor ” to an ash car. 

Terminal Grounds. Although the area of terminal grounds may be not 
more than 3 or 4% of the total property area, its gross cost or its cost per mile 
of road may be actually more than the cost of all the remaining right-of-way. 
In Minnesota, the valuation of terminal grounds was 71% of the total valua- 
tion of all the line right-of-way, gravel pits, station grounds and terminal 
grounds. 

Miscellaneous: Shops, roundhouses and shop tools and machinery will average 
about 3% of the total cost of a road. Snow fences, bridge ticklers, track scales, mail 
cranes and bumping posts must be allowed for on all large roads, but their relative 
cost is insignificant. 

Grain elevators, warehouses, docks and wharves are mentioned as possible items 
of expense, but do not apply to many roads. For signals the cost is so variable, depend- 
ing on the degree of elaboration of the system, that average unit prices per mile of road 
would only be misleading. 

Telegraph Lines. Safe estimate $350 per mile of road for a single-wire line. 
If poles are very cheap even this cost may be materially cut. 

Freight on Construction Material. This applies chiefly to track material 
such as cross ties, rails, etc. While very variable, it may amount to nearly 
1% of the cost of the road. Frequently the item is ignored, the freight being 
added to the cost of each item. 

Contingencies. Usually estimated at 5 to 10% of the above items. 
Engineering, Superintendence and Legal. Frequently figured at 5% of 

all the construction work. The legal work will cost about 1%. 
Equipment. The approximate cost of locomotives and cars is about $7000 

per mile of road. Marine equipment must occasionally be allowed for. 
Organization Expenses will amount to 1 to 1.5% of the cost and frequently 

even more. 
Interest on Cost during Construction. Theoretically this should mean interest on. money from the time that bills are payable until the road begins operation. This 
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State Appraisals of Steam Railroads. Average Cost per Mile 

Wisconsin 
3 (1903) 
Zz Items 

Per 
ikl Cost cent 

1 |Land; right-of-way, yards and 
CermyaMalS:.. = see = os ep geet $3,719] 12.03 

2 |Grading, clearing and grubbing : 
3 |Protection work, riprap, re- 5 098] 16.50 

taining walls os soba» stsieys 
4)\Fammeds <3 4, 2. .nefT pep 5 122) 0,39 
5 ‘Cross ties and switch ties..... 1529] 4.95 
GOeBallast-vese. set eee ple 788) 2-55 
@4RMils 4. a9} 52. 2a... 2 3.773] 12.21 
8 |Track fastenings............. 617} 2.00 
9 \Switches, frogs, and railroad 

CE OSSD ows Ee rare 6 aay oheo1a 183) 0.34 188| 0.72 151} 0.48 
10 |Track laying and surfacing.... 703} 1.30 839| 3.21 447! 1.45 
11 |Bridges, trestles and culverts..| 2576} 4.75| 1027) 3.93) 2372] 7.67 
12 |Track and bridge tools....... 2TH 9B 105 | foi SPA octks At 19} 0.06 
13 |Fences, cattle guards and signs 354| 0.67 431] 1.66 277| 0.90 
14 |Stockyards and appurtenances Mat OO FAL | cere = |eatt or lows sister semen 
15 |Water stations.............. 211; 0.39 93} 0.36 161} 0.52 
IG..iiuel Statians, fds ope way -ebste 95) 0.18 39} 0.15 54} 0.17 
17 |Station buildings and fixtures. 771) 1.42 526] 2.01 476| 1.54 
18 |Miscellaneous buildings. ..... i A Noe Ue) 158) 0.60 353) 1.14 
19 |General repair shops......... 543) 1.00 
20 |Engine houses, turntables, cin- 276) 1.05 428] 1.38 

CESS. = SE ots ee etd os 373) 0.69 
21 |Shop machinery and tools.... 241] 0.44 142] 0.54 182} 0:59 
Zeon eack, scales 5. Absa diac leis 4 26 \o0..041 5, c'mon a) Ladle. des sips ee 
zs mort oa hare “pele BR a, de? LOT olde 260) 0.84 

‘Interlocking plants.......... 
25 |Signal apparatus............ 20} 0.40 \ 64) 0.25 92} 0.17 
26 |Telegraph lines and appurte- 

ees | eer ees cae 173} 0.32 
33) 0.13 19} 0.06 

FAUCOR ei dt ae Mae ae 9 12} 0.02 
28 |Grain elevators and warehouses|......-|.+-++> 204| 0.78 163} 0.52 
29 |Adaptation and solidification 

OF ROAGBEG. «dt cris Sate +s PSG es BO ees acre lvidb as acell evan wetter erates 
30 |Engineering, superintendence 

and legal sc i:dbe. wid Se slates 1598} 2.95 776) 2.97 940} 3.04 
3k j Locomotives. . . . .(.3%.dedejesio ss 2 249) 4.15 1155] 4.42)| 1342) 4,35 
32 |Passenger equipment......... 871} 1.61 408) 1.57 627| 2,03 
33 |Freight car equipment....... 6176| 11.40] 2527) 9.67| 3630] 11.75 
34 | Miscellaneous equipment..... 175} 0.32 89) 0.34 70| 0,22 
35 |Marine equipment........... 6} 0.01 220) 0.84 0} 0,00 
36 |Steam-, gas- and electric-power 

plants ast eee rerio 105} 0.19 13} 0.05 9| 0.03 
37 |Freight on track material..... MTSE OTB aeee kl alate. 193) 0.62 
38 |Organization expenses..... ON VASt ott HPL It 340} 1.30 275| 0.89 
39 |Contingencies............2.- 2353) 4.34 2360} 9.02 1512) 4.90 
40 |Stores and supplies.......... 686} 1.27 188} 0.72 427) 1538 
41 |Interest during construction... 4115] 7.59 677| 2.59 825| 2.67 

Total average cost per mile. | $54 184/100. 00} $26 138/100, 00| $30 910)100.00 

Item 30 assumed to be 4.5% of items 1—28, inclusive, for Michigan and Wisconsin 
and of items 1-29, inclusive, and also item 36 for Minnesota. Y . 

Item 38 assumed to be 1.5% for Michigan and 1% for Wisconsin of items 1-37, 
inclusive. 

Item 39 assumed to be 10% for Michigan, 5.5% for, Wisconsin and 5% for 
Minnesota of items 1-37, inclusive. Item 41 assumed to be 3% for Michigan and 
Wisconsin of items 1-37, inclusive. Basis for Minnesota estimate not stated, but 
corresponding figure would be 8.75%. 
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should average about half the time required to build the road. Financiers sometimes 
require interest on the full amount from the time of signing the contract, and this will 
more than double this item. 

Appraisal commissions appointed in Wisconsin, Michigan and Minnesota have ap- 
praised all of the railroads of each state, the appraisal value being made both from the 
standpoint of the cost of reproduction and also the present value as affected by depre- 
ciation. The systems of analyzing the cost are not identical, which makes comparison 
difficult and even slightly inaccurate as given on p. 2089, but the average prices are 
very instructive. The cost per mile of main line and branches and the percentage 
of the item to the total cost are given separately for each state. 

Miles of U. S. Railroads in Operation on Dec. 31 of Each Year 

Year Miles Year Miles Year Miles Year Miles 

1830 23 1855 18 374 1880 93 262 1905 217 341 
1831 9S 1856 22 016 1881 103 108 1906 222 766 
1832 229 1857 24 503 1882 114 677 1907 228 128 
1833 380 1858 26 968 1883 121 422 1908 232 046 
1834 623 1859 28 789 1884 125 345 1909 238 356 

1835 1 098 1860 30 626 1885 128 320 1910 242 107 
1836 1 273 1861 31 286 1886 136 338 1911* | 243 979 
1837 1 497 1862 32 120 1887 149 214 1912 246 777 
1838 1 913 1863 33 170 1888 156 114 1913 249.777 
1839 2 302 1864 33 908 1889 161 276 1914 252 105. 

1840 2 818 1865 35 085 1890 166 703 1915 253 789 
1841 3 535 1866 36 801 1891 170 729 1916 254 251 
1842 4 026 1867 39 050 1892 175 170 1916 254 037 
1843 4185 1868 42 226 1893 177 516 1917 253 626 
1844 4 377 1869 46 844 1894 179 415 1918 253 529 

1845 4 633 1870 52 922 1895 181 115 1919 253 152 
1846 4 930 1871 60 301 1896 182 769 1920 252 845 
1847 5 598 1872 66 171 1897 184 591 1921 251 176 
1848 5 996 1873 70 268 1898 186 810 1922 250 413 
1849 7 365 1874 72 385 1899 190 818 1923 250 222 

1850 9 021 1875 74 096 1900 194 262 1924 250 156 
1851 10 982 1876 76 808 190t 198 743 1925 249 398 
1852 12 908 1877 79 082 1902 202 938 1926 249 138 
1853 15 360 1878 81 747 | 1903 207 335 1927 249 131 
1854 16 720 1879 86 556 1904 212 394 

* 1911 and later years to 1916 are for June 30. 

30. Train Resistances 

Atmospheric Resistance depends on end area and length of train and is 
independent of tonnage. The end-area pressure is approximately one-half 
of the unit pressure times the area of the car end. According to elaborate 
experiments by Goss, the resistance of trains of locomotives and cars of ordi- 
nary dimensions may be expressed by the following equations, in which P = 
total atmospheric resistance in pounds, x = the number of cars, L = length 
of the whole train, / = combined length of the cars composing the train, and 
V = velocity in miles per hour. 
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Locomotive, tender, and freight cars........ P=(013 +0.01n)V? 
Locomotive, tender, and passenger cars..... P= (013. +0.02n)V? 
Freight cars following locomotive. .......... *P = (0.016 + 0.01”) V? 
Passenger cars following locomotive........ *P = (0.016 + 0.02) V? 

Locomotive and any kind of train. ......... P =0.0003(L + 347) V? 

Any train of cars (freight or passenger) follow- 
ing locomotives. ..............---.-.-. *P =0.0003@ + 53)¥? 

* Excludes atmospheric resistance of locomotive and tender. 
; ‘ 

Oscillation and Concussion. These resistances are usually considered to 

vary as the square of the velocity. Their determination, independent of 

other forms of resistance, is impracticable and even useless, since they vary 

with the particular condition of the track and roadbed at the time. 

Rolling Friction. The resistance to the wheel rolling on the rail, inde- 

pendent of other forms of resistance, has not yet been definitely determined. 

It evidently depends on the stiffness of the rail and on the rigidity of the sup- 

port given to the rail by the ties. 

Journal Friction per ton of load is (a) less for higher pressures or for heavy 

wheel loads; (b) greater for very low velocities; (c) a minimum for speed cor- 

responding to train velocity of about 10 miles per hour; (d) greater for higher 

velocities; (e) less for higher temperatures; and ({) very dependent on perfec- 

tion of lubrication. The use of roller or ball bearings very materially lowers 

this item but is rather limited as yet and probably will be for a long time as 

far as freight equipment is concerned. 

Total “Train Resistance.” The aggregate effect of the four kinds ot 

resistance given above is known as the Train Resistance. It is of course the 

total resistance only on straight, level track, as neither the resistance (or 

assistance) due to gradients nor the extra resistance on curves is taken into 

account. Even with these variable resistances eliminated, no one simple for- 

mula can be devised which is equally applicable to all conditions of weight 

and character of cars, condition of track, weight of rail, etc. Dennis’ tests, 

corroborated by those of Shurtleff, indicated a practically uniform resistance 

for freight trains at all velocities between 7 and 35 miles per hour. Later 

experiments by Professor Schmidt at the University of Illinois indicate some 

increase in resistance with increase in velocity for both freight and passenger 

equipment and the resistance of high-speed passenger trains unquestionably 

increases with the velocity, and some say, with the square of the velocity. 

Formulas based on tests made many years ago, when the rails were light, 

track conditions relatively poor, wheel loads light, and running gear not as 

perfect as present standards, are certainly not applicable to present standard 

conditions; and results obtained by tests of passenger trains are not applicable 

to freight trains, or vice versa. 

A very few of the multitudmous formulas which have been proposed are 

here quoted. 

Engineering News, 1892..... 0-00... 1s veews aren ereoesonscers R=2+4+1/4V 

Baldwin Locomotive Works, prior to 1892.....-++e+rerrereeeres R=3+4+1/6V 

Areavtlete 1906 <tesicier rats r era aiproreraie evacc aivvpehe ying eoapohenetehanedlaioien tie R =0.5 + (90/w) 

Manual of A.R.E.A., 1929 Ed, 

A Rating, temperature above 35° (Fahr.)..-.--++++rssrereeseres T =2.21+122n 

B Rating, temperature 20° to 35°..... sss serene nese erste setes tf = Ne it ee n 

ti demperature 0° 0.200% Foe ne et ee aeln sie cece e = 4: n 

ge fated T=S54t+1719 
D Rating, temperature below 0°....-.... ses sere cree er streee es 
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in which R = total resistance in pounds per short ton, V = velocity in miles 
per hour, J = the resistance in pounds per train, » = number of cars in 
train, ¢ = weight of train in short tons, w = average weight in short tons of 
cars in train. 

The first two are based mainly on tests with the passenger equipment of 1890-92 
and may be compared with the results obtained by Prof. Schmidt in 1916 as shown 
below. 

Speed~Miles-per Hour 

Fig. 46. Passenger Train Resistance 

& ° & 

ZERS aR S 

Average Weight per Car 
as 

Speed - Miles per Hour 

Fig. 47. Freight Train Resistance 
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The second two formulas are for heavy freight service and assume that the resistance 
per ton is constant at the ordinary freight speeds of 7 to 35 miles per hour, They may 
in turn be compared with the results obtained by Prof. Schmidt with freight equip- 
ment in 1908-09 given in Fig. 47. 

Effect of Temperature. Decrease of temperature increases journal friction, 

but on the other hand, a frozen roadbed if smooth decreases the oscillatory 
resistances. At very low temperatures the increase in journal friction (com- 
bined with decreased power of the locomotive) requires a material reduction 
in the permissible train loading. Some railroads have a percentage scale 
for the reduction of the rating of locomotives according to the temperature. 
The increased tractive resistance for winter traffic over summer traffic is about 

two pounds per ton, with two pounds per ton additional for temperatures 

below zeco. The American Railway Engineering Association formulas take 

the temperature into account by changing the constants as shown above. 

Extra Resistance of Starting. The resistance of journals and axles is very 

much greater at the instant of starting and until they have become warmed 

up. Cars which have been stationary overnight, especially in cold weather, 

will become “‘ frozen up” and will require a much greater force to start them, 

but the added resistance is only momentary and consumes but little energy, 

measured in foot-pounds. The frequent practice among locomotive engineers 

of backing the locomotive for a few feet and then immediately reversing and 

starting ahead has three effects, all of which help to start the train: (1) the 

journals are loosened from the somewhat rigid condition they will assume 

even during a short stop; (2) the springs in many of the couplers are more or 

less compressed during the backward movement, and their expansion mate- 

rially assists in starting the cars; (3) if the train is very long, the total slack in 

the couplers is very considerable, and the locomotive will have moved forward 

several feet and will have a considerable velocity before the last car starts; 

the cars are therefore started one by one. Since so much depends on the 

method of handling the locomotive, there is a corresponding variation in the 

results of tests which have been made to determine the value of this resist- 

ance. Thirty-five tests on the Rock Island system, with trains of 34 to 45 

cats, gave results varying from 10.6 to 18.2 Ib. per ton. The weighted mean 

of the values was 14.1]b. perton. The same tests quoted 30 lb. per ton when 

a train had stood overnight and was “‘ frozen up ”: also a resistance of only 

6 Ib. when the stop was merely instantaneous. Other tests have shown an 

average of 14 Ib. per ton. 

Due to the above practice in starting trains and to the increased tractive 

force at starting this extra resistance is of little importance, i.e., it practically 

never limits the weight of the train. 

Effect of Weight of Cars. The resistance per ton of horse cars, light trolley 

cars and contractors’ dump cars is as high as 20 Ib. per ton and even more 

when the rails are light or the track in poor condition. The heavier the wheel 

loads, the less the resistance per ton. The resistance of an empty standard 

gage cat, weighing say 17 tons, on good track, is about 8 Ib. per ton, and for a 

loaded car, weighing say 60 to 70 tons, about 4 Ib. per ton or even less on a 

good track. 
th 

The American Railway Engineering Association formulas allow for the 

weight of cars by using two constants, one depending on the weight of the 

train and the other depending on the number of cars in the train. ‘Schmidt 

gives curves for different weights of cars as shown in Figs. 46 and 47. 

Grade Resistance is 20 lb. per short ton (2000 1b.) for each per cent of 

grade. This rule is not mathematically precise but the error is less than 

eo 
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0,5% for a 10% grade, 0.08% for a 4% grade, and is inappreciable for ordi- 

nary railroad grades. The grade of repose is the grade on which the effect 

of gravity just equals the tractive resistance. If a wagon or car is started 

down such a grade, it would continue to move indefinitely at a low velocity 

as long as the conditions are constant. The total resistance up such a grade 

is precisely twice that on a level. 

Curve Resistance is considered the equivalent of a 0.04% grade per degree 

of curve, or 0.8 Ib. per short ton per degree of curve. See also p. 2097. 

Brake Resistance wastes the kinetic energy of the train by transforming it 

into heat and, unless such energy has been acquired by running down a grade, 

constitutes a source of double loss since the application of the brakes also 

requires power. For ordinary stops it may be considered as equivalent to a 

7.5% grade, or 150 lb. per short ton; whereas for emergency stops it may 

reach double that amount. The corresponding distances may be obtained 

from the table on page 2096. 

Rating of Locomotives. Since grade resistance varies with the total 

weight, while train resistance per ton depends on the weight of cars, the gross 

weight of cars which may be attached to a locomotive depends not only on the 

grade, but also on whether the cars are heavy or light. The greater the num- 

ber of cars for a given weight of train, the greater the necessary drawbar pull, 

and therefore, for a given drawbar pull, the gross weight of a trainload of emp- 

ties must be less than that of a train of loaded cars. For example, assume 

that an engine, weighing with the tender 336 500 Ib., has a tractive effort at 

the rim of the drivers of 32075 Ib. On the basis of the resistance formula 

for “ A” rating and constants given below the rating for a 0.6% grade is 

2091 tons, with an allowance or “adjustment ” of 8.6 tons for each car.* 

Then the permissible weight of the train which could be attached to that engine 

when the ruling grade is 0.6% may be expressed by the formula W = A — 

8.6 1, in which W = the weight of cars, A = therating, and = the number 

of cars. 

For 30 loaded carsis. ctucey:oscc.ye 2091 — 258 = 1833 tons; average 61 tons per car 
For 50 partly loaded cars.......... 2091 — 430 = 1661 tons; average 33 tons per car 
Mor OOVemipties: on nates wan sie t aha 2091 — 774 = 1317 tons; average 15 tons per car 

But a ruling grade of 0.6% is unusually low. As another example, with a 
ruling grade of 1.6%, the adjustment allowance is 3.6 tons per car, but the 
rating A is reduced to 770 tons. The possible train loads would be: 

Por tO0iloaded cars: t co? wai. hee ce aicisae 770 — 36 = 734 tons; average 73 tons per car 
For 25 partly loaded cars.........++- 770 — 90 = 680 tons; average 27 tons per car 
Por AOlMmpPtiests pene sts ve ante. 770 — 144 = 626 tons; average 16 tons per car 

On the 1.6% grade the weight of the train of empties is 85% that of the loaded 
train; on the 0.6% grade it is only 72%; which shows the relatively greater 
importance of heavy loads with low ruling grades. Formulas for tractive 
force of locomotives are given in Art. 20. 

The following derivation of the formula with a table for its use is condensed 
from a report of the Economics Committee to the American Railway En- 
gineering Association in 1910. Let » = “ pulling power of locomotive ” 
or the tractive force as measured at the rim of the drivers; e the weight of the 
engine and tender; w the weight of the train, exclusive of locomotive; r the 
rate of grade; & a constant, depending on the weight of the train (w); the 

* This assumes that the engine and tender form part of the train which is approxi- 
mately correct for A and B ratings on account of track and atmospheric resistances, 
not otherwise considered. 
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number of cars; ca constant, depending on the number of cars; and A = the 
“rating.” Then : 

bp=(e+w)r +k) + ne 
? c 

Transf. ing, —e=i : a ‘ansforming aoe e 1B irks. #5 pu but WbiM 5 E A 

Pp theref = bi erefore A a e 

“ The first formula for train resistance’ on a level given on p. —— is: T = 
2.2 ¢ + 122 n in which ¢ corresponds to (e + w). But since the formula ap- 
plies only to level track, r = 0. Therefore, the constant k, which depends on 
the weight of the train, = 2.2 Ib. per ton or .0011 Ib. per pound, and the con- 
stant c, which depends on the number (n) of cars, = 122 lb. The rating A 
for any grade is therefore some definite weight (depending on the grade), from 
which must be subtracted a constant for that grade times the number (n) 
of cars to obtain the actual weight (w) which may be hauled. The constant 
for each grade, c/(r +k), is readily computed. For example, for a 0.6% 
grade, it equals 122/(.006 + .0011) = 17 183 Ib. or 8.6 tons per car. There- 
fore on a 0.6% grade, A =w+8.6n, or w = A —8.6n, Similarly, the 
constant with which to multiply may be determined for any grade, and, as 
this is independent of the type of locomotive, it is given in the following 
table: 

Values of c/(r + k) for Various Grades 

The rating of some particular engine for any and all grades may be deter- 
mined by noting its hauling capacity on some one grade. For example, it 
hauls 50 cars, weighing 3033 tons, up a 0.3% grade at a constant speed. The 
adjustment for that grade (taken from the table) at the same speed is 15 tons 
per.car. Therefore the rating is 3033 + (15 X 50) = 3783 tons or 7 566 000 
lb. The engine weighs 336 500 lb. Then A + ¢ = 7 566 000 + 336 500 = 

7902 500 = p/(r7 +k). But ( +k) = .003 + .0011 = .0041. Therefore p 
= 32 400 lb., the pulling power of the locomotive. Then, knowing 9, the 
rating A for any grade may be determined by substituting in the formula 
various values forr. For example, the ruling grade of the road is 1.2%; it is 
desired to know the power of that locomotive on the ruling grade. 

A = pi(r + k) — e = 32 400/(.012 + .0011) — 336 500 = 2 473 000 

— 336 500 = 2 136 500 lb. = 1068 tons. 

The actual tonnage of cars which may be hauled is less than this, since on 
this grade 4.7 tons must be subtracted for each car of the train. If there are 
20 cars in the train, their aggregate weight must not exceed 1068 — (20 X 4.7) 

= 974 tons, or an average of 48.7 tons per car. 
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Using any one of the other formulas, or the curves of Professor Schmidt, 

the rating may be computed by finding the train load whose total resistance 

is slightly less than the tractive effort at the speed desired. Formerly this 

was the speed-of maximum tractive force, but now many roads are rating for 

higher speeds, or the economical speed as noted below. , 

Locomotives may also be rated by actual trial, in fact, operating results of 

the use of computed ratings should be constantly studied to insure the best 

Tesults. 

Economical Speed. When the velocity of trains is very low (say 5 miles 

per hour) the.coal burned per mile is greater and train wages are greater both 

on train under consideration and others due to greater interference with 

traffic, but any saving is small. For high velocities the cost per train mile is 

likewise comparatively high. The most economical speed is about 17 miles 

per hour for single track and nearly 20 miles per hour for double track accord- 

ing to results of computations by Isaacs and Adams, in Bul. 115 of the Amer. 

Rwy. Eng. and M. W. Assoc. These were, of course, based on certain 

assumptions but there is no doubt that it is often not most economical to haul 

maximum train loads or full “ ratings ’’ on account of low speeds. 

Accelerative (or Retarding) Force in Pounds per Short Ton. 

(Original) ‘ 

Velocity in miles per hour, V 

NA Aw wT OOH O DO 

Formula: P = 70.22 V2/s, in which P = force in pounds, s = distance in feet, 
V = velocity in miles per hour, 5% being allowed for rotative energy of wheels. 
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Distances, Speeds and Times. Let P represent the net force in pounds per 
short ton, s be the distance in feet between two points at which the train veloc- 
ities are V; and V2 respectively. Then P = 70.22(V2? — V12)/s, if Vy and 
V2 are in miles per hour. Vj, is the lower velocity; when the train is starting 
from rest, or coming to rest Vj is zero. 

The above table may be used to find the distance in which a train may be 
accelerated (or retarded) from any speed to any other, or to find the change 
in speed for a known distance. For instance, a train traveling 20 miles an 
hour enters a stretch of track 900 ft. leng on which the accelerative force is 
94 1b. per ton. The table shows that it takes 300 ft. to accelerate from 0 to 
20 miles per hour and that in 900 ft. more or a total of 1200 ft. the velocity 
will be 40 miles per hour. Knowing the distances and speeds, the times are 
easily computed, and the sum of the time intervals is the schedule time of the 
tun. Of course the net tractive force changes at each change of rate of grade 
and at each curve and it is faster to plot speed-time and distance-time curves 
if the motive power and load are known. 

31. Compensation for Curvature 

The Principle involved is that the grade should be reduced by such an 
amount that the saving in grade resistance will compensate for the additional 
resistance caused by the curvature. The proper rate of compensation evi- 
dently depends somewhat on the speed of the train; it also depends largely on 
the resistance to the rotation of the car trucks about their king-bolts, being 
very greatly reduced when ball bearings are used under the center and side 
plates; it is apparently far less per degree of curve on very sharp curvature 
than on easy curvature. The rate of compensation should be made greater 
on a curve occurring immediately above a stopping place for trains. Since the 
added resistance of curvature virtually increases the grade, it is unimportant 
whether there is any compensation on curves which are on minor grades, pro- 

_ vided the total resistance does not become greater than that of the ruling 
grade. The rules recommended by the American Railway Engineering As- 
sociation are as follows: (1) Compensate 0.03 ft. per degree when the length 

of curve is less than one-half the length of the longest train, when the curve 
occurs within the first 20 ft. of rise of a grade or when curvature is in no sense 
limiting. (2) Compensate 0.035 ft. per degree when the curve is between 
one-half and three-fourths as long as the longest train and when the curve 
occurs between 20 ft. and 40 ft. of rise from the bottom of the grade. 
(3) Compensate 0.04 ft. per degree when the curve is habitually operated at 
low speed, when the length of curve is more than three-fourths that of the 
longest train, when the elevation is excessive for freight trains or at all places 
where curvature is likely to be limiting. (4) Compensate 0.05 ft. per degree 

wherever the loss of elevation can be spared. 

32. Economics of Location 

Economic Location is the determination of the proper relation ‘between 

construction and operating expenses and the discovery, in any individual 

case, of that location which will afford the most economical combination of 

cost and operating expenses for the given or estimated traffic. The principles 

are practically applied by comparing proposed plans for new construction or 

by investigating changes in existing lines including abandonment of existing 

facilities. For new work the method must include for each proposed route 

thesefeatures: (1) the estimated cost of the line; (2) the annual interest charge 
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on capital at a rate which the circumstances of the project make proper; (3) the 

estimated annual traffic, not only the gross tonnage, but also the number of 

trains required to handle it; (4) the effect, if any, of change of location on the 

traffic obtainable; (5) the estimated annual cost of handling such traffic; 

(6) the effect, as far as it is possible or proper to predict it, of future changes 

in traffic or in operating conditions. Having determined the gross revenue, 

the interest on first cost and the operating expenses, the line giving the largest 

net revenue is evidently the most economical line. When revenue is not 

affected (generally true for small changes) the line having a minimum sum of 

operating expenses and interest on first cost is the most economical. When 

studying changes of an existing line, in addition to the features above men- 

tioned, the possible injury to existing facilities must be considered. The pro- 

posed plan should, in such a case, so increase the net income that the excess 

will at least pay a proper return on the entire cost of the change. 

The general method of analysis consists in separating the different items 

of cost of operation and determining the proportion of each item which is 

affected by each physical element in the proposed change of line. The 

physical elements are Distance, Curvature, Minor Grades and Ruling Grades. 

The table gives the aggregate results for each of the main groups of operating 

expenses and illustrates the method. Both the grouping and the percentages 

are now changed, see present groups operating expenses on p. 2080. 

The lack of agreement of these figures is partly due to some differences in 

the basis of computation, partly to the different times at which they were 

computed and partly to the fact that such figures can never be constant for 

all times and conditions, but must be modified to suit local conditions. — It is, 

however, remarkable that the mean values for the large and small changes 

give 38.1%, 41.4% and 38.5% respectively as the percentage of total operating 

expenses which are affected by changes of length of line. 

J. B. Berry’s estimate divides changes of distance into three classes: Class (A), dis- 
tance so short as not to affect wages of engine or train men, 32.10%; Class (B), distance 
affecting train wages but not requiring additional side tracks, 45.94%; Class (C), dis- 
tances so great as to require additional side tracks and stations, 59.5%. 

W. G. Raymond’s estimate is 35.3% +a flat amount of $350 per year per mile for 

expenses which are independent of the number of trains. This flat amount is a little 
less than $1 per day. With ten trains per day each way or twenty train-miles over 
each mile, it would add a little less than five cents and make the total approximately 
40%. ne 

Reduction of Distance may also reduce the receipts as well as operating 
expenses and thus reduce the advantage gained by shorter distance, provided 
the change of distance is so great that it is measured in miles. The effect 
on receipts is not computable except in the most approximate way; it depends 
on the following elements: (1) Since the cost of operating additional distance 
is approximately 40% of the average, whereas passenger receipts and some 
other kinds are based more or less strictly on actual mileage, there is a real 
advantage and profit in added distance for such kinds of traffic. (2) For 
competitive business, where receipts are absolutely independent of distance, 
any added distance is a pure loss, without any compensation. (3) For 
through business, where the division of receipts between roads is more or less 
strictly according to the relative mileage of hauls on the two or more roads 
there is profit or loss according to the percentage of length of haul on the home 

road to the total haul, the larger the percentage the larger the possible profit 
which also depends on whether the rate is competitive or nordeniapetitive® 
(4). Since a road always.has varying proportions of these several kinds of 
traffic, the net advantage or disadvantage depends on the combined effect. 
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Distance. Percentage of Operating Expenses Affected by Length of 
Line According to Three Estimates 

Wellington, Webb, Harriman Line,* 
1887 1906 1909 

Division of total 
cost of railroad | Total Per | Total Per | Total Per 

operation per- ody cent | per- | Am’tt | cent per- Tt cent 
cent- = to |cent- z to | cent- a te) 
age fected total | age fected total| age fected total 

Maintenance of §11.6 | 50.4 §15.7| 75.0 23, ; 
way. 238 { 19.0 | 82.7 248 { 19.0] 90.3 2h 0l) 23:45 193.8 

Maintenance of é { 5.7 | 36.6 { 6.7 | 37.2 
equipment. By? 8.2 | 52.6 ag 7.6 | 42 PO oee 93.0 e 

Conducting 7.5 | 23.9 8.9] 15.8 
transportation 455 { 24.2|77.1 a8 { 25.0] 44.0 praayye 22-02 1109 8 

General expenses 0 0 (0) 0 
30. a , | 0.0 { 0 0 4.3 0 0 4.28 0 0 

Rigelatieri, 2.7 t00.0]{ 24-8 |--+-- 100.0] { ris bebe 100.00] 38.47 |..... 

* Auditor’s estimate for one of the Harriman lines. 
{ Interpretation of first line of figures: the maintenance of way expenses are esti- 

mated at 23.0% of total cost of operation; 11.6% of the total are affected by changes of 
length of line; the 11.6% is 50.4% of 23.0%. Other groups interpreted similarly. 

t Including several sub-items really belonging under maintenance of way or trans- 
portation which should decrease materially the percentages for “ conducting trans- 
portation.” 

§ The upper figures show the percentage on the basis of changes so small that they 
are measured only in feet, which will not appreciably affect several items of expense; 
the lower figures are for changes measured in miles. The Harriman figures make no 
such distinction. 

As a final conclusion, there is always some addition to receipts to partially 
offset the added cost of operating added distance; for a road whose business 
is very largely non-competitive the increase in receipts due to added distance 
might be greater than the increase in operating expenses; for a road whose 
business is chiefly competitive the net loss will be great; in any case there is 
some reduction on the advantage computed above by decreasing the distance. 

Curvature. The basis of the analysis of cost is the determination, first, 
of the degree of curve on which the power requirements are precisely double 
the power used on a straight level track, and then the determination of the 
additional cost of the doubled resistance It is then assumed that train re- 
sistance and added cost of curvature are proportional to the number of degrees 
of central angle and independent of the radius of curvature. The degree of 
curve on which the resistance is precisely double that on:a level‘tangent has 
been variously estimated from 10° to 12° 30’. A mile of such continuous 
curvature will have from 528° to 660° of curvature. Doubling the power 
requirements on the engine will increase certain items of cost of a train-mile 
by a computable percentage of such cost. A continuous 10° (or 12° 30’) 
curve will increase items of maintenance of way and equipment by percentages 
which may be closely estimated. Many of the items of cost of a train-mile are 
unaffected. In this way the total increase in the cost of one mile of such 
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cutved track is computed. Dividing the total extra cost by the number of 
degrees (528 to 660) gives the value of 1°. The chief items affected by curva- 
ture are rails, of which the extra wear may be from 200 to 300%; repairs to 
locomotives, 100 to 200%, and repairs of cars which are increased from 50 to 
100%. Some other items of maintenance of way are increased 25 to 50%, 
while fuel and water would be increased about 50%. The extra cost per 
degree has been variously computed as fellows: 

Extra cost 
Author F Percentage | per degree 

per cent 

* Uncompensated curvature. + Compensated curvature. 

The percentage of extra cost per degree chosen should be multiplied by the 
estimated cost per train-mile and this value multiplied by the number of trains 
per year, which gives the yearly cost of one degree of curvature. Capitalizing 
this at the proper rate of interest gives the amount which may justifiably be 
spent to avoid one degree. For calculations of this kind, estimates must be 
made on the following items which will vary according to the local conditions: 
(1) the local cost per train-miles; (2) the percentage by which the various items 
of cost per train-mile are affected by curvature; (3) the number of trains which 
will use the tracks. For new construction even the last item is an uncertain 
quantity. 

Minor Grades. The basis of computing the cost is to determine, first, the 
rate of grade which will exactly double the resistance on a level tangent; sec- 
ond, to compute the effect on operating expenses of a mile of such a grade; 
and third, on the assumption that the cost of lifting a train through so many 
vertical feet is proportional to the height, the extra cost of.one foot of elevation. 
equals the added cost of operating a mile of such grade divided by the number 
of vertical feet in a mile of that grade: It is assumed that the grade which 
doubles tractive resistance on a level tangent does not limit the length or 
weight of trains it is designed to haul with one engine, or that any limiting 

effect is a separate matter, and that the only effect of the grade is to increase 
the operating expenses over those required for operation over a level track. 
Minor grades are necessarily divided into three classes on account of a dis- 

tinction in their effects on the operation of trains. Class A includes those 
grades which on account of the rate of grade or the length, do not require any 
change in the handling of the train, no brakes and no change in the throttle 
or cut-off. Class B includes those grades which are steep enough or long 
enough to require shutting off steam (but no brakes) in order to avoid objec- 
tionable velocity while descending and to require more steam or longer cut- 
off when ascending. Class C. includes the grades which require that steam 
shall be shut off.and brakes applied on down grades and full steam power used 
on the up grades. Since a fast8passenger train may safely attain very high 
speed in a sag and since the effect of a hump is a relatively small reduction of 
a previously high velocity, a grade which should properly be classified as an 
A grade for fast passenger trains should be classified as a B or even a C grade 
for slow freight trains.. The average tractive resistance of a train at ordinary 
velocity is about 10 lb. per short'ton. For slow freight trains the figure is too 
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high; for fast passenger trains it is toolow. Ten lbs. per ton is the equivalent 
of the grade resistance on a 0.5% grade which has a rise of 26.4 ft. per mile. 
Sags and humps: This section applies only to the possible elimination of 
sags and humps, since a long uniform grade connecting two predetermined 
points is practically unchangeable. The problem therefore becomes the de- 
termination of the value of removing a hump or filling a sag whose height is 
the vertical distance from the vertex of the sag or hump from the uniform 
grade by which it would be replaced. Value of 1 ft. or rise-and-fall: Class A 
grades have no effect on ‘the power fequired of the locomotive, and no effect 
on operation except a harmless temporary increase or decrease in velocity; 
they have also no appreciable effect on operating expenses and can therefore 
beignored. The effect of Class B and Class C grades has been variously com- 
puted as follows: 

Percentage affected Annual value * 

Author Class B, | Class C, | Class B, | Class C, 
per cent per cent per cent per cent 

276 
219 
197 

* Annual yalue in per cent of average cost per train-mile for each round trip daily 
train per foot of rise-and-fall. 

The above table is based on an average train resistance of 10 Ib. per ton 
whereas 6 to 7 lb. is more nearly correct for present rolling stock. 

Ruling Grades are those which limit the length or weight of the trains 
which may be handled by one locomotive. The classification does not include 
steep grades which will always be operated by two or more engines and are 
called pusher grades, nor does it include very short steep grades which may 
always be operated by momentum. The maximum train loads which may 
be hauled on a given ruling grade and on the proposed lighter grade by an 
engine of given weight, dimensions and boiler power, may be determined by 

dividing the tractive force by the total resistance per ton, both taken for the 
same speed. 

The cost per train-mile of each additional train for hauling the same ton- 
nage of cars up a somewhat steeper grade has been computed by Webb as 
about 53% of the average cost of a train-mile. J. B. Berry (Bul. 49, Am. Ry. 
Eng. & Main. Way Assoc.) computes the cost similarly as 43.29%. Isaacs 
and Adams (Bul. 112 of same association) computed that 30.64% of the total 
operating expenses are “‘ affected by locomotive mileage.” They use the fig- 
ure by multiplying the additional number of train-miles required by the higher 
grade by 30.6% of the average cost per train-mile and consider this as the ad- 
ditional cost of the higher grade. 

The number of daily trains required for each grade may be found by divid- 
ing the given, or estimated, total tonnage by the maximum net train load 
for each grade, the difference is then the number of daily trains saved. ° 

Pusher Grades. A road may be designed for pusher grades by deter- 
mining a pair of grades such that two engines of a certain type can haul up 

the steeper grade the same train that will just tax the capacity of one such 
engine on the lower grade. This pair of grades must be selected according to 
the character of the country and must be such that all the grades of the line 
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Per Cent of Trains Necessary to Handle a Given Traffic with Single 

Engine, if Gradients are Changed from Those in First Column 

to Any Other Given Gradient 

Proposed gradient, per cent, with per cent of trains to handle 

Gradient to be same traffic as on original gradient 

reduced, per 

rat 0.4| 0.5] 0.6] 0.7} 0.8] 0.9] 1.0) 1.1] 1.2] 1.3) 1.4 1.6| 1.7| 1.8) 1.9 

2.0 
119 
1.8 
pear 
1.6 
ts 
1.4 
1.3 
ae 
Ted 
1.0 
0.9 
0.8 
0.7 
0.6 
0.5 
0.4 

This table is taken from Bulletin 49 of Am. Ry. Eng. & M. W. Assoc., by J. B. Berry; 
calculated for engine and tender weighing 150.3 tons in working order, tractive ‘force 
35 268 lb., weight of caboose 17 tons, velocity and frictional resistance 6 lb. per ton. 
As percentages, the figures apply approximately to almost any freight engine. 

may be reduced, without unreasonable cost, to the limit of the grade for one 
engine,, except such grades as it is intended to operate with pusher engines. 
Little or nothing is saved by reducing these pusher grades below the limit 
computed for two engines. In exceptional cases a combination of three 
grades may be computed, of which the two lower grades are to be operated 
as above, and the highest grade is such that three engines are required to 
haul the same train over it. The following table is computed for one type of 
engine. The precise balance between any through grade and the correspond- 
ing grades for one and for two pushers depends on the type of engine, the avail- 
able ratio of adhesion and the tractive resistance; but it may be demonstrated 
that reasonable variations in the type of engine or tractive resistance will only 
alter the required grades by a few hundredths of one per cent. The corre- 
sponding pusher grades may therefore be accepted as approximately true for 
all cases. The accuracy of the table is theoretically impaired by the fact that 
the rating tonnage on the pusher-engine service is somewhat different from 
that on the through-engine service. The variation will depend on the ratio of 
rating-ton resistance to tare-ton resistance. As an illustration, a 1.9% one- 
pusher grade corresponds to a 0.92% through grade according to the table. 
Working out the corresponding grade, using the values proposed by Dennis 
of 2.6 lb. as the resistance of a rating ton and 9 Jb. as the resistance of a tare 
ton, the corresponding through grade is computed to be 0.99%. Some 
increase should be expected since the pusher locomotive has a higher resistance 
per ton than average train resistance. This shows that, although no table can 
be compiled which will suit all conditions, the differences will not probably 
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exceed a few hundredths of one per cent. The variations are of less impor- 
tance with the higher pusher grades. The cost of a pusher engine mile as a 
percentage of the average cost of a train-mile was estimated by Wellington 
(8187) as 38.3%; by Berry (1904) 34.4%; by Webb (1908) 38.8%. 

~ Balanced Grades for One, Two, and Three Engines 

Track resistance, 6 lb. Track resistance, 8 Ib. 

Corresponding Corresponding 
Through | Net load pusher grade for Net load pusher grade for 
grade, for one same net load, for one “same net load, 
per cent | engine in per cent engine in per cent 

tons , tons Sy IS eee 

(2000 Ib.) One Two (2000 lb.) One Two 

pushers pusher pushers 

2874 72 
2278 
1880 
1596 
1384 

1218 
1085 
977 
887 
810 

745 
688 
638 
594 
555 

521 
489 
461 
435 

3868 
2874 

tt o < & 

Aan PP PRP Rw WWWOWH NHNHNHNHHF FR OO BIR AWWW WHWNHNH HNNNNH BREE HOODOO CACO ROR RR ROW WBHwwn NHNNHHE HERE OO 

0. 
0. 
0. 
0. 

0. 
0. 
0. 
0. 
0. 

1. 
i 
1. 
iB 
1s 

1. 
i. 
L. 
1 
ey 

2s 
Ds 
2 
oe 
Ion 
Zs 

Basis: Through and pusher engines alike; consolidation type; total weight, 107 
tons; weight on drivers, 53 tons; adhesion, 9/40, giving a tractive force for each engine 
of 23 850 lb.; normal track resistance 6 (also 8) lb. per ton. It is assumed that the 
engine is so designed and that the velocity and steam pressure are such that the engine 
can always develop a tractive force of 23 850 lb. 

The mileage must be computed as twice the total distance between the 
sidings at top and bottom of the grade, this distance being always somewhat 
in excess (and sometimes very much so) of the length of the pusher grade on 
the profile. : 

Momentum Grades are grades which, although somewhat steeper than the 
ruling grade, can invariably be approached at such a velocity that the kinetic 
energy of the train will assist the engine sufficiently to carry the train past the 
summit with a minimum velocity of say 10 miles per hour. If the resistance 
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Velocity Head of Trains Moving at Various Velocities 
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of trains were independent of velocity, the mechanics of the problem would be much simplified, but the extensive dynamometer tests of Dennis, confirmed by those of Shurtleff, have shown that the resistance per ton of freight trains at velocities between 10 and 35 miles per hour is so nearly uniform that the following method gives a close approximation to accuracy. It is also for- tunately true that a very considerable error in velocity height at high velocities is comparatively unimportant. Assuming that a train could’ run without 
track resistance, its kinetic energy at A Velocity v in feet per second would lift it up a grade to a total vertical height 4 = v?/2 g, in which g is the acceleration of gravity. If V = velocity in miles per hour, k = 0.03344 V?; adding 5% 
for the rotative kinetic energy of the wheels, we have h = 0.0351 V2, The 
values of h (or “ velocity heights ”’) are given in the table. 

An engine properly loaded will haul its train up the ruling grade and the 
test of the momentum grade or hump is the possibility of hauling the train up 
the excess grade with the help of momentum. For example, a train, with the 
engine loaded for a 0.7% grade, approaches a 1.2% grade 7850 ft. long with a 
velocity of 35 miles per hour. The excess grade is 0.5%, and in a distance of 
7850 ft., the excess rise is 39.25 ft. The velocity head corresponding to 35 
miles per hour is 43.01 ft.; subtracting 39.25, we have left a velocity head of 
3.76, which corresponds to a velocity of 10.3 miles per hour, which is a safe 
speed for going over the summit. The secondary question, whether it is safe 
to assume that no fully loaded freight train will ever need to stop, or even 
slacken speed, along this grade of 7850 ft., is a matter of practical operation 
rather than of engineering. 

The accuracy of this method depends on the assumptions that the resistance 
is uniform within the range of the velocities, and also that the work done by 
the engine is uniform. Although the resistance may be considered substan- 
tially uniform, the tractive force of the engine decreases as the velocity in- 
creases. When, as in the above illustration, the train approaches the grade at 
a velocity of 35 miles per hour, the engine is not producing as much tractive 
force as it can produce at a lower velocity. But if the rating of the engine 
(see p. 2094) is based on a fairly high velocity on the ruling grade, the excess 
tractive force at lower velocities may so balance the deficiency at the higher 
velocities that the method is applicable without material error. Experience 
has shown this to be true. 

Sags in Grade Line. Economies are often possible where sags having 
gtades exceeding the ruling grade on one or both sides may be harmlessly 
introduced. Their harmlessness may be tested by the velocity-head table. 
Tt is of course assumed that running through the sag without a stop may be 
depended on. Deciding first the maximum-permissible speed for freight 
trains in the bottom of the sag, the ability of the train to mount the grade in 
either direction and have sufficient speed at the top of the grade may be tested. 
It must also be determined what speed of approach is necessary at the other 
end of the sag in order to attain that maximum speed at the bottom, and 
whether it is practicable to approach the sag at that speed. 

As an illustration: the ruling grade is 1.2%; economical construction sug- 
gests a down grade of 2.0% for a distance of 4500 ft., followed by an up grade 
of 2.0% for 7000 ft. Assume a maximum-permissible freight-train velocity 

of 45 miles per hour, the velocity head being 71.10 ft. The excess grade is 
0.8%, which in 7000 ft. has a rise of 56 ft. At the top of the grade the re- 
maining velocity head is 15.10 ft., which corresponds to 20.7 miles per hour, 
which shows that a speed of 45 miles per hour through the sag would be un- 
necessary. The drop on the other slope of the sag is 90 ft., which would give 

~ 

- 
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to the train a velocity of over 50 miles per hour, even without using steam. 

There is therefore no question in this case of the ability of the train to acquire 

that speed at the bottom of the sag. It will also be still easier to run the train 

through the sag in the opposite direction. 

Classification of Grades. The velocity-head table may be utilized to pre- 

dict the behavior of trains, and therefore to classify the grades into the A, B, 

and C classes discussed under Minor Grades. The above case should be classi- 

fied as C grade, since steam must be shut off and brakes used to prevent objec- 

tionably high speed in the sag, for either direction of movement. 
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GENERAL 

14. Classes of Traffic Suitable for Electric Traction 

General. The essential characteristic of electric traction which distin- 

guishes it from other forms, is the separation of the source of motive power 

from the rolling stock. This gives it a virtual monopoly for street and inter- 

urban systems because it permits the generation of motive power to be con- 

centrated in a single economical plant instead of being distributed over a 

number of comparatively uneconomical ones, as in the case of steam traction. 

Conditions for Electric Traction on Railroads. On electrified railroad 

trunk lines the generating and distributing systems must have large capacity 

in order to handle the heavy trams, but are not kept fully employed due to 

the comparative infrequency of traffic. This results in the investment of 

a great deal of capital which becomes idle, the fixed charges on which generally 

exceed the operating economies. Exceptions to this generalization occur 

under the following conditions: 

(a) When the cost of coal is very high, the operating economies may be sufficient to 

counterbalance the fixed charges, as electric traction requires only half the amount of 

coal needed with steam traction. 

(b) When cheap water power is available, a similar condition may occur. 

(c) When it is desired to increase the weight of trains to be hauled on steep grades, 

the elimination of the power generating system from the locomotive, in electric trac- 

tion, permits an increased concentration of motors on the locomotive, thereby obtain- 

ing the desired increase of hauling power, at a lower cost than by the elimination of 

grades. 
(d) When it is desired to increase the capacity of a mountain division and this can 

be accomplished by increasing the weight of trains as described above, rather than by 

increasing the number of tracks so as to permit more trains to be hauled. 
(e) When it is necessary to eliminate smoke and gases in tunnels or city streets, the 

element of economy being necessarily subordinated to safety or convenience. 
(f) When the traffic density is unusually great, as in certain suburban zones. 
(g) When by the elimination of smoke and gases, trains through cities can be run 

underground and the ground surface utilized for lucrative building purposes. 

2. Systems of Electric Traction 

Economic Differences between Systems. The stationary equipment of 
an electric traction system consists of three parts — the generating, transmis- 
sion. and distribution systems. These must have sufficient capacity to carry 

the peak loads and are therefore likely to be comparatively idle during a large 
part of the time. The activity of these parts depends upon the number of 

cars in operation. 
The moving equipment of an electric railway system consists of the motors, 

controllers and other parts of the rolling stock necessary for electric oper- 
ation. The activity of these parts does not depend upon the number of cars 
in operation, but only upon the activity of each car. 

There are several systems of electric traction which differ in the distribution 

of the investment between stationary and moving equipment. Stationary 

equipment costs less than moving equipment of the same capacity, because 
it is concentrated in larger units and its design is not restricted by the limi- 
tations of car construction. It is, therefore, obvious that for railways oper- 
ating a large number of cars, it pays to have a comparatively large investment 
in stationary equipment: whereas, railways with few cars must economize in 

stationary equipment and concentrate their investment as far as practicable 

on their limited rolling stock. 



» 

ATES Costs and Economics 2109 

Technological Differences between Systems. The various systems of 
electric traction now in use may be classified as follows according to the above 

principle: 
Low-voltage, direct current 
High-voltage, direct current 
Three-phase 
Single-phase. 

In every practical electric railway system current is generated for trans- 
mission at a high voltage and utilized in the motors at low voltage. In the 
direct-current systems, the transformation from high to low voltage is accom- 

- plished at stationary substations, which also change the alternating current 
from the transmission lines, into direct current, which is fed to the trolley 

or third rail, and thence to the motors. In the alternating-current systems, 

the high-voltage current is delivered to the trolley lines and transformed down 

to a voltage suitable for the motors by means of transformers on the cars or 

locomotives. Locomotives used with high voltage alternating-current trans- 

mission may have direct-motors, which are supplied with direct current from 

a motor generator set in the locomotive. As the direct-current systems carry 

a greater proportion of investment in their stationary equipment, they are 

especially adapted to urban and important interurban lines. The alternating- 

current systems, which carry a proportionately greater investment in moving 

equipment, are especially suitable for trunk lines having infrequent service. 

The high-voltage, direct-current system is intermediate, in the above re- 

spect, between the low-voltage, direct-current and the alternating-current 

systems. 

The choice of systems does not depend merely upon the investment, but also 

upon the operating costs. It has been found, however, that, with the present 

high rate of interest, these are seldom the governing factor. 

3. Costs and Economics 

General. Even more than in the case of steam railroads, electric urban 

and interurban railways labor under the difficulty that their rates are fixed 

by law, whereas their operating costs are constantly rising. This, added to the 

uncertainties of limited franchises and hostile regulation, makes it difficult 

to obtain capital for electric railways except at excessive rates of interest. 

The consequence is that the utmost economy must be exercised in con- 

struction and operation. » 

Revenues and Expenses of Street and Interurban Railways. The tables 

on page 2110 show the average annual revenues and expenses of 231 street and 

interurban railways for the year 1926. 

Cost per Mile for Street and Interurban Railways. Later in this article 

is given the prescribed classification of capital charges used by the New York 

State Public Service Commission (2d District). It is useful in preparing 

estimates. An average total capital cost, including all items shown in the 

following classification, is $72 000 per mile of road. This figure covers all 

electric railways in New York State except those in the city of New York, and 

two lines of a very special character, namely, the New York, Westchester and 

Boston R.R. and the Niagara R.R. The former cost $1 269 219 and the 

latter $308 602 per mile of road owned. 

Cost of Steam Railroad Electrification. The total cost of steam railroad 

electrification depends so much upon the amount of traffic and the character 

of the line that no general average figures are of use. The distribution of those 
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features of annual expense which are purely electrical is shown for a typical 
electrified steam railroad, in a table near the end of this Article. Valuable 
data on this subject were published by J. B. Cox for the Butte, Anaconda & 
Pacific Railway, Trans., A-I.E.E., 1914, Vol. 33, p. 1369, and by W. S. Murray 
for the New York, New Haven & Hartford R.R., Trans. A.I.E.E., 1915, Vol. 

34, p. 85, the data in both cases being too voluminous to abstract. 

Annual Revenues and Expenses of Electric Railways 
(Street and Interurban) 

(From Reports to the American Electric Railway Association 1926) 

Car Mile Basis 
Cents per 

Income car muile 

Ranlway- operating revenue a ceeea cemees. ct ee eee 44.83 
Railway operating expense) 979 EE Pgh Sad ton eimai 33.77 

NetJopérating revenues !c7ti2 24, Goidz oe jojunt eet beerne 11.06 
Net:revenue— auxiliary operation. ...0)..scc..-ceeeceecccece 0.22 

PamesSadtiag- rdasregetac meant sete cies ivis civ des lenkoams 2.80 

Operatinenncomerss 6 PaMeee ses ne ea ee 8.48 
Wop-operating mcome: cs. ee tee ce fe 0.84 

Gross iicomel MUP TAIL, 8 SA SOT TT, eis 9.32 
Deductions from gross:incomet!.... 002). 665s lai ceed. oul. 7.50 

Net income........ dy Ol etnies Pevreratys ts. sends oe oul diek ta 1.82 

Cents per 
Operating expense car mile 
Way andstructures. Pues Rs REE ESE. oe RE 4.86 
Equipment. .......... Vere et: Sever. oes d. oe. ee 4.45 
POW CES Sewhi Wass is A, HESS MOREE STE She ee ee 4.57 
Corduétingstransportationdy. 29. Sis. 30d 2S Ts ae 14.74 
Grete ateviarte ved s eth iae eAt aotuss baad elas 6c 0.18 
Genhrol aydtniscellapsouses: nas nna Renassn <oleviotcinecscc Ltn, 4.87 
Transportation for investment (Cr.).......eeeecececececceeee 0.04 

Lotal operating expenséred deren oe Og ae Lei 33.07 

Note. The above figures are averaged from reports of 98 companies operating city 
lines exclusively; 50 operating interurban lines exclusively and 83 operating combined 
city and interurban lines. (From A.E.R.A., May, 1927.) 

Unit Costs of Electrical Construction. Due to rapid engineering and eco- 
nomic changes in the electrical industry, a list of unit costs can never be relied 
upon. The following are typical average costs in 1927. 

Third rails cost from $5000 to $8000’ per mile, depending largely upon 
whether the railroad is operating during construction, 

Ordinary trolley construction costs from $1500 to $2500 per mile of single- 
track road or from $3500 to $5000 per mile of double track. The cost of 
catenary construction is between $10 000 and $15 000 per track-mile. 

Substations cost from $40 to $60 per kilowatt capacity, the former figure. 
being for large substations, cost of real estate and building being omitted in 
each case. 

Power stations cost from $100 to $125 per kilowatt capacity. ‘ 
Underground conduits for railways cost from 75 cents to $1.25 per duct- foot, the latter figure being appropriate where the conduit lines are built 
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along the narrow right-of-way of an operating railroad, or where paving must 

be replaced. 
Transmission pole lines cost from $2000 per mile for wooden poles, to $4000 

per mile for light steel poles. 

Classification of Capital Expenditures 
(New York State Public Service Commission, Second District) 

Intangible Street Railway Capital 
1. Organization. 
2. Franchises. 
3. Patent rights. 
4. Other intangible street railway capital. 

- 

Direct Expenditures for Tangible Street Railway Capital 
5. Right-of-way. 
6. Other street railway land. 
7. Grading. 
8. Ballast. 
9. Ties. 

10. Rails, rail fastenings and joints. 
11. Special work. 
12. Underground construction. 
13. Track laying and surfacing. 
14. Paving. 
15. Roadway tools. 
16. Tynnels. 
17. Elevated structures and foundations. 
18. Bridges, trestles and culverts. 
19. Crossings, fences and signs. 
20. Intérlocking and other signa] apparatus. 
21. Telephone and telegraph lines. 

22. Poles and fixtures. 
23. Underground conduits. 
24. Transmission system. 
25. Distribution system. 
26. Dams, canals and pipe lines. 
27. Power plant buildings. 
28. Substation buildings. 
29. General office buildings and equipment. 
30. Shops and car houses. 
31. Stations, waiting rooms and miscellaneous buildings. 

32. Docks and wharves. 
33. Park and resort properties. 
34. Furnaces, boilers and accessories. 

35. Steam engines. 
36e Turbines and water wheels. 
37. Gas power equipment. 
38. Power plant electric equipment. 
39. Miscellaneous power plant equipment. 
40. Substation equipment. 
41. Cable power equipment. 
42. Shop equipment. 
43. Locomotives. 
44, Revenue cars. 
45. Electric equipment of cars. 
46. Other rail equipment. 
47, Miscellaneous equipment. 

General Expenditures for Street Railway Fixed Capital 

48. Engineering and superintendence. , 

49. Law expenditures during construction. 
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50. Injuries during construction. 
~ $1, Taxes during construction. 

52. Miscellaneous construction expenditures. 
53. Interest during construction. 
54. Total classified by prescribed accounts. 
57. Total not classified by preseribed accounts. 
58. Total fixed capital. ; 

Distribution of Annual Expenses for Typical Electrified Eailroad 

Per cent 

Fixed! GHATRES. - c.4)s 3 3. gibson  ee mse ee eee 59 
Operating charges: 

Powerstafion.- 22 /0.0.5 SOUS, Ae RY at Sots oe 12 
| Transmissiowsand dictmDution ios. tee Se eee 5 
| SUDStAUOUS so er oe cates sare | CREME ece a. oni tse ere ene eee 3 

Signals and ‘communications. .. .< ¢.j60cc000<-++0+ceenen on ere 5 
| MECAROS 5, ss, </gus sss Frecesayic dw cieees Ae ene oc ee nae 16 

| 100 

Notes. The above table excludes all items not peculiar to electric operation. It 
includes multiple-unit cars but not standard cars drawn by electric locomotives... The 
cost of train crews, except for electric locomotives, is omitted. Taxes on real estate 
are also omitted. 

Life Expectancy Table of Electrical Equipment 
(W. S. Gorsuch) 

Equipment Total life 
Steam power plants: in years 

Buildings 2202 ore. se sia oe Oe ee es Pee 75 
Boilers Foes: F.SO BUee Sei eee ee ST eee 30 
Stokers:and grates... 006.60. sqc de ead es Oe a een 20 
Conveyors,selevators:and hoists®eseeet te eek eee ee 20 
Turbines, complete........0cacssocesmete ee, CBR SHO REas: 15 
Engines-and condensers ~...\... <igcice side so o.+ oe-<'sige ee en oe 15 
BBIDIOE aes <0 iso's. Shane's Sole Ome Mee oe tis! ois yc eee ee 15 
Heaters re ie: ska shies Seam ea enero ss 5 ee BOERS 15 
IBUMpSs sy 25.4 6 ee hea a ek Sa Coto mat aan eee ee 15 
Alternators: 9c. oso nee cho S Sea T PAE ee ee ee 15 
Switchboard apparatus and instruments........:.................. 15 
Synchronous converters... . << cue ee Gece coe ee Ee onl aed 30 
‘Transformers Soe s10ae Soon cs hae ee ee es ane Laima 20 
Bxciters 0% 0, eed ee.) aeeOG, TRI Ne Ae 25 
MOLOES. 0 ors Nasa etre cist ne oR ee ee eee As} 
Stordge batteries 2000... come beta es voce a ee ee Be eae 10 
Tools and sundries. ...c.i opel els apace t ete ee Oe aS AB 15 

Substations: 
Synchronous converters... sj. cis asides sidiew ss os.sie aisle a « ge Se 30 
Transformers. «aio svi sis ace asi: s/eyamernererreteiags » og NE ROC 20 
Motor generator sets. o.oo ethan cate co. 5s Oro. 6a 25 
Switchboard apparatus and instruments........................... 20 
Storage si. 16 Soe ERG oe SER ee IHG 2U0S SSE 10 
Pools.and sundries. 55:20). sfas secure oceese sss 42 UN, Mem esas 1S 

Condit (vitrified clay)... aise. emetictetiis 0 oerecu.co eee FREES 50 
Feeders ((direct-current) o 0.0002 ves cn econ cee sc cence ee IONE 20 
Feeders’ (alternating-current)\. ate nieces soc Seeunen Rechcin ricReeRsicis sites 25 

Note. In estimating the time in years during which equipment of a generating 
station may be reasonably expected to perform its functions, three elements must be clearly kept in mind; namely, obsolescence, inadequacy and inefficiency. How long 
apparatus or equipment will remain in’service before it becomes obsolete, inadequate 
or ineffective, is purely a speculative matter, and can only be predicted in advance by past experience and a knowledge of the art, and with careful judgment. 
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4. Power Consumption in Relation to Schedule 

Forces Acting on a Train. The forces tending to accelerate a train are the 

tractive effort developed by the motors and the component of the weight 

along the track on down-grades. The forces which retard the motion of the 

train are the various frictional forces and the component of the weight along 

the track on up-grades; also in braking, the frictional force due to the brakes. 

All the various frictional forces, except the braking resistance, such as track 

friction, journal friction, air friction, etc., which oppose the motion of a ‘train, 

on astraight track, are usually considered together and are referred to as 

the “train resistance.” The extra friction due to track curvature is usually 

considered as an equivalent up-grade. 

Train Resistance for Electric Train. Let 

N = number of cars (including electric locomotiye, if any); 

average weight of car loaded, in tons (= total. weight of train 
v= 

divided by N); 

y = train resistance in pounds per ton; 

v = speed in miles per hour; 

a = cross-section of car in square feet; \ 

A and B are constants in the formula; K taken as 0.0030 throughout. 
» aye 

ae os Ka(0.9 + 0.1 N)v (1) 

Nw 

The constant.A depends chiefly upon the average total weight of car and load. 

Thus 
forw = 15 20. 25-30 35 40-45 50 70 

eS NS SO ele Oe eons 

The constant B depends primarily upon the nature of the track and roadbed 

and also to some extent upon the weight and type of the car. Burch gives 

the following values: 

Passenger cars on excellent track ...++++eeeeeees 0.06-0.11 

Passenger cars on ordinary track .....3.. do neiihed710-0.15 

Freight cars on ordinary track ......---++e+ees- 0.05-0.06 

The heavier the car the higher the value of this coefficient. 

Grades and Curvatures. An actual up-grade of G% produces a retarding 

force of 20G lb. per ton and a down-grade of G% produces an accelerating 

force of 20Gb. per ton. A curve always gives rise to a retarding force, which 

ranges from 0.5 to 1 Ib. per ton per degree of curvature. Using the higher 

figure, each degree of curvature may be taken equivalent to an up-grade of 

0.05%. Note that for angles of curvature up to 12 deg. the angle in degrees 

may be taken equal to 5730 + R, where R is the radius of curvature in feet. 

Average Acceleration Rates 

: Miles per hour 

Service per second 

Steam locomotive, freight service....-.--++++sserrrrtr
eer tts O.1t03022 

Steam locomotive, passenger Services Bh avs vassidvels le). bijaleren 0.2 to. 0.5 

Electric locomotive, passenger Servace le s.q Laas. wee Tae! es 0.3 to 0.6 

Electric motor cars, interurban SOLVIGE), Wie cadens te oulal. ban YS 0.8 to 1.3 

Electric motor cars, city service.......++see+ screens iuere ter? 1.5 to 2.0 

Electric motor cars, rapi. transit SCTHHCE oc. Gioe wt oe FEE AY ewes 175) to 20 
DsOito 2.5 

Highest practical rate.......-+.++- ee
 A oe od 
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Acceleration Constant. The tractive effort required to give to 1 ton (2000 
lb.) a linear acceleration of 1 mphps is 91.2 lb. To accelerate a train of. W 
tons requires a tractive effort of 91.2 aW lb. to produce a linear acceleration 

of a mphps; but on account of the accompanying angular acceleration of the 
rotating parts, an additional force is required. 

The acceleration constant is raised by the flywheel effect by about 5% 
(i.e., Wr/W = 0.05) for heavy cars and locomotives, and between 5% and 
10% for light, low-speed cars, 8% being an average figure. However, C is 
usually taken as 100, corresponding to an increase in effective weight of about 
10%. A given linear acceleration of a mphps then requires an accelerating 
force of 100 a@ lb. per ton. 

Tractive Effort and Adhesion Coefficient. Let 

F = tractive effort, in pounds per ton, exerted by motors; 
G = per cent actual grade (+ for up-grade); 
g = degrees of curvature; 

y = train resistance, in pounds per ton; 

@ = acceleration in mphps (— for retardation). 

Then the tractive effort required per ton of total train weight is 

F=1000a+7r+20G+¢ (2) 

The adhesion or “ tractive”’ coefficient is the quotient (expressed usually as 
per cent) of the tractive effort in pounds which will slip the drivers, divided 
by the weight in pounds on the drivers. Burch gives the values.in the accom- 
panying table. The maximum possible tractive effort is the product of the 
adhesion coefficient (as a decimal fraction) by the weight (in pounds) on the 
drivers. 

Adhesion Coefficients 

Condition of track 

Most favorable condition 
Gleanj.dry ‘tally. wc ce toe eee 
Thoroughly: wetwrail: 5.32 Je. ohesies cee daneetee < 
Greasy moist rails incites 3s be eels ose opesh - 
Sleet-covered rail 

The Weight of Locomotive required to accelerate a train weighing W tons 
at the rate of a miles per hour per second up a grade of G% on a g degree curve 

against a frictional resistance of 7 lb. per ton, when g% of the weight is on 
the drivers and the coefficient of adhesion, is %, is given by the following 
ormula: ; ; 

Weight of locomotive = = (100@+r-+20G+4+4). 

Example. What weight of locomotive is required to accelerate a 400-ton train at 
the rate of 0.5 mile per hour per second up a 0.1% grade against a frictional resistance 
of 8 lb. per ton, when 80% of the weight is on the drivers and the coefficient of adhesion 
is 20%? 

5X. 400 
-20_X_80 

Weight of locomotive = (S50 + 8+ 2) = 75 tons. 4 
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Maximum Over-all Efficiency of Motors and Gears at Rated Voltage 

Horsepower, a4. pene ee Satinerctatinks Kind of motor pee 

30-100 BS ORS SC eS SHURE eS cos CooCe 83-88 
100-250 Dees oS eS 5 Peer Sesaaoceases 88-89 
250-500 m)-Cegeariess: . 0. S225 S51. Seas aweeenie 91-83 
50-200 A Gseraes CATER Le se os cS TRNERe ae ae 70-80 * 

200-500 3-phase induction geared.................. 85-89 

* Including step-down transformers. 

Power Required at Given Speed. Let 
r = train resistance in pounds per ton of total weight of train; 

G = per cent grade; 
g = degree of curvature; 
a = degree of acceleration in mphps; 

v 
W 

ll 

= speed in mph; 
total weight of train in tons. 

Then the power required af the rims of the drivers is 1.99v(¢7 +20Gt+ge+ 

100 a) watts per ton, or 2.67 X 107*oW (r +20G +g +100 a) horsepower, total. 

The power input, ;, to the car or locomotive is equal to the power at the 

rims of the drivers divided by the over-all efficiency ¢ of the controller, motors 

and gears, that is, \ 

771.99 Wor +20G + ¢ + 100 a) 

< 1000 € 

Approximate Method of Calculating Energy Consumption. The following 

method is based upon simple kinetic principles, and, if certain characteristics 

of the run are known, gives the actual energy output at the wheel rims. This 

fact makes the method useful, not only for rough calculations, but also to 

check calculations made by the more accurate step-by-step method. 

When the method is applied to checking purposes, the column of the table 

below headed “ Actual energy output ” should be used and the input calcu- 

lated from the known efficiencies. When applied to rough calculations, the 

column headed “ Approximate electrical energy input ” should be used. In 

the latter case the maximum speed and length of run with power on are not 

known, but it is possible to assume certain values, based upon experience, 

which will give a rough approximation to the energy required. The total 

energy in watt-hours per ton-mile will be the sum of the amounts required for 

acceleration and overcoming frictional train resistance grades and curves. 

Let V = average running speed in miles per hour; 

Vm = maximum speed in miles per hour; 

L = length of run in miles; 

Ly = distance traveled, with power on, in miles; 

n =1/L = number of stops per mile including one terminus; 

r = average train resistance, in pounds per ton (say that corresponding 

to a speed from 10 to 20% greater than the average speed); 

G = average equivalent grade, in per cent; 

g = average curvature in degrees; 

K 

kilowatts (5) 

V . 
= —™ = ratio of maximum to average speed; see accompanying table 

of values of K; 

L 7 
Q= Tati ratio of length of run to distance traveled with power on. 

See table of values of K and Q on next page. 
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Output at Wheel Rim and Input to Cars in Watt-hours per Ton-mile 

Actual energy Approximate 

Energy for output at wheel | electric energy 
Tims of cars input to cars 

V2m K2n V 2 
D Pa Ew Bw See Bek ven CE aEte a we oe 

1.99 r L, 2.9¥ 
ee ee ee a ee oogar® kOF 

39.8 GL, 57G 
Ce Cn ae Oe ey ee Cre =O 

1.99 gL, 2.9'¢ 
a St TS a a ce eee L =or 

Pee a ee rs en ee Sum Sum 

Note. 25 = 36.2 €, 57.8 = 39.8 + €, and 2.9 = 1.99 + e, where cis the efficiency, 
taken as 0.7.. The formula for energy due to curves assumes each degree of curvature 
to be equivalent to a train resistance of 1 lb. per ton, which is probably high. 

Values of K and Q 

Stops per mile, Single cars multiple 
n unit trains and All trains 

freight trains 

SININUWWh Oo 

an 

on 

mn 

an Cn Fur 

n nn 

0 
0. 
0. 
0. 
0. 
0. 
0. 
0. 
0. 
0. 
ab: 
in 
Us 
i 
a 
OB 
25 
3. 
3. 
4. 
4. 
S. 

1 
2 
3 
4 
5 
6 
7 
8 
9 
0 
2 
4 
6 
8 
0 
5 
0 
5 
0 
5 
0 DON ND BD NF FO OO Oo RO ee DDO WWTAINANADAUNUYN WNHNHP NN NNN DN NN NN RHR RR eR DOO OSCMAAMNP WHR KEP OOCANOEHNH OS ocooooowenononoooo0 0M MH 

AAannan un nn 

More exact methods involve a knowledge of the motor characteristics, 
gears, brakes, and control. 

Power Required for Car Heating and Lighting. In addition to the energy 
required for propelling the cars, a very appreciable amount is also required 

in the winter, for heating them, and a small amount at night for lighting. See 
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table below. In making up a load diagram this energy should bd included. 

See Art. 17 for power required for heating. 

Lighting of Cars 

Length of car, feet Average * Kw for lighting 

14-20 ° 
20-28 
28-34 
34-40 

* During the hours lights are on, using tungsten lamps. 

POWER STATIONS AND SUBSTATIONS 

5. Power Stations 

General. The power plant of an electric railroad should be located with 

reference to the load center, the water and coal supply, and the cost of real 

estate. The load center is usually the least important consideration as the 

cost of transmission lines and the losses therein do not rank in importance with 

considerations of plant economy. 

Water is required for boilers and condensers. The coal supply should be 

brought by water where practicable, with auxiliary rail connection. 

Buildings. Buildings are usually of brick with steel frames and concrete 

floors. Floors are of concrete with cement or tile finish for engine rooms and 

concrete with cement finish or bricks laid on edge in cement mortar for boiler 

rooms. Foundations for machinery are usually made of concrete and sep- 

arate from the wall foundations in order to reduce vibration. Boiler-room 

equipment is carried on the steel structure. 

Tidal limits and flood-water stages fix the levels of both condenser intake 

and outlet tunnels, and sometimes of engine- and boiler-room floors. 

Standard Design. Present practice for large stations provides a boiler 

room and generating room side by side and separated by a thick wall. The 

generating room is divided into two parts, either with or without a separating 

wall, the part nearer the boiler room containing the generating equipment 

and provided with a crane; the other part, without a crane, having the elec- 

trical control apparatus. 

Equipment. The table on page 2119 shows the principal items in a 

typical electric railway power station, and their relation to the general proc- 

esses of the plant. At the head of the upper part of the table are listed the 

raw materials which enter the plant, followed by the machinery and apparatus 

through which they pass to the boiler. At the head of the lower part of the 

table are listed the products of the boilers, followed by the machinery and 

apparatus through which they are dissipated. 

6. Substations 

General. A substation is a group of apparatus or machinery which re- 

ceives current from a transmission system, changes its kind or voltage, and 

delivers it to a distribution system. Most commonly, substations transform 

high-voltage alternating current to low-voltage direct current, the former 
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affording the most economical transmission, and the latter the most economical 
conversion of electrical into mechanical energy. Substations are usually 
housed in substantial brick and concrete buildings, although where the current 
has to be changed only in voltage and not in kind, as on single-phase railway 
systems, the building is often unnecessary, as no rotating machinery is re- 
quired, and the transformers and switching apparatus can be built for out-door 
operation. In some locations, the high tension bus, transformers, and switch- 
ing equipment may be installed in an out-door substation adjacent to the 
building housing the rotating equipment, meters, etc. 
Economical Location. Substations are located at intervals of 3 to 20 miles 

along the railroad, the spacing being limited by consideration of line voltage, 
regulation at the cars and economy, both of first cost and operation. Theo- 
retically, substations should be located so as to give the least annual expense, 
taking into account both the fixed charges on the investment in substations 
and feeders, the operating charges and the cost of energy losses in the system. 
An investment in copper feeders, especially in the case of bare or weatherproof 
aerial cables, causes little annual expense beyond the interest and taxes on the 
investment, whereas, a substation involves, in addition, heavy depreciation 
charges and labor charges for operation. In recent years the use of automatic 
substations has been spreading rapidly, as it enables the operating force to be 
reduced, and in many cases eliminated with the exception of a small force for 
inspection and maintenance, one group of men being responsible for the care 
of several substations. Automatic substations have the further advantage 
that they act instantly in case of trouble, reducing the damage to equipment 
caused by abnormal conditions within or external to the station. 

Automatic stations are usually controlled from a central point by a load 
dispatcher or supervisor by means of one of several forms of supervisory con- 
trol which by the use of a very few wires, usually from one to four, enables all 
switches in a large group of substations to be operated, and all desired indica- 
tions such as switch positions, machine temperatures, station output, to be 
relayed to the supervisor’s board. 

On interurban systems where the traffic density is low automatic stations 
may be equipped to start automatically as a car approaches the section fed 
by the substations, and shut down as soon as the load has dropped. 

The permissible distance between substations depends on the voltage of 
distribution, being greater the higher the voltage. On an ideal line, doubling 
the operating voltage quarters the distance between substations. This ratio 
is not strictly adhered to, however, as the location of substations is also in- fluenced by physical conditions such as availability of a suitable location for the substation, or the location of concentrated loads caused by yards, grades 
or sharp curves. 

Where a length of track receives its power from only one direction, the 
distance that can be fed, with a given voltage drop, is one-fourth the distance allowable between substations. 

Apparatus. In the usual type of substation for the conversion of high- pressure alternating current into low-pressure direct current, the high-pressure current first passes through oil-switches to the high-pressure bus, then through oil-switches to the primary windings of the transformers. From the secondary windings of the transformers, the low-pressure alternating current enters the slip-rings of the converters, and emerges from thecommutators as direct cur- rent of a slightly higher pressure. From the commutators it passes through circuit-breakers to the direct-current bus bars and thence through circuit- 
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Relation of Machinery in Typical Power-house 

Coal Air Feedwater Condensing water 

Coal barge (Blower) Meter Screen 

Clam-shell bucket 
Car 
Coal pile Preheater 

Gantry crane Feed water pump 

Conveyors (Air ducts) 

Crusher ‘ > 

Bunkers 
Downspout e Feed water heater 

Apron 
Stoker 
Boiler furnace Boiler furnace Boiler drum Intake flume 

Ashes sof Steam 

Individual hoppers Superheater 

Ash cars 
Collective hoppers 
Bucket conveyor 

Storage bin Stacks Piping Centrifugal 

Spout Turbine * Pump 

Car | 

Condenser 

(Surface type assumed) 

ae 
Hot well Outlet 
Hot well pump 
(Condensed steam returns 

to feed water pump.) 

* Turbine drives electric generators, which supply current to the switching and pro- 

tective apparatus and thence to the outgoing feeders. 

breakers to the outgoing feeders. In the design of substations, it is good 

practice to arrange all the apparatus so as to make the route of the electric 

current as direct as possible. 

All substations are not equipped with synchronous converters, motor-gener- 

ators having been used especially for pressures in-excess of 750 volts. Sucha 

motor-generator usually consists of a synchronous motor driving a direct- 

current generator. 

For voltages below 750 volts, the rotary converter has a virtual monopoly, 

although in special cases both motor-generator sets and mercury-arc rectifiers 

are used. 
For direct-current voltages of the order of 1500 volts, all three classes of 
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equipment “are used, the rotary converter and motor-generator set now 

meeting competition from the mercury-arc rectifier. 

For voltages above 1500 volts, motor-generator sets have been used ex- 

clusively, but the development of the mercury-arc rectifier is making rapid 

strides and many installations are now operating at this voltage in Europe. 

Portable Substations. Portable substations, that is, substations of small 

size installed in a box car, are sometimes used where unexpected or occasional 

loads are liable to occur. They are especially useful to carry holiday loads 

for which it would not pay to install a permanent substation. 

Power Capacity. The power capacity required in a substation depends 

upon the size, number, acceleration and speed of cars; on the length of line fed 

and upon the number of stops per mile. 
Railway substation machines and transformers are usually rated by the 

kilovolt-ampere output which, having produced a constant temperature, may 

be increased 50% for 2 hours without producing temperatures or temperature 

rises exceeding by more than 5° C. the standard limiting values established 
by the American Institute of Electrical Engineers. This is known as the 

nominal rating. 

Buildings. Substations having all apparatus on one level require about 

0.2 sq. ft. per kilowatt of nominal rating. Buildings are usually of brick with 
concrete foundations for walls and machines, except where the machines are 
small. in which case the machines are often carried by the floor beams. _ It is 
usual to provide a crane which, in important substations, may be equipped 
for both manual and electrical operation. 

Provision must be made for ventilation and good illumination, but roofs 
must be constructed so that there will be no danger of leaks over the machines 
and other live apparatus. In locations where the air contains a considerable 
amount of dust, the air entering the station should be drawn through air filters, 
circulation of the air being obtained by means of motor-driven fans blowing 
the air into the station through louvers in the floor near the machine. Lava- 

tory, toilet and telephone booth should be conveniently near the operators’ 

desks. 

7. Transformer Stations 

General. A transformer station, as used on alternating-current railway 
systems, is an aggregation of apparatus for converting high-voltage alternating 
current from transmission lines into lower-voltage alternating current for 

~ use in the trains, the apparatus being usually out-of-doors and protected only 
by a fence. : 

Special designs of oil-cooled transformers, switching apparatus, and light- 
ning arresters must be used for this purpose. 

All apparatus is set on concrete foundations, and steel structures are used 
to support overhead wires and switching apparatus. 

Auto-transformer System. The New York, New Haven & Hartford Rail- 
road system transmits at 22 000 volts between trolley and feeder, but the 
locomotives receive current at 11.000 volts between trolley and track rail. 
This is accomplished by transformer stations about 2 miles apart, where the 
trolley and feeder are each connected to the track rails through a separate 
auto-transformer. This arrangement not only effects economy in transmis- 

sion, but also greatly reduces the current in the track rails and earth, with 
consequent reduction of disturbances to telephone lines. 
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TRANSMISSION AND DISTRIBUTION 

8. Duct Lines and Underground Conductors 

General. Underground cables in the United States are almost invariably 
installed in conduits made either of glazed tile, concrete or fiber. The conduits 
are laid so as to form a series of continuous ducts in length not over 400 ft., 
which are terminated in brick or concrete chambers from which the cables are 
pulled into the ducts. 

Conduit lines are used for the distribution of electrical energy wherever 
the unsightliness, danger or instability of pole lines prohibit the use of the 
latter. They are used for both the transmission and distribution cables of 
many railways, and for telephone and telegraph lines. 

Types of Conduits. Figs. 1 and 2 show the tile conduits used by the New 
York Central Railroad Company, and are representative of the best modern 

practice except that 4-in. and 4-1/2 in. sizes are now preferred. The single- 
_ duct conduit weighs 16-1/2 Ib. per length of 18 in., and the four-duct conduit 

weighs 100 Ib. per length of 3 ft. 

Fiber conduit consists of tubes made of wood pulp or paper, saturated with 
bituminous compound and formed around a mandrel. Lengths of fiber con- 
duit are joined by screw and coupling, socket, sleeve or drive joints. Fiber 
conduit should be laid in concrete, with from two to three inches of concrete 

between each duct at the point of minimum concrete section, to allow for 
thorough tamping of the concrete. Typical dimensions of fiber conduits are 

given in the table. 

Sizes and Weights of Fiber Conduits 

Approxi- Approxi- 
mate Length | Inside i mate Length 

average of diam- average of 
weight, | section, eter, weight, | section, 
per foot, | inches inches i ' per foot, | inches 
pounds pounds 

3-1/2 1/4 60 60 3-1/2 7/16 50 60 
4 1/4 85 60 4 1/2 20 60 
eee eee. ee 

| Screw joint Drive joint 

0.90 60 
1.05 60 
1.30 60 
1.60 60 
1.85 60 

Wrought-iron pipe is used in city streets where the conduit line has to 

twist about sub-surface obstructions. It is more expensive than tile conduit, 
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and does not last as long on account of rusting. The usual sizes are 3-in. 
and 3-1/2-in. pipe, 20 ft. long, provided with threaded ends and couplings. 

ZZ) —-- 

ddd 

Section at 
AB. 

Fig. 2. Typical Four-Duct Conduit 

Splicing Chambers. Splicing chambers for straight runs are usually built 
in the shapes shown in Figs. 3, 4,5, and 6. The height of large splicing cham- 

e—— L ——_» Mie eae 
! | 

etal TS T if x : 
Ja J #o"! 

e—C k—_——_L. -——> }-— C—4 

Fig. 3 Fig. 4 Fig. 5 

Splicing Chambers 

bers is usually determined by ‘the height in which a man can stand upright 
and is seldom less than 6-1/2 ft. The width is similarly influenced by the 
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space required for working, which is at least 4 ft. The length depends upon 
the length of splice and the space required to curve the cable from the ducts 
to the supporting shelves or 
tacks, considerations which Ssiteae camet 

make a length of 8 ft.a GY tty YP LED 
usual dimensions are tabu- 

practical minimum where 
there are large cables. The Ye UY 

i, 
lated herewith. YZ. CEE. Yj 

Cables in splicing chambers \.________J; ‘ 

are usualy supported on iron Fig. 6. Splicing Chamber 
brackets attached to the 
chamber walls. This construction is very satisfactory, especially if the 

power cables are protected with fireproofing; but some engineers consider a 

shelf preferable, as it affords insulation and provides more protection between 

cable splices. 

A B Cc L 

2 ft. 2 in. 5 ft. 0 in. 3 ft. 6 in. 9 ft. 0 in. 

AA td Maat Soh ob am Cabs opr 4 6 Cio 8 0 
2h Ao. 6 ee) 10-0 
1 6 3 0 4 0 10 0 

Testing of Duct Lines. Ducts are usually tested by rodding with a mandrel 

in order to ascertain whether they are continuous and unobstructed. The rods 

used for this purpose are of hickory 1 in. in diameter and 3 or 4 ft. long, and 

are fitted at the ends with steel couplings such as that shown in Fig. 7. The 
first rod is attached to a 
mandrel and pushed into the 
duct. Another rod is coupled 
to the first, and the pair 
pushed farther into the duct. 

. is By successively coupling 

Fig. 7. Testing Mandrel other rods and pushing them 

into the duct, the mandrel is made to travel from one chamber to another. 

As soon as the mandrel emerges into the receiving chamber, the rods are 

pulled through and uncoupled. If an obstruction stops the mandrel, an 

attempt is made to force it through by repeated blows, failing whichit becomes 

necessary to break into the conduit line from the side. It is usual to attach a 

No. 10 or No. 12 galvanized steel wire to the last rod, and leave the wire in the 

duct after the removal of therods. This wire is subsequently used for drawing 

a heavy rope through the duct, by means of which the cable is pulled in place. 

Types of Cables Used. Cables for underground conduit lines are almost 

invariably insulated with impregnated paper and covered with a lead sheath. 

Three-conductor cables are used for high-pressure, three-phase transmission, 

and either single-conductor or two-conductor concentric cables for low-pres- 

sure distribution. Single conductor cables are now being applied to high- 

voltage three-phase transmission in metropolitan areas. 

9. Pole Lines and Aerial Cables 

General. The most usual construction for street and interurban railways 

consists of wooden poles spaced about 100 ft. apart, carrying wooden cross- 

arms, porcelain insulators, and strung with bare or weatherproof copper wire. 
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Where the transmission line parallels the railway, the same poles are used for 

supporting both trolley system and transmission lines. Steel towers are used 

on electrified steam railways. 
Tubular steel poles are largely used for urban railways and reinforced-con- 

crete poles are gaining favor. 

Dimensions of Wooden Poles. Poles are specified by their total length 

and their diameter or circumference at the top. Standard lengths are mul- 

tiples of 5 ft. and vary from 30 to 60 ft. Standard diameters are even mul- 

tiples of 1 in. and vary from 7 to 8 in., except on the Pacific Coast, where 8 to 

10 in. prevail. . The taper is expressed as the difference in inches between two 
circumferences 10 ft. apart and is usually as follows: 

Michivan white cedars ccc niece sen = ino =< eee a4 
Neer vlan CRES Cet mt teerarinia nines aie ieue gras a> siren = 3.8-4.0 
California yellow pine. 22 IN. ST. Pa 4.0 
Montana lodgepole pine...........---+-0-2---00- 3.0 
"Texas LODIGIY PME fe sein coice's wine oa elev seems mee 2.4 
Washmicton"ceddrs serena nee errr nes cece sees eae | 

The minimum dimensions specified by the American Electric Railway Asso- 

ciation are given in a table on page 2126. 

Tubular Steel Poles. Tubular steel poles are made of three pieces, each 

of a different size, of steel tubing. The three pieces are joined by shrinking 

the larger onto the smaller, until an overlap of 18 in. is obtained. Such poles 
are made in lengths of 28 to 35 ft. and vary in weight from 384 to 1688 Ib. 
Comprehensive tables of data for such poles are given in A.E.R.A. Engineering 

Manual. 

Reinforced-Concrete Poles. Reinforced-concrete poles are made in lengths 
of 28 to 35 ft. and with butt sections from 5 to 15 in. square, the corners, how- 
ever, being eliminated. They are reinforced with four steel rods. Hexagonal 
poles are also used, containing six steel rods, Comprehensive tables of data 
for such poles are given in A.E.R.A. Engineering Manual. 

Location of Poles. Side poles should have a minimum clear distance of 
7 {t. 6 in. from the center line of track at level of top of rail; center poles should 
have a minimum clear distance of 7 ft. from the center of track, these clear- 
ances to be suitably increased at curves. Poles are usually spaced between 
90 and 110 ft. apart. 

Depth of Setting. The usual depth of pole setting for tangent construction 
is shown in the table on page 2127. On curves, and other special localities, 
an extra depth may be necessary. 

Wires and Cables for Pole Lines. Three classes of wire are used for aerial 
conductors: Bare, weatherproof and insulated. Bare and weatherproof wires 
are usually made of hard-drawn copper, the stranding being as shown in the 
table below. Bare wires are used for operating pressures over 2500 volts, but 
where the pressure is not above this amount, weatherproof wire is preferred by 
many engineers, because it affords some protection from grounds due to the 
contact of foreign bodies, especially tree twigs. 

Insulated cables, except telephone cables, are seldom used on pole lines 
on account of their expense, but where used are made of soft annealed copper 
either insulated with paper and sheathed in lead, or insulated with varnished 
cambric or rubber and covered with impregnated cotton braid. Such cables 
must be supported from a steel messenger cable by means of clips spaced from 
12 to 18 in. apart. Where rubber insulation is used on aerial lines, a high- 
grade compound is essential if it is to withstand the effects of the weather. 
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Stranding of Concentric Lay-Cables for Aerial Use 

Number of wires 
(See note 2) 

Number of wires 
(See note 2) 

Size Bare, insulated or Size Bare, insulated or 
(See note 1) weatherproof (See note 1) weatherproof 

cables for aerial cables for aerial 
use 

0000 A.W.G. 
00 «~A.W.G. 
2 A.W.G. 

19 or 7 (See note 3) 

SuSE 

7 and smaller 

we UL On 

1. For intermediate sizes, use stranding for next larger size. 
2. Conductors of 0000 A.W.G. and smaller are often made solid and this table of 

stranding should not be interpreted as excluding this practice. 
3. Cables of sizes 0000 and 000 A.W.G., are usually made of 7 strands when bare 

and 19 strands when insulated or weatherproof. 

Guy Wires. Galvanized iron cables are used for guying poles. They are 
usually made of 7 strands of No. 12 or 14 B.W.G. wire, having an ultimate 
breaking strength of 2300 or 5000 Ib. per cable, respectively. 

Preservation of Poles. It is estimated that it takes 190 years to grow a 30- 
ft. cedar pole, which, when set in the ground, will not last over 15 years. 
When butt-treated, the life is increased to about 20 years. The preservatives 
most generally used are creosote, zinc chloride and bichloride of mercury. 
(See U. S. Forest Service Circulars 84 and 147.) Decay occurs at the butt of 
the pole, which must be particularly well protected. 

Cross Arms. Cross arms are rated by the number of pins they are made 
to carry, the number being from 2 to 10. The usual cross-sections are 3-1/4 or 
3-3/4 by 4-1/4 or 4-3/4, the length depending upon the number of wires to be 
carried and their voltage. Cross arms, 3-1/4 by 4-1/4 in. in cross-section are 
attached to wooden poles by a through-bolt driven from the back of pole 
toward and through the arm, having a washer at each end, with hole at back 
of pole counterbored to secure a good seat for the washer. Cross arms 
should be steadied by strap braces secured to the pole by a large screw and 
to side of arm away from pole by carriage bolts on the center line of arm, with 
nuts next to the braces. Arms up to and including 48 in. in length should 
have braces 24 in. long fastened to arm 16 in. from center; arms over 48 in. long 
should have braces 28 in. long fastened to arms 19 in. from center. Cross 
arms larger than 3-1/4 by 4-1/4 in. should be steadied by angle braces. 

10. Trolley Systems 

General. The trolley wire is usually of hard-drawn copper but under un- 

usua! conditions, bronze or steel wires are sometimes used. The wire is sus- 

pended from insulators some 16 to 30 ft. above the ground, and presents a 

continuous contact surface to a trolley wheel or bow attached to the rolling 

stock. There are two classes of trolley construction, the span wire and the 

side bracket; each may have either simple or catenary suspension. (See Art. 

9 for details of poles.) 
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Minimum Circumference of Poles in Inches 

(A.E.R.A. Engineering Manual) 

A. For span construction where a 35-ft. span is required, or for heavy feeder lines 

carrying from one to six cross arms 

B. For span or bracket construction where spans are not more than 35 ft. or bracket 

line or construction carrying two transmission circuits, one feeder arm and two tele- 

phone and signal arms. 

C. For telephone, signal and other light auxiliary lines where no side strain is 

required. 
Chestnut Poles 

Class C 

Top 24 in. Top 22 in. Top 18-3/4 in. 

6 ft. from butt 6 ft. from butt 6 ft. from butt 

40 33 
43 36 
47 40 
50 43 
53 
56 
59 

Class A Class B Class C 

Top 28 in. Top 25 in. Top 22 in. 

6 ft. from butt 6 ft. from butt 6 ft. from butt 

37 
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Depth of Setting Poles in Ground 

Total length of Trolley construction Repair ears 
pole, ft. ———— eee 

Rock or concrete Earth 

5 ft. 0 in. 6 5 ft. 0 in. 

5 6 6 5 6 

5 6 6 6 0 

6 0 6 6 5 

6 =G = 6,2>-5 
6 6 if (a) 
7 0 8 7 0 

7 0 8 7 6 

7 0 9 7 6 

8 0 

8 O 

Span-wire and Side-bracket Construction. In the simple span-wire con- 

struction the trolley wire is supported by wires stretched across the tracks 

between poles or building walls. The side-bracket construction resembles the 

span-wire except that instead of the supporting wire being stretched between 

two poles, it is stretched between two supports on the same pole. In both of 

these types of construction, the trolley wire is supported at intervals of 100 ft. 

or more and sags between supports, making it necessary for the trolley to be 

in vertical vibration as the cars move. 

Catenary Construction. The speed attained upon modern electric roads 

makes it difficult to obtain satisfactory service with a trolley wire which dips 

between supports and sways with every impulse. The catenary construction 

was devised to meet this condition. In general, it consists of a grooved copper 

trolley wire suspended horizontally from a sagging messenger cable, which is 

suitably insulated and firmly held in place. The supporting structure em- 

ployed for interurban single- or double-track roads usually is of the side- 

bracket type, but for some conditions cross-span construction becomes neces- 

sary. The latter method of support differs only in the substitution of a cate- 

nary cross-span for the bracket arm and doubling the number of poles required 

for single track. 

Applications of Various Types of Construction. The overhead trolley sys- 

tem is used on urban railways, wherever the unsightliness or danger of its 

exposed construction is not considered objectionable. It is used on inter- 

urban, suburban and trunk lines, wherever, by reason of low load or high volt- 

age, the current taken by the trains is not too great to be economically carried 

on copper wires. 

Center-pole construction is approved practice for double-track railways, 

side-pole construction being generally used for single-track lines. Span-wire 

construction is used where, for any reason, it is impracticable to have the poles 

near the tracks or where, as is commonly the case in Europe, the span wires are 

supported from the walls of buildings. Prejudice against overhead lines is 

often due to the excessive loading of poles, which is both unsightly and dan- 

gerous. 

Parts of Overhead Trolley Construction. The trolley wire is secured to 

an “ear” by soldering, clamps or other means and the ear is bolted to a 

“€ suspension ” which may or may-not be provided with an insulating portion. 

These suspensions are carried by span wires which in turn are fastened to the 
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poles or brackets, or they may be fastened directly to the bracket. If the 

“ suspension ” is not insulated, “‘ strain ” insulators are inserted in the span 

wire between the ear and its point of attachment to the poles or brackets. A 

slightly different form of suspension, called a “ pull-off,”’ is used on curves. 

At turnouts “‘ trolley frogs ” must be used to guide the trolley wheel. These 

various parts are illustrated in the accompanying cuts. 

Trolley Ears. Figs. 8 to 12 show ears for round wire. Fig. 8 shows an ear 

with flaps, which are bent around the wire to hold it in place; this type is 

Fig. 11 Fig. 12 

Trolley Ears for Round Wire 

seldom used on account of arcing at the flaps. The ear shown in Fig. 9, which 
has a deep groove into which the wire is soldered, is the type in common use, 
These ears may be provided with rings as in Fig. 10 to which guy wires are 
attached to relieve the strain at curves and for steadying the line at intervals. 
Fig. 11 shows the type of ear used at points where the trolley is spliced, which 
should always be at an ear. Fig. 12 shows an ear with a terminal for a feeder 
connection. 

Figs. 13 to 15 are designed for grooved or “figure 8” trolley wire. Special 

grooved (Fig. 16) or “ figure 8 ” wire affords a smoother running surface for the 

re | 3 
2 OC -O2 oO] Use 

Fig. 13 Fig. 14 Fig. 15 

Trolley Ears for “Figure 8’’ Wires 

trolley wheel or bow as the ear only grips the upper part, leaving the lower part 

absolutely even. - This construction is practically essential for bow trolleys. 

Suspensions for Straight Line Work. Fig. 17 shows an insulated suspen- 
sion with ear attached at each end; this is also used on. curves for double-track 
work. | Figs. 19 and 20 show solid insulated suspension for span wire and side- 
bracket construction respectively. These types are frequently used, and 

are quite satisfactory if the insulating material used in their construction is 
properly made. Fig. 21 shows a section of an assembled cap and cone suspen- 
sion. Fig. 22 shows a cap and cone suspension with ear attached. The type 
in which cap and cone are made separate is preferred by some engineers on 
account of the possibility of replacing injured bolts and insulation without 
removing the whole suspension. This advantage is partly offset by the greater 
liability to trouble due to multiplicity of parts. 

Strain Insulators. Fig. 23 shows a “‘ globe ”’ strain insulator; the type most 
commonly used. Fig. 24 shows a “ Brooklyn” strain insulator.. This type 
is used on wooden pole and light iron pole construction to draw span wires: 
taut. It is required for heavy iron pole construction if spans are long and 
temperature variation great. Bolts may be provided at both ends if an extra 
amount of adjustment is required. A globe strain and a Brooklyn strain may 
be used in series where extra insulation is required. 
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é Pull-offs. Fig. 25 shows a cap and cone pull-off for single-curve construc- 

tion and Fig. 26, a cap and cone pull-off for double-track curve construction. 
Ke 3407 > 
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26 Wire 3% Wire 

Area 0.1083 sq. in. Area 0.1314 sq. in. 
36 Round Wire 0.1045 sq. in. 36 Round Wire 0.1318 sg. in. 

44 Wire 

Area 0.1665 sg. in. 
44, Round Wire 0.1662 sq. in. 

Fig. 16. Standard Grooved Wire Sections 

Pull-offs of the types corresponding to the uninsulated and solid insulated 

suspension shown in Fig. 17 and 18, are also used. 

Types of Suspensions 

malleable iron casting used at switches or 

Its function is to Trolley Frogs. A trolley frog is a i 

crossovers where trolley wires from different tracks unite. 
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hold the diverging wires together and afford a smooth running path to the 

trolley wheel when a car passes or enters a switch. A common type is illus- 

Fig. 23 Fig. 25 Fig. 26 

Strain Insulators Pull-offs 

trated in Fig. 27. Frogs are made for various angles of divergence and both 
right- and left-handed. The usual angles are 8, 15 and 20 degrees. 

Sag and Tension in Overhead System. Particular attention must be paid 
to designing the overhead structure in such a manner that it will safely stand 

the extra tension due to the contraction of 
the wires at low temperatures and the extra 
loads due to wind and sleet, and a sufficient 

allowance should be made in the height of 
the trolley wire to take care of the extra sag 

Fig. 27. Trolley Frog which it experiences at high temperatures. 

’ F Height of Trolley above Rail. The height 
of wire varies between a minimum of 16 ft. and a maximum of 22 ft., the 

usual height being about 18 ft. It is usual to raise the wire at railroad crossings 
toa height of 22 ft. or more. 

Rake of Poles. Bracket-arm poles on tangent construction should have 
a rake backwards not exceeding 3 in., and span-wire poles in hard ground a 
rake of from 4to5in. Insoft groundarake of 12in.isnot uncommon. Cen- 
ter poles should be set vertically except at curves, where they should bend away 
from the curve along the perpendicular to the tangent at that point of the 
curve. 

Anchorage. At both ends of every grade and curve, there should be a 
permanent anchorage. If there are not many grades and curves, anchorages 
should be provided at intervals of from 1/4 to 3/4 mile. An anchorage is made 

by means of a steel cable running from the trolley wire to one or more anchor 
poles through an anchor ear and strain insulators. 

Curves. At curves in the track the trolley wire should be made to follow 
the curve by means of pull-offs or wires pulling the trolley wire outward as 
shown in Fig, 28 and 29, 

—— 
Fig. 28 Fig. 29 

Simple Pull-off Arrangement 

N\ 
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Wherever possible the pull-off wires should be radial to the trolley wire. 
This, however, requires a large number of poles, and is therefore impracticable 

Fig. 30. Bridle Construction at Curve 

in cities. In such cases the bridle, bowstring or backbone construction shown 
in Fig. 30, 31 and 32 is resorted to. Here the pull-off wires, instead of being 

Fig. 31. Bow String Construction at Curve 

anchored to individual poles, are fastened to a wire which is stretched between 
poles. While this construction is almost universally used in cities, it is more 

Fig. 32. Backbone Construction at Curve 

expensive to maintain than single pull-offs, and is therefore less favored for 
interurban. lines. 

A combination of the two types of construction is shown in Fig. 33 (Fig. 28 
to 33 are from General Electric Co. publications). 
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Spacing of Pull-offs at Curves. The number of pull-offs should be sufficient 

to keep the wire within about 2-1/2 in. from the theoretical curve. This may 

Fig. 33. Combination Construction at Curve 

be accomplished by spacing the successive ears in accordance with the follow- 

ing relations: 

Let L = distance between pull-offs in feet; 
R = radius of curve in feet; 
@ = offset of wire in inches from theoretical curve, midway between 

pull-offs, the ears being assumed to lie on the theoretical curve. 

2aR a\2 
Then | i 3 (=) 7 

Or L =0815 V/aR, 
with an error less than 1-4% for all radii greater than 40 ft. 

If ais to be 2-1/2 in., then,approximately 

L=129-—V/R 
If the ears are set exactly on the theoretical curve, the wire will depart 

2-1/2 in. from the correct position half way between the two ears; if the ears 
are set 1-1/4 in. from the curve, the mid-point of the wire will be only 1-1/4 

in. when L is taken equal to 1.29 JR. 

Offset of Trolley Wire at Curves. It is usual, at curves, to offset the trolley 
wire from the center of the track because the trolley wheel is tilted inward due 
to the elevation of the outer rail, and because in order to keep the wheel on 

the wire, the latter must be so placed that the projection of the pole on the 
plane of the track is always tangential to the wire. 

(a) The former offset, measured horizontally toward the inside of the curve, 
equals # tan 9 where /: is the normal height of the wire above the top of rail, 
and 0 is the angle of elevation between the plan of the track and the horizontal. 
For standard gage and wire 18 ft. above the top of rail this offset is about 4 in. 
for every inch of elevation. 
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(b) The latter offset, also measured horizontally toward the center of the 
curve, is calculated as follows, assuming the curve to be longer than the car 
itself; for shorter curves the offset will be less. 

Let R = radius of curve; 

L = horizontal distance of center of trolley wheel to center of trolley 
base usually about 11 ft.; 

G = distance from center of car to center of truck. 

In the case where the trolley base is located over the truck center, as on cars 
with two trolleys, the offset is 

R=VR-L. 

If the trolley base is located over the car center as on cars with one trolley, 
the offset equals 

The total offset is the sum of the offsets (a) and (6). 

Curves of Small Curvature. If the curvature * is less than 10 deg., the 
poles are frequently spaced closer together and no pull-offs used. The table 
may be considered typical, the divergence of the wire from the theoretical 
curve being kept within 3-1/2 in. 

Spacing of Poles on Curves, Interurban Road 

Divergence Divergence 
Degree of of trolley Degree of Pole of trolley 
curvature wire from curvature | spacing, wire from 
of track track center, of track feet track center, 

inches inches 

Tangent 60 2.87 
50 2.34 

50 2.64 

50 2.94 

50 3.24 

Turnouts. The location of the trolley frog at turnouts may be determined 
as follows: Referring to Fig. 34, from switch point A draw a line to center 

point D of track frog distance BC and 
A E from switch point B draw a line to center 

point Eof arc AEC. The intersection 
of these two lines at F will be the proper 
location of the frog. While certain vari- 

ables, such as superelevation of the 
outer rail on the curve, length of wheel 
base and projection of trolley pole rear- 

ward from center of car, may necessitate slight variation of setting, this 
location will be found so nearly correct that a very small alteration, which 
must be determined by experiment, will compensate for the variable condi- 
tions. 

IB Cc 
D 

Fig. 34. Location of Frog 

* The degree of curvature of a track is the angle which subtends a chord 100 ft long, 
between points on the center line of the track. 
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The following table gives the range of distance from track switch point to 

track frog with which each set of trolley frogs may be most satisfactorily used: 

Divergence 

Track-frog distance angle of 
trolley frog 

ee ee enn 

Up €0:22 £6...:....0h,. oi algae ob Selatetal iets araieiborn/= ese sie) <i sienvianaie 20° 

From 20 10 S046. Osc. ssic-s5.0 cameron ee wales om + +e saree aie’ 

IAT OV etre ce Oe dc eee pele Spine alte aiiwin ie sux oye ws winlele ie 

The minimum frog distance given in the table with which the 15° frogs may 

be used to best advantage corresponds to a turnout radius of 40 ft., but when 

suburban cars, using high-speed trolley wheels, run over city tracks it is ad- 

visable to use 15-deg. frogs rather than 20-deg. frogs throughout the city con- 

struction even where the minimum frog distance is less than 29 ft. 

Simple and Compound Catenary Construction. Catenary construction 

may be divided into simple and compound. In the former the trolley wire or 

wires are carried by one or two messenger cables which are supported only at 

the poles, bents or span wires; in the latter, the horizontal wire or wires are 

carried by a messenger cable, which is itself suspended from another messenger 

cable which is supported at the poles, bents or span wires. The advantages of 

the compound catenary are greater flexibility, reduced stresses in the support- 

ing wires, shorter hangers, better lightning protection and superior curve con- 

struction. 
To obtain a line which will not require frequent readjustment, the messenger 

cable must be installed with practically uniform tension throughout its length, 
making it necessary to have less sag in the shorter spans. For this reason cer- 
tain definite pole spacings and corresponding hanger lengths have been stand- 

ardized. 

Number of Suspensions. The number of suspensions depends upon the 
speed at which the cars are to be run, and upon whether a bow or wheel trolley 
isused. The three-point suspension, in which, with 150-{t. spacing, the hang- 
ers are 50 ft. apart, has been found ample for wheel collectors. With the slid- 
ing pantograph or bow trolley an eleven-point suspension has been found 
sufficient, with 150-ft. pole spacing. (See following Table.) 

Hangers. Where only one horizontal wire is suspended from the messenger 
cable, the hangers should hang loosely from the cable and should be screwed 
fast to the trolley wire. This permits the trolley wire to rise slightly as the 
trolley passes under it, thereby making the wire equally flexible along its entire 
length. Where a steel contact wire is clipped to the horizontal conductor, the 
hangers are usually rigidly attached at both ends, as the duplication of hori- 
zontal wires assures uniform flexibility, regardless of the hangers. (See follow- 

ing Table.) 

Wear of Trolley Wheel Bow and Trolley Wire. The wear of the trolley 
wires is not serious with either wheel or bow collectors. On the lines of the 
Indianapolis & Cincinnati Traction Company, a copper trolley wire lost less 
than 1% in weight after it has experienced 39,000 car movements, each car 
taking an average of about 40 amperes by an aluminum slider. 

The vertical wear of the steel contact wire on the N. Y., N. H. & H. R.R. 
was 0.028 in. in 30 months, which is practically 4.5%. per year of the half 
diameter of the wire (one-half taken to permit wire to be held in clips) which, 
even on this vertical diameter basis, indicates a life of over 20 years; but as a 
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Tangent Construction 
Number of Hangers per Span. Pantograph or Bow Trolleys 
a Ss Se EO 

Length |Number i Ag eee Length of hangers, inches 

spacing, | of sus- | 
feet pension | 6 |6-3/4{/8-1/2] 11 | 12 |13-1/2 14-3/4| 16 |17-1/2/19-1/4/20-1/2 

1 2 Me a ee OR ae bai Saad 

SS SER 20 Lipo? 2 2 MaRS cet hecione a4 aha aee 

geen] Satie Mid Meet Saale 25 2 Z ; 2 ater 2 

POE) Sa Es OSI EST ORE! (eR Ol eee 3 Z Ree c 2 

ES 7 6) |S been Pree (ees et ind f) 2 2 

Rae eee Me tesa oN crac cotton alah e 3 2 
rd POISE EP ASTM SD Ni fore Vans o'otsns'l'c, 0 avers sife-« ol] caus adie. ee 4 

Number of Hangers per Span. Wheel Trolleys 

Length Number Length of hangers, inches 
pole of points 

spacing, of sus- 
pension 6 11 |13-1/2}14-3/4) 16 |17-1/2|19-1/4/20-1/2 

matter of fact it will be much more than this, for the reason that as the vertical 

diameter lessens the breadth of contact increases throughout, thus diminishing 
the rate of vertical wear. Of further interest is the fact that there is prac- 
tically no corrosion of the wire as the wire is covered with a film of grease de- 
posited by the pantograph shoe (W. S. Murray). 

Change in Length of Trolley Wire. The change in length of copper due 
to changes in temperature is one of the greatest difficulties in the maintenance 
of overhead work. A drop of 100° F. in temperature will cause a copper bar 

to contract approximately 1 in. for every 100 ft. of length. If it is restrained 
at the ends this will cause an additional stress of 2500 Ib. in the case of a No. 

0000 trolley. 
European catenary lines are usually maintained at constant tension by 

means of weights pulling on the free ends of the trolley wire at the end of every 

section. 

Prevention of Formation of Sleet. Sleet may be prevented from forming 
on the wires by greasing the latter with petroleum jelly and if it does form it 
may be easily removed by any of the numerous commercial forms of sleet 

cutters. 

11. Third Rail Systems 

General. Third rails are used for low voltage railways where the power 

requirements are in excess of the current carrying capacity of a trolley wire, 

and where there is private right-of-way. 
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Collector Shoes. Current is collected from the third rail by projecting 

collector shoes on the cars. These shoes are placed on each side of each truck, 

and are all alive, when any one is alive. 

Rails are usually made of special high conductivity steel, it being not un- 

usual to have a conductivity 1/6 or 1/7 that of copper. (See Article 12 for 

resistance of rails of various sections.) 

Types of Construction. Third-rail construction may be classified into the 

top-contact and under-contact types, each of which is susceptible of important 

variations in design, especially with reference to the type of protection. 

(a) Interborough Top-contact Type. One of the most commonly used 

type is illustrated in Fig. 35. It is often called the “ Interborough Type” 

on account of its use in the subways of the In- 
terborough Rapid Transit Co., of New York. 
The rail is a standard T-section and rests on 
reconstructed granite insulators. A board 

protection is attached to the rail itself by 
means of clamps and uprights and is thereby 

kept in perfect alignment. 

(b) Pennsylvania Top-contact Type. (Fig. 
36.) Another type has the protection sup- 
ported on separate brackets independent of 
the third rail itself. It is claimed that this re- 
duces the amount of labor which has to be 
done on the live rail, when repairs are being 
made, but it cannot be relied upon as well as 
the Interborough type to keep the rail and 
protection in perfect alignment. 

(c) Under-contact Types. (Fig. 37.) While 
the top-contact types have given first-class service, they are considered to 
have certain disadvantages for exposed locations as they cannot be wholly 
protected from snow, ice and sleet. The lower part is only a few inches from 

Fig. 35. Interborough Top- 
Contact Type 
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Fig. 36. Pennsylvania Top-Contact Type 
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the ties, while holding clips generally reduce this clearance, increasing the 
danger of grounding from accumulation of wet snow, and from flooding. 
The occasional suspension of traffic during sleet and snowstorms and floods, 
on railroads usmg the top-contact type of 
third rail, led to the idea of an under-con- 
tact third rail loosely clasped in insulators 
by hook-bolts hung from brackets, with 
the top and sides of the rail completely 
sheathed in a flexible insulating material 
for protecting the rail from accidental 
contact with man and beast, and from 
sleet, snow and spray. With this type of 
rail the protection is of such character that 
there is no packing of snow between the 
sheathing and the contact rail, as in some 
other forms, and in sleet storms no ice 
forms on the contact surface; some icicles 
may form at the edge of the petticoats, 
but, hanging down clear of the edge of the 
rail, are easily broken off by the passing 

shoe. 
Where the rail is buried in snow, the Fig. 37. N. ¥.C.R. R. Under: 

passage of the contact shoe breaks the Contact Type 
snow away, leaving the rail surface clear, 

instead of ironing the snow down on the rail, as may happen with the top- 

contact type. 

Location and Weight of Third Rails. There is no standard gage for con- 

tact rails, corresponding to the standard track gage. This unfortunate con- 

dition arises from lack of uniformity in the clearance lines of the right-of-way 

and in the maximum equipment lines of various railroads. The following 

standard has been recommended (1911 and 1912) by the American Electric 

Railway Engineering Association: 

The gage line of the third rail to be located not less than 26 in. and not 

more than 27 in. from the gage line of the track and the contact surface of the 

third rail to be not less than 2-3/4 in. or more than 3-1/2 in. above the plane 

of the top of the track rail. 

This standard has since been abandoned and three standard clearance lines 

adopted instead. The maximum equipment line for rolling equipment is 

given in Art. 13; those for third rail structures and permanent way, respec- 

tively, are given below: 

Third-rail Structures Must be Contained within the Line Indicated 

by the Following Ordinates and Abscissas 

= —, 

= ——— 
— 

Height above Distance out Height above Distance out 

top of rail, from gage line, top of rail, from gage line, 

inches inches inches ~ inches 

Top of tie 19-3/4 9-7/8 33-3/4 

5/8 19-3/4 6-1/8 36-3/4 

3-11/16 25 1/4 36-1/4 

8 25 ~2-1/4 35-1/4 

9-7/8 26-7/8 Top of tie 35-1/4 

(On curves of less radii than 800 ft. and at switches, this line must be moved out 

2-1/2 in.) 
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Permanent Way Structures Must not Encroach upon the Line 

Indicated by the Following Ordinates and Abscissas 

Height above top | Distance out from Height above top | Distance out from 

of rail, inches gage line, inches of rail, inches gage line, inches 

Top of tie 36-1/4 7-5/16 37-3/4 

=2-1/2 36-1/4 10-7/8 34-1/4 

0 37-3/4 

(On curves of less radii than 800 ft. and at switches, this line must be moved out 

Location and Weight of Third Rail 
2-1/2-in.) 

Center of Contact 
third rail face above 

Name of railroad to near top of run- 

gage line, | ning rail, 
inches inches 

Albany & Hudson...........se-eeeeees 27 See ea 

Aurora, Elgin & Chicago. .........+-++- 20-1/8 6-5/16 

Baker St. & Waterloo Ry....... cece cece fees cece eter fete tect eeees 

Baltimore & Ohio. ...........ceeeeeees 30 

Berlin Elevated and Subway..........+- 13.25 

Boston Elevated and Subway......-..-- 20-3/8 

Brooklyn & Manhattan Rapid Transit... 21-3/4 

Camden & Atlantic City R.R..........- 26 

Central-Dondon RiR\ css shes < .. - abe Center 

Columbus, London & Springfield. ....... 
Columbus & Newark..........essee0005 

Fayet-Chamounix. .........-eeesee-e9: 

Grand Rapids, Gd. Haven & Muskegon. . 

Great Northern Ry., England..........-| 9-1/4 J. ee ee ee ee eee 

Hudson Tunnels, New York..........-. 
Interborough Rapid Transit............ 

Kings County El., Brooklyn............} 19-1/2 | S-1/4_— J. sw ee ees 

Lackawanna & Wyoming..........--+-: 

Take St. BlicChicagos crisis asenieemrnah se tO eo O=k ps ee etter emai 

Lancashire & Yorkshire Ry...........-- 
Liverpool Elevated..........0-....+---] ‘Center | 2-1/2 Jo... ee 
Dong Island RiRii samo. see Wesleyan: 
Manhattan Ry., New York..........-.-- 
Mersey Ry os iaaeis souls de Ratiepan tesa df Soll PEI Iasi reper 

Metropolitan & District, London........ 

Metropolitan Elevated, Chicago......... 

*New York Central R.R........-ee ee ees 
Northeastern Ry., England...........-- 

Northwestern Elevated, Chicago.......- 

North Shore RoR: Gali cas. we cetera se sume 
Paris Orleans RY ences so cate ete ar 
Paris: Versailles RY*).). <5. c.ieescseieme oi 
Pennsylvania RR... 2... ence ccssesess 

*Philadelphia & Western,.....-.+seeeee> 
*Philadelphia Rapid Transit...........-- 

Seattle & Tacoma. R.Riii. 2 ci cee aie soe 
South Side Elevated, Chicago..........- 

Wamseebahn (Berlin).........eeeeeeee> 

Waterloo & City: Ry... 0. ccc cusetees 

West Jersey & Seashore...........-+5-- 

*West Shore. Ru Riu teicingiseawsinieclstenae © 
Wilkesbarre & Hazelton...............+ 

1 - Bi Nn 

ROAD WARWS 

—_ ie, aay NwN 

eee wees 

* Bottom-contact surface. All others have top-contact surface. 
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Inclines. Where it is necessary to break the third rail at cross-overs, grade 
crossings or electrical section breaks, end declines are required to catch the 
contact shoes and bring them to the normal level of the third rail. 

The exact location of the inclines on each side of a track-rail intersection 
depends upon a number of conditions, an important one of which is the extent 
to which the car equalizer bar and journal box project outward. If thereisa 
train-bus line connecting all the cars, tHe end inclines may be situated many 
feet back from the switch point of frog, but if there is no such bus line, the con- 
tact rail will probably have to be terminated in a cross incline extending as 
near as possible to the switch point or frog. 

12. Rail Bonds 

General. Rail bonds are electrical conductors for bridging the joints of 
tails. They consist either of a series of thin strips of annealed copper, or of 
one or more cables of copper wire, the ends of which are usually pressed or 
cast into solid terminals. Ribbon is more compact, but stranded wire is more 
flexible; the latter should always be used if space permits. 

Types of Bonds. Bonds may be classified, according to the method of 
fastening them to the rail, as soldered bonds, brazed bonds and bonds applied 

by mechanical pressure. Sol- 
dered bonds and compressed 
terminal head bonds find their 
best application in third-rail 
work, where good electrical 
contact is of greater import- Fig. 39 
ance than mechanical strength. ; 
Expanded terminal web bonds, especially of the concealed type with two 

stranded conductors, are regarded as the best for heavy track work, where 
mechanical strength and cost of 
installation are of the utmost 
importance. 

Soldered Bonds usually con- 
sist of a series of thin strips of 
annealed copper with tinned 

terminals as shown in Figs. 38 
and 39. They are soldered di- 
rect tothe head, foot or web of 

the rail. One or more bonds 
per joint may be used. NS 

Wf. Brazed Bonds resemble sol- 
dered bonds except that the 

Fig. 40 terminals are enveloped in 
brass. They are brazed or 

welded to the rail by heat generated electrically in a carbon electrode which 
constitutes one jaw of a clamp holding the bond against the rail. 
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Expanded and Compressed Terminal Bonds. Bonds fastened to the rail 

by mechanical pressure may be divided into two general classes, expanded 

terminal and compressed terminal bonds. 

Pin-expanded Terminal Bonds (Fig. 40) have their heads drilled with an 

axial hole, through which a tapered steel pin d is driven, forcing the copper 

outward and against the steel. 

This type of bond is fastened to 

the web of the rail. 

Compressed Terminal Bonds. 

(Figs. 41 and 42.) There are two 

Head of Bond 
: S 

Fig. 41 Fig. 42 

kinds of compressed terminal bonds, in one of which direct pressure is applied 

at both ends of the head, and in the other, at one endonly. The first type of 
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Fig. 43 

bond is usually applied to the web of the rail by means of a heavy screw or 

hydraulic press (Fig. 43) which engages the bond head and causes it to com- 

press longitudinally and expand laterally as the pressure is applied, bringing 
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the copper into firm contact with the steel and spreading the projecting end of 
the terminal into a button-shaped rivet-head, as shown in Fig. 41. The second 
type of bond (Fig. 42) is applied only to the head of the rail, the terminal lugs 

ae set in holes therein and expanded into contact by means of hammer 

ows. 

Exposed Versus Concealed Bonds. Whether soldered, brazed, expanded 

or compressed, bonds may’be either exposed or concealed (Fig. 44) under the 

fish-plates. The former condition is preferable, if there is no likelihood of 

theft, as it permits inspection to be easily made. Where the bonds are ex- 

posed to theft, as, for example, on track rails unprotected by paving, con- 

cealed bonds are almost a necessity. 

While concealed bonds are necessarily applied to the web of the rail, exposed 

bonds may be applied to the foot or head. Head bonds have the advantage of 

greater contact surface at the terminal studs, while foot bonds are less exposed 

to mechanical violence. Web bonds, unless concealed, have to be excessively 

long in order to span the fish-plates. 

Substitutes for Bonding. Several efficient substitutes for bonding are now 

in use, such as electrical welding and thermit welding. (See Article 21.) 

Installation of Bonds. The 
foremost consideration in the 
installation of bonds is the 
cleanliness of the bonds and 
bond holes, or other adhesion 
surface. Unless this is secured 
the bonds will be electrically 

defective whatever their mechanical strength may be. 

Soldered Bonds. The rail surface is brightened by means of a carborundum 

or emery wheel, and tinned, using an acid flux. The bond is then clamped in 

place and the rail and bond heated by means of a blow-torch, to a temperature 

at which the solder will melt and cause the bond to adhere firmly to the rail. 

Brazed Bonds. The preliminary processes are the same as for soldered 

bonds except that a special clamp is used, the terminals of which are the elec- 

trodes of an electrical circuit, one being of copper and the other of carbon. 

The surface of the rail being previously ground bright at the point where the 

braze is to be made, the brass-enveloped bond terminal is pressed against the 

rail by the carbon electrode, the copper electrode being in contact with 

the opposite side of the rail. The current on passing from one electrode to the 

other, traverses the bond terminal and rail, the carbon becoming incandescent. 

The incandescent carbon (pressing the copper against the rail) quickly trans- 

mits sufficient heat at exactly the point where it is required to produce the 

weld. 

Welding Outfit. It is claimed by the manufacturers that an average of over 

100 bonds per day are readily installed by a car operating with four men, a 

bonder and three helpers. Such a car carries a rotary converter and trans- 

former, with accessory apparatus. To weld an average-sized rail bond to the 

rail, an alternating current of about 2000 amperes at 5 volts is employed. On 

direct-current railways this is obtained by converting and transforming cur- 

rent taken from the trolley wire. 

Pin-expanded Bonds. The rail is drilled, usually through the web, with 

or without lubricant, using some form of drill especially adapted to the service. 

Drilling without lubricant has the advantage of giving a perfectly clean hole, 

but is believed by some to cause excessive wear of the drills. It is doubtful, 
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however, whether the small amount of oil which would be used could be kept 

constantly at the cutting edges, the only places where it would be useful. Dry 

drilling has been found successful on many railroads. If oil is used, it should 

be wiped out with a clean cloth saturated with gasoline, in which case the joint 

resistance will be increased less than 3%. Lubricants containing water are 

likely to cause rust, especially if the drilling gang precedes the bond installers 

by any considerable time. The hole having been drilled, the bond head is in- 

serted into it and a long taper punch lubricated with grease is driven entirely 

through the terminal. Then a short drift pin is driven home, as shown in 

Fig. 40. 
This type of bond requires a smaller equipment in tools and materials than 

most other types and does not necessitate the use of any apparatus which 

obstructs the track and would thereby endanger traffic. 

Compressed-Terminal Web and Foot Bonds. The drilling having been 
performed as for a pin-expanded bond, and the bond heads inserted into their 
respective holes, a screw or hydraulic compressor, as shown in Fig. 43, is ap- 
plied at both ends of the bond head, the conical point of the press fitting into 
the conical depression of the bond. Pressure is applied, either until a collar 
on the ram touches the rail, or until the head of the bond acquires the proper 
shape. Where no collar is used the point of the press (if of the screw type) 
sometimes cuts into the bond head; this may be avoided by placing a small 

amount of flake graphite mixed with oil in the depression of the bond head. 

Compressed-Terminal Head Bonds. A four-spindle drill is-used to drill 
four holes simultaneously in the rail heads. It is important to avoid drilling 
the holes too deep lest the copper should not touch bottom and therefore be 
unable to expand laterally. If, on the other hand, the hole is too shallow, 

expansion will occur too soon. 

Tests of Bonds after Insulation. Every rail in service should be period- 
ically tested and a complete record of the tests kept. The frequency of the 
tests will depend upon local conditions, once in 9 to 12 months being an 
average. 

Resistance Test. The usual method of testing is to measure the drop of 
potential across the bonded joint and find simultaneously the length of con- 

Resistance of T-rails, A.S.C.E. Standard Section (20° C.) 

(Full Cross-section) 

pw Specific resistance Specific resistance 
Cross- ’ 12.5 times that of 8 times that of 
section, 

square cat ———— Lit === 
inch circtlar | Ohms per | Ohms per | Ohms per | Ohms per 

1000 ft. mile 

millions * or copper copper 

mills 

- 00944 
- 00884 
- 00835 

- 00781 
- 00738 
- 00701 
- 00664 

* To find the resistance of rails of any specific resistance « referred to copper as unity 
multiply these resistances by x and divide by 8. 
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tinuous rail in which the same drop occurs, that is, the “‘ equivalent ’’ length 
of the bonded joint. Several ingenious instruments have been devised for 
making this comparison with ease and accuracy. 

Mechanical Strength. The mechanical adhesion of soldered bonds may be 
tested by means of a lever as shown in Fig. 45. It may be used as the termi- 

nals are cool. The operation of testing 
consists simply in submitting each ,bond 
terminal to a predetermined pull. A prop- 
erly soldered bond should stand a shearing 
force of 1200 lb. per square inch of contact. 
Calling S this shearing force per square inch, 
A the square inch of contact, and P the pull, 
as registered on the balance, then 

_ ASI 
Ll 

Rebonding. The resistance at which,a 
joint should be rebonded depends upon how 

much potential drop is permissible in the Fig. 45 

tracks, and upon the relative cost of the i 

energy loss and the cost of rebonding. The equivalent length, calculated 

on this basis, ranges from 2 to 12 ft., with an average of 6 to 7 ft. 

CARS AND LOCOMOTIVES 

13. Cars 

City cars vary in length from 42 to 50 ft., the average of twenty typical city 

cars being 45 ft. 6 in. over the bumpers. The width varies between 8 ft. and 

8 ft. 10 in., the average of twenty typical cars being 8 ft.4in. Truck centers 

vary from 19 to 24 ft., averaging 21 ft. 10 in. The number of seats varies 

from 32 to 56, the average of twenty typical cars being 47. 

The standard height of couplers for city cars, measured from top of rail te 

center of coupler, is 1 ft. 8in. The standard height of bumpers is 2 ft. 7 in. 

from top of rail to top of bumper. The standard height of platform is 2 ft. 

7 in. from top of rails. 

Recent trend has been toward the drop platform type with rear entrance, 

and front exit, as it is one of the safest types and seems ideal for quiet loading 

and unloading of passengers. The center door type has also found favor. 

These types lend themselves readily to the pay-as-you-enter system of fare 

collection. 

Another design of car whieh facilitates rapid loading and unloading employs 

front entrance, with center exit. Passengers having exact fare stay in the 

front of the car while passengers desiring change pay their fare to the conductor 

who is stationed in the center of the car and pass to the rear of the car from 

which they leave at will. 

Interurban Cars vary in dimensions from those of city cars to those of 

standard steam passenger cars, depending on the class of service, speed and 

Jength of run. Interurban cars vary in length from 40 to 75 feet, with cor- 

responding weights of from 25 000 to 75 000 pounds. 

Suspension of Motors. Motors, on double-truck cars, are hung between 

an axle andthe transom. A lug cast on the side of the motor frame away fron 
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the axle rests on the transom either with or without intervening springs. | 
About 60% of the weight is carried directly on the axles. 

Maximum Equipment Line. The maximum equipment line for cars on 
third rail systems has been standardized as follows by the American Electric 
Railway Engineering Association and other interested bodies. 

Points Determining Maximum Equipment Line 

Distance out from 
gage line, inches 

Height above top | Distance out from Height above top 
of rail, inches gage line, inches of rail, inches 

0 24 9 
2-1/2 25-7/8 10-7/8 
2-1/2 31 10-7/8 
4-11/16 34-1/4 24 

Trucks. Cars not more than 20 ft. long can be satisfactorily carried on 
single trucks having a wheelbase of about 7 ft. Longer cars should have two 
trucks of the swivel type, having a wheelbase of from 4 ft. to 6 ft. 6 in., the 
shorter wheelbase being used where there are sharp curves. Maximum trac- 
tion trucks have unequal-sized pairs of wheels, the bolster being near the larger 
pair, to the axle of which the motor is geared. This has the effect of throwing 
from 70% to 85% of the total weight on the driving wheels, although only two 
motors are used on the car, an especial advantage where high acceleration is 
desired. 

Wheels. Electric railways use the standard gage of 4 ft. 8-1/2 in. A 
typical standard form of wheel flange is shown in Fig. 46. 

Extra for Cust Iron a 

Wheels not less than % 

Fig. 46. Standard Sections of Wheel Flanges 

14. Locomotives 

General. Electric locomotives, unlike steam locomotives, can be made of 
practically any desired power capacity without excessive complication and 
without increase in the number of operators. This arises from the absence of 

boilers and the possibility of controlling a number of motors or even a number 
of complete locomotive units as if they were a single unit. 
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Rating. The rating of electric locomotives is usually expressed in terms of 
the weight on drivers, the nominal 1-hour tractive effort, the continuous 
tractive effort and corresponding speeds. 

(a) Weight on Drivers. The weight on drivers, expressed in pounds, shall 
be the sum of the weights carried by the drivers and of the drivers themselves. 

(b) Nominal Tractive Effort. The nominal effort, expressed in pounds, 
shall be that exerted at the rims of the drivers, when the motors are operating 
at their nominal (i-hour) rating. (See Art. 15.) 

(c) Continuous Tractive Effort. The continuous tractive effort, expressed 
in pounds, shall be that exerted at the rims of the drivers when the motors are 
operating at their full voltage continuous rating. (See Art. 15.) 

In the case of locomotives operating on intermittent service, the continuous 
tractive effort may be given for one-half or three-fourths voltage, but in such 
cases the voltage shall be clearly specified. 

(d) Speed. The rated speed, expressed in miles per hour, shall be that at 
which the continuous tractive effort is exerted. 

Classification. Locomotives may be classified as follows, with reference 

to trucks: 

1. Rigid wheelbase. 
(a) Without leading and trailing trucks. 
(b) With leading and trailing trucks. 

2. Separated bogie truck (the trucks being connected through the upper frames as 
in a car): 

(a) Symmetrical. 

(b) Unsymmetrical. 

3. Articulated (wherein the two trucks are hinged back to back). 

All of these types of locomotives are practically steady at speeds under 40 

“mph., but above this speed marked differences appear: the steadiest riding 
machines, according to G. Gibbs, having high centers of gravity and long un- 
symmetrical wheelbases. Considerable difference of opinion prevails in regard 

to proper mechanical design for high speeds. 

Transmissions. Motors are connected to locomotive drivers by the follow- 

ing forms of transmission: 

(a) Gearless, the motor armatures being mounted direct on the axles. 

(b) Gearless quill, each motor armature being mounted on a hollow shaft or quill 

which surrounds the axle, but is free with respect to it. At each end of the quill is a 

disk having projecting arms which fit into spaces between the spokes of the driving 

wheels. The arms are connected to the driving wheels by springs which tend to keep 

the arms centered between spokes but allow sufficient play to relieve the excessive 

starting stresses in the armature. 

(c) Direct gears, the motors being mounted either between or over the axles, a motor 

having a pinion engaging a gear wheel on the locomotive axle. 

(d) Quilled gears, the gear wheel being on a hollow shaft or quill which engages the 

drivers through springs, thereby relieving both the armature and gears of excessive 

starting stresses. 

(e) Cranks and Scotch yoke, in which two motors are connected together and 

have crank shafts which operate three sets of drivers. 

(f) Crank and countershaft, in which the motors are located above the tracks and 

are connected through a countershaft to side rods joining the drivers. 

Control.’ Practically all modern electric locomotives have multiple-unit 

control, so that two or more locomotives may be coupled together under the 

control of one operator. Indeed, some locomotives consist of two sections — 
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each of which is virtually a separate locomotive — coupled together per- | 

manently. t 

Weight. The weight per driver axle for high speed locomotives should not 

exceed 40 000 lb. with ordinary track, and 50 000 lb. with very good track, 

and in slow-speed service more usual weights are 15 000 to 20 000 lb. per 

driver axle. European practice indicates a maximum of 35 000 to 40 000 lb. 

er axle. 
P The weight in pounds per foot of total wheel base usually varies from 4500 

to 7500 Ib., but is occasionally as high as 11 000 Ib. 

The following weight analysis by E. P. Burch (Electric Traction for Railway 

Trains) is based upon data for about twenty representative American and 

European locomotives. 

Weight Distribution, Electric Locomotives 

Per cent 

Distribution of i i Motor- 
weight generator 

Ave. 
43 

30 
Transformer 6 

Other electrical parts.... 21 
Hp. 1 hr. per ton, about.|....... 8 

The mechanical parts of direct-current locomotives are high in percentage because 
the total weights are low. Three-phase motor weights appear high because European 
designers use light frames. 

15. Motors and Controllers 

Selection of Motor. The following information, relative to the service to 
be performed, is required, in order that an appropriate motor may be selected. 

(a) Weight of total number of cars in train (in tons of 2000 lb.) exclusive of electrical 
equipment and load. 

(b) Average weight of load and durations of same, and maximum weight of load and 
durations of same. 

(c) Number of motor cars or locomotives in train, and number of trailer cars in 
train. 

(d) Diameter of driving wheels. 
(e). Weight on driving wheels, exclusive of electrical equipment. 
(f) Number of motors per motor car. 

(g) Voltage at train with power on the motors — average, maximum and minimum. 
(h) Rate of acceleration in miles hour per second. 
(i) Rate of braking (retardation in miles per hour per second). 
(j) Speed limitations, if any (including slowdowns). 
(k) Distances between stations. 
(1) Duration of station stops. 

(m) Schedule speed including station stops in mph, 
(n) Train resistance in pounds per ton of 2000 lb. at stated speeds. 
(0) Moment of inertia of revolving parts, exclusive of electrical equipment. 
(p) Profile and alignment of track. j 

(q) Distance coasted as a per cent of the distance between station stops. 
(r) Time of layover at end of run, if any. 

} 
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Rating of Motors. The one-hour rating of a railway motor shall be the 
output at the motor shaft measured in horsepower (or kilowatts) which the 
motor can carry for one hour on stand test, starting cold, at its rated voltage 
and frequency (in case of alternating-current motor) with the ventilation 
system as in service without exceeding the temperature limits given in the 
table of limiting temperature rises. 

The continuous rating of a ventilated-railway motor shall be the output at 
the motor shaft measured in horsepower (or kilowatts) which the motor can 
carry for an unlimited period on stand test, at its rated voltage and frequency 
(in the case of alternating-current motor), with the ventilation system as in 
service without exceeding the temperature limits given in the table. Direct- 
current ventilated railway motors may also be given a continuous rating in 

amperes at full, three-fourths and half-rated voltage. 
The continuous rating of totally enclosed direct-current railway motors shall 

be given in amperes at three-fourths, and half rated voltage. 

In the absence of any specification as to the kind of rating the one-hour 
rating shall be understood. 

The ratings of a field-control direct-current motor shall relate to its per- 
formance with the field connection which gives the maximum motor rating. 

(This is usually the minimum field.) Each section of the field winding shall 

Limiting Temperature Rises 

Limiting temperature rise, 
deg. C. 

Method of é 

temperature One-hour Continuous 
determina- rating rating 

employed |Class A/Class B|Class A|Class B 
insula-| insula-} insula-|} insula- 
tion tion tion tion 

Resistance 100 120 85 105 
Ventilated |——_—_—_——————] —_— i ——_—i—c— 

Armature and field Thermometer 80 95 65 80 

1 | winding Se ripe TALE Bai (EER Fac | fuse cere Ries Se 
i 13 11 Totally * Resistance 110 0 9 

enclosed 90 | 105 75 90 

80 95 65 80 

90 105 75 90 

95 110 80 95 

105 120 90 105 

4 |Miscellaneous parts (such as brush holders, brushes, pole tips, etc.) other than 
those whose location is such that they may injuriously affect the adjacent 
insulation may attain such temperatures as will not be injurious in any other 

respect. 

* The temperature rises of totally enclosed motors are taken as 10° C. higher than 

the ventilated motors since the cooling on stand test will be inferior to that obtained 

in service. 
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be adequate to perform the service for which it is designed without exceeding 

specified temperature rises. 

Voltages. Direct-current motors are usually made for line voltages of 500, 

550 or 600 volts and sometimes for 1200 volts or somewhat more, On 2400- 

volt lines, it is usual to have the motors in pairs connected permanently in 

series. 
Alternating-current single-phase motors, are usually made for 400 to 500 

volts, the required voltage being obtained by transforming down the line volt- 

age by means of a transformer or auto-transformer on the train. 

Weight. Motors vary in weight from 30 lb. per horsepower (40 lb. per 

kilowatt) for the largest sizes (200 hp.) to 70 lb. per horsepower (93 lb. per 

kilowatt) for the smaller sizes (35 hp.), the ratings being the nominal. 

Controllers. The speed of direct-current motors is controlled by connecting 

resistance in series with the motors, by connecting the motors at first in series 

and then in parallel, and sometimes by varying the strength of the fields. 

Alternating-current motors are similarly controlled, except that auto-trans- 

formers are used instead of resistances. 
The direction of rotation, in both kinds of motors, is changed by reversing 

the current in either the fields or armature, this being usually accomplished by 
rotating an auxiliary handle of the controller. 

The type K controller is largely used for light weight cars, and consists of an 
operating handle which moves a cylindrical drum with projecting contact 
pieces which come in contact with stationary fingers. The first three points 
correspond to accelerating steps, by means of which the resistance in series 
with the motors is gradually cut out. The fourth step, full series, gives about 
half speed and is a continuous running point. The following steps restore the 
resistance and put the motors in parallel. The last step leaves the motors in 

parallel without any resistance. 
Multiple-unit control is used on large cars, especially where the combined 

motor capacity exceeds 300 hp. The equipment consists of a small master 
controller which enables a comparatively weak current to operate contactors 
large enough to make the necessary changes in the circuit, as in the case of type 
K controllers. The master controller on any car will operate the contactors 
on all cars, if a jumper cable be run from car to car connecting together all the 
control circuits. 

The weight of control equipment of type K varies from 1200 to 2250 lb., and 
of multiple-unit equipment from 2800 to 3200 lb. 

16. Brakes 

General Principles. Practically all existing brakes make use of the fric- 
tional adhesion between the wheels and track, and between the brake shoes 
and wheels. The frictional adhesion between wheels and track varies from 
15% to 30% of the weight on the wheels. An adhesion of 15% applies to 
normal track and the higher values to sanded track. This refers to rolling 
friction; if the wheel begins to slide, the coefficient of friction drops. For this 
reason braking must be such as to to allow the wheels to slip. The frictional 
adhesion between brake shoes and wheels is. given by the formula, 

_ 140.000 472 1 jp sees 
1+ 0.00 23907 ’ 
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where i = coefficient of friction after elapsed distance /; 

] = distance wheel has traveled in frictional contact with the brake 

shoe; 

F = coefficient of brake shoe friction at speed and pressure at which 

brake shoe was applied at the beginning of the distance / 

pee 7 
~ 41+0,02933 S 

The braking retardation depends upon the various factors involved, approxi- 

mately as indicated by the following formula: 

a = 0.01098 k (Ph +fW); 

,, where S = speed, mph. 

where a = retardation, mph. per second; 

& = ratio of linear inertia to total inertia of train; 

P = total braking pressure applied normal to wheel treads by brake 

shoes, pounds; 
= coefficient of brake friction; 

= train resistance, pounds per ton weight of train; 

W = weight of train, tons. 

If we neglect rotational energy and train resistance 

a) 

a = 0.01098 R ? . W 

where R = total retarding force, in pounds. 

The usual rate of retardation for multiple-unit electric trains is from 1.5 to 

2.0 mphps., and on street cars from 2 to 2-1/2 mphps. 

Construction. Any brake which depends upon the friction between the 

wheels and brake shoes is composed of four parts; the shoes, the truck rigging, 

the foundation rigging and the source of braking force. 

Brake Shoes. In order to avoid excessive costs for the renewal of brake 

shoes, the weight should be limited so that no individual shoe should weigh 

more than 24]b. To avoid an excessive loss of weight in scrap, the minimum 

weight should be 20 lb. The cast iron should be closely granular, of uniform 

texture and with the combined and graphitic carbon evenly balanced. The 

graphitic carbon should be in the form of nodules rather than flakes. 

Wear averages 3.75 to 6.5 Ib. per 1000 wheel-miles and the minimum scrap 

weight should be 6-1/4 Ib. per shoe; at 5-1/2 lb. there is danger of cutting the 

head. 

Ordinarily, brake shoes are placed to bear on the inside of the truck frame; 

that is, between wheels. With this arrangement, it is possible, by varying 

the angularity of the hanger link, to introduce a force which will equalize, to 

any desired degree, the transfer of weight from the rear to the forward axle. 

Truck Rigging. The braking force must be distributed equally between 

the brake shoes, or there will be danger of sliding the wheels. Separate levers 

are used for each shoe. On double-truck cars, which must travel around 

sharp curves, the bar connecting the brake levers is made of circular form, 

and is then known as a “ radius bar ”. and the brake pull rod is connected to 

it through, a roller working in a clevis, which allows the brakes to act in 

spite of the swiveling of the truck. 

Foundation Brake Rigging. The pull rods which pull on the radius bar 

rods are each attached to one end of the cylinder levers, the centers of these 

levers (which are normally about parallel) being joined by arod. The other 

ends of the cylinder levers are connected to the piston and the slack adjuster, 

respectively. 
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The purpose of the slack adjuster is to pull back the piston without loosening 
the brakes in case it travels so far as to unduly reduce the cylinder pressure. 
This is usually accomplished by causing the excess piston motion to operate a 
device which shifts the fulcrum of one of the cylinder levers. The normal 
piston travel is 8 in. on standard equipment. 

Hand Brakes. It is usual to provide all cars with hand brakes, even if also 
equipped with air brakes. Hand brakes communicate their motion to the 
foundation rigging by means of a chain which winds on the brake staff at one 
end and is attached, through a multiplying lever, to the pull rods. In high- 
ratio hand brakes, the bottom of the brake staff carries a gear, the chain con- 
nection being made through the meshing gear. 

Air Brakes. Air brakes have the advantage of being capable of quicker 
application than hand brakes, and they save power both by permitting more 
coasting and by making sure that the brake shoes do not rub when the car is 
running, a condition which frequently occurs with hand brakes due to the 
desire of the motorman to be able to apply the brakes as quickly as possible. 

The maximum pressure of the brake shoes on the wheel may be definitely 
limited by proper design and wheel skidding prevented. Air brakes also re- 
lieve the motorman of severe manual strain. 

There are two kinds of air brakes: the “ straight ” and the “ automatic.” 
In the former, the pressure of a main reservoir acts directly on the foundation 
rigging; in the latter, the pressure comes from an auxiliary reservoir, the main 
air pressure being used to control the admission of air to and from the auxiliary 
reservoir and to release the air from the brake cylinder to the outside atmos- 
phere. In “ straight ” air brakes, the control consists essentially of a valve 

which can connect the cylinder to the main reservoir, can disconnect the cylin- 
der yet allow it to retain the air, or can release the air fromit. This system is 
used for single car operation. 

In long trains, the air has so far to flow from the reservoir on the forward car 
or locomotive that the brakes on the rear cars are applied later than on the 
front cars. This may impose severe stresses in the draw bars and may cause 
the train to break intwo. This trouble does not exist with the “‘ automatic ’” 
air brake. In this system, under normal running conditions, the auxiliary 
reservoirs on each car are fully charged to the pressure of the train pipe and 

the brake cylinders are open to the atmosphere. To apply the brakes, the 
train pipe pressure is reduced, an air operated “ triple valve ” automatically 
disconnects the auxiliary reservoir from the train pipe and connects it with the 
brake cylinder, meanwhile closing the cylinder exhaust. Where rapid brake 
applications are desired on long trains, the air-operated triple valve is not fast 
enough, and electrical train lines are now being used for this purpose. 

Inspection of Air Brakes. The American Electric Railway Association 
gives the following instructions for inspection: Start the air pump to its maxi- 
mum capacity; see that brake-valve handle is in release position and where 
automatic air is used see that gages indicate 20 lb. difference between train line 
and auxiliary. If they do not, the governors need to be reset. Apply brake 
to show reduction of 401b. Place brake-valve handle to lap position; see that 
air gage operates properly and that no leaks are in or around the brake-valves 
or pipes leading thereto; examine all pipes, reservoirs, triple valves, cylinders, 
etc., while brake is set and see that none are leaking and that brake does not 
release while the brake-valve handle is in lap position. If the cylinder piston 
has a travel of more than 5 in. an adjustment of brakes is necessary. Where 
slack adjuster is used, see that it is placed to its minimum of travel before any 
adjustment of brakes. 
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Inspect all shoes and see that they are in alignment with the wheel so that 
none are broken and renew those that will not give sufficient wear until the 
next inspection. 

In renewing brake shoes put shoes of same thickness on opposite wheels, be 
they either old or new. 

Examine all keys, bolts, pins, beams, turn-buckles, rods, etc., and lubricate 

where necessary. 7 

Compressors. Independent motor-driven air compressors are most com- 
monly used for air brakes, and are usually directly connected. Compressors 
should be of a size such as will not be required to operate more than one-third 

the time. 

17. Car Heating 

General. Street cars should be heated to a temperature of 55° to 60° F. 
which is found to be comfortable for passengers in street attire. Suburban 
and interurban cars, which have longer runs, should be heated to between 
65° and 70° F. in order that the passengers may be comfortable without their 

wraps. 

Systems. Three systems of heating are in use on modern railways. The 

steam boiler, hot water furnace, and the electric heater. Steam is used on 

locomotive trains, hot water for some interurban cars making long runs and 

electric heaters for urban cars and most interurban cars. In locomotive trains, 

the steam boiler is oil-fired and built into the locomotive or carried on a tender 

behind the locomotive. 

Electric Heating. The electric system of heating, although more expensive 

to operate than the others, finds the greatest favor for urban and interurban 

service and has the advantage of good distribution of heat, cleanliness, ease of 

regulation, low fire hazard and no attendance. 

Electric heaters are all equally efficient in regard to the amount of heat 

developed byt may differ in respect to durability and cost of maintenance. 

They are usually made of resistance wire wound on porcelain forms, but some- 

times the wire is embedded in insulating material. The latter type has greater 

heat storage capacity than the former. 
The power required for car heating is as follows: 

Power for Car Heating 

ki tts for heatin, Lougtivelicar, Average kilowatts for 4 

feet Average conditions | Severe conditions 

14 to 20 4, 

20 to 28 pe 

28 to 34 (hae) 

34 to 40 10.5 

CAR BARNS AND OTHER BUILDINGS 

18. Car Houses and Inspection Sheds 

General. Car houses are used for the storage and inspection of street and 

interurban cars and on small railways are combined with the repair shop. On 

electrified railroads, car houses are for inspection only, as out-of-door storage 

is the usual practice. 
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When about to design a car house, the engineer should first acquaint himself with 

municipal and underwriters’ regulations and, conforming with these, should provide 

room for car storage and inspection, administration offices, line department, road de- 

partment, car employees’ lobby, car sign storage, sand drying and storage, salt storage, 

oil storage, wash-room and toilets. 

Concrete foundations are used for walls and columns, and the walls are 
usually made of brick; but where cheapness is essential, a mill frame with 2-in. 
cement curtain wall may often be used. Heavy wooden columns and roof 
trusses are generally used; although cast-iron columns are favored by some 
designers. Wooden roofs covered with felt, pitch and gravel are usual, and 
they are provided with copper flashings and counter-flashings of either copper 

or lead. 
Floors are made of concrete with cement finish, and are sloped to provide 

ample drainage. It is especially important to keep the inspection pits clear of 

water. 

Inspection Pits. Inspection pits are placed between the rails and are 
usually 4 ft. 6 in. deep below the top of rails. The track rails are carried on 
wooden stringers (usually 10 by 12) on the masonry side walls of the pit. 
More modern practice in large car houses is to have a basement as deep as an 
ordinary pit but extending under all the tracks. In this case the track rails 
are supported on stringers or T-beams resting on posts, 

Tracks. Car tracks should be spaced not less than 11 ft. between centers 
where there are no posts between tracks, and not less than 13 ft. where there 
are posts. Ordinary T-rails are used. The dead ends of the car-house 
tracks should be provided with bumpers. The trolley wire should be at least 
16 ft. 6 in. above the top of rail in order to avoid injuring the trolley springs 
by keeping them in undue compression. It is usual to support the trolley 
wire on a flat board to prevent the trolley rising and striking the building 
structure if it should leave the wire. 

Tracks at Entrance. The tracks at the entrance to the car house should be 
be designed to facilitate the rapid entrance and departure of cars with the least 
interruption to traffic on the main tracks. This is sometimes accomplished 
by having an extra track in front of the car house and running all storage 
tracks into it; the extra track being connected at either or both ends to the 
main tracks. 

Heating. Car houses are best heated by means of a blower system where 
the air is blown over steam coils and through the building. The heating plant 
should be either in a separate building or enclosed in fireproof walls. 

Doors. Where there is sufficient clearance, swinging and sliding wooden ° 
doors are preferred; but where space is restricted, rolling steel doors are used 
for large openings. 

Lighting may be either by incandescent lamps or mercury vapor lamps, 
the former being most usual. Lamps should be fed, wherever practicable, 
from a regular lighting system, as the voltage fluctuations of the trolley or 
third rail circuit are usually excessive. Where, however, the lights must be 
fed from the traction circuits, the requisite number of lamps must be grovped 
together in series. The pits or basements should be well lighted. 

Painting. Car-house walls are usually covered with cold water paint except 
for distances of several feet from the ground, where oil paint is to be preferred. 

Fire Risks. Due to the great value of cars and the loss of revenue which 
would result from their destruction, it is important to make the fire risk as low 
as possible by the adoption of the following precautions: 
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(1) Use of automatic sprinklers. 
(2) Provision of two sources of water supply such as mains and tank. 
(3) Division of building by fire-proof walls. The underwriters stipulate that no 

section shall contain cars to the value of over $200 000. 
(4) Avoiding proximity to inflammable buildings. 
(5) Having ample provision of water pails, sand pails, chemical extinguishers and 

short hoses, the last being usually 2-1/2 in. in diameter and provided with 1-1/8-in. 

nozzles. , ms 
(6) Locating car house near a fire station. 

(7) Building tracks on a grade so that cars may be easily pushed out by hand. 

(8) Having numerous auxiliary fire alarms. 
(9) Consulting underwriters when planning. 

The Operating Force should be located at the front of the house and starters should 

be in a position to see all incoming and outgoing cars. 

19. Repair Shops 

General. Car repair shops are used for the repair and renovation of cars 

and are generally similar in construction to car houses, being often combined 

therewith. The details of building construction, heating and lighting given 

under Car Houses apply equally well to car shops, except that only about half 

Space Distribution in Car Repair Shops 

Per cent of floor area 
occupied 

Work of department Depart- Depart- 

ments ments 

with * without 
car tracks | car tracks 

Repair shop General repair work on cars: 

(a) Main repair shop 
(b) Truck repair shop 

Machine shop...| Metal work on parts, including 

slotting commutators 
a i 

Blacksmith shop.| Forgings, welds, etc., on parts 

Carpenter or | Heavy repairs on car bodies 

erecting shop. 

Store-room and | Stock storage exclusive of heavy 

offices. material 

Electrical shop. . | Electrical repairs to armatures, 

etc., except as cited under No. 2. 

Machine work on wood 

Paint shop and | Painting of cars and storage of 

wash-rooms. painting materials, etc.: 

(a) General paint shop 

(b) Cabinet room, varnish room. . 
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the floor area need be equipped with tracks, the remainder being devoted to 

departments where unassembled parts are handled. Where tracks are in- 

stalled, the usual spacing is from 15 to 16 ft. between centers. 

Heating. While large repair shops are usually heated by the blower system 

(see “ Car House ”’), an exception must be made in the case of the paint shop 

where direct radiation is preferred. Small shops are usually heated directly 

by steam or hot-water radiators. 

Space Distribution. The table on 2153 gives the principal subdivi- 
sions of a typical repair shop with the average space distribution, the actual 
space required being from 140 to 240, averaging about 200 sq. ft. of shop floor 
per car owned, exclusive of yard space or transfer tables. Other departments, 
not included in the table either because they are affected by the amount the 
shop depends upon outside aid or because of their smallness, are: Dry kiln, 
lumber store, boiler room, brass foundry, pattern store, indoor transfer table, 

locker room and toilets. 

Means for Moving Cars. Cars are lifted by any of the following means: 
Traveling cranes, jacks, hydraulic lifts, screw hoists and chain hoists. Travel- 

ing cranes are generally used except in the smallest shops. " 
Transfer tables are preferred to ladder tracks for moving cars between de- 

partments. 

Proportion of Cars in Shops. The percentage of cars in the shops varies 
from 8 to 12 depending upon the quality of the equipment, and its usage. 

Storage Space around Shops. Shop buildings should be surrounded with 
sufficient ground to serve for storage of trucks, lumber, scrap material, etc. 
The total area of land required for shops and storage varies from 1 to 2 acres 
per 100 cars owned, depending upon whether all departments are concentrated 
in one building or scattered among several. 

SIGNALS AND TRACKS 

20. Signals 

General. The purposes of signals are to promote safety and to increase 
line capacity. 

In addition to audible signals such as bells, whistles, and torpedoes, movable 
visible signals, such as lanterns, flags and fuses, single-aspect fixed signals 
such as slow, stop, whistle and drawbridge signs, electric railways use two- 
aspect or three-aspect fixed signals, such as switch targets, train order signals, 
interlocking signals and block signals. 

Signal Indications. The two- or three-aspect fixed signals are either sema- 
phores or lamps, or more commonly, a combination of both. Where sema- 
phore signals are used, they are usually arranged to indicate three positions in 
the upper right-hand quadrant. These positions are, horizontal for “ stop,” 
45 deg. for “ proceed with caution ” and vertical for “‘ proceed.” 

Where semaphores have pointed ends, the horizontal position indicates 
“stop and proceed ”’ and 45 deg. indicates “‘ proceed, next signal at stop.” 

Where colored lights are used, a large variety of indications may be obtained, 
a simple set of which would be as follows: 

Red 
Red | Stop and stay 
Red : 
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Red Stop and proceed 

Yellow 

Yellow 
Yellow 
Yellow 

Green 

Green ? Proceed 
Green 

Proceed, next signal at stop 
7 

A “stop ” signal combined with a yellow flag indicates “ proceed under con- 
trol, prepared to stop short of any obstructions.” 

Location of Poles. The standard location for a signal pole is 7 ft. 9 in. from 
the center of the track to the center of the pole, with semaphore 15 ft. from top 
of rail to bottom of arm. The wooden blade of the semaphore is 3 ft. 6 in. by 
7 in. and from top to vertical projection of center of rotation when horizontal 
is 3 ft. 11-1/2 in., the center of rotation being 16 ft. 7 in. from top of rail. 

Lenses.~ (a) For high-speed interurban service, a lens not less than 8-3/8 
in. in diameter should be used on all light signals operated by continuous track 

circuits. 
(b) For moderate speed roads, a lens not less than 5-3/8 in. in diameter 

should be used where light-signals are operated by trolley contact or other end- 

set devices. 

Manually Operated Signals. Signals employing a wire circuit are used 
on the shorter interurban roads and on some city roads. A typical system is 
shown in Fig. 47 in which a double-throw electric switch is installed on a pole 

Trolley Wire 

Signal Wire Lamps 

| Track 

Fig. 47. Manually Operated Signal System 

at each end of the block, so as to be accessible to the motormen. When a 

car enters the block at either end, the conductor or motorman throws the 

switch to the opposite position, thereby lighting the lamps at both ends. (If 

there is already a car in the block, the lamps will not light, as the motorman 

coming the other way will have thrown up his switch.) When he leaves the 

block he throws up the switch, thereby extinguishing lamps at both ends. 

The man on the next car puts down the switch and if it lights he proceeds, 

A light always means safety, whereas no light means unsafe. 2 

A development of this is a semaphore in place of lamps and automatic 

throwing of the switches by mechanical trip or magnet on the car. 

Manual Block System. This is similar to the system used on steam roads, 

wherein block signals are operated manually upon information received by 

telephone or telegraph. 

Controlled Manual Block System. This is similar to the simple manual 

block system except that the signals at the end of each block are interconnected 
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electrically, so that a clear signal cannot be obtained without the cooperation 

of the signalmen at each end of the block. 

Token System. This is a manual block system applied to single-track lines. 

In this system no train is allowed to occupy a block section without obtaining 

possession of a tablet, staff or other characteristic token. These tokens are 

taken from signals at the ends of blocks and form part. of an interconnected 

electric system, such that but one token can be removed at a time from a pair 

of signals, and until the token has been replaced in one signal, no token can be 

taken from the other. The possession of a token is authority to proceed. 

Where it is desired to admit two trains to a block, divided tokens are used, 

each train taking one, and no further tokens can be withdrawn until all of the 

pieces of the first are replaced. 

Automatic Block System. This is a system in which signals controlled by 

trains govern the entrance to each block, thereby affording both head and 

rear protection. 

Protection is obtained either by a sectionalized trolley wire, sectionalized 

track rails or short insulated sections of track rail at the ends of blocks. 

Due to the use of the track rails as part of the traction current circuit, some 

means must be adopted to keep the signal and traction currents separate. On 

direct-current railways, this may be accomplished either by bridging the insu- 

lated rail joints by inductance bonds, which permit the traction current to flow 

and choke back the alternating signal current, or by confining the traction 

current to one rail, and the signal current to the other, the latter system 

being favored where the track work is complicated, as in yards, junctions, etc. 

On alternating-current railroads, it is usual to reserve one track rail for 

signal purposes. 

Insulating Rail Joints. Insulating joints at the ends of blocks are made 

by inserting a piece of insulating fiber between the rail ends, insulating bush- 

ings around the bolts and a plate of insulating fiber between the joint plate 

and rails, the former being prepared especially for the purpose. 

Effect of Preservatives in Ties. Zinc-treated ties when new tend to short- 

circuit the rails, due to the conductivity of the zinc salts. Circuits 2000 Rs 

long may be operated successfully with 50% of ties so treated, but 5000-ft. 

circuits with all new zinc-treated ties will not operate. 

Crossing Protection. Automatic highway crossing protection is usually 
accomplished by means of a gong (200 cycles per min.) operated by a “‘ setting 

switch ” placed in the trolley wire at the approach to the crossing and a “ re- 

storing switch ” at the crossing. 

Dispatcher’s Signal Systems. These are for the operation of special signals 

to control train movement from a dispatcher’s office. ‘ 

One system has a pendulum of a different length at each signal, and a dupli- 
cate of each of these in the dispatcher’s office. When the dispatcher starts 
one of his pendulums, it makes and breaks an electric circuit, thereby periodi- 
cally energizing electromagnets near all the line pendulums. Only that pendu- 
lum which is synchronized with it starts into motion and it trips a release 
which both sets the signal and closes a sounder circuit in the dispatcher’s 
office, thus indicating that the signal has been set. 

Standard Practice. The reports of the Joint Committee on Block Signals for 
Electric Railways, American Electric Railway (Engineering) Association, give full 
details of actual and recommended practice. See proceedings American Electric 
Railway Engineering Association and A.E.R.E.A. Engineering Manual. The stand- 
ards cited in this article are those of the above association. 
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(By Walter Loring Webb) 

General. Track for interurban electric roads is identical with that for 
steam roads of equal carrying capacity except 
that the rails must be so effectively bonded as 
to facilitate the return of the current to the 
power house with minimum power loss and 
electrolytic effect. Urban tracks have thé addi- 
tional difference of requiring high rails to com- 
ply with paving and street traffic requirements. 

Rails. Some of the forms of high rails to- 
gether with suitable rail joints are shown in 
Figs. 48, 49 and 50. All such rails, being 
embedded in pavement and prevented from 

lateral displacement, are laid with close joints, 
no allowance being made for temperature 
changes. Being buried in the pavement the 
range of temperature is less than if fully 
exposed to the atmosphere, and temperature 
changes merely pro- " 

duce a harmless 
tension or compres- 
sion in the metal. 
This permits the 
use of welded « 
joints, which have 

the advantage of 
greater perma- 

nency, less cost for . 
maintenance and 
better conductiv- 
ity. 

Thermit Proc- 
ess: A mixture of 
powdered alumi- 
num and oxide of 
iron is placed ina 
crucible and ignit- 
ed. The chemical 
reaction develops 
a heat of about 
5000° F. The oxy- 
gen combines with 
the aluminum, and 
the iron becomes a 
molten low-carbon ; 
steel. The molten 
iron sinks to the 
bottom of the cru- 
cible. An iron pin, 
covered and pro- 
tected by an as- 
bestos washer, 
forms a plug for a 
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hole in the bottom of the crucible. When the iron is thoroughly melted, 

the pin is struck up so that the molten metal escapes from the bottom and 

pours into a mold which has been made surrounding the joint. The intense 

heat welds the ends of the rails together and to the molten iron surrounding 

them, producing a solid welded joint. : 

Jacobs process, as used by the Lorain Steel Co., is applicable only to new 

work. A flux is interposed between the ends of the rails; a comparatively small 

Fig. 50a. 

current of electricity starts chemical action in the flux which develops intense 

heat and heats the ends of the rails above the melting point of steel, the 

rail ends being forced together by hydraulic pressure. While the end of the 

tails are being heated, they are surrounded by the flux, which prevents air 

from oxidizing the rail ends and thus permits a clean strong weld. 

The bar weld process, see Fig. 503, as used by the Lorain Steel Co., welds 

two plates 18 in. long by 3 in. wide and 1 in. thick to the webs of the rails. 

Fig. 506. Standard Bar for Welding 

Each plate has three raised bosses on the surface, the bosses being the only 
portions of the plate actually welded to the rail web. The plates are pressed 
against the web witha pressure as high as 35 tons, while a current which may 
amount to 25000 amperes runs through the joint. The mechanism for 
making such joints is carried on a car and the current taken directly from 

the trolley wire. 

Repair of Broken-Down Joints. A reinforcement of the ends of the rails 
at a joint may be made by placing a welded chock under the head for support, 
as shown in the figure. See Fig. 50c. In case the ends of one or both rails 

Fig. 50c. Welded Joint with Head Support 

are broken down, it may be necessary to cut out a foot or more of old rail, 
replace it with new rail and make an extended joint as shown. By welding 
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a chock under the head at each end of the short piece, the rail ends are 
secured against breaking down. By such means the life of an otherwise 
worn-out track may be extended many years. See Fig. 50d. 

Fig. 50d. Welded Joint with Head Support of Special Length 

Track Gage. The convenience of operating standard-gage steam railroad 
equipment on electric roads has resulted in the almost universal adoption of 
standard gage (4 ft. 8-1/2 in.) for electricroads. Philadelphia (5 ft. 2-1/4 in.) 
and St. Louis (4 ft. 10 in.) are the most prominent exceptions to this rule. 
The flanges of wheels have conoidal surfaces and there are therefore no definite 

points on their surfaces between which the gage of the wheels may be meas- 
ured. The gage is therefore arbitrarily measured between points on the 
flanges 1/4 in. from (or below) the treads, and this gage-width for the wheels is 
made 1/4 in. less than the gage-width between rails. 

Track Clearances. The spacing between track centers for double track 
or turnouts depends on the width overall of the cars in use, and also indirectly 
on the speed, which would affect the clearance. The extreme width of cars 
out to out varies from 8 ft. to9 ft. 1in. This width plus the clearance, which 
usually varies from 5 to 13 in., equals the distance between track centers, 
which therefore varies from 8 ft. 6-1/2 in. in Philadelphia to 9 ft. 5 in. in Chi- 
cago. When streets are very wide, the clear distance between cars may be 
increased to 2 ft. For center-pole construction even greater space must be 

Fig. 51. Clearance for Car on Curve 

used and the distance between track centers may be increased to 15 ft. The 
large cars now commonly used overhang the track so much when going around 

sharp curves that the standard clearance between the tracks on the tangents 
is too narrow to permit the passing of two cars on sharp curves. It is fre- 
quently impossible to increase the track clearance so that the largest cars may 

pass on the curves, and it is then necessary to require one car to wait for an- 

other and not permit them to turn on the curve simultaneously. The amount 

of added clearance depends on whether the car is mounted on single or double 

trucks, its length (including the possible fender at either end) and the spacing 

between the center pins of the trucks. The simplest rule for determining the 
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extra width between track centers is to draw at a proper scale the curves at 

the desired radius, and draw a plan view of a car together with its wheel base, 

somewhat as shown in Fig. 51. The excess over the width of the car of the 

sum of the distances (a and 8 in Fig. 51) from the track center to the extreme 

projecting points of the car on both sides is the required excess in track clear- 

ance. When no excess clearance is provided, both tracks have a common 

center of curvature. By using curves with different centers of curvature and 

with suitable radii, the desired extra clearance may be obtained. Since the 

projection of the car over the rails varies with each change of curvature, the 

necessary combination of curves to provide sufficient clearance for a given 

type of rolling stock must usually be determined by trial. 

Transition Curves or Spirals should be used at the beginning and ending 

of all curves. The spirals for easy curves should be those already developed 

for steam railway work. The curves around street corners are usually so 

sharp that spirals having more rapid changes of curvature must be used. 

The manufacturers of “ special work ” now use spirals not only in construct- 

ing approaches to simple curves but also for branch-offs, Y’s, etc. The design 

of such spiral work may be left to them by furnishing them with the following 

items: (a) total central angle of curve, (b) total required clearance at center 

of curve between curb and nearest rail or distance from vertex to inner rail, 

(c) distance from rails to curb in each street. 

The American Electric Railway Engineering Association has recommended 

a system of spirals especially designed for the sharp curves of street railway 

work, which has been generally adopted. In principle, it is the Searles Rail- 

road Spiral, of multiform compound curves, but using much shorter chord 

lengths. Characteristics of these curves are quoted as follows: 

“ All spirals are similar to Searles Spirals and consist of compound curves 

composed of a series of circular arcs of equal length. 
“ Rate of change of central angles of arcs is uniformly one degree. 
“ Corresponding angles and angular functions of all spirals are the same. 
“ Corresponding lineal dimensions of all spirals are proportional in their 

respective arc lengths. 
“ For convenience the base spiral has arc lengths of 10.0 ft. 
“ The number of any spiral is the length in feet and tenths of its individual 

circular arcs measured on the center line of standard gage track. 
“ C = central angle for any arc. S = total central angle of spiral. 
“ 4 = arc lengths. R = radius for any arc = 360 A/2 tC = 57.2958 A/C. 

“ Cand S are the same for corresponding arcs of all spirals. 
““ 4 is constant for each spiral and its center line length in feet and tenths 

is the same as the spiral number. 
“ The standard spirals are numbers 4.0, 4.5, 5.3, 6.5, 8.5 and 10.0. 

The coordinates for the commonly used “‘ 5.3 plain end spiral”’ are tabu- 

lated herewith. 

Hie ute dew CUS Uma ag 
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Fig. 51, which is drawn to scale, graphically illustrates the form: of one of 
the spirals using six chords. The spiral commences at B’ (or B) witha radius 
of 301.313 ft. At the end of sucha curve 5.259 ft. long, the curve compounds 
into a cutve with 149.480-ft. radius, and so on to the end of the spiral at the 

point C’, At the other end of the uniform circular curve (C), the spiral is 
repeated in inverse order. ! i 

Each system of chord lengths (5.3, 6.5, etc.) has a corresponding “switch 
easement ” system “ which will permit the conversion of a plain curve into a 

T= 90.816 

Dimensions are for No. 6.8 Spiral, 6 Chords 

Fig. 52 

branch-off with a minimum disturbance of existing work.”’ The total angle 

S of the spiral is the same and the sharper-curved part isidentical, but the flat- 

ter part of the spiral is modified so that 4 switch may be subsequently intro- 

duced with a minimum change in trackage. 

A 25-page book of tables gives the ordinates and other measurements for thé 

various spirals and their corresponding switch easements. 

To Select a Curve with Spirals. Given the central angle A and the desired 

external distance E from the intersection of the tangents to the desired middle 

point of the inner rail curve. As a trial R’ = Bjexsec 1/2 A, which gives the 

radius of a simple curve through that point and connecting the tangents. 

The radius R for the central part of the curve must be somewhat less than R 
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and also somewhat less than the radius of the last chord of the spiral which 
it is proposed to use. For example, with A = 100° 20’ and E = 21’, R’ = 
37.424. (Note that R, E and R’ here refer to the gage line of the inner rail 
and not to the track center line.) The proper spiral must be selected by trial, 

perhaps after several computations. The six-chord spiral, No. 5.3, shown in 
the tabular form and Fig. 52, has for ordinates at the end of the spiral, X = 
4.012; Y = 30.494; and S = 21°0’. 

— Eoost/2A—X ___Ecosi/2A—X 
~cosS —cosl1/2A 2sin(S+1/4a)sinl/4a 

The central part of the curve, with radius R, has a central angle ofa = A—2S 
= 100° 20’ — 42° 0’ = 58° 20’. Solving the above equation, R = 32.215 ft., 
which is less than the radius of the sixth chord, which is 48.257 ft. Similar 
computations for a seven-chord, and for an eight-chord, spiral would show 
them as possible solutions, but the radius R would be reduced to 30.375 ft. 
and 28.084 ft. respectively. The easier radius would evidently be preferable. 
The distance from the vertex V to the point of tangency B (and B’) is 

sin 1/2a 
Ts = <a et esd. +¥Y 

which on the above basis, = 59.815 ft. 
As another example, where the central angle is comparatively small, assume 

a curve in a track following a highway, where the central angle A = 30° 20’ 
and the maximum permissible distance E = 6.5 ft. A simple curve (inner 
rai] curve) through the desired middle point and joining the tangents will have 

the radius R’ = E/exsec 1/2 A = 6.5 ft./exsec 15° 10’ = 180.11 ft. R must 
be somewhat less than this. Using the first three chords of a 10.0-ft. plain 
end spiral, the ordinates of the end of the third chord point are X = 1.210 ft. 
and Y = 29.715 ft. S° = 6° 0’. Solving the above equation for R, we find 
R = 171.73 ft., which is less than 188.632 ft., the radius of the third chord of 
the spiral. 

Spacing of Turnouts; Single-Track Road. Economical and efficient opera- 
tion absolutely requires that turnouts shall be located as nearly as possible at 
the points where the cars will naturally meet (according to the system 
adopted) without requiring one car to wait for another at any meeting point. 
Before these meeting points can be determined, the maximum number of cars 
to be operated on one section and their effective schedule time must be known. 
When there are unusually steep grades on the line which will cause certain 
sections to be run more slowly than others, allowance must be made by a cor- 

responding shortening of the sections having the steep grades. The necessity 

for slow speed through village streets and the possibility of comparatively high 
speed through the open country or on private right-of-way, and even excessive 
curvature, will have substantially the same effect in modifying the distance 
between adjacents turnouts. The principles of spacing turnouts may be best 
stated by anexample. Assume a road 6 miles long, operating six cars; assume’ 
maximum velocity of 20 miles per hour with stops averaging 800 ft. apart. 
Assume that the grades are equivalent to an average of 2%, but that there is a 
half-mile stretch of 6%. The energy which will move the car at 20 miles per 
hour on a 2% grade will move it only 9 miles per hour on the 6% grade. The 
half mile will require 200 sec., which at 20 miles per hour would run the car 
1-1/9 miles or 5867 ft. Therefore that half-mile stretch must be increased to 
5867 ft. in Fig. 53, and the virtual length of the line must be considered as in- 
creased by 5867 — 2640 = 3227 ft. = 0.61 mile, or that the line is virtually 
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6.61 mileslong. (On the basis of 10-sec. stops every 800 ft:, 20 mph: maximum 
velocity, and an acceleration (and deceleration) of 1.25 mphps., the mean 
velocity will be 10.2 miles per hour and the entire 6.61 miles will be run in 
38.9 min. With an allowance of say 6 min. for terminal wait, the run must be 
practically on 45-min. schedule. Lay off on profile or cross-section paper, at 
suitable scales, times as vertical ordinates and distances as horizontal spaces. 
The 2640 ft. of 6% grade is expanded to the 5867 ft. of virtual distance re- 
quiring the same time interval. Two’ inclined lines represent the course of 
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Fig. 53. Chart to Determine Location of Turnouts or Passing Points 

the car during the round trip. The six cars run at 15-min. intervals. The 

location of the meeting places is graphically determined. The location of 
turnout (¢) must be détermined by scaling 2640/5867 of the space from m 
(or n) from the line (c). From the above example the following general prin- 

ciples may be determined: 
(a) The number of cars is one greater than the number of turnouts. ; 
(b) The running time between consecutive turnouts is one-half the running- 

time interval between cars. ‘ ; Reo 

(c) The time interval between consecutive turnouts 1s necessarily uniform 

throughout. ; eka ; 

(d) When, as illustrated above, the velocity for any section is necessarily 

reduced, the spacing must be reduced accordingly. Ae 

(e) If variation in traffic density seem to require a temporary or periodical 

reduction in number of cars, it must be done by cutting out one or inore cars 

from the régular schedule, or perhaps by cutting out every alternate car, and 
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operating the others precisely as before. This merely means that some turn- 

outs are not always utilized. 

(f) Since in the example given the lay-over is 6 min. and the time interval 

between successive car passings at (a) is 15 min., the time interval from the 

terminus to (a) is 9 min. and the distance is 0.6 times the normal distance be- 

tween turnouts. The distance between (¢) and the other terminal is the same. 

There are therefore 4 + 0.6 + 0.6 = 5.2 intervals in the virtual distance of 

6.61 miles. The interval is therefore 6.61/5.2 = 1.271 miles, = 6711 ft., 

which is the distance (a) to (6) and (d) to (e). If (6) to mis 920 ft., then m to 

(c) is virtually 6711 — 920 = 5791 ft., which multiplied by 2640/5867 = 

2606 ft., the actual distance. The spacing from (b) to (c) is therefore 

920 + 2606 = 3526ft. 5867 — 5791 = 76, which multiplied by 2640/5867 = 

34 ft., the true distance from (c) to m. Asa check, 2606 + 34 = 2640. (a) 

and (e) are each distant from their termini by 6/10 of 1.271, or 0.76 mile. 
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INDEX 

ARTHUR R. HOLBROOK 

Numbers refer to pages. Where a subheading is meant to precede the heading 

it is so indicated by ending the subheading with a dash or a preposition. 

Abrasion, machines, 603 
tests, paving materials, 1913 

Abscissa, 45 
Absolute temperature, 259, 328 
Absorption, of light, materials, 255 

of sound, coefficients, various mate- 
rials, 277 

tests, concrete aggregates, 1028 

stone and brick, 616 
water —, non-metallic materials, 644 

Abutments, 1105 
arch —, 1007-1008 

economic spacing of, 967 
thickness, 968 

architectural details of, 995 
bridge —, 1007 
hollow —, 1008 
U —, 1007 

Acacia, physical properties, 251 
Acceleration, angular —, 119 

constant, electric locomotive, 2114 
force and, 120, 121 
of gravity, 117, 1312 
rates, steam and electric locomotives, 

2113 
time and space graphs, 116 
of train, 2096 

Accidents, motor vehicle —, 1976, 1977 
railroad —, 2085-2086 

Acetylene gas, properties, 254 
Acid, action on concrete, 1020 

picric —, explosives, 249 
steel, 629, 630, 631, 632 

Acre-foot and -inch, irrigation units, 
1656 

Acres, equivalents, 306 
to hectares, 317 

. Activated sludge process, sewage, 1745- 
1746 : 

Adhesion, coefficients, electric R. R., 
2114 

of concrete forms, 1037 
of concrete to steel, 1039 

tests, 1039 
theory of, 1049 __ 
unit stresses for, 1056 

of wheel to rail, locomotive, 2067 

Adiabatic, thermodynamics, 329, 335, 
341 

Adjustments, surveying 
413-416, 419-421 

Adobe, roads, 1927 
soil, 710 

Admixtures, concrete —, 1034-1035 
for earth roads, 1919 
for lime mortars, 879 

Advance, copper-nickel alloy, 374 
Aeration of water, 1468 
Aerial, cameras, 480 

surveying, 478-480 
Aeroplanes, 297-302 (see also Airplanes) 
Aggregates, bituminous concrete —, 

1942, 1943 

concrete —, 1021, 1122 
filter —, 1475-1478, 1481, 1486 
grading —, 1021, 1123 
measurement of, 1029 
mechanical analysis of, 1475-1476 
moisture content of, 1026 
quantity in concrete, 1038 
sampling, 1022 
screening and washing, 1123, 1475- 

1478 

size, 1021, 1123, 1475, 1476 
specific gravity, 1028 
specifications, 1122-1124 
weight, 1028, 1124 

Air, brakes, trolley, 2150 
bubbles, hydraulic compressor, 1401 
chamber, piston pump, 1394 
change, fly wheel pump, 1395 
characteristic equation, 333 
combustion, 244 
compressed —, caissons, 759 

for lifting, quarrying, 857 
physiological effects, 767-769 
tunnels, 1645-1646 

compression, 336 
compressor, for brakes, 2151 

hydraulic, 1401 
- indicator diagram, 336 
connections, caisson, 764 
contact beds, sewage, 1745 
discharge, 342 

instruments, 
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Air, dissolved in water, 1305 
electric —, machine, quarrying, 854 
engine, 355 
in floating dry dock, 1865 
flow in pipes, 1339-1340 
furnace for cast iron, 623 

insulating value, 273 
lift, 1398, 1462 
lock, caisson, 763 
mains, caisson, 764 
physical properties, 254 
pump for diving, 757 
resistance, airplanes, 301-302 

automobiles, 296 
trains, 297 

separation, pump suctions, 1394 
skin friction, 301 
in soil, farm drainage, 1693 
solubility, 1305 
sound transmission, 276 
specific gravity, 254 
specific heat, 334 
valves, pipe lines, 1512 
velocities, by Pitot tubes, 290 

Airfoil sections, 298-300 
Airplanes, 297-302 

elevation determination, 479 
laws of flight, 297 
mapping with, 478-480 

Alaska spruce, 648 
Alder, physical properties, 251 
Alfalfa, irrigating, 1657, 1658 
Algae, 1455 
Algebra, 42-48 
Alidade, plane table, 472 
Alignment (or alinement), of curves, 

revising, 519 
errors, surveying, 431 
of highways, 1898 

Alkali, action on concrete, 1020 
in soils, irrigated land, 1702 
removal from soils, 1702 

Alkalinity, water, 1470 
Alloy, non-ferrous —, 639-642 

physical properties, 252 
resistance, electrical, 252 
steels, 634-636 
treated rails, 2029 

Alluvium soil, 710, 711, 719 
Alphabet, Greek —, 42 
Altars, graving dock —, 1843 
Alternating current, 368, 379 

distribution, 394 
generators and motors, 379-383 

potential, 369 
Alternators, 379, 383 

life, 2112 
voltage, 2148 

Altitude, astronomic —, 482, 486-487 
by barometer, 461, 463 
calculation, mercury column, 461 
of Polaris, 487 

Index to Fifth Edition American 

Altitude, of star, for time, 490 
of sun, 489, 494 

Alum, coagulant (see Aluminum sul- 
phate) 

Alumina in cement, 1115 
Aluminum, 637, 641 

atomic weight, 242 
bronze, 640, 641 
cast —, 640 
electrical conductivity, 372 
fatigue, 559 
melting point, 267 
physical properties, 252 
in steel, 635 
strength, 640 
sulphate, water purification, 1469 

vs. turbidity, 1470 
symbol, 242 
thermal conductivity, 273 
weight, 640 
wire, 373, 640 

American, method soft ground tunnel- 
ing, 1619 

Steel and Wire Co. gage, 700 
turbines, 1374 

Ambient temperature, 
378 

Amiestite pavement, 1941, 1943, 1944 
Ammeters, 368 
Ammonia, physical properties, 254, 341 

specific heat, 334 
Amortization fund, 56, 57 
Ampere, electrical unit, 364 

hour efficiency, batteries, 406 
Amplitude, harmonic motion, 117 
Amsler, polar planimeter, 422 

testing machines, 602 
Amsterdam Canal, 1597 
Amylacetate lamp, standard, 400 
Anabaena, 1455, 1464 
Analysis, coal —, 246 

mechanical —, filter sand, 1475-1476 
sewage —, 1728 

sludge, 1742, 1743 
water —, 1462 

Analytic geometry, 68-71 
Anchor, arm, cantilever bridge, 1257 

bolts, masonry structures, 909 
ice, intakes, 1446 
posts, fences, 2002 

Anchorage, cantilever bridge —, 1262 
pile —, quays, 1808, 1809 
stand-pipe —, 1287 
steel pipe —, 1506 
suspension bridge —, 1281-1282 
tower —, 1192 

transmission, 1301, 1302 
trolley wire —, 2130 

Andesite, igneous rock, 850 
Aneroid barometer, 460 
Andie. (geometry), acute —, function, 

motor rating, 
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Angle, any —, function of, 48-49 
for batter, 911 
blocks, Howe truss, timber, 848 
central —, curve, 508 
deflection —, method, curves, 510 

survey traverse, 438 
degrees in radians, 13, 38, 52 
double —, function of, 50 
friction —, 132, 893-894 © 
frog—, trigonometric functions .of, 

2044 

functions, 48-50 
tables, 12, 13, 37, 38, 174-240 

in geometry, 52 
half —, function of, 50 
hour —, astronomy, 483 
of internal friction, clays, 892 
intersection —, curves, 508 
measured by repetition, survey, 438, 

499-501 

by sextant, 477 
mensuration, 52, 437 
natural trigonometric functions, 13, 

38, 220-240 
negative —, 49 
of repose, 132 

dry materials, 1293 
embankments, 2000-2001 
friction relation, 132 
loose earth, 892 
submerged materials, 893, 1352 

slope —; line, 46, 68, 70 
small —, trigonometric functions, 50, 

174-176 
spherical —, 51 
survey traverse, 437 
switch rail —, 2046 
torsion —, 595, 596 
in triangulation, 499-501 
trigonometric —, 48-50 
of twist, 595, 596 
vertical —, stadia survey, 468 

Angle (of structural steel), 673-676 
bars, rail joints, 2037 
connections, 1189, 1192 
effective area, 1186 
flange —, 1213 
hitch —, 1192 
outstanding leg, width, 1186 
plate joint, rails, 2035 
purlins, 1135, 1136 
rivets, 1186 
shelf —, 1189, 1193 
stiffener, 1190, 1210 
tension members, 1136, 1137 
timber connections, 805 
weight, increasing, 665 

Aniline, water measurement, 1367 
Animals, burrowing —, 1539, 1544, 1547 

in levees, 780 
draft —, transport, 144 

Annealing steel, 630 
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Annemometers, wind speed —, 290, 
291, 292 

Annuity, 56, 57, 58 
Anti-differential, calculus, 60 
Antifreezing mixtures, concrete, 1034 
Anti-friction curve (catenary), 77 
Anti-function, trigonometry, 50 
Antimony, 242, 252, 263, 267, 273 
Anthracite coal, 245, 566, 1293 

consumption by locomotive, 2074 
Apartment house floor load, 1148, 1158 
Apatite, hardness, 250 
Apothecary’s measure, 307 
Apparatus, testing —, 601-606 

foundations, 717-719 
Apparent time, 484 
Appraisal, by states of steam R. R., 

2089 

Apron, overflow dam —, 950-951, 952 
stock guard —, 2053 

Aqueduct, 1557-1570 
arch, loads, 965 
canal —, leakage at, 1579 
closed masonry —, 1560 
cost, 1563 
existing data, 1562-1563 
flow, 1346 
flow line —, masonry, 1560-1563 
flumes, 1569 
leakage, 1561 
lining, 1562-1563 

open —, 1603 
reservoir outlets, 1557-1560 

Arbitration bar, cast iron tests, 624 
Arc, catenary —, 77 

center of gravity, 102 
circular —, 35, 39, 52, 102, 110 

curvature, 69 
lamps, 394, 401, 403 

length, 35, 39, 53, 102 

measurement, spherical triangle, 51 
moment of inertia, 110 
parabolic —, length, 53, 1343 

stiffening truss cable, 1279 
rise, circular, 29, 39, 52 
of visibility, lighthouse, 1802 

Arch, 963-1008, 1096-1102, 1161, 1268- 

1276 

abutments, 1003-1008 
economic spacing, 967 
thickness, 968 

action, integral, 1098-1100 
analysis, 974-978 

Cain’s method, 976 
elastic method, 980-985 
graphic method, 975 

by models, 991-994 
static method, 974 
trial load method, 957 

bridge, reinforced concrete, 1071 
steel, 1161, 1268-1276 

centering, 831 
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Arch, concrete —, cost, 969 
falsework, 834, 839 
long span, 969 

culverts, 2010. 2013, 2015 

curves, central, 966 
dam, 956-963 

models, 959 
multiple, 958-963 
single, 956 
stresses used in, 958 
trial load method of analysis, 957 

vs. dome, stability, 1011 
falsework, 831-840 

friction coefficient, 894 
fixed —, analysis, 1096-1098 
floor —, 1150, 1151 
groined —, 1488, 1497 
hinged —, 978, 1075, 1080, 1269, 1272 

hinges, 1073 
influence lines, 990-991, 1075, 1274 
inverted —, in foundations, 730 
joints, pressure, 906 

radial, internal stress in, 906 
kinds, 964, 1071 

linear —, 965, 1278 

loads, 965, 978, 981 
longitudinal wall on, 977 
masonry —, 963-1008 

analysis, 974-978 
angle of friction, 894 
architecture, 995 
ashlar, cost, 969 
coefficient of friction, 982 
construction, 994-999 
cost, 969 
crown thickness, 968 
curves, 966 
data, general, 963-971 
deformation, 986-989 
design, 976 
dimensions, for design, 968 
drainage, 995 

economy, 968 
equilibrium, 972-974 
erection, 839, 994-999 
expansion joints, 999 
failure, methods of, 972 
falsework, 831, 996 
forces, external, 973 
hinged, 964, 973, 978-980 
kinds of, 964 
large, American, 999-1002 
loads, 965, 978, 981 
jong span, existing, 969-971, 999- 

1002 
parts, defined, 963 
piers, 968, 1003-1006 
pointed, 964 . 
resistance line, 975, 980, 982 
resisting moment, 980 
rib compensation, 998 
ting shortening, 987 
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Arch, masonry —, stability, 972-974 ~ 
striking centers, 998 
temperature effects, 986-989 
unit stresses, 888-890 
voussoir, 836, 964 

piers, 1003-1008 
shape, 1006 
temperature effect on, 1004, 1006 
top thickness, 968 

reinforced concrete —, 1071-1075 
integral action, 1098-1100 © 
long span, 970, 971 

retaining wall on, 977 
ring, 963 

shortening, 987, 1006 
thickness, 979 

roofs, 1268, 1272 

sheeting, 964 
skew —, 964, 985 

reinforced concrete, 1100-1102 

solid barrel —, reinforced concrete, 
1071 

span and rise, 967 
spandrel —, 964, 965, 977, 1071 

loading change, effect, 977 
transverse, 977 

stability, 972-974 
statistics, 969-971 
steel —, 1268-1276 

concentrated load, 1274 
continuous, fixed, 1275 
crown stress, fixed, 1275 
fixed, 1274-1276 

important American, 1269 
influence line, 1274 
live load stress, 1274 
parabolic arch rib, 1271, 1276 
roof, stress, 1272 
spandrel, 1273 
temperature effect, 1271, 1272, 

1276 

three hinged, 1272-1274 
two hinged, 1269 é 

temperature stress, 1081 

terra-cotta —, 1150, 1151 
three hinged —, influence lines, 1075, 

1274 : 

masonry, 973, 978-980 
reinforced concrete, 1075 
steel, 1272 

two hinged —, reinforced concrete, 
1080 

Archimedes, principle, hydrostatics, 
1307 

screw pump, 1402 
spiral, 76 

Architectural, acoustics, 276 
details, masonry bridges, 995 

Are, 306 
Area, center of gravity of, 102 

conversion tables, 316-317 
cutting off given —, 448 
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Area, by double meridian distance, 439 
equivalent units, 304, 306 
of fields, surveying, 438-440 
of geometric figures, 52-54 
of irregular figure, 53, 54, 67 
land —, computations, 438-440 
net —, truss members, 1137 
by rectangular coordinates, 440 
reduction of, tests, 611 
sectional —, plates, 689 
of sections, earthwork, 523 
squace yards per mile of road, 1994 

Argon, chemical element, 242, 267 
Arguments, mathematical tables, 37 
Arid area, roads in, 1927 
Arm, anchor and cantilever —, 1257, 

1262 

of couple, 85 
of force, 84 

Armature, 375, 379 
Armco, 558 
Armored cable, power distribution, 397 
Arnold process, reduction of garbage, 

1765 
Arresters, lightning —, 392 
Arris of stones, tool for, 858 
Arsenic, chemical element, 242, 267 
Artificial stone, 645 
Asbestos, 272 
Ash (tree), 251, 647 

properties of, 657 
Ashes, angle of ~<pose, 892, 1293 

constituents, 1770 
disposal of, 1751, 1753 
fuel —, 245, 246 
pit, railroad, 2062 

cost, 2088 
weight, 891, 892, 1293, 1751 

wood —, 245, 647 
Ashlar masonry, 868, 869-872 

cost, arch bridges, 969 
dams and retaining walls, 942 

expansion coefficient, 891 
loads, safe, 888, 890 
modulus of elasticity, 891 
more durable than brick, 875 
strength, from building laws, 890 
weight, 891 

Ashokan Dam, 949 
Asphalt, 272, 1915 

block, 891, 1915 
pavements, 1951-1952 

bridge floors, 1194, 1195 
cement, 1916, 1917, 1946 

coefficient of expansion, 250 
concrete, steel floor preservative, 1197 
cutback, specifications, 1922 
filler, stone block pavement, 1968 
mixing plant, 1941 
native —, 1916 
oil —, filler, squeegee method, 1964, 

1967 “ 
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Asphalt, macadam, 
quantities, 1996 

paints, 664 
pavements, 1944-1953 

weight, 891, 1162, 1192 
pipe coating, 1508 

pounds per gallon, 1996 
rock —, 1917, 1952-1953 
roofing, conductivity, 272 
quantities of materials, 1996-1997 
sheet —, pavements, 1917, 1944-1951 

construction, 1948 
characteristics, 1944 
foundations, 1952 
maintenance, 1944 
inspection, 1947 
quantities of materials, 1997 

sidewalks, 1973 
specific, gravity, 250 

heat, 250 
specifications, roads and pavements, 

1927, 1928, 1940, 1950 

testing, 1917, 1950-1951 

waterproofing, 1197 
Asphaltenes, 1916 
Asphaltic, concrete, quantities, 

1997 

oil, roads, 1924 
Assembly hall loads, 1148, 1158 
Assessments, local —, highway financ- 

ing, 1904 

Asterionella, water organism, 1464 
Astronomy, 417, 481-496 

co-ordinates, 482-483 
observations, 481-496 
terms, 417 

Asymptotes, analytics, 69 
Athletic grounds, laying out, 448 
Atlantic Avenue Subway, Brooklyn, 

1650 
Atmosphere, barometer areas, 280 

dynamic reaction, 293 
effect, survey sights, 456 
pressure, standard, 253, 260, 309, 

1304 

refraction, 418 
resistance, 296, 297 

trains, 297 

standard —, 253 
Atomic, number, 244 

weights, 244 

Atoms, 244 
Auditorium lighting, 404 
Auger, wood —, earth borings, 708 
Austin Dam, 953 
Austrian method, soft ground tunneling, 

1618 

Automatic, substation, electric R. R.; 
2118 

train control, railroads, 2065, 2156 
Automobiles, air resistance, 296 
Auto-transformer system, 2120 

wearing surface, ' 

1996, 
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. Auxiliaries, for water pipe lines, 1512- 
1517 

Auxiliary steam plants, 394, 1427-1428 
Avogadro’s law, gases, 1309 
Ax, stone cutting, 858, 859 
Axial forces, combined stress, 561 
Axis, arch —, 963 

celestial sphere —, 482 
column —, 590 
conjugate —, 72,73, 74 
ellipse —, 72 
hydraulic —, stream, 1347 
hyperbola —, 73, 74 
inertia —, 107 
instantaneous —, rotation, 127 
of moments, 84 
neutral —, 567 
of revolution, 55 
of rotation, 121 

Axle steel, 631 
Azimuth, 437, 468 

angles, 437 
astronomic —, 482, 490 

B 
B. coli, 1465 
Babbitt metal, 642 
Backbone construction, trolley curve, 

2131 

Backfilling, tile drains, 1700 
Backing, masonry —, 861, 871 
Backsight, leveling, 454 
Backwater, 1348-1350, 1403 
Bacteria, anerobic —, 1736 

removal, sewage, 1744-1745 
in sewage, 1728 
specific gravity, 1474 
sunlight effect on, 1456 
in water, 1464 

removal, 1489 
Bacteriological examination, water, 1464 
Badmington court, laying out —, 450 
Baffle, water.sedimentation, 1473 

piers, dam spillway, 951 
Bag of cement, weight, 1028 
Balance, counterweights, 125 

dynamics, 123-125 
method, center of gravity, 101 

Balancing surveys, 439 
Ball, bearings, 139, 140, 555 

and chain gage, head measurement, 
1371 

nozzle, water, 1311 
Ballast (railroad track), 2018-2022 

cleaning —, 2021 
cost, 2022, 2087 
drainage, stopped by dirt, 2021 
quantity required, 2020, 2021 
on railroad bridges, 1195, 1197 

weight of, 1182 
shrinkage of, 2021 

standard section of, 2019, 2020 
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Balsa, timber, 270, 647 
Balsam, fir —, 792, 794, 795, 796, 801 

wool, hexanal conductivity, 269, 271 
Baltimore truss, 1221, 1229-1230 

Bands, stave pipe —, 1567 
Banjo, railroad signal, 2064 
Bank, protection, canals, 1573 

revetment, rivers, 1796, 1797 
slopes, different materials, 1352 
storage, water, 1425, 1673 

Banquette, levees, 779 
Bar (alluvial), coast line influence on, 

1783 
river —, 1793 
and sea encroachment, 1781-1783 

Bar (metal) (see also Rod), 679-680 
angle —, rails, 2037 
arbitration —, cast iron tests, 624 
bus —, 387 
eccentric loads on, 563 
eye —, 1233 

grate —, expansion, 623 
hot rolled —, steel, variation, 686 
lattice —, 1147, 1241 

cantilever chord, 1261 
compression member, 594, 

1234, 1241 

inspection, 632 
tension member, 1233 

quarry —, 855 

reinforcing —, 1039, 1056, 1057, 1124 
revolving —, stress, 564 
roof —, soft ground tunneling, 1616 
splice —, rails, 2037 
steel —, properties, 679, 680 
temperature stress, 565 
upset —, 685 

-weld process, electric welding, 2158 
Z—, 679 

weight increased, 665 
Barbed wire, on fences, 2004, 2005 
Barium, chemical element, 242, 267 

hydrate, water softening, 2058 
Bark, tree —, 646 
Barking, wrought iron fracture, 626 
Barley, angle of repose, 1293 

weight, 1293 
Barns, electric railroad —, 2151-2153 
Barometer, 460-463 

corrections, 285 
height, equivalents, 309, 462 

mean, 286 

leveling, 460-463 
observations, 285-286 
pressure measurement, 285 
sound relation, 276 
weather forecast, 279 

Barrel, capacity, 305 
Basalt, igneous rock, 850, 1912 

physical properties, 250 

Bascule bridge, 1247, 1248 
pier design, 1006 

1187, 
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Base, line, triangulation, 497-499 
metal couple, temperature, 263 
net, triangulation, 497 
paint —, 663 
of stable body, 89 

Baseball diamond, laying out —, 449 
Basement, height, 930 

walls, thickness, 929 
Basic pig iron, 621 
Basin, catch —, 1727 

dry docks, 1838-1857 (see also Grav- 
ing docks) 

reinforced concrete, 1110 
method of irrigation, 1680, 1681 
reserve —, rivers, 1799 
sedimentation —, water, 1473 
settling —, sewage, 1736 
silt —, drains, 1700 

Basket-ball court, laying out —, 450 
Batter, 911 

angles and functions for, 911 
boards, buildings, 447 
frost —, retaining walls, 922 

piles, 737, 738 
trestle bent post —, 822 

Batteries, 405 
Baume, degrees —, weight and volume 

at, materials, 1998 
Bauxite alum, 1470 
Bay, building —, 1130 
Bazin formulas, open channels, 1343 

weir, 1341, 1359 

Beach, accretion, 1787 
erosion and protection, 1783-1788 

Beacons, river —, 1800 
Beam, 94, 566-600 

action in columns, 589 
bending moment, 94; 566-569, 574- 

584, 1204 
Bethlehem —, 667-669 
brake —, test, 618 
bridge, 1201-1203 

floors, 1192, 1194, 1198, 1201: 
building wall —, 1153 
cantilever —, 566 

combined stresses, 598 
diagrams, 574-575 
reinforced concrete —, footing, 

1069 
cast iron —, 587, 1160 
combined stresses, 561, 572, 597, 

1137, 1235 
compound —, wood, 815, 816 
concrete —, failure, 587, 1041 
constrained —, 566, 573, 580-582, 598 

continuous —, 567, 584-587, 597 
diagrams, 586 
reinforced concrete, 1079 

curved —, 599, 1270 
cantilever, concrete, 1077 

deflection, 573-582 
combined stress, 598 
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Beam, deflection, compound wood, 816 
curved, 1270 
floor beams, fireproof, 1151 
from impact, 589 
wooden beams, 797, 799 

direct stresses, 1137, 1235 
elastic curve, 573, 574-582 
equation of slope, 573, 574-582 
failure, tests, 587, 588 

typical, 588 
fixed —, 566,573, 598 

diagrams, 580-582 
flexure formulas, 574-584, 1042 
floor —, bridges (see Floor, beam) 
forms, concrete, 1037 
girder —, 669 
horizontal shear, 569, 798 
H —, 670 

I —, 666-668, 670 
impact, 560, 588-589 

in bridges, 1182 
coefficient, 561 

inclined —, 796, 842 
investigation and design, 572 
loads, 574, 798 
moment, 94, 95, 568, 569 

diagrams, 568, 574-584 
notched —, 799 
overhanging supports, 574 
reactions, 94, 567, 574-582 

reinforced concrete —, 1040-1044 
failure, 1041 

resilience, 588-589 
restrained —, span, 1058 
rolled —, structural, 665-670, 1160 
section, properties, 570, 666-670 
shear, 94, 95, 567, 569, 1152, 1204 

diagrams, 574-584 
wooden, 798 

simple —, 566, 578-579, 598 
slope, 573 
span, 1057 
steel —, 665-670, 1160, 1184 

footings, 729 
stone —, 930 

stresses, 94, 574-575 

T —, 1051, 1053, 1059 

tests, 587-588, 653, 667 
reinforced concrete, 1042 

trussed —, 817-819 
with uniform load, 95, 567, 577, 581, 

582 
wood, 798 

of uniform section, 574-582 
of uniform strength, 583-584 
wooden —, 797-802 

compound, 815, 816 
failure, 569, 588, 653 
joints, 808-809, 811-815 
safe loads, 798 
tests, 587 
trussed, 817-819 i 
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Beam, work, external, 588 
Beaman’s stadia arc, 469 
Bear trap dam, movable, 1554 
Bearing, ball —, 139, 140, 555 

bridge specifications, 1188 
capacity, soils, 387, 709-712 

improvement, 722-724 
end —, plate girder, 1211 
efficiency of, 140 
journal —, 136, 138 
Kingsbury —, turbines, 1434 
of line, surveying, 413 
magnetic —, 413 
metals, 138, 641 
plate —, 1433 
reverse —, surveying, 413 
rivet —, 1140, 1219 

in bridge specifications, 1184 
from building laws, 1160 
tests, 618, 633 

roller —, 139, 1211, 1433 
spring —, 1435 
thrust —, oil, 1435 
water turbine —, 1433, 1435 

Beaufort scale, wind speed, 283 
Beaver type dam, timber, 1537 
Bed plates, bridge —, 1192 
Beech, physical properties, 251 
Belgian, block paving, 1967 

method, soft ground tunneling, 1617 
roof truss, 841 

Belgium, canals in, 1596 
Belt, conveyors, earthwork, 775 

lines, port development, 1894 
Belting, 660, 661 

friction, 133, 140 
leather —, tensile test, 661 

weight and strength, 660 
rubber —, tensile test, 661 
transmission, 133, 140 
weight, 660, 661 

Bench method, tunneling, 1620 
Benchmarks; leveling, 427, 454 
Bend, pipe —, effect on flow, 1334 

river —, 1792 
Bending, 566 

cold —, test, iron and'steel, 619 
reinforcing steel, 1125 
structural steel, 632 

in compression members, 1137, 1235 
cross —, 1137 
and direct stress, beams, 1048-1049 
interval, pyrometers, 263 
moment, 94, 95, 568, 1204 

arch —, 980 
beam —, 568, 574-584 
floating dry dock —, 1862 
sign, 94, 568, 1204 

tests, metals, 619 
wire rope, effect of, 703 

Bends, caisson disease, 768 
pipe joint —, 1501 
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Bends, steel pipe —, 1508 
Bent, mill building —, 1141 

trestle —, 822 
Benzophenone vapor, condensing, 262 
Beryllium, chemical element, 242, 267 
Bernouilli’s theorem, 1308, 1369, 1374 
Berths, port development, 1894 
Bessel’s method, plane table, 473 
Bessemer, pig iron, 621 

steel, 629 
Bethlehem, beams, 667 

girder beams, properties, 669 
H-beam, properties, 670 
-columns, properties, 671, 672 
I-beams, properties, 668 
tests, beams and girders, 667 

Beveled, joints, timbers, 808 
washers, timberwork, 807 

Bimetal electric conductors, 372 
Bin, circular —, 1292 

coal —, 1291 
hopper —, 1292 
reinforced concrete —, 1110 
steel —, 1291-1295 
suspension —, 1292 

Binder, gravel road —, 1922 
sheet asphalt paving —, 1946 

Binocular prism, 258 
Binomial theorem, 43 
Birch, physical properties, 251 
Bird’s mouth, timber joint, 808 
Birmingham wire gage, 700 
Bismuth, chemical element, 242, 267 

physical properties, 252 
Bite, timber falsework, allowance, 831) 

835 : 

Bitt, mooring —, 1822, 1823 

Bitulithic pavement, 1941, 1943 
Bitumens, 1916 

coverage, spray table, 1987 
extraction of, highway materials, 

1919 

per mile of road, table, 1986 
tests, 1917-1919 

Bituminous, coal, 245, 1293 
consumption by locomotive, 2074 

compounds, paving, 1915-1919 

- concrete, paving, 1916, 1940-1944 
characteristics, 1940-1941 
foundation, 1912, 1941 
mixing plants, 1941 
mixtures, 1941 

fillers, stone block pavement, 1970 
gravel pavements, 1940, 1941 
liquid —, material, 1916 
macadam pavements, 1916, 1937- 

1940 

construction, 1937 
foundations, 1937 
maintenance, 1937, 1938, 1939 

materials, highways, 1915-1919 
surface treatment, 1934 
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Bituminous, materials, tests, 1917-1918 
pavements, 1916 
surfaces, 1916 
treatment, gravel roads, 1924 

Black base (bituminous) foundations, 

highways, 1912 
Blast furnace, 620 
Blasting powder, 248 
Blind drains, highways, 1908" 
Block, angle —, timber truss, 848 

artgcaul stone —, 645 
asphalt —, 1915, 1954 
coefficient, ” shipping term, 1896 
concrete —, breakwaters, 1108 

building partitions, 1060 
harbor works, 1108, 1813, 

1816 

masonry, 877, 889 
head —, timber joint, 808 
hollow tile —, floor, 1150 
side —, timber framing, 809 
signaling, railroad, 2064, 2156 

automatic, 2156 
stone —, paving, 1967-1970 

construction, 1968 
materials, 1968-1970 
size of stone, 1967 
specifications, 1914, 1967, 1968 

terra cotta —, 704 

wood —, paving, 1915, 1970-1973 

construction, 1970-1971 
expansion, 1970 
in factory floors, 1972 

on highway bridges, 1195, 1972 

preservation, 1915 

in street car track area, 1972 

timber for, 1915 
weight, 891 

Blocking, for floating dry docks, 1868 

for graving docks, 1845 
Blowholes in castings, 624 

Blown petroleum, highways, 1916 

Blow-offs, pipe line —, 1513 

Blow-ups in concrete pavements, 1959 

Blue gum, physical properties, 657 

Blueprinting, 423-425 

Bluestone, flags, strength, 889 

Board, breast —, tunnels, 1615 

fence, railroads, 2004 
measure, table of, 690 
sawing out —, 650 
thickness, 653 

Boat, canal —, 1582-1584 
data, 1582 

dredge ditching machine, 786 

spikes, 802 

Body, center of gravity of, 100 

1814, 

changes in cross- -section under stress, | 

561 

falling —, 117 
impact, 130 

moment of inertia of, 109, 131 
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Body, rotation, 121, 125, 127 
specific gravity of, 1308 
track, railroad yards, 2055 ; 
two —, center of gravity of, 101» 

Bog, soil, 710 
Boiler, 344, 385 

blowing off, 1466 
capacity, steam, 344 

locomotives, 2067 
care of, 1466 
clinker conductivity, 272 
compounds, 1466 
corrosion, 1466 
cost, 387 
cylindrical head, 553 
efficiency, steam, 344 
evaporation, locomotives, 2072 
foaming, 1466, 2057 
hand fired —, efficiency, 345 
head stress, 553 
heat, balance, 345 

losses, 345 
horse power, steam, 344 
life, 1711, 2112 
performance, steam, 344 
rate of combustion, 344 
rating, 385 

scale, 273, 1466 
steam —, 344-345, 1466 
stoker fired >) ‘efficiency; 345 
tests, 618 
tubes, 691 

strength, 553 
types, steam, 385 

water, 1466-1468 
Boiling point, 253, 254 
Bois d’Arc, fence posts, 2002 

Bollards, graving docks, 1846 
Bollman truss, 1221 
Bolster, 809 

timber truss, 846 

Bolt, 683, 684 
anchor —, stand-pipes, 1286 

masonry structures, 909 
dimensions, 683, 684 
drift —, 805 
expansion —, 909 

flange —, pipe; 694, 696 

fox —, 909 
heads, dimensions, 684 

holes, pipe flanges, 694, 696 

rails, 2037 

lag screws substituted for, 802 » 

for rails, 2037 
vs. rivets, 1140, 1158 

shaft coupling —, 596 

strap —, 806 

in structural steel, 1134, 1140, ey 

1184 j 

tests, 618 

for timberwork, 806, 811, aia, 814. 

track —, 2039 { bik, 

i 
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Bolt, turned —, 1184 
weight, 686 

Bond, ashlar masonry —, 870 
brick masonry —, 881 
issuance of, highway financing, 1903 
rail —, 2139-2143 

mechanical strength, 2143 
types, 2139 

reinforced concrete —, 1039 
beams, 1049 
equation, 1050 
friction, 1039 
mechanical, 1039 
T-beams, 1052 
tests, 1039 

working stress, 1056 
rubble masonry —, 873 

Bonded warehouses, 1831 
Bonzano joint, rails, 2035, 2036 
Booster, generator, 375 

synchronous —, 393 
Borda’s tube, hydromechanics, 1316 
Border method of irrigation, 1679 
Bored wooden pipe, flow, 1327 
Borings, auger —, foundations, 708 

core —, 709; 1613-1614 
diamond drill —, 709, 1613 
foundation —, 708 
samples, 1612 
shaft sinking by, 1609-1610 
shot drill —, 1614 
subaqueous —, 1613 
wash —, 708, 1610-1613 

water jet —, foundations, 708 
Boron, chemical element, 242, 267 
Borrow, earthwork, 520 

pits, 456, 538-542 

Boston building laws, loads and stresses, 
1158, 1159, 1160 

rod, leveling, 421 
subway system, 1648 

Bottles, water analysis —, 1463 
Bougie decimale, light, 255 
Boulder, borings, 709 

in slope walls, 874 
Boundaries, crooked —, survey, 440- 

441 

legal —, 442 
topographic symbols for, 427 

Bounds, stone —, setting, 445 
Bourdon pressure gage, 1372 
Bow arch centering, 831, 832 
Bowstring (truss), 1221 

centering, 833 

construction, trolley curves, 2131 
Box, culverts, 1106, 1337, 2012, 2013 

drains, farms, 1694 
highways, 1908 

section, chords, 1234 
wood, physical properties, 251 

Boyle’s law, gases, 333, 1309 
Brace piles, quays, 1808 
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Bracing, arch centering, 836 
beam bridge —, 1202 
bin —, 1292 
bridge truss —, 1242 

building —, 1148, 1149, 1155-1157 
diagrams, 1155 

lateral —, deck bridges, 1203, 1242 
girder bridge, 1202, 1214, 1216 
specifications, 1183, 1188-1189 
truss bridge, 1242 
viaduct, 1284 

specifications, 1183, 1188-1189 
sway —, arch falsework, 836 

deck bridges, 1203, 1242 
through bridges, 1242 
trestle, 823, 824, 825 

viaduct —, 1284 
wharf pile —, 821 
wind —, buildings, 1148, 1155, 1159 

Bracket, side —, construction, electric 
R. R., 2127 

Brake, beams, tests, 618 
air —, electric trains, 2150 
car —, 134 

electric train —, 2148-2151 
hand —, electric trains, 2150 
horsepower engines, 347, 359 
movable bridge —, 1252 
resistance, trains, 2094 
shoes, 2149 

kinetic coefficients, 135 
Bran, stream measurements, 1367 
Brass, alloys, 639 

cast —, 639 
conductivity, 252, 273 
‘expansion coefficient, 252 
fatigue, 559 
physical properties, 252 
pipe, flow, 1327 
strength, 639 

Brazing, rail bonds, 2139, 2141 
Breakwaters, 1778-1781 

foundations, 1108 
offshore —, 1787 
masonry —, 1780 

reinforced concrete —, 1108, 1780 
rubble-mound —, 1779, 1780 
timber —, 1779, 1780 

Breeze, velocity of, 284 
Brest, wall, 911, 924 

water wheel, 1388 
Brick, 645, 646 

absorption by, 645, 876 
arch or clinker —, 875 
asphaltic waterproofing, 1644 
bats, paving, 1911 
bond, 881 

body —, 875 

brittleness, 550 
cherry —, 875 
chimney, 386, 910 

specifications, 910, 911 
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Brick, clay —, 645, 875 
columns, 595 
common —, 645 
compass —, 876 
conductivity, 272, 273 
crushing strength, 645, 876-877 

water effect on, 877 
domes, 1010 
expansion coefficient, 250, 565 
face —, 645, 876 
feather edge —, 876 
fire clay —, conductivity, 272, 645 
footings, 729 
form of, 876 
fracture, 551 
friction, 133 
gutters, pavements, 1975 
good —, 874 
hard —, 875 
hollow —, wall furring, 704 

immersion effect, 877, 879 
internal friction, 566 
laying, 879-881 
lining, flow coefficient, 1343, 1344, 

1346 
lock facing, canals, 1584 
machine made —, 875 
magnesia —, 272 
masonry, 874-886 

bond, 881 
conductivity, 273 
efflorescence, 884-886 
estimating, 881-884 
expansion coefficient, 891 
footings, 729 
friction angle and coefficient, 893 

joints, 880 
modulus of elasticity, 550, 645, 891 
pointing, 880 
pressure allowed, building laws, 890 
safe stresses, 887, 888, 890 
strength, 550, 646, 729, 876-877 
weight, 550, 891 

modulus of elasticity, 645 
modulus of rupture, 587, 645, 877 
mortar adhesion to, 879, 890 
mud —, 875 
number of, laid per day, 883 
pavements, 1961-1967 

construction, 1964, 1965, 1966 
crown and crown formulas, 1909 

fillers, 1963 
foundations, 1962 
maintenance, 1966 
weight, 891 

paving —(see Vitrified, brick), 645, 
876, 1914 

tests, 616, 1919 
piers, strength of, 930-931 
pressed —, 875 
properties, 250, 645 
qualities, 874-877 
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Brick, radial —, in chimneys, 911 
ratio shearing to compressive strength 

in, 566 
repressed —, 875 
salmon, pale or soft —, 875 
sanded —, 875 
sand-lime —, 645, 877 
sewers, 1726 

flow in, 1344 
material for, 876 

shearing strength, 645, 
sidewalk, 1973 
silica —, 272 
size, 876 
slop —, 875 
sound test, 876 
specific gravity, 250 
specific heat, 250 
strength, 645 

crushing, 645 
flexure, 645 

terra cotta —; 645 
tests, 616-617, 876 

absorption, 616 
texture, 876 
thermal conductivity, 272, 273 
vitrified — (see Vitrified, brick) 
waterproof lining, asphaltic, 1644 
weight, 645 

masonry, 550 

paving, 645 
wetting —, effect of, 879 

Brickwork (see Brick, masonry) 
Bridge, 1071-1102, 1161-1282 

abutments, 1003-1008, 1105 
aqueduct —, 965, 1560 
arch —, (see Arch) 

bascule —, 1247 
pier, 1006 

beam —, 1201-1203 

bracing, specifications, 1183, 1188- 

1189 
canal —, irrigation, 1668 
cantilever —, 1161, 1256-1268 
cast iron —, 1161 

catenary —, trolley system, 1293- 

1295 : 

centrifugal forces on, 1180, 1183 

city —, floors, 1195 

wearing surface, 1195 " 

clearances, railroad, 846, 1181, 1182 

connection details, 1186, 1189, 1192 

continuous —, 1161, 1249 

curves, load, 1180, 1183 
data, 1161-1192 
deck —, 1161, 1202, 1242 
draw —, 1247, 1251 
economical types, 1161 

electrical railroad —, 827, 1177, 1179 

end bearings, 1188, 1190 

erection, 828, 1199-1201 

expansion provisions, 1188, 1192 
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Bridge, falsework, 828-831 
ferry —, 1247, 1248 
flooring, wooden, 826 
floors, 826, 1178, 1182, 1192-1199 

live loads, 1162~1180, 1182 

protection, 1197 
reinforced concrete, 1060 
specifications, 1182 
timber, 826-828 

girder —, 1201-1209 
highway —, alternate stresses, 1180 

centrifugal force, 1180 
combined stresses, 1180 
floor, 826, 1178, 1192-1195 

live loads, 1174-1180 
floor beams, 1179, 1192, 1194 
general notes, 1173 
impact, 1180, 1181 
lateral force, 1180, 1181 
loadings, 1171, 1176-1179, 1195 

longitudinal force, 1180 

sidewalks, 1178, 1203 
specifications, 1180 
stringers, 1178, 1192 
temperature, 1180 
traffic, classified according to, 1174 
wearing surfaces, 1194 
weight, 1161-1162, 1192, 1195 

width of roadway, 1176 
wind on, 1180 

impact, 1180, 1181, 1182 
lift —, 1247, 1248 
loads, 1161-1184 

auto-trucks, 1176-1177, 1178-1179 
Cooper’s, 1163-1176, 1208 
on curves, 1180, 1183 
electric railroads, 1177, 1179 
locomotives, 1164 

loag span American, simple, 1222 
materials, specifications, 1181 
moments, 1172, 1178, 1179, 1204-1209 

movable —, 1247-1255 
overload, 1183 
painting, 1201 
piers, effect on flow, 1348 

eccentric loads on, effect, 907 
plate girder —, 1202-1216 

long span American, 1204 
railroad —, bracing, 1188, 1189 

centrifugal force, 1183 
clearances, 846, 1181, 1182 
cost, 2087 
floor, 1182, 1195-1199 
floor beams, 1181, 1189, 1198 
impact, 1182 
lateral force, 1183 
loadings, 1161, 1162-1184, 1208 
longitudinal force, 1184 
specifications, 1181-1192 
stresses, 1184, 1185 
stringers, 1188, 1189, 1197, 1198 
weight, 1162 
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Bridge, railroad —, wheel stress, maxi- 
mum on, 1173 

wind effect on, 1183 
reinforced concrete —, 1071-1075, 

1081-1102 

rigid frame, 1081-1084 
renewals, falsework settlement, 831 
rollers, size, 1188 
shear, 1172 
simple —, 1161, 1221-1224 

long span American, 1222 
skew —, 964, 985, 1100-1102, 1161 
span, determinations, 967 
steel —, 1161-1282 
steel for, 631-636, 1181 

working stresses, 633, 1184 
suspension —, 1161,°1276, 1277 
swing — (see Movable Bridges), 1247, 

1249 

test, 618 
through —, 1221, 1243 

bracing, 1242 
Howe, 846 
plate girders, 1216 
types, 1221, 1243 

ties, 1182 
timber —, 846 
transfer —, ferry, 1869-1873 
transporting —, 1199-1200 
truss, 1221-1244 

tubular —, 1202 
type, movable dam, 1553 
weight, 846, 1162 
wind pressure on, 294 

Bridge type floating crane, 1889 
Bridging, cross —, wooden beams, 797 
Bridle construction, trolley curves, 2131 
Bridled cup anemometer, 292 
Brine, freezing process, 745, 1608 
Brinell hardness) steel, 631 
Briquette, cement —, 1119 
Britannia metal, 641 
British, thermal unil (b.t.u.), 267, 328 

in foot founds, 323, 328 
horsepower-hour equivalent, 344 

348, 349 
saturated steam, 338-340 

wire gage, 700 
Brittleness, fracture, 550 

Broken range stone masonry, 867 
Broken stone, aggregare, 1021 

ballast, railroads, 2018 
bituminous concrete paving, 1941 
bituminous macadam, 1938 
contact beds, 1745 
cost, 2022, 2087 
drains, retaining walls, 922 
grading, concrete aggregate, 1021 
hauling cost, 2022 
for highway foundations, 1911 
roads, 1911, 1931-1935 
screenings, road material, 1932 
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Broken stone, size, aggregate, 1931 
commercial, highways, 1914, 1931 

specific gravity, 1995 
tests, highways, 1913 
trickling filters, 1745 

weight, 891, 1995 
Bromine, chemical element, 242, 267 
Bronze, 559, 639, 640, 641 

conductivity, 273 
Brooks, survey, 440 
Browne and Sharpe wire gage, 700 
Brush, generators and motors —, 379 

groins, 1787 
Bubbles, rate of a separation, hydraulic 

compressor, 1401 

Bucket, conveyor, coaling station, 2062 

dredge, 783 
orange peel —, 783 
power shovel —, 775 

Buckled plates, 1195 
Building, 1058-1060, 1130-1160 

bay, 1130 
brick, estimating, 883-884 
concrete, mix, 1025 
connections, to sewers, 1727 
cost data, 1157 

shopwork, 1157 
erection, 1157 

drainage pumping plant —, 1686 
floor (see Floor, buildings) 
foundations, bearing capacity, 711, 

725 
concrete mix, 1025 
loads, 724, 725 
pneumatic, 759-767 

height, 1160 
inspection, 1158 
laws, loads, 890, 1158, 1159, 1160 
life, electric railroads, 2112 

reclamation work, 1711 
lighting, 404 
lighting protection, 289 

loads, 1148 
mill —, 1141-1147 
office —, cost, 1157 

erection, 1158 
loads, 1148 | 
steel, 1147 
walls, 1153 

painting, specifications, 1158 
piers, 929-931 
power-plant —, life, 2112 

cost, 387 
power station —, 2117 
railroad —, cost, 2087 
reinforced concrete —, 

1069 
settlement, 715, 716, 719, 725 
specifications, 1157-1160 
staking out —, 447 
steel —, 1130-1160 

bracing, 1142, 1148, 1155 

1058-1060, 
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Building, steel —, connection details, 
1138, 1139, 1142 

costs, 1157 
crane impact, 1143) 
erection, 1158 
tall —, 1147-1150 
wind bracing diagrams, 1155 
wind stresses, 1132; 1143, 1150, 

substation —, 2120 
tall —, 1147-1150 

topographic symbols, 429 
walls, bearing, 911, 929 

brick, thickness, 929, 930, 1153, 
1160 

cement mortar on metal, cost, 1157 
concrete blocks, 1060 
fire proof, 1152-1154" 
footings, 729 
for mill buildings, 1141-1152 
for office buildings, 1153, 1160 
openings, 1152, 1153 
reinforced concrete, 930, 

1102-1105, 1108 

thickness, 929, 930 
weight, 724 
wind, bracing, 1148, 1149, 1155-1157 

pressure on, 294, 1132, 1143, 1148, 
1150 

wiring, 396 
Bulkhead, line, 1818 

shore protection, 1783 
walls, quays, 1811-1812 

Bunkers, steel —, 1292 
Buoyancy, 1307 
Buoys, river —, 1800 
Burned clay ballast, railroads, 2018, 

2019 
Busch-Sulzer, Diesel engine, 357 
Buses, electricity, 387 
Bush, chisel, 859 

hammer, 859 
metal, 641 

Bushel, British —, 308 
capacity, 305 
equivalents, 308 
to hectoliters, 319 

Busheled scrap, wrought iron, 626 
Bushes, injurious to levees, 780 
Butt joints, riveted —, 546, 1217 

timber —, 808 
Butternut, 649 
Buttress, walls, 911 
Bypass, on gates, 1511 

Cc 

Cable, catenary —, 1293 
electric —, 397 

types used, electric railroad, 2123 
eye bar —, 1276, 1281 
messenger —, 1293 
for pole lines, 2124 

1059, 
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Cable, steel wire —, bridge, 1279 
stranding for aerial use, 2125 
suspension bridge —, 1277-1282 

sag ratio, 1279 
stiffening truss, 1279-1281 
tangent, slope angle, 1278 
tension, 1278 
trussed or stiffened, 1281 
uniform load, 1278 
wires, 1279 

transmission line, 1296 
underground conduits, 2121-2123 
weaving, 701 

Cableway excavator, 784 
Cabot’s quilt, thermal conductivity, 269, 

271 
Caboose track, railroad yards, 2055 
Cadmium, chemical element, 242, 263, 

267 
Caesium, chemical element, 242, 267 
Cage screen, sewage, 1732 
Cain’s method arch analysis, 976 
Caisson, 759-767 

breakwater construction, 1108 

disease, cure, 769 
dredging, 755 
floating foundations, 754, 755 
friction and weighting, 766 
graving dock — (or gate), 1851-1853 
launching and placing, 765 
lighthouse foundations, 1802 
open —, foundations, 754 

pneumatic —, 759-767 
concrete working chamber, 766 
cost, 766, 767 
essentials, 760 
limits, 760 

quay wall —, 1816 
reinforced concrete —, 755-757, 1108 
shaft, sinking, 763 
sinking —, 766 

Calc spar, hardness, 250 
Calcium, chemical element, 242, 267 

chloride, for curing concrete, 1957 
dust palliative, 1927 
effect in concrete, 1034 

in hard water, 1464 
Calculus, differential —, 59-62 

integral —, 63-67 
Caliche roads, 1927 
California State Land Settlement, 1708 
Calking metal tunnel linings, 1643-1644 
Calm wind, speed, 284 
Calorie, gram —, 250, 267, 322 
Camber, arch centering —, 839 

culvert —, earthwork, 778 
truss —, 1242 

Camera, aerial —, 480 
surveying, 477 

Canadian canals, 1598 
Canalization of rivers, 1800 
Canals (drainage), 1603-1606 
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Canals (irrigation), 1603-1606, 1662, 
1663 

aqueducts, 1667 
bridges, 1668 
capacities of, 1674 
crossings, of railways, 1668 

of waterways, 1667 
cross-sectioning —, 457 
culverts, 1667 
drops and chutes, 1666-1667 
earthwork, 1604 
encroachment of vegetation on, 1604 
flow in, 1343, 1606 

grade of, 1665, 1666 
headgates, 1670, 1672 
lining, 1605, 1659, 1660 

losses, 1605 
in rock, 1663 
sand gates and traps, 1669 
sections, 1603, 1662, 1663 

semicircular, 1603 
trapezoidal, 1603, 1604 

seepage, 1605 

side slopes, 1603 
sluice ways, 1672 
spillways, 1668 
telephone system, 1670 
velocity, limiting, 1605, 1663 
wasteways, 1668 

Canals (navigation), 1571-1596 
adjacent territory, drainage, 1576 
aqueducts, leakage at, 1579 
bank protection, 1573-1574 
boats, 1582-1584 
cost and mileage, U.S., 1594 
cross-sections, 1572 
culverts, leakage at, 1579 
currents, Suez —, 1596 
curves, widening prism on, 1573, 1596 
data, 1571 

earthwork, 772 
evaporation from, 1577, 1578 
flumes, 1569 
gates, 1592, 1593 
inclines, 1571, 1590-1592 
level section desired, 1571 
lifts, 1590-1592 ; 
lighting, power required, 1581 
lining, 1575 
locks, 1571, 1584-1593 

gates, 1586-1593 

power for operating, 1580 
reinforced concrete, 1110 

losses, water, 1578, 1579, 1580 
control, 1574 
over waste weirs, 1580 

prism, 1571 
filling, 1577 

seepage from, 1577, 1578 
ship —, 1596-1603 
side slopes, protection, 1574 
statistics, 1582, 1590, 1591, 1594-1596 
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Canals, waste gates and weirs, loss at, 
1579, 1580 

water, consumed for lockage, 1581 
required for operation, 1577-1582 

Canals (power), 1603-1606 
Candle, international —, light, 255 

pentane —, 255 
power, 400, 401 

Cantilever, arm, truss, 1257, 1262 
beams, 566 

combined stress, 598 
diagrams, 574-575 
reinforced concrete, 1069 
stresses, 574-575, 1076-1077 

bridge, 1161, 1256,-1268 

erection, 1201 
deflection, 1266-1268 

influence lines, 1265-1266 
long span American, 1256 
stresses, 1264-1265 
trusses, 1256-1260 

uplift, maximum, 1265 
footings, reinforced concrete, 1069 
plate girders, 1257 

Cap, metal —, timber columns, 809, 810 
blasting —, 856 
trestle —, 823 

Capacitance, electricity, 365, 367 
Capacity, batteries, electric, 406 

conversion tables, 311, 318-319 
electrostatic —, 365 
equivalent units, 308 
factor, power plants, 1436 
measures, 303 
metric system, 303, 308 
motors and generators —, 377 
thermal —, 329 
unit of, 303 

Cape Cod, Canal, 1598 
method, gravel roads, 1925 

Capillarity, capacity, soils, 1654 
rate of rise of water by, 1655 

Capillary, depression, mercury, 285 
tubes, flow in, 1320 

Capitalization, 58 
Capstan, 1857 

graving docks, 1846 
Car, coupler tests, 618 

derrick —, 1200 
dimensions, 2075, 2143 
of earth, shrinkage of, 777 
electric railroad —, 2143-2144 

barns, 2151-2153 
brakes, 2148-2151 
city, 2143 
dimensions, 2143 
heating, 2116, 2151 

interurban, 2143 
lighting, power required, 2116, 2117 
loads, 1177-1179 
proportion in repair shop, 2154 
trucks, 2144 
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Car, electric railroad —, wheels, 2144 
ferty transfer, 1870, 1871, 1877 
freight —, capacity, 2075 

dimensions and weight, 2075 
idler, 1199 
maintenance, railroads, 2075 
monorail —, 129, 130 
passenger —, 2075 

dimensions, steam railroad, 2075 
repairs, 2076 
resistance, 2091 
retarders, 2055 
rounding curves, 121 
steam railroad —, 2075-2076 

number in service, 2075 
transporting heavy girders, 1199 
weight, effect on train resistance, 2093 
wheels, 624 

Carbenes, highway materials, 1916 
Carbon, chemical element, 242, 267 

in cast iron, 620 
fixed —, 244 

in city refuse, 1770 
in highway materials, 1916, 1918 

free —, in highway materials, 1916 
in fuels, 244 
lamp, 402, 403 
monoxide, 254, 333, 334 
in municipal refuse, 1770 
in pig iron, 620 
in steel, 631, 634 

castings, 633 
classifications, 631 
limits, 628 
nickel, 632 
rails, 2031, 2032 
silicon, 633 
tempering effect, 631 

tetra chloride differential gage, 1372 
in wood, 245, 647 
in wrought iron, 625 

Carbon dioxide, 254 
characteristic equation of, 333, 334 
chimney gases, 345 
combustion product, 244, 386 
equilibrium, solid and gas, 262 
physical properties, 254 
in waters, filter sand effect, 1475 

Carbonic acid, solubility, 1464 
in stagnant waters, 1453 

in waters, hardness effect, 1462, 1464 
Carborundum, brick, conductivity, 273 

wheel, stone cutting, 860 
Carburizing steel, 630 
Carcel unit, light, 255, 400 
Carey Act, reclamation, 1707 
Cargo handling, cranes, 1885-1891 

methods, 1886-1887 
Carinsul, conductance, 271 
Carnot’s cycle, 331 
Cart, earthwork, 773 
Cartesian co-ordinates, 68 

Can—Car 
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Casehardening steel, 630 
Casing, drive —, wash borings, 1612 
Casinghead gasoline, 246 
Cast-in-place piles, 732, 733 
Cast iron, 620-625 

bending, unit stress, 624 
blocks, short, working stress, 1160 
bridgework, 625 
brittleness, 550 
car wheels, 624 
coefficient of expansion, 565, 623 
column, 594, 1159 

formulas, 592, 593, 1159 
loads, 1159 
stress, 1159 

composition, 620, 621 
compressive strength, 623, 1160 
corrosion, 642 

defects, 624 
elastic limit, 623 
fatigue, 558 
flexure test, 612, 624 
fusibility, 623 
fusion point, 628 
heat conductivity, 623 

of fusion, 330 
internal friction, 566 
kinetic coefficient, 135 
malleable —, 623, 624 
metallurgy, 620 
modulus, of elasticity, 550, 623 

of rupture, 587, 623 
molding, 622 
painting, 1158 
physical properties, 252, 550 
pipe, 624, 1499-1503 

bends, 1333, 1334, 1501 

cement lined —, 1499 
centrifugal cast, 1500 
coating, 1499 
cost, 1501, 1502, 1503 
culverts, 1911 
discharge, railroad water stations, 

2060 

flexible joint, 1444 
flow in, 1327, 1330, 1331 

heads allowable, 1500 
intakes, 1444 
metal specifications, 624 
sewers, 1724 
weight, 1502 

plates, circular, strength, 600 
protection, baffle piers, spillway, 951 
ratio shear to compression in, 566 
shear, 624, 625 
sound transmission through, 276 
specifications, 624 
specific gravity, 623 
specific heat, 252 
stress deformation diagram, 548 
stresses, unit, 624, 625, 1160 
tension, direct, 623,625 
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Cast iron, torsion, 624 
transverse tests, 624 
tunnel lining, 1639-1642 
ultimate strength, 550, 623 
washers, 685, 807 
weight, 550 

Cast, non-ferrous metals, 640 
steel, 633 

Castings, copper —, 640 
flexure test, 612 
gray iron —, specifications, 624 
malleable —, 623, 624 
shrinkage of, 622 
steel —, 630, 633 

composition, 633 
physical qualities, 633 
stresses, 1160 

Catalpa fence posts, 2002 
Catch basins, sewers, 1727 
Catchment area, development, 1450 

size, 1447 
yield and storage, 1446-1452 

Catenary, bridge, 1293-1295 

economical spacing, 1295 
loads, 1295 ; 
stresses, 1295 

tower, 1294, 1295 
trolley wire, 1293 

cable, 1293, 1295 
construction, electric R.R., 2127, 

2134 : 

cost, 2110 
curve pull, cable, 1295 
equation, 77 
transformed —, arch curve, 966 

Cave Creek Dam, multiple arch, 962 
Cavil, stone cutting tool, 858 
C.B. and Q. R.R., culvert formula, 2010 
Cedar, 647 

fence posts, 2002 
poles, electric R. R., 2126 
properties, 657, 794, 795, 796 
strength, 657, 796, 801 ; of 

Ceiling, blocks, terra cotta, 704 
plastered —, deflection allowed, 797, 

1151 ; 

weight, 1131 
Celestial sphere, 481 
Cell, primary —, electric, 405 

standard —, 405 
Celotex, insulation, 270, 271 
Cellular type bridge abutment, 1008 
Cement, 659, 660, 1019, 1115-1122 

asphalt —, 1916, 1946 
bag, 1028 
barrel, 305, 1120 

bituminous —, 1916, 1917, 1946 
briquette, 1119 
chemical analysis, 1120 
consistency tests, 1117 
early strength —, 1128, 1958 
efflorescence, 885 
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Cement, expansion coefficient, 250 
fineness, 1116 
Grappier —, 659 
grout, filler, stone blocks, 1969 
Incor —, early strength, 1958 
inspection, 1120, 1121 

joints, pipe, 1503, 1518 
Lafarge —, 659 : 
lined pipes, 1499, 1508, 1516 
lining, flow coefficient, 1343 
Lumnite —, early strength, 1958 
manufacture, 1120, 1121 
measurement, 1029 

mortar, tests, 1117, 1123 
natural —, 1019, 1116 
neat —, 1121 
normal consistency, 1117 
packing, 1120, 1121 
paste, 1117 
physical properties, 1120, 1121 
plaster, 659 
Portland —, 1019, 1115 
puzzolan —, 1116 
quantity, concrete, 1026 
rejection, 1122 
report, forms, tests, 1126 
sampling, 1020 
setting, 1118 

slag —, 1116 
soundness, 1118, 1120 
specific gravity, 250, 1028 
specific heat, 250 
specifications, 1120-1122 
storage, 1120, 1121 
strength, 1120, 1121 
tar —, 1917 
testing, 1019, 1116-1120 

pieces, storage of, 1119 
tension, 1119 

tile, roofing, 1130, 1138 
drains, 1695 

Velow —, early strength, 1958 
water —, ratio, 1018, 1024-1025, 1028 

weight, 1028 
Census, traffic —, highways, 1902, 1903 
Cental, 307 
Center, of buoyancy, 1307 

of gravity, 100-105 
of stable body, 89 

gyration —, 109 
inertia —, 100 
of percussion, 125 
of pressure, hydrostatics, 1306 
station, reduction to, triangulation, 

503 
Centering, arch —, 831-840 

bent type —, 833 
bowstring —, 833, 834 
striking —, 998 

Centigrade scale, temperature, 259 
Centimeters, to inches, 314 i 

per second, equivalents, 308: 

Cem—Cha 2181 

Centimeters, per second, to f.p:m., 319 
Central American measures, 305 
Central angle, curves, 508 
Central station, power plants, 383 
Centrifugal, cast pipe, 1500 

force, 122-124 
on bridges, 1180, 1183 

pump, 1389-1393 

in coffer dams, 754 
curve, 1392 

for drainage, 1687 
life of, 1711 
lift, single stage, 1389, 1390 
performance, table, 1391 
power and efficiency, 1390 
vs. screw, 1392, 1393 
shut off head, 1390 
single stage, 1389, 1390 
speed, 1393 
turbine driven, 352 

stress, revolving bar, 564 
Centroid, 100 
Cerium, chemical element, 242, 267 
Cesspools, sewage disposal, 1746 
C. F.S., equivalents, 1332 
C. G.S., units, 364 
Chains, 698 

classification, 698 
efficiency, power transmission, 140 
proportions, common types, 698 
strength, 698 
surveying —, 410 

suspended —, curve of, 77 
tests, 618 

Chalk, conductivity, 273 
Chamber, air —, hydraulic ram, 1397 

piston pump, 1394 
grit —, 1735 

for splicing electric wires, 2122 
working —, details, caisson, 761 

Chamberlain process, garbage reduc- 
tion, 1765 

Change, adiabatic —, 329, 335, 341 
entropy —, 331 

isodynamic —, 329 
of state, thermodynamics, 329, 334 

Channeling machine, 854 
Channels (structural steel), 677 

combined stresses in, 572 
washer, timber truss, 848 
weight increased, 665 

Channels (water), curvature effect, 1346 
drainage —, swamps, 1684 

dredging, harbors, 1788 
flow, water, 1342-1352 
lighting, 1801 
long —, flow, 1343 
of mouth of river, 1792 
new —, rivers, 1793 
obstructions to flow in, 1348 
open —, flow, water, 1342-1352, 1371 
regulation, harbors, 1788-1790 
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Channels, river —, 1793 
cross-section, 1343, 1346-1348 

section, change of, flow, 1348 
ship—, radius, 1794 

Chanoine wicket, movable dam, 1553 
Characteristic, equation, thermody- 

namics, 329, 333 
logarithmic —, 37, 146 

Charcoal, conductivity, 270 
fuel, 245 
iron, 626 

Charles’ law, gases, 333, 1309 
Charlestown Bridge, machinery, 1252 
Charpy testing machine, impact, 614 

Chats, 1913 
ballast, railroads, 2018 

Chemical, closets, sewage, 1746 
compounds, 243 
elements, tables of, 242, 243 
examination, coal and coke, 246 
measurement, streams, 1367 

water, from turbines, 1441 
precipitation, sewage disposal, 1739 
for water softening, 1467 

Chemistry, 242-249 
Cherry, 251 
Chert, 1913 

ballast, 2018 
Chestnut, 647 

fence posts, 2002 
properties, 657, 794, 795 
strength, 801 
trolley poles, 2126 

Cheval-vapeur, equivalents, 307 
hours, equivalents, 309 

Chezy formula, water flow, 1321, 1343 
Chicago, building laws, loads, 1158, 1159 

method, deep foundations, 743 
River Tunnel, 1647 

Chills, molds, iron, 622 
Chimney, brick —, 910 

foundation loads, 909-911 
gases, boilers, 345 
reinforced concrete —, 1112-1114 
temperature stresses, 1114 

wind pressure on, 295, 1113 
stresses, 910, 1112 

Chinese weights and measures, 304 
Chisel, stone cutting —, 859, 860 
Chittendon drum dam, 1555 
Chlorination of sewage, 1746 
Chlorine, atomic weight, 242 

gas, 254 
liquid —, water purification, 1471 
melting point, 267 
treatment, taste and odors of, 1472 
used to control algae, 1472 
in water, 1464 

Chock, mooring —, 1823 
Chord (bridge), box section —, 1191, 

1234 
cantilever —, 1261, 1264 
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Chord, compression —, built up, 1234 
inclined —, stress, 1230, 1237 
Memphis Bridge —, 1262 
Quebec Bridge —, 1261 
roof truss —, 843, 1137 
stress, wheel loads, 1230 
timber —, 843, 846 
top —, truss, 1137, 1235 

Chord (in geometry), 52 
of circle, 28, 29, 39 
method, plotting, 426 
of railroad curve, 509 
switch —, 2045 

Chrome, -molybdenum steel, 634 
-nickel steel, 634 
-nickel-molybdenum steel, 634 
-vanadium steel, 634 

Chromium, chemical element, 242, 267 
steel, 635 

Church, illumination, 404 
loads, 1148 

Chutes, canal —, 1666-1667 
Cinder, angle of repose, 892 

ballast, 2018 
concrete, conductivity, 272 

fireproofing, 1151 
roofs, 1060 
weight, 1131 

sidewalk, 1973, 1975 
weight, 891, 892 

Cippoletti weir, 1341 
Circle, arc, 35, 39, 52, 102 

area, 30, 32, 39, 52 
center, to find, geometry, 52 
chord, 28, 39, 52 
circumference, 27, 39, 52 
dyadic —, flexure, 571 

equation of, 72 
in geometry, 52 
great —, 51, 482 

hour —, astronomy, 482 
inertia —, 107 
linear arch —, water pressure, 966 
moment of inertia, 108, 570 
motion in, harmonic, 117, 118 
polar equation, 68 
polar moment of inertia, 595 
radius of gyration, 570 
sector, 52, 103, 108 
segment, 28, 39, 52 

center of gravity, 103 
moment of inertia, 108 

tables, 28, 39 
vertical —, astronomy, 482 

transit, 416 
Circuit, breaker, 377 

closed —, batteries, 405 
electric —, 366 
phase, 369-370 

Circular, arc, 102 
-mil, electric conductors, 373 
plate, stress, 600 
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Circumference, circle, 27, 39 
Circumferential stress, 562 
City, bridges, loads, 1171, 1174, 1178, 

1179 

canal through, 1571 
car size, electric R. R., 2143 
dump piers, 1876 
pavements, 1937-1973 ; 
refuse disposal, 1749-1772 
roads, 1899, 1900 

surveying, 445-447 

Civil time, 484 
Clam-shell dredge, 783 
Clark cell, electric, 364, 405 
Clarifier tanks, sewage, 1736 
Classification, earthwork —, 519-521 
Clavarino’s formula, cylinders, 554 
Clay, 710, 1906, 1914 

angle, of repose, 892 
of internal friction, 892 

auger borings in, 708 
bearing capacity, 387, 711 
brick, 645, 875, 1914 

burnt—, ballast, 
2019 

canal lining, 1574, 1661 
capillarity capacity, 1654, 1655 
channels in, 1603 
cohesive strength, 892 
concrete admixture, 1035 
deposition, 1350, 1474 
draining, 1696 
in drinking water, 1463 
eroding velocities, 1350, 1605, 1663 
fire —, 1914 
foundations, 713 
friction angle and coefficient, 133, 

783, 892, 893 

and gravel mixed, 1922 
in mortar, 1035 
physical characteristics, 714 
pipes, irrigation, 1679 
pressure of, 924 
puddle, 746 

cofferdams, 746 
core wall, 1538 

restitution coefficient, 130 
road, 1919 

material, 1906 
and sand, bearing capacity, 711 
in sand, concrete aggregate, 1023 
sand and gravel mixed, 1906 

angle of repose, 927 
bearing capacity, 711 
weight, 893, 927 

-sand roads, 1920 
shield tunnels in, 1632, 1634, 1636 
shrinkage, 777 
slurry, flow, pipes, 1338 

submerged —, weight and slope, 893 

tunnels in, 1446, 1624, 1626-1631, 

1632 

railroads, 2018, 
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Clay, for vitrified bricks, 1914 
water storage in, 1426 
weight, 891, 892 

in sea water, 1805 
submerged, 893, 1805 

wells, dam and wall joints, 922 
Cleaning, drawings, 428 

pipe lines, effect, 1513 
sewers, 1727 

Clearance, bridge —, 846, 1181, 1182 
highway —, under and over railroad, 

1901 

permanent way structures, electric 

R. Ri, 2138 
railway -—, electric, 2159 

Clearing and grubbing, 521, 789, 790 
for railroad, 2001, 2086 
reservoir site, 1456 

Cleat, mooring —, 1822, 1823 
Cleat work, interior wiring, 396 
Closets, chemical —, sewage, 1746 
Closure, survey —, 438, 448 
Cloth, tracing —, 423 
Coagulating basins, water, 1473 
Coagulation, water, 1468, 1473 

continuous vs. intermittent, 1473 
reactions, time, 1473 

Coal, analysis, 246 
angle of repose, 1293 
anthracite —, 245, 250 
bins, 1291 
bituminous —, 245, 250 
coefficient of expansion, 250 
combustion, 245, 345, 386 
consumption, steam pumping, 1396 
dust, explosibility of, 248, 249 
gas, 247 
handling, cost, 388, 2061, 2062 

plants, docks, 1873-1874 
heating value, 245 
internal friction, 566 
sampling, 246 
specific gravity, 250 
-tar, pipe coating, 1508 

preservative, irrigation, 1711 
road material, 1916 
water proofing, tunnel lining, 1643, 

1644 

weighing, 2062 
weight, 1293 

Coaling stations, railroads, 2061 

cost, 2088 

Coating, cast iron pipe, 1499 

metal —, 643 
steel pipe, 1508 

timber, 652 
Cobalt, 242, 252, 267 

Cobblestones, rip rap, 925 

slope wall, 874 

Cobwell process, garbage reduction, 

1765 

Cochituate watershed, run-off, 1405 
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Coefficients, binomial —, 43 
block —, shipping term, 1896 
differential —, 59 
drainage —, farms, 1696 
of elasticity, 547 
of expansion, heat, 275, 565, 623 
friction —, 132-136, 139, 797 
of impact, 561 
load line —, shipping term, 1896 
refraction —, 1464 
restitution —, impact, 130 
run-off —, storm water, 1719 
stress —, Fink truss, 1134 
temperature —, electrical, 372 
uniformity —, sand and gravel, 1321, 

1475 
Coffer-dam, 745-751 

crib —, 751 
on pneumatic caisson, 763 
pumping, 752, 753 
red spruce used in, 648 

Cogging, timber ‘joint, 808 
Coil friction, 133 
Coke, 245 

-oven tar, highways, 1916 
Co-latitude, surveying, 418 
Colbert Shoals Canal, 1595 
Cold, bending tests, 619, 632 

shorts, 624 
wave signals, 278 

Cole-Flad pitometer, 1370 
Collector, rings, motors, 379 

shoes, third rail, 2136 
Colloid foundations, 714 
Collimation line, surveying, 414, 443 
Colonization, reclamation project, 1709 
Color, in paint, 664 

signal —, railroads, 2064, 2154, 2155 
staining —, paint, 664 
standard for water, 1463 

Colorimetric test, concrete sand, 1022 
Coloring matter, stream measurement, 

1367 
Columbium, chemical element, 242, 267 
Column, 545, 589-595 

axis, 590 
behavior under loads, 594-595 
bending, 589 
brick —, 595 
buckling, 594 
caps, metal, timberwork, 809, 810 
cast iron —, 594, 1159 

formula, 592, 1159 
stress, 1159 

composite —, steel and concrete, 1068 
contra-flexure, 1145 
eccentric loads on, 593, 1068 
ends, conditions of, 590 
fireproofing, 1149, 1160 
fixed end —, 590, 1145 
flat end —, 590 
footings, 1069, 1070 
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Column, forms, for concrete, 1037 
formula, 591, 592, 800, 1147, 1159 | 

in building laws, 1159 : 
for eccentric loads, 593 
Euler’s —, 591 
Rankine’s —, 591 
for reinforced concrete, 1068 
straight line —, 592, 1141 
for wood, 592, 800 

framing, timberwork, 808, 809 
H —, Bethlehem, 671, 672 
head, flat slabs, 1065, 1066 
hinged end —, 590 
latticed —, 593, 1187, 1234, 1261 5 
length, 590 
loads, for buildings, 1150, 1159 
long —, in truss, 1235 
mercury —, 285, 309, 1372 
in mill buildings, 1141, 1142, 1147 ) 
pedestals, 1148, 1149 
radius of gyration of, 590 

reinforced concrete —, 1067-1068 
with rounded ends, 590 
shear in, 593 
short —, in truss, 1234 
slenderness ratio of, 590 

wood, 800 

spandrel —, 977 
splice, 1157, 1187 
steel —, 594, 1141, 1147, 1235 

base for, 1148, 1284 
built up —, 594, 1186, 1234-1235 

formulas for, 591, 592, 1141, 1147, 
1159 

unit stresses for, 1159 
stresses, from building laws, 1159, 

1160 

in tall buildings, 1147 
tank —, stresses in, 1291 
terra cotta —, 595 
tests, 594, 618 
in truss, 1234, 1235 
in viaduct tower, 1284 
water —-, head measurement, 1371 
in water tank tower, 1291 
wind stress, 1143, 1145_ 
wood —, 595, 801 

base for, 809, 810 
formulas for, 592, 800 
joints in, 808 
tests for strength, 595 
unit stress for, 792, 801 

wrought iron —, 592 
Combination, algebraic —, 43 

truss, 841 

Combined stresses, 561-563, 597-599 
in bridge members, 1181 
of compression and flexure, 597 

formula for, 598 
of flexure, and tension, 598 

and torsion, 598 
in roof truss, 1135, 1137, 1140 
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Combined stresses, of shear and tension 
(or compression), 551, 562 

of tension and compression, 561 
-of torsion and compression, 598 

Combustion, 244-246, 386 
rate of boilers, 344 

Common bond, brickwork, 881 
Commutator, electric sapvannamics 374 
Compass, 412-413 

surveys, 433, 440 

Compensation, of railroad employees, 
2081 

for induction motor, 382 
Components, of forces, 83 
Composite, landing pier, 1826 

piles, 733 
Composition, of forces, 85-88 

of non-ferrous alloys, 640 
Compound, beam, wood, 815, 816 

chemical —, 243 
curve, 513-515 
generator, 375 
interest, 55 
motor, 375 

Compounding, steam engines, 348 
steam turbines, 351 

Compressed air, caisson, 759-767 
entering rate, 767 

hazards, in foundations, 767 
men under, capacity of, 765 
physiological effects, 767-769 
precautions, 768 
tunneling, 1645-1646 

Compression, 544, 545 
of air, 336 

for quarrying, 857 
for tunnels, 1646 

axia] —, 544 
and flexure, 597 
fracture, 551 
on inclined surface, wood, 842 
isothermal —, of gas, 329, 332 
members of truss, 1185, 1234 

of cantilever truss, 1260, 1261 
design of, 1234 
proportioning, 1137, 1185, 1234 
specifications for, 1185, 1187 
timber, 843-848 

and shear, 551, 562 
stresses, from building laws, 890, 1160 
and tension, 551, 562 
tests, 611, 612 

and torsion, 598 
Compressor, air’ —, for brakes, 2151 

for caisson, 764 
hydraulic —, 1401 

Computations, accuracy of, 40 
stadia —, 469-472 

Comstock method, for refraction, 418 

Concavity, 70 
Concentrated loads, distribution, ‘slabs, 

1063 
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Concrete, 1016-1038 
acid and alkali effect on, 1020 
adhesion of, to steel, 1039 
admixtures, 1034-1035 
aggregates, 1021, 1028 

grading of, 1021 
moisture in, 1026, 1028 
premixed —, 1021 
sampling of, 1022 
size classification of, 1021 . 
specifications for, 1122 

antifreezing admixtures for, 1034 
bearing on, safe, 1184 
bituminous —, paving, 1916, 1940= 

1944 
blocks, for buildings, 1060 

for harbor works, 1108, 1813, 1814, 
1816 

masonry, 877, 889 
chute, angle for, 1030 
cinder —, fireproofing, 1151 

roofs, 1060 
weight of, 891, 1131 

classes of, 1025 
cold weather, effect on, 1033 

protection for, 1033 
compressive Strength of, 550, 889, 

1025 
in foundations, 889, 890, 931 

tests of, 1018, 1036, 1126 
conductivity of, 272 
consistency of, 1028 
construction joints in, 1033 
contraction of, 1019 
culverts, 2013, 2015 
curbs, 1974, 1976 
curing of, 1017, 1032-1033 
cyclopean —, 874, 1520 
cylinder, test specimen, 1126 
“ day’s work ’’ planes in, 1023 
depositing of, 1030-1031 

under water, 1031 
drop of, maximum distance, 1030 
elastic properties of, 1018 
expansion coefficient of, 250, 565, 

891, 1018 
fence posts, 2003 
“flow” of, under loads, 989 
forms, 1036-1038 

pressure on, 1036 
removal of, 1038 

freezing weather effect on, 1031, 1033 
friction, angle and coefficient of, 893 
highway foundations, 1912 

hooped —, 1068 
impervious —, 1035, 1060 
initial set of, 1030 
internal, friction of, 566 

heat of, 1032 
masonry, cost, 942, 969 
mixing, 1028, 1029, 1030 

time of, 1029 
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Concrete, modulus of elasticity, 891, 
1018-1019 

same, tension and compression, 

1018 
modulus of rupture, 1017 
oil effect on, 1020, 1035 
pavements, 1953-1961 

construction, 1956 
payment for, method, 1034 
permeability, 1522-1523 
physical properties of, 1017 
piles, 731-733 
pipe culverts, flow in, 1336 

for highways, 1911 
for irrigation, 1679 
for sewers, 1724, 1726 

placing, 1030, 1031 
plates, circular, strength, 600 
Poisson’s ratio, 562 
pre-cast —, crib walls, 922 
proportioning —, 1023-1029 

methods, 1026 
protection against flowing water, 1031 
quality of, factors controlling, 1016 
quantities of materials for, 1038 
Quays, 1813-1816 
reinforced —, (see Reinforced con- 

crete) 

rubble —, 874 
safe loads for, 889, 890 
sand for, 1022 
sea water effect in and on, 1021 
setting temperature, 1032 
shearing strength, 550, 889, 1017, 

1042 

sidewalks, 1973 
specific gravity, 250 
strength, 550, 1017-1019 

ratio shear to compression, 566 
surface, bridge floors, 1194 
temperature effect on, 1032 
testing, 1035, 1036 

cylinders, 1036, 1126, 1127 
specimens, storing of, 1127 

transmission of water pressure 
through, 937 

transporting of, 1030 
tremie —, 1031, 1851 

trestles, 828 
water, amount for, 1016, 1024, 1028 

-cement ratio, 1018, 1024, 1025, 
1028 

gaging, 1020, 1029 

watertight —, 1035 
workability of, 1016, 1026, 1029, 1034 

yield from given mix, 1028 
Conductance, electric —, 364 

thermal —, factors, 274 
value, heat, sheet materials, 271 
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Conductivity, thermal —, factors, 274 
Conductor, electrical —, 372, 391, 392, 

396-399 
magnetic field, 367 
material of, 391 
size of, transmission line, 391 
spacing of, transmission lines, 392 
stresses in, transmission line, 392 
underground —, 2121-2123 

Conduit, for electric wires, 396, 397 

life, 2112 
types, 2121, 2122 

fibre —, size and weight, 2121 
irrigation —, 1662-1665 
reinforced concrete —, 1111 

data, 1365-1567 
underground —, 396 
water —, intake, 1444 

Cone, 54 
center of gravity for, 104 
frustum of, 54, 104, 111 
moment of inertia of, 110 
pyrometric —, temperature, 263 
sections of, 71 
with spherical base, 54 
volume of, 54 

Conglomerate, sedimentary rock, 850 
Conic and conic sections, 71-75 
Conical bottom, tanks, 1290 
Conservation of energy, 115, 330 

of flowing liquid, 1308 
Consistency, bituminous materials, 

1916, 1918 

Constantan, alloy, 263, 264 
Constants, algebraic —, 42 

differentical calculus —, 59 
of integration, 63 
mathematical —, 36, 39 

Constellations, polar —, 487 
Construction materials, 543-706 
Consumption, water —, 1491-1494 
Contact beds, sewage —, 1745 
Continuity, reinforced floors, 1062 
Continuous, beams, 584-587, 1059, 1079 

bridges, 1161 
joint, rails, 2035, 2036 

Contours, 430, 465-466, 540 
characteristics, 465 
check method of irrigation, 1679 
earthwork computations by, 540 
locating —, 465 
rendering, 429, 430 

Contraction; heat, 274 
coefficient of, for short tubes, 1315 

at ends of weir, 1341, 1358 
incomplete —, orifices, 1318 
joints, masonry aqueducts, 1560 
lateral —, factor, 562 
losses in pipes, 1335 

Conduction of heat, 268 suppression of,. increases flow, 1318 
Conductivity, electric —, 364, 372 Contraflexure, point of, fixed column, 

thermal —, 250, 268-270 1145 
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Controller, electric train, 2148 
motor —, 376 

Convection, heat, 268 
Conversion tables (measures), 309-325 

index, 310 
linear feet to miles, 1998 

Converter, rotary —, 393 
synchronous —, 393 
in substations, 2119 

Convexity, 70 
Conveyance, losses, irrigation, 1658- 

1661 
system, irrigation, 1662 

Conveyor, belt —, earthwork, 775 
bucket —, at coaling station, 2062 

life, 2112 
Cooper Hewitt lamps, 401 
Cooper system bridge loads, 1163-1169, 

1176 
Co-ordinates, analytics, 68 

astronomic —, 482-483 
Cartesian —, 68 
of observer, astronomy, 483 
Polar —, 68 
rectangular —, 68, 425, 440, 447 

spherical —, 482 
system, curve equation, 69 
transformation of, analytics, 68 

astronomic, 483 
of thermodynamic system, 328 

Copper, 638 
alloys, 638, 639 
atomic weight of, 242 
cast —, 638, 640 
conductivity, thermal, 273 

electric conductors, 372, 373, 398 

fatigue of, 558 
freezing temperature of, 263 
loss, in transformers, 390 
melting point of, 267 
physical properties of, 252, 638, 639, 

640 
saving, in high voltage, 395 

sound transmission through, 276 

specific resistance of, 252, 372 
Standard, International Annealed —, 

365 
in steel, resists corrosion, 642 
sulphate, for reservoir growth, 1455, 

1472 

tubing, for service pipes, 1516 

as timber protective, 652 
wire, 373, 398, 638, 699 

Copperas, as coagulant, 1469 

Cord, of firewood, 305 

used to measure stream flow, 1367 

Cordage, tests of, 697 

Core, borings, 708, 1613-1614 

in electrical machines, 375 

molding —, for iron, 622 

Core-walls, in earth dams, 1538, 1540, 

1541 

Con—Cou 2187 

' Core-walls, 
1544 

material for, 1538, 1540-1541 
in rock fill dams, 1547 

Corinth Canal, 1596 
Cork, conductivity of, 270 

physical properties of, 251 
restitution coefficient, 130 

Corliss engine, 349 
Corn, angle of respose of, 1293 

weight of, 1293 
Corners, public land survey, 451-454 
Cornice, building —, 1153 
Corrosion, fatigue effect, 557 

of metals, 642-644 
of steel pipe, 1508 

Corrugated iron, costs, 1157 
dimensions of, 687 
pipe culverts, 1337, 1911 
roofing, 688, 1139 
siding, 688 
strength of, 687, 688 
weight of, 688 

Corrugated limestone, 851 
Cosecant, 48, 49, 50 

graphs, 49 
hyperbolic —, 77 
sign, quadrant, 173 
tables, 12, 13 

Cosine, 48, 49, 50 
anti —, 50 
arc —, 50 
expansion of, 63 

graph, 49 
hyperbolic —, 34, 39, 77 
inverse —, 50 
logarithmic —, six-place, 174-219 
natural —, five place, 220-228 

series, 44 
sign, quadrants, 173 
tables, 12, 13, 174-228 

Cotangent, 48, 49, 50 
graph, 49 
hyperbolic —, 34, 77 
logarithmic —, 12, 174-219 
natural —, 13, 229-240 

sign, quadrant, 173 
tables, 12, 13, 174-219, 229-240 

Coulomb, electrical unit, 365 

Coulomb’s theory of earth pressure, 895 

Counter, bridge specifications, 1186 

E. M. F., 376 
Counterfort, 911, 923 

Couple, components of, 85 

moment of, 85 

for temperature measurement, 263, 

264 
torsion —, 595 
voltaic —, electricity, 405 

Coupler, car —, test of, 618 

Couplings, shaft —, 596 

Coursed rubble masonry, 868 

in hydraulic fill dams, 
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Cover, masonry —, for filters, 1486, 
1488 

plate, plate girders, 1214 
on truss members, 1234 

Coverings, roof —, 840, 841, 1130 
weight of, 842, 1130 

Cradle, car ferry —, 1872, 1873 
on marine railroad, 1838 

Crandall, stone cutting tool, 859 
Crandalling stone, 862 
Crane, bracket, 1142 

cargo-handling —, 1885-1891 
design, floating and shore, 1891-1892 
electric traveling —, 1142, 1143, 1144 
floating —, 1888 
hand —, 1144 
jib —, in coaling stations, 2061 
locomotive —, at coaling station, 2062 
motor, type, 375, 382 
movable shore —, 1887 
in power plants, 1436 

shipbuilding —, 1883, 1885 
stationary —, 1888 

Crenothrix, 1455 
Creosote, timber protective, 652, 656 

timber, for quays, 1811 
for trestles, 828 

wood paving, 1915, 1971 
Crest, dam —, discharge, 950, 1342, 

1361-1362 

form of, dams, 950, 1363 
gates, on dams, 953, 954 

Crib, for breakwaters, 1779 
for bridge piers, 762 
coffer-dam, 751 
dam, 1537 
on pneumatic caissons, 762 
for quays, 1811, 1812 
red spruce used in, 648 
rock filled —, 751 
submerged —, water intakes, 1444 
tower —, water intake, 1444 
for wharves, 820 
-work, timber landing piers, 1826 

Critical, pressure, elastic fluid, 342 
velocity pipes, 1320 

Crooked boundaries, location, 440, 441 
Crops, effect of, on percolation, 1406 

effect on duty of irrigation water, 
1657 

water required for different —, 1657 
Cross, arms, electric R. R. poles, 2125 

bending, in roof truss, 1139, 1140 
frames, girder bridge, 1189, 1203 
ties, 2022-2025, 2051 

Crossings, canal —, irrigation, 1667, 
1668 

grade —, 505, 1901 
protection for, electric R. R., 2156 
railroad —, highways, 1901, 2008° 
track —, 2052 

two tracks, 2052 
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Crossover, track, 2050-2053 
between curved tracks, 2052, 2053 
distance between switch’ points of, 

2050 

for parallel tracks, 2050 
Cross-section, of borrow pits, 456 

change in —, combined stresses, 561 
dam, canal, etc., —, surveying, 457 
earthwork —, 521 

leveling, 456-457 
paper, 423 
road —, 457 

Crown, of arch, 963, 968 
of dome, 1008 
of highway, 1909 

formulas for, 1909 
of pavement, 1909 

Crucible steel, 629 
Crushed stone (see Broken stone) 
Cuban measures, 305 
Cube, of numbers: 22,25 

roots of numbers, 24 
test specimens, strength, 616, 711 

Cubic, foot and inch, 308 
parabola, easement curve, 517 
spiral, easement curve, 517 

Culmination of star, 484, 487 
Culverts, 1106, 1107, 1910-1911, 1337, 

2008 

area of waterway of, 2008, 2009 
diagram for, 2010 
formulas for, 2009-2010 

box —, flow in, 1106, 1337 
camber for, earthwork, 778 
canal —, 1576, 1579, 1667 
cast iron pipe —, 1911 
concrete —, 2013, 2015 
concrete pipe —, 1911 

flow, 1336 
corrugated metal —, 1911 

flow, 1337 
design, 1106-1107, 2011-2017 

standard, railroads, 2012, 2015 
dive —, canals, 1576 
flow through, 1336 

empirical formulas, 2009-2010 
head walls, 781 
highway —, 1910-1911 
in levees, 781 
masonry arch —, 2013 

concrete volume in, 2013 
pipe —, 1336, 1337, 1910-1911, 2011, 

2012 

capacity, highways, 1910 
drainage area served by, 2011 

railroad —, area of waterway, 2008- 
2011 

cost of, 2087 
economic size, 2009 
forms of entrance for, 2009 
size of opening of, 2008 
slope of, 2009 
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Culverts, railroad —, smoothness, 2009 
reinforced concrete —, 1106, 1911, 

2013, 2016, 2017 

standard —, railroads, 2012, 2014, 
2016 

stone box —, 2012 
Vitrified clay pipe —, 1910 

flow, 1337 
waterway of, railroad, 2008, 

smoothness of, 2009 
wood box —, 2013 

Cupola, iron furnace, 622 
Curb, sidewalk —, 1974, 1975, 1976 

staking out —, 446 
Curbing, header —, pavements, 1945 
Current (electrical), 364 

alternating —, 368 
direct —, 368 
distribution, 394-400 

electric R.R., 2124-2143 
eddy —, 366 
heating effect, 368 
for power plants, 1433 
rating, transformers, 390 
torque, speed, relation, 381 
transformers, 389 

Current (in hydraulics), 1310 
meter, 1365, 1441 
radiating, water, 1310 
river —, velocity, 1791 
stream —, observation, 1364-1367 

Curtain dam, movable, 1552 
Curvature, analytics, 69, 70 

compensation, steam R. R., 2097 
compound —, point of, 513 
correction, earthwork, 525 

leveling, 456 
cost, steam R. R., 2099 
of earth, 497 
effect, electric R. R., 2113 
of open channels, flow effect, 1346 
points of —, simple curve, 508 
radius of, 70 
of water pipes, flow effect, 1319, 1333 

Curved, beams, 599, 1270 
cantilever, reinforced concrete, 1077 

track crossovers, 2052, 2053. 
Curves, alignment, revising, 519 

anti-friction —(catenary), 77 
in analytics, 70 
for arches, 966-967 
canal section on, 1573 
cast iron pipe —, 1333, 1334, 1501 
city street —, 446 
clearance, electric R. R., 2159 
compensation for —, R. R. location, 

506, 2097 
compound —, 513-515 
degree of (D), 508 
easement —, 516-519 
elastic —, beams, 573-582 
elements of, 509 
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Curves, envelope of family of, 70 
equation of, analytics, 69 
grade compensation for, 506, 2097 
gradient —, 70 
graphs, 46, 47 
higher —, 75-77 
on highways, 1898 
inflection point of, 71 
laying out —, 510-513 
length, 508 
logarithmic —, 46, 1324, 1325 
loss of head at, pipes, 1319, 1333- 

1334 
mass —, earthwork, 526, 527 

water storage, 1423, 1424 
metric —, 508 
parabolic —, vertical, 447, 519 ~ 
problems, 512-513 
pull, trolley wire, 1295 
radius of, 507, 508 
railroad —, 508-519 

car pressure on, 121 
rails on, 2026, 2034, 2035 
super elevation on, 516, 2034 
switches and frogs on, 2046 

resistance, railroads, 2094 
reversed —, 515-516 
simple —, 508-513 
slope angle of, 70 

spiral —, 516-519 
in steel pipe, 1508 
in street lines, 446 
subchord of simple —, 508 
transition —, railway, 516-519 

electric R. R., 2160-2162 
trestle —, 825 
trolley system —, 2130 
vertical —, 447 
water pipe —, head lost, 1319, 1333- 

1334 
Curvilinear motion, 119 
Curving rails, 2026 
Cusp, curves, 71 
Cut and cover method, subways, 1647 
Cut and fill, earthwork, 521, 523-525 
Cut-back products, asphalt, 1922 

bituminous —, 1916 
Cut holes, rock tunnels, 1622 
Cut-off walls, dams, 936 
Cut stones, 862, 867 

cost, 864 
Cycle, alternating current —, 365, 379 

Carnot’s —, thermodynamics, 331 
Diesel oil engine —, 356 
ideal —, steam engine, 346 
Otto’s —, gas engine, 355 
Rankine’s —, steam engine, 346 
steam engine —, 346 

work of, indicator, 347 
Cycloid, 75 
Cyclopean masonry, dams, 1520 

expansion coefficient, 891 
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Cyclopean masonry, modulus of elas- 
ticity, 891 

weight, 891 
Cylinder, 54, 553-555 

casting, cores for, 622 
center of gravity of, 104 
frustum of, 54 
hollow —, volume, 54 
locomotive —, power, 2069-2073 
moment of inertia of, 110 
surface area of, 54 
test —, concrete, 1036, 1126 
thick hollow —, stress, 553 
thin —, stress, 553 
volume, 54 
wedge, 54 

Cypress, 647 
conductivity, 270 
physical properties, 657, 794, 795, 

796, 801 

D 
Dalton’s law, gases, 275, 1309 
Dampness effect, timber joints, 823, 825 
Dams, 911, 931-963, 1520-1557 

A-frame —, movable, 1552 
bear trap —, movable, 1554 
beaver type —, timber, 1537 
crib —, 1537 
curtain —, 1552 
diversion —, 1670, 1671 
drum —, 1555 

earth —, 1538-1544 

compacted, data, 1540-1541 
core walls, 1538 

cross-sectioning, survey, 457 
embankment, placing, 1539 
failure, 1544 
foundations, 1538 

height of, above water, 1540-1541 
notable, data, 1541-1544 
outlets through, 1557 

slopes, 1539, 1540-1541 

sluicing, 1544 
springs under, 1538 
top width, 1540-1541 

failures, 912, 1544 

gate —, movable, 1553, 1555, 1556 
hydraulic filled —, 1544-1547 
loose rock —, 1547 

masonry —, 931-963, 1520-1534 
apron, 950, 951, 952 
arched, 956-963 

back of, 946 

backed with earth, pressure, 901 
bulging of rock, in front of, 946 
concrete, 1521 
cost, 942 

crest, 950-953, 954 
curved, 943, 1527-1531 
cut-off walls, 936, 939 
cyclopean, 1520 
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Dams, masonry —, design, 934, 946-956 
distance c. of g. to toe, trapezoid, 

916 

down stream face stepped, 951 
drainage galleries, 937, 1522 
drains, 936 
on earth foundations, 937-939, 

1550-1552 

expansion joints, 1522 
external forces on, 902 
factor of safety, 932 
failure, 912 
flash boards, on crest, 953, 954 
flow over, 950-953 
foundations, 932, 1520 
general data, 931+942 
geological investigation for, 931- 

932 

gravity section, 932 
grouting, 940, 1520 
ice pressure on, 941 
horizontal joint stress, 902-907 
highest existing, 931 
internal stress, 902-907 
investigations, 942-946 

leakage increase with height, 931 
line of pressure, 913, 932, 943-945 
models, 959 

moments in, 913 
notable, data, 1523-1534 
outlets through, 1557 

overflow, 901, 1531-1534 
overturning moment, 913 
pentagonal section, 947 
Percolation under, 939, 940 
resistance line, 913, 943-945 
resisting moment, 915 
rubble, 1520 
on sand, 937, 938, 939 
sections, 942 
shearing stress, 903 

size of stones for, 1520 
sliding, 933, 946 
spillway, 949, 951, 952, 953-955 
stability, 912, 913 
with stepped shoulders, 946 
straight, data, 1523~1527 
stresses, 902-907, 945 
temperature effects on, 942, 1521 
theory of design, 934 
trapezoidal section, 943 
unit stress at toe, 916 
uplift, 901, 935, 938 
vertical and lateral loads, 903 
water pressure on, 900-901, 935 
water under. base of, 947 
waterproofing, 936, 1522 
wave action effect on, 942 
Wegman’s profile for, 947 
weight of masonry in, 947 

movable —, 1552-1557, 1593 
multiple arch —, 958-963 
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Dams, needle —, movable, 1552, 1556 
overflow —, 1531-1534 

on earth foundations, 1550-1552 
nappe adherence on, 952 
water pressure on, 901 

Panama Canal —, 1601 
rafter and strut —, timber, 1537 
reinforced concrete —, 1107, 1535- 

1536 
flat slab —, 963 

rock-fill —, 1547-1550 

rolling —, 1553 
on sard, 937 
shutter —, movable, 1552, 1553 } 
spillway, 949, 951-955 
steel —, 1536-1537 
stoney sluice gate —, 1553, 1556 
Taintor gate —, 1556 

timber —, 1537-1538 
types (shape), 1363 
upward pressure, 901, 935, 938 
wicket —, movable, 1552, 1553 

Daniell cell, electric, 405 
Dapped joint, timbers, 808, 810 
Darcy’s formula, water, 1322 
Datum, establishing, leveling, 456 
Day, sidereal —, 484 

solar —, 484 
tidal —, 1775 

“‘ Day’s work ” planes, concrete, 1023 
Dead, animals, disposal, 1751, 1753, 

1754 
oils, highway materials, 1916 
Sea, specific gravity of, 1305 

Death rate, typhoid —, 1465 
Decay, timber —, 651 

bark effect on, 646 
forms of, 656 
ventilation against, 821, 823 

Dechlorinizing process, water, 1472 
Decimal equivalents, fractions, 36 
Deck bridges, 1161 
Declination, astronomic—, 417, 482, 483 

of magnetic needle, survey, 433, 442 
Deeds, interpreting —, 441 
Deep foundations, 741, 754, 756 
Deflection, angle (survey), 438 

angle method, curve layout, 510 

of beam, 573-584 
combined stress, 597 
compound, wood, 816 
curved, 599 
curved cantilever, 1270 
from impact, 589 
wooden, 797, 799 

-distance, curve layout, 511 
formula, wooden beam, 799 
of truss, 1241-1244, 1266-1268 

cantilever, 1266-1268 

Deformation, 546-548 
lateral —, effect, 562 

of masonry arches, 986-989 
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Deformation, from temperature, 565 
ultimate —, 549 

Degradation of energy, 330 ° 
Degree, angle —, 52 

in radians, 13, 38, 52 
of curve, 507, 508 
length in meters for Earth, 504 

DeLaval steam turbine; 351 
Delavaud pipe, cast iron, 1500 

“Delta, metal, 639 
forming, rivers, 1792 

Demand factor, electric power, 366, 1436 
Density, 110, 250, 1304 

equivalent units of, 305 
Departure, surveying, 425, 438 
Deposition, solids from water, 

1474 

Depreciation, annual —, 58 
Depth, maximum for diving, 759 
Derivative, calculus, 59, 60, 61 
Derrick, car, 1200 

stresses, 99 
for wash borings, 1611 

Desert Land Act, 1707 
Detonator, explosives, 249 
Detour markers, roads, 1980 
Detritus tanks, sewage, 1735 
Detroit River Tunnel, 1646 
Detrusion, deformation, 547 
Diabase, igneous rock, 850, 1912 
Diagopal, bracing, buildings, 1142 

of Howe truss, 97 
of Pratt truss, 1225 

Diagrams, discharge circular sewers, 
1720, 1721, 1722 

draft tube —, 1431 
logarithmic —, 46 
mass —, earthwork, 526-527 

water storage, 1423-1425 
moment —, 94, 568, 574-582 

shear —, 94, 568, 574-582 
stress —, building, 1145 

knee brace, 1146 
roof arch, 1273 
truss, 98, 99, 1228, 1229 

wheel loading —, 1163-1178, 1208 
wind bracing —, buildings, 1155, 1156 

Diameter, capacity, cost, relation, pipe, 

1494 
conjugate —, ellipse, 72 

hyperbola, 73 
pipe —, quantity relation, 1333 

Diamond; baseball) laying out, 449 

drill, core borings, 855, 1613 

hardness, 250 

Diaphragm, float, stream measure, 1365 

pumps, 753 

Diatomaceous silica, admixture, &79 

Diatoms in water, 1455 
Diatonic gases, 334 
Dielectric strength, 365 
Diesel engine, 356, 357 

1351, 
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Differential, calculus, 59-62 
gage, 1372 
surge tanks, 1438 

Differentiation, calculus, 60, 61 
Diffusion of light, 255, 404 
Digestion of sewage sludge, 1740-1741 
Dike, beach protection, 1783 

earth —, sub-aqueous foundations, 

746 

Holland —, 1798 
permeable —, 1795 
pile —, 1795 
spur —, beach protection, 1787 

river training works, 1795 
stone —, 1795 

Dilution, sewage disposal by, 1730-1732 
required for sewage purification, 1731 

Dimension stone masonry, 868 - 
Dine’s tube anemometers, 291 
Diorite, igneous rock, 850, 851 
Dip, correction, altitude, 487 

of sea horizon, 487 
Dipper dredge, 781, 786 
Direct current, distribution, 394 

measurement, 368 

potential, measurement, 368 
system, electric traction, 2109 

Direct lift bridge, 1248 
Directrix, conics, 71 
Disc, torsion —, stream measure, 1367 
Discharge, and head to H. P. and K.W., 

1404 
of pipes, tables, 1330-1331 
of sewers, circular, 1720, 1721, 1722 
of streams, 1403, 1417-1423 
of tile drains, 1698 

Disinfection, of sewage, 1746 
of water, 1471 

Disk meters, 1514 
Dispatcher’s signal system, R. R., 2156 
Displacement, curves, piston pump, 

1394 
diagram, cantilever, 1266 
uniplanar —, 127 
virtual —, 88 

Distance, external —, curve, 509 
focal —, ellipse, 72 
inaccessible —, measuring, 442-445 
meridian —, double, 438 
on old deeds, 441, 442 
polar —, 417, 418, 483 
recording devices, 411 
reduction, railroad, 2098 
stadia —, surveying, 467, 468 
tangent —, simple curve, 509 
train acceleration —, vs. force, 2096 
velocity, acceleration and —, 116 
zenith —, astronomy, 482 _ 

Distillation, destructive —, charcoal, 245 
Distribution, electric current, 394-400 

electric R.R., 2121-2143 
of water, 1490-1518 
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Distribution, of water, for irrigation, 
1674-1675, 1682-1683, 1707 

Distributors, road oil, etc., 1983-1987 
District laws, irrigation, 1708 
Ditch, drainage —, 1688-1690 

cost, 1689 
maintenance, 1690 

excavation, dredge, 783 

farm —, 1694 
highway —, 1910 
irrigation —, 1678 
muck —, levees, 779 
railroad drainage —, 2008 

Ditching machinery, 786-787, 1689 
Dive culvert, navigation canals, 1576 
Divers, and diving, 757-759 

outfit, 757 
preparation, 757 

Diversion, dams, irrigation, 1670-1671 
works, irrigation, 1670-1672 

Diversity factor, electricity, 366, 1436 
Divide, watershed, contours on, 465 
Division, by logarithms, 38 

of powers and roots, 42 
Docks, 1835-1868 

dry —, 1110, 1838-1857 
floating dry —, 1857-1868 
graving —, 1838-1857 
lift —, 1838 
walls, 925-929, 1108 

assumptions for design of, 925 
concrete blocks used for, 926 
live load on, 927 
on relieving platform, 928 
resultant pressure on, 927 
on rock, gravity, 926 
rubble on rip rap, 928 
types of, 926 

wet —, 1835-1836 
Dollar, annual annuity, 56-58 

value, 57, 58, 325 
Dolomite (limestone), 850, 851 
Dolphins, pier fenders, 1822 
Domes, 1008-1014 

analysis, 1012, 1013, 1014 
numerical example, 1014 

conical, tension removed by hoop, 
1014 

general data, 1008-1011 
parts defined, 1008 
precedents, 1008 
stability, 1011 
references, 1014 

Dope, dynamite, 248 
Dorrco screens, sewage, 1734 

Dortmund tanks, sewage, 1736 
Dote, timber, 656 
Double, meridian distance, 438, 439 

rodded lines, leveling, 456 
Douglas fir, 657, 794, 795, 796, 801 

for wood blocks, 1915 
Dovetail halving, timber joint, 808 
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Dowel, masonry bond —, 871 
wood —, 805 

Dowelling concrete pavements, 1959 
Doyle rule, log measure, 304 
Draft, animals, transport, 144 

steam boilers —, 345, 386 
tube, power plants, 1429-1432 

Drafting, 422, 427 
instruments, 422-423 

Drag-line, bucket dredge, 781, 783 
excavator, 786 

Drag scraper, 770, 777 
Drain, blind —, highway, 1908 

box —, 1908 
farm —, 1694-1702 

inlets, pavements, 1975 
irrigated land —, 1703 
levee —, 781 
masonry dam —, 936, 937, 1522 
railroad —, 2008 
retaining wall —, 922 
sewer —, sizes and slopes, 1720-1724 
tile, 1694-1702 

amount per acre, 1701 
cement —, 1695 

cost, 1701 
discharge table for, 1698 
farm —, 1694-1695 
highway —, 1907, 1908 
size, 1697 

V —, highway foundations, 1908 
for water filters, 1486, 1487 

Drainage, 1690-1705 
of adjacent territory, canals, 1576 
auxiliary —, marshes, 1691 
channel and outlet, marshes, 1690 

coefficient, farms, 1696 
dam —, 936, 937, 1522 
district laws, 1708 
ditch, 1691, 1692 

depth of, 1691 
farm —, 1693-1705 

benefits from, 1693 
of foundations, 723 
galleries, dams, 937, 1522 
of gravel roads, 1923 
of graving docks, 1844 
highway —, 1907-1911 

of irrigated lands, 1702-1705 
necessity for, 1702 
objects, 1703 

of masonry arch, 995 
of overflowed lands, 1691-1693 
by pumping from wells, 1704 
pumping plants, 1685-1688 
railroad —, 506, 2008-2011 
retaining wall —, 922 
surface —, highways, 1908-1910 

system, farm, 1695 
water for irrigation, 1705 

Dram, 307 
Drawbridge, 1247 

Dow—Dry 2193 

Drawbridge, folding —, 1247 
jack-knife —, 1247 
retractile —, 1247 
trusses, 1251 

Drawing, 427, 428 
lettering —, 427 
mounted —, 428 
paper, 423-425 

Dredged material, 539 
Dredges, 781-785 

boat ditching machine, 786 
dipper —, 781, 786 
dragline bucket, 783 
elevator —, 782 
grab bucket —, 783 
grapple —, 783 
hopper —, 781 
hydraulic —, 782 
sea going —, 781 
suction —, 782 
walking —, 786 

Dredging, 781-785 
measurements of, 539 
navigable channels, 1788 
rivers, 1794 
wells, caissons, 755-757 

Dressed timber dimensions, 793 
Dressing stone, 853, 861-867, 870 
Drier, paints, 663 
Drift, bolts, 805 

pins, 805 
soil classification, 710 

Drill, churn —, 855 
diamond —, 855, 1613 

hand —, stone quarrying, 854 
hole diagrams, rock tunnel, 1621 
jackhammer —, 855 
jumper —, 855 
machine rock —, 855 
percussion —, 855 
pneumatic —, 854 
rotary —, 855 

Drilling, diagrams, tunnels, 1621 
foundations, 709 
pipe flanges, 694, 696 
shot —, 1614 

Drop, gangway, landing piers, 1822, 
1824 

shafts, 744, 1607 
test for rails, 2032 
testing machine, 614 

Drop-hammer pile driver, 734 

Dropped panel, flat slabs, 1064 

Drops, irrigation canal, 1666-1667, 1675 
on irrigation laterals, 1675 

Drum, controller, rheostat, 376 

dam, movable, 1555 
Dry, batteries, 405 

dock, basin —, 1838-1857 
floating —, 1857-1868 

feed machines, water purification, 

1469 
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Dry, materials, weight of, 1293 
rot, 651 
stonework, 874 
year, 95% —, water supply, 1446 
zero, thermal conductivity, 269 

Drying, process, garbage reduction, 1766 

sewage sludge —, 1741 
Duchemin’s formula, wind pressure, 

1132 
Duct lines, electric, 396 

electric ralroad —, 2121-2123 
testing —, 2123 

Ductility, fracture, 551 
tests, highway materials, 1918 

Dump, carts and wagons, 773 

river —, 1876 
Dumpy level, 419, 420 
Dunes, 1787 

stabilizing —, 1787, 1788 
Duplex, process, steel, 629 

pump, 1395 

Duralumin, 559, 641 
Durax pavement, 1967, 1970 
Dust, binder, rock —, gravel roads, 1922 

palliative, gravel roads, 1927 

Duty, engine —, 349, 1395 
pump —, steam, 1396 

of water, irrigation, 1656-1658 
Dwelling, loads for, 724, 1148, 1158 
Dyadic circle, flexure, 571 
Dynamic loads, impact stresses, 560 
Dynamical principles, 114, 115 
Dynamics, 111-132 
Dynamite, 248, 856 

Dyne, unit of mass, 115 
Dysprosium, chemical element, 242 

E 

Ear, trolley —, 2128 
Earth (see also Earthwork), 788 

angle of repose of, 891-892 
submerged —, 893, 1352, 1539 

auger, 708 
bearing capacity, 387, 709-728 
borings, 708 
channels, flow coefficients, 1344 
cohesion of, 895 
dam, 1538-1544 

construction, 1538, 1539, 1544 
cross-sectioning for, 457 
gate houses, 1559 
outlets through, 1557 

dikes, sub-aqueous foundations, 746 
excavation, 769-787 
expansion, 777 
fill, masonry arch, placing, 999 

from trestle, 825 
friction coefficient, 133 
frost action in, 777 
overflow dams on, 1550-1552 
(planet), dimensions of, 503 
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Earth (planet), rotation of, 482 
porosity, 777 
pressure, 894-900 

conditions affecting —, 894 
direction of, 895 
equivalent hydrostatic, 896-897 
experiments on, 899-900 
graphic determination of, 897-899 
magnitude and application of, 896 
on quay walls, 1803—1804 
theories, 895 
on trench sheeting, 895 

removal from caissons, 755 
roads, 1919-1922 
and sea water, weight, 1804 

pressure, 1804 

slopes, 892 
on canals, 1603, 1662 
on dams, 1539 
dry, 892 
on railroads, 2000 
of river bank, 1352 
submerged, 893, 1352, 1539 

submerged —, weight, 1804, 1805 
tunneling, 1614-1620, 1631-1634 
and water pressure, quays, 1803 
weight, 891, 892, 925, 1804 

Earthwork, 519-542, 769-790 
balancing cut and fill in, 521 
borrow-pits, 456, 538-542 
computations, 519-542 
cross-sections, 521 
dredging, 539, 781-785 
grading, 519-521 
handling, 769-776 
hauling, 526-527, 538, 773-775 

labor done on, 144 
loading, 773-775 
loosening —, 769 
pneumatic spade for, 770 
scrapers, 770-772 
shoveling, 769 

shrinkage and settlement, 777-778 
specifications, 789 
tables, 525-537 

Easement curves, 516-519 

East River Tunnel shield, P.R.R., 1633 
Ebonite (India rubber), 660 
Ebony, 251 
Eccentric, forces, ends of beam, 599 

loads, columns, 593 
on footings, 1070 

on horizontal joint, masonry, 907< 
911 

on rectangular bar, 563 
Eccentricity, conic sections, 71 

of Earth, 503 
of load on curve, bridges, 1183 

Ecliptic, celestial sphere, 482 
Economizers, efficiency of, boilers, 345 
Economy of pumping engines, 349 
Eddies, 1350 
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Eddy currents, electricity, 366 
Edison battery, 407 
Edison-Lelande battery, 405 
Effective size, sand and gravel, 1321, 

1475 
Efficiency, of steam boilers, 344 

of machines, 140-143 
mechanical —, engine, 347 
of motors and gears, electric R. R., 

2115 

of power plants, 1439 
standards for steam engine, 348 

= of storage batteries, 406 . 
of riveted joint, 1218 
in thermodynamics, 331 

equation of, 331 
of gas engine, 359 

: of transformers, 390 
_ Efflorescence, 884-886 

Effort of machines, 140 
Ejector, sand —, 1478-1481 

sewage —, 1724 
Elastic, curve, of beam, 573-582 

fluids, flow of, 341-343 
equation of flow of, 341 
formulas for discharge of, 341 

limit, compression, 612, 613 
of concrete, 1018 
deformation, 547 
significance of, 610 
tension, 608-610 
testing, 605, 608 
vs. yield point, 549 

method, arch analysis, 980-985 
theory of earth pressure (Rankine), 

895 

Elasticity, 547, 549 
coefficient of, 547 
modulus of, 547 

structural material, 550 
and set, 547, 549 

Elbow, draft tube, 1429, 1430 
loss of head in, steam, 385 

Electric, arc welding, 636 
batteries, 405-407 
car, loads, 1177 
conductors, 372-374 
conduits, 396, 397 
furnace, steel making, 630 
heating, cars, 2151 
lighting and illumination, 400-405 
motors and generators, 374-383 
power, distribution, 394-400 

plants, 383-388 
railroads, 2107-2164 (see Railroads, 

electric) 
traction systems, 2108-2109 

Electrical, anemometers, 292 
engineering, 363-407 
equipment, life of, 2112 
resistivity, 251 

Electricity, 363-407 
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Electricity, definitions of, 364-366 
laws of, 366-368 
measurements of, 368-372 
quantity of, 365 
transmission of, 389-394 
units of, 364-366 

Electrification of steam R. R., cost, 2110 
Electrolysis, 367, 1517-1518 

of cast iron pipe, 1517 
corrosion of metals, 642 
of steel pipe, 1518 

Electromagnetic system, 364, 367 
Electromotive force, 364, 367 
Electrons, chemistry, 244 
Electrostatic system, 364, 365 
Elements, chemical —, tables, 242, 243 
Elevated tanks, 1289-1291, 1499 
Elevating grader, 772 
Elevation, of airplane, determination, 

479 

difference, by barometer, 462 
difference, photographic surveying, 

478 
of outer rail on curve, 516, 2034-2035 

Elevator dredge, 782 
Ellipse, 53, 72, 73 

area of, 53 
circumference of, 53 
construction of, 72, 73 
equation of, 72 
inertia —, 107, 108 
moment of inertia of, 109 

Ellipsoid, 54 
center of gravity of, 105 
moment of inertia of, 111 
volume of, 54 

Elliptic segment, center of gravity, 104 
Elliptical quadrant, 503 
Ellipticity of Earth, 503 

Elm, 644 

properties of, 657 
Elongation, of Polaris, 487 } 

of stressed body, 547, 548 
tests to determine —, 611 

Embankment, construction, 1538, 1539, 
1544 

dam —, 1539, 1540-1541 
openings, 525 
payment for, 789 
scrapers used on, 770-772 
settlement, 777-778, 825° 
sluicing, 1544 
top width of, for dams, 1539-1541 

Emery testing machine, 602 
Emscher tanks, sewage, 1737 
Emulsions, bituminous —, 1916 

End, areas, average —, earthwork, 524 

post of truss, 1237 

Endurance limit, 555, 556, 558-559 

Energy, 113, 115 
chemical —, 113 
conservation of —, 115, 330 
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Energy, conservation of, of flowing 
liquid, 1308 

consumption, calculation, electric 
locomotive, 2115-2116 

conversion tables, 320-323 
cost of producing, power plants, 388 
degradation, 330 
electric —, 113, 330, 365, 371 

measured, 368-372 
equation, thermodynamics, 330 
equivalent units, 309 
of flowing water, 1308, 1309, 1375 
of gas, 328, 334 
heat —, 113, 328, 330 

kinetic —, 113, 127-128, 328 

mechanical —, 113 
potential —, 113, 328 
principles, 115 
radiant —, 268 
transformation, 330 
units of, 309, 328 
work —, principle, 115, 122 

Engine, brass, 641 
Carnot’s, 331 
compound —, 346 
condensing —, 346 
double acting —, 346 

duty, 349 
gas —, 355, 359, 384, 388 
gasoline —, 355, 384 
hot-air — (gas), 355 
house, steam railroad, 2077 
internal combustion —, 354-359, 384, 
life, 2112 

non-condensing —, 346 
oil —, 356, 384 

pumping —, 349 
duty of, 349 

quadruple —, 346 
Rankine’s, 348 
reciprocating —, 383 
simple —, 346 
steam —, 346-350, 383, 388 
tests, 349, 359 
triple —, 346 

Engler viscosimeter, 1918 
English bond, brickwork, 881 

method, soft ground tunneling, 
1616 

roof truss, 841 
system, weights and measures, 303 

converted to metric, 312-319 
Engraver’s plates, tests of, 618 
Entropy, 331 

change, 332, 343 

saturated steam, 337, 338, 339 
super heated steam, 337, 340 

Envelope, curves, 70 
Ephemeris, American —, 483 
Epicycloid, higher curves, 76 
Epitrochoid, higher curves, 76 
Equation, algebraic —, 44-45 
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Equation, characteristic —, thermody- 
namics, 329, 333 

cubic —, 44 
ot curve, analytics, 69 
of degree higher than second, 44, 45 
graphical solution of, 45, 48 
homogeneous —, 114 
linear —, 44 
normal —, least squares, 81 
of observation, least squares, 81 
polar —, analytics, 69 
quadratic —, 44 
of slope of beam, 573, 574-582 
solution of, 44, 45 
of time, 484 
transcendental —, 45 

Equator, celestial —, 417, 482 
Equilateral triangular traverse, 443 
Equilibrium, of arches, 972-974 

conditions of, 88, 569 
neutral —, 89 
polygon, 86, 89, 90, 95 
principles of, 88-91 
problems, typical, 91-93 
stable —, 89 
systems of forces, 88 

Equinoxes, celestial sphere, 482 
Equipment, steam railroad—, 2057-2077 

electric R.R. —, 2143-2156 
Equivalent units, 305-309 
Erbium, chemical element, 242 
Erection, of arch centering, 838 

of bridges, 1199-1201 
of buildings, steel, 1158 

cost, 1157 
of masonry arches, 994-999 

Erg (dyne-centimeter), unit of work, 112 
Erosion, beach —, 1783-1788 

prevented by planting, roads, 1982 
and scour, rivers, 1792 

Error, of alignment, surveying, 431 
of closure, traverse, 438,'502 
of interpolation in table, 40 
of observation, 78, 80 
precise leveling —, allowable, 460 
probability of, 40, 78-80 
probable —, stream flow, 1447 
traversing —, balanced, 438, 439 
wind —, surveying, 432 

Estimating brickwork, 881-884 
Euler’s column formula, 591 
Eureka, conductivity of, 270 
Europium, chemical element, 242 
Evaporation, 282-283 

boiler —, locomotives, 2072 
from canals, 1577, 1578 
correction, mass diagram, 1425 
data, watersheds, 1405 
losses, irrigation, 1685 
measurements, U. S., 282 
from reservoirs, 1415, 1673 
from soil, irrigation, 1655, 1657, 1658 
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Evaporation, varies with wind velocity, 
1415 

from water surface, 1450 
Evergreen trees, topographical symbol, 

429 

Evidence of title, water rights, 1706 
Evolute, analytics, 70 
Excavating machinery, 769-787 

for drainage levees and ditches, 1689 , 
Excavation, classification of, 788-790 

computations, 519-542 
eartawork, 520, 769-787 
of foundations, cost, 745 
by freezing process, 745 
open cut method —, subways, 1647 
payment for, 789 
railroad —, 519-542 
in water, 788 

Excavator, cableway —, 784 
drag line —, 786 
templet —, 787 

Excess, spherical —, 52, 502 
Exciters, alternators, 380 

life, 2112 

in power plants, 1435 
Expansion, adiabatic —, 329, 335, 341 

coefficient, 250, 275, 565 
cubical —, 275 
of earth excavation, 777-778 
of function, 63 
of gases, 275, 333 
heat —, 274 

of ice, 663 
isothermal —, 329, 335 
joint (see Expansion joints) 
linear —, heat, 275 
losses in pipes, water, 1335 
of powers and roots, 43 
triangulation —, base net, 497 

Expansion joints, aqueducts, 1560 
of concrete walls, 922 
of dams, 942, 1522 

of masonry arch, 999 
of pavements, 1957, 1970 
of quay walls, 1805, 1806 
of reinforced concrete walls, 1104 
of riveted steel pipe, 1505 
of viaduct towers, 1284 
of water-tank riser, 1290 

Exploders, delay —, rock tunnels, 1622 
Explorations, foundations, cost, 709 
Explosions, sewers, 1727 
Explosives, 247-249 

freezing —, 249 
quarrying with, 855 
selecting —, 249 
storing —, 249 

Exponential formula, pipe flow, 1323- 
1333 a 

Exsecant, 48, 509 
Extensometer, 603, 604 
External work, 552 
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Extrados of arch, 963 
Eye-bars, 1233 

steel —, 633 
tests, 618 

Eyepiece, telescopes, 256, 257 

F 
Face brick, 645 
Factor, algebra, 42 

demand —, power plants, 366, 1436 
diversity —, electricity, 366, 1436 
load —, 366, 1439 
plant or capacity —, 1436 
power —, 366, 371, 1436 
of safety, 545, 932 

dams and walls, 932 
Factory, live loads, 725 

floors, wood block paving, 1972 
Fahrenheit scale, temperature, 259 
Failure of materials, theories, 562, 563 
Falling body, 117 
Falsework, for arches, 831-840 

for bridges, 828-831, 1200 

design of, 829 
for masonry arch, 831, 996 

timber —, 822-840 
settlement of, 831 

Fan roof truss, 1131, 1138 
Fanning’s formula, area of culverts, 

2009 
for flow in pipes, 1323 

Farad, electrical unit, 365 
Faraday’s law, 367 
Farm, conduits, irrigation, 1678 

ditch, 1694 
drainage, 1693-1702 

outlets, 1695 
profit, 1701 

gates, railroads, 2004 
Fastenings, of rails (track), 2035-2042 

of timber, 802-808 
of timber to steel, bridges, 827 
for wire rope, 702 

Fathom, 306 
Fatigue of metals, 555, 556, 557 
Fauré process, storage batteries, 406 
Feathers, stone quarrying tool, 854, 860 
Federal, aid highway building, 1904, 

1905 
legislation, swamp lands, 1708 

Feed water measurement, boilers, 350 
Feeders, electric —, life, 2112 
Feldspar, hardness of, 250 
Felt and gravel roofing, weight, 1130 
Fence, cost, 2004, 2087 

board —, 2004 
guard —, highways, sketch, 1978 
picket —, 2004 
posts, anchor —, 2002 

braces, 2003 
corner —, 2002 
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Fence, posts, end —, 2002 
gate —, 2002 
reinforced concrete —, 2003 
setting of, 2002 
spacing of, 2005 
steel —, 2004 
wood —, 2002 

railroad —, 2001-2008 
snow —, 1983, 2006 

wire —, 2001 
Fender, piles, 821 

wharves, 821 
system landing piers, 1822 

Ferric salts, coagulant, 1469 
Ferries, 1868-1871 
Ferro-manganese, 621, 629 
Ferrous sulphate, coagulant, 1469 
Ferry, bridge, 1247, 1248 

car transfer, 1870, 1871, 1877 
house, 1870 
racks, 1868-1869 
transfer bridges, 1869-1873 

Fertilizer value of sewage sludge, 1742— 
1743 

Fibre conduits, electric, 2121 
Fibrofelt, insulation, 270, 271 
Field, area of, surveying, 438-440 

electric —, 375, 379, 393 
excitation, alternators, 380 
glasses, 258 
hockey —, laying out, 449 
methods, barometer surveying, 461 
notes, surveying, 438, 454, 455 

stadia, reduction of, 469 
rivets, 1134, 1140, 1160 
stone, use on highways, 1913 
strength, electricity, 367 
work, earthwork surveying, 522-523 

Fifth power and roots, 26, 39 
Figures, plane, moment of inertia, 108 
Fill, earthwork, 521, 523-525 

spandrel —, arch bridge, 964 
Filler, asphalt, stone blocks, 1968, 1969 

bituminous —, 1970 
for brick pavement, 1963 
bridge truss —, specifications, 1188 _ 
cement grout —, stone blocks, 1969 
for joints in concrete pavement, 1960 
oil asphalt —, squeegee method, 1964, 

1967 
for stone block pavement, 1968-1970 
tar and gravel —, stone blocks, 1968 
for wood block pavement, 1971 

Fillets, of rolled beams, 665 
Filter (sewage), 1742, 1743, 1744, 1745, 

1747 
contact —, 1745 
intermittent sand —, 1743, 1747 
for sewage sludge, 1742 
sprinkling —, 1744 
trenches, 1747 
trickling —, 1745 
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Filter (water), 1475-1489 
cost, 1489 
covered —, 1486, 1488 
efficiency, 1489 
gravel, 1475, 1486 
intermittent —, 1489 
loss of head, 1476, 1485, 1487 
mechanical —, 1481-1486 

frequency of wash for, 1485 
gutters, wash water, 1485 
layout, 1482, 1483 
leaks along side of, 1485 
loss of head in, 1485 
mud balls in, 1484 
rate of filtration for, 1485 
rate required to lift sand in, 1484 
rate of wash for, 1483-1485 
regulating apparatus, for, 1485 
sand, 1481 
strainer system, 1481 
viscosity dominates rate of wash in, 

1485 

washing, 1484 
sand, 1475-1478, 1481, 1486 

preparation of, 1477 
size of, 1475, 1486 
uniformity coefficient of, 1475 

slow sand —, 1486-1489 
cleaning —, 1487 
drainage of, 1486, 1487 
gravel for, 1486 
loss of head in, 1487 
masonry covers for, 1486, 1488 
period of, 1487 
rate for, 1486 
sand for, 1486 
underdrains of, 1486 

Finance, of highway construction, 1903 
Fink truss, 1131, 1221 

stress coefficients, 1134 
Fir, 657 

balsam, 794, 795, 796, 801 
Douglas —, 649, 657, 658 
physical properties, 657, 794, 795, 

796 
strength of, 792, 795, 801 

Fire-clay brick, conductivity, 272 
for paving, 1914 

Fire, damp, 247, 249 
point, bituminous material tests, 1918 
protection, waterworks, 1494-1496 
risk, electric carbarn, 2152 
service, waterworks, 1491, 1494, 1495 
stream, characteristics of, 1355, 1496 

Firebrick, 272, 645 
Fireproofing, buildings, 1152, 1153, 1160 

columns, 1149 
floors, buildings, 1150-1152 
partitions, 1152-1154 

Fire-tube boilers, 344, 385 
collapse of, 553 

Firewood measurement, 305 
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Fishplate, joint, timber, 811 
rails, 2035 

on trestle bents, 830 
Fishway and ladder, 1559 
Fitchburg, sewage data from, 1738 
Fittings, pipe —, 691-696 

Five-halves powers and roots, 26, 39 
Five-level section, earthwork, 521, 523 
Fixed, arch, 964 , 

reinforced concrete, 1096 
beams, diagrams, 580-582 

Flag, bluestone —, strength, 889 
sidewalks, 1974 
wind pressure on, 279 

Flag pole, wind pressure on, 295 
Flame, fuels, 245 
Flaming arc lamps, 401 
Flange (pipe), 693-696 

drilling —, 694, 696 
Flange (plate girder), 1213-1216 

composition of, 1213 
compression —, I-beams, 1151 

plate girder, 1214, 1215 
plates, length, 1214 
rivets, 1215 
slope of, structural shapes, 665 
of structural shapes, 665 
tension —, 1213 
way, railroad switches, 2042 

Flash point, bituminous materials, 1918 
Fiashboards, dam —, 953, 954 
Flat plates, wind pressure on, 293 
Flat slab, dams, 963 

- reinforced concrete —, 1064-1067 
Flats, steel—, sizes, 679, 681 
Flattening test, metals, 619 
Flaxlinum, insulating value, 270, 271 
Flemish bond, brickwork, 881 
Flexure, 94, 566, 574-584 

and compression, 597 
conditions of equilibrium, 569 
formulas, 569-574, 583, 1042 
oblique —, beams, 569 
point of, soft ground, 737 
and shear, 572 
and tension, 598 
tests, 602, 612 
at timber joints, 815-817 
and torsion, 598 

Fliegner’s equation, air, 342 
Flight, airplane —, 297 
Float apparatus, tests, 1918 
Floating, caisson, foundations, 754-755 

cranes, 1888 
dry dock, 1857-1868 

advantages, 1858 
bending moment, 1862 
blocking, 1868 
capacity, 1862 

costs, 1864 

definition, 1857 
design, 1860 
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Floating, dry dock, imprisoned air, in, 
1865 

loading for, 1861 
location, 1859 
power for operating, 1867 
pumping plant, 1867 
stability of, 1865-1868 

types, 1858 ° 

wind effect on, 1866 
landing stages, river, 1877 
stability, 1307 

Floats, for measuring flow of water, 
1364, 1365 

Flood, control, rivers, 1796-1800 
discharge of rivers, 1417-1423 

Flooding, uncontrolled <-, irrigation, 
1679 

Floor, beam (bridge), 1192, 1194, 1198 
impact on, 1180 
moments in, 1179 

bridge —, highway, 826, 1192-1195 
railroad, 828, 1195-1199 

timber, 826-828 

weight of, 1195 
building —, 1150 

beam, 1151-1152 
concrete, 1150 
fireproof, 1150-1152 ) 
loads on, 1150 
panel test, 618 
tile, gypsum, 704 
tile, hollow, 1150 
voids, gypsum, 705 " 
wiring through, 396 

of locks, canals, 1585 
trestle —, 826-828 

Flotation, 1307 
Flour, barrel weight, 305 

explosibility, 247 
Flow, of air in pipes, 1337-1340 

Bernouilli’s theorem on, 1308 
of clay slurry, in pipes, 1338 
-duration curve, water power, 1403 
of elastic fluids, 341-343 
of gas in pipes, 1339, 1340 
of ground water, 1457 
Kutter’s formula for, 1323, 1344, 1722 
-line masonry aqueducts, 1560-1563 
in long pipes, water, 1319, 1320 
of oil in pipes, 1337-1340 
in open channels, water, 1342-1352 
in pipes, water, 1315-1340 
of sand in pipes, 1337-1340, 1479, 

1480 
of sewage, maximum rate, 1717 
in short pipes, water, 1315-1318 
in short tubes, water, 1315 
of sludge, filter plant —, 1338 
in rivers, 1791-1794 

Fluid, compressible —, flow, 1339 
definition of, 1304 
elastic —, 341-343 

| 
th 
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Flumes, 1569-1570 
data on, 1570 
irrigation —, 1664 
Venturi —, 1682 
wooden —, 1569 

Fluorine, chemical element, 242, 267 
Fluospar, hardness, 250 
Flush tanks, 1353 « 

automatic —, for sewers, 1724 
Flux, of highway materials, 1916 

magnetic —, 367 
Fluxion of variable, calculus, 60 
Fly wheel pump, air change, 1395 
Foaming of boilers, 1466, 2057 

locomotives, 2057 
Focus, conics, 71 
Focusing surveying instruments, 415 
Fog, signals, lighthouses, 1802 

sound velocity unaffected by, 276 
Folding drawbridge, 1247 
Foot, acre —, 1656 

-ball gridiron, laying out —, 449 
board —, 690 
candle, 403 
cubic —, equivalents, 308 
decimals of, to inches, 411 
equivalents, 306 
to meters, 315 
per minute and per second, equiva- 

lents, 308 
quadric —, moment of inertia unit, 

105 , 

per second to miles per hour, 308 
Foot-pound, 112, 113 

to B.t.u., 309, 328 
to meter-kilograms, 309 
per second, equivalents, 307 

Footings, 728-730 
cantilever —, 728, 1069 
column —, concrete, 1069 
concrete —, 730 
eccentric loaded —, 1070 
inverted arch —, 730 
live loads on, 725 
masonry —, 728, 729 

offsets, safe, 729 
reinforced concrete —, 730, 1069, 1070 
square slab —, 1069 
steel beam —, 729 
timber —, 729-730 

Force, 82-88, 111, 122-125 

and acceleration, 120, 121 
axial —, 544, 561, 599 
centrifugal —, 122, 123, 124, 564 
centripetal —, 122 
combinations, axial, 561 
components of, 83 
composition of, 85-88 
concurrent —, 82, 92 

co-planar —, 82, 92, 93 
couples, 85 

direction, 82 
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Force, dynamics, 111, 112 
eccentric —, on ends of beam, 599 
effort of, 140 
electromotive —, 364-367 
equivalent units of, 305, 307 
external —, 88 
impact, 130 
impulse, 113, 114, 115, 119 

internal —, 88, 544 
mass relation to, 111 
moment of, 84 
non-concurrent —, 87, 93 

non-coplanar —; 87, 88 
non-parallel —, 87, 93 
parallel —, 91 
parallelogram law of, 82, 83 
parallelopiped law of, 83 
polygon, 85, 86 
resolution of, 83, 84 
resultant of, 82, 85, 88 
sense of, 82 
signs of, 89 
system in equilibrium, 92, 98 
tractive —, locomotives, 2067-2073 
triangle law of, 83 

uniplanar displacement —, 127 
unit of, 82, 112 
work done by, 112 

Foreign, coins, value, 325 
subways, 1650-1651 

Foresight, leveling, 454 
Forests, growths, as flood control, 1798 

percolation effect of, 1406 
Forging iron and steel, 630 
Forms, concrete —, 1036-1038 

pressure on, 1036 

removal of, 1038 
Formulas, dimensional —, dynamics, 

114 

empirical —, railroad culverts, 2009- 
2010 

Foundations, 708-769 
adding sand to, 723 
area, relation to settlement, 716, 725 
borings, 708, 709 
for breakwaters, 1108 
for buildings, bearing capacity, 711 

loads on, 724 
for canal locks, 1585 
coffer-dams for, 745-751 
for dam, 931-933 
deep —, 741-745 
depth of, increasing, 722 k 

relation to settlement, 716 
drainage of, 723 
drilling —, 709 
excavation, cost, 745 
examining site of, 708, 709 
exploration of, cost, 709 
freezing process for, 745 
frost effect on, 719 
for generators, 387 
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Foundations, grillage, timber, 819, 820 
inverted arches for, 730 
on land, 708-745 
loads, 724-725, 738 

test, 717-719 

settlement, 715, 716, 719 
for masonry dam, 1520 
pile —, 730-741 

pneumatic —, 759-767 
for power plant apparatus, 387 
pressure, 720-722, 725-728 

pumping, 752-754 
for retaining walls, 1103 
for roads, 1911-1912 
on soft ground, 712-720 
soundings for, 708 
spread —, 724 
subaqueous —, 745-769 
test pits for, 708, 1614 
timber —, 729, 730, 819 
wind effect on, 727 

Foundry pig iron, 621 
Fountain jet, water measurement, 1370 
Fourneyron turbine, 1374 
Fractions, decimal equivalents, 36 
Fracture, methods of, 550-552 
Framework, simple —, 95-98 
Framing, timber —, 802-817 
France, canals in, 1583, 1596 
Francis’, turbine, 1374 

weir formula, 1340, 1358 
Free port, 1894 
Freezing, explosives, 249 

mixtures, 254 
process, foundations, 745 

for shaft sinking, 1607-1608 

test, for stone, 616 
Freight, cars, 2075 

dimensions and weight, 2075 
costs for construction materials, 2088 
houses, railroad —, 2057 
trains, resistance of, 2092 

Frequency, alternating current, 365 
of harmonic motion, 117 

Fresno scraper, 771 
Friction, 132-140 

airplane —, 301, 302 
angle for timber, 797 
of belting, 133, 134 
of caissons, skin, 766 
coefficient, 132-138 

for masonry, 893 
for materials dumped in water, 893 
for movable bridges, 1255 
for wood, 797 

coil —, 133 
of different substances, table, 133 
elastic fluid —, nozzles, 343 
of flow of water, brass pipes, 1327, 1328 

bends, pipe, 1334, 1687 
bored wooden pipe, 1327 
box culverts, 1337 
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Friction, of flow of water, cast iron 
pipe, 1322, 1323, 1327, 1330, 
1687 

concrete pipe, 1336 
at contractions in pipe, 1335 
corrugated metal pipe, 1337 
curves, 1333, 1334, 1687 
domestic meters, 1515 
at expansions in pipe, 1335 
galvanized iron pipe, 1327 
glass pipe, 1327 
lead pipe, 1327 
in nozzles, 1320, 1354 
open channels, 1342-1346 
at obstructions, 1335 
sewers, 1720, 1721, 1722 
steel pipe, 1322, 1327, 1330, 1331, 

1507 
tees, pipe, 1334 
tile pipe, 1337, 1698 
tin pipe, 1327 
venturi meters, 1356 
wood stave pipe, 1325 
wrought iron pipe, 1327, 1329 
Y-branch, 1334 

head, hydromechanics, 1304 
horsepower, engine, 347 
hydraulic —, 1304, 1319-1340 
internal —, 566 
journal —, 136-138 

of trains, 2091 
kinetic —, 134 
law of, 134 
marine railway —, power absorbed, 

1838 

of motion, 134 
pile —, 739, 740 
pipe —, 1319-1340 
on pivots, 136 
resistance, caissons, 766 

sand to water, filters, 1476 
of rest, 132 
skin —, airplane, 301 

of caisson, 766 
of riveted joints, 1218 
rolling —, 138, 139 

of trains, 2091 
of rope, 142 
sliding —, 134-138 

of masonry, 893 
static —, 132-134 
of tackle, 142 

Frogs, railroad switches, 2043 
dimensions of, 2046 
fixed —, 2043 
spring rail —-, 2043 
stiff —, 2043 

trolley —, 2129, 2130, 2134 

Frost, action in earth, 777 
batter on retaining walls, 922 
effect on foundations, 719 

Fruit barrel capacity, 305 
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Frustum, of cone, 104, 111 
of cylinder, 54 
of paraboloid, 55 
of pyramid, 54, 104 

Fteley and Stearns weir formula, 1340, 
1359 

Fuels, 244-246, 384, 386 

chemistry of, 244-247 
consumption of, engines, 384 

locomotive, 2072 

cost of, 386 
for pumping, 361, 1688 

heating value of, 386 
liquid and gaseous —, 246, 247, 359. 

consumption, 384 
cost, 386 

oil —, 358 
Full centered arch, 964 
Function, 59 

of angles, 12, 13, 37, 38, 48-50 
tables of, 12, 13, 174-229 

anti —, trigonometry, 50 
derived —, calculus, 59 
expansion of, laws, 62-63 
explicit and implicit —, calculus, 59 
hyperbolic —, 34, 39, 77, 78 

tables of, 34 
integrals, calculus, 63-67 
inverse —, trigonometry, 50, 78 
in mathematical tables, 37 
multiple and single valued —, cal- 

culus, 59 
trigonometric —, 13, 48-50, 174-219 

Fund, sinking —-, 55-58 
Funicular polygon, 86 
Furlong, 306 
Furnace, 386 

air —, cast iron, 623 
gas —, 386 
oil —, 386 
in power plants, 386 

Furrow method of irrigation, 1680, 1681 
Fuses, blasting —, 856 

electric —, 377 
Fusible alloy, 641 
Fusion, latent heat of, 268, 330 

G 

Gabbro, igneous rock, 850-851 
Gadolinium, chemical element, 242 
Gage, ball and chain —, 1371 

Bourdon pressure —, 1372 
differential —, 1372 
hook —, 1371 
point —, head measurement, 1371 
sheet metal —, 688 
strain —, 604 
of thread, 683, 803 
of track, standard, 2035 

on curves, 2035 

electric R. R., 2158 
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Gage, U. S. standard —, 688, 700 
wire —, 398, 699, 700 

Gaging streams, 1364-1367 
Gale, velocity of, 284 
Galleries, drainage —, dams, 937, 1522 

infiltration —, 1460 
Gallium, chemical element, 242, 267 

in fused silica thermometer, 263 
Gallon, 303, 305, 308, 311, 318 

per minute, equivalents, 1333 
per pound, degree Baumé, 1998 

Gallows frame, 1200 
Galvanic electricity, 367 
Galvanized service pipe, 1516 
Galvanizing, 643, 2002 
Gangway, drop —, landing pier, 1822, 

1824 

Garage, loads, 1148 
Garbage, disposal, 1750-1772 

burial of, 1761 
collection, 1757 
feeding to hogs, 1762-1763 
moisture content, 1750 
production data, 1751 
quantity of, 1752 
reduction, 1763-1769 

by products, 1767 
cost, 1767-1768 

explosion and fire hazard, 1767 
odors, 1766 

patents and royalties, 1766 
sanitation, 1766 
tankage, 1766 

variation in quantity of, 1752, 1753 
weight, unit, 1750 

Gas, 333-336 
blast furnace —, 359 
carbon —, conductivity, 273 
changes of state, 334 
characteristic equation, 329, 333 
coal —, 247 
constant, universal, 333 
definition of, 1304 
diatonic —, 334 
engine, 355-359 

fuel consumption, 384 
power cost, 388 

expansion, 275, 333 
experimental laws, 333 
explosive mixtures, 247 
flow formulas, 341-343 
fuel, 246, 359, 384, 388 
holders, wind pressure on, 295 
ideal —, 329 
illuminating —, 247 

fuel, 384, 386 
inflammable —, lightning protection 

for, 289 
kinetic theory of, 328, 335 
marsh —: (methane), 247, 249 
molecular mass of, 254 
natural —, fuel, 247, 359, 384 



Civil Engineers’ Handbook Gal =Gev 2203 

Gas, permanent —, 336 Gelatin, explosives, 248 
power plants, 383-386 Generating unit, power plants, 1433 
pressure, 329, 333, 359 Generators, alternating current —, 379= 
producer —, fuel, 247, 359, 384 383 
properties, 254, 333-336 capacity, 387 
-retort brick, thermal conductivity, choice of, 386 

272 cost of, 378 
from sewage disposal plants, 1739 direct current —, 374-379 
solubility of, 254 : efficiency, 378 
sound transmission through, 276 foundations, 387 
specific, gravity, 254 motor —, 393 

heat, 254, 268, 334 substations, 393 
thermal conductivity of carbon —, power plant —, 386 

273 _ principle of, 367 
water —, 247 specifications for, 379 

Gaskets, pipe flange —, 694, 696 Geodetic surveying, 496-504 

Gasoline, engines, 355, 384 | Geological investigation, dams, 931-932 

casing head —, 246 Geometric series, 43 

fuel, 246, 359 Geometry, 52-55 

consumption, engine, 384 analytic —, 68-77 

cost, 360, 386 German, method, soft ground tunnel, 

heating value, 386 1617 

tractor for plowing, 769 | silver, 252, 374, 641 

Gate, box, 1510 Germanium, chemical element, 242, 267 

butterfly —, 1512 Germany, canals in, 1596 

by-passes, 1511 Gilberts, magnetomotive force, 367 

counter weights, 1511 Gill, 308 

crest —, dams, 953, 954 Gin pole, 1200 

effects on flow in pipe, 1510 Girard shutter dam, 1553 

electrically operated —, 1511 Girder, beams, Bethlehem, 669 

farm —, along railroad, 2004 bridges, 1201-1209 

geared —, 1511 equivalent uniform load for, 1206 | 

graving dock —, 1851-1853 erection of, 1200 

guard —, canals, 1592-1593 moment in, 1204, 1205, 1208 

houses, 1558 shear in, 1204, 1207 

reservoir outlets, 1558, 1559 circular box —, shield tunnel, 1633 

hydrants, 1513 plate — (see Plate Girder) 

hydraulic operated —, 1511 Girt, 1141 

on irrigation canal, 1669, 1670 Glacial drift, soil, 710 

on levee, 781 Glass, electric insulator, 396 

lifting —, canal lock, 1587 physical properties, 250, 272 

lock —, canal, 1586, 1590 restitution coefficient, 130 

manholes over, 1510 soda —, thermal conductivity, 272 

rolling —, canal lock, 1588 sound absorption by, 277 

safety —, canals, 1592-1593 strength, 663 

sluice —, 1512 thermal hysteresis of, 275 

discharge, 1357 wired —, 642 

stoney sluice —, movable dams, 1553, wool, thermal conductivity, 270 

1556 Globe valves, head lost at, steam, 385 

stop —, canals, 1592-1593 Glucinum, chemical element, 242 

Taintor —, movable dams, 1556 Glue, properties of, table, 662 

throttling —, 1512 Gneiss, metamorphic rock, 851, 852 

tumble —, canal lock, 1588 physical properties of, 250 

turbine —, 1381 Gold, bronze, 641 

valves, 1510-1512 chemical element, 242, 267 

waste —, canal locks, 1579 electric resistivity of, 252 

Gausses, magnetic induction, 367 point, temperature scale, 260 

Gay-Lussac’s law for gases, 275, 1309 Gordon’s column formula, 591 

Gear, efficiency, 140 Gottingen airfoil sections, 298-300 

of steam turbine, 352 Government legislation, irrigation, 1707 

teeth, test, 618 Gow method, deep foundations, 743 

on valves, 1511 Governor for turbine, 1435 
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Grab bucket dredge, 783 
Grade, aqueducts, 1560-1563 

balanced —, 2103 
classification, railroads, 2105 
compensation on curves, 506 
corrections, surveying, 498 
cost, railroads, 2100, 2101 
crossings, 505 

elimination, railroad, 1901 
electric railroad —, 2113 
line, hydraulic, 1319 
locomotive rating, 2094 
minimum —, highways, 1910 
momentum, railroad, 2103 
pusher —, railroad, 2101 
railroad —, 2008, 2100-2105 
reduction, railroad, 2102 
of repose, railroad, 2094 
resistance, steam railroad, 2093 
ruling —, railroad, 2101 
sewer —, 1720-1722 

surveys, 447 
stakes, roads, 457 
street —, staking out, 446 

Gra—Gra 

value, one foot rise or fall, R. R., 
2401 

Grader, elevating —, 772 
scraper —, 772 
Shuart —, 773 

Gradient, curve, 70 
graph, 46 
-hydraulic —, 1319 
line, 69 

Grading, earthwork, 519-521, 540 
for irrigation, 1678 
landscape —, 540 
machines, 772-773 
railroad —, 2001 

Grain, bins, steel, 1291-1293 
handling plants, docks, 1875-1876 
of stone, 856 

Grain (weight) equivalents, 307 
Gram equivalents, 307, 312 
Gram-calorie, 250, 267, 322 
Grand stand, running track, 448 
Granite, 850-852, 1912 

absorptive power, 644 

aggregate for concrete, 1021 
bearing on, safe, 1184 
“black” (gabbro), 851 
block paving, 1913, 1967-1970 _ 

weight, 891 
coefficient of expansion, 250,644 __ 
compressive strength, 644, 889 
conductivity, 273 

disintegrated —, ballast, 2018 
footings, 729 

friction angle and coefficient, 893 
highway material, 1912 
modulus of elasticity, 644 
modulus of rupture, 644, 729 
molding, 863 

Index to Fifth Edition American 

Granite, molding, estimating cost of, 
member system, 863, 864 

properties, 250, 644 
shearing strength, 644, 889 
specific gravity, 250 
specific heat, 250 
strength, 644, 889 
thermal conductivity, 272 
weight, 644, 889 

broken, 1995 
Graph (graphics), 45-48 

of equation, 47 
logarithmic plotting, 46 
space-time-velocity —, 116 
of straight line, 46 
of trigonometric functions, 49 

Graphic representations, 45-48 

Graphite, brick, conductivity, 273 
in cast iron, 621 
paint, 664 
physical properties, 250 

| Grappier cement, 659 
/ Grapple dredge, 783 
| Grashof’s equation, steam, 342 
~ Grass, on levees, 780 

topographical symbol for, 429 
Grate, area, furnace, 386 

life, 2112 
rocking —, 386 

“Gravel, 272, 710, 1906, 1922 
aggregate for concrete, 1021 
angle of repose, 892 
ballast, railroads, 2018 

loading, hauling and placing, cost, 
2022 

bank run —, road material, 1923 
bearing capacity, 711, 712 
cemented —, excavating, 769 
effective size, 1321, 1475 

“filter —, water, 1478, 1486 
foundations, 712 

loose—, cu. yd. per mile of road, 1993 
pea —, weight, 1989 
plowing, 769 
roads, 1919, 1922-1931 

roofing, weight, 1130 
sand and clay mixed, 1906 

angle of repose of, 927 
bearing capacity, 711 
submerged, 893 
weight, 927 

shrinkage, 777 
sidewalks, 1973 
submerged —, weight and slope, 893 

1352 

uniformity coefficient, 1321 
washed —, weight, 1989 
weight, 891, 892, 1996 

Graving docks, 1838-1857 
altars, 1843 

blocking, 1845 
caisson, or gate, 1851-1853 
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Graving docks, capstans, 1846 
construction, 1846-1851 

cost, 1856-1857 

definition, 1838 
design, 1838-1846 
drainage, 1844 
flocding,. 1856 
foundations, 1838 
gates, 1851-1853 
head, 1844 
masonry —, 1839 

pumping plant, 1853-1856 
shores, 1845 
timber, 1844 

Gravitational units, 111,112 
Gravity, acceleration of, 117, 132 

battery, 405 
center of, 89, 100-105 
force of, 111 
functions, 100-104 
specific —, 250, 1308 

of gases, 254 
of metals and alloys, 252 
relation to strength, wood, 655 
of rocky materials, 253 

of water, 1305, 1306, 1308 
of woods, 251 

yard, railroad, 2054 
Gray iron, 620, 624 
Grease, garbage disposal, 1750 

mineral —, lubricant, 137 

Great Britain, canals in, 1596 
Greek alphabet, 42 
Greenheart, timber, 647 
Greenstone, 250 

Greenwich Tunnel shield, 1632 

Gribble (limnoria), 652 

Gridiron, football —, laying out, 449 

system, water distribution, 1490 

Grillages, 819-822 
timber —, under building walls, 820 

Grindstone, stresses, in, 565 

Grips for test specimens, 607 

Grit, chamber, 1735 

temoved from sewage, amount, 1735 

soil, 710 

Groins, beach protection, 1785, 1786, 

1787 

Ground, control, airplane mapping, 479 

soft —, foundations, 712-720 

storage, water, 1448 

waters, 1456-1458 

classification of, 1456 

flow, 1457 
percolation, 1457 
quantity, 1457 

in sewers, 1716, 1717 

temperature, 1458 

Grout, cement —, filler, pavements, 

1969 — 

Grouting, dam foundations, 940, 1520 

shield tunnels, 1643 
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Growth, of population, anticipated, 
1494 f 

Grubbing, earthwork, 521, 790 
railroad site, 2001 

Grummets, cast iron tunnel lining, 1643 
Guard, gates, canals, 1592-1593 

fences, highways, sketch, 1978 
rails, 1197 

. stock —, railroad tracks, 2053-2054 | 
wheel —, timber, 827 

Guest’s maximum shear theory, 562 
Guldinus principle, geometry, 55 
Gum, timber, 647, 1915 

properties, 657 
Gumbo, 710 

ballast, railroad, 2018 
shrinkage of, 777 

Gun bands, stress, 566 
Guncotton, 248 
Gunite lining, irrigation canals, 1661 
Gunpowder, 248, 856 : 

Gunter’s chain, 306, 410 
Gusset plate, 1239 
Gutters, brick pavements, 1975 

highway —, 1910, 1974, 1975, 1976 
mechanical filter —, 1485 
rubble —, pavements, 1974 

Guy wires for poles, electric R.R., 

2125 
Gyplap, insulation, 271 
Gypsum, block partitions, 1154 

floor voids, 705 
hardness of, 250 
strength of, 550, 659 
tiles, size and weight, 704 
weight, 550 

Gyration, center of, 109 
radius of, 105, 109, 590 

of common sections, 570 
Gyrostat, 128, 129 

H 

H, -beams, Bethlehem, 670 

-columns, Bethlehem, 671, 672 

Hachure lines, 430 

Haigh’s maximum energy theory, 563 

Hair felt, thermal conductivity, 269 

Hairinsul, therma] conductivity, 269, 

271 

Halving, timber joint, 808 

Hamilton Smith weir formula, 1340 

Hammer, blow, dynamics, 130 

bush —, 859 

face —, stone cutting tool, 858 

patent —, stone cutting, 859 

peen —, stone cutting, 859 

pile driver, 734, 735 

water —, 1437-1439 

Hand brakes, electric trains, 2150 

Hand cranes, clearances, 1144 

Hand level, surveying, 419, 466 
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Hangers, floor beam —, 1180 
for suspension bridge, 1282 
for trolley wire, 2134, 2135 

Harbors, 1774-1790 
design, 1774 

lines, landing piers, 1818 
vs. port, 1774 
walls, 1108 

Hard-type metal, 641 
Hard-wood, 646 
Hardness, Brinell —, steel, 631 

metals and alloys, 252 
Mohs’ scale, rock, 250 
scale, solids, 250 
tests, metals, 613 
of timber, 795 
of water, 1462, 1463, 1464, 1465 

Hardpan, bearing capacity, 711 
excavation, 769 
soil classification, 710 

Harlem River Tunnel, 1647 
Harmonic motion, simple, 117, 118 
Hassam concrete pavement, 1961 
Haul, 789 

diagram, earthwork, 526-527 
free —, 527, 538 

Hauling, earthwork, 773-775 
Haunch, of arch, 963 
Haunching, 964 
Hazen formula, weirs, 1341 
Hazen and Williams, formula, channels, 

1346 

tables of pipe flow, 1330-1331 
Head, block, timber joint, 808 

bolt —, 684, 686 

cylindrical boiler —, stress, 553 
gates, irrigation canal, 1670-1672 
to lateral, irrigation system, 1675 

Head (in hydraulics), 1304, 1306 
-discharge to H.P. and K.W., 1404 
or fall increaser, draft tubes, 1432 
friction —, 1304 
loss, drainage discharge pipes, 1687 

sand filters, 1476 
measurement, weirs, 1363 
observations, flow of water, 1371- 

1372 

pressure —, 1304, 1306 

required, clean sand, filters, 1477 
velocity —, 1304, 1312-1314 

Header, boiler —, 385 
Heading, tunnel —, 1615, 1620, 1621, 

1622 

Headwalls, culvert, 2012 
Heartwood, 646 
Heat, 267-269, 274 

balance, boilers, 345 
content, 333 

of electric current, 368 
emission, 268 

energy, thermodynamics, 113, 328 
expansion, 274, 275 
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Heat, flow factors, 274 
of fuels, 245, 386 
of fusion, 268, 330 

hysteresis, 275 
latent —, 268, 330 

of steam, 338, 339 
of vaporaization, 337 

laws of change of, 275 
of liquid, 337 
loss, boilers, 345 

mechanical equivalent of, 328 
quantity, 267 
specific —, 250, 268, 334 

gases, 254, 268, 334 

radiant —, 268 

resistance, metals and alloys, 252 
rocky materials, 250 
water, 253 

transfer, 268 
Heaters, car —, 2151 

life, 2112 
Heating, car —, electric trains, 2151 

car barn, electric R. R., 2152 
changes, 274-275, 329 

electric current —, 368 
Hectares, 306 

to acres, 317 

Hectoliters, to bushels, 319 
Hedges, snow protection, 2006 
Hefner Kerze, light, 255 
Hefner light, 255 
Height, difference, approximate, level+ 

ing, 464 
of instrument, 454, 468 

Helical springs, stress, 599 
Heliotrope, triangulation signal, 499 
Helium, chemical element, 242, 267 
Hemisphere, center of gravity, 105 
Hemlock, 647, 657 

hardness, 795 

strength, 657, 795, 796, 801 
weight, 657, 794 
for wood block, 1915 
working stresses, 801 

Hemp, on oak, kinetic coefficients, 136 
rope, 677 

friction, tackle, 142 
Henry, electrical unit, 365 
Hexagons, steel bar, sizes, 680 
Hickory, 647, 657 

physical properties, 251 
strength and weight, 657 

High service water system, 1490 
Highway, 1897-1988 

alignment, 1898 
bridges, classified as to traffic, 1174 

dead load, 1162 
floors, 826 

live loads, 1171, 1176-1184 
clearance under and over railroad 

1901 

crossing of railroad, 2008 

, 
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Highway, crossing of railroad, elimina- 

tion, 505, 1901 

cross-sections, sketches, 1900 

crown, 1909 
i 

amount for different materials, 1909 

curves, 1898 
spirals, 1898 

drainage, 1907-1911 
engineering, 1897-1998 

cata, 1898-1907 

federal aid for, 1904, 1905 
financing, 1903 
fourdations, 1911-1912 

grades, 1899, 1910 

line of sight, 1898 
loca] material, 1901 
location, 1898 

machinery, 1920, 1921, 1923, 1924 
scrapers and graders, 770-773 

for snow removal, 1983 

materials, 1901, 1911, 1912-1919 

pounds of covering, per sd. yd. 

road, 1987 

quantities, tables, 1988, 1989 

rural —, shade trees on, 1982 

shape of surface, 1910 

traffic census, 1902, 1903 

underdrains, sketches, 1909 

widths, 1176, 1899 

bridge, 1176 

Hinge, cantilever bridge, 1257 

masonry arch —, 979 

steel —, arch, 1268, 1270 

reinforced concrete arch —, 1073 

stiffening truss —, 1280 

Hinged masonry arch, 964, 979, 989 

Hockey field, laying out, 449 

Hogging curves, ship building ways, 

1880 
Hodograph, dynamics, 119 

Hole, belt —, pipe flange, 694 

screw —, timber, 802 

in washer, 807 

Holland, canals in, 1596 

dikes, 1798 

Home block, railroad signaling, 2064 

Honed finish, stone, 863 

Hood, tunnel shield —, 1634 

Hook gage, 1371 

Hooke’s law, 546 

Hooks, stress in, 600 

Hoop, revolving —, stress, 564, 565 

shrinkage of, 565 

Hopper, bin, 1292 

dredge, 781 

Horizon, celestial sphere, 481 

true —, and sea —, 487 

Hornblende schist, metamorphic rock, 

52 

Horse, travel, 773 

work done by, 143, 144 

Horsepower, 113 
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Horsepower, automobile —, 359, 1903 
of boiler, steam, 344 
brake —, engine, 347, 359 
to cheval-vapeur, 324 
equivalents, 307, 309, 365 
friction —, journal, 136 

of gas engine, 359 
hour, 112, 328 
hours, equivalents, 309 
indicated —, 347, 359 
to kilowatts, 307, 324, 1404 
of locomotive, 2072 

Hotel, floor load, 1148, 1158 
Hour, angle, astronomy, 483 

circle, astronomy; 482 
kilowatt —, 324, 365 
watt —, 365 

Houses, car —, electric R.R., 2151- 

2153 
engine —, steam R. R., 2077 
ferry —, 1870 
freight —, 2057 
gate —-, 1558 
oil —, railroads, 2063 
power —, 1428 
round —, steam R. R., 2077 
sand —, railroads, 2062 

Housing, timber joint, 808 

Household refuse, handling, 1755 

Howe truss, 97, 98, 1221. 
analysis, 99 
bridge, timber, 846-848 

floor, 829 
design, timber, 848 
roof, 841 
stress diagram, 99 

Hudson Tunnel shield, 1633 

Humidity, U. S., 286 

Hump, railroad —, cost, 2101 

yard, railroad, 2054, 2055-2056 

Humus tanks, sewage, 1739 

Hundredweight, 307 

Hurricane, velocity of, 284 

warnings, 278 

Huyghens’ eyepiece, telescopes, 256 

Hydrant, 1513 

pressure for fire streams, 1355 

Hydraulic, air compressor, 1401 

axis, stream, 1347 

computations, 1311-1314 

dredge, 782 

elements, circular sewers, 1723 

egg-shaped sewers, 1723 

filled dams, 1544-1547 
grade line, 1319 

gradient, 1319 

jack, movable bridges, 1252 

jump, 952, 1349 

mean depth, channels, 1342 

power plants, location, 383 

radius, 1321, 1342 
ram, 1397 
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Hydraulic, sluicing, 787-788, 1661 
dams, 1544-1547 

testing machines, 602 
turbines, 384 

Hydraulics, definition of, 1304 
Hydrocone draft tube, 1430 
Hydrodynamics, definition of, 1304 

laws, 1308-1309 

Hydrogen, atomic weight, 242, 267 
gas, 254 

specific heat, 334 
Hydrographic surveying, 474-477 
Hydromechanics, 1304-1314 

definition of, 1304 
Hydrometric pendulum, 1367 
Hydrostatics, 1306-1308 

definition of, 1304 
press, 1306 

pressure, 900 

Hydroscopic water, irrigation, 1654 
Hyperbola, 53, 73, 74 

conjugate —, 74 
construction, 74 
segment of, area, 53 

Hyperbolic functions, 77, 78 
tables, 34, 39 

Hypocycloid, 76 
Hypotrochoid, 76 
Hysteresis, electric —, 366 

thermal —, 275 

I 
I-beams, 665-670 

Bethlehem —, 667, 668 
in bridge specifications, 1188 
combined stress in, 572 
deflection, 1151 
failure of, 588 
“‘junior,”’ properties, 670 
modulus of rupture, 667 
properties, 666-670 
shearing factor, 666-670 
tests, 667 
web, thickened, 665 
weight, increased, 665 

Ideal cycle, steam engine, 346 
I-section, moment of inertia, 570 
Ice, 663 

anchor —, intakes, 1446 
expansion, 663 

coefficient of, 663 
heat of fusion of, 330 
melting temperature, 259, 663 
Point, temperature scale, 260 
Pressure, 663, 1559 

on dams, 941 
On piers, 1004 

strength and weight, 663 
Igneous rocks, 850 
Illuminants, life of, 403 

rating of, 401 
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Illumination, 255, 400-405 
Images, optical —, 256 
Imhoff tanks, sewage, 1737-1739 
Impact, 130, 555-561 

on beams, 561, 588-589 
on bridges, 1180, 1182 
coefficient of, 561 
direct central —, 130 
of force of blow, 130 
of horizontal load, 589 
of jet, hydromechanics, 1309 
rupture, 560 
tests, 614 

of water, 1309 
on bridge piers, 1004 

of waves on dams, 942 
Impedance, electricity, 365 
Imperial, bushel, 308 

gallon, 303, 308 
Imperviousness of concrete, 1035 
Impounding, reservoirs, 1446 
Impulse, force, 113, 114, 115 

of jet on solid, 1310 
on vanes, 1310 

turbines, hydraulic, 1373 
steam, 350 

Inaccessible distances, surveying, 442- 
445 

Incandescent electric lamp, 255, 402 
Inch, to centimeters, 314, 316 

cubic —, equivalents, 308 
in decimals of a foot, 411 
equivalents, 306 

fractions of, to millimeters, 313, 314 
miner’s, 305, 1373 
quadric —, moment of inertia, 105 

Inches of run-off in c.f.s. per acre, 1697 
per mile, 1697 

Incineration of refuse, 1769-1772 
Incinerators, 1770 
Inclination of straight line, 46, 68, 70 
Inclined plane, efficiency of, 141 
Inclines, navigation canals, 1571, 1590- 

1592 

Incor, early strength cement, 1958 
Increments, calculus, 59 
Indeterminate, forms, calculus, 62 

structures, concrete, 1075-1080 
Index of refraction, light, 255 
India rubber, 660 
Indicator diagrams, 336, 346 
Indium, chemical element, 242, 267 
Inductance, electricity, 365 
Induction, electro magnet, 367 

motor, 381, 382 
regulator, 393 
self —, 365 

Industrial, refuse, 1751 
effect, sewage constituents, 1729 

waste, sewage, 1716, 1717, 1747-1748 
treatment, 1748 

Inertia, 105-111 
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Inertia, center of, 100 
circle, 107 
ellipse, 107, 108 
functions, 100—104 
moments of, 105-111, 572 

of bodies, 109-111, 131 
of common sections, 108-109 
polar, 105, 595 
principles of, 105-108 
of rolled shapes, 666-679 

principal axes of, 107 
product of, 105-106, 571 
transformation formulas, 106, 107 

Infiltration galleries, 1460 
Infiammable liquids and gases, light- 

ning protection for, 289 
Inflection point, curves, 71 
influence, diagrams, 1172, 1231 

line, 990 
cantilevers, 

1266 
masonry arches, 989-991 
steel arch, 1274 
three-hinged arch, 1273 

Ingot, steel —, 629 
Inks, colored —, on tracings, 427 
Inlet, drain —, pavements, 1975 

to sewers, 1727 
Input; machines, 140 
Inspection, buildings, 1158 

of materials, 619-620 

of steel, 632 
of timber, 654 

Instruments, astronomical —, 257 
drafting —, 422-423 
electric —, 369 
surveying —, 410-422 

barometer, 460 
chains and tapes, 410-411 
compass, 412-413 
direction, 500 
level, 419-421, 457 

mine transit, eccentric, 480 
photographic, 477 
plane table, 472 
repeating, 499 
rods, 421-422, 457, 466 
sextant, 476 
solar attachment, 417-419 
stadia, 466 
theodolite, 501 
transit, 413-416 

Insulating value, materials, heat, 271 
Insulation, electrical —, 365, 391, 397 

effect on capacity, 398 
joints, against electrolysis, 1518 
of rail joints, electric R. R. signal sys- 

tem, 2156 
thermal —, 268-274 

Insulators, electrical —, 372, 391, 396 
dielectric strength of, 365 
strain —, trolley, 2128, 2130 

steel bridges, 1265- 
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Insulex (pyrocell), conductivity, 270 
Insulite, insulation, 270, 271 
Intakes, water —, 1444-1446 
Integral, calculus, 63-67 

definite —, 67 
forms, tables, 63-67 
probability —, values, 79 
table, 63-67 

Integrand, calculus, 63 
Integration, 63 

approximate, 67 
Intercept, of force, 90 

graph, 46 
of straight line, 68 

Intercepting, ditches, railroads, 2008 
drains, irrigation, 1703 
sewer, 1716 

Interest, 55-58 
on construction cost, railroads, 2088 
table, 56, 57 

Interior, illumination, 404 
wiring, electric, 396 

Interlocking signals, railroads, 2063- 
2065 

Internal, combustion engine, 354-359, 
384 

friction, 566 
stress, dams and walls, 902-907 

International, candle, light, 255 
scale, temperature, 259 

Interpolation in tables, 37 
Intersectional angle (I), curves, 508 
Interurban cars, 2143 
Intrados, of arch, 963 

curve, concrete arch, 1074 
Invar steel, 636 

tapes, surveying, 432, 498 
Involute, analytics, 70 
Iodine, chemical element, 242, 267 
Iridium, chemical element, 242, 252, 267 
Iron, 620-644 

atomic weight, 242 
cast —, 550, 558, 620-625 (see Cast 

iron) 
conductivity of, 372 
corrosion of, 642 
corrugated —, 687, 688 
electric conductors, 372 
friction coefficients for, 133, 135 
galvanized —, 643 
gray —, 620, 624 
malleable cast —, 621, 623, 624 
melting point, .267 
mottled —, 621 
painting, 642, 664 
physical properties, 252, 623, 626 

pig —, 620, 621 
plate, 681 
protection of, under water, 664 
puddled —, 625, 626 
sheet —, gage table, 688 
stainless —, 559, 644 
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Iron, symbol for, 242 
tunnel lining, 1639-1642 
in water, 1464 
welding, 636, 637 
white —, 621 
wire, 372, 631, 699 
wrought —, 625-628 

Irregular plane figures, c. of g., 101, 102 
Irrigation, 1653-1683 

canals, 1603-1606, 1662, 1663, 1674 
capacity, 1674 
grade, 1665-1666 

conduits, 1662-1665 
conveyance losses, 1658-1661 

system, 1662 
dams, diversion, 1670, 1671 
definition of, 1654 
development, laws, 1707-1708 

of resources, 1654 
distribution system, 1674-1675 
district laws, 1708 
diversion works, 1670-1672 
engineering reports, 1712-1714 
farm conduits for, 1678 
flooding, uncontrolled, 1679 
flumes, 1664 
investigation, for report, 1712 
legal and economic features, 1705- 

1714 

legislation, Government, 1707 
methods, 1678-1682 
number of, 1658 
over —, 1705 
pipes, 1664, 1665 

wood stave, 1665 
preparation of land for, 1678 
project, cost and value, 1708-1709 

maintenance of, 1710-1712 

operation of, 1654, 1710-1712 
by pumping, 1676-1677 
sewage disposal by , 1743 
spray —, 1682 

structures, minor, 1667-1670 
sub-surface —, 1681 
times to irrigate, 1657 
tunnels, 1665 
use of drainage water for, 1705 
water, application of, 1678-1682 

disposal of, 1654-1656 
distribution, 1674-1675, 1682-1683, 

1707 
economical use of, 1658, 1682 
losses, 1655-1656, 1658-1661 

measurements, 1682 
payment for, 1683 
required, 1662 
rights, prior, 1662 

storage, 1672-1673 
source, 1703 
supply, 1661-1662, 1676 
use of, 1682-1683 

Isodynamic, thermodynamics, 329 
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Isogonic lines, magnetic declination, 433 
Isothermal, thermodynamics, 329, 335 
Isotrope, chemistry, 244 
Italian method, soft ground tunnel, 1619 
Ivory, restitution coefficient, 130 
Izod testing machine, 614 

J 
Jack, hydraulic —, movable bridges, 

1252 
rafter, 1130 
shield tunnel —, 1634 
smoke —, roundhouses, 2077 

Jack-knife drawbridge, 1247 
Jacket, steam —, 348 

Jacobs’ process of welding, 2158 
Japanese measures, 304 
Jet, borings, 708 

for caissons, 766 
fountain —, water measurement, 1370 
hydraulic dredge —, 782 
in hydromechanics, 1309-1311 
impinging on plate, 1429 
for pile driving, 736, 739 
pump, 1396 

steam —, 343, 351 
Jetties, 1787, 1788, 1789 
Jib crane, in coaling station, 2061 
Joints, in belting, 133 

construction —, concrete, 1033 

expansion — (see Expansion joint) 
insulation, pipes, 1518 

in masonry, ashlar, 872 
aqueducts, 1560 
brick, 880 

stone, thickness determines class, 
861 

in pavements, concrete, 1957 
pipe —, cast iron, 1444, 1501, 1502, 

1503 
sewer, 1724 
steel, 1445, 1504 

in quay walls, 1805, 1806 
of rails (track), 2035, 2036, 2037 

repair of broken down, 2158 
riveted —, 546, 1217-1219 

efficiency, 1218 
friction strength, 1218 
lap, 546 

steel pipe, 1504 
stresses, 1219 
tests, 618 

timber —, 808-815 
bolts in, 811, 812, 814 
butt, 808 
common, 808 
compression, 808-810 
fishplate, 811 
flexure, 815-817 
inclined, strength, 796 
lap, 808, 814 
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Joints, timber —, nailed, 803, 804 
scarf, 815 
tabled fishplate, 812, 813 
tension, 811-815 

truss —, analysis, 1225 
deflection, 1241 
design, roof, 1140 
hinged, stiffness, 1233 
timber —, 843-846 

welded —, 1219-1220 
Joists, 653, 827, 837 
Jonval turbine, 1374 
Joule, electricity, 112, 365 

equivalents, 307, 309 
to gram-calories, 322 
law of gases, 333 

Journal bearings, friction, 136-138 
Jump, hydraulic —, 952, 1349 
Jumper drill, 855 
Junior I-beams, properties, 670 

K 
K-truss, 1221 
Kelvin scale, temperature, 259 
Kern, masonry design, 908 
Kerosene fuel, 336 
Key, compound beam, 816 

stone, arches, 964 
timber truss, 846 

Kiei Canal, 1597 
Kiln drying, timber, 650 
Kilogram, 111, 302, 305 

-calorie, 250, 267, 307, 323 
to pounds, 305, 307, 312 
per square centimeter, equivalents, 

309, 321 
Kilogram meter, 113, 307, 309 

to foot-pounds, 322 
Kilometers, per hour, equivalents, 308 

to miles, 315 
Kilovolt, 364 
Kilowatt, equivalents, 307, 365 

to horse power, 307, 324, 1404 

-hour, 309, 388 
Kinematic viscosity, 1308 
Kinetic, coefficients, friction, 135, 136 

energy, 113, 127-128 
friction, 134 

King rod truss, 341 
King type, trussed beam, 817 
Kingsbury bearing, power 

1434 
Kish (graphite), cast iron, 620 
Kneebrace, buildings, 1146 
Knots, equivalents, 308 

timber —, 655, 656, 792 
wood beam, 799 

Krypton, chemical element, 242, 267 

Kutter’s formula, 1323, 1344, 1722 

sewers, 1722 

Kyan’s process, timber preservation, 
657 

plants, 

ip oi—Lat 

L 

Labor, muscular —, 143 
Lacing, bars, bridge specifications, 1187 

column — (see Lattice bars) 
Lacrosse field, laying out, 449 
Ladder, fish —, 1559 

standpipe —, 1287 
track, railroad yard, 2055 

Lafarge cement, 659 
Lag, harmonic motion, 117 

screws, 803, 808 
Lagging, arch centering, 831, 837 
Lagooning sewage sludge, 1742 
Laitance, concrete, 1023, 1031 
Lamé’s formula, cylinders, 554 
Lamp, arc —, 394, 401, 403 

current required for, 403 
incandescent, 255, 402, 403 
life, 403 
mazda —, 402 
standard —, 400 
tungsten —, 402, 403 

Lancewood, physical properties, 251 
Land, classification for drainage, 1693 

clearing —, 521 
evaporation from, 283 
grading, 519-521 
preparation of, for irrigation, 1678 
reclamation, 1683-1693 
surveying, 431-432 
U.S. public —, 450-454 

Landing, piers (see Piers, boat landing) 
stages, floating —, rivers, 1877 

combined with inclines, 1878 
Lang gate, movable dams, 1555 
Lanthanum, chemical element, 242, 267 
Lap joint, 546 

timber —, 808, 814 
Laplace’s formula, altitude calculation, 

461 

Larch, 648 
physical properties, 251, 657, 794, 

795, 801 
Latches, movable bridges, 1255 
Lateral, bracing, deck bridges, 1203 

factor, contraction, 562 
force, bridges, 1180, 1181, 1183 
irrigation —, 1675 
pressure of earth (see Earth, pressure) 
sewer —, 1716 

Latent heat, 268, 330 

Lath, ribbed —, partitions, 1154 

Latitude, 483 
and departure, areas, 438 
lines, public land survey, 451 
observations for, 487-488 
total —, surveying, 425 

Lattice bars, 1147 

inspection of, 632 
in truss, 1241 

Latus rectum, 72, 74 

2211 
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Launching caissons, 765 
Laws, building —, 1158 

column loads, 1159 
floor loads, 1158 
stresses, 890, 1160 

of electricity, 366 
of hydrodynamics, 1308-1309 
reclamation —, 1707-1708 
of thermodynamics, 330-333 

Laying out curves, 510-511 
Lead (leed), harmonic motion, 117 

switch —, 2046 
curved, 2046 

track, railroad yards, 2055 
Lead (led), 242, 252, 267, 273, 638 

conductivity, 252, 273 
corrosion of, 644 
covered cables, 397 
freezing temperature of, 263 
heat of fusion of, 330 
-lined pipe, 1517 
paint, 663, 664 
in pipe joints, 1502, 1504 
service pipes, 638, 1517 
storage batteries, 405 
strength, 640 
weight, 640 

Lead-hydrotite, pipe jointing, 1502 
Leaders, pile driver —, 734 
Leadite, pipe jointing material, 1502, 

1518 

League, unit of length, 306 
Leakage, canal —, 1574, 1577-1579 

of cast iron pipes, 1503 
of coffer dams, 752-754 
of dams, 932, 933 
of masonry aqueducts, 1561 
of steel pipes, 1508 
of water mains, 1493 

Least, squares, 80-82, 501 
work, principle, trusses, 1232 

Leather, 660 
belting tests, 661 

Legal boundaries, 442 
Legal and economic features, irrigation, 

1705-1714 

Lehman’s method, plane table, 473 
Length, conversion tables, 313-315 

equivalent units, 306 

measurements, surveying, 431-432 
standard, surveying, 445 
unit of, 303 

Chinese measure, 304 
English measure, 303 
Japanese measure, 304 
metric system, 302 
Russian measure, 304 
tables, 306, 314, 315 

U.S. measure, 303 
Leningrad and Cronstadt Canal. 1598 
Lens, electric railroad signals, 2155 

of micrascone. 256 
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Lettering drawings, 427 
Levees, 778-780 

construction of, 778-781, 1689 
cost of, 1689 
drainage —, 779, 780, 1688-1690 
for flood control, 1798, 1799 
free board of, 778 
maintenance of, 1690 
roads on, 781 
seepage, line of, in, 778, 779 
siphons in, 779 
slopes of, 778, 779 
standard sections of, 779, 1799. 

Level, surveying instrument, 419-421 
mean sea —, 1776 
sections, earthwork, 521, 528-531 

Leveling, 454-464 
instruments, 419-422, 457, 464 

Lift, bridge, 1247, 1248 
canal —, 1590, 1592 
docks, 1838 

Lifting, lock gate, 1587 
mechanism, movable bridge, 1252 

Light, 255-256 
arc —, 394, 401, 403 

voltage, 401 
color, 255 
diffusion, 255, 401 
intensity, 255 
in lighthouses, 1801 
power consumption for, 394, 402, 403 

on canals, 1581 

reflection by different materials, 255 
ships, rivers, 1801 
speed-of, 255 
transmission, different materials, 255 
wiring for, 395 

Lighthouse, 1800-1803 
arrangements, 1802 

forces to be resisted by, 1802 
foundations, 1802 

distance light is visible from, 1801 
intensity of lights of, 1801 
lights, 1801 

visibility range; 1801 
materials of construction for, 1802 
river —, 1800-1803 

superstructures, 1803 
Lighting, canals, 1581 

car barns, 2152 

cars, power required for, 2116, 2117 
cost of, relative, 403 
electric —, 400-405 
generators, 386 
interior —, 396, 404 
pier sheds, 1832 
ship canals, 1581 
street —, 404 

incandescent lamps, 402 
wiring system for, 394, 395] 

river channels, 1801. 
Lightning, arresters, 392 
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Lightning, protection, 289 
on transmission lines, 392 

Lignite, fuel, 245 
Lignum vitae, 647 

physical properties, 251 
rolling friction on, 139 

Lime, 878-879 
barrel capacity, 305 
cement, 659 
hydraulic —, 659 

_ magnesian —, 659 
. mortar. 659, 878 

for water softening, 1467 
Lime (wood), physical properties, 251 
Limestone, 850, 851 

absorptive power, 644 
aggregate, concrete, 1021 

bearing on, safe, 1184 
compressive strength, 644 
conductivity, 273 
corrosion, 851 
expansion coefficient, 250, 644 

footings, 729 
friction angle and coefficient, 893 
highway material, 1913 

weight, 1989 
modulus of elasticity, 644 
modulus of rupture, 644 
properties, 250, 644 
resistance to freezing, 851 
shearing strength, 644 
weight, 644 

broken and loose, 1989 
Limit, elastic —, 547-608 

proportional —, 547 
Limnoria, 652 
Lindfelt, thermal conductivity, 269, 271 
Linden, physical properties, 251 
Line, of action, force, 82 

center of gravity of, 102 
of colliraation, surveying, 414 
contour —, 430, 465 
drop, power transmission, 392 
equation of straight —, 68 
and grade, city surveying, 445 

. influence —, 990, 1265-1266, 1274 

isogonic —, 433 
maximum equipment —, electric cars, 

2144 
old —, surveying, 441-442 

. of pressure, gravity dam, 932 
probable error of, 82 
random —, running, 442 
of resistance, 913 

of arches, 975, 980, 982 
of dams, 913, 943-945 
of three-hinged arch, 990 

of walls, 913 

of sight, surveying, 414 

slope of, 46, 68, 70 

springing —, arch, 963 

transmission —, 391, 392 

dit aed, Bap 

Linear arch, 965, 1278 
Lining, irrigation canal, 1605 

navigation canals, 1574, 1575 
tunnel —, cast iron, 1639-1642 

Link, equivalents, 306, 410 
Link belt screen, sewage, 1734 
Linseed oil, paint, 664 
Lintel, stone —, depth, 930 
Liquid chlorine, water purification, 1471 

application to water, 1471 
Liquids, definition, 1304 

fuel, 246, 247, 359 
consumption, 384 
cost, 386 

heating value, 386 
heat of, 337 
inflammable —, lightning protection, 

289 

perfect —, laws, 1306 
specific heat of, 268 
and vapor mixture, 336 

Liter, 303 
equivalents, 308 

to gallons, 318 
Lith, conductivity, 270, 
Lithium, chemical element, 242, 267 
Litmus paper, acid or alkali test, 1020 
Littoral drift, 1781 
Load, arch —, 965 

on arch centering, 835 
on beam, equations for, 94, 567, 574- 

582 
on bridge, 848, 1161-1180, 1181-1184 - 

character of, motors, 377 
concentrated —, distribution, slabs, 

1064 
minimum for steel floor beam, 1148 

connected —, power plants, 366, 1436 
dead —, buildings, 724 

bridges, 1150; 1161-1162, 1182 

distribution, highway bridges, 1178, 
1179 

dynamic —, 560, 589 
eccentric —, 563, 593 

on masonry structures, 907-911 
electric railroad wheel —, 1179 
equivalent uniform live —, 1168-1171 

factor, electricity, 366 
in power plants, 1436 

floor —, 724 
bridges, 1143, 1148, 1158 

foundation —, 724-725, 738-739 
impact of, 561 

on beams, 589 J 
on bridges, 1180, 1182 

line, 94 
coefficient, shipping term, 1896 

live —, bridges, 848,'1161, 1162-1184 

impact, 1180 
buildings, 1143, 1148, 1158 
building columns, 1159 
of building laws, 1158 
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Load, live —, sidewalks, 1158, 1178 

on landing piers, 1821 
for piles, 738-739 
reduction, tall buildings, 1150 
repeated —, 555 
on roof truss, 842, 1130 
settlement, foundations, 715 
sidewalk —, 1158, 1178 
snow —, on arch, 965 

on bridges, 1162, 1195 
on roofs, 842, 1132 

static —, 560 
for tall buildings, live, 1148 
on wharves, 822 
wheel —, bridges, 1163-1169, 1173, 

1177, 1178 
distribution, 1177, 1178, 1179 
equivalent uniform, 1164-1171 

wind (see Wind, loads) 
Loading, earth, 773-775 

tests, foundations, 717 
apparatus, 717-719 

Loam, 710, 711, 1907 

in concrete aggregate, 1021 
excavating —, 769 
molds, 622 
percolation through, water, 1406 
shrinkage of, 777 

Local assessments, highways, 1904 
Location, of power plants, 383 

railroad —, 504, 506-508 
road —, 1898 

Lock, air —, caissons, 763 
canal —, 1571, 1584-1593 

approaches to, 1590 
data on, 1591 
filling and emptying, 1585 
floors of, 1585 
foundations for, 1585 
gates on, 1586-1590, 1592, 1593 
leakage at, 1579 
lift for, 1590-1591 

Panama, 1600 
power required for operating, 1580 
reinforced concrete, 1110 
valve, N. Y. Barge Canal, 1590 
water consumed for lockage, 1581 

nuts, rail fastenings, 2040 
Lock-bar steel pipe, 1505, 1506 
Lock hand level surveying, 419 
Locomotive, 2065-2075 

adhesion to rails, 2067 
boiler, capacity, 2067 

evaporation, 2072 
classification, 2065 
coaling, 2061 
crane, railroad coaling station, 2062 
electric —, 2144-2146 

classification, 2145 
control, 2145 
motor, 2146 
power consumption by, 2113-2117 
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Locomotive, electric —, rating, 2145 
required weight, 2114 
transmission, 2145 
weight, 1164, 2146 
wheel loads, 1164, 2146 

fuel consumption by, 2072 
general data on, 2068 
horsepower developed by, 2072 
largest —, N. Y. C.& H. R.R. weight, 

1164 

length, 2063 
number of —, built each year, 2066, 

2067 
mean effective pressure vs. speed, 

2069 

rating, 2094 
formula for, 2094-2096 

resistance, 2074 

steam —, 2065-2075 
Ibs. of — per i.h.p., 2072 
weight per stroke, 2071 

tractive force, 2067, 2069-2070, 2073, 
2114 

types, 2066 

weights, 2067 
Locust, 647 

fence posts, 2002 
physical properties, 251, 657 
strength, 657 

Lodging house, floor loads, 1158 
Log measurement, 304 
Logarithmic, plotting, 46, 1324, 1325 

tables, 9-12, 37, 39, 146-229 
Logarithms, 37, 42 
common —, of numbers, 10 

six-place, 146-173 
of mathematical constants, 36 
multipliers, 35 
Napierian —, 35, 39, 42 
series, 44 

of trigonometrical functions, 12, 38, 
174-219 

Longitude, 483 
determination of, 490 
and time, 484 

Longitudinal, 
1184 

shear, plate girders, 1215 
Loss of water, measurements American 

canals, 1578 
Lubricant, effect on friction, 136-138, 

797 
of wood, 797 

water —, effect on kinetic coefficient, 
135 

Lubrication, Diesel engine, 357 
Lumber, 646-658, 690 
Lumens, light, 255, 401 
Luminous rarefied gas lamps, 401 
Lumite, early strength cement, 1958 
Lutecium, chemical element, 242 
Lycoris fucata, 652 

force, bridges, 1180, 
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M 

Macadam, bituminous —, pavement, 
1937-1940 

paving, weight, 891 
road (broken stone), 1931-1935 

McArthur piles, 733 
Machine, abrasion —, 603 

blueprinting —, 424 
brick making —, 875 
channeling —, 854 
drill, rock, 855 
efficiency of, 140-143 
effort, 140 
elements, efficiency, 140 

fiying —, 297 
grading —, 772-773 
mechanical, advantage of, 140 
mucking —, tunnels, 1621 
printing —, process, 424 
simple —, 140 
testing —, 601-606 

velocity ratio, 140 

Machinery, ditching —, 786-787, 1689 

excavating —, 769-787, 1689 

foundations, 387 

hydro-electric —, 1373-1389 
for lock gates, canals, 1589 
for movable bridges, 1251 

relation diagram, power house, 2119 

road —, 1920, 1921, 1923, 1924 

snow removal, 1983 

steel, 631 
stone cutting —, 860 

Maclauren’s theorem, 62, 63 

Macroscopic examination, metals, 615 

Magnesia, conductivity, 270 

Magnesite brick, conductivity, 272 

Magnesium, chemical element, 242, 

267 
conductivity, 272, 273 

fatigue of, 558 
Magnetic, bearings, 413 

circuit law, 367 

declination, secular, table, 436 

field, 367 
induction, 367 

permeability, metals, tests, 615 

reluctance, 367 

variations, surveying, 433-434 

Magnetite arc lamp, 401 

Magneto, generator, 375 

Magnetomotive force, 367 

Magnification, microscopes and tele- 

scopes, 256, 415 

Mahogany, 270, 648 

Maintenance of way, 2080, 2081 

Malleable, castings, 623, 624 

iron, 623, 624 
pig iron, 621 

Man, work by, 143, 144 

Manchester Canal, 1597 

Mac—Mas 

Mandrel for testing ducts, 2123 
Mee chemical element, 

26 
bronze, 641 
in pig iron, 621 
in steel, 635 
in wrought iron, 625 

Manganin, alloy, 374 
*Manholes, electric wire —, 396 

sewer —, 1726 
frames and covers, 1726 

steel pipe —, 1513 
over valves, 1510 

Manilla rope, 697 
Manning’s formula, for channels, 1346 

for size of drain tile, 1697 
Mantissa, logarithms, 37 
Maple, 647, 648, 657 

conductivity, 270 
Mapping, airplane —, 478 
Maps, 423-431 

airplane —, 479 
plotting photographic —, 478 
railroad —, 506 
survey —, 425-431 

Marble, metamorphic rock, 644, 850, 
852 

absorption, 644 
compressive strength, 644 
conductivity, 273 
expansion coefficient, 250 
friction angle and coefficient, 893 
modulus of elasticity, 644 
physical properties, 250 
shearing strength, 644, 889 
specific gravity, 250 
specific heat, 250 
weight, 644 

Marine railways, 1836-1838 
cradle for, 1838 
power absorbed in friction on, 1838 
ways, 1837 

Marine wood borers, 652 

Mariotte’s law, gases, 1309 

Markers, road —, 1979-1982 

Market, sizes, standard structural —,; 

665-706 
refuse, garbage disposal, 1751 

Marl, 1907 

Marsh, drainage, 1690-1691 

gas, 247, 249 

inland —, drainage, 1690-1691 
reclamation, 1683-1693 

source of water of, 1690 

topographic symbol, 429 

Maryland Road Commission, specifica- 

tions, 1933 

Masonry, 849-1014 
arches, 963-1008 

large American —, 999-1003 

ashlar —-, 868, 869, 872, 888 

backing, 861, 871 

2215 

242, 
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Masonry, breakwaters, 1780 
brick —, 646, 874-886, 887, 888 

(see also Brick, masonry) 
concrete —, 889 

block, 889 
tile, 889 

covers, filters, 1486, 1488 
reservoirs, 1497 

cut stone —, 867 
cyclopean —, 874, 1520 
dams, 931-963, 1520-1534 (see Dams, 
masonry ) 

design, 886-911 
dimension stone —, 868 
domes (see Domes), 1008-1014 
dry stone —, 874 
efflorescence, 884-886 
expansion coefficient, 891 
footings, 728-730 

offset, safe, 729 
friction angle and coefficient, 893 

roughness and moisture effect on, 
893 

vibration of air, effect on, 893 
graving docks, 1839 
hollow tile —, working stress, 889 
joints, 861, 872 
landing piers, 1828-1831 
modulus of elasticity, 891 
piers, for arches, 1003-1008 

for buildings, design, 930-931 
pressure on, 890 
properties, 891 
quays, 1813, 1815, 1816 
random —, 867 
range —, 867 
rubble —, 868, 873, 874 
squared stone —, 872-874 
stone —, 867-886 

kinds, 867, 868 
walls and dams, 911-963 
weight, 891 

working stresses, 890 
Mass, 111 

atomic —, 244 
center of, 100 
conversion tables, 312-313 
diagram, earthwork, 526-527 

evaporation correction, 1425 
water storage, 1423, 1424 

equivalent units, 307 
molecular —, 244, 254 
moment of inertia, relation, 109 
unit of, 302, 303 

Materials, bituminous —, 1915-1919 
of construction, 543-706 

for highways, 1901, 1911, 1912- 
1919 

lbs. covering per sq. yd. of road, 
1987 

dredged —, measurement, 539 
dry —, angle of repose, 1293 
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Materials, expansion coefficients, 250- 
252 

inspection of, 619 
physical properties, 250-254 
structural —, properties, 550 
submerged —, angle of repose, 893, 

1352, 1539 

weight, 893, 1805 
testing —, 601-620 
weight of, 250-254 

Mathematical constants, 36, 39 
tables of, 9-41 

Mathematics, advanced —, 59-82 
elementary —, 42-58 

Maxima and minima, 61, 62 
turning value, 62 

Maximum demand system, power, 400 
Mazda lamps, 402 
McCormack wheel, water, 1381 
Mcintosh and Seymour Diesel engine, 

357 

McMath formula, culvert area, 2010 
Meadows, percolation, water, 1406 
Mean, sea level, 1776 

time, 484 
Measure, board —, table, 690 
Measurement, of angles, 52, 438, 499- 

501 

of base line, 498 
of dredged material, 539 
electrical —, 368-372 
of lines, 431-432 
of time, 484 
of water, 1352-1373 

Measures, weights and, 302-309 
Mechanical, efficiency, engines, 347 

filters, 1481-1486 
Mechanics, 82-144 

of simple stresses, 544-566 
Medium steel, 631 

properties, 550 
stress deformation curve, 549 

Megadyne, unit of force, 305 
Megohm, electricity, 364 
Melting point, chemical elements, 267 

gases, 254 

highway materials, test, 1918 
Member chart, estimating granite, 

molding, 864 

Memphis Bridge, new, cantilever, 1258 
Meniscus, 285 
Mensuration, 52-55 
Mercury, 639 

arc rectifier, electric currents, 393 
atomic weight, 242 

barometer, 286,460 . 
capillary depression, 285 
column, 285, 309, 1372 
conductivity, 273 
differential gage, 1372 
freezing temperature of, 262 
fulminate, 249 
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- Mercury, melting point, 267 
physical properties, 252, 639 
pressure measured by, 285, 309 
specific gravity, 252, 639 
symbol, 242 
thermometer, 263 
vapor pressure, 285 

Meridian, 417, 490 
on celestial sphere, 482 
determination of, 494 
distance, double —, 438 
on drawings, 428 
line, public land survey, 451 
principal, public land survey, 451 
transferring —, into mine, 480 

Mertz process garbage reduction, 1766 

Messenger cable, 1293 
Metacentric height, floating dock, 1865 
Metal, monel —, 559, 641 

tut, earth roads, 1920 
sheet —, 687 

Metallurgy, of cast iron, 620 
of steel, 629 
of wrought iron, 625 

Metals, and alloys, 252 
bearing —, 641 
corrosion, 642-644 
crystallization, 555 
electric conducters, 372 
electric resistivity, 252, 364 
elementary —, 242 
fatigue of, 555 
friction coefficients, 133, 138 
kinetic coefficients, 135, 136 
microscopic examination, 615 
non-ferrous —, 637-639, 640, 644 
specific resistance, 252, 372 
tests, 606-616 

cold bend, 619 
elastic limit, 608 
flattening or upsetting, €19 
hardness, 252, 613 
hot bend and quenching, 619 
impact, 614 
specimens, 606, 607 

thermal conductivity, 252, 273 
Metamorphic rocks, 852 
Meteorology, 278-302 
Meter (distance measure), 305 

equivalents, 306, 315 
-kilograms, 307, 309, 322, 323 
to feet, 315 

Meter (electric), 400 
system, power, 400 

Meter (streams) current —, 1365, 1441, 

1514 
Meter (water), cost, 1514 

compound —, 1515 
disk —, 1514 
domestic —, 1514 

effect on consumption, 1492, 1493 

load factor, 1515 

Mer—Mis 2217 

Meter (water), protector —, 1515 
rating, 1514 
resistance, 1515 
rotary —, 1514 
service classification, 1515 
Venturi —, 1353-1356, 1516 

Methane, 247, 249 
Method of least squares, 80-82, 501 
“Metric, system, 302-303 

railroad curves, 508 
Mexican measures, 305 
Meyer’s formula, storm water run-off, 

1718 

M.g.d., equivalents, 1332 
Mica, in concrete aggregate, 1021 

schist, metamorphic rock, 852 
Microfarad, electricity, 365 
Microhms, electricity, 364 
Microscope, 256-258 

micrometer, 500 
Microscopic examination, metals, 615 

of water, 1464 
Middle, area, earth work computation, 

540 
ordinate, curve layout, 509, 511 

curved rails, 2026 
length, 52, 509 
switch lead, curved, 2046 

Mil, circular —, 373 
-foot, electrical conductors, 373 

Mile, equivalents, 306, 1993, 1998 
per hour, equivalents, 308 
per hour to feet per second, 320 
to kilometers, 315 
nautical —, 306 
-ohm, electrical conductors, 373 

Mileage and traffic, steam R.R., 2084 
Mill buildings, 1141-1147 

bracing, 1142, 1145, 1146 
columns, 1141, 1142, 1145, 1147 
crane bracket connection, 1142 

girts, 1141 
loads, 1143, 1145 
stresses, 1143, 1146 
walls, 1141, 1152 

Milliampere, 364 
Millihenry, 365 

Millimeters to fractions of inch, 313, 

314 

Millivolts, 364 
Millstone, stresses, 565 

Milorganite, sewage fertilizer, 1743 

Mine, explosions, 246 
surveying, 480-481 

Mineral, land survey, 481 

wool, conductivity, 272 

Miner’s inch, 305, 1373 

Minima and maxima, 61, 62 

Mining in earth, 1614 

Minnesota method, gravel roads, 1925 

Mississippi River, levees, 1799 

Commission, standard levee, 779, 780 
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Mixtures, freezing —, 254 
vapor and liquid, thermodynamics, 

336 
Models for analysis of structures, 991— 

994 
Modulus of compressibility, water, 1305 
Modulus, of elasticity, 547 

of cast iron, 623 
of concrete, 1018 
of water, 1305 

of logarithmic system, 39 
of resilience, 552 
of rupture, beams, 587, 667 

brick and stone, 616 
cast iron, 623 
concrete, 1017 

section —, 572 
angle and channel purlins, 1136 
rolled beams, 665 

Mohs’ scale of hardness, 250 
Moisture, friction effect, 894 

in concrete aggregate, 1026 
rusting effect, 642 
in soils, 1654, 1693 
timber, decay caused by, 651 

Molding, granite —, 863 
iron, 622 
wiring —, 396 

Molds, metal —, concrete posts, 2003 
Mole, breakwaters, 1778, 1780 
Molecule, 243 
Molybdenum, chemical element, 242, 

267 

in steel, 635 
Moment, 84, 94 

in beam, 94, 95, 566-569 
bending —, 94, 95, 568 

critical, flat slab, 1066 
beams, 94, 95, 574-584 
sign, 84, 94, 568 

in columns, 566-569 
of couple, 85 
diagram, 94, 568, 574-582 
equilibrium polygon, 90 
of a force, 84 
of inertia, 105-110, 131, 132 

of bodies, 109-111 
of common sections, 108, 570 
polar, 105, 595 
principles, 105-108 
of rolled shapes, 666-679 

maximum —, 568 
method, truss analysis, 1224 
origin of, 84, 94 
resisting —, arch joint, 980 

beam, 569 
torsion, 595 
wall, 915 

in shafts, 595, 596 
statical —, 100 
theorem of three —, 585 
virtual —, 88 
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Momentum, 114, 115 
change, impact, 130 
equation, homogeneous, 114 
grades, railroads, 2103 
laws, 115 

Monel metal, 559, 641 
Money, foreign —, 325 
Monitor, mill building —, 1141 
Monorail car, 129, 130 
Monuments, street line —, 445 
Moonlight, candle power of, 255 
Moore light, 403 
Mooring, landing pier —, 1822, 1823 

posts, 1822, 1823 

Morin, data on friction coefficients, 133, 
797 

Morrison process, garbage reduction, 
1765 

Mortar, for ashlar masonry, 871-872 
for brickwork, 878, 880 
cement —, 871, 1123 
efflorescence of, 885 
lime —, 878 
quantities of materials for, 884 
for rubble masonry, 873 
standard —, 1117 

Motion, accelerated —, 116, 117 
curvilinear —, 119-121 
force relation to, 122 
friction of, 134 
harmonic —, 117, 118 
laws of, 114, 115 
of point, 115, 116 
precessional —, 128 
rectilinear —, 115-119, 121 
relative —, 120 
three-dimensional —, 128-130 
uniformly accelerated —, 116 
uniplanar —, 126-128 

Motor, alternating current —, 379-383 
voltage, electric R.R., 2148 
capacity, 377 
car and trailer, steam railroad, 2074 
cost, 378 

direct current —, 374-379 
efficiency, 378 
electric —, 374, 383 

synchronous speeds, 352 
electric locomotive —, 2146 

controllers for, 2148 
overall efficiency of, 2115 
power required for given speed, 

2115 
temperature, permissible, 2147 
voltage, 2148 
weight, 2146, 2148 

generator, 393 
induction —, 381, 383 
life, 2112 

principle, 367 
rating, 382, 2147 
selection, 377, 382, 2146 
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Motor, series —, 381 
single phase —, 381 
slip ring —, 381 
specifications, 379 
speed variations, 382 
squirrel cage —, 381 
suspension, electric cars, 2143 
synchronous —, 380 
trucks, earthwork, 774 
vehicles, accidents, 1976-1977 

parking of, 1978 
ventiletion, 377 
water —, direct acting, 1396 

Moulding work, electric wiring, 396 
Mounted drawings, 428 
Mouthpiece, discharging water, 1316, 

1317 

Movable, bridges, 1247-1255 
long American, 1250 

dams, 1552-1557, 1593 

shore crane, 1887 
Muck, 1907 

bars, wrought iron, 625 
ditch, levees, 779 
lands, subsidence of, 1683 
machines, tunnels, 1621 
tunnel —, 1620, 1621, 1622 

Mud, angle of repose, 893 
balls, mechanical filter, 1484 
bricks, 875 
foundations, 719 
pressure, 925 
weight, 891, 893 

Mulberry fence posts, 2002 
Multiple, arch, bridge, 985 

dams, 958-963 
circuit, electricity, 366 
track bridge, per cent load, 1182 

Multiplication, by logarithms, 38 
of powers and roots, 42 

Municipal, refuse, 1750-1751, 1752 
surveying, 445 

Muscular exertion, 143 
Myers, E. D. T. culvert formula, 2009 

N 

Nadir, celestial sphere, 481 
Nail, 802-804 

driving, 804, 826 
holes, bored, roadway flooring, 826 
joints, strength, 804 
shingle —, number required, 706 
slate —, number required, 706 
tree —, 805 

Naphthalene, 249, 262 
Napierian logarithms, 35, 39, 42 
Napier’s equation for air, 342 
Nappe adherence, overflow dam, 951- 

952 
Natural, cement, 1019, 1116 

gas, 247 
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Natural, logarithms, 39 
trigonometric functions, 38, 220-240 

Nautical, almanac, 483 
mile, 306 

Naval brass, 641 
Navigation, aids, Panama Canal, 1602 

canals, 1571-1596 
on rivers, 1799 
signals, 1800-1803 

Needle, compass —, 412, 433 
dam, movable, 1552, 1556 

Neodymium, chemical element, 243, 267 
Neon, chemical element, 243, 267 
Neutral, axis, of beam, 567 

surface, of beam, 567 
New York, Barge Canal,1583, 1594-1595 

building law, loads, 1158, 1159 
rod, leveling, 421 
subway system, 1648 

costs, 1651 
Nichrome, 374 

Nick bend tests, metals, 619 
Nickel, 374, 638 

alloys, electrical conductors, 373 
atomic weight, 243 
conductivity, 273 
corrosion, 644 
electrical conductors, 373 
fatigue, 558 
melting point, 267 
physical properties, 638 
-steel, 632, 635 

fatigue, 558 
physical properties, 550 
specifications, 632 

Nitrocellulose, 248, 249 
Nitrogen, atomic weight, 243 

characteristic equation, 333 
melting point, 267 
properties, 254 
specific heat, 334 
symbol, 243 

Nitroglycerine, 248, 249 
Nitrostarch, explosives, 249 

Nitrous oxid, 254 
Node, curves, 71 

Noetzli method, arched dams, 957 
Non-ferrous, alloys, 639-642 

metals, 637-639, 640-644 

Non-metallic materials, 644-645 
Normal, to curve, 69 

equation, least squares, 81 

Notation, algebraic —, 42 

Notching, timber joint, 808 
wood beams, 799 

Notes, mine survey, 481 
surveying —, 438, 454, 455 

Nozzle, aerator —, water, 1469 
ball —, water, 1311 
coefficient, friction, steam, 343 
flow, elastic fluid, 343 
losses, 1320, 1354 



2220 Noz—Ove 

Nozzle, measuring water by, 1353-1356 
road oil distributor —, 1984 
sprinkling —, sewage filter, 1744 
steam turbine —, 350 

Numbers, logarithms of, 10, 35, 146-173 
powers of, 16-25, 38 
precision of, 39, 40 
Teciprocals, 14, 38 
roots of, 18-21, 24, 26, 38 

Nuts, bolts and, 684, 686 
lock —, rail fastenings, 2040 
lomas —, 1238, 1239 

Nycinsul, conductance of, 271 

O 
Oak, 648, 657 

conductivity, thermal, 270 
decay, 651 
fence posts, 2002 

life, 2004 
hardness, 795 
joist, life of, 827 
kinetic coefficient, 135 
modulus of rupture, 657 
physical properties, 657, 794, 795, 796 
strength, 657, 792, 801 

unit stress, 792, 796, 801 
weight, 657, 794 

Oakland-Alameda Tunnel, 1647 
Oats, angle of repose of, 1293 

weight, 1293 
Obelisk, center of gravity of, 104, 105 
Observation, astronomic —, 481-482 

equations, least squares, 81 
errors, 78 
defined, least squares, 80 
direct —, least squares, 80 
for time, 488-490 
weighted, 80, 81 

Obstacles, surveying, 442-445, 511, 513 
Ocean piers, 1822 
Odometer, surveying instrument, 411 
Odors, garbage reduction —, 1766 

water —, 1464, 1472 
Oersted, electric unit, 367 
Offal, refuse disposal, 1751 
Office building, erection, 1158 

loads, 724, 1148, 1158 

walls, 1153 
Offsets, for trolley wire on curve, 2132 
Ogee section, over flow dam, 950 
Ohm, electrical resistance unit, 364 
Ohm/’s law, electricity, 366, 389 
Oil, barrel capacity, 305. 

dead —, 1916 
differential gage, 1372 
distributors, roads, 1983-1987 
dust palliative, 1927 
effect on concrete, 1020, 1035 
engines, 356, 384 
flow in pipe lines, 1337-1340 
fuel, Diesel engine, 357 
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Oil, fuel, for locomotives, 2074 
furnace, 386 
houses, railroads, 2063 
lining, irrigation canals, 1661 
linseed —, paint, 664 
paint vehicle, 663-665 
for roads, 1917, 1921 
spraying data, roads, 1985, 1986 
tar or asphaltic —, roads, 1924 
in transformers, 390 
trucks, road spraying, 1985, 1987 

Old lines, rerunning —, 441-442 
Olsen testing machine, 601 
Oolitic limestone, 851 
Open, caissons, foundations, 754 

channels, hydraulics, 1342-1346 
Open-hearth steel, 629 

specifications, 631 

Operating, cost and revenue steam 

R.R., 2078-2081 
force, electric car barns, 2153 

Optical pyrometers, 264 
Orange peel bucket, 783 
Ordinate, 45 

middle —, curve layout, 509, 511 
length, 52, 509 

Ore, bins, steel, 1291-1295 
handling devices, piers, 1874, 1875 

Organic matter, concrete materials, 
1022 

Organisms, in stored water, 1455 
Orifices (water), 1315-1318 

adjacent —, flow, 1318 
large —, flow, 1317 
Measuring water with, 1356-1357 
mouthpieces, 1316, 1317 
miner’s inch through, 305 
square —, 1317, 1318 
submerged —, 1315, 1317 
in thin plate, 1315 

Origin of moments, 84, 94 
Oscillation, and ahr ey train re- 

sistance, 2091 
of pendulum, 125 

Osmium, chemical element, 243, 267 
Otto cycle, gas engine, 355 
Ounce, equivalents, 307 
Outlets, farm drains, 1695 

for marsh drainage, 1690, 1692 
reservoir —, 1557-1560 
for tile drains, 1700 

Output, machines, 140 

Overflow, dams, 1531-1534 
on earth foundations, 1550-1552 

distributing reservoir —, 1498 
protection from, lands, 1691 
of rivers, 1796 

Overflowed lands, reclamation, 1691— 
693 

Overhaul, earthwork, 538 
Overhead, distribution, electric power, 

6 
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bt oe trolley construction, parts, 
212 

Over-irrigation, 1705 
Overshot water wheels, 1388 
Overturning, reservoirs, 1455 
Oxidization process, sewage disposal, 

1743-1745 
Oxyacetylene welding, 636 
Oxygen, atomic weight, 243 

characteristic equation, 333 
demand, sewage, 1729, 1730 
dissclved —, in sewage, 1731 

temperature effect on, 254 
in water, 1305, 1464 

melting point, 267 
physical properties, 254 
point, temperature scale, 260 
rusting of metals, 642 
specific heat, 334 
in wood, 647 

P 
Pacific Ocean, specific gravity of, 1305 
Painting, buildings, specifications for, 

1158 
steel bridges, 1201 
structural steel, 642 

Paints, 663-664 

tar —, preservative, 1711 
Palladium, chemical element, 243, 263, 

267 
Palliative, dust —, gravel roads, 1927 
Palmetto, timber, 648 
Panama Canal, 1599-1603 
Panel, dropped —, flat slab, 1065 

floor —, test, 618 
load, highway bridge, 1162 
square —, stress, 600 

truss —, 1130 
Pans, track —, 2061 
Pantograph, 422 
Paper, asbestos —, conductivity, 272 

blueprint —, 424-425 
drawing —, 424 

Pappus, principle, 55 
theorem, 525 

Parabola, 53, 74, 75 
arc of, length, 53 
construction of, 75 
cubic —, easement curves, 517 

equation of, 71, 75 ‘ 

trajectory, 120 
moment diagram, 569 
properties, 75 
segment of, area, 53 

center of gravity of, 104 

vertical curve, 447, 519 

Parabolic arch, fixed —, analysis, 990 

rib, steel, 1271 

Paraboloid, center of gravity, 105 

frustum, 55 
moment of inertia, 111 
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Paraboloid, of revolution, 54, 55 
volume, 55 

Paraffin, conductivity, 272 
tests, bituminous materials, 1918 

Parallax, heavenly bodies, 487 
Parallel, circuit, electricity, 366 

line, offset —, surveys, 443 
standard —, public land survey, 451 
track crossover, 2052 - 

Parallelogram, area, 52 
law of forces, 83 

Parallelopiped, of forces, 83 
moment of inertia, 110 

Parameters, analytics, 70, 71 
Paris subway tunnel, 1647 
Parker, gate, movable dams, 1555 

truss, 1221, 1231 
Parking, motor vehicles, 1978 
Parsons steam turbine, 351 
Partition, fire proof —, 1152-1154 

gypsum block —, 1154 
plaster —, 1154 
ribbed lath —, 1154 
terra cotta —, 704 
tile —, 1154 
weight, 1154 
wood stud and plaster —, 1154 

Passenger, cars, 2075 
dimensions and weight, 2075 

statistics, 2078, 2079 
train resistance, 2092 

Patent, hammer, stone cutting, 859 
mine —, surveying, 481 

Patrol system, gravel roads, 1924 
Patterns, iron moulding, 622 
Paulin system, barometer construction, 

463 

Pavements, 1937-1976 
asphalt —, 1917, 1944-1953 

block, 1951-1953 
construction, 1945, 1946, 1948 
failures, 1949 
inspection, 1947 
maintenance, 1949 
quantities of materials, 1996-1997 
repairs, 1949 
rock,°1917, 1952-1953 
sheet, 1944-1951 

bitulithic —, 1941, 1943 

bituminous concrete —, 1916, 194Q— 
1944 

macadam, 1916, 1937-1940 
brick —, 1961-1967 

concrete —, 1953-1961 
characteristics, 1953 
cross-sections, typical, 1954, 1955 
curing, 1957 
early strength, 1958 
joints in, 1957 
repairing, 1960 

Durax —, 1967, 1970 
macadam —, 1931, 1937 
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Pavements, old —, highway founda- 
tions, 1912 

reinforced concrete —, 1956 
for steep grade, 1899 
stone block —, 1967-1970 
tar macadam —, 1940 
wood block —, 1970-1973 

Paving, brick, 876, 1914 
tests, 1914 

delayed on earth filled bridges, 999 

“Pay as you go” highway financing, 

1903 
Pearwood, 251 
Peat, 1907 

fuel, 245 
lands, subsidence of, 1683 
soil, 710 

percolation through, 1406 

Peck, 305, 308 
Pendentives, domes, 1008 

Pedestals, bridge specifications, 1188 

Pedlar River Dam, 953 
Pedometer, 411 
Peen hammer, stone cutting, 858 

Peg method, level adjustment, 420 

Peltier effect, electric circuits, 368 
Pelton turbine, 1387 
Pendulums, 125, 126 

ballistic —, 131 
conical —, 126 
hydrometric —, 1367 

Penetration test, bituminous materials, 
1918 

Pennsylvania truss, 1221 
Penny system, nails, 802 
Pennyweight, 307 
Pentagonal section, dams, 947 
Pentane candle, light, 255 
Perch, equivalent, 306 
Percolation, 1406 

under dams, 939, 940 
through different soils, 1406 

factor, dams, 940 
in irrigation, 1655, 1657 

Percussion, center of, 125 
drill, 855 

Period, harmonic motion, 117 
water storage —, 1453 

Periodicity, trigonometric functions, 49 
Permeability, concrete, 1522-1523 

magnetic —, 367 
of watershed, railroads, 2009 

Permeable dike, 1795, 1796 
Permutations and combinations, 42, 43 
Petit truss, 1221 
Petroleum, 1917 

blown —, 1916 
crude —, fuels, 246 
heating value, 386 
topped —, highway material, 1917 

pH value, water, 1467 
Phase, alternating current, 366 
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Phase, harmonic motion —, 117 
Philadelphia, building law, loads, 1158, 

1159 

rod, level, 421 
subway, 1648 

Phosphor-bronze, 640 
Phosphorus, atomic weight, 243 

in cast iron, 621 
melting point, 267 
in steel, 631, 632, 633, 1124 

castings, 633 
silicon, 633 
structural, specifications, 631 

in wrought iron, 625 
Photographic surveying, 477-478 
Photography, illuminant for, 401 
Photometer, lighting, 400 
Photostats, 424 
Physical properties of solids, 250 
Physics, 250-278 
Pi (x), powers and multiples of, 36, 39 
Pick, earthwork, 769 

stone cutting —; 858 
Picric acid, explosives, 249 
Piers, boat landing —, 1818-1835 

composite —, 1826 
cost of, 1825 
cribwork for, 820, 1826 
deep water —, 1821 
dimensions of, 820, 1818 
direction with shore, 820, 1820 
drop gangway for, 1822, 1824 
fender system, 1822 
harbor lines, 1818 
life of, 821, 1824 

lighting and ventilation of, 1832 
loads, 822, 927, 1821 

live, 1821 
masonry —, 1828-1831 
moorings, 1822, 1823 
ocean —, 1822 
piles, 820 
platform elevation, 1822 
in port development, 1893 
reinforced concrete —, 1828-1831 
sheds, 1831-1835 
slips, width of, 1819 
spur shores, 1822 
timber —, 1821, 1826-1828 
warehouses on, 1831 
water depth at, 1819 
weather, shelter from, for, 1831 

Piers (foundations), 1003-1008 
arch —, 1003-1008 

top thickness, 968 
bridge —, 1003-1008 

centrifugal force on, 1004 
dimensions, 1003 
effect on flow, 1348 
forces acting on, 1003 
ice pressure on, 1004 
impact from floating debris on, 1004 
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Piers (foundations), location, 1003 
pressure of flowing water on, 1004 
shape, 1003 
stability, 1004 
temperature forces, 1004 
tractive force of train on, 1004 

building —, design, 930 
unit stress in, 931 

foundations, 727, 730 
friction resistance, 766 
independent —, buildings, 727 
loads, 907, 1003, 1004 

eccentric, 907 
pressures, ice, 663, 1004 
shaft, caissons, 763 
suspension bridge —, 1282 
wind loads on, 1004 

Pig iron, 620, 621 
Pigments, paint, 664 
Pile, 723, 730-738, 746 

anchorage —, quay walls, 1808, 1809 
base enlarged, 733 
batter —, 736-738 
bearing capacity, 738, 741 

in quays, for group, 1809 
brace —, quay walls, 1808 

composite —, 733 
concrete —, 731-733, 750 

vs. wood, 733 
dike, 1795 
driver, 734, 735 
driving, cost, 735 

by water jet, 736 
. fender —, 821 
formulas, 739 
friction, 739 
holding power of, increased, 821 
jetting, 736 
lateral stiffness of, 736 
life of, 821 
loads, 738-741 
pedestal — (McArthur), 733 
penetration, 739 
pretest —, 733 
pull, on —, quays, 1809 
reinforced concrete —, 731-733, 750, 

1105, 1106 
sand —, foundations, 723 
sheet —, 746-751 

concrete, 750, 1106 
Wakefield, 742 
wood, 741 

short —, improving foundations, 723 
spacing, 723 
steel sheet —-, 748, 749 
test, 740 
in tidal waters, 821 
timber —, 723, 730 

vs. concrete, 733 
repairs, concrete, 1106 

trestle, 823, 825, 1061 

Wakefield —, 742 
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Pile, wharf, cost, 822 
Piling, reinforced concrete —, 731-733 

sheet —, 746-751 
for quay walls, 1806-1808 

Pin, bearing, 1160 
connected truss, 1232, 1238-1240 
dowel —, 805 
drift —, 805 
friction, tackle, 142 
holes, bridge specifications, 1187 

inspection, 619 
plates, bridge specifications, 1188 

Pine, 648, 657 
coefficient of expansion, 251 
compressive strength, 657 
decay, 827 
density, 251 
elastic limit, 657 
friction coefficient, 133 
hardness, 795 
inclined compression for, 796 
joists, life, 827 
life in fences, 2004 
modulus of elasticity, 657 
modulus of rupture, 657 
Norway and Oregon —, 648, 1915 
properties, 657, 794, 795, 796 
red (see Norway) 
shingles, number per square, 706 
Southern —, 649, 1915 
specific gravity, 251 
standard names, 649 
strength, 657, 796, 801 
weight, 657, 794 
Western —, 649, 657 
white and yellow —, 648, 1915 
working stress, 801 

Pint, 308 
Pioneer tunnel, 1621, 1622 
Pipe, 691-696 

bends, effect on flow, 1334 
brass —, 1517 

flow in, 1327, 1328 
cast iron —, 624, 1499-1503 

casting cores, 622 
centrifugal, 1500 
cover, water, 1500 
culverts, 1911 
flexible, joint, 1444 

flow, 1327 
intake, 1444 
metal specifications, 624 

cement, concrete —, sewers, 1724, 
1726 

lined, 1499, 1516 
concrete —, irrigation, 1679 

contraction losses, 1335 
copper —, service, 1516 

cost, diameter, capacity, relation, 
1494 

culverts, 1106, 1910-1911 
drainage area served by, 2010 
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Pipe, culverts, table, 2010 
curvature, effect on flow, 1319, 1333, 

1334 

diameter-capacity relation, 1333 
discharge, 1330, 1331 
expansion losses, 1335 
fittings, 691-697 
flanges, 693-696 
flow, 1315-1340 
friction, 1315-1340 
galvanized —, service, 1516 
head lost in, 1327-1331 
intake —, water, 1444 
irrigation —, 1664, 1679 
lap welded —, 553, 691 
lead —, 638, 1327, 1517 
lead lined —, service, 1517 
leakage, 1493, 1503, 1508 

lock-bar steel —, 1505, 1506 
long —, flow, 1319-1320 

formulas for, 1321-1323 
materials, effect on flow, 1333 
obstructions, effect on flow, 1335 
reinforced concrete —, 1111, 1509 

flow in, 1336 
sewers, 1725, 1726 

resistance to flow, 1319-1337 
service —, 1493, 1516 
short —, flow, water, 1315-1318 
siphons, flow, 1336 
steam —, 385 
steel —, 691-692 

advantages, 1503 
anchorage, 1506 
bends, 1508 

coating, 1508 
cost, 1505, 1508 
cover, 1505, 1507 
double extra strong, 692 
extra strong, 692 

flexible joint, 1445 
intake, 1445 
life, 1508 

lock bar, 1505, 1506 
standard, 691 
thickness, 1505, 1507 
valves in, 1506 
weight, 1505, 1507 
welded, 1506 

stresses, 553 

tees, head loss in, 1334 
tests, 618 
velocity distribution, 1319, 1368 
vertical —, weir, 1370 
Vitrified clay —, sewers, 1724, 1726, 

1910 

water —, 1315-1337, 1444 
increased diameter vs. 

1494 

welded steel —, 1506 
double extra strong, 692 
extra strong, 692 

capacity, 
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Pipe, welded steel —, standard, 691 
wood stave —, 1509 

flow in, 1325 
wrought iron —, 691-692 

flow in, 1327, 1329 
Y-branch, head loss, 1334 

Piston pump, displacement curve, 1394 
reciprocating —, 1393-1395 

Pitch, faced stones, 861, 862 
for highway paving, 1917 
knot, timber, 655 
pockets, timber, 656 
of screw threads, bolts, 683 
streaks, timber, 656 
of threads, bolt, 683 
variation, sound, materials, 278 

Pitometer, 1370 
Pitot tube, 290, 1368-1370, 1441 
Pits, ash —, railroads, 2062 

borrow —, 456, 538-542 
test —, 708, 1614 

wheel —, power plant, 1429 
Pivots, friction of, 136 
Plainfield sewage data, 1738 
Plane, inclined —, efficiency, 141 
Plane table, 472-474 

Planimeter, 422 
Plank, bridge floors, 827 

dimensions, 653 

Plant, asphalt mixing —, 1941 
coal handling —, docks, 1873-1874 
consumption, irrigation, 1656 
factor, hydro-electric, 1436 
grain handling —, docks, 1875-1876 
hydro-electric —, 388, 1428-1439 
ore handling —, piers, 1874, 1875 
power —, 383-388, 394, 1428-1439 
transpiration, irrigation, 1655, 1657 

Plante process, storage batteries, 406 
Planting, city and roadside —, 1982 
Plaster, 659, 660 

ceilings, weight, 1131 
cement —, 659 
common —, 659 
lime —, 659 
of Paris, 272, 659 
partitions, 1154 

increased thickness for, 1154 
strength, 659 
wall, 659 

Plastic soil, lateral flow, foundations, 
716 

Plasticity, fracture, 551 
Plate, bearing, power plant, 1433 

buckled —, bridge floors, 1195 
circular —, stress, 600 

compression members, 1234 
thickness, 594 

copper —strength, 638 
cover —, 594, 1234 
elliptical —, stress, 600 
fish —, rails, 2035 



Civil Engineers’ Handbook 

Plate, fish —, timber, 811, 830 
flat —, stresses, 600 
girder (see Plate girder) 
gusset —, bridge, 1190, 1239 

rectangular —, section area, 689 
stress, 600 

rolled —, dimensions, 681, 682, 689 
square —, stress, 600 
steel —, specifications, 632, 633 

weight, 681, 682 
tie —, rails, 2040, 2041 

wrought iron —, 627 
Plate giider, 1202, 1209-1216 

cantilever bridge, 1257 
deck —, 1202 
end bearings, 1211 
filler, 1210 
flanges, 1213-1216 

lateral bracing, 1203 
shear, 1214 
specifications, 1189 
splice, web, 1212 
through —, 1202 
transportation, 1199 
web, 1209-1212 

stiffeners, 1210 
Platform, elevation of, for piers, 1822 

-type sea wall, 738, 928, 1810 
Platinite, iron alloy, 642 
Platinum, chemical element, 243, 267 

electrical conductor, 373 
resistance thermometer, 262 

Plimsoll mark, shipping term, 1895 
Plotting, mine survey, 481 

traverse, method of, 425-427 
Plowing, earthwork, 769 

on slopes, 774 
Plug, stone quarrying tool, 854, 860 
Plumb-bob, and plumbing, 431 

and tape, head measurement, water, 

1371 

Plumbing, corrosion of, 638 
Plywood, 658 
Pneumatic, caissons, 759-767 

limits for, 760 
drill, 854 

spade, earthwork, 770 
Poetsch method, foundations, 745 
Point, of curvature, 508, 513, 515 

curvilinear motion of, 119 
flash —, bituminous materials, 1918 
gage, head measurements, 1371 
inaccessible —, distance between, 445 
location, stadia surveying, 467 

by plane table, 472, 473 
motion, 115 
singular —, curves, 71 
switch —, railroads, 2042 
switch, railroads, 2042, 2045, 2047 
of tangency, 508 
tool, stone cutting, 860 
yield —, 549, 609, 612 
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Pointed arch, 964 
Pointing masonry, 862, 871 
Poiseuille’s equation, viscosity, 1307 
Poisson’s ratio, 562, 565 
Polar, co-ordinates, 68 

distance, 417, 418, 483 
moment of inertia, 105, 595 
planimeter, 422 

Polaris, 487, 491-494 
Pole, of celestial sphere, 482 

depth of setting of, electric R.R., 
2124, 2127 

electric machine —, 375 
equivalent, unit of length, 306 
of force polygon, 86 
lines, electric R. R., 2123-2125 

wire and cable for, 2124 
location, electric R. R., 2124, 2155 
minimum circumference, _ electric 
RR, 2126 

preservation, electric R. R., 2125 
rake of, trolley system, 2130 
reinforced concrete —, electric R. R., 

2124 
spacing on curves, trolley —, 2133 
transmission line —, 391, 396 
tubular steel —, electric R. R., 2124 
wooden —, electric R. R., 2123, 2124 

Poling, board method, foundations, 743 
earth tunnels, 1614 
yard, railroads, 2054 

Pollution by sewage, 1730 
Polyconic projection, maps, 426 
Polygons, area of, 52 

equilibrium —, 86, 95 
force —, 85-85 

funicular —, 86 

“ gauche ’? —, non-coplanar force, 85 

moment of inertia, 108 
sides, length, 52 
string —, 86 

Polyphase, alternators, 380 
motors, types, 380, 381 

Polytropic change of state, gas, 335 

Poncelet, equivalents, power, 307 

Ponds, side —, to save water, locks, 

1582 

Poplar, 648 
Population, future —, sewer estimate, 

1717 

for water system design, 1495 

supplied, different size pipes, 1495 

Porcelain, electric insulator, 396 

physical properties, 250 

Port, development, 1892-1895 

hinterland, 1893 

Portable substations, 
2120 

Portal, bracing, 1189, 1237, 1242 

truss bridge —, 1237, 1242 

Portland cement, 1019, 1115 

Post, 589 

electric R.R., 
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Post, arch centering —, 837 
cantilever bridge —, 1262 
fence —, 2002-2004 

spacing, 2005 
hole, labor, man days per mile of 

fence, 2006 
auger, speed with, 2005 

setting, railroad fences, 2002 
steel —, 2004 
truss, 1221 

wood —, fences, 2002 
Potassium, 243, 267 

-bichromate, batteries, 405 
hydroxide, freezing mixture, 254 

Potential, alternating current —, 369 
difference, electricity, 364 
and direct current, 368 
energy, 113 

Pound, avoirdupois, 303 
equivalents, 305, 307 
foot —, 112, 113 

to B.t.u., 309, 328 
to meter-kilograms, 309 

per second, equivalents, 307 
to kilograms, 312 
sterling, 325 
Troy, 307 
per unit area, equivalents, 309 

Poundal, 112 
Powder, blasting —, 248 

smokeless —, 248 
Power, 112, 113 

canals, 1603-1606 
candle —, 400, 401 
conversion tables, 324 
cost, 388 

direct-current —, measured, 369 
distribution, 394-400 

electric R.R., 2121-2143 
drainage pumps, 1686 
electric —, 365, 369 
for electric R. R., 2113-2117 

heating cars, 2151 
equivalent units, 307 
factor, electrical, 366, 371, 1436 
of falling water, 1375 
generators, 386 
house, 1428 
hydro-electric —, 388, 1402-1442 

efficiency, 1439 
input, measured, 1440 
for movable bridges, 1255 
output, measured, 1439 
plants, 383-388, 1428-1439 

current for, 1433 
design, 1428-1436 
generating unit, 1433 
life, 2112 

operation, 1436-1439 
regulation, 1437 
steam —, life, 2112 

sale of, 399 
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Power, scraper, 785 
shovels, 775-777 
stations, electric R. R., 2117-2120 

buildings, 2117 
design, standard, 2117 
equipment, 2117 

machinery relation diagram, 2119 
of stream, 1402 
transmission, 389-394 

belting, 131, 140 
chains and gearing, 140 
electric R.R., 2121-2143 

unit, 1376 
water —, 1402-1442 

Powers (mathematical), algebra, 42 
division of, 42 
fifth and five-halves —, 26, 39 
by logarithms, 38 
multiplication of, 42 
of numbers, 16-26, 38, 1312-1314 
three-halves —, 25, 38, 1312-1314 
two-fifths —, 26, 39 
two-thirds —, 1312-1314 
of velocities, 1312-1314 

Praseodymium, chemical element, 243, 
267 

Pratt truss, 1221, 1224-1227 

Precast piles, concrete, 731, 1105 
Precessional motion, gyrostat, 128 
Prechlorination, water, 1471 
Precipitation, in U. S., 287 
Precise leveling, 457-460 

errors allowable, 460 
rod, 422, 457 

Precision, 39, 40 
of survey traverse, 437 

Preheaters, efficiency of, boilers, 345 
Present worth, of money, 57, 58 
Preservation, of poles, electric R. R: 

2125 
of ties, 2023-2024 

effect on signal system, 2156 
of timber, 656-658 

strength effect of, 657 
Preservative, bridge floors, 1197 

building stone —, 854 
for submerged metal, 1711 

Press, hydrostatic —, 1306 
Pressure, atmospheric —, 253, 260, 309 

barometric —, observing, 285 
center, for liquids, 1306 
constant —, thermodynamics, 329, 

335 
conversion tables, 321 
critical —, elastic fluid, 342 
Dalton’s law for, gases, 275, 1309 
distribution, soils, 720-722 
for domestic service, water, 1496 
earth —, (see Earth, pressure), 894-900 
equivalent units, 309 

fire —, water system, 1491, 1496 
on foundations, 725-728 
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Pressure, gage, Bourdon —, 1372 
gas —, 329, 333, 359 
head, 1304 
in hydromechanics, 1304 
hydrostatic —, 1306 
intensity, 1304 
journal friction dependent on, 136- 

138 

on masonry, 886, 887 
mean effective —, indicators, 347 

vs. speed increase, locomotives, 
2069 

mercury —, 285, 309 
tunnels, 1509, 1564-1565 
turbines, hydraulic, 1373 

steam, 350 
velocity, temperature, relation, lubri- 

cant, 137 
of water (see Water, pressure) 

wind — (see Wind, pressure) 

Pretest piles, 733 
Prime, movers, 383 

vertical, of celestial sphere, 482 
Principal, interest, 55 
Printing machines, process —, 424 
Prism, 54 

binocular, 258 
canal —, navigation, 1571, 1573, 1575 
moment of inertia of, 110 
triangular —, tables, earthwork, 526, 

534-537 
truncated —, volume of, 54, 538-539 
volume, 54 

Prismoid, 55, 524 
Prismoidal, correction, codiuinets 524, 

525 
tables, 525, 532, 533 

formula, 55, 523, 524 
Probability, of errors, 78-80 

integral, 79, 80 
Probable error, 40 
Problems, surveying —, special, 447- 

450 
Process printing machine, 424 
Producer gas, fuels, 247, 359, 384 
Profile, and contours, 465 - 

earthwork —, 521-522 
leveling, 454-456 
paper, 423 

Progressions, algebra, 43, 44 
Projectile, flight of, 119, 131 
Proportion, algebra, 42 
Proportional limit, deformation, 547 
Protons, chemistry, 244 
Protractor, 423 
Public, building, floor load, 1158 

land surveying, U.S., 450 
Puddle, 746 

coffer dam, 746 
core wall, 1538 

Puddling, clay, 746 
iron, 626 
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Pull-offs, trolley —, 2129, 2130, 2132 

spacing on curves, 2132 
Pulsometer, 753 

pumping height, 753 
Pulverized coal, boiler efficiency for, 345 
Pumping, 1389-1402 

from coffer dams, 752--754 
cost, comparative —, 360 
direct —, water works, 1490 
engines, 349, 1395-1396 

coal consumption, 1396 
duty, 349, 1395, 1396 
perfomance, 1395 
types, 1395 

from foundations, 752 
ground water, 1459 
head lost in, 1686, 1687 

height and lift, 1389, 1390, 1459 
hot liquids, 1398 
for irrigation, 1676-1677 

cost, 1676 
plants, for drainage, 1685-1688 

for floating docks, 1867 
for graving docks, 1853-1856 
for irrigation, cost, 1676, 1677 

stations, 1446, 1724 
intakes, 1446 
sewage, 1724 

viscous liquids, 1389 
for water tanks, railroads, 2059 
from wells, 1458-1462, 1676 

cost, irrigation, 1676 
Pumps, 1389-1402, 1686 

air —, for diver, 757 
lift, 1398, 1462 

centrifugal —, 1389-1393 
in coffer dams, 754 
for drainage, 1686 

efficiency, 1390 
performance of, table, 1394 
power, 1390 
vs. screw, 1392 

shut-off head, 1390 
deep well —, 1460 
diaphragm —, 753 
duplex —, 1395 
fly wheel —, 1395 
for foundation work, 753, 154 
hand lift —, direct, 753 
jet; 1396 
life, 2112 
power, 1389, 1390 

selecting, drainage, 1686 
pulsometer —, 753, 1398 

lifting beicht, 753 
reciprocating piston —, 1393-1395 

rotary —, 1402 
scoop wheel —, 1402 
screw —, 1391-1393, 1402, 1460 

steam siphon —, 753 
suction, 1390, 1394 

air pump on, 1460 
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Pumps, suction, wells, 1460 
work done by, 1389 

Purification, of sewage, natural, 1731 
of water, 1468-1490 

auxiliary processes, 1468-1472 
Purlins, 1130, 1135 

design, 1135 
inclined to load, 1135 
position, 1136 
sag rods, 1135 
section modulus, different slopes, 1136 
weight, 1130 
wood —, 842 

Push and pull yard, railroad, 2054 
Pusher grade, steam R. R., 2101 
Putrescibility of sewage, 1729 
Putty, restitution coefficient, 130 
Puzzolan cement, 1116 
Pyramid, 54 

center of gravity, 104 
frustum, 54, 104 
moment of inertia, 110 
volume, 54 

Pyrometers, 264, 266 
Pyrometric cones, temperature, 263 

Q 
Quadrant, center of gravity of, 103 
Quadratic equation, 44 
Quadric inch, and foot, 105 
Quadrilateral, area, 52 

center of gravity, 103 
geometry, 52 
inscribed —, plane table location, 473 

Quarry, bar, 855 
-faced stone, 861, 867 

Quarrying (stone), 850-867 
explosives for, 249, 855 
methods, 854-858 
“ shop sizes,”” 857 

Quart, dry and wet, equivalents, 308 
Quarterweight, 307 
Quartz, conductivity, 272 

hardness, 250 : 
tube, Cooper Hewitt lamp, 401 

Quartz-glass, expansion, 274 
Quartzite, sedimentary rock, 850, 1913 
Quays, 1803-1818 

definition, 1803 
design, 1803 
earth and water pressure combined 

on, 1803 
expansion joint in —, walls, 1805, 

1806 

failures, 1816-1818 
foundations, 1806-1811 
masonry, concrete and timber —, 

1813 
reinforced concrete —, 1813, 1815, 

1816 

relieving platform type of, walls, 1810 
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Quays, repairs, 1817, 1818 
tip rap —, 1813 
sheet piling for, 1806-1808 
timber —, 1811, 1812 
walls, 1803-1811 

overturning moment, 1804 
practice and custom, 1805 

Quebec Bridge, cantilever, 1257 
new —, 1258 

Queen, rod truss, 841 
type trussed beam, 817 

Queensboro Bridge, 1259 
Quench bend test, iron, 619 

Quenching test, stone, 616 

Quicklime, 659 
plaster, 659 

Quicksand, 710 
bearing capacity, 711 
defined, 710 

foundations, 711 
Quoits rink, laying out, 450 

R 

Racetrack, length, where measured, 448 
Racks, ferry —, 1868-1869 

power plant —, 1436 
sewage —, 1732 

Radial brick, 911 
Radian, 52 

to degrees, 13, 38, 52 
per second to r.p.m., 320 

Radiation, 268 
pyrometers, temperature, 264 

Radio-activity, chemistry, 244 
Radium, chemical element, 243, 267 
Radius, of curve, 507, 508 

of Earth, 503 
of gyration, 105, 590 

beam sections, 570 
of highway curves, 1898 
hydraulic —, 1321, 1342 

of railroad curves, 507, 508 
vector —, 68 

R. A. F., 15 airfoil section character- 
istics, 299 

Rafters, 842 
jack —, 1130 
weight, 1130 

Rail, 2025-2034, 2157 
alloy-treated —, production, 2029, 

2036 

angles at joints of, 2037 
bolts, 2037 
bonds, 2139-2143 

carbon in, average, 2032, 2036 
classification, 2032 
composition, 2031, 2032 
cost, 2087 
curved lead —, 2046 
curving —, 2026 

middle ordinate, 2026 
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Rail, dimensions, different standards, 
2029-2031 

discarded —, 2033 
drilling, 2033 
elevation of outer —, curves, 2034- 

2035 

expansion, 2025 
failures, 2026 

number per 100 miles, 2027 
fastenings, 2035-2042 

cost, 2087 
finishing, 2033 
girder —, 2157, 2159 
gross ton per mile, 2025 
guard —, 827 
high carbon steel —, 2036 
inspection, 2030 
joints, 2035, 2036, 2037 

continuous, 2036 
repair, 2158 
types, 2035 

lead —, 2046 

length, standard, 2025 
variation allowed, 2033 

life, 2027 
lifts, movable bridges, 1253 
loading, 2033 
locks, movable bridges, 1255 
markings, classifications, 2033 
milling practice, 2034 
motor cars and trailers, 2074 
in pavements, electric R.R., 2157 
physical requirements of, 2032 
production, 2025, 2028 
quenched steel —, 2036 
sections, 2028, 2029, 2033 
Shanghai —, 2157 
specifications, A. R. E. A., 2030-2034 
super-elevation of, 516, 2034 
switch —, 2046 
temperatard expansion, 2025 

testing, 2032 
third —, system, 2135-2143 
unbroken main —, switches, 2044 
weight, 2025 

variation allowed, 2033 
welding, electrical, 2157, 2158 

Railroad (electric), 2107-2164 
cables, 2123 
catenary bridge, 1293, 2134 
cars, 2143-2144 

heating and lighting, 2116, 2117, 
2151 

cost, 2109-2113 

per mile, 2109 
unit, 2110 

curves, 2130-2134 © 
distribution system, power, 2121-2143 
economics, 2109-2112 
energy consumption, calculation, 2115 

equipment, 2143-2151 

life, 2112 
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Railroad (electric) expenses, 2112 
grade and curvature, 2113 

power, consumption, 2113+2117) 2151 
stations, 2117-2120 

revenues and expenses, 2109-2110 
substations, 2117-2120 
third rail system, 2135-2143 
track, 2157-2164 
tractive effort, 2114 
traction, different systems of, 2108- 

2109 
traffic, classes suitable, 2108 
trolley system, 2125-2135 

Railroad (marine), 1836-1838 
Railroad (steam), 1999-2105 

accidents, 2085-2086 
ash pits, 2062, 2088 
ballast, 2018-2022, 2087 
bridges, cost, 2087 
buildings, cost, 2087 
car, 2075-2076 

transfer, rivers, 1870, 1871, 1877 
classification, 2017-2018 
clearance, 1181, 1182 

clearing and grubbing, 2001 
cost, 2086 

coaling station, 2061 
cost, 2088 

cost, 2086-2090 
average, per mile 2089 
of electrification, 2109 

crossing of highway, 1901, 2008 
cross-overs, 2050-2053 
cross-sections, 2000 
culverts, 2008-2017 

cost, 2087 
standard designs for, 

2016 
curvature, compensation, 2097 

cost, 2099, 2100 

curves, 508-519 
super-elevelation, 516, 2034 

drainage, 506, 2008-2011 
earthwork, 519-542 

cost, 2086 
electrification, cost, 2109 
employees’ compensation, 2081 
engineering, superintendence and 

legal cost, 2088 
equipment, 2057-2077 

cost, 2088 
miscellaneous structures, 2061-2063 

fences, 2001-2008 
cost, 2087 

gage, 2035 
grade, 2100-2105 

balanced, 2103 
classification, 2105 
“cost, 2100, 2105 

minor, cost, 2100 
momentum, 2103 
pusher, 2101 

2014, 2015, 
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Railroad (steam), grade, reduction, vs. 
length of train, 2102 

of repose, 2094 
ruling, 2101 

grading, 2001 
location, 504-519 

economics, 2097-2105 
mileage and traffic by regions, 2084 
miles of, in operation, U. S., 2090 
oil houses, 2063 
operation, 2078, 2085 
operating cost and revenue, 2078- 

2081, 2084 
data by regions, 2084, 2085 

organization cost, 2088 
rails, 2025-2034, 2087 
regions (divisions of U. S.), 2082, 2083 
right of way, 2000 

area, table, 2000 
cost, 2086 
width, 2000 

roadway, 2000-2017 
sags and humps, cost, 2101 
sand houses, 2062 
shops, 2077 
side slopes, excavations, 2000 
signals, 2063-2065 

sodding embankments of, 2001 
spikes, 2037, 2038 
state appraisals, 2089 
stations, 2076 

costs, 2076 
statistics, 2078, 2090 
surveys, 504-519 
switches, 2042-2053 
taxes, 2081, 2082 
ties (see Ties, railroad), 2022-2025 

cost, 2087 
topographic symbols, 429 
track, 2017-2053 

on landing piers, 1831 
scales, 2063 
tanks or pans, water stations, 2061 

traffic summary for U-.S., 2084 
trestle, 828 

cost, 2087 
tunnels, cost, 2086, 2087 
turnouts, 2047 
turntables. 2063 

cost, 2088 

value to, of one foot, rise and fall, 2101 
water stations, 2057-2061 
yards and terminals, 2054-2057, 2088 

‘ 

Rain signals, 278 
Rainfall, 280, 282-283 

. cycles, 1447 
data, watersheds, 1405 
maximum intensity, table, 283 
minimum, 1406 " 
rate of (railroad culverts), 2009 
records, 283, 1407-1413 
run-off, 1405, 1414, 1415, 1416 
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Ram, hydraulic —, 1397 
Ramsden eyepiece, telescope, 256 
Random, lines, running —, 442 

range masonry, 867 
Range, and angle, aquatic soundings, 

475 
stone masonry, 867 
townships, 451 

Rankine’s, column formula, 591 
cycle, steam engine, 346 
ideal engine, 348 
maximum stress theory, 562 
theory of earth pressure, 895 

Rate controllers, filter —, 1485 
Rateau’s, equation for fluid, 342 

steam turbine, 351 

Rating, batteries, storage, 406 
boilers, 385 
electrical machinery, 377, 382 
locomotives, 2094 
rivers, water power, 1403 
transformers, 390 

Ratio, critical —, elastic fluid, 342 
slenderness —, column, 590 
storage —, water, 1446, 1450-1451 

Rational method, storm water in sewers, 
1718 

Rattler, 603 
Rawhide, 660 
Ray, force polygon —, 86 
Raymond piles, 732 
Reactance, electricity, 365 
Reaction, beam —, 567, 574-582 \ 

cantilever bridge —, 1262-1264 
endothermic —, water gas, 247 
jets, hydromechanics, 1309 
turbine, hydraulic, 1373 

steam, 350 
Reactions, turbine —, 1374 
Reagents, water softening —, 2058 
Rebonding third rails, 2143 
Recarbonation, water softening, 1470 
Reciprocals of numbers, 14, 15, 38 
Reciprocating, piston pumps, 1393-1395 

steam engines, 383 
Reclamation, 1683-1693 

colonization, 1709 
laws, 1702-1708 
preparation of land, cost, 1709 
project, cost of financing, 1709 

cost and value of, 1708-1709 
engineering report, 1712-1714 
depreciation, 1710 
failure of, 1709 
life of parts of, 1711 
maintenance of, 1710-1712 
operation of, 1710-1712 
organization, 1710 

Reconnaissance, railroad —, 504 
triangulation. 496 : 

Rectangle, moment of inertia, 108, 570 
radius of gyration, 570 
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Rectangular, coordinates, 68 
area of field by, 440 
plotting by, 425 
system for streets, 447 

moment of inertia, 105 
plates, sectional area, 689 

Rectifiers, electric current —, 393 
Rectilinear motion, 115-119 , 
Red, heart, wood, 656 

lead paint, 664 
shortness, metal, 621 
water troubles, 1467 

Reduction, of area, determination, 611 
garbage —, 1763-1769 

of iron ore, 620 
Redundant member, truss, 1231 
Redwood, California —, 648, 794, 796, 

801 

non-inflammability, 706 
stave pipe, 1567 

Reflection, light —, 255 
Reflectors, light —, 404 
Refraction, atmospheric —, 418 

coefficient, leveling, 464 
correction, leveling, 456 
of heavenly bodies, 486 
index, light, 255 

Refuse, 1749-1772 
analysis, 1770 
collection, 1755-1761 

cost, 1759 
districts, 1757 
frequency, 1756, 1757 

disposal, 1761 
by dumping at sea, 1761 
equipment, 1759 
express service, 1758 

incineration, 1769-1772 
cost, 1772 
byproducts utilized, 1771 

mixed —, 1751 
municipal —, 1750-1751, 1752 
organization for collecting —, 1758- 

1760 

quantity of, 1751-1754 
variation in, 1753, 1754 

salvage, 1762 
transfer station, 1758 
vehicles, 1758 

Registered tonnage, shipping term, 1895 
Regulation, power plant —, 1437 
Regulator, induction —, electric, 393 
Rehbock’s formula, weir, 1341, 1359 
Reinforced concrete, 1039-1102 

adhesion, concrete to steel, 1039 
advantages, 1039 
arch, 1071-1081 ; 

integral action, 1098 
skewed, 1100 

assumptions for calculation, 1040 
beams, 1040-1058 

curved, cantilever, 1077 
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Reinforced concrete, beams, diagrams, 
1043, 1045, 1047 

examples, 1046 
formulas, 1042-1044 
reinforced for compression, 1045 
span, 1057-1058 
T —, 1051-1053, 1059 

bins, 1110 

bond, 1039, 1049 
T-beam example, 1053 
theory, 1050 
unit stress, 1056 

breakwaters, 1108, 1780, 1781 
bridges, 1060, 1081-1096 

abutments, 1105 
‘building construction, 1058-1059 
caissons, breakwaters, 1108 
canal, linings, 1660 

locks, 1110 
chimneys, 1112-1114 
columns, 1067-1068 

footings, 1069 
forms, 1037 

conduits, 1111 
data, 1565-1567 

culverts, 1106-1107, 2013, 2016, 2017 
flow in, 1336 

dams, 1107, 1535-1536 

design, 1039-1040, 1057 
dry docks, 1110 
fence posts, 2003 

metal molds for, 2003 
mix strength and slump, 2003 

flexure, formulas, 1042-1048 
unit stress, 1055 

floor slabs, 1058, 1061, 1062-1064 

flat, 1064-1067 
flumes, 1569 
footings, 730, 1069, 1070 
forms (see Concrete, forms) 
girder bridge, 1060 
indeterminate structures, 1075-1080 
landing pier, 1828-1831 
modulus of elasticity, 1019 

ratio, 1056 
partitions, 1059 
piles, 1105, 1106 
pipe, 1111, 1509 

sewers, 1725, 1726 
poles, electric R. R., 2124 
quays, 1813, 1815, 1816 

reservoirs, 1110 
roof, 1060 
sewers, 1111 
shear, 1042, 1049-1053 

unit stress, 1055 

shrinkage, 1058 
stresses, 1042, 1055-1056 
structures, miscellaneous, 1102-1114 
tanks, 1110 
temperature stresses, 1058 

arch, 1081, 1096 
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Reinforced concrete, 
temperature stresses, chimney, 1114 

rigid frame bridge, 1093 
tension cracks, 1041 
tests, 1042 
trestles, 828, 1060 
unit stresses, beam and slab, 1055 
use and advantage, 1039 
walls, 1059 

dock, 1108 
harbor, 1108 
retaining, 1102-1105 
sea, 1109 

weight (see Concrete, weight) 
working stresses, 1055-1056 

Reinforcement (concrete), 1039, 1121- 
1125 

adhesion, 1039 
anchorage, 1053-1055 

arch —, 1101, 1102 

arrangement, 1040, 1057 
bends, right angle, 1039 
bend bars, for shear, 1041, 1050, 1052, 

1056, 1057 

billet steel —, 1124 
bond, 1039 

box culvert —, 1106 
column —, 1068 
compression —, beams, 1042, 1044- 

1047 

concrete pavement —, 1959 
corrugated bars, 1039 
culvert —, 1107, 2017 
deformed bar, 1039, 1124 

vs. plain, 1039 
flat slab —,.1061, 1064-1007 
fence post —, 2003 
grades, 1056, 1125 
hooked ends, 1039, 1055 
over —, to reduce compression, 1044 
percentage required, 1043, 1045 
pile —, 1105 
plain bars, 1124 
rail steel —, 1124 
rust effect, 1039 
shear —, beams, 1041, 1050, 1057 
shrinkage —, 1058 

slab —, 1057, 1058, 1061, 1064-1067 
spacing, 1057, 1061, 1064 
specifications, 1124-1125 
splices, 1057 
stirrups, 1041, 1051, 1052, 1056 
temperature —, 1058 
tension in, 1056 
tests, 1042, 1124 
twisted bars, 1124 
two-way —, beams, girders and slabs, 

1061-1064 

web —, beams, 1050, 1056 
anchorage, 1055 

working stresses,1055, 1056 
Relieving platform dock wall, 928, 1810 
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Relift station, sewers, 1724 
Reluctance, magnetic —, 367 
Remote control, power plants, 1436 
Repetitive stresses, 555, 556, 614 
Report, engineering —, reclamation, 

1712-1714 

Repose, angle of, 132 
of dry materials, bins, 1293 
friction relation, 133 
of submerged material, 893, 927, 

1352, 1539 
grade of, railroads, 2094 

Resection, plane table, 473 
Reserve basins, rivers, 1799 
Reservoir, 1496-1499, 1672-1673 

covered —, 1486, 1488,'1497 
distributing —, 1491, 1496, 1498 

capacity, 1498 
elevation, 1498 

emptying time for, 1426 
evaporation, 1415, 1673 
flood control —, 1798 
impounding —, 1446 
open —, 1496 
outlets, 1557-1560 

gate houses, 1558, 1559 
reinforced concrete —, 1110 
seepage, 1673 
statistics for large —, U. S., 1454 
storage —, 1672 

for flood control, 1798 
Residuals, error of observations, 79 
Resilience, 552, 588-589 

modulus of, 552 
Resistance, of atmosphere, 296, 297, 

2090 

brake —, railroad train, 2094 
of conductors, electrical, 252, 372- 

374, 398 
curve —, railroads, 2094 
electric —, 251, 252; 364, 372 

bond of third rail, 2142 
. metals and alloys, 252 
T-rails, 2142 
wire, table, 374 

grade —, railroads, 2093 
line, 913 

arches, 975, 980,982, 990 
dams and walls, 913, 943-945 

‘ linear arch, 965, 1278 
locomotive —, 2074 
pipe —, to flow, 1319 
rolling —, 138. 
train —, 2090-2097, 2113 © 
wire —, 372-374, 398 

Resistivity, electrical —, 251, 252, 364 
Resisto, conductance, 271 
Resolution.of forces, 83, 84 
Restitution coefficient, 130 
Restrained beams, span of, 1058 
Resultant force, 82, 85, 88 
Retaining wall, 911-924, 1102-1105 
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Retaining wall, on arch, effect, 977 
with back inclined backward, 923 
buttresses, when used, 923 
comparison, 922-924 
cost of masonry in, 942 
counterforts, should be reinforced, 

as trO24 

design, 919-922 
: by tables, 920 
drainage, provisions for, 922 
economy of different types, 923 
expansion joints, 922 
failure, causes of, 921 
frost batter at top of, 922 
investigation of, 916-918 

analytical method, 917-918 
graphical analysis, 917 
for trapezoidal wall, 918 

moment, for trapezoidal section, 913-— 
916 

overturning, table, 914 
resisting, table, 914 

precast concrete crib —, 922 
profile, 922 
reinforced concrete —, 1102-1105 
seepage prevented, 922 
sliding on base, 921 
stability, 912, 913 
waterproofing, 922 

Retarding force, trains, 2096 
Retractile drawbridge, 1247, 1248 
Retread for roads, 1935-1936 
Retrograde vernier, 412 
Reversal of stress, wooden beams, 793 
Reverse curves, 515-516 
Revetment, bank —, rivers, 1796, 1797 
Revolutions, per minute to radians, 320 

rupture by, 564 
solid and surface of, 55 

Rex screens, sewage, 1734 
Rheostats, 373, 376 
Rhodium, chemical element, 243, 267 
Rhyolite, igneous rock, 850 
Rib, compensation, masonry arch, 998 

shortening, arch, 1081, 1271 
Riehle testing machine, 601 
Riensch-wurl screens, sewage, 1733 
Rift, sawing, timber, 650 

of stone, 856 
Rigging, rope —, 142, 701, 702 
Right, ascension, astronomy, 482 

of way, steam railroad, 2000 
area of, table, 2000 
cost, 2086 
width, 2000 

Rights, acquirement of, water, 1706 
appropriation —, water, 1705 
prior —, water, irrigation, 1662 
riparian —, 442, 1705 
to underground water, 1706 
water —, 1705-1707 

Ring, arch —, 963, 979 
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Ring, circular —, stress, 600 
moment of inertia, 111, 570 
radius of gyration, 570 
sector, center of gravity, 103 
shakes, timber, 656 
stones, arches, 964 

Rio Grande Project, irrigation, 1703 
Riparian rights, 442, 1705 ; 
Ripley formula, stream section, 1347 
Ripple formation, stream measurement, 

1367 

Riprap, 874 
angle of repose, 893 
under dock walls, 928 
quay walls, 1813 
submerged —, weight and slope, 893, 

927 

weight, 893, 927 
Rise and fall, value one foot —, rail- 

roads, 2101 
Riser pipe, water tank, 1289 
Rivers, 1790-1803 

American —, run-off data, 1414, 1415 
bank revetment, 1796, 1797 
bars, 1793 
canalization, 1800 
car ferries, 1871 
carrying power, 1792 
channels, 1793 
current velocity, 1791 
delta, forming, 1792 
dredging, 1794 
dumps, 1876 
erosion and scour, 1792 
flood, control for, 1796-1800 

discharge, 1417-1423 
flow of water in, 1791-1794 
hydraulic axis, 1347 
improvement, 1794 
landing stages, floating, 1877 
navigation, 1799 
origin, 1790 
overflow, 1796 
rating, water power, 1403 
sources of water of, 1790 
tidal —, 1790, 1792 
training works, 1794-1796 
transporting capacity, 1792 

Rivet, 633 
bearing value, 1134, 1140, 1219 

in bridge specifications, 1184 
according to building laws, 1160 

tests, 633-634 
buttonhead —, 1218 
clearances, 1218 
conventional signs, 1218 

countersunk —, 1184, 1217, 1218 

double shearing value, 1140 

edge distance, 1186 
efficiency, joints, 1218 
field —, 1134, 1140, 1160 

flange —, plate girder, 1190, 1215 _ 
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Rivet, flattened —, 1218 Roads, macadam —, 1931-1935 (see 
friction in joints, 1218 Broken stone) 
holes, 1188 surface treatment, 1933-1935 
inspection, 619 markers and signs, 1979-1982 
joints, 546, 1217-1219 materials, 1912-1919 

design, 1217 gals. per lb. per degree Baumé, 1998 
efficiency, 1218 testing, 603, 616, 1913-1914, 1917— 
tests, 618, 634, 1218 1919 

long —, 1186 tons of covering, per mile, table, 
nickel steel —, 633 1989 
pitch, 1186 oils, 1917, 1921 

flange, 1215 retread for, 1935-1936 
in water tanks, 1288 roller, 1923 

shear value, 1134, 1140, 1219 load distribution, 826 ° 
according to building laws, 1160 sand —, 1919 
test, 618, 634 sand-clay —, 1920 

shop —, 1134, 1140, 1160 shell —, 1933 
sizes, 1186 signs, 1979-1982 
standards, American Bridge Co., 1218 slag —, 1933 
stand-pipe —, 1288, 1289 in Southwest, 1927 
stay —, 1137 surface, sq. yd. per 100 ft., 1992 
steel, 631, 633, 1157 volume, cu. yd. per mile, 1995 
steel pipe —, 1504 width, 1899, 1900, 1901 
stresses, 1140, 1219, 1289 Roadway, bridge —, flooring, 826 
symbols, 1218 steam railroad, 2000-2017 
tests, 633, 634, 1218 Robinson anemometer, wind speed, 290 
in web splices, girders, 1190, 1212 Rochester sewage data, 1738 

Riveted truss, 1232, 1239, 1243 Rock, 711 
Roads, 1919-1936 asphalt, highways, 1917 

area, square yards per mile, 1994 bearing capacity, 711 
in arid area, 1927 borings, 709, 1613, 1614 
bituminous surface, 1924-1927, 1933- crushing strength, 852 

1935 dredged volume, 539 
broken stone —, 1931-1935 excavated —, expansion, 777 

characteristics, 1931 explosives for, 249 
construction, 1932-1933 faced, stone, 862 
foundations, 1931 filled, cribs, 751 

maintenance, 1933 dams, 1547-1550 
clay —, 1919 grading classification, 519-520, 788 
cost per mile at price per sq. yd., hardness scale, 250 

1993 igneous —, 850 
cross-sections, standard, 1900, 1923, loose —, 788, 927 

1931 dams, 1547 

surveying, 457 metamorphic —, 852 
crossing railroads, 505, 1901 rotten —, angle of repose and weight, 
crown, 1909 892, 893 
curves, 1898 sedimentary —, 850, 851 
drainage, 1907-1911, 1923 solid —, 788 
earth —, 1919-1922 tunneling, 1620-1631 

admixtures, 1919 weight, 891, 927 
construction, 1920 submerged, 927 
maintenance, 1921 wool, thermal conductivity, 270 

foundation, 1911-1912 Rockwell test, hardness of metals, 613 
grades, 1899 Rocky materials, physical properties, 

staking, 446 250 
gravel —, 1919, 1922-1934 Rod, circular arc —, moment of inertia, 

binder, 1922 110 

construction, 1923 equivalents, 306 
drainage, 1923 floats, stream measurements, 1364 maintenance, 1924-1928 leveling —, 421-422, 457 
repairs, 1924 moment of inertia, 110 

on levees, 781 reading for grade, earthwork, 522 
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Rod, reinforcing -— (see Reinforcement) 
sag —, purlins, 1135, 1139 
stadia —, 466 
steel —, properties, 680 
tie —, floor beams, 1152 

timber truss, 843 
Rolled, beams, 665-670 

metal, Poisson’s ratio, 562 , 
structural shapes, 671-679 

Roller, 553-555 
bearings, 139 
bridg> specifications for, 1188 
cylindrical —, stress, 554 
plate girder —, 1211 
pressure, 1184, 1211 
road —, 826, 1923 
segmental —, 1211 

swing bridge —, 1249 
Rolling, dam, 1553 

friction, 138, 139 
gate, canal lock, 1588 
lift bridge, 1248 
planimeter, 423 
resistance, 138, 139 
wrought iron, 627 

Roof (and buildings), 1130-1160 
arch —, steel, 1272 
blocks, terra cotta, 704 
conical —, tanks, 1289 
cost, 1157 
coverings, 1130, 1139 

weight, 1130 
loads, 842, 1130, 1132, 1133, 1158 
pitch for different coverings, 841 
reinforced concrete —, 1060 
reservoir —, 1110 
saw-tooth —, 1141 
sheathing, 840, 841, 1130 
shields, tunnel, data, 1637-1638 
slope for different coverings, 1130 
survey points on, 444 
tank —, 1289 
three-hinged arch —, 1272 
tile —, 841, 1130 
truss, 96-99, 840-846, 1130-1141 

column connections, 1142 
combined stress, 1137 
compression members, 1137 
data, steel, 1130-1134 
design, 841, 1133-1137, 1140 

erection, 1158 
* form, 1130 

joints, 1140 
loads, 842, 1130, 1132, 1133, 1158 
spacing, 1135 
steel, stresses, 1133, 1134, 1135, 

1137 

timber, 840-841 
types, 841 
weight, 840, 841, 1132 

wind pressure on, 295 
Roofing, 842, 1130 
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Roofing, corrugated iron —, 688, 1139 
weight, 688, 1130 

cost, 1157 

nails, 706 

shingle —, 706 
weight, 706, 1130 

slate —, 706 
weight, 706, 1130 

terra cotta —, 704 
tile —, 841, 1130 
tin —, 841, 1130 
weight, 706, 1130 

Roots, algebra, 42 
cube —, 24 

of equation, cubic, 44 
expansion of, 43 
fifth —, 26, 39 
logarithmic solution for, 38 
square —, 18-21, 38 
square of cube —, and of fifth —, 25, 

26 

three-halves —, 25, 1312-1314 
Rope, 697, 701 

friction, 142 
hemp —, 697 
Manilla —, 697 
tackle, 140-142 
wire —, 701-703 

test, 618 
Rot, timber —, 651, 656 
Rotation, 121-123 

of body, 122 
of Earth, 482 
energy, 113, 127 
of water for irrlgation, 1682 ) 

Roughness, coefficient, Kutter, 1346 
effect ‘on flow in pipes, 1333 
factor, Bazin, 1343 
in open channels, 1346 

Roundhouse, steam railroads, 2077 
Rubber, belting, tensile test, 661 

electric insulator, 397 
India —, 660 

Rubbish, disposal, 1750 
frequency of collections, 1757 
quantity, 1753 

variation, 1754 
weight, 1751 

Rubble, concrete, 874 
gutters, pavements, 1974 
masonry, 868, 874 

cost, 942 
dams, 1520 
dock walls, 928 
expansion coefficient, 891 
modulus of elasticity, 891 
pressure allowed, building laws, 890 
weight, 891 

Rubble-mound breakwaters, 1779, 1780 
Rubidium, chemical element, 243, 267 
Ruling grade, steam R. R., 2101 
Run, of stone, 856 
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Run-off, American rivers —, 1414, 1415 
annual —, drainage, 1684 
coefficients, storm, 1719 
curve, Louisville, Ky., 1719 
data, 1405 
and discharge, streams, 1403 
drainage —, 1684-1685 
formula, maximum, drainage, 1684 

storm water, 1718 
Great Lakes Drainage Basin —, 1416 
rate, maximum, R. R., culverts, 2009 
records, 1414-1416 
of storm water, sewers, 1718, 1719 
units, equivalents, 1448, 1697 

Runner, turbine —, 1373, 1377-1381 
Running track, laying out, 448 
Rupture, earth —, 722 

from impact, 560 
modulus of, beams, 587 

of stone, 616, 644, 729 

point, 549 
repeated stress —, 555 
work required for, 552 

Russian measures, 304 
Rust, effect on bond, bars, 1039 
Ruthenium, chemical element, 243, 267 

Ss 

Sack, cement, weight, 1028 
Saddle, cable bridge —, 1282 
Safety, factor, 545 

gate, canals, 1592-1593 

Sag, cost, railroads, 2101 
economics, railroads, 2105 
limit, wooden beams, 793 
ratio, suspension bridge, 1279 

transmission line, 1296 
rods, purlins, 1135, 1139 
tape —, surveying, 432, 498 
and tension, overhead trolley, 2130 

Sal ammoniac, freezing mixture, 254 
Salamander, conductance, 271 
Salt, antifreezing mixture, concrete, 

1034 

freezing mixture, 254 
measurement of water, 1367 
water, for fire service, 1491 

Samarium, chemical element, 243, 267 
Samples, wash boring —, 1612 
Sand, 710, 1906 

adding —, to foundations, 723 
angle of repose, 892, 1293 
for asphalt pavement, 1947 
ballast for railroads, 2018 
bearing capacity, 387, 711 
blast, stone cutting and carving; 861 
borings, 708 
boxes, arch centering, 838 
-clay, 711 

roads, 1920 
cohesive strength, 892 
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Sand, concrete —, 1022, 1023, 1027 
dams founded on, 937, 938 
effective size, 1321, 1475 
ejector, 1478-1481 

hydraulics, 1479 
resistance, 1478 

embankments, settlement, 777. 
filler, paving, 1963, 1971 
filter —, water, 1475-1478, 1481, 1486 
foundations, 712 
friction angle, 1293 
gates, irrigation canals, 1669 
grading, concrete, 1022, 1122 

sheet asphalt pavements, 1947 

gravel, and clay, mixed, bearing 
capacity, 387, 711 

weight, 891, 927 
green —, iron molding, 622 
handling, filters, 1478 
houses, railroads, 2062 
-lime, brick, 645, 877 

mortar, 878 
measurement, concrete, 1029 
molding —, iron, 622 
mortar, 1119, 1123 
Ottawa —, 1023, 1119, 1123 
percolation through, of water, 1406 
piles, foundations, 723 
quantity, for mortar, 884 
roads, 1919 
screening —, concrete, 1123 

filters, 1477 
shrinkage, 777 
size, 1022, 1475 
stability, 723 
standard —, 1119, 1123 
submerged —, weight and slope, 893, 

1805 

tests, 1023, 1122 
transportation, water, 1478-1481 
traps in drains, 1700 

in irrigation canals, 1669 
turbidity, filter —, 1476 
uniformity coefficient, 1321, 1475 
washing, filters, 1478 
and water, flow in pipes, 1337-1340, 

1479, 1480 
weight, 891, 892, 1293, 1989, 1996 

in sea water, 1805 
Sandstone, 644, 850, 851, 852 

aggregate, concrete, 1021 
argillaceous —, 852 
bearing on, safe, 1184 
calcareous —, 852 
compressive strength, 644 

expansion coefficient, 250, 644 
ferruginous —, 852 
flags, 1974 | 
footings, 729 
highway material, 1913 
internal friction, 566 
modulus of elasticity, 644 
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Sandstone, modulus of rupture, 644, 

729 
physical properties, 250 

ratio shearing to compressive strength, 

566 
shearing strength, 889 
siliceous —, 851-852 
specific gravity, 250 
specific heat, 250 
strength, 644, 890 
weight, 644 

masonry, 891 
Sap, quarry —, 853 
Sapphire, hardness, 250 

Sapwood, 646, 651 
Satinwood, 251 
Saturated steam, 337 

properties, 338, 340 
Saturated vapors, 336-341 
Saw-tooth roof, 1141 
Sawdust, explosibility, 247 

stream measurement by, 1367 

thermal conductivity, 270 

Sawing timber, 650 
Scale, boiler —, 1466 

temperature —, 258-263 

thermodynamic —, 259 

track —, 2063 
tracks, 2055 

Scaling of concrete pavements, 1959 

Scandium, chemical element, 243, 267 

Scantling, dimensions of, 653 

Scarf joint, timber, 815 

Schenectady sewage data, 1738 

Schist, metamorphic rock, 852 

Schoder and Turner weir formula, 1341, 

1359 

School floor loads, 1148, 1158 

Scissor truss, 841 

Scleroscope, metal tests, 613 

Scobey’s formula, wood pipe, 1325 

Scoop wheel pump, 1402 
Scour, streams, 1351 

rivers, 1792 

Scow measurement dredged materials, 

539 

Scrapers, earthwork, 770-772 

drag —, 770 

flat-bottomed tongue —, 771 

Fresno —, 771 
grader, 772 : 
power —, 771, 785 
wheel —, 771-772 

Scraping, filters, 1487 

Screen, float, stream measurement, 

1365 

measuring water by, 1365, 1441 

racks, 1732 
sand —, 1123 

sewage —, 1732-1734 

water purification —, 1468 

Screening sewage, 1732-1734 
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Screening sewage, amount removed, 

733 

Screenings, road material, 1932 e 

Screw, 802, 803 Tat 
gage of, thread, 683 
lag —, 803 
mechanical efficiency, 141 
press —, rail bonds, 2140 

pumps, 1391-1393, 1402, 1460 
spikes, railroad track, 2038 

square thread —, efficiency, 141 

threads, standard, 683 
wood —, 802, 803 

Scrubbers, water filters, 1474 
Scruple, measure, 307, 308 
Sea, encroachments, 1781-1783. - 

-going dredge, 781 : 

level, reduction to, survey,'498 

mean —, 1776 

trochoidal —, 1776. 80 

wall, 1783-1786 i 

platform type, 738 

reinforced coucrete, 1109\)9 

sections, 1784 “t j 

water, and earth, weight; 1804 — 

dust palliative, 1927 f-imrse 

effect on concrete, 1021 ei 

pressure, combined with earth, 
1804 , 

‘specific gravity, 1305 2 

weight, 927) , 
Seasoning, timber, 650 

Secant, 48, 49, 50 
graphs, 49 ' 
hyperbolic —, 77 

method, public land layout, 451 

sign, quadrant, 173 
tables, 12, 13 

Secondary stresses, truss, 1244-1247 

Second-foot, irrigation unit, 1656 

Seconds, pendulum, 126 

watt —, 365 

Section, beam —, properties, 570 

conic —, 71-75 
earthwork —, 521-522 

level, 521, 528-531 

modulus, 572, 1136, 1151 

rolled beams, 665 

public land survey —, 452, 453 

subway —, 1648, 1649 

Sector, circular —, 52, 103, 108 

of hyperbola, 77 

of ring, center of gravity, 103 

spherical —, 54, 105 

Secular variation, needle, surveying, 433 

Sediment, amount in water, 1474 

transportation by water, 1350-1352 

Sedimentary rocks, 850, 851 

Sedimentation, basins, 1473 

cleaning —, 1473 

efficiency of, 1473 

rate, water, 1474 
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Sedimentaion, sewage —, 1735-1740 
water —, 1472-1475 

Seepage, from canals, 1577-1578, 1605 
at dam, 937, 939, 1107, 1522-1523 

losses, irrigation, 1658 
from reservoirs, irrigation, 1673 
return —, irrigation, 1655 

Segment, area of circular —, 28, 39, 52 
center of gravity, 103 
elliptical —, center of gravity, 104 
hyperbolic —, 53 
moment of inertia, 108 
parabolic —, 104, 109 
spherical —, 54, 105 

volume, 54 
Segmental arch, 964 
Selenium, chemical element, 243, 267 
Self-induction, electricity, 365 
Selfreading rod, leveling, 422 
Semaphore, railroad signal, 2063, 2064 
Semicircle, center of gravity, 103 

moment of inertia, 108 
Semmircular section, canals, 1603 
Semi-diameter, astronomical, 487 
Semi-Diesel ‘engine, 356 
Semi-hinged masonry arch, 980 
Semi-liquid soils, foundations, 719 
Semi-steel, 623 
Separately excited generator, 375 
Separators, timber beams, 821, 823 
Septic tanks, sewage, 1736, 1747 
Series, arithmetric —, 43 

binomial —, 43 
circuit, electricity, 366 
generator, 375 
geometric —, 43 
logarithmic —, 44 
motor, 375, 381 
special —, algebra, 43, 44 
system, power distribution, 394 

Serpentine, physical properties, 250, 273 
Service pipes, water —, 1516 

waste from, 1493 
Set, elastic body, 547, 549 

permanent —, 549 

Settlement, bridge falsework, 831 
of buildings, 715, 725 
of earthwork, 777-778 
of existing structures, guide, 719 
of loads, foundations, 715 
of particles, water sedimentation, 

1474 
relation, to area, foundations, 716 

to depth, 716 
of sea wall, 1783 

Settling tanks, sewage, 1736 
Sewage, 1716, 1728-1748 

cesspools, 1746 
characteristics, 1728 
chemical precipitation of, 1739 
chlorination, 1746 
clarifier tanks, 1736 
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Sewage, constituents, 1728 
contact beds, 1745 
data, cities, with Imhoff tanks, 1738 
detritus tanks, 1735 
dilution, 1730-1732 

required, 1731 
disinfection, 1746 
disposal, 1728-1748 

activated sludge process of, 1745- 
1746 

by broad irrigation, 1743 
on contact beds, 1745 
by dilution, 1730-1732 
in Emscher tanks, 1737 
in filter trenches, 1747 
in humus tanks, 1739 
in Imhoff tanks, 1737, 1738 
by intermittent sand filtration, 

1743, 1747 

oxidization process for, 1743-1745 
in septic tanks, 1736, 1747 
on sprinkling filters, 1744 
systems, small, 1746-1747 

on trickling filters, 1745 
in two-story tanks, 1737 

dissolved oxygen in, 1731 
domestic —, 1716, 1717 
ejectors, 1724 
Emscher tanks, 1737 
filter, 1743, 1744, 1745, 17.47 

trenches, 1747 
flow, maximum rate of, 1717 
gas, collection and utilization, 1739 

composition of, 1739 
grit chambers, 1735 

amount removed in, 1735 
humus tanks, 1739 
Imhoff tanks, 1737, 1738 

sludge removed from, 1739 
suspended solids removed in, 1740 

oxygen demand, 1729, 1730 
pumping, 1389, 1724 
pollution by, 1730 
purification, 1731 
putrescibility of, 1729 
racks, 1732 

relift stations, 1724 
screens, 1732-1734 

amount removed by, 1733 
sedimentation, 1735-1740 
septic tanks, 1736, 1747 
settling tanks, 1736 
skimming tanks, 1735 

sludge, 1739, 1740-1743 
stability, relative, numbers, 1730 
suspended solids, in, 1729 

removed by screens, 1734 
two-story tanks, 1737 
volume, 1717-1720 

Sewer, 1716 
brick —, 876 
building connections to, 1727 
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Sewer, capacity, 1720-1721, 1723 
cast-iron pipe —, 1724 
catch basins, 1727 
circular —, discharge diagrams, 1720- 

1721 

hydraulic elements, 1723 
cleaning, 1727 
egg-shaped —, 1723 
explosions, 1727 } 
flow in, 1720, 1721, 1723 

Kutter’s formula for, 1722 

flushing, 1724 
gas in, 1727 
grade, 1720-1724 

staking out, 447 
ground water in, 1717 
horseshoe —, hydraulic elements, 

1724 

inlets, 1727 
intercepting —, 1716 
lateral, 1716 
laying depth, 1722 
leakage, 1717 
lining, 1726 
maintenance, 1727-1728 
manholes, 1726 
materials, 1724-1726 
pipes, 1724-1726 

joints, 1724 

loads carried by, 1725 
strength of, 1725 

reinforced concrete —, 1111, 1724, 

1726 

sections, 1723-1724 
shapes, 1724-1726 
sizes, 1720-1724 
slopes, 1720-1724 
storm —, 1716 
trunk —, 1716 
velocity, minimum, 1724 
ventilation, 1726 

Sewerage systems, 1716-1728 
definitions, 1716 
maintenance, 1727-1728 

Sextant, 476 
measurement of angles by, 477 

Shaft (machine part), 595-599 

couplings, 596 
flexure and torsion, 598 
rectangular —, shear, 596 
resisting moment, 595 
torsion, 595-597, 598 

Shaft (tunnel), 1606-1610 

caisson, 763 
drop —, 1607 
freezing process for, 1607-1608 

sinking by borings, 1609-1610 

spillway dam —, 955 
timbered —, 1606-1607 

Shafting, bearings, efficiency, 140 

Shakes, timber —, 656 

Shale, aggregate for concrete, 1021 
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Shale, sedimentary rock, 850 
Shapes, rolled —, structural, 665-679 

unit stresses for, 1134, 1152, 1160 
Shavings, conductivity, 270 
Shear, 94, 95, 544 

in beams, 566-569 
and bending, effect, 572 
and bond, concrete beams, 1049 
in columns, 566-569, 593 
and compression, 551, 562 
as diagonal tension, 1041, 1050 
diagrams, 94, 95, 574-582 

double —, rivets, 546, 1140 
failure by, 562 
and flexure, 572 
horizontal —, 569, 1050, 1052 
longitudinal —, plate girder, 1215 
metal —, tests, 618 
panel —, steel bridges, 1207, 1226 
in pins, 1160 
in reinforced concrete beams, 1049- 

1053 
relation to tension and compression, 

551, 552 

resisting —, 569 
rivet —, 1140, 1219 

according to building laws, 1160 
field vs. shop, 1140, 1160, 1184 
nickel steel, 633 
tests, 618, 633 

sign, 1204 
single —, 546, 1217 
stresses, walls and dams, 903 
in shafts, 566 
value, of rivets, 1140, 1219 
vertical —, 94, 567, 1204 

Sheathing, roof —, 840, 841, 1135 
weight, 1130 

Sheave block, friction loss, 1891 
Sheaves, wire rope —, 701, 703, 1891 

Shed, inspection —, electric R.R., 

2151-2153 
for landing pier, 1831-1835 
snow —, 2007 

movable, 2007 

truss, 841 

Sheet, asphalt, highways, 1917, 1944— 

1951 
corrugated iron —, 687, 688 
iron and steel, gage, 688 
metal, 687-689 
piles, 741, 742 

concrete —, 750 
quays, 1806 
steel —, 746, 748, 749, 750 

rock, insulation, 271 
Sheeting, 746-750 

arch —, 964 
core walls, 1538, 1547 
protection against teredo, 652 
puddle wall —, 746 
shafts, 1606 
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Sheeting, trench —, pressure on, 722, 
895 

Shell roads, 1933 
Sheradizing, 643 
Sherman Island Dam, multiple arch, 

960, 962 

Shield tunneling, 1631-1634 
data, 1634-1637 

Shingles, 706, 1130 
wooden —, 706, 1130 

Ship, canal, 1596-1603 
greatest beam of, 1819 

Shipbuilding, cranes, 1883, 1885 
ways, 1878-1885 

pressures, 1880 
Shipping, measure, 308 

terms, 1895 
tonnage, defined, 308, 1895 

Shipworm, 651-652 
Shocks, designs affected by, 889 
Shoe, brake —, 134, 135, 2149 

bridge specifications for, 1188 
collector —, third rail system, 2136 
column —, timbers, 800, 810 
contact —, third rail, 2136 
for piles, 730-731 

Shop, cost, buildings, 1157 
inspector, duties of, 619 
repair —, electric R. R., 2153-2154 

means of moving cars in, 2154 
rivets, 1140, 1160, 1184 

steam railroad —, 2077 
Shores, graving docks, 1845 

spur —, landing piers, 1822 
Shortness, of metal, 621, 628, 630 
Shot drilling, core borings, 1614 
Shoulders, stepped —, dams, 946 
Shovels, 769 

power —, earthwork, 775-777 
traction —, 775 

Shrinkage, of concrete, 1019 
from arch deflection, 839, 987, 988 
reinforcement, 1058 

crack, puddle, 1575 
earthwork, 777-778 
of hoops, 565 
of timber, 650 

Shuart grader, 773 
Shunt, 368 

generator, 375 
motor, 375 

Shutters, dam —, 1552, 1553 
Sickness, compressed air —, 768 

Side-bracket, construction, trolley wire, 
2127 

Sidereal, day, 484 
time, 484 

Sidewalk, 1973-1976 

bridge —, 827, 1203 
curbs and gutters, 1974, 1975, 1976 
loads, 1158, 1178 
materials, 1973 
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Sidewalk, slopes, 1973 : 
stepped on steep grades, 1973 
on through plate girder bridges, 1203 
widths, 1973 

Siding, corrugated —, buildings, 688, 
1141 

track, 2047 
Sieve, cement —, 1116 

sand —, 1122, 1476 
sizes, 1116, 1123, 1476 

Sights, inclined —, stadia, 467 
length of, leveling, 456 

Sign, of couple, moments, 85 
of force, 89 . 
highway —, 1979-1982 
rivet —, conventional, 1218 
of stress, 1225 
topographical —, 428-430 
of trigonometric functions, 48 

Signaling, railroad —, 2063-2065 
Signals, automatic —, railroads, 2065, 

2156 

catenary bridge —, 1295 
electric railroad —, 2154-2157 

indications, 2154 
location, 2155 
operation, 2155 
tie preservative effect on, 2156 

flag —, weather, 278 
fog —, lighthouses, 1802 
geodetic —, surveying, 499 
movable bridge —, 1253 
navigation —, 1800-1803 
sound —, navigation, 1801 
steam railroad —, 2063-2065 
traffic —, streets, 1976 

Significant figures, 40 
Silica, 272, 652 

fused —, thermometer, 263 
in timber, worm. preventive, 652 

Silicon, chemical element, 243, 267 
in iron, 621, 625 
in steel, 633, 635 

Sill, mud —, trestle, 823, 830 
Sil-o-cell, thermal conductivity, 270 
Silt, basins, drains, 1700 

in concrete aggregate, 1022 
excavation, caissons, 765 
at intakes, 1444 
settlement in water, 1351 
soil classification, 710 
in streams, proportion in various, 

1351 

transportation, 1350-1352 
Silver, chemical element, 243, 267 

conductivity; thermal —, 273 
electric conductor, 372 
German —, 252, 374, 641 
heat of fusion, 330 
physical properties, 252 
point, temperature scale, 260 
sound transmission through, 276 
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Simplex piles, 733 
Simpson’s one-third rule, areas, 441 
Sine, 48, 49, 50 

anti —, 50 
graph, 49 

hyperbolic —, 34, 39, 77 
inverse —, 50 
law, 51 
logarithms, 174-219 
natural —, 220-228 

hyperbolic, 34, 39 

series, 44 
sign, quadrant, 173 
of small angle, 44, 50, 175 
tables, 12, 13, 174-228 
versed —, 48 

Single-phase, circuit, electricity, 369 
system, electric traction, 2109 

Sinking, caissons, 765 
rate of, 766 
cost of, 767 

fund, 55-58 

Siphons, 1564-1565 
cast-iron pipe —, 1565 
flow in pipe —, 1336 
in levees, 779 
pumps, 753 
spillways, canals, 1576 

dams, 953-955 
steel pipe —, 1565 

Sixth Ave. Subway, New York, 1650 
Size, effective —, sand or gravel, 1321, 

1475 
market —, standard structural ma- 

terials, 665-706 
Skeleton construction, buildings, 1147 
Skew, arch, 964, 985, 1100 

reinforced concrete, 1100 
bridge, 1161 

Skewback, masonry arch, 963 
Skimming tank, sewage —, 1735 
Skin, divers, 759 

friction, airplane, 301 
dredging caisson, 755 

Skylight, weight, 1130 
Skyscraper, wind pressure on, 294 
Slabs, concentrated load distribution, 

1063-1064 

continuous —, 1062 
flat —, 1064-1067 
forms, concrete —, 1037 
reinforced concrete —, 1053, 1055, 

1061-1067 

reinforcement, 1057, 1058, 1061, 
1064-1067 

rock —, strength of, 711 
roof —, 1060 
sidewalk —, 1974 
stone —, 889, 891, 1977 
stress, 1055 

Slag, aggregate, concrete, 1021 
ballast, railroads, 2018 
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Slag, cement, 1116 
formation, 620 
highway foundations, 1912 
roads, 1933 
weight, 1124, 1989 
wrought iron —, 625, 628 

Slate, 644 
compressive strength, 644 
conductivity, 272 
expansion coefficient, 250 
highway material, 1913 
physical properties, 250 
roofing, 706, 1130 
specific gravity, 250 
specific heat, 250 
weight, 706, 1130 

Sleet, on trolley wire, 2135 
Slenderness ratio, columns, 590 
Slide, rule, stadia —, 469 Ci 

timber —, graving dock, 1844 
Sliding friction, 134-138 
Slip, ferry —, 1869-1873 

landing pier —, width of, 1819 
ring motor, 381 

Slope, angle, geometry, 46, 48, 70 
beam —, 573 

equation, 574-582 
board, 523 © 
curve, 70 

elastic —, 573 
of earth, dams, 1539, 1540-1541 

on river bank, 1352 
at sides of railroad, 2000 
submerged, 893, 1352, 1539 

earthwork —, 892 i 
hydraulic —, 1321 
of line, 46, 68, 70 
of materials, 892, 893 

dry, bins, 1293 
friction relation, 132 

paving, 874, 1541-1544, 1574, 1575 
of railroad, excavations, 2000 

drains, 2008 
of repose, loose earth, 892 

submerged material, 893, 1352, 
1539 

of roof, 1130 
side —, canals, protection of, 1573, 

1574 

stakes, earthwork, 457, 522 
of stream, 1403 
wall (hand placed rip rap), 874 

Slow sand filters, 1486-1489 
Sludge (sewage), 1740-1743 

analysis, 1742, 1743 
chemical precipitation of, 1739 
digestion, 1740-1741 
disposal, sewage, 1741, 1742 

from Imhoff tanks, 1739 
drying, 1741 
fertilizer value, 1742-1743 
filters, 1742 
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Sludge, flow, in pipe lines, water plant, 
1338 

lagooning, 1742 
volume, different processes, 1741 
water content, 1741 

Sluice gate, 1512 
discharge, 1357 
on levees, 781 : 
Stoney —, movable dams, 1553 

Sluices, irrigation canal —, 1672 
levee —, 1693 
lock —, 1585 

Sluicing, earth dams, 1544 
hydraulic —, 787-788, 1661 

Slump, concrete —, posts, 2003 
Smith method, arched dams, 957 
Smoke, combustion, 244 

from refuse incineration, 1771 
Snatch team, earthwork, 771 
Snow, fence, 1983, 2006 

height, 2006 
location, 2006 . 
portable —, 2007 
specifications, 2006 

loads, arches, 965 
bridges, 1162, 1195 
roofs, 1132 ° 

in rainfall records, 282 
removal, roads, 1982-1983 
shed, 2007 
signals, weather, 278 
weight, 663, 891, 1132 

Soap, destroyed by hard water, 1464 
Soapstone, physical properties, 250 
Soccer field, laying out, 450 
Sod, percolation effect, 1406 
Soda ash, water softening, 1467, 1470 
Sodding railroad embankments, 2001 
Sodium, chemical element, 243, 267 

sulphate, transition temperature, 262 
Soffit, arch —, 963 
Soft, ground tunneling, 1616-1620 

point, bituminous materials, 1918 
Softening, water —, 1467, 1469, 2058 
Soil, angle of repose of, 892 

of arid district, irrigation, 1654 
bearing capacity, 387, 709-712 

improving, 722-724 
classification, 710 

for highways, 1906-1907 
compacting, 723 
conductivity, 272 
drainage coefficient, 1696 
evaporation, 1655 
flow of water in, 1320 
frictional resistance, 766 
immersed in water, weight, 1805 
of marsh lands, 1683 
moisture, farm drainage, 1693 

irrigation, 1654 
percolation through, 1406 
plastic —, lateral flow, 716 
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Soil, pressure, allowable, 711 

sampling, 708 
semi-liquid —, foundations, 719 
shrinkage, 777-778 
stripping, reservoirs, 1456 
submerged —, weight and slope, 893 
treatment, highways, 1908 
weight, 892 

Solar, attachment, transit, 417-419 
day, 484 
time, 484 

Sole plate, 1192 
Soldered bond, third rail, 2139, 2141 
Solids, liquefaction of, 268 

physical properties, 250-252 
of revolution, 55 
sewage —, 1728, 1729 
specific gravity, 250 
specific heat, 268 
stress transmission through, 276 
transportation, water, 1792 

Solstices, celestial sphere, 482 
Sound, 275-278 

signals, navigation, 1801 
velocity, 275 

Soundings, aquatic —, location, 474 
for land foundations, 708 

South African measures, 305 
South American measures, 305 
Southwest, roads in, 1927 
Space-time graph, 116 
Spade, earthwork, 770 

pneumatic —, 770 
Spanish measures, 305 
Span, arch —, 963, 967 

length, concrete. beams, 1057-1058 
Spandrel, arch, 964, 977 

filling, arch bridge, 964 
walls, buildings, 1153 

openings, 1152 
Span-wire construction, trolley, 2127 
Special attachments on transit, 415 
Specific gravity, 1304, 1308 

of gases, 254 
of metals and alloys, 252 
of rocky materials, 250 
tests, stone and brick, 616 
of water, 1305, 1306, 1308 
of wood, 251, 655 

Specific heat, 268, 329 
of gases, 254, 268, 329 
of metals, 252 
of rocks, 250 
of water, 253 

Specifications, bridge —, 1180, 1181- 
1192 

buildings, 1157-1160 
Speed, canal boat —, 1582-1584 

coefficient, turbines, 1376 
conversion tables, 319-320 
equivalent units, 308 
friction and —, 2091, 2092 
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Speed, of light, 255 
motor —, 375 
regulation, motors, 376 
of sound, 275 
steam turbine —, 352 

vs. steam economy, 353 
unit —, turbine, 1376 

Spelter (cast zinc), 638 
Sphere, area, 39, 54 

celestial —, 481 
impact of, 130 
moment of inertia, 111 
parts, center of gravity, 105 
sector, 54, 105 
segment, 54, 105 
surface area, 39, 54 
volume, 33, 39, 54 

Spherical, bottom, tanks, 1291 
excess, 52, 502 

Spheroid, Clarke’s (Earth), 503 
Spiegeleisen, 621 
Spikes, 802, 803 

railroad track —, 2037, 2038 
driving, 2038 

screw —, 2038 
Spillway (dam —), 949-956 

baffle piers, 951 
paved —, 950 
shaft, 955 
siphon —, 953-955 

canals, 1576 
Spiral wheel, water turbines, 1389 
Spirals, 76, 517 

Archimedes, 76 
cubic —, easement curves, 515 
equiangular —, 76, 77 
highway curve —, 1898 
hyperbolic —, 76 
logarithmic —, 76, 77 

Splice, bars, rails, 2037 
bridge specifications for, 1187, 1188 
column —, 1157 
of reinforcing bars, 1057 
timber chord —, 846 
web —, 1212 

Splicing chamber, electric wire —, 2122 
Split pole field, electricity, 393 
Spools, packing —, for timber, 823 
Spray irrigation, 1682 
Spraying data, road oils, 1985, 1986 
Spread foundations, 724 
Spring (machine part), bearing, 1435 

brass, 641 
flat —, 583 
helical —, 599 
rail frog, 2043 
steel, 631 
washers, rail joints, 2040 

Spring wood, 656 
Springing line, arch, 963 
Springs under earth dams, 1538 
Sprinkling filters, sewage, 1744 
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Spruce, 251, 648, 657 
friction coefficient, 133 
hardness, 795 
properties, 657 
specific gravity, 251 
strength, 657, 801 
weight, 794 
working stress, 801 

-Spur, dikes, 1787, 1795 
shores, landing piers, 1822 

Square, check method of irrigation, 
1680, 1681 

least —, method, 80-82, 501 
moment of inertia, 108 
of number, 16, 17 
root, numbers, 18-21, 38 
steel, properties of, 679, 680 
yards of surface per 100 ft. of road, 

1992 

Squared stone, 861, 868, 872-874 
Squegee method, oil asphalt filler, 

1964, 1967 

Squirrel cage motors, 381 
St. Mary’s Falls Canal, 1598 
Stability, equilibrium, 89 

of floating, bodies, 1307 
docks, 1865-1868 

of masonry arches, 972-974 
of piers, 1004 

Stable floor loads, 1158 
Stadia, 466-467 

arc, Beaman’s —, 469 
computations, 469-472 
constant, 467 
corrections, 469 
field work, 467-469 
hairs, 466 
notes, 468 

reduction of, 469 
rod, 466 
reduction tables, 470-471 
slide rule, 469 
survey, 466 

Stage, floating landing —, rivers, 1877 
Stagnation of stored water, 1453 
Staining colors, paint, 664 
Stainless iron, 559, 644 
Stakes, surveying, 457, 507, 522 
Staking out lands and buildings, 443, 

447, 507, 522 

Stand-pipes, 1285-1289, 1497-1498 
wind pressure on, 295, 1287 

Staples, for wire fence, 2002 
Star, circumpolar —, 487, 490 
Starting, motor —, 376 

resistance, railroad trains, 2093 
State legislation, irrigation, earliest, 

1708 
Static friction, 132-134 
Statical moment, 100 
Statically indeterminate trusses, 1231 
Statics, 82-100 
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Statics, analysis of masonry arches, 
974-978 

Station, central —, electric power, 383— 
388 

coaling —, railroads, 2061 
power —, electric R. R., 2117-2120 

equipment, 2117, 2119 
steam railroad —, 2076 

cost, 2076 
survey —, eccentric, 503 

geodetic, adjustment of, 501 
transformer —, 393, 2120 
triangulation —, 496, 497, 499 
water —, railroads, 2057-2061 

chemical treatment at, 2057 
Stationary crane, cargo handling, 1888 
Staves, wood pipe —, 1567 
Stay, cables, suspension bridge, 1282 

plates, bridge specifications, 1186, 
1187 

Stays, suspension bridge, 1281-1282 
Steam, boilers, 344-345 

consumption, engines, 384 
engines, 346-350, 383 

losses, 347 
entropy, 337-338, 340 
flow, 385 
hammer pile driver, 734, 735 
heating or boiler surface of tubes, got 
jacket, 348 
piping, 385 

entrance loss, 385 
plants, auxiliary to water, 383, 394, 

1428 

life, 2112 

location, 383 
point, temperature scale, 260 
pounds of, per i.h.p., 2072 
railroads (see Railroads, steam) 
saturated —, 337-340 
shovels, 775 
siphon, 753 
superheated —, 337 
table, 338-340 
turbines, 350-354, 383 
weight of, per stroke, locomotives, 

271 

wet —, 328, 329 

Steel, 628-637 - 
acceptable —, 1134 
acid —, 630, 631, 632 
alloy —, 634-636 
aluminum in, 635 
annealing, 630 
axle —, 631 
bars, properties, 679, 680, 1125 
basic —, 629, 630, 631, 632 
beams, minimum concentrated load, 

1148 

footings, 729 
bending tests,.1157 

structural and rivet steel, 632, 1157 
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Steel, Bessemer —, 273, 629 
bins, 1291-1293 

bridge specifications, 1174-1192 
buildings, 1130-1160 
carbon —, 634 
carbon content, 631 

effect on strength, 631 
limits, 628, 631 
tempering effects, 631 

carburizing —, 630 
case hardening —, 630 
cast —, 558, 1181 

castings, 630, 633 
composition, 633 
physical qualities, 633 
strength, 633, 1134, 1160 

chrome-nickel —, 558, 634 
chrome-molybdenum =» 559; 634 
chrome-nickel-molybdenum —, 634 
chrome-vanadium —, 559, 634 
chromium in, 635 
classification, 628-631 

column, 594 
formula, 592, 593, 1141, 1147, 1159 
loads, 1134, 1159 

compressive strength, 550, 1184 
conductivity, 252, 372 

thermal —, 252 
corrosion, 642, 1508 
corrugated —, 687, 688 

pipe, 1337, 1911 
sides, building, 688 
weight, 688 

crucible —, 629 
wire, 631 

cyaniding, 630 
dams, 1536-1537 
drawing —, 630 
elastic limit, 550, 631 
electric conductors, 372 
electric furnace —, 630 
elongation, 633, 1125, 1157 
expansion coefficient, 252, 565 
fatigue, 558, 559 
fence posts, 2004 
flume, irrigation, 1664 
forging —, 630 
fracture, 551, 1157 
gages, 688, 700 
hard —, 631 
hardening —, 630 . 
chardness, 252, 631 
high carbon —, 558 
ingot, 629 
inspection, 619, 632, 1158 
invar —, 636 
machine —, 558, 631 
manganese in, effect on strength, 635 
manufacture, 629, 630 
medium —, 550 

elastic limit, 550 
modulus of clasticity, 550 



Civil Engineers’ Handbook Ste—Sto 2245 

Steel, medium —, properties, 550 Steel, stainless —, 644 

stress-deformation diagram, 548 standard —, 1134 

ultimate strength, 550 structural —, 631-634, 1157 

weight, 550 cold bent test, 1157 

melting point, 252 corrosion, 642, 1508 

modulus of elasticity, 550, 667 detailing, 1140, 1185-1192 

modulus of rupture, 667, 1134, 1160 erection, 1158, 1199-1201 

molybdenum in, 635 : | fatigue, 558 

nickel —, 550, 632, 635 | ot painting, 642, 1158, 1201 

physical properties, 550, 558 shipping, 1199, 1200 

weight, 550 specifications, 631, 1157, 1184 

open-hearth —, 629 reinforcing, 1124. 1125 

- painting, structural, 642, 1158, 1201 strength, 550, 631, 633, 1125, 1157 

phosphorus content, 631, 632, 633, structures, 1129-1302 

1124 miscellaneous, 1283-1302 

physical properties, 252, 630 sulphur in, 631, 632, 633 

piling, 748, 749, 750 causes red shortness, 630 

pipes, 1503-1509 tanks, 1289-1291, 1499 

2 bends, 1508 tempering —, 630 

vs. cast iron, 1503 tensile strength, 550, 631, 633, 1125 

carrying capacity, 1507, testing, 606-616, 619, 632, 1157 

coating, 1508 thermal conductivity, 252 

cost, 1508 tungsten —, 635 

cover, 1505, 1507 ultimate strength, 550, 631, 1125, 

electrolysis, 1518 1157 

flexible joint, 1445 unit stresses, 1056, 1134, 1152, 1184 

flow in, water, 1322, 1507 according to building laws, 1160 

gates in, 1506 for water tanks, 1291 

intake, 1445 uses, 631 

joints, 1445, 1504 vanadium in, 636 

life, 1508 , weight, 550 

riveted —, 1504 welding, 636, 637 

size, 1503, 1507 wire, 631 

weight, 1505, 1507 cable bridge, 1279 

plates, strength, 600, 631 conductivity, 372 

washers, timberwork, 807 dimensions, 699 

weight, 681, 682 fences, 2001 

Poisson’s ratio for, 562, 565 strength, 631 

protection against corrosion, 642 weight, 699 

puddled —, conductivity, 273 wool, conductivity, 273 

quenching —, 630 yield point, 632, 633 

rails, 2025-2034 
Steinman loading, bridges, 1169-1170 

specifications, 2030-2034 Stere, 308 

red shortness, 630 Stereoscope, 479 

reduction of area, 633 Stereotomy, 865-867 

reinforcing (see Reinforcement) Sterilization of water, 1470 

repetitive stress, 634 “« Stevedore ” rope, 697 

resistivity, 252 Stevenson Creek Dam, model vs. struc- 

restitution coefficient, 130 ture, 959 

* rivet —, 631, 633, 1157 Stiffener, angles, 1202, 1209, 1210 

rolled shapes, 671-679 for gusset plate, 1190 

shearing istrength, 550, 1152, 1184 shelf angles, 1189, 1193 

sheet —, 687-689 spacing, 1190, 1209, 1210 

sheet, pile, coffer dam, 746 specifications, 1190 

piling, 748, 749, 750 steel pipe —, 1508 

silico-manganese —, 559 web —, plate girder, 1202, 1209, 1210 

silicon in, 633, 635 Stiffening truss, cable, 1279-1281 

sound transmission, 276 Stirrups, concrete reinforcement, 1041, 

special —, 634-636 
1051, 1052, 1056 

specific gravity, 252, 628 Stock, guards, railroad, 2053-2054 

specific heat, 252 yard, railroad, 2057 

spring —, 558, 631 Stoker, fired boiler, efficiency, 345 



2246 Sto—Str 

Stoker, mechanical —, 386 
life, 2112 

Stone, 644 
absorption test, 616 
arch centering, 840 
“backing,” 861 
beams, 930 

formula, 930 
block paving, 1967-1970 

characteristics, 1967 
fillers for, 1968, 1970 
materials, 1967-1969 
maintenance, 1969 
specifications, 1914 

bounds, setting —, 445 

box culverts, railroads, 2012 
broken —, (see Broken stone) 
building —, 644, 850-867 

durability, 852-854 
tests, 852 

costs, road building, table, 1990, 1991 
curbs, 1976 
crushing strength, 550, 644, 852, 889 
cut —, 862, 864, 867 
cutting, 850-867 

tools, 858-861 
dike, river training works, 1795 
drafted —, 861 
dressing, 853, 861-867 
durability, 852-854 
expansion coefficient, 565 
freezing test, 616 
friction angle and coefficient, 893 
grain and rift, 856 

head and hardway, 856 
honed or rubbed finish —, 863 
length of road covered per load of, 1992 
lintels, depth, 930 
masonry, 867-886 

classification, 867 
coefficient of expansion, 891 
friction angle and coefficient, 893 
general rules for, 868 
joint thickness determines class, 

861 

kinds of, 867 
modulus of elasticity, 891 
specifications, 869 
weight, 891 
working stresses, 888-890 

modulus of elasticity, 550 
modulus of rupture, 587 
physical properties, 550 
pitch faced —, 861 
placing, for greatest resistance, 854 
polished —, 863 
preservatives, 854 
quarry, faced —, 861 

sap in, 853 
quarrying and cutting, 850-867 
quenching test, 616 
Tun of, water measurement, 1373 
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Stone, seasoning, 853 
slab, strength, 889 

specific gravity (broken), 1995 
squared —, 861, 868 
strength, 550 
surface, finish, 862 

forming, 864, 865 
testing, 615-617, 852 
tons for bituminous macadam, 1989 

per mile of road, 1989, 1990, 1991 
toughness test, 616 
unsquared —, 861 
walls, for snow fences, 2006 
weight, 550, 644, 889 

broken —, 1995 
Stoney sluice gates, movable dams, 

1553 
Stop gates, canals, 1592-1593 
Storage, bank water —, 1425, 1673 

batteries, 405 
life, 2112 

ground —, for water, 1448, 1458 
of irrigation water, 1672-1673 
problems, irrigation, 1673 
Teservoir, 1672 

as flood control, 1798 
water —, 1423-1427, 1446-1452 

effect on quality, 1453-1456 
Stores, retail —, floor loads, 1148, 1158 
Storm, frequency, sewers, 1718, 1719 

warnings, 278 
water in sewers, 1717-1720 

Straightening crooked boundaries, 441 
Strain, 547 

gage, 604 
insulators, trolley, 2128, 2130 

tests, 618 
Strainer system, filter —, 1481 
Straight line column formula, 592 
Stranding, aerial electric cables, 2125 
Strap bolts, 806 
Stream (see also Rivers), 1342-1352 

cross-section and curvature, 1347 
current observations, 1364-1367 
discharge or run-off, 1403 
maximum U. S., table, 1417~1423 

flow, 1364-1367, 1446-1452 
data, 1447 
practical procedure to determine, 

1448 
probable error, 1447 
for sewage dilution, 1731 
statistics, 1452 
variation, 1449 

measurement, 1364-1367 
power, 1402 
riparian tights, 442, 1705 
slope, 1403 

Streets, cross-sections, standard, 1900 
grades, staking out, 446 
lighting, 404 

wiring system, 394 
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Streets, lines, city surveying, 445, 446 
pavements, 1937-1976 

sweepings, 1751 
annual quantity, 1754 

traffic census, 1902 
width, 1899 

Strength, elongation relation, steel, 632 
ultimate —, 544, 549, 611, 
uniform —, beams, 583-584 

Stress, 544 
alternate —, 793, 1180, 1185 
axia' —, 544 
beam —, 569, 583 
bending and direct —, 

beams, 1048, 1049 
in bridge specifications, 1184 
centrifugal —, 564 
circumferential —, 562 
combined —, 561-563, 597-599 

-concentration factor, 557 
cycle, 555, 556 
deformation, 547, 548 
diagrams, 548 
equilibrium polygon, 86 
formulas, 545 
impact —, 560-561 
internal —, 566 
localized —, 556 
maximum and minimum —, masonry, 

906 
phenomena of, 548-550 
repetitive —, 555-559 
resilience, 552, 588 
revolving bar —, 564 
at rupture, 549 

secondary —, 1244-1246 
shearing and bending effect, 572 
signs, 1225 
simple —, mechanics of, 544-566 

temperature —, 565 
concrete bridge, 987, 1081, 1093 
masonry arch, 986, 987, 1081 

pipe lines, 1505 
steel arch, 1271, 1272, 1276 

timber construction —, 792, 793 
in truss, 95, 96, 97, 1224 

ultimate —, 544 
unit —, 544 
in walls and dams, 902-907 
velocity of, 276 
working —, 545, 1150 

Stretch, circumferential —, 562 
String polygon, force, 86 
Stringer, 1192, 1197 

connections, 1189, 1192 
frames, 1189 
highway bridge —, 1178, 1192 
T-beam —, 1192, 1193, 1196, 1197 
impact on, 1180 
railroad bridge —, 1197 
sidewalk —, bridge, 827 
specifications, 1188, 1189 

concrete 
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timber —, 823, 828, 1192, 
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Stringer, 
1193 

trestle —, timber, 822, 823, 828 
Strontium, chemical element, 243, 267 
Structural, materials, properties, 550 

shapes, rolled, 665-679 
steel, 631-634, 1157 

Structures, steel —, 1129-1302 
timber —, 791-848 
wind pressure on, 289-302 

Strut, 589 

collision —, bridge truss, 1223 
timber —, roof truss, 843 

Stub switch, railroad —, 2042, 2047 
dimensions, 2044 

Stubs’ steel wire gage, 700 
St. Venant’s maximum strain theory, 

562 

Sub, angle and sub-chord,-508 
aqueous, foundations, 745-769 

tunnels, 1646-1647 
-division, public land survey, 451 

Subdrainage, roads, 1907 
Submerged, materials, slopes of, 893, 

1352, 1539 

weight, 893, 1805 

orifices, 1315, 1317 
weirs, 1342 

Subnormal, 69 
Substation, (electric —,) 

2118 

automatic —, 2118 
buildings, 2120 
electric —, 393 
electric railroad —, 2117-2120 

location, 2118 
portable —, 2120 
power capacity, 2120 

Subtangent, 69 
Subways, city —, 1647-1652 

water proofing —, 1648 
Suction dredge, 782 
Sudbury watershed, run-off, 1405 
Suez Canal, 1596 
Sulphate, of aluminum, 1469 

of copper, water purification, 1472 

Sulphur, atomic weight, 243 
in cast iron, 621 
in concrete aggregate, 1021 
heat of fusion, 330 
melting point, 267 
point, temperature scale, 260 
of pyrites, coal, 246 
in steel, 631, 632, 633 

red shortness, 630 
symbol, 243 
in wrought iron, 625 

Sulphuretted hydrogen in water, 1455 
Summit yard, railroads, 2054 
Sun, azimuth of, 494, 495 

declination of, 417 
mean —, 484 

apparatus, 
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Sun, observation, 417, 418, 488, 489, 
494 

polar distance, 417, 418 
Sunlight, bacteria removal by, 1453 

direct illumination of, 255 
organisms affected by, 1455, 1456, 

1497 

penetration, water, 1456 
water altered by, 1455, 1456 

Superelevation, highway curves, 1898 
of outer rails on curves, 2034 

Superheat, degree of, 336 
Superheated, steam, 337 

vapors, 336-341 
Superheaters, efficiency of, 345 
Superheating steam engines, 348 

Surface, bituminous —, pavements, 
1916 

center of gravity, 102-104 
circular quadrant and tangents, c. of 

g., 103 
inlets for tile drains, 1700 
neutral —, beam, 567 
of revolution, 55 
tension, fluid, 1308 

Surge tanks, power 
1439 

Surveying, 409-542 
aerial —, 478-480 
city —, 445-447 
compass —, balancing, 440 
crooked boundaries, 440-441 
earthwork —, 519-542 
geodetic —, 496-504 
highway —, 1898 
hydrographic —, 474-477 
inaccessible distances, 442-445 
instruments (see Instruments, survey- 

ing) 
land —, 431-460 
mine —, 480-481 
monuments, 445 
notes, 438, 454, 455, 481 
obstacles, 442-445 
old lines, 441-442 
for patent, 481 
photographic —, 477-478 
plane table —, 472-474 
precise leveling, 457-460 
problems, special —, 447-450 
public lands, 450-452 
railroad —, 504-519 
stadia —, 466-472 
topographic —, 460-480 
transit and tape —, 437-438 
triangulation —, 496-504 
towers, geodetic, 499 
town —, 431-460 

Suspended, solids, sewage, 1729 
removed by screens, 1734 

span, cantilever bridge, 1257 
Suspenders, cable bridge, 1282 

plants, 1437- 
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Suspension, bin, 1292 
bridge, 1161 

long span American —, 1277 
of motor, electric cars, 2143 
systems, 1276-1277 
for trolley wires, 2128, 2134 

Sutherland Dam, multiple arch, 962.- 
Swamps, area U.S., 1683 

drainage of, water storage, 1456 
Federal legislation regarding, 1708. 
location and distribution, 1683 
reclamation of, 1683-1693 

classification, 1683 
water color, 1464 

Sway bracing, arch centering, 836 
deck bridge, 1189 
through bridge, 1189 

Sweepings, street —, 1751, 1754 
Swing bridges, 1247-1255 

center bearings, 1249 
machinery, 1251 
turntables, 1249 

Switch, end cell —, electric battery, 
406 

frog, 2043-2044, 2046 
diagrammatic design, 2043 

motor —, 376 
point, 2042 
railroad —, 2042-2053 

dimensions, 2046 
flange ways for, 2042 
leads, 2046 

mechanical features, 2042 
point, 2042 

stub —, 2042, 2044 
unbroken main rail —, 2044 

Switchboard, 387, 1435 

apparatus, life, 2112 
power plant —, 1435 

Sycamore, 251 
Syenite (rock), 1912 
Symbols, calculus, 59, 63 

chemical elements, 242, 243 
topographic —, 428-430 

Symmetry, center of gravity, 100 
Synchronous, boosters, 393 

converters, 393 
life, 2112 

motors, 380 
speeds, electric motors, 352 
substation, 2119 

Synura, water organism, 1464 
Systems, balanced —, in rotation, 123- 

124 

distribution —, electricity, 394-396 
water, 1490-1491 

electric traction —, 2108-2109 
electromagnetic —, 364 
electrostatic —, 364 
of forces, 86-87 
of public land survey, 450 
thermodynamics, 328 
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T-beam, reinforced concrete, 1042, 1045, 
1053, 1059 

examples, 1051 
and slab construction, 1053 

T-shapes, structural steel, 678 
Tabled fishplate joint, timber, 812, 813 
Tables, earthwork —, 525-537 

mathematical —, 9-41, 146-229 
precision in, 39 

Tackle, 142 
Tail, switching yard, railroads, 2054 

tunnel shield —, 1634 
Taintor gate, movable dam, 1556 
Talbot’s formula, area of culverts, 2009 
Talc, hardness, 250 
Tall buildings, steel frames, 1147-1150 
Tamarack, 648, 1915 

properties, 657, 794, 795, 801 
Tangency, point of, 508 
Tangent, of angle, 48, 49, 50 

to curve, 69 
distance, curve, 509 
graph, 49 
hyperbolic —, 34, 39, 77 
logarithmic —, 12, 174+219 
method, public land layout, 451 

plotting, 425 
natural —, 13, 229-240 
non-parallel —, reverse curves, 516 
offset method, curve layout, 511 
parallel —, reverse curves, 515 
railroad —, location, 506 
series, 44 
sign, quadrant, 173 
tables, 12, 13, 174-219, 229-240 

Tangential turbines, 1373 

Tank, cylindrical road —, gage, 1994 

detritus —, sewage, 1735 
Dortmund —, sewage, 1736 
elevated steel —, 1289-1291,° 1498, 

1499 
Emscher —, sewage, 1737 
flush —, 1353 

automatic, sewers, 1724 
Imhoff —, sewage, 1737, 1738, 1739 

reinforced concrete —, 1110, 1498 

septic —, 1736, 1747 
settling —, sewage, 1736-1739 

steel —, 1289-1291, 1498, 1499 
surge —, 1437-1439 

track —, water, 2061 ‘ 

two-story —, sewage disposal, 1737 

water —, steel, on tower, 1289-1291, 

1499 
water station —, 2060, 2061 
wood —, 1498, 2060 

Tankage, garbage reduction, 1766 

Tantalum, chemical element, 243, 267 

Tape, base-line —, 498 

coefficient of expansion, 432 
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Tape, invar —, 410, 432, 498 
kind of, 410-411 
measurements, variations, 431 
rod, leveling, 421 
standardization, 410, 431 
tension, 431 

Tar, 1917 
cement, highway material, 1917 
coal —, gas house, 1916 

highway material, 1916 
pipe coating, 1499, 1508 
waterproofing, tunnels, 1643 

coke oven —, 1916 
concrete sidewalks, 1975 
dehydrated —, 1916 
and gravel filler, stone blocks, 1968 
oil, gas —, highway materials, 1917 

roads, 1924 5 
paint, preservative, submerged metal, 

1711 

specifications, 
reau, 1711 

priming coat, roads, 1927 
refined —, 1917, 1931, 1940 

specifications, roads, 1928, 1929, 1930 
water gas —-, 1917 

Tarvialithic pavement, 1943, 1944 
Tastes and odors in water, 1469, 1472 
Taxes, for highway construction, 1903 

on steam railroads, 2081, 2082 
Taylor’s theorem, 63 
Teak, 251 
Tees, head loss, flow, 1334 
Telegraph lines, batteries, 405 

cost for railroads, 2088 
Telephone, batteries, 405 

system on irrigation canals, 1670 

Telescope, 256-258 
precise level —, 457 
transit —, 414 

Tellurium, chemical element, 243, 267 
Temperature, 258 

absolute —, 328 
ambient —, motor rating, 378 
changes, steel tape, 432 
coefficients, electrical, 372 
corrections, surveying, 498 
cracks, masonry dams, 1521 
effect, on dams, 942, 1521 

on flow of water, 1321 
on masonry arches, 986 
on train resistance, 2091, 2093 

and electric current, 372 
freezing mixture —, 254 
gradient, 268 
ground water —, 1458 
journal friction —, 137, 138 

mean —, 280 
measuring equipment, 263-267 

movement, cast-iron pipe, 1503 

highway bridge, 1180 
refuse combustion, 1769, 1771 

Reclamation Bu- 
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Temperature, reinforcement, 1058 
rock —, Mont Cenis Tunnel, 1625 
scale, secondary points, 262 
signals, weather, 278 
standard —, 986 
stresses, 565 

in concrete arch, 987, 1081 
in concrete bridge, 1093 
in concrete chimney, 1114 
in pipe lines, 1505 
in steel arch, 1271, 1272, 1276 

in thermodynamics, 328 
truss deflection from —, 1241 
U.S. average —, 281 

Tempering steel, 630 
Templet excavator, 787 
Tender, locomotive —, 2068 
Tenement house, floor loads, 1158 
Tennis court, laying out —, 449 
Tension, 95, 544-545 

axial —, 545 

building code allowance, 1160 
compression and, 551, 1185 
diagonal —, 889, 1041, 1050 

flexure and —, 598 
fractures, 551 
members (truss), 1232-1233 

rivet pitch in, 1186 
shear and, 551, 562, 1049 
surface —, fluid, 1308 
tests, 611 

Terbium, chemical element, 243 
Teredo, 651 

Terminals, railroad —, 2054-2057 
cost, 2088 

Terra cotta, 645, 646, 703, 704 

blocks, hollow, 704 
ceiling, 704 

columns, 595 

fireproofing, 1150, 1153, 1154 
partition blocks, 704 
roof blocks, 704 
specific gravity, 250 
strength, 550 
wall furring, 704 
weight, 550 

Terzahi Charles, foundations, reference 
716, 720 

Test, building stone —, 852 
highway material —, 1913, 

1917-1919 

miscellaneous —, 617-619 
paving brick —, 1914 
piles, 740 
pits, 708, 1614 
of special materials, 617 
third rail bonds —, 2142 

Testing, 601-620, 1116-1120, 1126 
beams, 587-588 
cement, A. S. T. M., 1116-1120 
concrete, A. S. T. M., 1126 
electric duct lines, 2123 

1914 

’ 
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Testing, foundations, 717-719 
machines, 601-606 

large in U. S., 606 
mandrel for electric ducts, 2123 
specimens, 606-607, 611 

concrete, freld, 1126-1127 
speed of, 605 
turbines, code, 1439-1442 

Thallium, chemical element, 243, 267 
Theatre illumination, 404 
Thebes Bridge, cantilever, 1258 
Thénard shutter dam, 1552 
Theodolite settings, geodetic surveying, 

501 
Theorem, binomial —, 43 

of three moments, 585 
Thermal, capacity, 329 

conductivity, 252, 269-270, 274 
hysteresis, 275 
insulation, 268-274 

Thermit process of welding, 637, 2157 
Thermocouple, temperature, 262, 263 
Thermodynamics, 328-362 
Thermoelectric effect, 367 
Thermofelt, conductivity, 269, 271 
Thermofil, conductivity, 270 
Thermometer, 263 

gallium in fused silica —, 263 
platinum resistance —, 262 

Thermophones, masonry. dams, 1521 
Thinner, paint —, 663 
Third rail, bonds, 2139-2143 

end declines or inclines on, 2139 
location and weight of, 2137, 2138 
systems, 2135-2139 
top contact type, 2136 
under contact type, 2136 

Thomas A-frame dam, 1552 
Thorium, chemical eichanialy 243, 267 
Threads, standard —, bolt, 683 - 

width of flats on, 684 
Three, armed protractor, 423 

halves powers, 25, 38 
hinged arch, 973, 978-980, 1075 
level section, earthwork, 521, 523 
moment theorem; 585 
phase, circuit, electric, 370 

system electric traction, 2109 
point problem, plane table, 473 

Throttling, elastic fluid, air, 343 
Thrust bearing, oil —, 1435 
Thulium, chemical clement, 243 
Thunderstorms, 280 
Tidal, changes, 1775 

day, 1775 
observations for datum, 1776 
prism, 1776 

rivers,.1790, 1791 
wave ‘velocity, 1775 

Tides, harbor —, 1775 
river —, 1791 
sea —,.1775 
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Tides, sun and moon effect on, 1775 
Tie, plates, columns, 1186 

rails, 2040, 2041 
railroad —, 2022-2025 

on bridges, 828, 829, 1195-1197 
chemical treatment of, 2023 
cost, 2087 
durability of, 2022 , 
economics of treated —, 2023, 2024 
effect of preservatives on, 2023 
load distribution by, 1197 
pletes, 2040, 2041 

sizes of, 2022 
spacing of, 2023 
treated, 2023-2024 

on turnouts and cross-overs, 2051 
wood, 2022, 2024 

rods, floors, 1152 
timber truss, 843 ; 

Tile, cement roofing —, 1130, 1138 
drain —, 1694-1699 

amount per acre, 1701 
construction, 1699-1700 
cost of construction, 1701 
discharge table, 1698 
highway, 1908 
porous, 1907 

gypsum —, 704, 705 
hollow —, conductivity, 273 

floors, 1150, 1151 
partitions, 1154 
weight, 1151 
working stresses, 889 

hook, 1699 
pipe, timber protective, 652 
terra cotta —, 645, 1150 
vitrified —, 1694, 1907, 1910 

sewers, 1724-1726 
Timber, 646-658, 792-848 

angle of friction, 797 
beam, failures, 569, 588, 653 

for plastered ceiling, value of E, 
793 

borers, 651, 652 
breakwaters, 1779, 1780 
built-up members, 815 
classification, 646-649 
coatings, 652 
column, formula, 800 

shortening, 793 
stress, 793 

common grade —, 792, 796 
compressive stress, inclined surface, 

796 
connections, bolt stresses, 814 
construction, simple —, 791-822 
creosoted, 652, 656, 1811 
dams, 1537-1538 
data, 653-656 
decay, 651 
defects, 655 
dressed dimensions, 793 
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Timber, elastic limit, 550, 653, 657 
expansion coefficients, 251 
exposed to weather, stress, 793 
factor of safety, 545 
fastenings, 802-808 
flexural strength, 657, 792 
floors, bridges and trestles, 826-828 
footings, 729, 730 
fracture, 551 
framing, 802-817 

landing piers, 1821 
friction, coefficients, 136, 797 
graving docks, 1844 
guard, 827, 828, 1197, 1216 
hardness, table, 795 
headings, tunnels, 1615 
immersed in water, 651, 793, 820 
indentation, 794 
inspection, 654 
joints, 808-815, 843 

Howe truss, 847, 848 
packing, trestles, 823 
roof truss, 843-845 

kiln drying, 650 
landing pier, 1826-1828 

framing, 1821 
life, 656 
loads, safe, 796 
in old structures, 793 
measure, 690 
metal washers far, 806, 807 
modulus of elasticity, 550, 657, 792 
modulus of rupture, 587, 657 
names, standard, 649 
piles, 730, 733 
preservation, 656-658 

effect on strength, 657-658 
paving, 1915 
ties, 2023 
trolley poles, 2125 

pressure, non-uniform, 795 
properties, 251, 550, 657, 794-797 
quays, 1811-1812, 1813 

rot, 651 
sawing —, 650 
seasoning, 650 
select grade, 792 
shear, 550, 793 
shipbuilding ways, 1883, 1884 
shrinkage, 650 
sizes, 649, 793, 794 
sound transmission through, 276 
specific gravity, 251 
specifications, 794 
strength, 550, 653, 657, 796, 801 

stress, -deformation diagram, 548 

working, 792, 793, 796, 801 

structural —, 653 
structures, 791-848 
submerged —, durability, 651 

working stress, 793, 820 

teredo, 651 
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Timber, tests, 617, 653, 658 
trestles, 822-826 
truss, 840-848 
weight, 550, 657, 794 
for wood paving blocks, 1915 
unbraced —, stress allowable, 797 

Timbering, heading, earth tunnel, 1615 

shafts, 1606-1607 
tunnel, 1665 

Time, apparent —, 484 
astronomical —, 484 
civil —, 484 
of concentraction, storm water, 1718 
determining —, 488-490 
equation of, 484 
mean —, 484 
measurement of, 484-486 
observations for, 488-490 
of oscillation, pendulum, 125 
sidereal —, 484 
solar —, 484 
standard —, 486 

Tin, 243, 638 
conductivity, electrical, 372 

thermal, 273 
freezing temperature, 262 
melting point, 267 
physical properties, 252 
plates, 643 
roofing, 638 

Tire, shrinkage stresses, 565 

Tirso Dam, multiple arch, 962 
Titanium, chemical element, 243, 267 
Title, evidence of, water rights, 1706 
Tittabawasse River, mass diagram, 

1424 

T. N. T. (trinitroluene), explosives, 249 
Tobin bronze, 639 
Toggle joint, movable bridge, 1252 
Token signal system, electric R. R., 

2156 

Ton, 307, 312, 313 
cover material, roads, table, 1989 ° 

Tonnage, shipping term, 308, 1895 
registered, 308, 1895 

Tools, earthwork —, 769, 770 
quarrying —, 854 
stone cutting —, 858-861 

Tooth ax, stone cutting, 859 
Topaz, hardness, 250 
Topographic, map, drainage project, 

1684 

irrigation system, 1674 
signs, 428-430 
surveying, 460-481 

Topography, contours, 430, 465-466, 
540-542 

by plane table, 472, 505 
railroad —, 505 

Tore or torus, 55 
Torque, 85 

electrical machinery, 376, 381 
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Torricelli’s theorem, hydromechanics, 
1308 

Torsion, angle of, 596, 597 
disk, stream measurement, 1367 
flexure and —, 598 
shaft —, 595-597 
testing machine, 603 

Toughness, fracture, 551 
tests, highway materials, 1913 

Tower, catenary bridge —, 1293, 1294 
geodetic survey —, 499 
machine, levees, 780 
rocker —, viaducts, 1283 
transmission line —, 1295-1302 

anchors, 1301, 1302 
viaduct —, 1283 
water —, masonry, 1498 

Town surveying, 431-460 
Townships, public land survey, 451 
Tracing, cleaning —, 428 

cloth, 423 
Track, 2017-2053, 2157-2164 

ballast, 2018-2022 
body —, railroad yard, 2055 
bolts, 2039 
caboose —, 2055 
in car barns, electric R. R., 2152 
classification —, 2017~2018 
clearance; 1181, 1182 
cross-overs, 2050-2053 

curved tracks, 2052-2053 
cross-sections, standard, 2019 
crossings, 2088 
electric railroad —, 2157-2164 

clearance, 2159 
gage, 2158 
rails, 2157 

gage, standard, 2035 
on curves, 2035 
at frog, 2035 

_ ladder —, railroad yard, 2055 
laying cost, 2087 
lead —, railroad yard, 2055 
on piers, 1831 
pans, 2061 
repair, 2157 
Tunning —, laying out, 448 
scale —, 2055 
scales, 2063 
steam railroad —, 2017-2053 
stock guards, 2053-2054 

subway —, 1648 
supports, electric R. R., 827 
“summer ”? —, 2007 
tank, water station, 2061 
turnouts, 2047-2051 

spacing, electric R. R., 2162-2164 
weight, 1161, 1162 
yard, 2054-2057 

Traction, electric —, cost, 2109-2113 
systems, 2108 

| Tractive, effort, electric R. R., 2114 
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Tractive force, canal boats, 1583 
locomotives, 2067, 2069-2070, 2073 
of train on bridge pier, 1004 

Trade wastes, sewage disposal, 1717, 
1747 

Traffic canal —, Great Britain, 1596 
census, highways, 1902 
classification, highway bridges, 1174 
control, streets, 1976-1979 2 
count sheet, highways, 1903 
electric railroad —, 2108 
signals, street and highway, 1976 
steam railroad —, 2084 

Trailer, railroad car —, 2074 
Train, air resistance, 297 

acceleration, 2096 
automatic control of, 2065 
dispatching signals, 2156 
distance, speed and time, 2097 
forces acting on, 2113 
mile, cost, 2109 
operating cost, 2078-2081, 2110 
power required for given speed, 2115 
resistance, 2090-2097, 2113 

formulas, 2091 
retarding force, 2096 
speed, economical, 2096 
velocity head of moving —, 2104 

Training, walls, 1794, 1795 
works, rivers, 1794-1796 

Trajectory, 120 
Transcendental equation, 45 
Transfer, bridge, ferry —, 1869-1873 

car —, river, 1870, 1871, 1877 
Transformation coordinates, 68 
Transformers, 389, 390, 391 

auto —, system, 2120 

cost, 391 
efficiencies, 390 
life, 2112 
losses, 390 
stations, 393, 2120 

Transit, adjustments, 413-416 
engineer’s —, 413, 414 
mine —, eccentric bearing, 480 
sheds, landing pier, 1831-1835 
solar attachment, 417-419 
vernier, 411 

Transition curves, electric R. R., 2160- 

2162 
highway —, 1898 

Translation (motion), 118, 119 
energy of, 113, 127 
rectilinear —, water, 1311 

Transmission, belt, 133, 140 
cable, 1296 
of electric power, 389-394 

railroads, 2121-2143 
voltage, 389 

of light, 255, 256 
line, 391 

wind pressure on, 295 

Tra—Tri 2253 

Transmission, power —, 133, 140, 389- 
394 

belting, 133, 140 
chains and gearing, 140 

towers, 1295-1302 

Transpiration, 1655, 1657, 1685 
Transport, by draft animals, 144 

by man, 144 
Transporation, railroad —, 

superintendence, 2081 
Transporting power, water, 1792 
Trap rock, 644, 645, 1912 

concrete aggregate, 1021 

specific gravity, 250 
weight, broken and loose, 1989 

Trapezium, law of (dam design), 904 
Trapezoid, area, 52 

center of gravity, 102, 103 
law of (horizontal joint stress), 902 
moment of inertia of, 108 : 

Trapezoidal, rule, irregular areas, 441 
section, canals, 1603, 1604 

dams, 943, 946 
weir, 1341 

Traveler, bridge erection, 1200 
Traverse, checks, 438 

closing, 448 
equilateral triangular —, 443 
plotting methods, 425-427 
transit and tape —, 437-438 
underground —, 481 

Tree nail, 805 
Trees, classes, timber, 646-649 

growth, 646, 654 
shade —, in cities, 1982 

on rural highways, 1982 
topographic symbol, 429 

Tremie, concrete placing, 1031, 1851 
Trenches, cut-off —, dams, 1520 

excavation, 520 
filter —, sewage, 1747 
sheeting, pressure on, 722, 895 
for tile drain, 1699, 1700 

Trenching, cost, irrigation, 1704 

machine, 1699 
tools, 1699 

Trestle, 822-828 

bracing, 823, 824 
caps, 823 
coaling —, railroads, 2061 
concrete —, 828 
creosoted timber, 828 
on curve, 823, 825 
for earth fill, 825 
floors, 826-828 

pile —, reinforced concrete, 1061 

reinforced concrete —, 828, 1960 

timber —, 822-826 
construction, 825 
life, 825 

Triangles, area, 51, 52 
center of gravity, 102 

cost of 



2254 Tri—Tru 

Triangles, of error, plane table, 473 
geometry of, 52 
oblique, 51 
moment of inertia, 108, 570 
plane —, 51 
radius of gyration, 570 
right —, 51 
spherical —, 51, 52 
triangulation system —, 502, 503 

Triangulation, 496-504 
computations, 501-503 
error of closure, 502 
notes, 501 
prism, earthwork, tables, 526, 534- 

537 

stations, 499 
system, 497 

Trickling filters, sewage, 1745 
Trigonometric, functions, 38, 49, 174- 

240 

frog angles, 2044 
leveling, 463-464 
relations, 50 
series, 44 

Trigonometry, 48-52 
Trinitrophenol (picric acid), 249 
Trinitrotoluene (TNT), 249 
Trochoid, 76 
Trolley, anchorage of, 2130 

car, 2143-2144 
bridge loads, 1177 
controllers, 2148 

curves, 2130-2134 

ears, electric R. R., 2128 
frogs, 2129, 2130, 2134 
height above rail, 2130 
overhead —, electric R.R., 2127- 

2135 

poles, 2126-2127 
pull-offs, 2129, 2130, 2132 
systems, 2125-2135 

wheel, bow and wire, wear, 2134 
wire, 2125, 2135 

Troy measure, 307 
Truck, earthwork, 774 

electric car —, 2144 
loads, highway bridges, 1177, 1178 
rigging for brakes, electric train, 2149 

Trunnion, bascule bridge —, 1248 
Truss, 95, 841, 1130, 1221 

analysis, 95-98, 1224, 1225 
steel, 1133, 1221-1246 
timber, 841-847 

assumptions for figuring —, 95 
Baltimore —, 1221 
moment diagram, 1229 
shear diagram, 1229 

stresses, 1229-1230 

Belgian roof —, 841 
Bollman —, 1221 
bowstring —, 1221 
bracing, 1242 
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Truss, bridge —, details, 1238-1241 

camber, 1242 ; 
cantilever —, 1256-1268 
chord, 1235 
columns, 1234, 1235 
combination —, 841 
compression members, 1137, 1234- 

1238 

continuous —, swing bridges, 1251 
deflection, 1241-1244 
depth, economic, 1224 
diagram, 98, 845, 1133, 1226-1267 

drawbridge —, 1251 
end-post, 1237 
English roof —, 841 
erection, 1200, 1201 
falsework, 828-831, 1200 
fan —, 1131, 1138 

Fink —, 1131, 1221 

stress coefficients, 1134 
gusset plates, 1239 

Howe —, 97, 98, 846-848, 1221 

analysis, 97, 99, 846-848 
bridge, timber, 846-848 
falsework, 829 
floors, 829 
roof, 841 

stress diagrams, 98, 99, 847 
inclined chord stress, 1230 
K =, 1224 

King roof —, 841 
lattice bars, 1241 
members, wood, 843-848 

steel, 1135, 1191, 1232-1238, 1260 
movable bridge —, 1251 
panel, 1130 

economic, 1224 
Parker —, 1221, 1231 

influence diagram, web, 1231 
Pennsylvania —, 1221 
Petit —, 1221 
pin-connected vs. riveted —, 1232, 

1238, 1239, 1240 2 
portal, bridge, 1237, 1242 
Post —, 1221 

Pratt —, 1221, 1224-1227 
queen roof —, 841 
redundant member, 1231 
riveted —, 1232, 1239, 1243 
roof —, 96, 97 

column connection, 
1142 

combined stresses, 1137 
compression member, 1137 
design, 1134, 1136, 1137, 1140 
form, 1130 
joints, 1140 
loads, 1130, 1132 
panel, 1130 
spacing, 1135 
steel, 1130-1141 
stresses, 1133, 1134, 1135, 1137 

1139, 1141, 
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Truss, roof —, tension members, 1136 
timber, 840-841 
weight, 1132 

scissor roof —, 841 
simple —, 1221-1224 
spacing, bridges, 1181 
specifications, 1191 
statically indeterminate —, 1231 
stress, determination methods, 95, 96, 

1224, 1225 
diagrams, 98, 99, 1133, 1226-1232 

stresses, 98, 845, 847, 1224-1267: 
stiffening —, suspension bridge, 1279- 

1281 
swing bridge —,-1251 
tension members, design, 1232-1233 

timber —, 840-848 
joints, 843-846 

members, built-up, 815 
types, $41, 1131, 1221-1224 
verticals, 97, 1223, 1227, 1237 
Warren —, 1131, 1221, 1227-1229 

double system, 1232 
weight, 1131, 1132, 1161, 1162 
Whipple —, 1221 
wind pressure on, 294, 1183 

Trussed beam, wood —, 817-819 
Tubercles, cast-iron pipe, 1513 
Tubes, boiler —, 691 

Borda’s —, hydromechanics, 1316 
capillary —, flow, 1320 
draft —,-water wheels, 1429 
Pitot —, 290, 1368-1370 

porcelain —, insulation, 396 
short —, flow of water in, 1315 

Tubing, non-metallic —, power distri- 
bution, 397 

Tubular, bridges, 1202 
steel poles, electric R. R., 2124 
wells, water supply, 1459 

Tumble gate, canal lock, 1588 
Tungar rectifier, electric current, 393 
Tungsten, chemical element, 243, 263, 

267 
lamps, 402, 403 
steel, 635 

Tunneling, compressed air —, 1645- 

1646 

in earth, 1614-1615 
methods, 1614, 1615, 1616-1619 

mine —, 1614 
rock —, 1620-1622 

shield —, 1631-1634 
soft ground —, 1616-1620 

Tunnels, 1614-1652 
data, 1622-1631 
grouting, shield tunnel, 1643-1644 
intake —, 1446 
irrigation —, 1665 
jining, cast-iron, 1639-1642 
pioneer —, 1621, 1622 

pressure —, 1509, 1564-1565 
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Tunnels, railroad —, cost, 2086, 2087 
reservoir outlet —, 1557 
roof shields, 1637-1638 
sections, 1623 
shield —, 1631-1634 

data, 1634-1637 
sub-aqueous —, 1646-1647 
timbering, 1665 
ventilation, 1626-1630 
waterproofing, shield, 1643-1644 

Turbidity, filter sand —, 1476 
water —, 1463 

effect on concrete, 1020 
Turbines (steam), 350-354, 383 

life, 2112 
Turbines (water), 384, 1373-1389 

bearings, 1433-1435 
Bernouilli’s equation applied to, 1374 
classification, 1373-1375 
diagram, 1375 
discharge, 1376-1381 
efficiency, hydraulic, 1375 
gates, 1381 

Girard —, 1387 
governor, 1435 

impulse —, 1373 
manufacturer’s tables, 1382-1387 
Pelton —, 1387 
performance, 1381-1382 
power, 1375, 1376 
reaction or pressure —, 1373 
reactions, 1374 
runners, selection, 1373, 1377-1381 
speed, 1376, 1382 
tangential —, 1373 
testing code, 1439-1442 
unit power, 1376 
windage and friction, 1387 

Turbo-generators, 384 
Turkish measures, 305 
Turnbuckles, weight, 685 

Turner-Hatt impact testing machine, 

618 
Turning point, leveling, 455 
Turnout, irrigation system, 1675 

ties for, 2051 
track —, 2047, 2051 

connecting curves from, 2048, 2049 

curved, 2047 
double, straight track, 2047 

electric railroad, spacing, 2162-2164 

lead, 2046, 2047 

on straight main track, 2049 

stub switch with straight frog, 

2047 
trolley —, frog, 2133, 2134 

Turnovers, water storage —, 1455 

Turntables, railroads, 2063 

cost, 2088 
swing bridge —, 1249 

Turpentine, paint drier, 664 

Twist, angle of, 596, 597 



Two-phase circuit, electric, 370, 390 
Two-story tanks, sewage, 1737 
Two-wire system, power, 395 
Type characteristic, turbine runners, 

1377 
Typhoid fever death rate, 1465 

U 

U-abutments, bridges, 1007 
Uncoursed rubble masonry, 868 
Underdrains, water filter, 1486 
Underground, conductors, electric R.R., 

2121-2123 

distribution, electric power, 396 
traverse, 481 
waters, rights to, 1706 

Undershot water wheels, 1388 
Underwriters’ code, electric, 377 
Uni-directional flow, steam engine, 348 
Uniform loads, equivalent —, 1164, 

1165, 1169 
Uniformity coefficient, sand, 1321, 1475 
United States, gage, sheet metal, 688, 

700 

measures, 303 
public lands, 450-454 
Reclamation Act, 1707 

subdivisions, I. C. C., 2082 
temperatures, 281 

Weather Bureau, signals, 278 
Units, commercial —, 304 

dynamical —, 111 
electric —, 364-366 
energy —, 113 

foreign, old, 305 
gravitation —, 111, 112 
hydraulic measure —, 1311 
weights and measures, 302-305 
work —, 112 

Unsquared stone, 861 
Unsupported length, concrete flange, 

1058 

Uplift, dams, 901, 935, 938 
Upset steel bars, 685 
Upsetting tests, metals, 619 
Uranium, chemical element, 243, 267 

V 

V, -drain, highways, 1908 
-shaped weir, 1341 

Vacuum behind nappe, overflow dam, 
952 

Values, future —, dollar, 57 
most ‘probable, least squares, 81 
turning — (maxima and minima), 62 

Valve, 1510-1512 

air —, pipe lines, 1512 
box, 1510 

butterfly —, 1512 

Valve, by-passes, 1511 
double disk —, cost, 1510, 1511 
electric operated —, 1511 
flap —, on levees, 781 
gears, 1511 
globe —, steam resistance, 385 
head loss at, 1336, 1510 
hydraulic operated —, 1511 
operation, 1511 
steel pipe line —, 1506 
throttling —, 1512 

Vanadium, chemical element, 243, 267 
in steel, 636 

Vandyke paper, 424 
Vapor, characteristics, 336 

combustion, 246 
law of, 1309 
and liquid mixtures, 336 
pressure, mercury, 285 

saturated —, 336-341 
specific heat, 329 
superheated —, 336-341 
total heat of, 337 
water —, gas, 334 

Vaporization, 268, 336, 337 
Vara, Central American measure, 305 
Variables, algebraic symbols, 42 

differential calculus —, 59 
equicrescent —, calculus, 59 
indeterminate —, functions of, 62 
integration of, 63 

Variation, coefficient of, stream flow, 
1449 

magnetic —, 433, 434 
Varnish, 664 
Vector, couple representations, 85 

diagram, 86 
radius, 68 
sum, 115 

Vegetables, barrel capacity, 305 
Vegetation, on levees, 1690 

of natural marshes, 1684 
Vehicle, paint —, 663 
Velocity, 115 

angular —, 121 

of approach, 1317, 1342, 1358, 1359 
canal —, limiting, irrigation, 1605 
conversion tables, 319-320 
critical —, long pipes, 1320 

open channels, 1350 
descent of sediment, 1351 
distribution, channels, 1343, 1364 
equivalent units, 308 
of falling bodies, 117 
ground-water —, 1457 
head, 1304, 1312-1314 

of:moving train, 2104 
of light, 255 
in pipes, air, variation, 1340 

water, 1320 
powers, 1312-1314 

ratio, machines, 140 
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Velocity, relative —, 120 
sand and water mixture —, 1479 
scouring —, 1350, 1605, 1663 
self cleaning —, 1724 
in sewers, minimum, 1724 
of sound, 275 
and tractive power, 2067, 2069 
unit, 114 

Velow, early strength cement, 1958 
Vena contracta, 1315 
Ventilation, pier shed —, 1832 

tunnel —, 1626-1630 
Venturi, flume, 1682 

meter, 1353-1356, 1516 

coefficients, 1356 
Vernierts, surveying instruments, 411- 

412, 416 
Versed sine (versine), 48 
Vertex, railroad curves, 508 
Vertical, cantilever —, stresses, 1264 

celestial sphere —, 481 
circle, transit, 416 

astronomy, 482 
curves, parabolic, 447, 519 

hip —, 1223 
Howe truss —, 97 
prime —, astronomy, 482 
sub —, 1223 
truss member, 97, 1223, 1227, 1237 

Vessel, launching weight, 1881 
time of emptying —, 1426 
tonnage, 1895 

Viaduct, bracing, 1284 
column bases, 1284 
erection, 830 
live loads, 1285 
railroad —, high, table, 1283 
stability, lateral, 1284 
steel —, 1191, 1283-1285 

towers, 1180, 1183, 1283 
wind stresses, 1180, 1183, 1285 

Vibrolithic concrete pavement, 1961 
Virgin Isles, measures, 305 
Virginia pine, conductivity, 270 
Viscosimeter, 1918 
Viscosity, highway materials, 1917 

in hydrostatics, 1307, 1308, 1485 
Viscous flow, in pipes, 1320 
Visibility ranges, lighthouses, 1801 
Vitrified brick, 876, 1914, 1961, 1965 

abrasion test, 603, 1914 
absorption, 645 

test, 616 
clay for, 1914 
gutters, 1975 
inspection, 1914 
making, 1914 
modulus of elasticity, 645 
modulus of rupture, 645 
size, 1914 
strength, 645, 646 

tests, 1914 

Vitrified brick, weight, 645 
Vitrified tile pipe, 1337, 1694 

road drainage, 1907, 1910 
sewers, 1724, 1726 

Voids, gypsum floor —, 705 
Volt, electricity, 364 
Voltage, battery —, 406 

drop, allowable, 399 
high —, benefits, 389 
transformers, 389 
variation, effect on lamps, 403 

Voltaic couple, electricity, 405 
Voltmeter, 368 
Volume, center of gravity, 104, 105 

constant —, thermodynamics, 329, 
335 

conversion tables, 311, 318-319 
cu. yd. per mile of roads, 1995 
earthwork —, computing, 523 

equivalent units, 308 
geometric solids, 54, 55 
measures, 303 

specific —, water, 253 
Vortices, hydromechanics, 1309-1311 
Voussoir, 964 

arch centering, 835, 836 

WwW 

Wabash Bridge, Monongahela River, 
1259 

Wages, railroad —, 2081 
Wagons, earthwork, 773 

loading —, 774 
Wakefield sheet piles, 742 
Wales, piling —, 746, 748 
Walking dredge, 786 
Walls, 911-931 

basement —, 929 
batter, 911 
bearing —, 911, 929 
brest —, 911, 924 
brick —, 920, 929, 1160 
building —, 929, 930, 1141, 1153 

bearing, 911, 929 
brick, thickness, 929, 930, 1153, 

1160 
cement mortar on metal, cost, 1157 

concrete block, 1060 
fireproof, 1152-1154 
footings, 729 
mill buildings, 1141, 1152 
office buildings, 1153 

openings, 1153 
reinforced concrete, 1059, 

1105, 1108 

thickness, 929, 930 

concrete —, plain vs. reinforced, 1105 

block, 1060, 1108 

core —, 1538, 1540-1541, 1544, 1547 

counterforted —, 911, 923 
cut-off —, dams, 936 

1102- 



Walls, dock —, 925-929, 1109 ] 
drainage, 922 
earth pressure on, 894-900 
expansion joints, 922 
face —, 911, 924 
failure, 921, 929 
fireproof —, 1152-1154, 1160 
footings, 728-730, 919, 1069 

foundation pressures, 902, 916, 1103 
furring, terra cotta, 704 

hollow brick, 704 
graving dock —, 1839-1844 
harbor —, 1109 
horizontal joint stesses, 902-907 
inclined —, pressure on, 897 
internal stresses, 902-907 
joints, 922, 1805, 1806 

land ties, 928 
longitudinal —, arches, 977 
masonry —, 911-931 

moments in, for trapezoidal section, 
913-916 

overturning moment, 913, 914 
plaster —, 659, 1154 
puddle —, 746, 1538, 1540, 1541 
quay —, 1803-1811 

reinforced concrete —, building, 930, 
1059 

harbor, 1109 
retaining, 1102-1105 

reservoir —, 1488, 1497 
resistance line, 913 
resisting moment, 914, 915 
retaining (see Retaining wall), 911- 

924 

sea —, 923, 1109, 1783-1786 

shearing stress, 889, 903-905 
slope — (hand-placed rip rap), 874 
spandrel —, 1071, 1073, 1153 
stability, 912, 913 
stresses, 888-890, 902-907 
training —, rivers, 1794, 1795 
trapezoidal section —, 913-916 
water pressure on, 900 
waterproofing, 922 
wing —, culverts, 2012 

Walnut, 649 
physical properties, 251, 657 

Wane, timber —, 656 
Warehouse, floor loads, 1158 

on landing piers, 1831-1835 
Warner, aerodynamics, reference, 297 
Warped surface stone, forming, 865 
Warping of concrete pavements, 1959 
Warren Brothers, bitulithic pavement, 

1941 

Warren truss, 1131, 1221, 1227-1229 | 
double system —, 1232 

Wash borings, 1610-1613 
Washers, 806 

channel —, timber truss, 848 
spring —, rail joints, 2040 

Washers, standard cast —, 685 
timber construction, 806, 807, 846 

Washing filters, 1483-1485, 1487 
Washington building law, masonry 

stresses, 890 

Waste, gates, canals, 1576, 1579 
water —, distribution system, 1493 
weirs, canals, 1576, 1577 

loss of water over, 1580 
Water, aeration, 1468 

air dissolved in, 1305 
alkalinity, 1470 
analysis, 1462 
artesian —, 1456 
bacteria, 1465, 1474, 1489 
bacteriological examination, 1464 
for boilers, 1466-1468 
boiling point, different heights, 253 
capillary —, irrigation, 1654 
carbonic acid in, 1464 
carrying capacity, 1338, 1350-1351 
-cement ratio, 1018, 1024, 1025, 1028 
chlorine in, 1464 
coagulation, 1468 

collection, 1444-1468 
color, 1463 

measured, 1463 
column, head measurement, 1371 
compressibility, 1304 

for concrete, 1016, 1024, 1025, 1028 
conductivity, electric, 1517-1518 
consumption, 1491-1494 

per capita, 1491 
unaccounted for, 1515 

corrosive action, 1464, 1466 
dechlorinizing process, 1472 
density, 253, 1304, 1306 
disinfection, 1471 
disposal, irrigation, 1654-1656 
distribution, 1490-1518 

irrigation, 1674-1675, 1682-1683, 
1707 

diversion, irrigation, 1670-1672 
dust palliative, salt —, 1927 
duty, irrigation, 1656-1658 
and earth, pressure of, 1803 
in earth tunnel headings, 1614, 1615 
evaporation, 1415, 1425, 1450 

from canals, 1577, 1578 
expansion, freezing, 274 
falling —, power of, 1375 
filtration, 1468, 1481-1488 
flow, 1315-1352 
foundations under, 745-769 
fresh —, weight of, 891 
“gas, 247 

gas dissolved in, 254, 1464 
glass, curing concrete pavements, 

1957 

gravity —, irrigation, 1654 
ground —, 1456-1458 

classification, 1456 
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Water, ground —, flow, 1457 
percolation, 1457 
pumping, 1460 
in sewers, 1716, 1717 

hammer, 1437-1439 
centrifugal pumps free from, 1389 

hardness, 1462, 1464, 1465, 1467 
cost, for locomotives, 2058 

heat absorption, 253, 267 
hygroscopic —, irrigation, 1654 
impure —, specific gravity, 1305 
inspection, sanitary, 1462’ 
intakes, 1444-1446 
iron in, 1464 
irrigation —, (see Irrigation) 

jet, aeration, 1468 
borings, 708 
for hydraulic caisson, 766 
in hydromechanics, 1309-131 
impulse, 1310 
losses, 1320 
for pile driving, 736, 739 
pump, 1396 

reaction, 1309 
on suction dredge, 782 
for well drilling, 1459 

laws, states, 1707, 1708 
leakage, from mains, 1493 
in locomotive tender, 2068 
loss, from canals, 1574, 1577-1579 

measurements, American canals, 
1578 

lubricant, effect on kinetic coefficient, 
135 

measurement, 1352-1373 

early —, 1372-1373 
for irrigation, 1682 

meters, domestic, 1514 
microscopical examination, 1464 
modulus of elasticity in compression, 

1305 
in mortar, standard, 1118 
motor, direct acting, 1396 

odor, 1464, 1472 
removal, 1468, 1489 

oxygen dissolved in, 1305 
payment, irrigation, 1683 
percolating —, 1457 

under dams, 939 
pH value, 1467 
physical properties, 253, 1304-1306 
pipes, cover for, 1500 
polluted —, bacteria, 1463, 1465 
potable —, tests, 1462 
power, 1402-1442 
pressure, 900-901, 1306 

center of, 1306 
on dams, 900-901 
domestic, 1496 
equivalents, 309 
fire, 1496 
hydrostatic, 900, 1306 

Water, pressure, linear arch for, 966 
on quay walls, 1803-1804 
transmitted through concrete, 937 

pumping, 1389-1402 
from foundations, 752 
for irrigation, 1676, 1677 
for railroad supply, 2059 
from wells, 1458-1462, 1676 

purification, 1468-1490 
quantity, turbine tests, 1441 
for railroads, chemical treatment of, 

2057 

recarbonation, softening, 1470 
red —, troubles, 1467 
required, for irrigation, 1662 

for operating canals, 1577-1582 
rights, 1705-1707 
river —, bacteria, 1464 

dilution, for sewage, 1731-1732 
source, 1790 

sale by meter, 1514, 1515 
salt —, fire service, 491 

weight, 891, 1305 
samples, 1463 
screens, 1444, 1468 
sea —, weight, 891, 1305 
sedimentation, 1472-1475 
seepage, canals, 1577, 1578, 1605 

irrigation, 1658, 1673 
sluicing, amount required, 1545 
soft —, 1466 

lead poisoning, 1517 

softening, 1467, 1470 
cost, 1470 
railroad water stations, 2058 

sound transmission through, 276 
specific gravity, 1305, 1306, 1308 

specific heat, 253 
stagnation, 1453 
station for steam railroad, 2057-2061 

capacity, 2060 
chemical] treatment at, 2057 
pumping for, 2059 
quantity of water for, 2058, 2059 
supply for, 2059 
tanks, 2060, 2061 

track pans, 2061 
sterilization, 1470 
storage, 1423-1427, 1446-1456 

supply, 1443-1518 
for irrigation, 1661-1662, 1676 
for railroads, 2059 

surface —, bacteria in, 1464 
surface tension, 1308 
surge tanks, 1437-1439 
system, size, 1490 
table, 1456 
tank on tower, 1289-1291 

tastes, 1469, 1472 
temperature effect on weight of, 1352 
topographic symbol, 429 
transporting capacity in rivers, 1792 



Water, transporting, solids, 1338, 1350- 
1352 

tube boilers, 385 
turbidity, 1463, 1470 

turbine [see Turbines (water)] 
users’ association, 1707, 1710 
vapor, gas, 334 

viscosity, 1307, 1308, 1320 
volume, specific, 253 
variation with temperature, 1352 
volumetric measurements, 1352- 

1353 
waste, 1493, 1515 

from surface, irrigation, 1655, 1657 
weight, 891, 1306 

measurement by, 1352 
wheels (see Turbine), 1373-1389 

discharge, 1376 
power, 1376 

Waterproofing, bridge floors, weight, 
1195 . 

concrete, 1034, 1035 
pavements, 1958 

dams, 936, 1522, 1523 
shield tunnels, 1643-1644 
tunnels, 1643-1644 
walls, 922 

Watersheds, run-off, 1405, 2009 
permeability, railroads, 2009 
yield, American —, 1414-1423 

. economics, 1450 

influences, 1403, 1447 
storage relation, 1446, 1447 

Waterways, canal crossing —, 1676 
of culverts, railroads, 2008-2011 

Water wheel, generator, vertical, 1434 
stream measurements by, 1367 

Waterworks system, 1490 
fire service auxiliary, 1491 

Watt, 365 

consumption, lamps, 402, 403 
-hour, 365 

efficiency, batteries, 406 
meter, 369 

-second, 365 
value, 365 

Wave, action on dam, 942 
in harbors, 1777 

atmospheric —, 280 
energy, harbors, 1777 
force of, 1108 
formation, harbors, 1776 
harbor —, 1776-1778 
height, 1539 

harbors, 1776 j; 
light —, 255 
ocean —, 1776 
sound —, 276 
standing —, 1350 

velocity, harbors, 1775, 1777 
Ways, marine railway —, 1837 

shipbuilding —, 1878-1885 

Weather, cold —, effect on concrete, 
1033 

observations, 280-282 
predictions, local, 279-280 
-proof wire, electric, 397 
shelter from, landing piers, 1831 
signals, 278 

Web, compression member, 1186 
of plate girder, 1209-1213 
shear, 1152, 1204, 1205 

from building laws, 1160 
solid —, arch rib, 1268, 1270, 1271 
specifications, 1185, 1190 
splice, 1190, 1212 

stiffeners, 1190, 1210 
of structural shapes, thickening, 665 | 
thickness, 1209, 1210 

Wedge, center of gravity, 104, 105 
cylinder —, 54 
efficiency, 141 
for falsework, 838 
in movable bridges, 1252 
theory, earth pressure (Coulomb’s), 

895 

Wegman’s practical profile, dams, 947 
Weighing coal, railroads, 2062 
Weight, 111 

conversion tables, 312-313 
equivalent units, 307 
measures of, 303, 304 

Weights and measures, 302-324 
Weirs, 1340-1342 

adhering sheet of water, 1342 
compound —, 1362 
contraction, 1341, 1358 

crest, round or flat, 1342, 1361, 1362 
discharge, 1359-1361 

temperature effect, 1321 
diversion —, 1670 

collapsible, 1670 
drowned —, 1362, 1363 
end contractions, 1341, 1358 
faces, effect of inclining —, 1342 
flat crest —, 1342, 1362 
formula, 1340, 1341 

head, measurement, 1363 
imperfectly aerated —, 1362 
with inclined crest, 1342 
with irregular crests, 1361 
irrigation canal —, 1675 
location, turbine tests, 1441 
masonry dam —, 1531-1534 

measuring water by, 1357-1364, 1441 
rounded crest —, 1342 
sharp edged —, 1340 
submerged —, 1342, 1362 
trapezoidal —, 1341 
triangular or V-shaped —, 1341, 1362 
types, 1363 

velocity of approach to, 1342 
vertical pipe —, 1370 
waste —, canals, 1576, 1580 



Welded, chains, 698 
joints, rail, 2141, 2157 

steel, 1219-1220 
pipe, 691, 692, 1506 

Welding, bar weld process of, 2158 
electric are —, 636, 1220 
fusion —, 636 é 
Jacob’s process of, 2158 
oxyacetylene —, 636 
plastic —, 636 
rail bond, 2141 
rails, 2157, 2158 ; 
of steel, 636, 637 7 
thermit —, 637, 2157 

Welfare Island Bridge, 1259 
Wells, 1458-1462 

artesian —, 1456 
batteries, 1459 
bored —, 1460 
deep —, 1460 
dredging through, foundations, 755- 

787 

drilling method, foundations, 744 
flow of water from, 1457 
interference of, 1458 
for irrigation, 1676 
point method, foundations, 744 
pumping from, 1459-1462 

for drainage, 1704 
for irrigation, cost, 1676 

shallow —, 1459 
tests of, 1458 

Western Union ties, fence fastenings, 
2004 

Westinghouse steam turbine, 351 
Weston cell, electrical, 364 
Wet, docks, 1835-1836 

rot, 651 

Wharves, 819-822 (see also Quays) 
cribs for, 820 
depth of water at, 1819 
laying out work for, 1821 
life of, 821 
loads on, 822 
pile —, 822 
in port development, 1893 

Wheat, angle of repose, 1293 
weight, 1293 

Wheel, cast-iron —, 624 
friction, 139 

electric, car —, 2144 
locomotive —, 2144 

flange, electric cars, 2144 
friction, 134, 135, 138, 139 

guard, timber, 827 
loads (bridges), 1162-1169, 1173 

distribution, 1178, 1179 
locomotive —, 2068 

adhesion to rail, 2067 
base, 2068 

pit, power-plant, 1429 
revolving —, stress in, 565 

Wheel, rolling friction of, 138, 139 
scoop —, pump, 1402 
scraper, 771-772 
skidding —, friction coefficient, 135 
solid —, stresses in, 565 
tires, friction coefficient, 134 
water — (see Turbine), 1373-1389 

generator, vertical, 1434 
measuring water by, 1353, 1367 

Wheelbarrows, earthwork, 773 
Whipple truss, 1221 
Whirlpool, 1350 
White, lead paint, 663 

oak fence posts, 2002 
Pine, conductivity, of, 270 

Whitewood, 648 
Wicket, movable dams, 1552 
Wieselberger, airplane surface friction, 

301 
Williot diagram, cantilever deflection, 
; 1266 
Willow, physical properties, 251 
Wind, bracing, steel structures, 1148, 

1155, 1160 

effect on floating dry docks, 1866 
error, surveying, 432 

directions, 280 
loads (see Wind, pressure) 
pressure, amount, 289, 291, 292 

on bridge piers, 1004 
on buildings, 294, 1143, 1155. 

on chimneys, 295, 1112-1113 
data, 293 
on flag, 279 
on flag pole, 295 
on flat plate, 293 
on foundations, 727 
on gas holders, 295 
on inclined surface, 1132 
on movable bridges, 1255 
on roofs, 295, 1132 
shape coefficients of, 293, 296 
on signs, 293 

on skyscrapers, 294 
on stand pipes, 295, 1287 
on structural shapes, 294 
on structures, 289-302 
on transmission lines, 295 
on trusses, bridge, 294 
value for design, 292 
velocity relations, 291 

speed, U. S., 283 
storm, damage, 289 

effect on tower or chimney, 908 
water currents caused by, 1453 
weather indicators, 278, 279, 280 

Windings, armature —, 375 
generator —, 379, 380 
motor —, 381 

Windows, mill buildings, 1141 
office building walls, 1153 

Wire, 699-703 



Wire, barbed —, fences, 2004, 2005 
braces, fence posts, 2003 
bronze —, 639, 640 
and cables, electric R. R., 2124 
carrying capacity, amperes, 398 
conductor, 372-374 

aerial, electric R. R., 2125 
copper —, 372, 373 

weight, 373, 699 
cost, fences, 2005 
crucible steel —, 631 
for electricity, 397 

table, 399 
fastenings, trolley —, 2127-2135 
fence, 2001-2006 

cost, 2004-2005 

gages, 700 

galvanizing, 2002 
guy —, poles, electric R. R., 2125 
iron —, 372, 631 
phosphor bronze —, 640 
resistance, electrical, 372, 373, 374 
rope, 142, 701-703 

fastenings, 702 
tests, 618 

rubber-covered —, electric, 397 
steel —, 631 

conductivity, 372 
dimensions, 699 
strength, 631 
weight, 699 

stranding for aerial cable, electric 
R.R., 2125 

suspension cables, 1278, 1279 
trolley —, 2125 

change in length of, 2135 
sleet prevention on, 2135 
wear, 2134 

weatherproof —, electric, 397 
weight, 699 
wrought iron —, 627 

Wiring, buildings, 396 
on curves, trolley, 2130-2134 

Wisconsin method, gravel roads, 1925 
Wolhaupter joint, rails, 2036 
Wood (see also Timber), 646-658 

air-dry —, 655 
blocks (see Wood, paving) 
chemical composition, 647 
columns, 595 
decay, 651 
defects, 655 
durability under water, 651 
expansion coefficient, 251 
fence posts, steam railroad, 2002 
fire-resistant —, 658, 706 
flumes, 1569 
friction coefficient, 133, 136 
fuel, 245 

consumption in locomotives, 2072 
green —, 655 

hard —, 646 

Wood, inspection, 654 
kinetic coefficient, 136 
life, posts, 2004 
moisture, 650, 654 
paving, 1915, 1970-1973 

construction, 1970-1971 
expansion, 1970 
factory floors, 1972 
highway, 1970-1972 
highway bridges, 1972 
street car track area, 1972 
weight, 891 

piles, 730, 733, 741 
poles, electric R. R., 2123, 2124 
preservation, 656-658 
restitution coefficient, 130 
safety factor, 545 
screws, 802, 803 

seasoning, 650 
shingles, 706 
shrinkage, 650 
soft —, 646 
specific gravity, 251 
stave pipe, 1509, 1567-1568 

data, 1568 

flow in, 1325 
strength, 653, 654, 655, 792, 801 

stud and plaster partition, 1154 
test, 617, 653 
thermal conductivity, 270 
ties, railroad, 2022 

Work, 112, 552 
adiabatic change, 331 
conversion tables, 322-324 
energy, principles, 115, 330 
external —, 552 

thermodynamics, 330, 331 ) 
by horse, 143, 144 
of indicator cycle, 347 
internal —, truss, 1232 
least —, principle of, 1232 
by man, 143-144 
principles, 115 
of rupture, 552 
thermodynamic —, 330 
unit, 112 

virtual —, force, 88, 89 
Workability, concrete —, 1026, 1034 
Working, chamber details, caissons, 761 

drawings, 427 

Worms, timber attacked by, 651-652 
Worth, of one dollar in future, 57 
Wrought iron, 625-628 

appearance, 626 
carbon content, 627, 628 
composition, 625 
compression, 550, 626 

conductivity, electric, 626 
corrosion, 642 
defects, 628 

distinguished from soft steel, 626 
elastic limit, 550 
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bo a ts 

Wrought iron, elongation, 626, 627 
expansion coefficient, 565, 626 
fatigue, 558 
fracture, 551 
grades, 626 
malleable —, 628 
manganese content, 625 
melting point, 626 
metallurgy, 625 
modulus of elasticity, 550 
phosphorus in, 625 
physical properties, 550,626 
pipe, flow in, 1327, 1329 
plates, circular, strength, 600 
puddling, 625 
reneating, 627 

rolling effect on, 627 
shear, 550, 626 
shortness, 628 
sound transmission through, 276 
specific gravity, 626, 628 
specific heat, 626 
specifications, reference, 628 
strength affected by composition, 626 

effect of rolling on, 627 
stress, according to building laws 

1160 

behavior under, 628 
temperature effect on, 627 
tensile strength of, 550, 626 
torsion strength of, 626 
ultimate strength, 550 
unit stresses, 628, 1160 
uses, 627 
washers, timberwork, 807 
weight, 550 
wire, 627 
yield point, 626, 627 

Wye level, 419 

x 

Xenon, chemical element, 243, 267 
X-ray examination of metals, 615 

Yi 

Y, branch, pipe, head loss, 1334 
railroad —, 2088 

Yard, cubic —, equivalents, 308 
linear measure, 303, 306 
lumber, 653 
railroad —, 2054-2057 

Yard, railroad —, coach cleaning, 2055 
gravity, 2054 
hump, 2054, 2055-2056 
poling, 2054 
push and pull, 2054 
summit, 2054 
tail switching, 2054 

square —, equivalents, 306 
to square meters, 316 
stock —, railroads, 2057 
unit of length, 303 
U.S. equivalents, 306 

Yield (water), 1446-1452, 1458 
catchment area —, economics, 1450 
ground water —, 1458 
influences, 1403, 1447 
percentage —, water, 1446 
storage relation, 1446-1447 
of streams, American, 1414-1423 

Yield point, 549, 609, 612 

vs. elastic limit, 549 
Young’s modulus, deformation, 547 
Ytterbium, chemical element, 243, 267 
Yttrium, chemical element, 243, 267 

Z 

Z-bars, properties of, 679 
weight increased, 665 

Zenith, celestial sphere, 481 
distance, astronomy, 482 

Zeolite, water softening, 1470 
Zero, absolute —, 328 

mean —, heat, 275 
Zinc, 638 

alloys, 641 
atomic weight, 243 

in batteries, 405 
chemical element, 243 
chloride, timber preservative, 656 
conductivity, electric, 372 
electrode, 405 
freezing temperature, 263 
heat of fusion, 330 
melting point, 267 
physical properties, 252 
trust inhibitive, 643, 644 
white —, paint, 664 

Zirconium, chemical element, 243, 267 
Zone, center of gravity, 105 

volume, 54 
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